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Preface 


The publication of this book marks the completion of the forty-fourth 
volume of the' Transactions of the American Institute of Electrical 
Engineers. There are contained herein papers and discussions presented 
at six Institute conventions and regional meetings, and printed in the Journal 
during the year 1925. For several years it has been found impo^ble 
to include in the Transactions all of the large amount of material 
presented annually before the In^itute. This year a departure from custom 
has been made in that the papers which were reproduced in the Journal 
but not in the Transactions have been indexed with the Transactions 
contents rather than on a separate page. The improved sjratem of 
indexing which was introduced last year has been continued in this volume; 
the subjects are classified imder general headings chosen with regard to the 
information contained in the papers and in many instances the subjects are 
also cross-referenced. The report of the Board of Directors for the fiscal 
year ending April 30,1925 and lists of the ofiicers and committeemen for the 
current year are also included. 




Power-Factor Correction 

By L. W. W. MORROW 

Member A.I.B.E. 


Synopsis* — Power-Jacior correction has become a commercial 
problem of major importance, and technical knowledge and correct-- 
ive equipment are available to make correction, a pari of the activities 
of the electrical industry. Field studies on several properties sho w 
power-factor correction can he obtained without difficulty. 

Conditions can be improved by requiring all new business to 
be installed for high power-factor operation and a cooperative 
movement should be made to bring about this condition. The 
situation on existing systems can he improved in either a wholesale 
or retail manner depending upon conditions. 


T he effects of low power factor on the operations 
of the electrical industry have been discussed 
for many years and much experience in the insti¬ 
tution of corrective measures has been had. Yet on 
an industry-wide scale the evils associated with low- 
power-factor conditions become greater each year, 
even though the incentives for the institution of 
corrective measures increase. Low power factor has 
come to be recognized as the major handicap to better 
and more efficient electric service, and men of the 
industry are striving actively for a commercial and 
engineering method for its correction. 

An anal 3 ^s of the data and experiences of those 
properties which have instituted power-factor cor¬ 
rection leads to the conclusion that operation under 
high-power-factor conditions improves both the 
quality and the efficiency of the service rendered 
by the utilities and used by their customers. Cor¬ 
rection of power factor has its greatest influence in 
improving the voltage regulation and through this 
action enables the utility to give better service and 
the customers to secure better use of the service. 
Secondary gains resulting from power-factor cor¬ 
rection consist of the release of system capacity with 
a consequent reduction in investment and a reduction 
in system losses with a resultant reduction in operating 
charges. Thus correction tunes the system and makes 
it cheaper and easier to give service of the quality 
desired in modem industry. 

Actual experience shows that power-factor cor¬ 
rection can be instituted successfully as a part of 
the business activities of light and power companies 
and as a part of the normal operating activities of 
industrial users of electricity. It does not require 
an elaborate or costly departme from customary 
business activities, and it secures returns to the pro¬ 
ducer and the user whose value is tangible and worth 
while. Yet little actual progress in power-factor 
correction can be seen because of many obstacles, 
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Cost analyses should he made to determine the type of correction 
to use and to decide upon the location of emreclwe equipment. 
But they should not be used for rate making purposes. A study of 
the types of systems in existence shoios that- in general correction 
is most economically arid most effeetweiy instituted at the loads. 
Also experience indicates the greatest effect of correction is to 
improve voltage regulation and service quality. 

Different types of rates and billing methods have been used, but 
a study of the art shows the kv-a. demand charge and the kw. energy 
charge can be used most.successfully to secure power-factor coircetion. 


mostly imaginary, set up in the minds of executives, 
engineers and customers. Some of these are: the 
inertia encountered when proposing any changes in a 
going business which is prosperous and follows time- 
tried methods; difficulties met in attempting to evaluate 
the costs of either low or high power-factor operation; 
fears introduced by the necessity for'instituting new or 
changed rates and billing methods; difficulties 
encountered in attempts to make people understand the 
meaning of power factor; obstacles encountered in 
attempts to de'vise a correction scheme for imiversal 
application, and technical difficulties met in con¬ 
nection with the selection and location of corrective 
equipment. The literature of the industry is filled 
with objections to power-factor corrective measures 
and with elaborate technical and cost analsrsis, and 
vety few data or opinions of a constructive character 
have been obtained to show that most of the 
obstacles to correction result from misconceptions 
and lack of actual experience ■with it in commercial 
practise. 

The tact is that many properties have instituted 
correction successfully and made it a profitable part 
of their business. They have done this without any 
difficulty and did not find any great complexity or 
major changes introduced in their operating routine. 
Thus the time is ripe and the methods are available 
for eliminating low-power-factor conditions in the 
electrical industry. The rewards are ample, and the 
necessity for this move becomes greater with the 
growth of electrical systems. 

Correction is a business problem and not a tech¬ 
nical problem. The technical features of power- 
factor discussions begin nowhere and end at the same 
place, and they have little if anything to do with the 
business-like application of corrective measures. No 
one can define electricity or power factor, yet definite 
laws enable engineers to use resistance, inductance 
and capacity in circuits or in machines to secure any 
desired power factor at any definite place. Also, 
engineers understand fully the influence of lagging and 
leading current on system regulation and machine 
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stability. Technical mastery of power factor prevails, 
and what is needed is commercial mastery. 

in order to obtain commercial masteiy two sug 
gestions are offered which will apply to every electrical 

system: . ,, 

1. Require high-power-factor operation of all new 

"busiRGss sdvod* 

2. Correct tow-power-factor conditions on existing 
systems either: (a) promptly and in a wholesale manner, 
or (bl slowly and by steps. 

Make New Business Good Business' 

Any consideration of the first suggestion, in the light 
of the growth of the electrical industry and the increas¬ 
ing importance of service quality, shows its logic, and 
there remains then the use of definite methods to secui e 

the desired results. _ • -i- 

A light and power company is a public utility and 
cannot enforce any rule requiring customers to in¬ 
stall high-power-factor equipment before it will give 
service, so this direct and self-evident method must 
be replaced by methods which are cooperative and 
educational in character, The job requires the co¬ 
operation of utility men, electrical manufactui ers 
and customers and must be done for each new business 
prospect on each property'", and in addition work must 
be done on a national basis. It is not a difficult 
task, for both means and methods are available for 
doing the work quickly and efficiently. 

The cooperative element in the work calls for: 

1. Closer contact between central-station power 
salesmen and prospective customers where'by guid¬ 
ance and expert knowledge are made available to 
customers. 

2. Closer contact between central-station execu¬ 
tives and electrical manufacturers so the manufacturers 
may be encouraged to build high-power-factor equip¬ 
ment and to sell this equipment on a quality rather than 
a price basis and "with greater consideration for the 
engineering requirements of the purchaser. 

These two cooperative suggestions are already in 
operation in large degree, but conscious executive 
attention should be given to their application in 
order to secure complete commercial results rapidly. 
The job requires that each new customer install avail¬ 
able electrical equipment from the standpoint of his own 
economic production requirements. Both power factor 
and quality apparatus will inevitably follow every real 
economic analysis of an industrial electrical application, 
and central-station: men and manufacturers’ representa¬ 
tives must give up the slogan that any new business is 
good business and do more to help their customers 
secure quality service and cooperate more closely to 
sell quality equipment. It would seem easy to or¬ 
ganize a local cooperative committee for each utility 
to secure the desired results. This would be composed 
of power salesmen, electrical manufacturers’ representa¬ 


tives, electrical contractors, and perhaps consulting 
engineers, and might well be part of the activities of the 
local electrical leagues already instituted, in so many 
cities. National agencies are already available in the 
N. E. L. A., Power Club and other associations, but 
their attention must be given to this problem. 

There is no handicap to the manufacture and sale 
of electrical equipment and service on a quality rather 
than a price basis in an industry whose product is 
popular, is necessary to industry and is the cheapest 
and best element ever introduced into industrial proces¬ 
ses. "When the cost of power is such a small fraction 
of the cost of manufacture of most industrial products, 
it is "false economy to talk first cost of service or of 
equipment to purchasers. 

Thus very little organized effort should institute 
as industry-wide practise the custom of obtaining 
only high-power-factor business in each^ new load 
added to existing systems. The principle to apply 
is that service to customers should be given before 
they install equipment and ask for electrical energy 
from a utility. 

The Correction op Existing Conditions 

The second suggestion for power-factor correction 
is that existing conditions be bettered either by making 
corrections quickly on a wholesale basis or by improving 
conditions slowly and. in steps. In many respects the 
slow and detailed method is best for those systems in¬ 
experienced in correction, but past experiences show 
that it is not difficult to do the whole job quickly on the 
entire system provided proper analyses are made and 
workable methods are adopted before correction is 
actually instituted. Whatever decision is made has 
little influence upon the methods used or the results 
obtained and predominantly influences only the time 
required to secure improvements in conditions. The 
situation on each system will determine the best pro¬ 
cedure to use, for operating and financial requirements 
must be met by individual properties. 

Three things only are needed to institute correction 
on an existing system: 

1, Decisions as to the location of corrective 
equipment. 

2, Decisions as to the corrective equipment to 
be used. 

3, The establishment of a rate system which 
takes power factor directly or indirectly into account. 

The first two requirements largely involve engineering 
and economic data and decisions to be secured within a 
utility organization, but the third requirement rnust 
take into consideration the utility, the customers and 
the regulatory commissions and involves public rela¬ 
tions, economics and education. 

Locations for Corrective Equipment 

A study to determine the locations in which to 
install corrective equipment on existing systems 
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shows that the decision is somewhat influenced by 
the type of ssrstem and by local conditions. Usually 
corrective equipment should be located at all low- 
power-factor loads, in some cases at substations at 
a distance from generating stations, particularly 
if voltage regulation is desirable, and in very few 
instances in generating stations. The source of low 
power factor is at the load, and analyses will show 
that corrective equipment is best and most economic¬ 
ally used in this location. 

Some of the types of systems encountered in this 
country and some of the elements faced in locating 
corrective equipment are enumerated below: 

1. A hydroelectric system containing long high- 
voltage transmission lines with one or more distri¬ 
bution systems located at the ends of the lines. 

2. A combination system having both steam and 
hydro stations, many high-tension lines and widely 
distributed load centers. 

3. A hydroelectric S 3 retem with standby steam 
stations containing capacity idle a great part of the 
time and made up of networlcs of high-tension lines 
supplying a scattered territory. 

4. A metropolitan system containing several 
large steam stations and made up of both overhead 
and underground transmission circuits. 

5. A system already operating and designed for 
a power factor of 80 to 85 per cent. 

6. A system designed to operate at a power factor 
of 90 to 95 per cent. 

7. Systems which are growing rapidly in magni¬ 
tude of load and ejctent of territory covered and those 
which have reserve capacity through interconnections. 

It is seen that each system is a specific study for 
power-factor correction at other places than at the 
load sources of low power factor, and the choice of 
location of corrective equipment at other locations 
must be made after economic and operating studies. 
The making of cost evaluations for a particular system 
should be decided upon'only after careful study, for 
they are difficult and are useful only in serving as 
guides for the location of corrective equipment. They 
serve no purpose in rate making as cost-of-service rates 
are now obsolete in the utility industry. However, 
if cost analysis are desired in some cases, the usual 
approach to determinipg fixed and operating charges 
is to evaluate the cost of capacity and of losses in 
generating stations, transpaission lines, substations, 
transformers and distribution systems. 

Generating Station Correction 

The evaluation of the reduction of the reactive- 
kv-a. load on a generating station due to power- 
factor correction is difficult because so many condi¬ 
tions must. be considered. There is much more to 
the problem than raising a station power factor from 
70 per cent to 90 per cent in order to make available 
approximately 20 per cent increase in station capacity 


In hydroelectric plants it is usually desirable to 
have reactive kv-a. available for line regulation, and 
in addition it is usual to find an excess of capacity 
installed in order to meet stream-flow conditions. 
Therefore, generally, no value can be placed on power- 
factor correction for such stations. Also, in large 
systems using steam and hydro stations in combination 
with interconnected high-tension lines, lagging current 
is often an operating asset, and in this case also correc¬ 
tion is seldom or ever desirable for generating stations. 

In the large steam stations feeding a power sys¬ 
tem concentrated in a comparatively small area 
power-factor correction may improve regulation and 
operation, but here again the savings in station costs 
are sometimes very small and must be evaluated for 
the conditions encountered. These plants are usually 
designed for 85 to 90 per cent power-factor oper¬ 
ation at the stations, and a little study will show 
that cost decreases are diflBcult to secure. Offhand 
it may be said that every kv-a. of station capacity 
means the release of fixed charges on at least .$6.00 of 
investment and every reduction of a per cent in losses 
from the normal 2 per cent of output kw-hr. can be 
credited in dollars and cents of operating charge. But 
there are some other factors that must be considered 
before these sums mean anything or will stand the 
examination of a court or commission; for example, 
in connection with stations in modern systems: 

(a) Most systems increase their installed station 
capacity in units of large size and seldom permit 
their peak to approach a value equal to installed 
capacity. For example, station additions are made 
in units of 30,000 lew. up to 200,000 kw. and ample 
reserve is held at all times. 

(b) Every metropolitan system often introduces 
large losses into its normal operations in order to 
insure reliability of service; for example: 

(1) A station having several large units is likely 
to continue all of them in operation even at very 
light load in order to reduce the starting hazard and 
the time element involved in warming up a large' 
unit and synchronizing it with the system. 

(2) In order to control voltage and load division, 
it is common practise on systems having multiple 
stations to operate generating units with large 
lagging or leading currents. 

(c) It is a difficult, if not impossible, task to deter¬ 
mine actual station power-factor conditions during 
a twenty-four-hour period for the different stations 
in a large metropolitan network. Any method of 
determining power factor and of determining the 
value of losses is subject to criticism as to its tech¬ 
nical accuracy, and the values obtained cannot be 
divided easily between power factor, load division 
and regulation requirements. In fact, for a given 
load power factor as defined and as measured by dif¬ 
ferent methods will vary 10 to 30 per cent in value. 
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The actual capacity cost of the reactive load on a a 
generating station not loaded to capacity is usually g 
very little even though the cost of the increased capacity t 
of alternators, exciters, switch gear, busses and building s 
is determined. Seldom would this cost exceed $6.00 per n 
reactive kv-a., and any added operating expense due to 
low power factor is very debatable. For some specific f 
installations, however, where the peak load is equal to t 
the station capacity or where the load power factor is t 
lower than that for which the station equipment was t 
designed, it may be well to institute power-factor i 
correction as a temporary economical expedient for ] 
securing capacity to carry the load. Load factors, < 
future system growth and other elements, however, 

must be considered. _ ' 

In most other cases, however, it is cheaper and 
easier to buy, install and operate alternators, busses 
and exciters with a higher rating than it is to buy, 
install and operate corrective equipment and its con¬ 
trol P''or example, the increment cost of a 35,000-kv-a. 
alternator over a 30,000-kv-a. unit as compared to the 
cost of a 6000-kv-a. synchronous condenser and its 
control equipment is in favor of the alternator. Inmost 
stations generating capacity can usually be ^ obtained 
more cheaply than by the use of corrective equipment. 

Very few operating costs afe affected by low power 
factor because the copper losses inside a station amount 
to an inappreciable sum. At light load the usually 
lowest power-factor condition Increases the lo^es in 
proportion to the kw. output. This indicates the ad¬ 
visability of fixing a power-factor charge that vari^ 
with output. This charge should be greatest at 
minimum-load conditions in some cases and at peak¬ 
load conditions in other cases. A very small increment 
in energy charges seems the only businesslike way t 
cover these station losses due to low power factor as at 
^maximum they comprise only 2 or 3 per cent ot the 

“"¥hT'raScal possibility and the dollar value of 
regulation by power-factor correction i^de large 
steam stations is very dubious. The unit typ 

installation with the unit to 

for each unit has become popular, and it is dfihcuit to 
loreacnuu operating with all 

Sses in parallel at one voltage or to devise a switching 
and bus arrangement for throwing the synchronous 
rnndenser on any feeder requiring regulation In 
rifP+inn the cost of the corrective equipment used for 

of v^tage -gulatom, whi^ 

h^e the added advantages of being automatic m the 
have tn having a greater voltage range. 

“’’^SenetoJ ^Ttherflorc, seldom will it be found 
■economical to institute power-factor correo ion 
generating stations. 


Substation Coreection 

rputa installation of corrective equipment at sub- 
nto"5i'crthe kv-a. load on transmission hues 


and transformers between the substations and the 
generating stations and improves the voltage regula¬ 
tion. This would seem desirable in all cases, but a little 
study shows it is often very uneconomical and usually 
not the best way to secure complete correction. 

In modern systems reliability of service, provision 
for future growth and maintenance practises dictate 
the use of multiple feeders to substations and multiple 
transformer installations. Also, modern practise tends 
to the use of standardized ratings for lines and tra.ns- 
formers on the transmission system. These require¬ 
ments call for the installation of a greater number and a 
excess of line and transformer capacity, which makes it 
very difficult to show the economic value of substation 
corrective equipment. 

Moreover, it must be borne in mind that future 
load requirements, structural needs and legal limita¬ 
tions have a direct bearing on both overhead and 
underground line installations. The overhead line 
must have a certain size of pole, a conductor suffi¬ 
ciently large to be strong mechanically, a large number 
of poles per mile and very often a legal voltage limita¬ 
tion. These elements often must be weighed carefully 
when discussing the release of line capacity by the use of 
substation corrective equipment. In underground 
cable installations it has become customary to install 
reserve ducts and cables and to standardize greatly, so 
the number and the capacity of installed cables at a 
given time is very often determined by other things than 
the magnitude of the kv-a. loads. It must be considered, 
however, that the overload capacity of an overhead 
line is very great as compared with that of cables and 

transformers. • 

Thus any cable or transformer that has reached 

its limit in capacity while operating at a low 
; factor is capable of carrying an increased load and 
! consequently earning more revenue if correction is 
applied at substations. The cost of the corrective 
F equipment may be less than the installation of an- 
5 other line and more transformers, and regulation 
f is improved, so that more load may be carried on a 
s given circuit. In other words, correction will, for 
0 the same line loss, increase either the 
ll tance of transmission or the amount of load possible to 
g transmit. In such cases the substation correction may 
s be economical, but it is an expense which must be paid 
n for in fixed charges, while a new line provides a revenue- 
r producing and useful element for the present and future 
h syLm. A system using a ring high-tension network 
ir Td having multiple generating statione andjevrf 
large substations on the ring may use corrective equip 
d ment in distant substations to advantage to reduce 
n losses, release capacity and control regulation, but th 
economic value of this practise must be ascertained for 

caaee will the release of ega^ 
b caplSy justify substation oorrectioto therefom, either 
e^ dre£d lossi or impniyed regulation must be evalu- 
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ated to make a case. The reduction in line and trans¬ 
former losses by the use of corrective equipment 
increases the load at which the investment cost per 
kv-a. transmitted is a minimum and reduces the direct 
operating cost of energy losses. On an average system 
the line energy losses will be around 10 per cent of the 
total output while the transformer losses should not 
exceed 5 per cent. These losses therefore represent a 
direct money loss, which, if reduced, results in an 
appreciable saving. Assuming that correction decreases 
these losses even 20 per cent, it often becomes profitable 
to install corrective equipment. 

For example: Assume an energy cost of 1 cent per 
kw-hr. and a system output of 100,000,000 kw-hr. with 
total losses of 15 per cent in lines and transformers. 
If it is assumed correction will reduce the losses 20 per 
cent, the yearly value of correction is: 100,000,000 
XO.15 X 0.20 X 0.01 = $30,000, or a return of 16 per 
cent on an investment of $200,000. 

Losses in corrective equipment must be considered 
in a financial analysis of this character and their 
cost determined. If synchronous condensers should 
be used, this value would be changed, since the con¬ 
denser has losses which must be charged against thesav- 
ing produced in lines and transformers. If static con¬ 
densers are used, the value of the losses in the corrective 
equipment is very small. In either case, particularly if 
the voltage at the substation is high, the losses in the trans¬ 
former bank supplying the corrective equipment should 
be evaluated and charged against the cost of correction. 

The general conclusion is that substation correction, 
considering the value of losses^ capacity and regulation, 
is usually warranted for those substations located at a 
distance from generating stations, at least as a tem¬ 
porary move, until full consumer correction has been 
established. 

Consumer Correction 

The analysis for determining the proper location 
of corrective equipment leads, inevitably to the con¬ 
clusion that most of it should be placed on the premises 
of consumers and that consumers using high-power- 
factor equipment are operating most economically from 
their own standpoint and from that of the central sta¬ 
tion. From the angle of the central-station consumer 
correction relieves the system of the necessity for cor¬ 
rection at other locations, releases the tran.sformer and 
cable capacity where it is most valuablefrom income and 
load-factor standpoints, reduces losses where they are 
greatest and improves regulation where it is most 
desirable to have good regulation. 

From the angle of the consumer correction of his 
equipment or the replacement of low-power-factor 
equipment with high-power-factor equipment will 
secure several tangible and intangible restdts. It will 
reduce the losses inside his premises, for which he pays 
a high rate; it will improve his voltage regulation and 
reduce his voltage drop, so that his machinery will 
operate faster and more smoothly; it will give him 


better-quality production, better lighting, fewer re¬ 
jections of manufactured product, faster machine¬ 
starting conditions and secure for him a direct decrease 
in his power bill if he buys under a proper rate system. 

Experience shows that operating complexity is not 
increased and that the industrial plant corrected for 
bad power-factor conditions reaps very decided tangible 
and intangible benefits. Needless to say, it is useless to 
attempt an itemized cost evaluation for correction at 
load locations, because the complexity of modern dis¬ 
tribution systems, the variety of loads and services and 
the many assumptions necessarily made all combine to 
give inaccurate results. In a broad way, however, 
based on the actual cost of the distribution system, the 
cost of voltage regulation and the cost of losses, an 
analysis in dollars will show very decided inducements 
for investing power-factor correction at the source. 

Kinds op Corrective Equipment 

The corrective equipment to install at locations 
decided upon is determined largely by each local 
situation, but there are applications for all available 
types at low-power-factor loads, i.e.: 

(a) The s 3 mchronous motor 

(b) The synchronous condenser 

(e) The high-power-factor commutating motor of 
the Fynn-Weichsel type 

(d) The static condenser 

Investment charges on existing installations, pro¬ 
duction requirements, fixed and operating charges on 
corrective equipment and the skill required to operate 
the equipment influence the decision to be made for each 
load considered. 

For substation correction the same tsnpes of cor¬ 
rective equipment are available, but the sjmchronous 
condenser and group static condensers predominate. 
The decision as to which type to use at substations 
is influenced by cost analyses and by load and voltage 
regulation requirements. 

Experiences on properties give evidence that the 
choice of equipment for correction is quite readily 
made for a particular location. Each system should 
be studied as a whole and each power customer con¬ 
sidered if good results are desired. The utility engi¬ 
neers can readily determine the substation correction 
to use, but greater difficulty is encountered in the 
corr^tion of power customers. The installation of 
each customer must be studied in detail if a real engi¬ 
neering job is to be done, and this requires time, 
slrilled engineering and an expenditure of money. 
Production processes, motorization, wiring and testing 
are elements in the study, and a great deal of education 
and cooperation must be had. For these reasons a 
slow process of customer correction is usually advisable. 
Utility power salesmen, consulting engineers, factory 
engineers and electrical manufacturers' salesmen and 
engineers should cooperate in these customer studies. 
In actual practise no great difficulty or high costs have 
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been encountered in attempts to institute customer 
corrections, because the great majority of them can 
be made adequately by an over-all factory test or by 
competent engineering inspection. Very frequently 
zone studies or piecemeal areas are corrected with 
very little trouble. 

Power-Factor Rates 

Electric service is a business and as such must 
institute power-factor correction as a part of busi¬ 
ness activity. Thus, a rate of some form must be 
used to secure power-factor correction, and it also 
follows that metering and billing accompany the 
institution of a rate. Experience with energy and 
power-factor rates over many years shows that com¬ 
mercial rates cannot be,made upon the basis of cost 
of service. Experience also shows that financial 
inducements are the best stimuli to industrial ac¬ 
complishments. Rates, billing systems and meter¬ 
ing methods are largely matters of tradition and 
commercial application, but should be simple, under¬ 
standable and easy to use in business. 

When alternating current was first used the 
wonderful Thomson-Houston meter was invented 
and installed. This meter measured watt-hours and 
eliminated the necessity of measuring ampere-hours 
and multipl 3 dng by the normal voltage of the service 
as had hitherto been practised. .It was an ideal in¬ 
strument for measuring lighting loads, and no 
thought was taken on its ultimate effects on the 
utility business. Rates were made on a watt-hour 
basis and the cheap, accurate watt-hour meter be¬ 
came the standard measuring device for electric 
service. Then came the induction motor and it was 
early noticed that the product of current and volt¬ 
age did not equal the re^tration of the meter. 
Thus power factor was discovered, and until recently 
the utilities decided that it was better to suffer its 
effects than to attempt to improve conditions or to 
charge for service by methods involving the use of 
other units than watt-hours.' Power factor was difficult 
to define accurately, dfficult to measure and still more 
difficult to explain to customers and executives. 

However, there is a tendency today actually to 
measure power f^tor or to meter customers by 
methods which will take power factor into account. 
The first trend is indicated by the development of 
Iw-a. meters, the use of reactive and active watt- 
hour meters and the use of power-factor meters., 
^y of these meters or metering methods are sub¬ 
ject to objections from an economic, a technical and 
an operating standpoint. The cost, the complexity 
of the billing and the difficulty of obtaining and 
maintai^g reliable and accurate measurements by 
any of ^ese means have so far prohibited their use 
except ^fOT large power customers having a tech- 
sufficient consumption to warrant the 
Mst and the trouble. Nothing very promising is on 

the horizon in the way of directly measuring either 


• kv-a. or power factor on a universal commercial basis. 

One metering authority has recently suggested 
that it would be advisable to meter customers on 
the old ampere-hour basis since all service is at 
practically constant voltage and the ampere-hour 
meter, besides being cheap and accurate, is a true 
and readily understood measure of both energy and 
capacity use. Multipljdng ampere-hours by the 
voltage of the supply would permit of billing on a 
kv-a.-hour basis very readily. Thus a system could 
be developed which would use an ampere demand 
meter and an ampere-hour meter only for direct 
measurement on any three-phase or single-phase 
circuit. It is argued that this method is sufficiently 
accurate, is easy to institute, is logical and that its 
results compare weU in accuracy with those from 
any existing method of measurement. 

The ultimate approach to power-factor correction 
for customers is by means of rate making. This 
has generally taken the form of: 

(a) The use of power-factor clauses 

(b) The use of kv-a. demand clauses 

(c) The use of kv-a.-hour clauses 

(d) A combination of two of the foregoing 

All these methods have been used and all have 
worked more or less successfully, but all are sub¬ 
ject to very definite criticisms. Years of effort 
proved the impossibility .of developing utility rate 
on a cost-of-service basis, and, however reluctantly, 
rate makers have admitted its impossibility and 
impracticability for modem conditions of utility 
service. No cost-of-service basis can be found, there¬ 
fore, for the making of any type of power-factor rate, 
^d each property must evolve a rate which can be 
instituted and operated to suit conditions encountered. 
A fundamental in power-factor rate making would be 
to secure a simple rate, one that could be applied to all cus¬ 
tomers, one that needed little maintenance or super¬ 
vision and one that offered a financial inducement to cu.s- 
tomers to maintain and correct power-factor conditions. 

Viewing the ^ in its technical and commercial 
aspects and b^ng opinions on practical experiences, 
the best form of power rate today should use a kv-a. 
demand charge to cover capacity costs and an energy 
charge to cover production costs. Power factor, as 
such, should not appear in the costomer rates, but 
Jould be accounted for in the kv-a. demand charge. 
This rate can be used to secure power-factor correction 
on any system very satisfactorily and does not neces¬ 
sarily involve the use of a kv-a. demand meter. Power 
c^tomers can be tested under normal operating eon- 
ditioM, and the power contract can then be written for 
a period of time with a kw-hr. meter and a kw. demand 
meter to serve as checks and for miergy billing. In 
other cases the installation of a power-factor meter 
nomally out of circuit, in combination with ordinary 
watt-hour meters can be used to check customer 
conditions and to meet billing requirements. 
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However, every type of power-factor rate has been remembered that grand average results only are 
used and used successfully, so the necessity of a rate to be expected and that precision methods and 
to secure power-factor correction is not a real obstacle analyses must be modified by commercial consider- 
to the institution of correction. It must be ations. 


A New Altemating-Current General-Purpose 

Motor 

BY H. WEICHSELi 


Fellow, i 

F rom the first days of the successful commercial 
introduction of the a-c. system of distribution 
down to a comparatively recent date, all forms of 
general purpose a-e. motors have in one way or anothw 
been subject to serious objection from the standpoint 
of approaching the engineer’s ideal of satisfactory de¬ 
sign and performance. 

Speaking in general terms, the types of a-c. motors 
available for general purpose use have been as follows: 

1. The well-known squirrel-cage motor. 

2. The induction motor with wound secondary. 

3. The conventional form of synchronous motor. 
The squirrel-cage motor, while very simple in con¬ 
struction, has relatively poor starting performance, 
and its design characteristics are frequently subordi¬ 
nated to the starting-load requirements rather than to 
best performance under normal running conditions. 

The wound-secondary-mduction motor is free from 
the defect of inadequate starting torque, blit shares 
with the squirrel-cage motor the very serious defect 
of drawing from the line, under all operating condi¬ 
tions,. a very heavy magnetizing current. This, as is 
well known, results in the operation of both forms of 
motor with a lagging power factor. When built for 
hig h or moderate speeds, the power factor at full load 
is reasonably satisfactory, but decreases rapidly with 
decreasing load. For slow-speed motors of both types, 
the powerfactor, even at full load, is very unsatisfactory, 
and is correspondingly lower at fractional loads. 

The power factor of the circuit supplsnng energy to 
an installation of induction motors is usually consider¬ 
ably below unity due to the following: 

The installation contains a number of slow-^eed' 
motors. Occasionally no high-speed motors are used 
at all. The majority of motors installed operate below 
full, load and consequently with poor power factor. 
This is particularly true in cases where squirrel-cage 
motors .are used. The size of these motors as men¬ 
tioned above, is frequently larger than really required 
for the actual running load for the sole purpo^ of ob- 

1. Chief Designing Enjgr;, Wagner Electric Corp., St. Louis, 
Mo. 

PreserOed at the Midwinter Conoeniion of the A. 1. E. B., 
New York, N. F., February 9-lS, 19SS. 
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taining satisfactory starting conditions. Consequently 
these motors operate at low power factor, because they 
are only partly loaded. 

The serious operating difficulties and the excess in¬ 
vestment and operating costs resulting from poor 
power factor are fully understood and will not be dis¬ 
cussed in this paper. 

"While the pronounced pole-synchronous motors are 
free of the shortcoming of poor power factor, they have 
unfortunately a number of other deficiencies whichhave 
prevented them from being used as general purpose 
motors. The main objections to this type of motor 
for general purpose are: 

1. The startmg performance is poor. 

2. A separate d-c. excitation is- required, wluch 
must be obtained from either a separate exciter or from 
an independent d-c. supply. 

3. The machines are not well suited to loads which 
fluctuate very materially and often exceed consider¬ 
ably the normal rating of the machine. 

The electrical industry has long appreciated the 
importance of the development of a new form of mo-tor 
which would preserve the satisfactory features of the 
well-known conventional types, and, at the same time, 
be free from their very ob-vious disadvantage. In 
recent years the demand for such a new motor has 
been growing much more insistent, and the time is 
now at hand when the central-station section of the 
industry is urgently demanding sudi a motor. 

The company with which the auShor is identified 
has, after many years of research work, devdoped a 
new type of motor which approaches to a remarkable 
degree, 'an ideal design, preserving the good character¬ 
istics of both the induction and the ssmchronous 
motor, yet free from their most serious shos^Xiomings. 
This new machine, which is known under the name of 
the Fsmn-Weichsel motor, is the subject of this paper. 

The outstanding characteristics' of this new motor 
may be stated as follows: 

1. It operates over -the whole normal working 
range with leading or unity power factor. 

2. When operated in paralld with induction motors, 
the leading power factor of this hew motor counteracts 
the lagging power factor of the induction motors. 
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3, The starting characteristics are as excellent as 
those of an induction motor with wound secondary, 

4. It is able to operate at very heavy temporary 
overloads. 



and in the top of the same slots is a standard poly¬ 
phrase winding which is connected to the slip-rings. 

In the larger units the slip-rings and commutators 
^e arranged on opposite ends of the armature; and 
in the smaller units, both of these members are located 
on the same side. In either case, the a-c. rotor winding 
is connected through the slip-rings to the a-c. supply line* 

The stator is built of laminated iron with slots in 
the inner circumference which gives a general appear¬ 
ance similar to that of a standard induction motor, i. e,, 
no pronounced poles are used. 


Eiq. 1 100-H. p., Eigst-Polsj,* 60-Cycle, Three-Phase 
Motor 

5, From no load to about 160 to 200 per cent load, 
the machine operates as a synchronous motor. When 
the load increases beyond these values, it operates as 
an induction motor, and if the load is again decreased 





Pig. 2 Stator op 100-h. p., Eight-Pole, 60-Cyclb, 
Three-Phase Motor 


Pig. 4—Running Connection op Pynn-Weichsel Motors- 

The stator carries two windings—^the field winding, 
F , and the auxiliary winding. A, which are 90 elec¬ 
trical degrees displaced from each other. These wind¬ 
ings are of the simplest kind possible. They are wound 
concentric, as is clearly depicted in Fig. 2. 

The normal runniiig connection betweeiii the in¬ 
dividual windings is diagrammatically given in Fig. 4,. 
It will be observed that the secondary winding F* 

Starting Connections 


to values in the neighborhood of 160 to 200 per cent 
of normal, it automatically returns to synchronous 
operation. 

Fig. 1 presents a view of a 100 h. p., 900 rev. per min. 
machine of this new type. 



Fig. 3-Rotob of 100 h. p., Eighi-Polb, 60-Ctolii, Thbhb- 
Phase Motor 



Pig. 5 


Fig, 2 exhibits a view of the stator. 

Fig. 3 shows the rotor construction. 

The rotor is provided with slip-rinp and a relatively 
smaU coi^utator. The rotor laminations are pro- 
vid^ with slots on the circumference and carry two 
wmdu^s. In the bottom of the slots, is located a small 
d-c wmdmg. which is connected to the commutator; 


located on the stator, is connected in series with the 
brushes riding on the commutator, and that the axis 
of the brushes forms an angle less than 90 deg. with 
the axis of the field-winding F. The secondary wind¬ 
ing A, also located on the stator, is short-circuited. 
The slip-rings are connected to the line. 

The machine is started by inserting ohmic resistance 
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in the circuits of the windings F and A. Fig. 6a 
illustrates a starting connection which in every respect 
gives the same starting performance as that inherent 
to a slip-ring induction motor. When this machine 
has reached the highest speed possible, and after all 
resistance in the secondary has been cut out, the wind¬ 
ings are so reorganized as to agree with Fig. 4, which 
illustrates the running connection. 

It is possible to start the machine in the running 
connection by introducing resistance in the A and F 
circuits and leaving the commuted winding in series 
with the F winding. This arrangement is extremely 
simple, and for this reason is used in all medium and 
small size machines. See Fig. 5c. 

Generally speaking, this latter arrangement gives 
starting characteristics very similar to those of a slip- 
ring induction motor, but due to the commuted winding 
being in series with the F winding, the torque, for a given 
resistance in the secondary circuit,is favorably influenced. 

This increase in torque grows rapidly with decreasing 
resistance in the rotor circuit. This is caused by the 
voltage, appearing across the commutator brushes, 
which is connected in series with the voltage induced 
in the winding F. 

It will be proved later that the voltage appearing 
across the brushes has the same frequency as the 
voltage induced in the F winding. Therefore, by in¬ 
jecting this voltage in the F winding, we increase the 
total , voltage acting on the F circuit and thereby in¬ 
crease the current in the circuit over the value which 
would exist at the same speed when the machine is 
operating as an induction motor. This increase in 
current naturally must be followed by an increase in 
torque, or what means the same, for a given useful 
torque the Fynn-Weichsel motor will operate at a 
higher speed than an induction motor when operating 
under otherwise equal conditions. 

This is, roughly speaking, the explanation for the 
Pynn-Weichsel motor’s ability to synchronize auto¬ 
matically.* 

The synchronizing ability of this motor is excellent 
and, therefore, the machine can be used with advantage 
in cases where heavy mechanical torque or inertia 
loads have to be accderated to ssmchronous speed. 

The phenomena which take place during the start¬ 
ing and synchronizing periods will be discussed some¬ 
what more in detail in the following: 

• With the armature at rest, a polyphrase voltage is 
impressed on the slip-rings and a rotating magnetic 
field is set up by the armature windings. The speed 
of this field, in respect to a given armature conductor, 
is given by the well-known formula: 


120 X /o 



2. See paper presented before the Association of Iron and 
Steel Eleotrioal En^eers, Fob. 16, 1924, “The Motor that 
Corrects Power-Factor.” by H. Weiohsel. 


»o = speed of the field in rev. per min. 

/o = frequency of supply circuit. 
p = number of poles. 

As the commuted and a-c windings are located in 
the same slots, the rotating field also cuts the com¬ 
muted winding and consequently sets up a voltage in 
it. With the armature at rest, the voltage whjch 
appears across the commutator brushes has the same 
frequency as the line voltage. The phase of the volt¬ 
age appearing across, the brushes depends, however, 
on the relative location of the brush axis in respect to 
a fixed point in space. 

Furthermore, the rotating field cuts the stator 
windings, F and A, and thereby produces a voltage in 
these windings which also has a frequency equal to 
that of the line so long as the motor is at rest. 

If the axis of the commutator brushes coincides 
with that of the F winding, then the voltage induced 
in the F winding and the voltage appearing across the 
brushes not only have the same frequency but are also 
in phase. This can be seen from Fig. 6, where the com- 



PlG. 6 


muted winding is represented in form of a Gramme ring. 

From this figure it will be seen that if a rotating 
field intersects the ring and the F winding the maxi¬ 
mum lines are embraced by the winding A-B-C and 
A-D-C at the same moment when the maximum lines 
are embraced by the winding F, provided the brush 
axis coincides with F axis. 

Therefore, the voltages appearing across the brushes 
and the induced voltage in the F winding must be in 
phase. 

If the secondary windings F and A are closed over 
a resistance, a torque is set up, acting on the armature 
in the well-known manner. This torque, due to the 
fxmdamental induction laws, has such a direction as 
to rotate the armature in the direction opposite to 
that of the rotating field. Therefore, if the rotating 
field has the velocity of Wo in respect to the armature 
conductors, and these latter operate with a speed 
in direction opposite to no, due to the armature torque, 
then the rotating field has a velocity of no — n* in 
respect to a fixed point, in space. Therefore, the speed 
with which the secondary windings F and A are cut 
by the magnetic field decreases with increasing arma¬ 
ture speed, and the frequency of the voltage produced 
in the windings F and A is given by the equation: 





X/o 
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fs - frequency induced in windings A and F. 
fo - line frequency. 

tto = speed of rotating field in respect to armature, 
expressed in rev. per min. 

n, = speed of armature, expressed in rev. per min. 
The voltage induced in the secondary is given by 
the equation; 


Et =voltage induced in the secondary when arma¬ 
ture is at standstill. 



Fig. 7—Open Cibcvit Voltage in Seconsabt Winding 
AND AcBOSS CommUTATOB 
Bo = Induced Voltage in Field at Standstill 

1 Induced Yoltage In, Secondary E 

2 «• Volts Across Commutator in percentage of Induced Secondary 

Volts at StandstUl 

3 Volts across Commutator In percentage of Induced Volts 


Et — voltage induced in the secondary when armature 
rotates with speed 

This means that the voltage and frequency in the 
windings F and A decrease with increasing rotor speed 
and become zero when the armature rotates at syn¬ 
chronous speed. This is the same simple law which 
governs the voltages in the secondary of an induction 
motor. 


However, the conditions are somewhat differoit il 
we consider the voltage appearing across the commu¬ 
tator brushes. The voltage appearing across the 
brushes has a frequency which is determined by the 
velocity of the rotating field in respect to the brushes, 
or what means the same thing, in respect • to a 
fixed point in space. Therefore, the frequency across 
me brushy is, for any armature speed, equal to the 
frequency induced in the secondary windings, F and A 
On the other hand, the magnitude of the voltage 
appearmg across the brushes, is determined by the 
velocity with which the rotating field cuts the con¬ 
ductors of the commuted winding. This velocity is, 
at any a^ture speed, equal to the synchronous 
speed of the field. Therefore, the voltage appearing 
a<^ the bribes is ind^end«it of the armature speed, 
these I'elataons are graphically represented in Fig. 


7. The induced voltage in the secondary falls from 
the value 0-Eo at standstill of the armature to the 
value of zero when armature operates at ssmchronous 
^eed. The voltage across the commutator brushes 
remains fixed, as represented by Ihe horizontal line 
marked No. 2. If the voltage of the F winding is 
connected in series with the voltage across the com¬ 
mutator brushes, the total voltage will differ by only 
a small amount from the induced voltage in F when 
the armature is at standstill. However, the influence 
of the injected voltage becomes very marked when 
the armature rotates near synchronous speed. The 
expression voltage of the commutator winding, divided 
by the voltage across the F winding, is given by the 
curve No. 3 which shows a very rapid percentage in¬ 
crease when the armature approaches synchronous 
speed. Therefore, the influence of this commutator 
voltage on the torque characteristics of the machine 
must inCTease veiy rapidly with increasing speed of 
the armature, or in other words, with decreasing slip 
of the armature. 

In a standard induction motor the torque produced 
by a phase of the secondary winding is, at any time, pro¬ 
portional to the product of the current in this winding 
and a voltage of the same frequency as the current. 



A. V, ~ Volts Induced in Second- B. Ti — Torque of Secondary phaso 
ary phase I at Standstill 2 

Ti - Tor<iue of Secondary /j — Current in Secondary phase 
phase 1 2 

h *■ Current in Secondary 
phase 1 

the maximum value of the voltage being equal to that 
of the induced yoltage at standstill. The phase re¬ 
lation between the secondary current and this imagi¬ 
nary voltage must be selected equal to that of the cur¬ 
rent in respect to the actual voltage induced in the 
secondary at the speed under discussion. 

This law is proved in Appendix No. 1. 

Assuming that the secondary winding is of the two- 
phaM t 3 fpe, the torque condition in a standard induc¬ 
tion motor can be represented by the Figs. 8a and 
8b. The line 1-2-3-4 gives the current flowing at any 
moment in the winding of the secondary phase, No. 1. 
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The curve 1-5-3-6-7 represents the imaginary voltage 
with the same frequency as the induced current h. The 
maximum value of this voltage is 6-8, and is equal to 
the maximum value of the induced voltage in this 
winding with rotor at standstill. 

For the sake of simplicity, we assumed that the cur¬ 
rent Ji and the voltage E are in phase, a condition 
which is always satisfied in an ideal motor without 
leakage reactance and is very nearly satisfied in a 
machine with leakage when the currents do not mate¬ 
rially exceed the full-load currents. 

The torque at any momait produced by the phase 
ISTo. 1 of the secondary is, according to the above law, 
proportional to the product of the current I 2 and the 
voltage Vi at the same momait. Making this prod¬ 
uct, the curve marked Ti, which is a sine square curve 
is formed. 

Fig. 8b represents the same conditions as Fig. 8a, 
but refers to the torque produced by phase No. 2 of 
the secondary of the induction motor. As the sec¬ 
ondary was assumed to be wound two-phase, it follows 
that the current in the second phase is 90 electrical 
degrees displaced from the voltage induced in the 
secondary phase No. 1. 

Fig. 8b is identical to Fig. 8a, except that Fig. 8b 
is 90 electrical degrees shifted against Fig. 8a. The 



This reasoning assumes that the secondary windings 
have the same resistances, resistances being reduced 
to the same induced voltages. If this assumption is 
not fulfilled, then the maximum torque of phase No. 2 
does not equal the maximum torque of phase No. 1. 
However, the respective phase relations of the torque 
curves Ti and T 2 remain as given in Figs. 8a and 8b. 
The total motor torque, i. e., the sum of torque T , and 


JT* 


BY 


Ti - Induction Motor Torque 
Ji - Induced Current In Secondary 
Winding A 


Fig. 9 — A :. Tobqots Pbo- B. Tobqvb Peodtjcbd 

OXTCBD BY ShOONDABT WiNDINOP SbCONDABY WlNDlNCI A 

r, — Inductton Motor Torque 
Ta — TorqiTi© Interjected 

Current 

— Induced Current in F Winding 

— Injected Current In Secondary 
. Winding F, by commutated 

Winding . -p 

O. Tobqtjb Produced by Windings A and h 

Ti + 2 — Besultant Torque 
T - Final Torque Acting to Produce Rotation 
Ti + T2 + Tz 

torque T. obtoioed ttum Fig.8B is 
its magnitude to the torqueTiof piia8eNo.l,but whm 
tte^ue due to phase No. 1 is . matunum, 
toraue Tt due to phase No. 2 is a mimm^. The 
tSartorque acting on the machine wiU be the sum of 
the torque Ti and T 2 . It is readfiy seen that the sum 
of these torque is a constant value at any time. 



Pig, 10— Speed Torque Curves of Pynn-Weichsel Motor 

1 — Operating as Induction Motor—no External Resistance in Circuit 

2 — Sufficient Resistance to Give Maximum Starting Torque 

3 — Resistance Necessary to Start 150 per cent. Torque 

Ts, in this case, is equal to a constant torque over which 
is superposed a fluctuating torque. The fluctuation 
is of the sathe frequency as that of torque and Ti. 
Let us assume that an additional e. m. f. is injected 
into pbngp 1 and that this injected e. m. f. has the same 
frequency and the same phase relation as the voltage 
1.6-3-6-7 in Fig. 8A, which is redrawn in Fig. 9a. 

A current Is thmi flows in this circuit, caused by the 
injected e. m. f., in addition to cur^t h which flows 
due to the induced e. m. f. This injected current Is 
produces at any moment a torque equal to the product 
of the instantaneous value of the current Is and the 
voltage Vi. Therefore, the torque due to the injected 
e. m. f. is given by curve Ts in Fig- 9 a.. This con¬ 
dition exists when the winding F and the commut^ 
winding are connected in series, as diagrammatically 
indicated in Fig. 9a. 

The conditions in the winding A cannot, in any 
manner, be altered by injecting a current in the wind¬ 
ing F and therefore the torque produced by the wind¬ 
ing A remains unaltered and is represented in Fig. 9B. 
The total torque on the anmture must be the o 
the three torques discussed; Torque Ti, due to toe 
induced current in winding F, torque Ts to ije in¬ 
duced current in winding A, and torque Ts due to toe 
injected current in winding F. 

By forming this addition from moment to moment, 
w, obtain curve marked T in Pig 9o which « 
more or lees than the constant mdi^on motor tw» 
Ti plus Ti, upon which is superpo^d a piflsa^ torque 
Ts, due to the injected current Is in the wmdmg r . 

Knowing the torque relations in the machine at any 
speed, it is possible to derive the spee^torque 
of this type of machine during the starting period, as 
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shown in Fig. 10. Let it be assumed that the com¬ 
mutator voltage Sc is 6 per cent of the induced voltage 
in winding F at standstill. Let the curve No. 3, 
represent the speed-torque curve of the machine when 
operating as straight induction motor with sufficient 
resistance in the secondary to give 160 per cent start¬ 
ing torque. If a voltage of 6 per cent is injected in 
this circuit at standstill, the torque, due to winding 
F, increases 6 per cent, i. e., from 150 per cent to 159 
per cent. For any other speed, the induced voltage 


given slip in the ratio of injected voltage plus induced 
voltage o\er induced voltage, curve No. 6 is found. 
This curve is of special interest, as it shows the large 
increase in the maximum torque of the machine. 

In other words, the remarkable condition exists that 
the machine with the injected voltage has a larger 
maximum torque than the same machine operating as 
a straight induction motor. This condition can read¬ 
ily be observed on actual tests. 

Furthermore, curve No. 6 intersects the horizontal 





- 1 - 

Fig. H Torque Dub to Injected Current as a Function 
OP Slip 

a. Five per cent. Slip -three - per Second in Secondary 

b. 2M per cent. Slip -1K per sec. In Secondary 

c. V4 per cent. SUp -0.76 - per sec. in Secondary 

d. 0 Slip —0 ~ per sec. in Secondary 

in the winding F is proportional to the slip speed, s.. 
which equals If the consmt voltage, el, is 

injected mto the F winding, then the current flowing 

in the mnding will be as great as it was 

originally, and the torque will be increased in the same 

of V IS ^ injected voltage 

of 6 per cent, the torque due to winding F will have 

become greater in the ratiowUeh equate 
1.3 times its original value. 

circuit i. re- 

^ It will be noticed that the torque of the curve No 2 

to'thff by tbe injected voltage 

than the torques coireqionding to curve No 3 Th! 

«'»fe«‘bettheXeNo 2ie ^ 

tha ^ ^ smaller resistance in the F circuit than 

the r^istance corresponding to the curve No 3 Con 
tte^Sr « fa 

secondary, and again mcreasing the torque for each 


line representing the synchronous speed at the point 
A, corresponding to 230 per cent torque, meaning that 
after synchronous speed has been reached and torque 
Ti and Ta has disappeared, T» still exists arid is equal 
to 230 per cent of normal full-load torque, which is the 
maximum torque of the motor as sjmchronous machine. 
The increase in torque, due to the injected voltage, i.s 
given in the diagram by shaded areas. 

From what has been said in the beginning regarding 
these torques, it is known that the induction motor 
torque at any speed has a constant value and is inde¬ 
pendent of time. However, the torque due to the in¬ 
jected current, pulsates between zero and a maximum 
value if the injected voltage is in phase with the in¬ 
duced voltage. The frequency of pulsation of this 
torque decreases with decreasing slip. For instance, 
at standstill, the time between two adjacent maxi- 
mums is 1/120 of a second if a 60-cycle supply is used. 
At 10 per cent slip, however, the time between two 
ma^ums of the pulsating torque is 1/12 of a second 
and at 5 per cent slip the time has increased to >/» of a 
^ond. This has been graphically represented in Fig. 
11 for 5, 2M, IM, and 0 per cent slip. This figure 
shows, the torque due to the injected current when the 
external resistance in the secondary windings is zero 
wrrespondmg to the difference between the speed 
torque curves No. 6 and No. 1 in Fig. 10. 



Pio. 12 

a connected to the armature has 

a fmrly large amount of inertia, the average toraS 
ai^able on the motor lies about half-way between the 
duction-motor speed-torque curve and the speed- 
torque curve No. 6 in Fig. 10. If the load is morflfi 

am^^rof f 

abilitv Oftbe synchronizing 
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The above discussion has been carried on under the 
assumption that the injected e, m. f. is in pha^ with 
the e. m. f. induced in winding F, As shown above, 
this condition exists, when the brush axis coincides 
with the axis of the F winding. However, if these two 
axes are displaced by the angle a, then the injected e. 
m. f. will be a degrees displaced from the induced 
e. m. f., and the torque curve takes the shape given 
in Fig, 12. 

As the torque curve is formed by the product of in¬ 
stantaneous values of current and voltage, it must 



Fig. 13—1. Cosine Curve 

2. Sine* (90 dbg. — a/2) 


have the same shape as a watt curve for any circuit 
where the voltage and current are <x degrees displaced 
from each other. The average watt draw of such a 
circuit is given by the equation: 

^ . cos a 

EX/ — 

where S) and I represent peak values as distinguished 
from V mean® values. Therefore, the average torque 
is given by the same equation. 



Fia. 14—16 -h. p., Pour-Pole, 60-Cyclb, Thbbe-Phasb 
Motor Starting Pull-Load Torqub as Slip-Ring Induction 
Motor Using Remote Control Starter 

From this figure, it follows that the maximum torque 
is proportional to the relation: 

STsin®^90--|-) 

If the average torque due to the injected current is 
plotted as function of the brush displacement, eutve 
No. 1 in Fig. 13 is obtained; and, if the maximum 
available torque is plotted as function of the brush 
position, curve No. 2 is obtained. In either case, the 


maximum value has been called 100 per cent. These 
curves clearly show that small brush displacements, 
say zero to 30 deg. do not appreciably influence the 
sjmchronizing ability for eithw friction or inertia load. 
For a larger brush displacement, however, the syn¬ 
chronizing ability of the machine for an inertia load 
decreases quite rapidly and becomes zero at 90 deg. 
brush displacement, while for friction load under these 
conditions, a synchronous torque of about 50 per cent 
of the maximum available torque exists. 

The foregoing discussion gives in general the phenom¬ 
ena as they take place during starting and synchro¬ 
nizing periods of this new machine. Oscillograms 
taken on actual machines during the starting and syn¬ 
chronizing periods will be of interest. 

Fig. 14 gives the currents in the primary and sec¬ 
ondary circuits of the machine when connected as a 
straight induction motor with resistance in the sec¬ 
ondary; i. e., the commuted winding is not in circuit. 



Pig. 16—10-h. p., Pour-Polb, 60-Cycle, Three-Phase 
Motor Starting Pull-Load Torque Using Carbon-Pile 
Starter 

Upper OsclUowam. 15 a 
Lower Oscillogram, 15 b 

The machine, therefore, operated as a standard induc¬ 
tion motor, and the current curves given in the oscillo¬ 
gram represeinted the starting conditions of a slip-ring 
induction motor. 

Fig. 16b gives the oscillogram of the current draw 
in the primary and in the secondary of the same 
machine, as shown in Fig. 14, but with the commuted 
winding connected in series with the winding F. 

During the starting and running periods in the tests 
illustrated in Figs. 14 and 16b, the same starting re- 
sisf^ces have been used. A comparison of these two 
oscillograms shows that the new machine starts as a 
^chronous motor with a current draw not very mate- 
ri^y different from the current draw of a motor opo-- 
ating as a straight induction machine. 

The secondary current curve on Fig. 15b is of special 
interest: The frequency is high at first, then gradually 
decreases and finally changes into direct current when 
the macl^e has reached synchronism. In this figure, 
the starting resistance of the machine was purposely 
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selected of such a value that the machine could not 
run faster than 25 per cent slip when operating as an 
induction machine. On short-circuiting this resistance 
and lea.ving the commuted winding in series with the 
F winding, the machine immediately went into syn¬ 
chronous operation without abnormal current draw. 

Fig. 15a shows the starting performance of this 
type of synchronous motor with a carbon-pile starter. 

The very low current inrushes in this diagram are of 
particular interest. 


Transactions A, I. E. E. 



CVBBENT ON MOTOB ClBCDIT WhEN 

SyNCHBONOVS OpEBATION WhBN 
Jjoad is Reducbd to 150 per Cent 

V2, Dibbct-Cvbbent Pield-Voltaqe When the 
Motob Pulls Back into Step 
V3. Dibeot-Cubbent Pield-Ampbbaqe When the 
Motor Pulls Back into Step 

Fig. 16 shows a very interesting osciUogram of the 
same kmd of motor at the moment when the 
goes from induction-motor operation into synchronous 
operation with full load on the motor. 


2. ^ The inherent dip of the motor as an induction 
i^chiiie should be made as small as is consistent with 
the general design of the motor. 

3. The injected current should be as large as possi¬ 
ble. If it is about two times the full-load secondary 
current as induction motor, good commercial relations 
will be obtained on the machine when operating as a 
synchronous motor. 

If these ndes are followed, the machine will be found 
to synctocmize very smoothly, and when pulled out of 
step, vdll continue to operate very satisfactorily as an 
induction motor. 

Tests on actual machines have shown that under 
normal operating conditions, the synchro nizing torque 
IS from 90 per cent to 95 per cent of the pull-out torque 
of the machine, when operating as a synchronous 
motor. 

The vector diagram for a synchronous motor wdth 
^parate excitation and without pronounced poles 

e., with an iron circuit similar to that of an induction 
motor, is given in Fig. 18. 




Pia. 


Fig. 17-Cubbent Punctions Cubing Stabtinq Pebiod 

. ^ No Load on the Motor 

Vt. Current on the line 

1*0 MotorpSIs become Uniform imtU 

the oscillogram of the same machine, 
but Idle. Durmg this test, the starter was in 

;^mt, but throm very quickly into running posi¬ 
tion m order to be within the time limit of the film , 

conclusion of the above dis¬ 
cussion, the followmg laws are obtained: 

displacement from the field axis 
•^odd be ^e zOTo or as smaU as possible in order to 
-obtain good synchronizing characteristics. 


18 Vectob Diagbam op a Sepabatbly Excited Ideal 
Synchronous Motor 

For purposes of simplification, the assumption 
Im been made that the machine is free of all ohmic re¬ 
sistance and leakage reactance. The machine is as¬ 
sumed to be built with the primary member on the 
rotor and the secondary member on the stator. 

The resultant field in the machine is produced by 
the ^per^tums A These are of the same mag- 
mtude as the no-load ampere-turns of the maoi^iTio 
when operatmg as an induction motor. 

ne amature ampere-turns in this diagram are 
A i ay and the d-c. field ampere-turns are A 2/, 

The r^tant motor field, produced by the ampere- 
turns A while rotating in respect to the rotor wind- 
mg, IS stationary in space, as has been shown in the 
previous discussion on synchronizing torque. The 
m^itode of this field is constant if leakage reactance 
and ohmic resistance are zero. 

If (beades the polyphase winding) the armature of 
this machme carries a commuted winding, then a d-c. 
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voltage appears across the commutator brushes due to 
the rotation of the commuted winding in this stationary 
field. 

In the Pynn-Weichsel motor, the commutator 
brushes are connected to the field winding F (see Fig. 
4) and the motor is thereby made self-exciting. 

In a previous part of this paper it was shown that the 
angular displacement between brush and field axis 
materially infiuences the speed torque curve during the 


Leakage Lines due to the /t\ ^ 
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19 —Inplubnce op Abmatubb Leakage Flux on the 
Dibbct-Cubbbnt Voltage 


starting period as well as the self-synchronizing ability 
of the machine. 

From the vector diagram Fig. 18 of the separately- 
excited synchronous motor, it follows that the space 
position of resultant motor field changes with load. 
Therefore, it is readily seen that the operating charac¬ 
teristics of a self-excited motor must be a function of 
the angular displacement between brush axis and field 
axis. 

The influence of the brush displacement on the oper¬ 
ating performance of a motor of this type will not be 
discussed in this paper, as the subject has been fully 
treated in a paper by Mr. V. A. Fynn, previously pre¬ 
sented before the Spring Convention of the Institute, 
April 7-10, 1924, Birmingham, Ala,bama. 

In the above, it was assumed that the rotor leakage 
reactance and ohmic resistance were zero. In rehlity 
the ohmic resistance of the a-c. winding produces a 
voltage drop in phase with the current and the a-c. 
leakage reactance produces d drop of 90 deg. displace¬ 
ment from the current. Under different load condi¬ 
tions, both of these factors tend to change the magni¬ 
tude of the stationary field referred to above. These 
are well-known facts and can be readily considered in 
the calculations if desired. 

The a-c. leakage reactance flux not only caiises the 
stationary field to change its magnitude with different 
loads but also produces an additional voltage across 
the commutator brushes. 

This, as well as some other phenomena, especially 
the interactions caused by the d-c. armature winding, 
will be discussed in the foUowingi 


Influence op the Leakage Flux on the D-C. 
Voltage 

The arC. winding of the armature produces some 
magnetic lines which are not interlinked with the stator 
winding but which are still interlinked with the d-c.- 
armature winding. These lines are usually called the 
a-c. leakage lines. 

Fig. 19 shows the current distributions in the a-c.- 
and d-c.-armature windings, and also the general 
direction of the leakage flux, which is coaxial with the 
vector A Ta. The d-c. winding cutting this leakage 
flux, produces a voltage across the d-c. brushes which 
is given by the relation: 

lu = K sine r 

This value is positive when the angle, with respect 
to the vector A Ta lies in a direction opposite to the 
direction of the armature rotation. 

This additional d c. voltage is negative when the 
anglA T is located in the same direction as the direction 
of rotation with respect to the vector A Ta¬ 
in one case, the voltage due to leakage flux adds to 
the wiaiTi d-c. voltage and in the other ease, it sub¬ 
tracts from it. 

Besides these leakage lines produced by the a-c. 
winding, there exists a group of leakage lines produced 
by the d-c. winding. These latter lines cut the a-c. 
winding and generate a reactance voltage in the a-c. 
winding, which is approximately in opposition phase 
to the reactance voltage produced in this winding by 
its own leakage flux. 

The distribution of the leakage flux produced by the 
d-c. winding is given in Fig. 20. . 

The influence of the d-c. winding leakage flux on 
the operation of the machine is very small, because the 
armature d-c. ampere-turns are approximately 6 per 
cent of the armature a-c. ampere-tums. 



A B 

Pig. 20 


Therefore, the leakage flux produced by the armature 
d-c. ampere-turns is of the order of 10 per cent of the 
leakage lines produced by the armature a-c. ampere- 
tums, on account of the different field shapes. (See 
Fig. 20.) 

In other words, the, voltage produced by the d-c, 
leakage flux in the a-c. winding will be 10 per cent or 
less of the voltage induced in the a-c. windmg by its 
own leakage flux. Therrfore, the effect of the d-c.- 
leakage flux on the operation of the machine must be 
very small. It is evident that the d-c. leakage flux 
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cannot in any manner influence the d-c. voltage across 
the brushes, because the axis of the d-c. leakage flux 
is in line with the axis of the d-c. brushes. 

Armature Reaction op the D-C. Armature 
Winding 

The d-c.-armature winding produces ampere-turns 
in the direction of the brush axis, which remains fixed 
in space for all load conditions. Furthermore, these 
d-c. ampere-turns are connected in series with the 
stator d-c. ampere-turns. Both will increase and de- 


this can readily be cared for in the original dimen¬ 
sioning of the iron circuit when designing the machine. 

Commutation 

Two problems have to be considered under this head¬ 
ing: 

1. The commutation so far as sparldng is concerned. 

2. The influence on the operation of the machine 
of the currents flowing in the short-circuited coils un¬ 
dergoing commutation. 

The second point will first be considered, h’or a 




A \ Oirecl Current 
\-- 


Fig. 21 Ispluence op d-c.-Abmatxtbe Ccbbents on the 
Opebation op the Motobs 

.A-c.-ampere-turns A To, are Set up. neutralizing the armature d-c- 
ampere-Turns 

crease at the same rate. Therefore, the stator d-c. 
amper^t^s and the rotor d-c. ampere-turns add 
vectonally. The effect of this is that a resultant d-c. 
field IS obteined which forms a somewhat smaller angle 
mth the brush axis than the original angle between 
brush axis and field aina , 

This is shown in. Pig. 21. This diagram is drawn 
under the assumption that the magnitude of the mag- 

rela¬ 
tion to the field axis F is kept constant. The total 

vS^aT^ f ® represented by the 

vector A Ta^. This vector can be considered as being 

latter being equal and opposed to the vector AT , 

representmg the annature reaction of the d-c. wfixfiS’ 

SiSt /tf'i ! fact that urd^ M 

d any time, r: 

Stator Leakage Lines 

lint" its ifafso leakage 
Sinff 'f^ect-current, the stator leakage lines i 

w-and-teeth MucSon of a, .at o 


relations ^ represented by Fig. 22a. The ampere- 
turns, during the time of commutation zero to two, ai-e 
equal and opposed to the ampere-turns during the 
time of commutation two to four. In other word.s, 
the coil undergoing commutation produces a very 
rapidly alternating magnetic flux and the average mag¬ 
netic effect of this high-frequency alternating flux on 
the action of the machine, will be zero, as shown by 
sketches, 0,1,2,3, representing the positions of commu¬ 
tation 0,1, 2, 3 of Fig. 22a. 

However, the conditions are quite different if the 
commutating current does not follow a S3rmmetrical 
curve. Ci^es as given in Fig. 22b and Pig. 22c, are 
quite feasible. From these figures, it is seen that 
dunng the first part of commutation the positive wave 
of the current contains a much larger area than the 
negative wave representing the second part of thecom- 
mutetmg period. The result is that the field produced 
by the currents flowing in the short-circuited coils un¬ 
dergoing commutation is of a pulsating character and 
in which the field in one direction predominates. 


mni 


« 1 2 :i i 
c 



0 12 34 
A 




Commutation 





PiCf. 22 

Position. 

Time. .^ ^ ^ 

Ampere-Turns in Short Circuit Coil.. .0 + ^ 0 


The average ampere-turns produced hv »i,« * 

“fl “0-*oing co.mnSoX^ iS htdT 
Sf “’“fed to the ads otthebmhffiA r, ZjS' 
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current have tliP commutating 

of the component A T f magnitude 

mponent A T„„ and as this is not permissible, 
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it follows that the a-e.-arinature winding must set up 
ampere-turns A equal and opposed to the ampere- 
turns A Tc produced by the cturents undergoing com¬ 
mutation. This has been diagrammatically shown in 
the vector diagram Pig. 23. From this it follows that 
the cur^ts undergoing commutation have the effect 
of bringing the power factor nearer to unity. 

Besides this magnetic effect, the currents flowing in 
the short-circuited coils undergoing commutation pro- 
duce a certain amount of loss. This loss decreases 
with increasing load and is a maximum at no load. But 



Fig. 23 —Effect op Cobbent in Coils Undeegoing 
Commutation 


even imder no load, it is a very small percentage of the 
noiroal motor output, provided the commutating con¬ 
ditions are properly selected in the design of the 
machine. 

It has been shown that at no load the resultant field 
in the machine is nearly in line with the axis of the 
d-c.-field excitation and at the maximum load; i. e., 
near the breakdown point of the macbi-n e as a synchro¬ 
nous motor, the axis of the resultant field is nearly at 
right-angles to the axis of the d-c. exciting field. As 
the d-c.-brush axis is only slightly displaced from the 
d-c.-field winding axis, it follows that at no load the 
coils which undergo commutation stand nearly in line 
with the resultant field, and at maximum load are ap- Fig 
proximately 90 deg. displaced against the msultant 
field. 

Therefore, the voltage generated in the short-dr- 
cuited coil undergoing commutation is a TnaYiiyinTn at 
no load and a minimum at maximum load, so that the 
losses due to the current in the short-circuited coils 
undergoing commutation decrease with increasing load. 

Sparking 

Under the heading “Armature Reaction of d-c.- 
Armature Winding,” it was proved that under all con¬ 
ditions the d-c.-armature reaction ampere-tums are 
counterbalanced by equivalent a-c.-armature ampere- 
tums. No voltage, therefore, can be generated in the 
short-circuited coils undergoing commutation due to 
an armature reactance fiux. In ^Eus respect the 
machine operates very much the same as a d-c. 
machine in which armature reaction is perfectly 
Njeutralized. 


However, there remain two voltages in the short- 
circuited coils—No. 1. A volta^ which is due to the 
leakage reactance flux surroimding the conductor xm- 
dergoing commutation and No. 2, a voltage generated 
in the short-circuited coil by its movement in the main 
field of the machine. 

This latter voltage, as has been pointed out above, 
is a maximum at no load and is practically zero when 
the machine has reached its maximum load as a S 3 ti- 
chronous machine. By properly designing the d-e. 
winding, it is possible to hold this voltage at such a 
low value that it cannot produce commutation trouble, 
even under no load conditions. 

The leakage reactance voltage referred to under 
No. 1 is in every respect similar to the leakage reac¬ 
tance voltage in a standard d-c. machine. 

Considering the three different voltages just dis¬ 
cussed, and comparing their actions with those which 
occur in a neutralized d-c. machine, it will be found 
that this new motor from the commutating point of 
view operates in a manner similar to a neutralized 
d-c. machine in which the neutralizing winding is 
somewhat weaker than the d-c. armature reaction. 

Due to the fact that in this new type of mnr».biTiP the 
total voltage across the brushes is in all cases consider¬ 
ably below 100 volts, it is evident that the com¬ 
mutation must be perfect. 



24 CoMPABisoN OF Ampeeb-Tuen Relations in Ftnn- 
Wbichsbl and Induction Motobs 

Losses in Fynn-Wbichsbl Motor 

3 losses can be subdivided in the following manner: 

1. Primary copper losses. 

2. Iron losses in the primary member. 

3. Secondary copper losses. 

4. Copper losses in the d-c. armature winding. 

5. Friction losses. 

6. Commutating losses, including brush losses. 

7. Stray losses. 

. In order to compare these individual losses with 
those occurring in a standard induction motor, it is 
essential to compare the vector diagrams of these two 
tj^pes of machines: 

. Fig. 24 shows the vector diagram of a Fynn-Weichsel 
motor and a vector diagram of the same motor when 
running as straight induction ma nhirift , 

Vectors 0-1-2 represent the operation of the machine 
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as synchronous motor, and the vectors 0-3-1 represent 
the operation of the machine as straight induction 
motor. 

For operation as an induction motor, the vector 0-3 
represents the ampere-turns on the primary member, 
and for operation as a synchronous motor the vector 
0-2 represents the ampere-turns on the primary 
member. 

PEniARY Copper Losses 

The ratio of the length of these two vectors, D and 
C, gives a measure of the change in primary ampere- 
turns from induction motor operation to synchronous 
motor opo'ation. 

The primary copper loss of the machine operating 
as a s 3 mchronous motor, is, therefore, equal to 

I C Y 

I ^ j X the primary copper loss of the machine when 


ondaiy loss in the Fynn-Weichsel motors below the 
value expected by the ratio of vector length. 

The above train of reasoning assumes that the d-c.- 
ampere-tums, 1-2, produce under otherwise equal 
conditions the same losses as equivalent polyphase 
ampere-tums of the magnitude 1-2. The correctness 
of this assumption is proved in the appendix, No. 2. 

Iron Losses 

For an equal number of magnetic lines, the Fynn- 
Weichsel motor has, as a rule, less iron losses than the 
equivalent standard induction motor, because in the 
Fynn-Weichsel motor the iron losses are located in the 
rotating member, while in the induction motor they are 
mainly located in the stationary member. But the 
rotating member contains less iron and therefore, for 
otherwise equal conditions the iron losses will be 
smaller than in an induction motor. 


running as induction motor. 

The relation of ^ ^ ^ depends, to a large extent, on 

the power factor of the machine when operating as an 
induction motor or as a synchronous motor. CJenerally 
speaking it will be found that the primary ampere- 
tums are less in the Fynn-Weichsel motor than in the 
induction motor, Therrfore, the primary copper 
losses in the Fynn-Weichsel motor will be smaller for 
a given output than the corresponding primary copper 
loss in a standard induction motor. 

In addition to this, the mean-turn length of the pri¬ 
mary winding in the Fynn-Weichsel motor is usually 
somewhat less than the mean-turn length of the pri¬ 
mary winding of an equivalent standard induction 
motor, because in the latter case the winding is on the 
stator and in the former case the winding is on the 
rotor, thereby decreasing the mean-turn length. 


Copper Losses in the D-C. Armature* 
Winding 

The necessary voltage for excitation generated in 
the d-c.-armature winding is the result of a relatively 
high cutting velocity between this winding and a field 
stationary in space. Therefore, the number of turns 
on this winding can be made very small. From this 
it follows that the resistance of this d-c.-armature 
ending must be very small and the loss in this wind¬ 
ing will be found to be practically negligible. 

Friction and Windage Losses 

These losses are made up of: 

1. Bearing losses. 

2. Windage losses. 

3. Slip-ring friction losses, 

4. Commutator friction losses. 

Itetns 1, 2, and 3 are in every respect identical to 
those in a standard induction motor. 


Secondary Copper Losses 
In a similar manner, the losses in the secondary mem¬ 
ber, when running as a synchronous motor, are 


( B } ^ secondary coppo'losses as an induction motor. 

The secondary ampere-tums A Of the Fynn-Weichsel 
motor are usuaUy larger than the secondary ampere-, 
turns B in a standard induction motor. This does not 
mi^, however, that the secondary copper losses in the 
F^-Wdchsel motor are materially larger than the 
shp loss m an induction motor, for the following 
reasons. ® 

The secondary winding used in the Fynn-Weichsel 
motor IS of the concentric type, which has a consider¬ 
ably sho^r mean-tum length than the diamond wind- 
mg usi^y employed in induction motors. Purther- 

^ concentric winding is some- 
what bete ^ that of an equivalent diamond wind¬ 
ing, Both of these factors tend to decrease the ^- 


xiic iwsB uue to commutator tnction, however, is 
inherent to this t 3 pe of machine, but its value is small, 
as the coi^utetor has relatively small dimensions and 
can be built with a small number of segments. There¬ 
fore, the friction loss due to the commutator may be 
considered as being county-balanced by the decreased 
iron losses in this type of machine over those of a stand** 
ard induction machine. 

Commutating Losses 

There losses have been discussed in a previous chap¬ 
ter and were found to be small. 

Stray Losses 

As a distribution of the magnetic fluxes and of the 
in this type of machine are absolut^ 
id^tical to those in a standard induction motor, it 
follows that the stray losses are identical to those in 
an equivalent ifiduction motor. “ 

The above has shown that, generaUy speaking the 

bsges under full load on a Fynn-Weichrel Sr tifa 
standard induction motor must be very nearly the ^e 



Feb. 1925 


WEICHSEL: NEW ALTERNATING-CURRENT MOTOR 


19 


From this it follows that both machines can be built in 
practically the same frame sizes for equal outputs and 
that, furthermore, the efficiencies of these new matrliinAg 
cannot differ materially from those of a standard in¬ 
duction motor. A further study of the relations shows 
that there is a tendency for the losses ina Fsom-Weichsel 
motor to be slightly heavier at fractional loads and 
slightly lighter at overloads than in a standard induc- 
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Fig. 25.—^Efficiencies op 16-h. p., Four-Pole, 60-Cycle, 
Three-Phase Motors 

1. Pynn Welchsel 2. Sai4n*el-Cage 3. Slip Ring 

tion motor. This difference in losses is the result of 
the difference in .power factor under which these 
machines operate in comparison with induction motors 
for these extreme load conditions. 

Having now discussed in general the theoretical 
behavior of this new type of machine, the actual be¬ 
havior of the machine as found from tests will be of 
interest. 

Fig. 25, Fig* 26, and Fig, 27 show the efficiencies of 
actual machines compared with those of standard in- 
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operating as synchronous motor and continues to 
operate as induction motor, the power factor becomes 
lagging and reaches values similar to those of a stand¬ 
ard induction motor. The efficiency curve of this part 
of the operation is also similar to that of a standard 
induction motor. 

The change in operating characteristics of these 
machines under abnormal line and voltage conditions, 
such as high and low frequencies, follows very similar 
laws to those which are known to exist for standard 
induction motors. A detailed discussion on this sub- 
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Fig. 27—^Efficiencies of 75-h. p., Six-Pole, 60-Cyclb, 
Three-Phase Motors 
1. Fynn-Weichsel 2. Sqxiirrel-Cage and Slip Ring 


ject will be found in a paper read before the Franklin 
Institute, October 30, 1924, and also in the Iron and 
Steel Engineer of April, 1924. 

As this new machine operates with leading power 
factor over its normal working range, it follows tiiat it 
dravra leading magnetizing ciurent which will subtract 
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Pig. 26—^Efficiencies of 30-h. p., Eight-Pole, 60-Cyclb, 
Three-Phase Motors 

1 . Fynn-Weichsel 2. Sguirrel-Oago 3. Slip Ring 


duction motors. It will be seen that these perform¬ 
ances compare quite favorably. 

Fig. 28 gives the perfonnance of a 76-h. p. 1200 rev. 
per min. motor and also the perfonnance of a 15-h. p. 
four-pole motor. These curves show that, similar to 
induction motors, tiie efficiencies increase with increas¬ 
ing h. p. capacities. They further show the general 
characteristic of tibe powar-factor curve of this type 
of machine, which is somewhat lading at full load and 
becomes more leading at fractional loads. When the 
breakdown as a synchronous motor occurs, tiie power 
factor is near unity. After the machine has stopped 



Fia. 28—CoMPAHiBON OP Power Factor and Eppicienct 
OP Fynn-Weichsel Motors 

from the lagging magnetizing current taken by induc¬ 
tion motors, and if an installation consists of induction 
motors and motors of this new type, it is evident that 
the resultant magnetizing current of this installation 
can be greatly reduced. By properly selecting the 
relations of the Fsmn-'Weichsel motors and the induc¬ 
tion motors, it is possible to obtain unity power factor 
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or any other desired power factor over the whole load 
range of the installation. 

As the variation of the wattless leading current of 
a Fynn-Weichsel motor and of the wattless lagging cur¬ 
rent of an induction motor as a function of load follows 
similar laws, the power factor of the whole installa¬ 
tion consisting of Fynn-Weiehsel and induction motors 
will not alter materially with change in load. Tests 
have shown that, for instance, a 15-h. p. four-pole in- 



Fig. 29—15-h.p. Motor Operating Wet Grinders 


It will be found that an installation whose power 
factor is corrected in this manner as a rule requires 
less energy draw from the line than when the power 
factor correction is obtained by simply adding to the 
installation some idle-running corrective devices. 

In Appendix No. 3 a calculation is given showing 
how much the efficiency of the Fynn-Weichsel motors 
can be below that of the replaced squirrel-cage motors 
and still give the same overall efficiency of the installa¬ 
tion which would exist when the same installation has 
its power factor corrected by idle-running corrective 
devices. 

These tables show clearly that the allowable decrease 
in the Fynn-Weiehsel motor efficiency over the squirrel- 
cage motor efficiency is very large. But in a previous 
chapter, it has been shown that the efficiency of this 
new type of machine compares very favorably with the 
efficiencies of standard induction motors. Therefore, 
the overall efficiencies of an installation consisting of a 
combination of induction and Fynn-Weichsel motors, 
will be in most cases better than the overall efficiency 
of an induction motor installation corrected by idle- 
running corrective devices. 

In closing, a description of a few actual installations 
will be given. 

Fig. 29 shows a F3mn-Weichsel motor driving a set 
of grinders. This installation is particularly interest¬ 
ing, as the load on the grinders is such that very fre¬ 
quently the motor is greatly overloaded and thereby 


duction motor operating in parallel with a four-pole, 
15-h. p. Fynn-Weichsel motor produces unity power 
factor over the whole load range when both motors are 
equally loaded as well as when both motors are loaded 
differently. Detail information on this subject will 
also be found in the above mentioned Iron and Steel 
Electrical Engineer. 

Application op the Motor 
From what has been said in the preceding para¬ 
graph, it follows that the most desirable mannor of 
usmg th^e machines in an installation consists in the 
combination of these motors with standard induction 
motors and in selecting the ratios of the Fynn-Weichsel 
motOT ^pacity to the remaining induction motor ca- 
paaty m rach a manner as to obtain the desired power 
f^tor m the installation. In laying out a new installa¬ 
tion, It IS qmte simple to select this ratio in the de- 
Sired manner. 

In an ^ng Mlation, it is advisable to remove 
motors, especially those which 
produ^ the largest magnetizing current, and to replace 
tiiem by motors of the Fynn-Weiehsel type. ^ 

In ca^ wh^ old installations must be enlarged 
1 IS possible to mstall, in the newsection, Fyim-Weichsel 
motors and m this manner to-obtin tte dS 
power-factor correction. ° 



30—Power Factor and kw. Input op 1.T-i,.p. Motok, 
Operating Wet Grinders 


IS pulled out of step; and after the heavy overload is 
r^oved the motor immediately goes back into syn¬ 
chronous operation. 

Mg. 30 shows the kilowatt input and power factor 
de^d ^ ^ conditions 

Mg. 31 shows m installation where the motor oper¬ 
ates a large drawmg press. Here also heavy overloads 
occur extremely frequently. ^ overloads 

Mg. 32 is a view of an installation in a marble cutting 
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plant. In this ease, the constant speed of the manViitiA 
has proven to be of exceptional value as the grade of 
polishing obtained is, to a large extent, dependent 
upon the imifonnity of the speed with which this 
polishing operation is performed. 

Another interesting feature of this installation is 
the large fly-wheel action of the grinding disks. It 



Pia. 31—7 }^-h.p. Motor Opbratino Larob Drawino Press 

requires in the neighborhood of one minute to bring 
these large disks up to speed, and in spite of this heavy 
inertia, neither starting nor running difficulties of any 
kind have been experienced. 

Pig. 33 shows a view of an installation in a cement 



Pig. 32—76-h. p. Motor Operating Marble- Working 
Machine 

mfll. In this case the F3mn-Weichsei motor is oper¬ 
ating sack-filling machines. 

A great many other installations are in operation, 
such as motor-dri'veu ice machines, compressors, 
machine shops, wire-drawing machines, and many 
other machines found in a variety of industri^. It 
would lead too far to discuss in detail these installations. 


Appendix No. 1 

In the following, the derivation of the law is given 
which governs the torque of a polyphase machine at 
any instant. This law reads: 

In a polyphase machine the torque at any moment 
produced by the current in a secondary phase is equal 
to the product of the instantaneous value of the cur¬ 
rent in this phase and the instantaneous value of an 
imaginary voltage whose magnitude is equal to the 
voltage induced in the secondary at standstill. This 



Pig. 33—25-h.p., rJix-PoLB Motor Operating Bag-Filling 
Machine in Cement Mill 

imaginary voltage has a frequency equal to the fre¬ 
quency of the secondary current. The phase relation 
of this voltage in respect to the secondary current is 
equal to the phase relation of the secondary current 
and the actual existing induced secondary voltage at 
the speed under consideration. 

Use was made of this law in a previous chapter, 
in which the torque relations in the machine were 
discussed. 

Assuming that the rotor is the primary member 
and the stator is the secondary member, and that the 
machine has neither ohmic resistance nor reactance 
in the primary, then the field produced by the primary 



has a definite magnitude and rotates in ^ce at all 
rotor speeds except synchronous i^eed. 

Fig. 34 represents the rotating field, N R,a.t a given 
moment.' It can be decomposed into a component 
Na, vortical to the axis of the winding F and the field 
Nh, parallel to the axis of the secondary winding F. 
The currents flowing in the winding F must produce a 
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torqu.® 


with the field component Na, because Na and 


° a-t right-angles to each other, but F 

"^^nn.o'fc torque with the field Nb. 

these component fields, and Nb, are 
,. „gi,-fcixig in time, but are 90 electrical degrees phase 

displa^^^^ from each other. 

* Th® "torque produced at any moment by the inter¬ 
action- currents flowing in the F winding with the 

field component Na is given by the following pro¬ 
portionality: 

Tp, = ip. XNa,XS (1) 

where CTp-t = the torque at any moment. 

'ivt — the current in the F winding at any 


moment. 

s = the turns in the F winding. 
iS 7‘«4 = magnitude of the field component in the 
A axis at the moment t. 

Above it was shorn that Nat follows the law: 

_ iVo. = ?7«sine (2 7r/,i) (2) 

where iV** = the maximum "value of the field com¬ 
ponent in the axis A. 
foe — the frequency of the flux Na> 


1 



This -value, substitated in the equation 1 gives: 

Tvt = ip. X Na sine (2 ir/, <) X 8 (3) 

In "fclie beginning it was shown that the maximum 
of the -fcwo components, Na and Nb, are alike. There¬ 
fore, "We can also write: 

Tf. = ip. X^bXsX sine (2 ir/, s t) (4) 

magnetic flux Nb can be expressed in terms of 
the vol-fcage induced in the F winding when the arma- 
tmre is a-fc standsiffl by: 

Ea=NbXsx2irfb (5) 

where equals the frequency of the flux Nb with 
arma-t-ure at standstill. 

By sol-ving ihe above equation for Iv 4 and "substitu¬ 
ting i-fc equation No. 4 , it follows: 


. Ea 


2 ^/. 


sine (2vfat) 


( 6 ) 


equation is nothing more than a mathematical 
of the law stated in the beginning of this 
th^^t» The correctness of this law is proven 

^ Appendix No. 2 

for made in the main article that, 

^erwise equal conditions, the losses in the d-c.- 


exciting-winding are equal to those of a polsrphase 
winding if the ampere-tums vectors in both cases have 
the same magnitude. This can be shown as follows: 

Fig. 35 shows vectorially the currents flowing in the 
three-phase secondary of an induction motor. At the 
moment when one of these currents, 0-1, is zero, the 
currents in the two other phases have a value corre¬ 
sponding to their projections on the axis 0-4, and are 
equal, their numerical value being: 

/. \/3/2 

If the resistance of one phase is given by r, then the 
loss in these two "windings at this moment is given by 
P X S/2 X2X r, but this is equal to the polyphase 
current loss in all three secondary witidings. 

If the condition for the moment given above for 
which the current 0-1 is zero is imitated by sending 
direct current through the two other phases, and 
selecting the direct-current so that it is of the same 
magnitude as the polyphase currents at the moment 
under discussion, then the loss must be equal to the 
total loss in the three-phase winding. As the magni¬ 
tude of the rotating field is assumed to be of constant 
value, it follows that a d-c.-winding producing the 
same magnetization as a polyphase winding causes, 
imder otherwise equal conditions, the same amount of 
loss. 

A similar train of thought proves that the same 
relations also exist if standard two-phase windings or 
if any other combination of polyphase windings are 
used. 

The copper loss due to the d-c. exciting current in 
a s 3 mehronous motor is, therefore, equal to the copper 
loss of the secondary "winding of a polyphase motor 
pro'vided both windings are so selected as to produce 
the same magnetic flux, i. e., the same ampere-tums, 
and further assuming that both windings have the 
same mean-turn length and the same copper section 
per slot. But if the d-c. winding is so constructed as 
to have a smaller mean turn length and a larger copper 
section Ilian the polsqihase winding, then the d-c. exci¬ 
ting loss is less than the loss due to the polsrphase 
exciting ampere-turns. 

Appendix No. 3 

.An installation assumed to operate with a certain 
power factor and current draw, is represented in Fig. 
36 by the vector 01. If this installation has its power 
factor corrected by having an apparatus operated in 
parallel which produces a leading current, IC, then 
the phase displacement of the resultant current is given 
by the vector 0 (7 in respect to voltage vector 0 E. 

This diagram assumes that no losses whatsoever 
occur in the idle running phase correcting de"vice. In 
reality, a cai;ain amount of loss exists in the phase 
correcting device and its loss may be represented by 
the line CD. The real phase displacement of the 
resultant current in this installation would then be 
given by the angle between the line 0 D and the voltage 
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0 E, but this phase displacement is so nearly equal to 
the phase displacement between vector 0 C and 0 E 
that no difference between these two phase displace¬ 
ments will be made in the following discussion. The 
loss m the phase-correcting device is given by the line 
CD, which is called a. The relation between kv-a.- 
input and loss in the phase correcting device is given 
by the expression: a = p X R. K-V. A. = p x C, 
where C equals length C I, and p is a constant. 

If the same correction is obtained by removing 
a number of induction motors and replacing them by 
Fynn-Weischsel motors which have a leading phase 
displacement then the vector diagram is given by 
the lines 0-3-C. This assumes that all induction motors 
operate with a power factor equal to the power factor 
of the installation and that the Fynn-Weichsel motors 
have the same efficiency as the induction motors which 
they replace. The kw-input of the Fynn-Weichsel 
motors under this assumption is given by the vector 3-1. 

In order to operate this installation with the same 
overall efficiency, i. e., the same total losses as the 
first mentioned installation, the power factor of which 
was corrected by idle-running-phase corrective devices, 
the input to the Fynn-Weichsel motors for the same 
output as before must be represented by the vector 
3-2, where 1-2 is equal to C jD = a. 

Let 3-1 be equal to b and I-l equal to k, and 1-C 

equal to m. ■ 

The efficiency of the replaced induction motors is 


given by vi 


efficiency of the Fynn- 

0 


As a = C X p, it follows that 


and from the diagram it is knovm that C = m + k. 

„ a C X p f m k \ 
Therefore,— = — = + "F ) 


m k 
—— 


tang. and * 


tang, (j). 



PER CENT 


Fig. 37 


/ T\ m ^ 1_L. 




^ c * C-I * a+k 


Fig. 36 

Weichsel motors, in order to obtain the same overall 
efficiency as in the first mentioned installation, is given 

, From this it follows that the ratio 

W Ifj2 - 6 + a * ’ 

of the efficiencies is equal to: 

m __ ^ —- 

" & + a 1 +_JL 


This introduced in the above equation gives the relation: 

/_1_) 

’;2 = ’ll + p (tang. <t> -f tang. 4^^) / 

This is a correct equation if the angle is mtroduc^, 
but a small error is made if this angle is replaced by 
the angle An error made in this manner has the 
tendency to make the allowable efficiency calculated 
by this equation somewhat smaller than the re 
aUowable efficiency. This error is, however, very 

^^By aid of this equation, the curves in Fi^. 37 and 38 
have been calculated and the allowable drop in effi¬ 
ciency of the Fynn-Weichsel motor below &e efficiency 
of the replaced squirrel-cage motor, has been plotted 
as ordinates and the power factor of the installation 
before corrective features were added, has been plotte 

^'MS'of curves have been calculated assuming 
the Fynn-Weichsel motor operating at leading power 
faLrfof 70, 80, 90, and 95 per cent. The sete 
^ and 12 per cent loss in the idle- 

(SiS c -c^e ’deXe the 

S^wer faetor as the IVm-Waictel 
lation. The use of these curves is as f oUows. 
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Assuming an installation with a power factor of 60 
per cent. The power factor of the Installation is to be 
improved to any desired value by the use of Fynn- 
Weichsel motors which operate with a leading power 
factor of 80 i)er cent. 

The allowable decrease in efficiency of these motors 
below the efficiency of the replaced squirrel-cage 
motors is 6.9 per cent., as shown by Fig. 38, provided 
the overall efficiency of the installation is the same as if 
its power factor were corrected by the use of an idle- 
running phase correcting device which consumes 3-kw. for 
every 100-kv-a. reactive furnished. 

If the idle-running phase correcting device has a 12 
per cent loss and the conditions otherwise remain the 
same, then the efficiency of the F^nn-Weichsel motors 
could be 20 per cent below the efficiency of the re¬ 
placed squirrel-cage machines. 

These curves have been derived under the assumption 
that the induction motors which were replaced by Fynn- 
Weichsel motors operate with a power factor equal to 
the average power factor of the installation. In most 
cases, however, it will be found that, in an actual in¬ 
stallation, some motors operate with better and others 
with poorer power factor than the average power factor 
of the installation. 



PER CENT 


Pio. 38 


A vector diagram is given in Fig. 39a of an instal¬ 
lation, considering the load of the individual motors. 
If it is intended to correct the power factor in this 
insolation, it is advisable to remove those motors 
which require the largest amount of magnetizing current 
and replace them by machines of this new t 3 q)e. 

Fig. 39b shows the vector diagram of the installation 


after the induction motors reqmring the largest magnet¬ 
izing current have been replaced by the new tsrpe of 
motor. It will be seen that the capacity of the Fynn- 
Weichsel motors required in this case is considerably 
smaller than the capacity of Fynn-Weichsel motors 
required when all induction machines of the original 
installation operate at a power factor equal to the 
average power factor of the installation. 



DiAaBA.M A Diaobam B 

Fio. 39 

From this it follows that in most cases the allowable 
decrease in the efficiency of the Fynn-Weichsel motors, 
below that of the replaced induction motors can be 
considerably larger than found from the curves given 
in Figs. 37 and 38. 

For instance,.if, due to the replacement of the motors 
which have considerably poorer power factor than the 
average power factor of the installation, the size of the 
Fynn-Weichsel motors has been reduced to one-half 
the value required if all motors have a power factor 
equal to the power factor of the installation, then the 
allowable drop in efficiency is twice the value which 
is found from the curves in Figs. 37 and 38. 

In addition to this, it must not be overlooked that if 
the power-factor correction is obtained by replacing 
some of the induction motors by the new type of 
machine, it is possible to operate a large percentage 
of the wiring in the installation at unity power factor 
or thereabout. In this manner, the copper losses in 
the wiring system of the installation itself are quite 
materially decreased, a condition which does not 
necessarily exist in cases where the power-factor cor¬ 
rection is accomplished by idle running phase-cor¬ 
recting devices. 

A measure of the kv-a. rating of the required Fynn- 
Weichsel motors and of the idle running corrective 
device needed for accomplishing the same power- 
factor correction, is givfen by the vectors 3-6 and 6-7, 
respectively. 

The cost of any electrical machine is a function of its 
kv-a. rating. Therefore, the lengUi of the vectors 
6-3 and 6-7 respectively can be readily used for deter¬ 
mining the cost of a Fynn-Weichsel motor equipment 
and a corresponding idle-running corrective device. 
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Discussion 

C- F« Scotts It happened to be my lot to be associated with 
Mr. Tesla in his early work in the development of his polyphase 
motor. I remember very well his statement that his motors were 
of two kinds: the synchronous motor, a splendid motor to run; 
and the induction motor, which he called a torque motor, that 
would start. The difficulty with the synchronous motor was 
first to get it started and second to excite it. The difficulty with 
the induction motor, primarily, was the lagging or magnetizing 
or exciting current which it required. That lagging current was a 
mysterious sort of thing; it was the practise to attribute any¬ 
thing we didn’t understand in those early days to “lag.** 

A recent letter from Mr. Weichsel said that a score of years ago, 
when we were together in the Westinghouse Company in Pitts¬ 
burgh, he attended one of the lectures that I gave to the students 
and remembered how I used yellow chalk horizontally for one 
kind of current and red chalk vertically for the other kind, and it 
gave him a clearness of conception of what was going on in cir¬ 
cuits and an interest in it which continued. So maybe I can 
claim a sort of fatherly connection to the new motor, which is 
really a combination in one structure of those early beginnings 
which Tesla described as the torque motor and the synchronous 
motor. 

The new motor has some rather striking and commendable 
features. The general simplicity is notable. The motor com¬ 
bines the starting characteristics of the induction motor and the 
running characteristics of the synchronous motor. It is two 
motors in one. It is self-contained; it has no outside exciter. 
There is an automatic transfer from one function ot the other, 
without any action of the attendant. It is simple in construction, 
with very simple additions or modifications to the regular induc¬ 
tion motor. 

In its construction, in its auxiliaries, in its operation, it is a 
simple and admirable machine, and to those of us who, back be¬ 
fore these things were evolved, have contemplated the difficulties 
in the problem, and the great desideratum in getting a combina¬ 
tion of these two motors in one simple arrangement, this solution 
is a most delightful one. Prom the engineering, inventive 
standpoint, it is a fine thing. And, to get a performance which is 
substantially that of the induction motor and of the synchronous 
motor, with some advantages, in connection with each, is a 
splendid result. 

W. L. Upson: This paper is a discussion of the design and 
operating characteristics of the now well-lmown Pynn-Weichsel 
motor and does not particularly go into the question of the 
demands for a power-factor-correcting motor. This latter sub¬ 
ject has been quite fully discussed elsewhere. Fortunately this 
motor has now been in service long enough to establish its ability 
to do what is claimed'for it and to demonstrate that what might 
seem like complications of structure are really of insignificant 
importance. Certainly any quantity of electrical apparatus 
containing as many or more complicated features is in constant 
use and accepted without question in practise. However, it is of 
interest to note that of these so-called complications the commu¬ 
tator, for instance, is actually much less of a problem in this 
motor than it is in other machines in general. 

To my mind, by far the most interesting feature of the design 
of this motor is its small air-gap: a synchronous motor with an 
induction-motor air-gap. For some years I have been an ad¬ 
vocate of smaller gaps and have felt that it was possible for the 
designer to obtain substantial advantages by working in this 
direction. In this connection I wish to quote from a discussion 
by Mr. H. M. Hobart contained in the Transactions of the 
Institute, Vol. XXXII, p. 1695, 1913. 

“Any proposition to consider the design of synchronous motors 
along the lines of the design of induction motors has always been 
handicapped by the necessity of a change of hands, as to who 
should design it, and bring about the evolution of the synchro¬ 


nous motor into a decent machine. It is at present an absurd 

caricature of what it might be. I believe that the 

synchronous motor can be used to great advantage in much 
smaller sizes than has heretofore been considered desirable, 
in sizes which will lap over into the field that has been generally 
held by common consent to belong to the induction motor. If 
only the synchronous motor could be designed by induction- 
motor designers, working on the lines which have enabled them to 
see just what is needed for these starting and running-up condi¬ 
tions, the result would be for the good,** and Mr. P. D. New¬ 
berry, taking part in the same discussion, admits the unsatis¬ 
factory development of the synchronous motor but imputes it to 
“the difference in the magnetizing current required by well a de¬ 
signed induction motor and a well designed synchronous motor.’* 

It is true that a salient-pole synchronous motor would have an 
advantage over one with a round-rotor field providing both had 
the same air-gaps and both were of standard design, but in this 
new motor we have the restricted gap which, apparently for the 
first time, fulfils the desire expressed by Mr. Hobart, and in 
addition we have a self-exciting feature which practically over¬ 
comes the disadvantages usually encountered due to armature 
reaction. It would therefore seem highly desirable if we could 
have a comparative study of a Pynn-Weichsel motor and a stand¬ 
ard salient-pole synchronous motor. The former exhibits such 
remarkable synchronizing power that it would appear that this 
feature might be made the basis of such a comparative study. 
It would be interesting to compare these motors on the basis of 
weight for equal capacities. On the basis of efficiency, the 
Fynn-Weichsel motor has every advantage, even that of commu¬ 
tator losses, if we lake into consideration, as we should, the 
source of d-c. supply required by the standard synchronous 
motor. 

There is one other feature I should like to mention, and that is 
that this motorroquires a somewhat longer shaft between bearings 
than do other motors, and with the small gap, this becomes a 
feature in the mechanical design of considerable importance. 
The rotor must be truely centered, the shaft must be stiff and the 
bearings must not be subject to wear. These conditions might 
naturally be expected to add somewhat to the cost of the motor. 
However, there seems to be no good reason why they should not 
be met. 

R* £» Ferris: With the operating men with whom I have 
talked, the cost of maintenance and continuity of service is a 
very important factor, of first importance, you might say. 
Therefore, it seems to me that all complications possible should 
be omitted, even at the expense of slightly reduced desirable 
operating characteristics. 

There is one thing that has been introduced in this motor, and 
that is a double winding. As a d-c. designer, I have tried to 
avoid double windings consistently. When we got into the 
higher voltages, we were almost of necessity driven to double 
windings, especially on machines of lower capacity. However, 

I have even gone to the extent of designing two separate arma¬ 
tures, separating the commutators, and in that way the windings, 
in order to avoid, what seemed to me, the complication of a 
double winding* 

L. M. Perkins: The Pynn-Weichsel motor or any high-power 
power-factor motor must cost more than a simple induction 
motor. It cannot be made to cost less, because it is exactly like 
the induction motor, with the addition of a commutator and 
extra brushes and winding. 

♦ The higher energy cost is inherent in the high-power-factor 
motor. If the motor has a high power factor, it m^ans that the 
secondary current is thrown out of phase, very decidedly, with 
the field flux of the motor and, therefore, the torque for a given 
current and a given field is markedly decreased. The higher the 
power factor, the more this torque will be decreased. In addi¬ 
tion to this, of course, there are the commutator and brush losses 
which again decrease the efficiency. 
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In Ms paper, Mr. Weiohsel brings up a comparison of efficien¬ 
cies or copper losses of the Fynn-Weichsel motor as against the 
plain induction motor. This appears in Pig. 24. While D 
is the primary current of the ordinary motor and C is the primary 
current of the Pynn-Weichsel motor, D is the current which flows 
in the stator winding and, therefore, the large winding of the nor¬ 
mal motor, while C is the current which flows in the rotor wind¬ 
ing or small winding of the Fynn-Weichsel motor. On the other 
hand, B is the current which flows in the rotor winding of the 
ordinary motor, while A is the current which flows in the stator 
winding of the Fynn-Weichsel. Therefore, A and D should be 
compared while C and B are also compared. C and B cannot 
differ very much, but A is much larger than D, and therefore 
entails much higher loss. 

In addition to that, the point made about the concentric wind¬ 
ing used in the stator of the Pynn-Weichsel motor can also be 
applied, of course, to the induction motor which can also use a 
concentric winding. 

Further than this, the examples chosen, comparing the Fynn- 
Weichsel motor with the synchronous condenser, are not the 
most practical conditions because the Fynn-Weichsel is, in 
general, built in smaller sizes, and in those smaller sizes the com¬ 
mercial comparison will be made not between the Fynn-Weichsel 
and the synchronous condenser, but between the Pynn-Weichsel 
and the static condenser which has very low losses. For this 
reason, the Fynn-Weichsel motor cannot have a greater loss 
than the ectuivalent induction motor, without suffering a loss of 
©ffioiency of the system. 

W. C. Kalb: In considering a motor of the type described by 
Mr. Weiohsel there is one factor which should not be lost sight of, 
and that is the peculiarity of the operating characteristics of the 
motor when meeting overload conditions. On certain applica¬ 
tions this represents a distinct advantage and may give the motor 
a preference over other types. 

As a specific case, I have in mind a certain mill where it is 
essential that a product be ground to unifoim mesh. The 
objection to an induction motor is that this apparatus is operated 
by unskilled labor, incapable of judging its operation by watch¬ 
ing. any form of indicating meter, and that the fineness of the 
material imoduood varies with the speed. As the mill becomes 
overloaded by too rapid feeding on the part of the operator, the 
drop in speed is gradual; it does not call itself to the attention of 
the operator by a change in tone, and variation in mesh results. 
The synchronous motor would be ideal from the standpoint of 
uniform speed, but the objection to it is that when the overload 
point is reached, the motor drops its load and the material 
circulating through the separating system drops back into the 
mill, stalling it completely, and making it necessary to open the 
mill and remove the charge. 

With the peculiar characteristics of the Fynn-Weichsel motor, 
when this overload condition is reached the motor drops into 
induction operation at a sufficiently rapid rate so that the change in 
tone of the mill is noticeable. The operator at once recognizes 
that his machine is overloaded, ceases feeding until it has time to 
clear the load, and then proceeds without interruption and with 
but a momentary disturbance of the uniformity of his product. 

F. G. Baums The operating men and the designing engineers 
know that the induction motor as it is today and will probably 
continue for a long time is what might be called “the brute of the 
electrical system, ’ ’ That is, the induction motor not only throws 
on the kilowatt-hour load, but throws onto the system a kv-a. 
load which pulls down the voltage of the system* That burden 
that it throws onto the system, lot us say, by making a power 
factor 0.80 in place of 1.00, may increase the current 25 per cent, 
which may increase the losses, say, 50 per cent in our trans¬ 
formers, in our transmission and in our generators. We have 
then to take account of the losses all the way through to the 
power station- 

In the design of the generators, the worst thing that the genera¬ 


tor designers have had to contend with in the last twenty-five 
years has been this question of the power factor. Low power 
factor not only adds a burden all the way through but we must 
carry probably 50 per cent higher excitation on the generators 
than we would for unity power factor. For example, we may 
have the generators excited for 100 amperes at open-circuit 
voltage, 200 amperes for unity power factor, and 300 amperes for 
power factor of 0.80, The high field called for by the low power 
factor is a menace to the system and it is, you might say, a 
pointed gun presented to cause trouble in case anything happens. 

Anything that will tend to correct that, of course, will be 
beneficial. I have for years been hopeful that the synchronous- 
motor designers would design small units, and I believe they 
are doing that more and more. I think we are going to see 
more of that done in the future, for I believe we would have an 
entirely different kind of power system if we could get rid of this 
“brute” action of the induction motor on the power system. 
Such work as Fynn and Weichsel are doing is therefore of general 
interest to the electric power industry. 

R. E. Doherty: I think-there is no question whatever that 
in those cases of application in practise where the particular 
characteristics which these motors have are required and where 
the economies of the situation justify the investment, they have, 
a real field. Those facts will determine, of course, the extent of 
the application. 

With reference to the historical sketches of Professor Upson, 
which I believe dated back to 1913, I would call attention to the 
fact that very material progress has been made in the design of 
synchronous motors since that date. Whether in the future the 
synchronous motor is going to be further developed and this 
question of power factor solved by a simplified synchronous 
motor, or whether it is going to be solved by some form of com¬ 
mutator motor, will depend altogether upon the economic factors 
in the situation and the requirements of the loads. 

A. M. MacCutcheons I would like to ask Mr. Weichsel how 
the resistance is automatically out out in starting this motor. 

It seems to me that this type of motor surely has its place. I 
think Mr. Weiohsel said that the cost of the motor was some 15 
per cent, on the average, over that of a slip-ring motor of equal 
capacity. We all appreciate the increase in the price of a slip¬ 
ring motor over the very simple squirrel-cage. We appreciate 
that there are some disadvantages to the commutator, and to the 
extra windings. As a previous commentor has said, we must 
equate between the additional cost and the additional advantages. 

I suggest as a new idea that if we are going to go to the com¬ 
mutator, possibly we can correct the power factor either by a 
large size motor of this type or by a synchronous motor, if that is 
more economical, driving a direct-current generator and have a 
certain number of direct-current motors in a plant with all their 
consequent advantages. 

Some eight years ago, I think, a good many felt that the day of 
the direct-current motor had passed. If I interpret the tendency 
in the commercial field today aright, there is a very decided tend¬ 
ency to use both alternating and direct current in any large plant 
as the ideal system. There are still many things that can be 
done with the direct-current motor which cannot be done with 
the very excellent Fynn-Weichsel motor. Therefore, if we in¬ 
crease the power factor by some form of large unit, either a 
Fynn-Weichsel motor or a synchronous motor, which could bo 
easily maintained and inspected, it might be more economical 
than a large number of Fynn-Weichsel motors distributed 
throughout the plant, and we would have direct-current as well, 
with its very obvious advantages. 

C. F. Scott s I don’t know that we all recognize the funda¬ 
mental basis of this discussion on motors. It happens that 
Faraday and Henry when they invented electromagnetic induc¬ 
tion put in two things: motion, and magnetic field. Those two 
things—the motion and the field—for producing electromotive 
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force are the fundamentals of our electromagnetic machinery. 
Without the field, a generator or a motor is helpless. 

We have been much troubled about the field. Alternators 
have exciters as a matter of course. The motor, too, must have 
its field and the question is: Can we produce that field more 
economically locally at the motor by having permanent magnets, 
by providing direct ciurrent for excitation from a battery or an 
exciter, or can we bring the exciting current in the form of alter¬ 
nating current (lagging or “wattless”) from our alternator which 
supplies the in-phase power current? If we take magnetization 
for the motor from the alternator, we subtract from its magneti¬ 
zation and we must, as Mr. Baum says, put more d-c. excitation 
into the generator. We must produce somewhere the excitation 
for every machine in the system. One way is to produce all the 
excitation (as well as all the “motion”) back in the power-house 
by putting in a bigger exciter and supplying magnetizing current 
through alternating mains. Another way is that of the motors 
described today, in which the commutator makes the motor self¬ 
exciting. 

We are content to supply the motion, the power, the turbine, 
but everybody thinks it is all wrong that we should have to supply 
the magnetization. If Faraday and Henry had done differently 
we might do differently too, but as things stand we must supply 
both. 

C. H* Sonnta^s The Portland cement industry, with which 
the writer is identified, is one of those in which efficiency and 
high power factor in power transmission have been somewhat 
sacrificed to secure the greatest possible continuity of mill opera¬ 
tion. This is particularly true in the case of the smaller motors. 
The tendency in recent years towards larger grinding machines 
has carried with it the demand for larger motors, which for 
application to individual machines now range in size from 75 
h. p. to 500 h. p. Of these, the smaller ones are of the slow- 
speed squirrel-cage type, usually running at about 500 rev. per 
min. and so having only a moderately high power factor, while 
the large motors are usually of the synchronous type, which can 
be operated with leading current. 

If these were the only motors to bo run, the power factor of the 
system could be kept at a very satisfactory point. Unfortunately 
a cement mill needs a large number of small motors to drive 
conveyors, elevators, packers, kilns and other necessary ma¬ 
chines. These motors will range in size from 5 to 25 h. p. or 
more, and to avoid excessive speed reduction, will run at a mod¬ 
erate speed—say about 700 rev. per. min. 

The effect of these small slow-speed motors on the system 
power factor would be bad enough, even if they were fully loaded. 
But tho cement-mill operator has learned from experience that 
such drives are frequently heavily over-loaded, due to slides of 
cement, accidental or necessary stoppages, and the general tend¬ 
ency of unskilled help to overload equipment. It is a peculiar 
fact that a screw conveyor handling cement, ground limestone or 
similar material will carry a very large load without excessive 
power demand as long as the material is kept moving, for the air 
that is mixed with the powder makes it almost as mobile as a 
liquid. But if the loaded conveyor is stopped for a few minutes, 
so that the contents have a chance to settle and pack, it will be 
found impossible to start it, if of any length, with a motor that is 
only large enough to run it as long as it is in motion. Such 
drives are usually over-motored at least 50 per cent, sometimes 
more, and the effect on the power factor can be imagined. 

The cement manufacturer would welcome some way to cor¬ 
rect for the low power factor of these small drives, and this way is 
now offered through the use of the Fynn-Weichsel motor that has 
just been described. What is needed is a* machine that is rea¬ 
sonably simple so that the brutal treatment it will receive, 
and the constant presence of cement dust in the air will not put 
it but of business, and that does not require separate excitation. 
The Pynn-Weichsel motor is, in the writer's opinion, such a 
machine. 


Some may think that the presence of a commutator makes this 
motor undesirable for use in dusty places. So far as the dusts 
found in cement-mill practise are concerned, this conclusion is 
not borne out by the facts. The commutator, instead of being 
cut and scored away by the dust, is given a high polish, and stays 
in excellent condition. When electric drive was first introduced 
into cement-mill practise, it was by the use of direct-current 
motors, and the excellent records made by the commutators of 
these old machines are still a matter of comment by those who 
were familiar with them. 

Recently the writer had an opportunity to made a complete 
graphic record of the performance of one of the department cir¬ 
cuits of a cement mill, on which were four 25^h. p., 1200 rev. per 
min., Pynn-Weichsel motors, together with seventeen squirrel-cage 
motors ranging in size from 50 to 5 h. p., most of them only half- 
loaded, and running at 690 rev. per min. The circuit was at 440 
volts, three phase, 60 cycles. The Pynn-Weichsel motors were each 
driving, by direct connection through a flexible coupling, a three- 
tube Bates packer, which is a machine for filling bulk cement into 
bags. The average load on each was about 20 h. p. The other 
motors were driving screw conveyors, elevators, dust-collecting 
fans and a bag-cleaning wheel. 

The sections of simultaneous charts from the graphic watt¬ 
meter and power factor meter shown herewith in Pigs. 1 and 2 
give a very good idea of the influence of the Pynn-Weichsel 
motors on the power factor of the circuit. The entire record is 
too long to show satisfactorily, so only the important parts are 
exhibited. The curves are somewhat irregular, because the 
entire equipment was working under commercial rather than 
laboratory conditions. 

A number of squirrel-cage motors were started in order to get 
enough current through the power-factor meter to insure positive 
operation. The first was a 50-h. p. fan motor, partly loaded with 
a power factor of about 62 per cent. As smaller lightly loaded 
motors were started, the curves show very plainly that while the 
power demand increased, the power factor went progressively 
down until it wont below 50 per cent, which was as low as the 
meter would register. The pen' was against the stop when it 
drew the straight line at the point D. The indications on the 
wattmeter charge should be multiplied by 200 to get correct 
values. 

At E the first Pynn-Weichsel motor was started, and the im¬ 
mediate increase in power factor from less than 50 per cent to 
about 78 per cent is very evident. 

At F more small motors were started, bringing the load to 78 
kw. and the power factor to 72 per cent. 

At G another Pynn-Weichsel motor was started, bringing the 
power to 96 kw., the power factor to 83 per cent. 

The load was further increased by adding two more Pynn- 
•Weichsol motors and three small ones, with a final load of 125 
]^. and a power factor of 83 per cent, which is excellent con¬ 
sidering the underloaded condition of most of the small motors. 
Some of these are not needed continuously, and the effect of 
shutting them down is shown in Pig. 2. 

At P a 10-h. p. squirrel-cage motor is shut down. The power 
falls to 118 kw. and the power factor rises to 88 per cent. 

At Q another 10-h. p. squirrel-cage motor is stopped, the 
energy dropped to 110 kw., and the power factor rising to 94 
percent. 

At R and S stopping two 20-h. p. and two 10-h. p. squirrel- 
cage motors drops the power to 63 kw. and raises the power 
factor to 84 per cent leading. At this point four Pynn-Weichsel 
motors and a few small ones were still running, but the load on 
the Pynn-Weichsel motors was falling ofl. 

At T a Pynn-Weichsel motor was stopped and the power 
dropped to 55 kw., the power factor changing also to 88 per cent 
leading. 

At U another Pynn-Weichsel motor was stopped, power falling 
to 39 kw. and power factor to 95 per cent leading. 
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Beyond this point the indications of the power-factor meter 
were not dependable, owing to the small current flowing in it. 
Taken in their entirety these charts show that the Fynn-Weichsel 
motor is of very real value in counteracting the poor power factor 
of underloaded slow-speed induction motors. Where conditions 
permit, this correction may be carried to the point where the 
resultant power factor makes the load a desirable one either for 
the central station or the isolated plant. 

P. H. Thomas s While there can hardly be much new to be 
wd at the present time on the subject of power-factor correction 
in industrial power-supply circuits, it still may be worth while to 
point out the fact that the indicated development of our power- 
supply systems is likely to throw a somewhat different emphasis 
on the importance of lagging current. 

It goes without saying that considering the fleld in general, 


correction. The type of motor advocated by Mr. Weichsel will 
admirably meet many cases; sometimes the power factor may be 
better corrected through large synchronous motors. In this 
case the additional cost of the special apparatus must be balanced 
against any saving that can be made in the necessary correction 
in generators and feeders. 

In those oases in which this correction must be made by in¬ 
stalling additional apparatus, such for example, as additional 
generators or synchronous condensers or their equivalent, the 
advantage of using motors of the type proposed by Mr. Weichsel 
becomes very ^eatly enhanced, for the installation of new capac¬ 
ity in generating apparatus or condensers is a very different 
thing from operating existing machinery at a lower power factor. 
In other words, up to a certain point there is very little to be 
gained by the more expensive, higher-power-factor motor and 



Pig. 1 


Pig. 2 



Figs. 1 and 2—Load and Power Factor Charts op Mill having Ftnn-Wbichsel and Squirrel-Cage Motors 


each actual situation must be considered by itself and they range 
all the way from conditions where power-factor correction is of no 
value to those in which power-factor correction is all-important. 

Where the effect of lagging current is merely to lower the power 
factor of the load of a generator, leaving it still well within the 
proper operating range of the generator and where regulation and 
losses on transmission lines are not deleteriously affected, there is 
very little warrant for the additional expense or the lower 
efficiency of special forms of induction motors. This is because 
the use of such motors will not reduce the initial cost of the system 
or its operating expense. In cases, however, where the amount of 
lagging current is sufficient to load the generators beyond the 
safe current-carrying capacity of armature windings, or where the 
regulation is adversely ^ected, or in those oases where the local 
feeder voltage drop or line losses become excessive, power-factor 
correction at the load end of the feeders becomes worth while, 
but there is always a question as to the best method of making the 


other expedients may be cheaper; beyond this point the import 
tance of the high-power-factor motor may become emphasized 
many times over; other remedies then become very 
expensive. 

I would like to point out further that as interconnection and 
interchange of load forward and backwards between power 
systems grow, the situation is likely to call for high-power-factor 
load with considerable emphasis. To pass power forward and 
backward over the same line there must be a control of the power 
factor and i£ this power for both ways is anything like equal in 
volume it ^11 be necessary to have it pass at leading power in one 
or both directions. • Obviously this condition of leading power 
factor can be obtained only by providing means locally for carry¬ 
ing all of the lagging current of the local load and in addition 
supplying whatever additional leading current may be required. 
In this case the expense of bad power factor is very great because 
it must be corrected by carrying the lagging current on rotating 
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machines, at the same time caning the load received over the 
interconnecting line. 

As it is not possible to read the future of any particular system 
very far ahead, it may well be the part of wisdom to establish the 
policy of improving power factor of the general load from time 
to time as far as may be reasonable so that when the time comes 
when the high power factor is essential it will not be unduly ex¬ 
pensive to secure it. 

This brings forward another aspect of this matter. Since it is 
equitable and necessary that the purchasers of power shall ulti¬ 
mately pay the entire cost of furnishing the power plus a proper 
return oh the investment and since bad power factor tends, in 
such cases as I have outlined, to increase very materially the cost 
of installation and to jeopardize the character of the service, there 
should be a premium in some form on a high power factor for 
consumers. , At the present time in most cases while it is for the 
interest of the industry as a whole and the users in the aggregate 
that a good power factor should be established on a system, it is 
not to the interest of any individual consumer of power to have a 
high-power-factor load for it costs more money for him to get it 
and his individual bad power factor will not effect the cost of 
power as a whole enough to effect his rate. In other words if he 
establishes a high power factor he will make a benefit to the 
industry in general but will not improve his own rate for power. 
If these rates be so adjusted, as they are in some places, as to 
make a saving for individual consumers to (establish high power 
factors, the burden of producing this general high-power-factor 
condition, which is good for the general industry, will be distrib¬ 
uted over all the consumers of power in a more or less fair pro¬ 
portion. It seems to me that this is perhaps the most important 
aspect in the present discussion of the power factor. 

G. S. Smith: The paper presented by Mr. Weichsel gives a 
very thorough and enlightening analysis of this new development 
in the line of motors. However, like most new developments, 
it m 0 ..y require some education on the part of the buying public as 
well as an added incentive from the power companies, before its 
true worth is realized. 

It is needless to say that most plants using electric power are 
over-motored though not always without good reasons. How¬ 
ever, there is a strong tendency for the superintendent in charge 
to favor a much larger motor than necessary, to avoid operating 
troubles, since the motor often gets less attention than the re¬ 
mainder of the machinery. Outside of the added investment in 
the first cost of the motor the power consumer is suffering no 
great loss unless he is penalized for the resulting poor power 
factor. 

Since over-motoring a plant is often desirable, if not necessary, 
there is little doubt but that the future will see a great need for 
more power-factor correction, and this motor ought to supply 
that need since it has many desirable characteristics together 
with all the ease of starting found in any wound-rotor induction 
motor. 

A series of demonstration tests were run on a 15-h, p. motor at 
the University of Washington, and the operation of the motor 
was found excellent. Its various characteristics were checked, 
and a number of oscillograms taken showing starting as well as 
various changes in operation from synchronous to induction 
operation and the reverse. The ease with which it synchronized 
even at high ov^loads, due to the so-called injected current, 
seemed the most remarkable part. 

It might be desirable to afford some means of easily adjusting 
the power factor at which the machine operates after it is installed. 
Such an adjustment should be simple, though it might not be 
justified since every added adjustment usually means an added 
possibility for trouble. 

There seems to be a decided fluctuation in the a-c. current 
drawn by the machine when it changes to induction-motor 
operation on overload. This, of course, is to be expected after the 
function of the injected current due to slip is understood, though 


it is not altogether desirable. The oscillogram in Fig. 3 herewith, 
shows this current variation and its relation to the induced cur¬ 
rents in the two stator fields. The fluctuation indicated on the 
oscillogram is probably greater than would ordinarily take place 
since the change in load was made quickly in order to reduce the 
time and obtain a good record of the values both before and after 
the change. This doubtless resulted in some hunting of the 
larger machine used as load. However, the load at which it 
drops out of step is so high that it would seldom operate thus. 

Inquiries have been made by engineers in this territory as to 
its operation as a generator when driving torque is applied to its 
shaft. It might thus be used to develop small water-power cities, 
floating on the line at periods of low water, and run as a self- 
excited alternator when water is available. Its power factor for 
both periods could probably be kept near to unity, or leading. 

Some tests were run on a 7H-h. p. machine with the d-c. brush 
setting specified by the factory for motor operation. It was 
found that at small loads the machine would generate as a self- 
excited alternator but would soon drop out of step and operate 
as an induction generator with similar slip characteristics as given 
on motor operation at overload. Fig. 4 shows an oscillogram of 
various currents and* voltages in the machine with this operation 
and may be of interest. 

Tests were also made with several other d-e. brush settings, and 
with positions near 90 electrical degrees from the field axis, the 
machine would easily carry full load at synchronous speed, with a 
leading power factor, approaching unity as the load increased. 
At higher loads the machine dropped out of synchi'onism and 
continued as an induction generator but readily dropped back 
into step at about the same load it carried before when running at 
synchronous speed. The field current was slightly higher than 
for the same load on motor operation, but remained at about the 
same value throughout the range of load. 

Fig. 5 shows an oscillogram of its performance changing from 
synchronous-generator to synchronous-motor operation near 
half load on each. The brush setting for this was about 67 elec¬ 
trical degrees from neutral in the direction of rotation. There is 
little change to be noticed except the phase difference of voltage 
and current. The oscillogram represents a little less than 0.6 
sec. in time. The power f^tor was leading for both operations. 
Pig. 6 shows its performance as an induction generator pulling 
into stop and continuing operation as a synchronous generator 
at the same brush setting as for Pig. 5. Here again the quick 
* change required is responsible for a large part of the current 
variation. Oscillograms in Pigs. 5 and 6 were taken on a 
7J^-h. p. motor, which is one of our laboratory machines. 

Further tests were not made due to alackof time, but^ with the 
proper brush setting or some other adjustment, a generator opera¬ 
tion might bo found which is as desirable as its motor operation. 
The tests described simply show that it has possibilities as a 
generator. 

It might be well to mention that at all brush positions tried, 
its starting and synchronizing characteristics as a motor were 
still very good, even though it was belted to a much larger 
machine. 

From the educational point of view we have taken a great deal 
of interest in this machine since it is very illustrative of the 
possibilities of new developments by combination of the char¬ 
acteristics of well-known machines. We are interested in seeing 
the most made of its possibilities, as well as in the elimination of 
its disadvantages. It seems to be a big step forward toward 
supplying an increasing need which is not now satisfied. 

C. R. Underhill (Communicated after adjournment): 

I regard this motor as a very important and timely device. 
Power-factor correction is an economic and operation proposition, 
and where motors having the general characteristics of the one 
described can be applied to an existing industrial-plant distribu- 
tioh system, particularly when placed close to motors whose 
power factors are to corrected, sucH motors should undoubt- 
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edly be used. However, before deciding upon any form of power- 
factor-correeting apparatus, a careful study of conditions should 
be made, a change to a higher voltage considered, and then the 
induction motors should be loaded to their maximum safe capaci¬ 
ties by proper substitution, that is, by putting the right motors 
on the right jobs, the diversity of operation being duly considered. 
I have supplied induction motors for new drives without pur¬ 
chasing a single motor, and have put a number of motors in stock 
besides, while increasing the plant power factor above the penalty 
limit by loading the motors to their proper capacities, and 
that is, or should be, common practise. 

In considering the use of synchronous motors, static conden¬ 
sers, or motors of the type described in the paper, it must be 
remembered that a current o^ abnormal strength flows between 
the induction motor or motors and the power-factor-correcting 
device or devices. For instance, connecting a synchronous 
motor or a static condenser across the plant terminals to correct 


above the penalty limit. Such managers have very poor con¬ 
ceptions of losses in their own plant conductors. They do not 
realize that higher voltages, or eke larger conductors, would in 
many cases save them much money annually and pay good re¬ 
turns on the investment. 

With the above reservations, I welcome the new motor, which 
I have studied and have mtnessed in operation, as a general 
motor which, even if it has a commutator, is a distinct improve¬ 
ment over the present induction and synchronous xnotors. 
However, it should not be considered a oure-all, as in cases where 
plant conductors are too small or plant voltages are too low for 
the prevailing plant distribution system. There are instances 
within my own experience where there have been such excellent 
distribution systems and voltages that any savings in the dis¬ 
tribution losses due to low power factor were not worth any ex¬ 
penditure for power-factor-corrective appai*atus after the in¬ 
duction motors were fully loaded. 



Fig. 3 - 



Fig. 4 



Fig. 5 


Pig. 6 


Pigs. 3-4-5 and 6—Oscillograms showing Operation of Fynn-Wbichsbl Motors under Various Conditions 


Pigs. 4-5 and 6 are for a 7^ h. p.-motor 

Pig. S is a 15-h.p., 220-volt motor dropping out of synchronism. Vi 
is line current. It was 50 amperes before the motor dropped out of syn¬ 
chronism and 80 amperes afterward. Is current in the auxiliary winding, 
and it was 41 amperes before dropping out of synchronism. Vs is current 
in the field winding. The power factor was 0.81 leading before dropping 
out of synchronism and 0.72 lagging afterward. 

4 shows the change &om motor to induction-generator operation. 
Vi Is line current. Vs Is current In the auxiliary winding. Vs field 
winding current. 

the plant power factor does not remove the magnetizing current 
from the plant (Ustribution system. Connecting static condensers 
across t^e terminals of individual induction motors minixoizes the 
magnetizing current in the wiring system, but not in the conduct¬ 
ors connecting a static condenser to a motor. Hence, the use of 
motors of the type described in the paper should be carried out 
the full understanding that too great distances between 
induction motors and power-faotor-correcting apparatus, or too 
small conductors, may be the cause of considerable losses in the 
connecting conductors. 

Wli»e two-charge rates prevail, for instauoe, control of the 
de^nd may he more important than correction of the power 
factor tom a billing standpoint, and it is often difaeult to impress 
um plant mai^rs the fact that further savings can be made 


Fig. 5 shows the change from synchronous-generator to synchronous- 
motor operation. The generator load is 2.7 h. p.; the motor load is 
4.3 h.p. Vs the generator field amperes are 15; the motor field 
amperes are 19. V 2 equals auxiliary-winding amperes. Vi equals lines 
amperes. 

Fig. 6 sliows the change from induction-generator to synchronous- 
generator operation. The synchronous generator load* Is 6.3 h. p. The 
synchrbnous-generator field amperes, V3, equal 11. V^ equals line 
voltage. 

From my point of view, there is altogether too much stress 
pl^ed on the ef^ciencies of motors. I prefer economy to ef¬ 
ficiency. Would more efdciont induction motors prove more 
economical if constructed from present available materids and 
and by present methods? I do not believe we could afford to buy 
much more efficient motors. From the industrial-plant manager’s 
standpoint, the motor that will show the greatest saving in dollars 
is more important than the one that will show the greatest effi¬ 
ciency in per cent. 

Hw Weichsd: Professor Scott has presented, in a very vivid 
manner, the meaning of wattless a;nd watt currents first by the 
two-color” method which he devised years ago, and which has 
proven to.be of an extraordinary help in explaining the more or 
less puzzling phenomena of watt and wattless currents, and 
second by the statement he made today that every electric 
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motor rtMiuiros oxeitatioii, wliicli may cil.InT lu* pro<luo«'d in llm 
])o\\»'r lioUHf or at its pl.-un* of cuusiiinpl ion. It jaay l>o (‘Xia^eicHl 
that his tnaniKT of i'xpluininy; tlioso phoiiojiiona will )i?r(»atly 
oontrihuto to a oloanT ooiiei^ption of tlio a<lv;isahility am! masons 
for iiistailing’ powor faotor oorn'Otin^^ dovicn's. 

I fully with Prof(*.ssor Upson that from tho cIontriiSMl 

oiifriimor's point of viow an (‘h*ntrir maehirm shcnihl havi» as small 
an a.ir-ju:ap us is nu'olianioally possildo. I>rolVssor Upson is 
<*ntiroly oormut that tluMlislamM* hotwoon hoarintr^’onlors in tin' 
Kynn-\Voi(jhs»*l motor is lara:*'!* t han in stamhml imlinU ion motors, 
IVluy I add, how<*vi*r* that tin* innroaso in lotuph is not vory hir^^o, 
as tin* width of tin* nomninlalor is usually jess than that ()f tin* 
slip-rin#iCs <»f a .standard indmdioii motor. 'J'luTnfons no a]>- 
norimd prohicms ariso in tin* dosupi of tin* shaft for sullkeioui 
stilTimss 1(» prnvont abnormal do(h*otion. 

Mr. l*’i»rris.slalt*d that, in dn*. numhiuos, hnliasfoujid it usually 
ifisadvantatjfoous to u.so dotd>li*-wirnliiia:arniatun*H. May 1 point 
out that*, aontirdin^ tt) iny jmUpui*fitt tho prohlotn in standard 
d-o. maoltinos is quito dilTorout from tin* om* whioli prosotits itsrlf 
in tin* ilosiji^n of Kytifi-Woiohsi*! motors. In d-c*. numhirios, os-* 
ponjally In tho.so maohiUf*s to whioli Mr. Forris rofors, a hiidi 
vollatri* l^xisls at tin* ooiumiitator and fiirthor, a hijirh iwitoutia! 
dilT(*ronoo also oxists bolwoon tin* two wirnJiuus. In addition to 
tho ahovo, tho orioru:y oarriod by tin* oinimmfators is quito 
aiipri*oiablo. 

On t(n*otln*r hainl, in Kynn-VVoiohsi*! motors tin* volta;.i;oiu tin* 
dn?, wiinlinti' is 4»xtromoly low and us thoro is no intorooinn*otiou 
botwoi*n tho d-o, winding and tin* arniatnro a-o. vvindinji^, no 
poloulinl stnuit 4*xisls b{*f wium thoso t.wo wimliiujs. Knrtlior, Mn* 
onor^y of flio d-if. witidituv forms only a small p«*ro(*nb* 4 Jfi* of tin* 
total ou1?imt of tin* macdiino. 

Finally, thori? is t»ra<?tioaIIy no possibility of a buruoul of tho 
d-o. wlmViu^im aooouul of tin* pomiliar olmrmdoristios of tint ox- 
oitiutj ntirroul of thos** mnohinoH. 'rosis. as woll as (hoory, show 
that tho t*.\oitiu^^ ournnit bi-twoon full lorn! ami muxirumu load 
varh*.souly Hlin:htly, 

A'fr. PorKiiis poiut.s out that tho uoppor losso.s in tin* stator 
mojubor of a standard iticbtofiou motor, whoii oouquirinl witli tho 
fMirrosfHmdluu: ooppor Iohsoh in tin* stator nnmdior of tint Fyuii- 
WoioliM*! mot.f*r. in fiis judKiuont. aro mat.iTially lai^or for tin* 
F.viiu-\V<*i<ihHol molor than for tho standard imimdion mot<ir. 
Thi.s roastmiuK basinl on tho a.ssimiplioii that tho nomii*utri« 
wiudint^ wdiioh is usial in tho Fynu«Wf*udisol inotor.s nan with 
oqual advantuKo bo uso<l in slamlard indutdioii motors. As I 
<lid not (*.vidain in dolall tin* tiartioiihir typo of nouoontric winding? 
whiuh is um*d m FyiiuAVoiohsol motfir.s, it nan roadily t»o soon why 
Mr. P«»rkiiiM arrivod at tills <fom*lu.slon. 

Tho oonooutriu wiiidiiitft omployod by mo, oanuot l»n rocoiu* 
nn‘Udod for standard induotion motorst as it loads to uuovou 
loading of I ln» liillfon'iit phasos. On tbo olliitr hand, t his wdrtdint; 
is oxtromoly ndvantii^oous in aonnootion with l'’ytui-WoU!hsitl 
nioifirs, us it allows a lad tor bold distrihufjorit shortor immu ttirii 
li*ugth, and a coppor sootioii In t ho ax-iH of flm main Holil wiudinij 
whioli is Iari?(*r tliaii in tin* axts of tlirt auxiliary windintf. This 
rosidts in a fh»ld windiiif^ loss matorially holow th<t valuo.s wdiinh 
Mr, Forkiius c‘stlmal<*d from lint ratio of tho voators .4 atid iw 
my Fijf. 24, I may mid ln*ro that this particular wditdint^ is 
covi'rod by a Unliotl Blutos patent. 

Mr. Porkins furtlior statos that, in iiiy papt‘r, a comparison is 
Tiiadit botwoon an installation, tlio jiowor fa<ilor of wdiich is tsor- 
rectod by tho Fynn-WoiuhsoJ motors and an Installation with a 
pow’cr factor corrected by .synchroncmH condensers. 1 am sorry 
that the paper conveyed this moardni^ to him. Tint ptipor inakos 
ropcated reference to “‘idle-running phaHii-oorrcctinff devicce/* 
mc'anirig thereby either .static cqndoiiH(*rH or synchronous condouH- 
ers. Static condonsers, ns a rule, require tratisformors and the 
enctrgy consumption of these units or any other appnrat u.s capable 
of producing leading wattless current without doing useful work 
amounts to about three to four kilowatts for every KK) kv*a« 


;il 

eurrecftnd. In Appi'iidix M, an t‘xampli* .slmws that, with power- 
faeior conditions as usually found in praxis tin* clTliideney of tho 
Fynn-Wriehst‘I motors can bo .’'i.D pm’ cont loss than that of a 
squirr<*l-ea«:o molor mid still give 1 he installation tho sami* overall 
elVudi'iiey as if it w'ould eonsist of squirrebcagt' motors only and 
tin* oorreotion being proihieod by statin condensers. MIsew here 
in the paper it has been slu»vvn, however, that tho onieit‘m*y dif- 
fereiMH* bolvveen sqnirrel-oagi' ;i.ml Fytm-Weiehsel motors is 
considerably loss thmi ad) por c«*nt. ()fti*n theso (‘mcienei 4 *s an' 
aliki*, w'hik' in (arg(* units they an* oven sometimes !K*tt 4 *r for the 
Fynn Weiehsel motor than bir (he .sqiiirrel-cagi* motor. 

Mr. Kalb monl ions nii.exporh'mMi wiMi this m*w' tyjie of motor 
vvhich is rather inl<*n*sling. Hestate.s t hat Mm slight spimd varia¬ 
tion wliich <u*ciirs when 1 hese machines are siinicienily heavily 
overlomhsl to foreo tJiom to operate as Induction mmdiiiios, has 
proven to he an advaninge rather than a ^lismivaiitagf*. A 
condition .similar to i he mm mentioned by Mr. Kalb has also ln* 4 *u 
experii'uced in connection \vlth pridecUiug ih;vices for Iheso new 
iiiotru’s. A\ hen the numliines bccouu* sunicii*utly loaded to force 
them til operate ns induction uundiines, Mu* current ilraw from 
thf' limr rises abruptly ihu* to the ehaiigi* in power factor ami to 
the small speml variations. 'Phis, in moiui* ius1aiKM‘s. has resulted 
111 a \ery po.siti^ «* opem l ion of Mm (irotecd ivedevici'S. 

Mr. Ihuuii elated in a very a)»le maniu'r tin* great dilliculth's 
am! dang4*rs whieh arise in a system with poor power faelor, which 
Usuall,\* ist*aust*d l^s* **thelirul4*, llu*inducliou motor.” 11 is warn¬ 
ing that tlu* exeitaliou in tin* generators, due to low power factor. 
i.s U/ point gun, and t'aiimn be too nuu'h emphasi/.ed. Aiujord- 
iug to pr4*st*iit imlicatious, Mr, Baum’s luqies arc soon to be ful- 
lilled, as sym’hronous motors of small and iiu*<|ium Kiz<*s, <*s- 
tiecially of the type described in tin* paper, an* bc-comlug morn 
tiupidar every day. 

Mr. Dolu*rty refers to the possibility of correcting tlm jiowfu* 
factor by a variety of means. There is im doidit that it isan 
ecom»niic question to decid** which method for corrt*fMiiig tlm 
power factor is tin* most advantageous. In my way <d‘ looking 
at it there is mi uMiver.sal reumily for the ills of poor iiower factor. 
There apfiears to be a liehl of uHefu[m*ss for almost any of tlu' 
known pow<*r-raclor cornsdivi' means, ft is an economic, as 
wi*Il as an tnigineering, problem to determine from case to case 
the liest nu'atis for achieving tlm desiri'd n^sults. 

Hefcrring to Mr. AI.cCiitcheon*H discussion, 1 desire to state 
that the starting resistarices bir thi.s mnv tyja* of machine crwi be 
op4?rated automatically in exactly t he same inaatmr as for staml- 
ard slip-ring induction motors. He furtbc*r poiut.s out the pos- 
.sibility of acltujving tin* desired results <if fiower-facior correction 
by using d*c. distributiiin and a.-e. trimsmission, employing a 
converter or motor geimralor sett as a link between tho traiistiiis- 
«ion and dLstribuMou sy.steins. I believe Miat it will be found 
that such au arnuigetnmit Ls more t*xpensivo t han a straight. a*e. 
distribution and transmission system. 

1'lmrc is another point vvhich should not be ovf'Hookefl. fn 
almost e%*ery iminstry there an*, certain t»la<5ert where nothing but 
Hquirrel^5agc motors can bn operated .satiHfnci<irily, Tlmrehire, 
tdternaiiug mivmM, is required for tlmse motorH, and if ilircct 
current were to be used for tlm remaining machines, the wiring 
sy.stem wotild be umiccesstirily comTdicaie<l. For inslance, this 
diilicttlty may be uvtmuim by using straight iwi. tliHtribution 
and correcting the power fimtor in the distribution system liy 
using this new type of maehme. 

Mr. Bmintag contributed some very valuable information; 
his experience that Mu' capaclly of the Hfptirn‘l-cage motors in 
cement mills must be scdecU'd in iiccordance with Mm starting 
kirque rather than aecordittg to Mm running load, finds an tuialugy 
in a great many other indwstrifs. May I rt'ltir here, for timf anc^, 
to the marble cutting plant which h discu.sH<*d in the ptipiT. By 
Mm use of Fyun-Wcich.sol motors, this difficulty is overcome and 
in a gom! many casits a smalh*r horsopowiir motor can be used. 
The iutvantageous results obtainalde in this maniK*r are very 
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forcibb’^ demonstrated by the charts he presents. His statement 
that cement dust is not detrimental to slip-rings and commutators 
appears to me as rather important, since it is a conclusion based 
on many years of actual experience. 

Mr. Thomas points out that there are cases where it is un¬ 
economical to correct the power factor. The cases he cited may 
in general, perhaps, be called installations which are not working 
to their full capacity. The suggested method of gradually adding 
to the system power-factor correcting devices is, no doubt, very 
sound, because any system which is underloaded in the beginning 
wll sooner or later be fully loaded, and it is then when the power- 
factor correction has the most beneficial effect. 

Mr. Thomas* recommendation of operating transmission lines 
with high power factor reminds me of a statement made to me 
sometime ago by one of the engineers who was instrumental in 
bringing about our so-called “superpower system.” He stated 
that the greatest difficulty encountered in these systems is caused 
by the lagging current, which is “kicked around** from one power 
plant to another like a football. When operator A finds ex¬ 
cessive, wattless currents, he changes the excitation of his 
generator and shifts the current to operator V and vice versa. 

Mr. G. S. Smith presents a very interesting oscillographic 
study of the Fynn-Weichsel motor when operating as a generator. 
These test results are extremely instructive and valuable. His 
test results throw a great deal of light on the somewhat puzzl¬ 
ing conditions which arise when these machines operate as 
generators. 

For those who are interested in this problem, a circle diagram 
of a Fynn-Weichsel motor is given in Fig. 7. A long time ago 
I derived this diagram and it has been used extensively 
in the actual design of machines. It is based on the assumption 
that the ohmic resistance in the primary member is negligible, 
a fact which is very nearly satisfied in actual machines. The 
angle found by the diameter of the circle forms and the vertical 
must be made equal to the angle between d-c. brush axis and d-c. 
field axis in the machine. The distance between any point of the 
circle from the horizontal line 0—1 represents the input to the 
machine. When the angle, a, is zero, the brush axis coincides 
'mth the field axis. For this condition, all points of the circle lie 
above the base line, meaning that the machine can operate as a 
motor only. However, if the brush axis forms a certain angle 
with the field axis, one part of the circle lies below the horizontal 
0—1 and, g, therefore, represents negative input, meaning the 
machine operates as a generator. 


governed rather by the starting requirements than by tUo 
running load. 

These conditions can be particularly well cared for by installing 
machines which operate at unity or leading power factor for 
most of the time such as described in the paper. Installations 
of this kind also overcome the difficulty which Mr. Uudurhill 
pointed out that heavy leading cuirents exist in the wiring in 
such cases where the power-factor correction is obtained by 
centralized power-factor correcting devices, such as synchronous 
condensers or static condensers. 

V. A* FVnn (Commimicated after adjournment): In Mr. 
WeiohseFs paper there appears to be an indefiniteness in his state¬ 
ments as to the torque conditions in general and particularly 
as to synchronizing-torque conditions of the machine known un¬ 
der the trade name Fynn-Weichsel motor. 

The easiest way to avoid the numerous pitfalls scattered within 
this field and to gain a true picture and a true physical conception 
of what really happens in the machine is to deal separately with 
the torque produced by the currents induced in the windings F 
and A of Mr. WeichseFs Fig. 4 and that due to the currents 
conduced or injected into F, 

The first is nothing more or less than the well known polyphase 



Fig. 7—Circle Diagram oe Fynn-Weichsel Motor 


If, for instance, the brush displacement is 90 deg. in direction 
of rotation, the machine is just as powerful as a generator as it is 
as a motor. If the brush axis is shifted 180 deg., then the entire 
circle lies below the horizontal 0-1, meaning the machine can 
operate as a generator only. 

This circle diagram also shows when the machine is capable of 
delivering magnetizing current to the line and when it draws 
magnetizing current from the hne. As long as the points of the 
cure e he to the left of the line 3—4, the machine delivers magneti- 
zmg ouirent into the system, and when the points of the circle lie 
to the right of the line 3—4, the machine takes magnetizing cur¬ 
rent out of the system. This is true whether the machine open- 
ates as a motor or as a generator. 

• Underhill recommends improving the power factor in an 
installation by properly selecting the size of the induction motors 

they have to carry. There is no 
doubt tlmt by this method a very great improvement in the power 

f ® obtained. I Uke to caU attention. 

STtu ^ limitations. Many industries exist in 

n,^ ® “ad on the machinery is seasonal and in such cases it is 

Mt admsable to c^nge the capacity of the motors in accordance 
mth the seasonal business of the industry. There arb also many 

tional InsiA load or frac- 

load. Frequently the capacity of a squirrel-cage motor is 


%nauciion^motor torque. It is known that, under balanced condi¬ 
tions, this induction-motor torque is practically constant at sub- 
synchronous speeds and becomes zero at synchronism. It is further 
Imown that its value may be varied by varying the impedance of 
the secondaries to which it is duo. We are also advised of the 
fact that under unbalanced conditions, for instance with different 
impedances in the circuits of the several secondaries, this induc¬ 
tion-motor torque loses its constancy and becomes undulating. 

The nature of the second torque, that due to the currents 
conduced into the secondary winding F by way of the brushes co- 
operatmg with the commuted winding on the primary, and to 
wmoh I refer as the synchronizing torque^ is entirely different. 
The synchronizing torque in the motor under discussion is never 
constant at suhsynchronous speeds and does not become zero at 
synchronism. At subsynohronous speeds this torque may bo an 
alternatmg torque of double-slip frequency with equal positive 
and negative maxima or it may be a unidirectional torque; pul- 
satmg from zero to a maximum at slip frequency, all according to 
• ® ^^tude of the angle ot of Fig. 4. As synchronism is ap¬ 
proached, the amplitude of the synchronizing torque increases 
^d Its frequency decreases, while the magnitude of the aforesaid 
mductmn-motor torque decreases and its frequency, which is 
zero throughout, remains constant. At synchronism the fre¬ 
quency of the synchronizing torque is zero, the magnitude of the 
mduction^motor torque is zero and the synchronizing torque 
becomes the motive torque of the synchronous motor. 
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At the beginning the statements are indefinite and convey 
an erroneous idea of the function of the brush voltage in conjunc- 
lon with the winding F, which incorrect idea is later fostered 
by the curves of Pig. 10. 

A machine connected as in Figs. 6a and 6b starts and operates 
me an ordinary induction motor; approaches synchronism but 
never reaches it. Synchronism cannot be reached unless the 
wmdi^ F is connected to the brushes co-operating with the com¬ 
muted winding which results in the production of an alternating 
synchronizing torque with equal or unequal positive and negative 
maxutm, said torque being added to or superposed on the ordinary 
induction-motor torque. 

The resistance, or more broadly, the impedance of the second¬ 
ary circuits affects the induction-motor torque and the synchro- 
nmng torque in like manner and is not the determining factor in 
tlm situation. The difference between the two torques and that 
which makes it possible for the conduced ampere-turns in F to 
synchronize the motor is the fact that, while the amplitude of the 
volt^e mdueed hi F diminishes to zero with decreasing slip, that 
of the voltage conduced into F remains constant for all rotor 
. speeds. See lines 1 and 2 of Pig. 7. 

The fact that the frequency of the brush voltage is inherently 
the same as that of the voltage induced in the secondaries is not 
in itself sufficient to cause the additional torque to help the in¬ 
duction-motor torque. The determining factor m this ease is 
the phase of said brush voltage with respect to that of the voltage 
induced in the secondary on which the brush voltage is impressed. 
The additional torque duo to the brush current in F, may, ac¬ 
cording to the phase of the brush voltage, either help or oppose 
the induction-motor torque or alternately help amd oppose 
same, but in no case is this torque constant and comparable 
to the induction-motor torque. At its best this additional 
synchionizing torque pulsates from zero to a positive 
maximum. 


The amplitude of this superposed pulsating or alternating 
torque is practically independent of speed variations of the order 
of magnitude of the slip of an induction motor from no-load to 
maximum load for the reasons that the brush voltage is inde- 
pend^t of the rotor speed and that whatever changes in the 
magnitude and configuration of the synchronizing torque do 
take place when the motor speed varies are duo to changes in 
phase and magnitude of the brush current in F. These changes 
are brought about by the change in the frequency of the brash 
voltage, which frequency increases with increasing slip. Such 
being the case, the machine described by Mr. Weisehel can¬ 
not run at a constant speed as an induction motor. The fact 
of the matter is tha.t while the synchronizing torque is indispen¬ 
sable if the motor is to bo operated synchronously, said torque 
interSeres with the proper operation of the machine as an induction 
motor, causing the motor speed to pulsate continuously. It is 
therefore not correct to say simply that the Fynn-Weichsel 
motor will operate at a higher speed than an induction motor 
when operating under otheradse equal conditions. Except for 
the roughest kind of work this machine is unsuitable for use at 
other than synchronous speeds. 

Judging by statements made in the paper, Figs. 8 and 9 
have reference to an induction motor operating very near 
synchronism with a small slip, say, at fuU load or at 
ess than full load; under no other conditions are secondary 
voltage and current nearly in phase. We aU know that under 
thMe conditions the induction-motor torqhe in balanced cir- 
omts IS constant and varies with the sHp about as shown by 
Curve 1 of Fig. 10. All we are interested in is how the torque 
conchtions are modified when the commuted winding located on 
toe primary is included in the circuit of the secondary F. Mr 
Weiclwel’s suggestion is that in case the brushes cooperating 
mth the p^aigr commuted winding are coaxial with F, the 
torque oonditions are modified as shown in his Fig. .9c. This 
figure IS qualitatively and quantitively incorrect, the quantita¬ 


tive error is so great as to give a quite erroneous impression of the 
true nature of the machine. 

According toFig.8Bandtheseeondoolumnonpagell,whentho 

Wo secondaiw windings A and Fare shortoiircuited, the resultant 
torque, T - Tj -|- Tj, la constant. If so, then Ti, which is due to 
• ’ f brashes and the commuted windings are 

mcluded m the circuit F, thus increasing its impedance. In 
ig. c the sum of Ti and T a must therefore be a wave and not a 
straight line. This is the qualitative error. 

The very misleading quantitative error is found in the relative 
assigned in Fig. 9c to' the induction-motor torque 
U 1 -f- i a) and to the synchronizing torque T 3 . The ratio of 
these amplitudes scales 9.6 to 2.6. 

At synchronism, or at very small slips Ti-\-Tt= 0, or prac- 
loaJly so and Tj as stated in the paper, is 230per cent of the full- 
to^ torque. The ratio of the amplitudes is then as 0 to 230 and 
^ drawn for nearly synchronous speeds. 

1 ^asynchronous torque, the slip, according to Curve 
ot Fig, 10, IS about 3 per cent. Since the amplitude of Tt for a 
given brush angle a depends on the ampUtude of the brush 
voltage which is constant and on the impedance of F which is 
synchronism and increases with increasing slip, it is clear 
that for a 3 per cent slip T, is very little less than its synchronous 
vmue and the ratio of induction-motof torque amplitude to syn- 
chronizing-torque amplitude is practically as 1 to 2.3. Fig. 9c 
18 evidently far from being correct for an asynchronous torque 
equal to the full-load torque of the motor. 

But even quite near the maximum asynchronous torque, when 
the shp IS 10 per cent according to Curve 1 of Fig. 10, the ratio 
in question IS stiU as 2.9 to about 1.9. This is an extreme case 
quite outside the limits specified as those on which Fig. 9c is 
based, yet this figure no more applies here than it does at loads 
up to and including full load. 

Making the amplitude of Tj about 8J^ times greater ttum 
shown or 2.3 times greater than that of (Ti -|- T,) in Fig. 9c 
puts a very different complexion on the proposition and forcibly 
bn^s out the fact I have previously stated, *. e., that siich a 
motor cannot ran at a constant speed when operating as an in- 
duction motor. 


When the axis of the brushes cooperating with the commuted 
winding on the primary is displaced from the axis of F by a 
small angle such as a of Fig. 4, the synchronizing torque Tz 
assumes the configuration indicated in Fig. 12, it becomes alter¬ 
nating with unequal maxima and still efTectively prevents the 
machine from running at a constant speed when operating asyn- 
ohronously.. As the magnitude of the negative maxima increases, 
so does the asynchronous overload capacity decrease. 

The Curves 4, 5 and 6 of Pig. 10 have evidently been derived 
on the assumption that the Curves 1, 2 and 3 represent the in¬ 
duction-motor speed-torque curves of the machine for given 
impedances of the secondary circuits, that the addition of the 
brush voltage e* does not change said impedances and that e. 
IS constant and eophasal with the voltage induced in the winding 
into which it is introduced. If all this were true, which is not the 
case, then it would bo permissible to say that the secondary cur¬ 
rent in the phase into which e. is introduced and consequently the 
torgm due to that phase is increased in the ratio of c, sx to (e. «»-!-«.) 
but in his Fig. 10, Mr. Weichsel has not only represented this 
mcreased torque as if it were constant but as if it were applied to 
both secondary phases. 


In Fig.'10, Mr. Weichsel has added the maximum value of the 
siTigle-phasef pulsating tovgue, produced by the winding, F, 
only to the constant induction motor torque + T^) repre¬ 
sented by the Curves 1,2, 3 and offers their sum as the resultant 
torof the motor I 

It is further to be noted that if the conditions were actually 
such as indicated by Mr. WeiobseFs Fig. 10, the machine could 
not run synchronously unless the torque required was 230 per 
cent of the normal, see point A of Fig, 10. For smaller torque de- 
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mands the motor would run at speeds greatly exceeding the 
synchronous. 

Eirors of this kind are not so likely to occur if the synchroni¬ 
zing torque is dealt with quite independently of the induction- 
motor torque. 

Pursuing this subject a little further, let us examine into the 
operation of the*motor on the basis of the performance curves 
shown in Pig. 28. Further on, it is stated that the synchronizing 
torque Tz for these motors as designed is from 90 to 95 per cent of 
the synchronous pull-out torque. For the 75-h. p. of Pig. 28 the 
synchronous pull-out torque is 196 per cent and the synchronizing 
torque is therefore at least 0.9 X 196 or 176 per cent. We can sim¬ 
plify the argument without missing the moral by assuming that 
Tz remains constant down to the asynchronous breakdown point. 
We, of course, know that this torque actually diminishes with 
increasing slip. Upon the demand of a 197 per cent torque, 
which is shghtly in excess of the maximum synchronous, the 
machine lapses into asynchronism and the synchronizing torque 
of 176 per cent reappears but is alternating with very unequal 
maxima. If a = 20 deg. and the positive maximum is 176 per 
cent, then the negative maximum is 5.6 per cent. The positive 
maximum is almost sufficient to handle the load and a very small 
asynchronous slip corresponding to a 20 per cent asynchronous 
torque will supply the difference. When Tz is at its negative 
maximum the slip must be sufficient to counteract this negative 
torque and to handle the load,, which means that the slip must 
correspond to a 202.6 per cent asynchronous torque. The motor 
speed must and does vary accordingly as can be observed on any 
such motor. 

Again, Mr. Weiohsel says that the inherent slip of the so-called 
Pynn-Weichsel motor should be made as small as possible. This 
means that l^e winding A of Fig. 4 must have about as much cop¬ 
per as the winding F, Since A is idle at synchronism and comes 
into play only in asynchronous operation, at starting and under 
loads in excess of the ma ximum synchronous load, a large amount 
of copper in A can only be justified if the asynchronous overload 
capacity is actually utilized. I have shown that this asynchro¬ 
nous overload capacity is only available for the roughest kind of 
•work because the speed then fiuctuates continuously and Mr. 
WeichseFs Fig. 28 clearly indicates that the asynchronous over¬ 
load capacity is not really relied upon by the makers of this ma¬ 
chine. The synchronous overload is about 188 per cent for the 15 
and 196 per cent for the 75-h. p. motors to which said figfure refers. 
This overload is ample for all ordinary purposes and the asyn¬ 
chronous overload which rises to 300 per cent and 308 per cent 
respectively is pure waste, it cannot be and is not utilized. 

Mr. Weichsel's third conclusion states that the injected 
current must be about twice as large as the full-load second¬ 
ary current of the motor. This means that the commutator 
must carry at least .twice the normal full-load secondary 
current near the synchronous break-down point and if the asyn¬ 
chronous overload capacity is really utilized, as suggested in the 
paper, then the commutator must carry more than three times the 
normal fvlHoad secondary current when the machine operates near 
its asynchronous break-down point. I do not tTiiny- it can be 
fairly said that such a commutator has relatively small dimen¬ 
sions, yet such is Mr. WeiehseFs contention. 

Much is made in the paper of a really insignificant detail and 
a quite erroneous impression is conveyed: Fig. 21 purports to 
show that the axis of the unidirectional magnetization on the 
secondary does not coincide with the axis of the winding F 
because of the d-c. ampererturns in the primary commuted wind¬ 
ing and it also purports to show that these primary d-c. 
ampere-tums are neutrslized by the a-c, ampere-turns on the 
primary. 

In ^e paper, it is also stated that the armature, i, c., the pri- 
ciary, d-c. ampere-turns are about 5 per cent of the primary a-c. 
ampere-tums. It is stated that ol shall be zero, or very small. 
From Fig. 18, and in fact without it, we know that the sec¬ 


ondary ampere-turns in synchronous operation must be 
greatly in excess of the primary ampere-turns. In Fig. 21 the 
vector A Tade must then be much less than 5 per cent of the vector 
A Tf and the angle between the two should be smaller rather 
th^ greater than that shown. How can these insignificant 
primary d-c. ampere-turns influence the location of the ‘h'esultant 
direct-current field*’ to any appreciable extent? In Fig. 21 
the “d-c. armature field** is shown as amounting to 54 per cent 
of A T/f hence the delusion. 

As to the suggestion that these primary d-c. ampere-turns arc 
neutralized by some of the primary a-c. ampere-turns,—of course 
they are, hut he must either say that the “d-c. armature field** is 
neutralized by some of the a-c, ampere-turns and continue to figure 
with AT/ only or he must figure with the “resultant direct- 
current field** and forget about this neutralization. 

In dealing with commutation, Mr. Weiohsel says that the re¬ 
actance voltage is similar to the reactance voltage in a stand¬ 
ard d-c. machine. It would be quite correct to say that it is 
identical, i. c., identical in nature, but it is not even similar 
as to magnitude. The sides of the coil undergoing commu¬ 
tation in the standard d-c. machine lie in the open, i, e., in 
the interpolar space; in this machine these coils are surrounded 
by laminations separated by an induction-motor air gap and, for 
otherwise equal conditions, the reactance voltage in thig case is a 
multiple of that of a standard d-c. machine. The brush voltage 
and the current per conductor must be kept low. 

When a = 0 the coils imdergoing commutation cut the full 
resultant magnetization, i. e., the fuU field flux of this motor at 
no load, and cut no field flux at maximum synchronous load. 
For other values of a the no-load conditions improve, the 
maximum load conditions get worse. 

Mr. WeichseFs arguments as to the advantages of a 
concentric over a diamond winding are beside the point for 
either can be used in an ordinary induction motor. As to his 
arguments in Appendix No. 2, it is true that by taking Vg of 
the toee-phase secondary and feeding into it a d-c. equal to 
i v3/2 the flux and the loss will be the same as with an effective 
three-phase current i in each of the three rotor phases, but 
this loss will be distributed over two instead of three phases and 
the heating will be considerably greater. 

Furthermore, the secondary ampere-turns in synchronous 
operation, with unity or leading power factor, are considerahly 
greater than the secondary ampere-turns for corresponding 
asynchronous operation as is shown in Mr. Weichsel*s Fig. 24 
where the secondary ampere-turns for a certain load are 1—2 
or A for synchronous, and 1-3 or B for the non-synchronoua 
operation. The ratio of A to R is as 30 to 19, and the d-c. in the 
two phases of Mr. WeichseFs Fig. 35 must therefore be i X 
X 30/19 or 1.58 times greater than indicated by him. 

If the amount of copper on the secondary of the synchronous 
induction motor is no greater than that used when the machine is 
designed as a straight induction motor and if two-thirds of that 
copper is used for the unidirectional ampere-turns in synchronous 
operation, then for the load conditions of Fig. 24 the secondary 
copper losses will be 2.49 times as great as the corresponding slip 
losses in.non-synchronous operation and the cooling surface for 
this loss wm have been reduced to two-thirds of that available 
in the straight induction motor. 

The question may well be asked, why not also use the third 
phase of Fig. 35? One reason is that it is necessary to have a 
polyphase winding on the secondary not only for starting but also 
to prevent hunting in synchronous operation and to take care of 
loads in excess of the maximum synchronous load and give the 
motor a chance to work back into synchronism when a sudden 
overload causes it to lapse into asynchronism. Mr. Weiohsel 
ev^ thinks, (see his conclusion No. 2 ofi the eighth page,) that 
this polyphase winding should be such as to reduce the induction 
motor slip to very small values. The third phase of Fig, 35 
is really the winding A of Fig. 4. 

Another reason for not using all three secondary phases to 
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(?arry tho niudimilional ainporo-tiirns is iho faot that when ao 
usod Uioy ronn a windinjj: dist.ribiilod ovor alt tlio polo surface 
and with hut ono axis per pj>lo pair. To tho aamo flux with 
tlirui? phasos in circuit iiistoad of only two would roqiiiro a furthor 
iuoroas«3 of :i:\ por oont in tho amjM^ro-turiis and a ooiisoquont 77 
por otuii iiioroaso in (?opp(w lossiw. But utili/.injr tho third phase 
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SyNOUUONOPH iNDUCTiON IVBmiU 

inoreaHos tho utnount of copper hy 50 por cent ho that hy usin^r all 
throe HGcondary phaHOHi i, <?., all of tho iivailahio seooiidary eoppori 
for oarryiiig the 80(‘oiulftry nnidiroctional ampon^-turiiH tho «oe- 
omlary copper Ioshoh htH^jrmio equal to 2.40 x 1.77 X Va 2.94. 
This mi^ns that ftir the load conditions of Fig. 21 and on the 
assumption of an unchangeil amount of Clipper on the secondary, 
all of said copper being used to carry the d-e. ampere-turns, the 
soooiKkry copper losses in synchronous operation are practically 
three Umu m ffrmt as those in non-synchronmis running while the 
cooling eurfmc is the same. 


ATIN(J.(H]|tltFNT MOTOR ;{r, 

llio Avatts loss por iiiiity of oooling surfaoo is sonic 22 per cent 
loss wlicn all throe instead of only two of tlio sc«?ondary phases are 
used lor carrying tho secondary unidirectiunal ain])crc-turns hut 
tho total secondary eoppor loss is 18 per (‘ent greater and no cop¬ 
per is availahle for tlio additional secojulary winding A of Mr. 
Wei<diser.s Fig. -1. 

The fact is that a synchronous iiKliuttioii motor of tho form 
under releroiico cun he luitlt in which the se<*ondary co])p6r 
losses are not malerially greater ilian tJie curresjioiiding losses in 
an oquivahuit induction motor hut such a machine must Inu’c 
fnueh worv avlivv umtvrUil than the e(/niralt itt htilueUon mutar and 
must he nfrn spauflintjhf more easUt/, 

My ojunifin is I ha I this sf^-calhsi Fyiiii-Weichscl motor is 
much hcM(u* suilcil |i»r use as a synchronous c<»udcus(’r than 
as ji motor. 

The onllnary synchronoUH condenser is dilliciilt to start and is 
very sensitive to line voltage or to freqiiiuicy disturhunces. It is 
very liahh.) to fall out of step and cause oscillations throughout 
the systeiii. The. luachiue under rofennice is very easy to start 
and if it doi^s lall out of .step it will automaticully go liiick to 
synchronism without fuss or trouble so soon a.s tho dislurbaneo ia 
over. 

The fact that the primary is on the revolving member and iho 
primary c.urrenls are taken to it over slip rings Ih a serious ob¬ 
jection to the tiuiidiine as a motor, hiit much less .so iis a syn¬ 
chronous condenser. Slip-rings which carry current all tho timo 
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lire almost as touchy as a commutator. As a synidiroiious con¬ 
denser tho maehiuo can he located without refnrmitio to any other 
maidiiiiery and therefore in some dry, (5loan and Hheliered spot 
favorable to slip-ring operation. 

Tb<j fact that tlio eommutator carries loail as well as exciting 
ctirrenis and the fact that any accidemt to tho brush circuit 
must put the machine out of commission, since the winding A 
alone is insulllclent to permit the machine to oimrate as an induc¬ 
tion motor, also militate agauist its general use as a motor for no 
one cares to run the risk of an interruption in production, 'riiese 
same facts lose much of their signilicaiice when thc^ machine is 
used as a syiiclironous converter. The slieltered position to 
which it can then aspire makes ifommiitator operation easier and a 
breakdown less likely, IF one does occur, it <Ioc.h not entail an 
interruption m production hut merely the temporary loss of the 
advantages conferred hy a HyncJirnnous condenser. 

Another important point, relato.s to the power-factor-load- 
characteristic of Hiieh machines. The fact is that the possible 
inherent compounding or power-factor-load-characteristlcs of 
this machine do not permit of operation at unity power factor 
at all loiuls as clearly appears from tny Figs. 7 and 8 hen*- 
with. Oenerally speaking, the power factor loads considerably 
at light loads, teiulH towards unitywitliinereasingload,reaelms 
unity near maximum synchronous torque and lags thereafter. 
This characteristic; i.s suitable for a synchronous condenser but 
not for a general-purpose motor. It cmimofc Iw) suffteiently em- 
phasixed that in so far as losses are concerned, whether in the 
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m »tur, in the transformers, in the line or in the generators, a 
leading eiurrent is just as objectionable as a lagging one. The 
one exception is in connection with the exciting current of the 
generators. 

For the benefit of those who desire to study the compounding 
characteristic possibilities of these machines more closely, I 
append the circle diagram Fig. 10. The terminal voltage is Et 
and the resultant motor magnetization is if, corresponding to 
A Trn of Mr. WeiohseFs Fig. 18. The brush angle is a, the 
loftation of the ^ndnding F is indicated by the coil on vector 0—15. 
The locus for the unidirectional secondary magnetization F is the 
circle 17, the primary current is I, the phase angle is cp; while c 
and 5 are the angular displacements between R and F and be¬ 
tween R and the brush axis respectively. The vectors Et and 
R are supposed to be stationary in space and the brushes and the 
winding F are moved counterclockwise through 180 deg. while 
retaining their proper angular relation a. This covers all pos¬ 
sible load conditions for either polarity. The curves in Fig. 9 
were calculated from the diagram of Fig. 10. The angle a is 
22.0 deg. in both figures. 


made in connection with Figs. 9, 11, 12, and 13 of my paper; 
also, my Fig. 10 and corresponding text. 

’ By some of these statements, Mr. Fynn conveys the impression 
that I set forth variations in resistance as the “determining 
factor” with respect to synchronizing torque. It will, however, 
be found that I also fully discuss the bearing of the phase of the 
brush voltage ui>on this matter. 

Considerable emphasis is laid by Mr. Fynn upon the fluctua¬ 
tions of torque after the motor has been overloaded to a point 
pulling it out of synchi’onism and resulting in its operation as an 
induction motor. As stated in my paper, it is true that there 
are very rapid pulsations in torque under those conditions, but it- 
must be remembered that there ai’e not corresponding variations 
of speed of the motor. 

The corresponding speed variations of tlio motor are con¬ 
siderably less than the torqxie variations, because of the inertia 
of the rotor and of the driven load. These relations are sim liar to 
those ■which hold the speed fluctuations hf a reciprocating engine 
low. Fig. 11 herewith illustrates an oscillogram taken l)y the 
University of Washington, showing the line-current fluctiiationa 


In my opinion, the motor described by Mr. Weichsel is not a 
general-purpose motor, 

H. Weichsel (by letter): After carefully reading Mr. Fynn’s 
later discussion of my paper, I conclude that while he and I 
af^proaeh the theoretical analysis of this type of motor somewhat 
differently, the reader will not be interested in a prolonged 
discussion of such differences from our respective points of 
view, particularly when actual commercial results secured with 
the Fynn-Weichsel motor bear out the analysis presented in my 
paper. I will confine my closing remarks in the discussion to a 
reference to some of the points in Mr. Fynn's discussion where 
his conclusions are erroneous and where the actual ser^dee per¬ 
formance of the motors conclusively supports my point of view. 
I shall make no reference to those paragraphs which I deem of 
minor importance. 

While participating in the early theoretical development of 
the Fynn-Weichsel motor, ^-Ir. Fynn has not had the advantage 
of contact with the commercial development and has probably 
not had access to actual performance test data of the character 
to which I refer below. 

Before replying to some of the different criticisms which Mr. 
Fynn has made in his communication, I desire to state that those 
parts of my paper which deal with the working principle of 
machine have, as their main object, the presentation of funda¬ 
mental laws ^vhieh govern the working of this new type of 
machine. It was my purpose to free these explanations, as 
much as possible, from any secondary considerations that would 
t^nd to obscure the main fundamental laws. 

I regret, therefore, that Mr. Fynn has found it advisable to 
criticise several of my statements and conclusions on the ground 
that they lack accuracy, and also that he has entered into a 
discussion of various details. 


In presenting the theory of the starting and synohronizing 
performance, my reason for the line of discussion pursued in 
my paper grew out of my desire to give the reader the train of 
thought which had led me to the discovery that a motor of this 
type must develop a very powerful torque when the d-o. brushes 
comcide with the axis of the d-c. field winding, and develop a 

d^imshing sj-nehronizing torque as the brushes are moved out 
Of tnis position. 


The first public statement giving the reasons for the remarks 
s>'nchronizing torque of this new type of motor was made 

me, 16,1924, before the Association of Iron and St 

Electrical Engineers in Pittsbu^h. 

In the early part of his written communication, Mr. Pj 
repeats, in different wording, the statement made in my pa 

ferred to by me in refartl thereto: tw-oeU ae (urtor stateme 


under such conditions. These fluctuations are of soinewJiat 
of the same order of magnitude as the torque fluctuatioiiH. 
In practise, neither the current nor speed variations are foiunl 
detrimental to the electric service, nor to the durability of tln^ 
motor when such temporary overload conditions are not: o.v- 
cessively prolonged. A very interesting demonstration of this 
fact is a commercial installation of the Fynn-Weich.sel motor 
driving: a high-speed grinding wheel. On every service use of (.Im 
grinding: wheel the Fynn-Weichsel motor is pulled out of syn- 
chronism, immediately returning to synchronism on thf> witli- 
drawal of the excessive load from the face of the emery wheel. 
This installation has been in operation for over a yciar and wliile 
not a recommended type of service for the Fynn-Weielis(’l motor, 
it has proved a very interesting application, Jiaviiig boon xmwie 
solely for the purpose of testing the physical result of such 
service upon this type of motor, and haWng demonstrate! i two 
important factors— 

First, that the service does not disturb adjacent mof;ors 
operating from the same circuit; 

Second, that there has been no deterioration of the Fyim- 
Weichsel motor under these conditions of service. 

A further fact might be noted—that the operator of the 
grinding; wheel is unconscious of the motor changing from the 
synchronous to the induction operating characteristic. Actual 
tests made with a tachometer on a 100-h. p., GOO-rov. per min. 
motor, as well as on several smaller sizes, showed no measurable 
speed fluctuations when the machine operated as an induction 
motor; e., beyond its horse power capacity as a synchronous 
machine. 

Mr. Fynn att^ks my Fig. 9c on the ground that this figure 
represents conditions when the motor operates very nearly at 
synchronism, and he states that, under such conditions, the 
ratio of torque T-3 to T-1 plus T-2 is materially larger than 
shown in my Pig. 9c. 

« «^ror in Mr. Pynn’S statement wiU be found in his sontonco 

wito a small sUp at full load or at less than full load and under 
»o conditions are the secondary voltages and currents nearly 


n ttiat part of my paper which precedes my discussion of Pig 
f, It IS clearly stat^ that the secondary voltage and currents 
containing leaka^ are nearly in phase when the 
currents do not materially exceed the full-load value. 

Such a condition msts not only when the machine operate.-! 
mm maU slip and no external resistance in the secondary but 
1 operates with large slip and large resist- 

occurs during the 

f-Tia of the machine. This is in exact agreement with 

standard respect in connection with 

Standard slip-nng induction motors. 
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My Fig. 9c pictures correctly the conditions represented 
in my Pig. 10 by Curves 2 and 5 for a speed of about 80 per cent 
of synchronous speed and a load approximately equal to full 
load torque. Mr. Fynn’s arguments and conclusions in this 
connection are, therefore, wrong, due to the faulty assumption 
upon which they have been based. 

He states that serious mistakes exist in my Fig, 10 and asserts 
that I had represented the increased torque due to the injected 
voltage Be not only as if it were constant but as if it were applied 
to both secondary phases. Further, he states that I added the 
maximum value of the single-phase, pulsating torque, T—3, 
produced by winding F, to the constant induction motor torque, 
T—l, plus T—2, and offered their sum as the resultant torque 
of the motor. This is a misunderstanding of the statements 
made in my paper. In connection with Fig. 9, I fully explained 
that the torque due to the injected voltage. Be, is pulsating. In 
the hrst part of my paper there is a statement as follows: 
“Therefore, if the load connected to the primary has a fairly 
large amount of inertia the average torque available, on the motor 
lies abgut half way between the induction'motor speed torque 
curve and the speed torque curve which is shown in Pig. 10.*' 
This statement definitely contradicts Mr. Pynn*s assertion that 
I had assumed the torque due to the injected voltage as constant. 

Referring to his second claim, that I presented the increased 
torque due to injected e. m. f. as if it were applied to both sec¬ 
ondary phases, I state: “The conditions in the winding A cannot 



Fig. 11—Synchronous to Induction Operation of Fynn- 
Wetchsbl Motor 

Vi is the timing wave. F 2 is the line voltage. Vz Line current. 


in any manner be altered by injecting a current in winding F, 
and, therefore, the torque produced by winding A remains 
unaltered, etc.” 

The mistake made by Mr. Fynn lies in his assumption that the 
horizontal difference between Curves 1 and 6, or 2 and 6, or 3 and 
4, represents an avBrage torque. However, no such statement 
has been made by me, but one to the contrary in that part of the 
paper just cited, where I pointed out that this torque difference 
fluctuates. The length of the horizontal line between Curves 5 
^d 6 represents the time maximum of the torque due to the 
injected voltage. That this relation must exist not only follows 
from the text of my paper but also directly from Fig. 10, where the 
length of the line, 100—A, represents the maximum torque of 
the motor when operating at synchronism; and the Tnfl.Y irmiTY) 
torque of a motor at synchronism must, by the nature of things, 
be also the maximum , torque immediately before synchronism is 
reached. 

The wrong assumptions made by Mr. Fynn also led him to the 
misstatement in regard to the resultant torque of the motor. 

The most erroneous statement is where he says that if condi¬ 
tions are actually as indicated in my Fig. 10 “the machine could 
not run synchronously unless the torque required was 230 per 


cent of normal. For smaller torque demands the motor would 
run at speeds greatly exceeding this synchronous speed.*' This 
statement is in contradiction to my Pig. 10, where the speed- 
torque curve of the motor, with no external resistance in the 
secondary, is given by the curve, 100—A—6. The part 
100 — A of this curve corresponds to loads from zero to 230 per 
cent and during this part, the speed torque curve is a horizontal 
line passing through the 100 point, which means that the speed is 
independent of the load. 

Statement is made that an asynchronous overload of 300 
per cent is pure waste. This is completely overlooking the 
fact that an important factor in this type of machine is its 
synchronizing ability. A machine whose maximum torque 
as a synchronous motor is 200 per cent can synchronize 
a load of 200 per cent, provided the load is a pure friction 
load. If, however, the inertia is very excessive, the same 
machine can synchronize only about 100 per cent full load, as 
explained in my paper. However, this latter extreme condition 
is never accounted for in practise. Therefore, in order to provide 
an ample margin for safely synchronizing full-load torque, or 
more, under almost any land of load which may be met in 
practise, it is Bssential to give these motors a maximum syn¬ 
chronous horse-power capacity in the neighborhood of 200 per 
cent. The overload capacity of the machine as an asynchronous 
motor is incidental and is achieved without extra expense. 

Later in his written discussion. Mr. Fynn appears to create the 
impression, that the commutator must be dimensioned for three 
times normal load secondary current. Anyone familiar with the 
design of motors knows that it is useless to dimension electrical 
parts of a machine in accordance with the momentary overload 
which the machine can carry. A glance at Fig, 3 of my paper 
justifies my statement there that the commutator is relatively 
small. 

Again my Pig. 21 is criticized because it is not drawn to scale. 
It is a generally accepted expedient to do this in such cases in 
which some of the vectors would otherwise nearly coincide. The 
main object, as indicated by the italicized letters in the text 
belonging to this figure, is to show that, at any loadt the d-c. 
armature ampere-turns are counterbalanced by equivalent a-c. 
ainpere-tums. Mr. Fynn now thinks that this is selfevident. 
My diagram Pig, 21 proves that the Fynn-Weichsel motor does 
not operate as a synchronous converter, because only a small part 
of the a-c. ampere-turns is used to counterbalance the d-c. 
ampere-turns, while in a converter, the a-c. and d-o. ampere-turns 
are essentially of the same magnitude and opposed. 

Further on, he criticizes my statement that this new motor 
operates from commutating point of view similar to a neutralized 
d-c. machine in which the neutralizing winding is weaker than the 
d-o. armature reaction. In my judgment, this statement pictures 
the analogy quite correctly in view of the fact that the d-c. 
armature field is, at any time, completely neutralized as shown in 
iny Pig. 21, but the component of the resultant field, which is in 
line with the brush axis, is not wiped out. If the brushes are 
shifted in the direction of rotation, which is the only practical 
way of shifting them, the commutation conditions for the 
maximum load point frequently fii’st improve, and, by a still fur¬ 
ther shift, become more difficult. By suitably selecting the 
magnitude of different constants of the machine, such as brush- 
angle, leakage-reactance, etc., it is possible to obtain the point of 
theoretically correct commutation for almost any load point 
lesired. 

Still further on Mr. Fynn arrives at certain conclusions re¬ 
garding the heating and losses of these machines. His reasoning 
that, for equal losses, a winding covering only two-thirds of the 
circumference must be very much hotter than a winding having 
the same losses but with them distributed over the whole cireum- 
erence, is a quite common argument, but actual experience has 
proved this to be wrong. If his views were correct, it would be 
necessary to use larger sizes of copper for certain coils in the arma- 
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ture of a standard synchronous converter, and this practical ex¬ 
perience has proven to be unjustifiable. 

In the‘^induction type of synchronous motors,*^ such as is built 
in Europe, one part of the winding has four times the loss of the 
remaining winding, when equal copper section is used for all coils. 
•Expeiience has shown that equal copper section for all coils can 
be used without resulting in unallowable inequality of heating. 



Fig. *12—P., 60-Gycle, Four-Pole, Three-Phase 
Fynn-Wbichsel Motor Operating as Synchronous Motor 
AND Induction Motor 

The Metropolitan-Viekers Company, in their circular No. 1041, 
December, 1921, describing this type of motor, state on page 7: 
"For manufacturing reasons the cross-section of the conductors is 
kept the same in all three phases, so that the heating is slightly 
unequal in the different parts of the winding. But due to the 
relatively large heat capacity of the iron, the. temperature rise is 
practically uniform around the rotor. * * 

With reference to Mr. Fynn’s theoretical objection to the 
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CENT F. L HORSE POWER , 
13-PiaBFOBMANCB CtoveS FOB FyNN-WbiCHSBI, MoTO 

nownal voitw Opei&ted , 


current were suddenly broken, tlio Fynn-Weichsel motor would 
continue to operate as a polypiiase induction motor witli a 
single-phase secondary and load eharacttuMstics us shown in 
Fig. 12 herewith. 

■ Normal load capacity of the motor urnler such <*.ircumsf:Lm»t‘s 
can be fully restored by short-circuiting th<» cx<*itatit»n Ihdd 
winding, in which event, the motor will opcratt* as a nonmil slip- 
ring, induction-type motor, asillu.stratod in Fig. 13. Figs. 12 and 
13 are characteristic curves of all siyAnsof Fynn-VV(*ichscI mopirs 
when operated under the conditions indicatiul. 

Mr. Fynn oxpresse.s the view that the Fynn-Weich.si*! motor 





I I 




Fig* 14 



Fro. 15 


Pros. 14-16— Chabactbuistic Curve of Pynn-Wbioiwb,. 
Motor 


-“7 n., lour-poio, CQ-cyclo, three-phoie mo 

adjusted for approximately unity power fact 
it is adjusted for leading power factor. 


la Fte, 14 
In Fig. Id, 


primary currents are suppUed 

M JnLr installatioBS usiBg 

suffleierWer ^ oonaidered 


iS » “ost favorable reception. It can 

1 general-purpoee d-o. motor inT 

iMtaU^ and the manufaofurers are finding a aurprisinir number 

syaohronouApeTSoSo 

prhSirLS production purpoaea than the 

^wer factor correction. A largo number of 
commercial mstailationa in sizes of motors ranging from 8 h p 
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to l,)(l li. !»,, Jill lujwlo as f?i»noral-}jurpos(3 motor iiistaUations, 
«UK«:i‘st.s t'unolusivoly that Uio h\viin-W(!iohs(*l motor is, in fact, 
a «:oni*ni.l-piir|)<»s(» imitor. 

IVIr. I\vim iiilc*rs I hat tho Fyiiri-Winchs<»l motor cannot oporato 
at uriily powrr la(*h>i\ Fi^, 14 illustrates a coiuinurcial tost 
made liy I ho <’omnioiiwoalth Edison (Company at (?hicafyo, and 
it will Im* olisorvod that tluj power factor is practically unity 
Ihroii^hoiii I ho normal load j’an^ci of tUo motor, this hoinf' a 
inotor rit»t dosij»n(Hl for exact unity power factor operation Init 
rather for openition as iUustrati‘(l in Fi^r, 15. 

Fi«‘. 15 represents Urn same motor, also tested hy the C^iimnon- 
wc^nllh l*;dison (’ompany, with no other modification than asli/,dit 
chanp* in the position of the excitinj' brushes, for tin' purpose 
of «fi\i:i«: a stron/^ leadiui;? power fa<dor and thus compemsating 
lor th(* |jm^du«: pow^u* factor of an ordinary induction motor 
of t he saim* opi'ratinj; in the samt' plant, j^ivin^ unity power 
factor on tin' two motors in combination. 

Nunn'rous correspond in tests have l»eeu jiuide by a large 
number of the loading electric light companies of tlu' country, 


ao 

ami what tin* inot-or will ilu with respt*el ki unity or leading power 

factorisnotaniatterof Ihiuiry hiitofclenioiistratedfact, and while 
the above curves arc? test results on the l.o-h. p. motm-, similar 
chara<d4'ristic pc'i’hirmaiice results,are given hy Ukiiors of all sizes, 

Mr, Fynn’s empIoynnMit of a diagraju to establisli stat«*ment 
that tlio I*yiHi~\Veie.hs('l motor cjiniiot he designed to operate at 
approxima.bely unity power factor (»ver a large IojmI range is 
erroneously emplo.viul, assuming <lesigii conslanls which would 
Uot be used weiH' tlu» Fyiin-Weiehsel motor to !»e df'signed for 
urdly power-faebir servic<‘. 

Air, Fyiin s arguiiKUit suggi'sts that it w<»utd l>e advauiagtHuis 
and pri'f»*rahle to have tln*se motors opi'rale at unity power 
faebir; in his argument he has overloidvtsl tlie actual ctmdiLiona 
which exist in presetit insUiilations and pri>hahly will for many 
yejirs to come. Due te tlui use <d‘ a relati\’ely large percentage 
of imluctiou motors in all instiillatiotis, it is ih'sirable to liava* the 
riunaining inachim's in the installation operate with heading 
power factor in <irder to provide tlu' iiecfjssaiy magnetization 
for the induction motors of this installation,. 



The Single-Phase 

BY L, M. 

Member, 

Synopsis.—The operation of the single-phase induction motor 
is presented according to the cross-field theory as distinguished from 
the theory of oppositely rotating fields. The mathematics used 
require only a knowledge of algebra and trigonometry and no factors, 
such as cross-field iron loss and cross-field magnetizing current, are 
neglected. 

In addition to the derivation of the vector diagram, its transforma- 


T he single phase induction motor consists of a 
primary winding connected to a source of alter¬ 
nating potential and placed in inductive relation 
to a short-circuited secondary winding which can move 
relative to the primary winding. A complete iron 
path, except for the air-gap necessary to allow relative 
motion between the two windings, is provided for the 
flux which interlinks the two windings. This inter¬ 
linking flux is produced by the primary winding because 
of its connection to a source of alternating potential, 
and it is the effect of this flux on the short-circuited 
secondary winding in which we are interested. 

The motor is shown schematically in- Fig. 1. Al¬ 
though the secondary is considered as being wound 



with a number of individually short-circuited coils, 
in practise this construction is not used as it is mechan¬ 
ically so much easier to short circuit all the coils to each 
other by means of common-end rings. If the resistance 
of the end rings is negligible with reference to that of 
the bars, the two systems give identical results. Al¬ 
though high resistance end rings tend to distort the 
distribution of the secondary current from that of a true 
sine wave; this effect is negligible in practise so it will 

1. Westingkouse Electric & Mfg. Co. 

Presented at the Midwinter Convention of the A. I. E. E., 
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tion into an accurate circle diagram, which requires no assumption 
except sine wave voltage and primary field distribution, is shown. 

The result is a circle diagram practically identical with that derivedby 

Branson {A. 1. E. E. Proceedings, June, 191^) from comparison 
of the two-phase and single-phase induction motors, except that the 
derivation should be more easily followed and the result is a simpler 
diagram to construct and use. 


not be considered in this analysis. We will assume 
that the primary winding is so distributed as to produce 
a sine wave field form, and that the impressed voltage 
has a sine wave form. 

In addition to the interlinking flux mentioned above, 
there are leakage fluxes around the different windinp 
which do not link with all the windings. As shown in 
Fig. 1, there is a flux cjotp, threading through the primary 
winding in addition to the mutual flux (fimt which 
threads through both primary and secondary windings. 
Also there is a leakage flux cjius threading through the 
secondary but not the primary. Furthermore; there 
is another flux cjic, as will be shown later, which does 
not thread the primary winding but only the secondary 
along anaxisatrightanglestotheaxisof theprimary flux. 
The total flux threading through the primary is ^lp -k 
which we will call (f>i, while the total flux threading 
through the secondary along the axis of the primary is 
4>cs -f- 4>m which we will call </» 2 , and the total flux 
threading through the secondary at right angles to the 
primary axis is 4>c. In addition to being threaded by 
fluxes each coil cuts fluxes. 

A voltage is generated in a coil by a change in the 
total flux threading the coil, whether this change is 
caused by a change in the total amount of flux; or 
whether, with a constant flux, the coil turns so as to be 
threaded by more or less of the total flux. The voltage 
induced in a coil by a change in the total flux is generally 
known as a transformer voltage and is proportional to 
the frequency of variation of the flux and to the total 
flux. The voltage induced in the coil as it turns so as to 
include more or less of the total flux is known as the 
cutting voltage and is proportional to the speed of 
cutting and to the density of the flux at the point where 
the coil cuts it. If the flux is varying as the coil turns 
the net voltage generated is the sum of the voltage 
generated by transformer action and cutting action. 

We will assume an alternating flux <^>2 threading the 
secondary along the primary axis and will investigate 
the voltages generated in the various coils by their 
cutting this flux, and the voltages generated in the same 
coils due to the alternation of this flux through the 
coils. Also we will find what other voltages, currents, 
or fluxes are produced by these voltages. 
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A coil at a, Pig. 2, will not cut any of the flux 
while a coil at d will cut the flux (j>i at the point of 
m^imum density. The voltage generated in the 
coil a will then be zero while that generated in coil d 
will be a maximum. Since the flux <l>.i is assumed to 
have sine wave distribution, the voltage generated 
in any coil will be proportional to the sine of the angle be¬ 
tween that coil and the coil a. This voltage causes a cur¬ 
rent to flow in each coil and these currents produce a flux 
<l>c along the axis at right angles to the original flux 



Pio. 2 


assume that this flux has a sine wave 
distribution, although this assumption will have to 
be justified later. Since the flux <^2 is alternating the 
voltages generated in the coils by cutting this flux will 
also be alternating voltages, having maximum values 
at the time 08 is maximum and minimum values when 
02 is minimum. The flux 0 c will also alternate because 
the currents producing this flux alternate with the volt¬ 
ages producing them. The alternating flux 0c induces a 
transformer voltage in the coils threaded by this flux. 



Pia 3 


Since the coil d includes all of this flux the voltage 
induced in it will be a maximum while the voltage 
induced in the coil a will be zero as it is not threaded 
by any of this flux. As we have assumed sine wave dis¬ 
tribution of the flux 0 c the transformer voltage induced 
in any given coil will be proportional to the sine of the 
angle of the coil from the coil at a. Then in coil d 
there is a voltage E», Pig. 4 induced by the coil cutting 
the flux 02 and this voltage is in phase with this flux, 
as shown above. In addition to this voltage, another 


voltage Eiis generated in this coil by transformer action 
of the flux 0c. This voltage lags 90 deg. behind the 
flux 0c because the transfoimer voltage always reaches 
its maximum 90 deg. later than the maximum of the 
flux which generates the voltage. Since the flux 0c is 
the total flux, produced by the currents J*, threading 
through the secondaiy along the axis at right angles to 
the primary axis, the only additional impedance to the 
current J 3 in the coil d is the resistance of the coil d. 
Then the 1 1 drop of the coil d will be overcome by the 
voltage which is the difference between the voltages 
Eh md Eh, or I a Th in Pig. 4. Due to iron loss, the flux 
0c is not exactly in phase with the current I;, but lags 
slightly behind by the angle X. Por this reason, the 
voltage /j r 8 is not exactly at right angles to the voltage 
Pfl. We will assume in this analysis that the iron loss 



B’ig.X4 

is proportional to the square of the flux density in the 
iron, which is very close to the truth. With this as¬ 
sumption, the angle between the current and the 
flux 0 c is constant. Since there is no other winding 
threaded by the flux 0c, than the secondaiy winding, 
the angle between Eh and Eh will remain constant as 
will the angle between 0 c and <f>«. Since Eh depends 
on the speed, being a cutting voltage, the value of the 
different vectors will vary through a wide range but 
this will not vary their relative values nor the angles 
between them. 

There are similar voltages to the voltages Eh and Eh 
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generated in each of the coils a, b, c, e and /, although 
these voltages are not of the same value as the voltages 
generated in the coil d as was shown above. However, 
the voltage E/ generated in any coil by that coil cutting 
the flux 02 will have the same phase as the voltage Eh 
generated in the coil d by cutting the same flux.. In 
the same way the transformer voltage Eh' generated 
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in any coil by the flux 4 )c will have the same phase as 
the voltage Be in coil d but will be smaller. As shown 
above, these voltages are both proportional, in the differ¬ 
ent coils, to the sine of the angle between the given coil 
and the coil at a. It follows then that the diff^ence 
between these voltages will also be proportional to thesine 
of the angle between the coil in question and the coil at a. 
But since the current 1 3 in any coil is proportional to the 
difference between the voltages E 3 and Be it follows 
that the current /e in any given coil will be proportional 
to the sine of the angle between that coil and the coil 
at a. In other words the currents /s are in phase in 
the different coils and the current is distributed ac¬ 
cording to the sine law as shown in Fig. 5. It follows 
that the flux produced by these currents will have a 
sine wave field form. But this was the assumption 
made in the beginning so that all conditions for the 
production of the flux <^c with sine wave field form have 
been met, and that will be its field distribution. 

In addition to these voltages B 3 and Be there are two 



other voltages generated in each coil, first a transformer 
voltage due to the flux <t >3 threading the coil and second 
a cutting voltage due to the coil cutting the flux <^>c. 
This transformer voltage is maximum in the coil a 
which is threaded by all of the flux and minimum in 
the coil d which is threaded by none of the flux 4>i, and 
is proportional in the different coils to the cosine of the 
angle between the given coil and the coil at a. Also the 
voltages induced by the coils cutting the flux <^c is 
maximum in the coil a and zero in the coil d, being 
proportional to the cosine of the angle between the given 
coil and the coil at a, since the flux (i>c has sine distri¬ 
bution. The vector diagram for coil o is shown in Fig. 
6 where Bj is the transformer voltage due to the flux 
and B 4 is the voltage due to the coil a cutting the 
flux <^c. B» lags 90 deg. behind 4>i while B 4 is 180 deg. 
from (f)c. Since all leakage fluxes are considered in <^2 
the voltage difference between Bs and B 4 will overcome 
the I r drop of the <Joil a and force a current I 2 through 
the coil in phase with this voltagedifference 1 2 r 2 . Since 
both B 2 and B 4 are proportional to the cosine of the angle 


be^een any given coil and the coil at a, the current 
I 2 in that coil will be proportional to the cosine of the 
angle between that coil and the coil at a. It follows 
that the current U will be distributed in the various 
coils according to the sine law as shown in Fig. 7 . 

In any other coil than o or d all four voltages Bj, 
Be, B 2 and B 4 will be generated and the net current in 
that coil will be proportional to the net difference be¬ 
tween all these voltages. However, this net current will 
. be equal to the sum of the two currents 13 and I 2 assumed 



to flow in the given coil in the above analysis. It makes 
no difference whether the net current or the two com¬ 
ponents are considered. Fig. 8 shows the vector 
diagram for the coil h 30 deg. from coil a. As shown, 
the total current Is is the sum of I 3 * and the voltages 
B 3 * and Be* being one half (or sine 30 deg.) of their 
values in coil d while the voltages B 2 * and B 4 * have .866 
(or cos 30 deg.) of their values in coil a. 

As shown in Fig. 6 , the current I, is so distributed 



Pig. 8 


in the secondary as to produce no ampere-tums along 
the primary'axis, and will not affect the primary winding 
directly. However, the currents I 2 are so distributed 
as to act directly oh the same flux path as the priinary 
winding so that this current will be transferred to the 
primaly by transformer action. 

The flux is the total flux produced by the currents 
13 but the currents I 2 produce a leakage flux <^ls in. 
phase with I 2 along the primary axis and as we saw 
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above the flux <(>i is the sum of and Therefore, 
the flux (jbm is the dilferenci' between the flux </>j an<l 
01 S, us shown in Fiji. (». 

fn order to force the flux f/>„ (Fig. })) across the air 
gap a i-esultsint magnet ixing current mu.st How in the 
primary winding producing ampere turns .slightly 
leading the flux <l>„ by Ihe angle X,. (This angle? is 
caused by the iron loss as we .saw above.) Ikit before 
the.se ampere-turns can acl on the flux path the ampere- 



turns produced by tlu? <*urrents /... acting on this same 
path must be neutralised by e<iu!d tindopposiieampere- 
t.urtis produced by the primary winding. 'J'hen (he 
total jjrimury (current will be e(|ual to the sum of a (;nr~ 
rent /1 (Pig. 9) t*qual and opposite to the secondary 
current (a.s.suining one to one ratio) an<l a mtignetizing 
current /„, letuling the flux by the angh* Xi. 'I’he 
total (turrent will be / in Fig. 9. 

Due to this (current I ti leaktige flux in phase with 
/ i.s prtxlueed threading the primary winding t»s .shown 



in Fig. 1, and the total flux threading the primary is d*i 
the sum of <!>„ and ^i.i- as shown in Fig. 9. Due to 
this flux (l>i a transformer voltage Ei is induced in the 
primary winding and the voltage difference / ri iietween 
the line voltage and this transformer volta^». forces 
the current 1 through the resistance of the primary 
winding. 

The complete vector diagram for the conditions 
assumed is shown in Pig. 10. Although Pig. 10 diows 
the complete diagram, it is in such form as to make it 


la 

very hard to follow such changes a.s ime produced by a 
chiinge in .speed. A .simplified diagram which shows 
all the component vectors is shown in Fig. 11. As will 
be noted, the two component primary currents I \ and 
/», are considered instead of the total cuirent 7, and 
.since It is e(juul to /|, the net result is as though the 
currc'nt It flows through botli primary and s{>condary 
windings while an additional magnetizing current, /,„ 
flows through the primary winding only. There i.s an 
additional magnetizing current It in the .secondary but 
Jis was shown, it does not directly affect the primary, 
'riie volf tiges / ‘f\, It Xt and 1 1 ;<•» are reactance voltages 
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generated in the windings by the leakage fluxes pro- 
tiuced by the currents I„ in the primary and /«in both 
primary and secondary. 'I'he v<»ltuge I ;i;„ whi(;h is 
the .sum <»f /,„Xt and /.jatj is the tninsformer voltag<* 
produced in the primary winding by the total pritnary 
leakage flux <^i i-. / Xi i.s at right angles to t/x.v (Fig. 9 ). 
In the .same wtiy It^i'i and Itx-.. are at right angles (ti 
and ijroporfional l.o Ij. h. ri ha.s l.he .same idiu-se as 
I,., whik? It ft and I- r- have the .same phsise as /«. 

For the f,ime being we will consider that the primary 
resistant;** is zertt and that there is no primary irt)n lass, 
HO that /,„ is In phsi-st* with and Xi i.s zero. Later 
we will show the etfe(;t of these two Itjsses on the dia¬ 
gram. With this as.sumption, the vectons E anti / ri 
f /„ ri f /;• fi) drop out and the diagram which we are 
considering is shown in Fig. 12. 

SintHf /„, is in ithttse with I„, .iti will be itanillel 
to E„, hecau.se both J,„ Xt anti Em, being transformer 



voltages, are at right angles to the current producing 
the transformer flux. Also we know that 7»afi will 
have a constant ratio to Em because /,»xi is the volt^e 
generated by a leakage flux produced by the current 
while Em is the voltage generated in the same winding 
by the useful flux tf>m produced by this same current I„, 
The ratio between /„ xi and Em is the ratio between 
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the permeance of the leakage flux path and the per- 
ineance of the useful flux path. If we let —f — 

m 


Let 


E,. 


ImXi 


will equal —^ where —^ is the ratio be- 


Xi 


Xi 


between the permeance of the useful flux path and the 
permeance of the leakage flux path. 

Since Em and /,«Xi have a constant ratio, regardless 
of other changes in the diagram, it follows that the 
lines 0 m and jw o in Fig. 12 are proportional and have a con¬ 
stant ratio (similarsidesof similar triangles opmand mn 
a) and that the point m is a fixed point on the line o a regard¬ 
less of other changes in the diagram.. Furthermore, be¬ 
cause p m and m n are the other sides of these same 
triangles, they will also be similar and, therefore, 
proportional 


0 7Tl / Zm \ / \ 

od ~ \ Zm + Xi / \ Zm + Xi / 

om = Zm, then ma = Xi and ad = Xi^ ^ ^ 

od =Zm-bXi+Xi(^ )• 

= +Xl) {Zy, + X») 

Zm 


om 


' ' od (Zm + X2) 

oa = Zm + Xi 

. 0 a (Zm + Xi) Zm Zn 


to 


Xi 


0 d (Z^n + ®l) {Zm + Xi) Zm + Xi 

Redrawing Fig. 12 , and leaving out unnecessary lines, 
we have Fig. 13, where ^^2 ~ X 2 + Xi- 


m n 
pm 


Xi 


7nn + pm 
pm 


Zm “j~ Xi 


Zm + Xi 


and 0 d 


= EiX 

Zm 



Since a:-, z, and z„ are constants, it follows that the line 
mb is proportional to Jj. 

The line p a is proportional to I Xi and therefore 
to I, but we do not wish to have to find the point p in 
the final diagram so we will find another line from 6 
which will be proportional to I. From b draw the line 
bd parallel to pa until it intersects 0 a at d. Then 


t> A TO 6 . 

— is a constant, so it follows that 


bd mb 

pa mp' 

6d . , 

^ ^ IS a constant and 6 d is therefore, proportional to I, 

since pa is proportional to I. 

Since the sides to 6 and m p of the similar triangles 
c TO p and d TO 6 have a constant ratio and since a to is 
constant as proved above, it follows that to d will also 
be constant and, therefore, that the point d is a fixed 
point on the line 0 o, regardless of any changes in the 

diagram due to changes in the load or speed of tiie 
motor* 

To prove 


It was proved in connection with Fig. 4 that the angle 
between the fluxes <f>i and 0 c is constant regardless of 
other changes in. the vector diagram. Since Ei is 90 
deg. from 02 and E^ is in line with 0c it follows that 
the angle between Et and Et is constant. It has also 
been proved that the lines to b and be sre both pro¬ 
portion^ to the secondary current li so the triangle 
TO & c will always have the same shape and proportion 
of parts regardless of its size. We know further that 

the ratio is constant, from Fig. 4 . It is also true 

that the ratio_ because F ia tLa 

® putting the flux 0 c 
while Et IS the voltage generated in the identic^ coil 
d by transfomier action of the same flux 0 r and the 
cutting voltage becomes equal to the transformer 
voltage at synchronous speed. In the same way 


0 a 
od 


Ei 

Ei 


_ speed 


and 


Z„ + Xi 


syn. speed 

Ei Eg 


Then it follows that (—V 
\ S 3 m. speed / 


Eg Ei 


E 

times a constant. Knowing these 
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relations, the effect of changes of load on .the diagram 
can be followed more easily. 

If the load is decreased, the triangle mb c becomes 
smaller while if the load is increased, the triangle be¬ 
comes larger. But, regardless of its size the vertices 
b and c must remain on the opposite sides of the constant 
angle hoc having its vertex at o. In order to fulfill 
these conditions the angle hoc must swing down as 
the triangle mb c increases in size. Fig. 14 shows how 
the diagram changes with reference to that shown in 
Fig. 13 when the load is increased over that in. the case 
of Fig. 13. Since the line o c is much shorter, in pro¬ 
portion to the line o b, in Fig. 14, than it is in Fig. 13, 
it follows that the speed for the condition of Fig. 14 



b 


Fig. 14 

will be lower than that for Fig. 13. If the line o c is 
made equal to zero or in other words, the speed is zero, 
the diagram changes to that shown in Fig. 16. If, on 
the other hand, the load is decreased^ so that o c be¬ 
comes longer and the triangle hoc swings up, at syn¬ 
chronous speed the diagram takes the form as shown 
in Fig. 16. In this case o c represents both E 4 . and Es 
while the line 0 h represents both E 3 and E^. Then 
triangle boc will be similar to the triangle shown in 
dotted lines in Fig. 4 and composed of the sides Ez, 
FoS and hri. It is evident that, since the line be 
coincides with the line Izi'i and b c = I 2 t^, at this 
speed I 2 will equal Ij. 



In Appendix A, will be found the proof of two prop- 
ositions; first that if two circles are drawn on similar 
parts of the hypotenuse and one leg of a right triangle, 
any right triangle having one vertex at the vertex of the 
original triangle and the other two vertices on the 
respective circles will be similar to the original tri¬ 
angle; and second, that the two vertices on the circles 
will lie on the two sides of a constant angle having its 
vertex at the intersection of the two circles. But these 
are the conditions to be fulfilled in the diagram above 
as the load changes, namely that the triangle mb c 
must always be the same shape with its vertex at the 
point m and the two vertices b and c must lie on the 
two sides of the constant angle boc, between the 


voltages Ei and Ei. Therefore, the point b will follow 
a circle as the load changes while the point c will follow 
another circle as the load changes. It is then necessary 
to determine the location of these circles with respect 
to the line od. 

A circle is determined by three points on its circum¬ 
ference. We know three points on the circle locating 
the point b as follows. 



First, both circles must pass through the point 0 , as 
the vertex of the constant angle must lie on their 
intersection. 

Second, Fig. 15 gives the location, bo, Fig. 17, of the 
point b for zero speed conditions. 

Third, the diagram of Fig. 16 gives the location,. 
h Fig. 17, of the point b for the synchronous speed 
condition. 

Then, the first circle locating the point b can be 
drawn through these three points. The second circle 
is determined from the first by the use of the first 
proposition in Appendix A. A line m b% hi is drawn 
from m through the center of the first circle (Fig, 17) 
and on this line as one leg, the triangle m bi Ci is con¬ 
structed similar to the triangle m bo 0 . Then the line 

c: C 2 is laid off so that Ci c^ is the diameter 

of the second circle. 

Then any line such as m 6 drawn to the first circle 
and the line 6 c at right angle tomb form the two legs 
of the right triangle showing the voltage drops due 



to Iit follows that the speed for the load shown by 

\ E2. 

the line m b can be found from the lengths of 0 c and 0 6. 
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It will be shown later that the torque produced may 
also be found from the two lengths o e and o h. It has 
already been shown that the primary current is repre¬ 
sented by the line d 6 in amount but that d & is at right 
angles to the current 1, while m h represents the second¬ 
ary current in amount, but 90 deg. out of phase. Fig. 
17, therefore, shows speed, torque, primary current 
and secondary current and the phase of the two cur¬ 
rents. This diagram may be very much simplified 
without destroying its usefulness. 

Since the line o c is the only one determined by the 
second circle, it is very desirable to find a line in the first 
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circle proportional to oc. Such a line proportional 
to 0 c is the line b bo Fig. 17, as is proved in Appendix 
B. The diagram may then be drawn as shown in 
Fig. 18, where the different lines represent the following 
quantities. 

0 d represents Ei to scale and in phase. 

0 b represents Ei to a different scale and in phase. 

bbo represents to a still different scale but not in 
phase. 

b d represents I to a certain scale 90 deg. from correct 
phase. 

m b represents J. to a different scale 90 deg. from 
correct phase. 


so the iron loss will increase for a given flux <!>« at lower 
speeds. The increase in loss, due to the lower speed offsets 
the decrease in loss due to the decrease of the flux d»2. 
For this reason, it is justifiable to assume that the 
total primary iron loss is constant if Ei is constant. 
This loss may be considered as being supplied from the 
line by means of a small additional current le,. flowing 
through the primary n addition to the current J, 
considered so far. Since b d represents I in amount 
but is 90 deg. from the proper phase, if we wish to 
add the-current Ip, to I we may do so by drawing a 
line d 'o\ Fig. 19, representing to the same scale as 
b d represents I and at r.’ght angles to its correct phase. 
Then the total primary current will be o' b Fig. 19, 
to the same scale asbd represents I. 

Due to this current P there is a voltage drop I' ri 
in the primary caused by the primary resistance ri. 
This voltage is in phase with the current I* and then - 
for at right angles to the line o' b, when o d represents 
the phase of the voltage Ei and o‘ b is 90 deg. from /*. 
In order to simplify the diagram, we will let o' b rupre- 



Fig. 20 



Pig. 19 


sent the phase of the primary currents in which case 
the primary voltage must be represented by a line 
o' e at right angles to o d, and the primary resistance 
drop P ri IS represented by a line o' t, Fig. 19, in line 
with o'6. Since the total line voltage is the sum of 
El and P rj, we will lay off Ei = o' e from o' at right 
angles to o d in which case e t represents the line voltage 
to the same scale as o' e represents Ei, 

Since o' t and o' b are both proportional to P and 
the point b lies on a circle at all loads, the point t will 
also follow a circle. The two circles will have the ratio 


So far we have neglected the primary iron loss and 
the pnmaiy copper loss in drawing the Hiaf ryiniq 
The iron Iok in the. stator is proportional to the flux 
01 Since we are assuming a constant voltage 

£i and therefore a constant flux 0x the stator iron loss 
will be co^t. The rotor iron loss due to thepri- 
flux IS proportional to the flux <i, souared so it 
mil decrea^ as the load inoreases since the flW 0, 
^^with^increaseinload, But the motor slo^ 
as the 1<^ increases and the rotor iron loss is very 
small at synchronous speed and larger at lower speeds 


of diameters ofand the centers of the two circles 

^1 be on the same line passing through the point o' 
The centers will also be at such distances that 

o'og (Fig. 20) = (Fig. 19). Then Fig. 20 

^ows the complete circle diagram in which the different 
Imes represent the following quantities. 

O' 6 represents primary current in phase and to scale 
€ t represents hue voltage in phase and to scale 
cos of angle o' t e equals power factor, ’ 
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the lines o h and b b. will give the speed and torque, E, in Fig. 6 and i?,' equal to but opposite to E., in 
the efficiency maybe obtaine<l from 

jy X /* X eos o' t e. ''j in Fig. 6. Along E. lay olV a length 

If secondary current is tlesire<l it is represented by 

»? 6 to scale and phase. tia as that between E;i and a vector opposite to Ea 

ft only remains to find the various constants and because the angle 

lies of the lines repre.senting the.se (juantititw, so that between and 

s numerical results mav be read from the diaLn-am ^2 and E^, are at right angles and £,', and E^ 


.scales of the lines repre.senting the.se ipiantititw, so that ^ 

the numerical results may be read from the diagram, f 

and .«o that the diagram may be constructed when the * light angles. 

constants of the given machine are known. W« ««« tr;„ 01 


We see from Fig. 21, that h cos n 


E., cos 0 ~ E, 

r./ 


nJ T>' 

\ Sin (X 




Touquk ' - 

Torque is produced by the reaction of a curmnt in a -ind lh*it T. i-na ^ ‘^ns (9 

conductor on the flux cutting the conductor. Its ' '/’» 

instantaiKMius value is proportional to the product of but 
the instantaneous current ami the flux at that instant. .. 

If the flux and current are both alternating and in phase . ' * =. ^ so that/-i cos 

the maximum torque is projiortional to the product of ^ 

the maximum current and the maximum (lux. If the 

current and flux are nol. in phase the maximum torque / fos \ _ ^ \ 

is proportional to the producf. of the maximum flux . a ^ / 

and maximum current and the cosine of the angle be- r« 

tween them. 

Since the cutting vol(.age is proportional to the flux 
times the speed,, the dux will be proportional to the , 

cutting voltage , ,,,. „ —^IJ^a ># 0 . 

““ speed ^ voltage will represent the flux 

m piuise. It follows then that the torque is pro- 

portional to the ® 

X current^X cos 

speed. .* 

The .secondary coil « Fig. 2. carries the current /- , i?., speed E. svn vio«.,i 

^ shown in Pig. fi and has the voltage E, generated bA == syn! .speed '^^''<*1' ” 

m it by the flux <f>i. Then the tortjue produced will 

«iual ■ Each of the other eoila will have *’ ‘‘ ’ ®Vr ( 21 - <■» » ) 

a similar current and, therefore, will prtKluee an addi- torque will be proiwrtional to 

tional torque. The total torque will be proportional /A’acosd? - &',\ „ EsE^ ( cos X 

to that in coil a. In the same way the current /» V »'s X speed" J x .sptied \ sin ~ ^ 

m coil d produces a torque with the flux </.«, jus do tlie 

currents 13 ’ in the other secondary coils anti the total , . . \ \ 

torque produced by all these currents is proportional ^’s Ei f 2 con 0 - | 

0H .. ... ' 

to the torque jiroduced by the coil d, or to ^ speed 

speed 
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, Eh 

and „ - = 

speed ,., 


E‘s 

ft, " 

so that I 3 ft. 

ft. ft., / 

. cos 0 ! / 

cos X 

r» \ 

sin a 


and while - fr -- 

Bjfi syn. speed A, speed 

so that 13 Ec, cos a ■- q \ 

rs V sma / 

Then the net torque will be proixirtionul to 
/ A’t! cos 0 • - Et \ „ Et E.X / cos X 


E3Ei(2cOH0~ 

. \ .... sm a 

rVx speed 


) - ft’/ 


Since 1 3 is Im than 90 deg, from the cutting voltage 
fta as shown in Fig. 4, while is more than 90 deg. 


From Fig. 21, we see that 


cos X 


1 3 r« cos X 
ft,I sin i9 


from the cutting voltage E^^ shown in B’ig. 6 it follows /» cos X is the current producing the cros-sfield flux <bt 
that one of these torques will be positive and the other by its magnetizing action (/, sin X furnishes iron lass 
will be negative. Then the net motor torque will be in the same way ai h, furni.shes primary iron loas.) so 

L Eons a rPnnovw that ft« is proportional to Ja cos X. 

proportional to Since 4 >^ includes both-the flux that goes into the 

T_ _, . t , . . . Stator (around a path having the same permeance as 

ao eipression it is neceasary to the path followed by the flux d>«.) and the flux following 

relations between the path of the secondary leakage flux the total 
the vanous quantities. In Fig. 21, draw ft, equal to permeance of the path for the|flux <ik: is proportional 
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to 2 „: 4- * 2 . SO that Eb = 


Is cos X 

?m + *2 


COS X _ __ 

■ ’ sin O' ~ (Zm + Xi) sin 6 
and the net torque is proportional to 




2 cos 0 - 


(Zm + Xs) sin $ 
speed 

Speed 


Zm + Xi 


Therefore, 


-f- x*> 

bd Ixi— + 

/!• 

—;- 

”1” 3^1 

and it follows that 


orl(^Zi + 


Zm Xi 


Then the circle will pass 


As has already been shown ( —\ 

\ syn. speed / 

_ Es Ej _ Ea Es 

Eo Eq £?2 E% 

. but = >-2 

’ Eb sin a («„ + xs) sin $ 

Therefore, speed = syn. speed 

^\lTzm + Z)^ne 

Primary Current J* 

As shown above 6 d represents 7 to a certain scale 
and o‘ b represents I‘ to the same scale. 

but6d = pa(-^ )andpa= 7a:i while ^ 

\ ^iv / mv 


gi-- +X2 
~r 3?! 


JmK The actual magnetizing current will be J,„ repre¬ 
sented by d m. 

Then - dm = ImXi 

The location of the circle with reference to the line 
o d is more easily found than by drawing it through the 
three points o, and 6„ as will be shown below in Fig. 
22. On the line o m construct the triangle o m ho 

having circle will pa.ss 

through 0 and 6«. Unless the secondary resistance i.s 
too large, the circle will cut the line m bo at some other 
point such as 6i. Pig. 22. Then for this load the triangle 
mboO becomes m 6l ct and Ci. will lie on the line o m. 
Since angle o &. bv is a right angle and the three points 
o, bo and all lie on the circle, obi. must be the diameter 
of the circle. Then the angle cu o bi. is the constant 
angle 6 between o cl, representing E.t, and o hi , repre¬ 
senting Es. Draw the line hi. k from hi. perpendicular 
to 0 m at k. 

From Fig. 21, we know that 

tan 6 =-;- — -— 

+ a :2 -t- Ts tan X 



Secondary Current Is 
As was shown above 






so that 

bh k 


ok 

also 

bh k 


mk 

Thffl*efore 

0 k 


mk 

and 

m k 

but 

om 
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Zm + oja -f- r 2 tan X 


to fie 

ssnie scale as 6 d represents IK 

Magnetizing Current 7„ 

Pri^ 25 only currents in the 

Pmnaiy wUl be the magnetizing + iron loss currents or 


SO that 


nzs + ga -I- n t an X 
Xs 


om JCa + Zm -t- Za + ra tan X 

~ {~Zm^Xs ) ( ~Zm + Zf ) ^ ® 


Xs ( -52_ ) ( 

- V gm H- Za / \ Zm +Xi/ 


mk = od X ——V + Xs / \ Zm + Xi 

Xs + Zm + Xs + Ts tan X 
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Therefore, 


•b) 


bi. k = 0 d X 


r, W \ ^ 

- - ^ i A'., + z„, + X, + r, tun A 


X-i + z,„ -f X;. + r-j jin X 


and dk = od X 
(^m ”l" + ra 


[ 

atanX(-~~^-^ 

_/ diameter of circle 

2 ■+• Sw + + fa tan~ X.. “* 


Then, o [n is the diameter of the circle locatintj the 
ixnnt b with its center at o,. ^ 

()• = „i 0 Jjf'. 

Oti 


0,1 = 0 bi. 


r, .S', 

" x; 



'I'lIK PiNAF,. ClKCI.B DIAOKAM 
Since the line b 6# does not represent to .scale, and 
since E., which is repre.sented by o c, mu.st be multiplied 
by a constant before using, regardless of whether it is 
to scale or not, there is no reason for drawing the part 
of the diagram d, o, o', c, 6, to the .same scale as the part 
o' c t. On the other hand, it is more convenient to 
use a different scale for the currents than is use<i for 
voltage^ The lines o' e and o b will no longer represent 
El and to the same scale, 

Let^iS,; w? volts per inch to which a represents Ei 

and .S’, = amperes per inch to which o' b represents T 
Then 

o' e (Pig. 23) = -4“- 


0 b. 


V rr H- A'./ 




^ 'J’hen on this dingnun 
S.. X o' <>■ ~ line voltage 
.S',. X tit = equivulcnl. line voltage 



.S’, X b o' 


( 


o' a 
e t 


) 


primary amperes 


^ X o d 



“f" X I 


)><'"''( "'r) 


.si-eomlary amperes 


(o' D- -I- (« /)••!(„i ,,yi 

. 2 („i ly ij ■ = pw cent power factor 



K, spee<l (in rev. per min.) 


o'd = 



watts iron loss , ,. , . 

1.-2 polyphase iron loss) 


d 0 
dm 


__^l_/ 2 b, + JCj \ 

"a, Si ^ Zm ■) 

f itt 

“S, 


dk ~ od 


tan X » 

* m 


o' d 
dm 


(Xjn + tan X) /—^ 


1 — -- _ - _ \ ^»i + SCi J 

+ Zm + + fs tan X 


( e X ) ' *1 [Pdetion (in 

h. p.) and windage] = h. p. output 

Torque oz. ft = 34000 

Efficiency 

___ h. p . out put >^0.746 

Primly volts x primary ampererx power faHw 


Where 

iZm + Xu) 8 ih 0 ^ ^ 

r™" H- Aa® 

x;~'" 

0.00134 A*- V rT+l:?' j 

( ZjM + Xl 
i Zm 
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Ki = 0.00134 

Ti \ Zm / 

Appendix A 

Proposition 1. To prove that if two circles are 
drawn on similar parts of the hs^potenuse and one 
leg of a right triangle, any right triangle having its 
vertex at the vertex of the original triangle and its 
other two vertices on the respective circles will be 
similar to the original triangle. 

Construction, Fig. 2 ^. Draw the triangle m hi Ci and 
the similar triangle m 62 C2 and draw the two circles 
having their centers at 0i and 03 on 6162 and Ci C2 as 
diameters. 

p. m Cj _ m Cl _ Cl Cj _ 02 m 

m hi ~ TO 61 ~ 6162 ~ Oi TO 

Draw in any line to b and the line to c at an angle 
from TO 6 so that angle cmb = angle Ci to 61, imtil it 
cuts the circle 02 at a similar point to the position of h 
on the circle 0. That is, if to 6 does not cross the 
circle Oj, then to c must not cross 02. Connect e and h 
and draw the radii of the two circles 02 e and Oi b. 

O.C O2TO 

Then ^ construction) 

And angle 02 to c = angle 0i to 6 (same angle 0i to c 
added to equal angles 02 to Oi and emb). The triangles 


having two sides proportional and the included angles 
equal. 

Proposition 2 . To prove that the two vertices (on 
the circles) of the above triangle lie on the two sides of a 
constant angle having its vertex at the intersection of 
the circles. 

Construction Fig. 25 . Draw the circles Oi and 02 
on the triangle to 61 ci, as above, and call their point 
of intersection 0. Draw the lines 0 C2, 0 &«, 0 c and 0 b. 
To prove that angle hoc = angle bi 0 C2. Draw in the 
lines Cl c and &i b. 
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. TOC TO Cl 

Then smce (proved above) 



ot TOc and 0, mb have two sides proportional and one 
^ual. The two triangles are similar if the above 
Imitation (that to c shall not cross the circle 02 if to h 
^ not ^ the circle Oi) is placed on the double 
solution given by the triangles with two proportional 
sides and smilar an^Jes, (not the included angles) equal. 

Ti,ga^!LL ^ _2 l£_ 

TO6 Oib TO oil sides of siini- 


TO 61 Cl 


Therrfor^ tt^^e to & c is similar to triangle 


And angle Ci to c = angle 61 to 6 (same angle bimc 
added to equal angles Ci to 61 and c to 6). 

Triangles c Ci to and 6 61 to are similar and angle c Ci Ca 
= angle 6 6162 

But angle c Ci C2 = angle c 0 C2 (each measured by 
of same arc C2 c) 

and angle bbib^ = angle6062 (each measured by 
of same arc, btb) 

Therefore, angle boc = angle 62 0 c-i (same angle 
cobi subtracted from equal angles b 61 bs and c Ci Ca) 

Appendix B 

In Fig. 26 , the two circles are drawn on «imiiflt» 
parts of the triangle to 61 ci as in Fig. 24 , and the triangle 
TO 6 c is any right triangle having one vertex at to and 
the other two vertices on the respective circles. Draw 
in the right triangle to 6,0, (similar to to 6cby Appendix 
A, Proposition 1 ,) and the lines o c and 6,6. 

Then, triangles toco and to 6 6, are similar having 
two sides proportional and the included angles equal. 

Tiiar. ^^0 • & bo 

' “ ~ mb. 0c “ of diameters 


oc 


oc 


of two circles.- 


TO 0 


^ « ratio of diameters of two circles as shown in 

Appendix A. 
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Discussion 

V« Karapetolfs The problem treated by the author is quite 
old, djud a complete absence of correlation with the work of pre¬ 
vious investigators is rather deplorable. Thus, the whole set of 
papers and a voluminous discussion before the Institute in 1918 
are entirely ignored, as well as the subsequent contributions to the 
theory of this class of machines. In 1921 I showed the equiva¬ 
lence of the two theories of the single-phase induction machine 
Journal, Vol. 40, page 640) and gave a new equivalent diagram, 
only one branch of which contains variable slip. A circular locus 
and a general-performance equation follow from this diagram 
directly. In Vol. 41 of the Transactions there is a paper by 
Mr. ^ Kostko which to me only shows that elementary mathe¬ 
matics is inadequate to lead to a simple theory of the machine, 
on the basis of two oppositely revolving fields. Mr. Perkins* 
paper shows that elementary mathematics is also inadequate in 
the cross-field theory. I hope,* therefore, that this method of 
approach will now be definitely abandoned in favor of more 
advanced and shorter mathematical tools. In the Journal for 
1923 (Vol. 42, page 1181) I indicated the use of the scalar product 
of vectors in the solution of problems on locus diagrams of 
electrical machinery. This new use of vector analysis has al¬ 
ready proved to be quite fruitful in a derivation of the exact 
circle diagram of the polyphase induction motor, without inver¬ 
sion or long formulas. The next step is to try this method on the 
single-phase machine, preferably using the unified equivalent 
diagram mentioned above.. 

Instead of a laborious step-by-step method, we ought to be able 
to write at once a few vectorial equations which represent all the 
essential relationships in the machine. For a solution of these 
simultaneous equations an advanced mathematical method 
(or some mechanical device) should be used, leaving the physical 
relationships “transparent** to the end. Of course, in numerical 
computations there will be products of complex quantities to 
evaluate, but there already are a few computing devices for a 
convenient handUng of complex quantities, and probably in a 
few years computations with such quantities will be not nearly so 
tedious as they are now. 

W. B. Hall: I have found considerable confusion existing in 
the minds of students and engineers concerning the fundamental 
analytical reasoning employed in the cross-field analysis of the 
single-phase induction motor. 

We are accustomed to consider a conductor or circuit. Wo 
determine the voltage generated in this conductor, the resistance 
and reactance of its circuit, and we say that the current lags the 
voltage by an amount determined by the ratio of resistance to 
reactance, or we may consider the reactance as a volt^o, and 
detennine the net voltage acting in the circuit. The cuWent 
flow will then be in phase with this net voltage, which is the I R 
drop. 

In analysis of polyphase motors, we sometimes use these 
methods of thought.. We consider the voltage induced in con¬ 
ductor d. We say that the current will flow later, because of the 
reactance of the circuit, and that d will then he in some other 
position, where e or f were at first. This same attack may be 
appHed to the single-phase motor. But it leads to unnecessary 
complexity. 

So in single-phase-motor analysis another method of attack is 
used, as in this paper, but this new method has never to my 
knowledge, been clearly and definitely described. It has been 
rather assumed without distinct description, resulting in much 
confusion of thought on the part of many readers. 

The new idea, which needs to be clearly stated, is that Es is not 
the volt^e in any one conductor. If we plotted the value of the 
voltage in each successive conductor as it passd through the posi¬ 
tion d, we should obtain a sine wave, for <l >2 varies thus with time 
A vector, Ez, may obviously be used to represent this sine wave,’ 
but it must be constantly kept in mind that Ez does not repre¬ 


sent the voltage in any one conductor, but represents the succes¬ 
sive values of the volbige in each conductor as it passo.s through 
the position d. 

Our usual ideas of rejictaneo and resistance will not longer 
apply, since wo have no circuit, but a succession of circuits. 
Hence Mr. Perkins abandons the idea of rtjaeUuice and uses the 
method of determining the net voltage and considering that tlu^ 
instantaneous current flow in any of the succcKSsive circuits is 
directly proportional to the instantaneous valiu? of bills not vollr* 
age, which is the IR drop at the successive instants of passing 
through position d. 

Thus, in Fig. 4, Ez represents the successive values of voltage 
in the rotor conductors due to cutting 02 at the instant that oiwdi 
passes through position d. represents the successive valutas of 
transformer voltage due to 0 ^ at the instant that each c^juduotor 
passes througli position d. Iz is not the current in a coil d or in 
any coil, but represents tlie siiccossivo values of the ciirroiib in 
each conductor as it passes througli position d. 

^ With this distinction clearly in mind some erroneous conclu¬ 
sions may bo avoidod, and some hazy conceptions niadn clearer. 

P. L. Aider (by letter): Mr. Perkins has given a very coni- 
plote description of a circle-diagram method of calciilatiou for 
single-phase motors, based upon the croas-fiidd theory. T\h) 
clear inference is that he consider.s this method and this theory 
preferable to their alternatives, thci ecpiivalent-circuit method 
and tlie revolving-field theory. It is iny opinion that the sciooinl 
method is greatly preferable to tlie first, and that th<^ latter theory 
is more accurate than the former. 

The equivalent-circuit method seems preferalile because it 
avoids the time consimiption and the errors of graphical construc¬ 
tion; it x^erinits the constants of the motor to be varied to liako 
account of saturation, eddy currents, or heating without duplica¬ 
tion of the work; it affords a clear visualization of the funda¬ 
mental application of Kirchoff’s laws for the electric circuits to 
the motor; and it permits tlie study of the motor to bo carried to 
any degree of approximation or of refinement without change in 
the method. Two ad vanta^is are goiiorally claimed for the circle 
method, that it avoids the use of vector algebra and tliat 
it permits an easy visualization of the variation of motor char¬ 
acteristics with sxmed. The first advantage appears rather to bo 
a handicap, as it avoids the use of a very convenient and shrijdo 
means of calculation in a place where it is most fitted for use. 
The second advantage is an important one, but it is obtained at 
the expense of another sort of visualization which may be equally 
satisfactory. It is generally true in the history of mathematics 
that gi‘aphical methods are devidoiied first, hut are later sup¬ 
planted by abstract calculaiional methods as faniiJiarity witli the 
work is acquired and the need for increased accuracy and de¬ 
creased time consumption beconiiis important. 

The cross-field theory is, according to all the books, precisely 
equivalent to the revolving-field theory, so that any result may 
be obtained by either method. This equivalence of tho two 
theories was again brought out by Mr. Kimball and myself 
in our recent paper on “Torque Pulsations of Singlo-Phase 
Motors,*’ A. L E. 10 . Journal, December 1924, pago 1142, 
when we derived tho same formulas for the double-frequency 
torque by the two methods independently. Howovor, there is 
one phenomenon, that of eddy currents in the squirrel-eage 
winding, that can be better taken into account by the rovohing- 
field theory. If a double squirrel-cage winding, or its equivalent 
IS employed, the secondary resistance is much higher at double, 
line frequency than at slip frequency. Thus, different values of 
secondary resistance must bo used for tho forward and liacicward 
field currents in the revolving-field theory. But in the cross- 
field theory, the secondary current in either axis is considered as a 
whole, instead of being divided into its slip frequency and doiihle- 
frequenoy components. Thus, the resistances used in tho sec¬ 
ondary circuits of the crosis-field theory must be intermediate 
between the high and the low value, but just what values they 
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should have is a problem that has not been solved. In short no 
method has been published of properly taking into account eddy 
currents in the secondary by the cross-field theory, and so in this 
respect the revolving-field theory is superior. 

L. M* Perkins: Professor Karapetoff brought up a very 
desirable feature: that we use as few operations as possible in 
deriving our vector diagrams. But he is pointing toward Utopia, 
I think, on account of the difaculty of making direct analysis 
without use of step-by-step methods. 

One point which Prof. Karapetof brought up is that he secures 
by his method a single variable, which variable is of course the 
slip. In the single-phase induction motor this variable is slip 
X (2 — slip) which comes out in this paper as well as in the op¬ 
positely-rotating field theory, the slip being, of course, the slip 
with reference to the forward rotating field, and the (2 —slip 
being the slip with reference to the oppositely rotating field. 

In Fig. 21 of my paper there is a diagram showing the counter 
e. m. f., and the e. m. f. generated in the secondary 
conductors by the net flux, which is E^, If from E 4 a line is 
drawn perpendicular to E 4 until it intersects E 2 , the intercept 
between this line and E^ (that is, the end of the vector) wiU be the 
length of this variable, s (2 — s). If this is carried through, you 
will find that in the final diagram the circle having the one vari¬ 
able s and (2 ”• s) is the one shown. 

Another point brought up was the question of considering the 
rotor conductor as stationary. If you want to find what the cur¬ 
rent is in the rotor as it turns, there is no better method than using 


the oppositely rotating fields, but if you want to know what the 
primary input is, what power factor you will get for a given load 
(since the primary is stationary and the only way the primaiy can 
transfer energy to the secondary is by a stationary field), it is 
best also to consider the secondary as stationary, taking care of 
the effects of rotation by considering the counter generated by 
rotation. 

A good illustration of the trouble gotten into when consider¬ 
ing the rotating-field method is apparent when one wishes to 
determine the effect of increasing the reactance of the secondary 
winding. According to the rotating-field method, there are two 
separate currents in the secondary winding, one of slip frequency 
and one of (2 — s) frequency. But what happens if you increase 
the reactance as far as it affects the slip frequency? There is no 
large change, but according to the normal way of looking at it, 
the current of the (2 — s) frequency would bo cut out almost 
entirely. It is rather hard to see how the performance is really 
affected, unless one follows this method, which shows that all 
currents in the rotor are really of line frequency and that, there¬ 
fore, an increase in reactance of the secondary will out down or 
will affect all rotor currents; the slip frequency current, as well 
as the (2 — s) frequency current duo to the oppositely rotating 
field. 

The original purpose of this paper was to bring out the thcMjry 
of the single-phase induction motor in such a way that the aver¬ 
age engineer could follow it, although of course it is still very 
complicated. There are no assumptions as are necessary whcm 
you consider the oppositely-rotating-field theory. 



Effect of Full Voltage Starting 

on the Windings of Squirrel-Gage Induction Motors 

BY J. L. RYL/VNDEB* 
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SynopsiSm I his paycT discusses the effect ou the tevudinijs 
when starling squirreUage induction molars with full voltage. The 
data is presented in four groups: namely, (i) Special tests made 
with a vibrograph instrumcfU on a GO-h. p. and a nOO-h. p. inducUou 
motor: {:J) Ohservnliou tests made on a number of motors when 


starling with full voltage: (a*) The coutlilion tf some trindiugs which 
failed in sernee: (4) Formulas which shoie the main factors in-^ 
voltfcd in the bracing of iuduetion motors, induction motor coil 
braeing in general is discussed. 


I T is well known that a heavy starting current is re¬ 
quired when starting squirrel-cage induction motore 
with the customary auto-transfoi-mer starter. When 
sorting these motors by connecting them directly to the 
line a starting current that is even heavier is drawn f!X)m 
the line, which, in itself, is undesirable. However, on 
certain applications it is desirable to have motoi-s start 
from rest or at some reduced speed without the aid of an 
attendant when the power on the line fails and then 
comes again. This is accomplished by omitting the 
customary auto-starter and connecting the motor d irectly 
to the line, thereby impressing on the winding full- 
line voltage instead of reduced voltages of 50, (55, or 
80 per cent. 



Pig. 1—-Diaokammatic .Sketch op Viiikogiiaph MAcmNE and 
Mkthom op Connecting it to Windings 

The effect of full voltage .starting on the windings of 
squirrel-cage induction motors is discussed under four 
subheadings; namely— 

The special tests made on two motors. 

The tabulated observations on a number of motors 
when starting with full voltage. 

The condition of windings which failed in service. 

And in formulas which show the main factors in¬ 
volved in the bracing of induction motor windings. 

Two mo tors were chosen for making thorough tests; 

1. Wostinghouse Electric & Manufacturing Co., East Pitts- 
burgh, Pa. 

Presented at the Midwinter Convention of the A, I [£ JaJ 
New York, N. F., February 9-^12,1925. • • * 


one was a 50-h, p„ threo-pha.so, six-pole, 44()-volt, 60- 
cycles, 1160-rev. per. rain., squirrel-cage motor, the 
other a 5(K)-h. p., three-phti.se, four-pole, 2220-volt, 
26-cycIe, 724-rev. per. min. .squirrel-cage motor. The 
windings wore of the open-slot type. There was no 
.special coil bracing on these motors. 

The (lefk'ction of the coils was metusured with the aid 
of a s{)ecial metisuring device called the “vibrograph". 
The vihrograjih is tin instrument which transfers mo¬ 
tion to a place whore it can be recorded tis well as mtigni- 
fietl. Tt con.si.sts essentially of a moving roll of paper on 
which a pivoix'd ink-pen records the movements of the 
pen, which is ftistened, (.hrough an arrangement of 
levers, to the place of motion. The purpose of the 
levers is to magnify the motion. The vibrograph, 
therefore, .shows the characteri.stie.s and magnitude of 
the de(!ection.s. A O.Ol-in. diameter steel wire was 
ftusteneil tiround the pari; of coil or supporting ring on 
whi(;h the vibration was to he measuroil, and thi.s wire 
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li’ici. 2- -Diaguam op (^gii. Mgtion, .'iO-If. p., 4<10 -V<)i.t, Six- 
PoiiK, li(>0-liEV. DEIl MlW. (NDUGTION MoTOH 
(TiIRKK .SkdAHATE VnillOGKAI’HH (IkgGPKU 'roOKTIIiat) 

was connected to a leverage arm of the vibrograph 
machine. Measurements were taken at the middle 
and the end of the coils on the outside circumference 
and als() on the coil .supporting ring which Is roped to 
each coil. In mo.st of the readings taken the steel wire 
was in a radial position and in others the wire w£ia in a 
tangential direction at right angles to the coil. Pig. 1 
shows a diagrammatic sketch of the vibrograph machine 
and the method of connecting it to the windings. 
().scillograph curves of the current were also taken at 
the same time. 

Pig. 2 is a tracing of three separate vibrograph dia¬ 
grams grouped together for convenience. This shows 
the effect of starting the 60-h, p,, 440-voIt motor with 
220, 440 and 660 volts, which corresponds to 60, 100 
and 150 per cent of the normal voltage. The motor 
was connected directly to the line with a three-pole 
switch. The motor was without load. With 220 
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volts, the coils moved 0.002 inch, and several seconds 
were required to bring the motor to full speed. With 
440 volts the coils moved 0.01 inch and required 1 
second for the motor to reach full speed. With 660 
volts the coils moved outward 0.016 inch for 0.4 second 
until the motor reached full speed. In all three cases 
the winding pulled away from the rotor and toward the 
frame. With 440 and 660 volts, the movements could 

Started with Full Voltage, Full Load^^ /Base Line 

- ^ -. j .. 

® _isg?-- 

Pig. 3a—Coil Movement op 50-H.'P., 60-Ctcle, 440-Volt 
When Started with Pull Voltage and Pull Load 

be observed with the eye and appeared to be larger than 
the measurements recorded by the instrument. The 
movement is for the radial direction. 

Fig. 3a shows the coil movement of the SQ-h.p., 
440-volt, 60-cycle motor when started with full voltage 
and full load. The motor was connected directly to the 
line with a 3-pole knife switch. The winding moved 
outward toward the frame 0.01 inch, when the motor 
was started, and then vibrated while in this position for 
li-i seconds imtil the motor attained full speed. This 
curve indicates that the winding vibrated 60 times per 
second soon after the closing of the switch, but the 
vibrations soon changed to 120 per second. The motion 
is in the radial direction. . Fig. 3b shows the oscillo¬ 
graph curve of the current which was taken simul¬ 
taneously with Fig. 3a. The maximum current was 
360 amperes, or 6.3 times the full-load current. 

Fig. 4a shows the coil movement of the 50-h.p., 
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Fig. Sb 

440-volt, 60-cycle motor when started witli a standard 
auto-transformer starter. The starter was set at the 
80 per cent voltage tap. Thefirstpart of the curve shows 
the coil movement when starting with 80 per cent volt- 
^e, and the second part of curve taken after a lapse of 
^ut two ^onds shows the coil movement caused 
jraen changing from 80 per cent voltage to the fuD- 
hne voltage by means of an auto-transformer starter 
which opens the circuit momentarily to make this 
Jan^ in voltage. The coil motion is for the radial 
dn^taon. It will be noted that the winding moves 
c^cfcly toward the frame as soon as the motor is 
started, and thm gradually returns to the 


PULL VOliTAGE STARTING 

position and then toward the rotor; then when the 
change is made from the 80 per cent voltage to full 
voltage there is a quick movement toward the rotor 
followed quickly by another movement in the reverse 
direction of greater force than the preceding one. The 
winding then returned to the normal position. The 
cycle of movement to return to normal position re¬ 
quired M second from the time the line voltage was 
applied. The writer has no explanation to offer for 
the first part of the curve for its peculiarity. This 

Started with Auto Starter 

Full Load^ (80 Percent Tap) Voltage of Starter 

--^ 124 

- -.J-sec.----Jsea^— 

Fig. 4a —Coil Movement op 50-H. P., 440-Volt, OO-C'vclw 
Motor When Started with Standard Atito-Than.sformkh 

peculiarity does not occur in the corresponding cmwe 
in Fig. 6b. The expiration for the movement of the 
winding in opposite directions as shown in the .second 
part of Pig. 4a is that the normal direction of move¬ 
ment is toward the frame as in Figs. 3 and 6, and tliat 
when the circuit was momentarily opened, the msidual 



Pig. 4b 


magnetization of the rotor induced a corresponding 
voltage in the primary, and this voltage wasqut of phase 
with the line-voltage which was then applied. Fig. 4b 
shows the oscillograph curve of the voltage and amperes 
taken simultaneously with Fig. 4a. The current at 
starting was 260 amperes, but the maximum current of 
380 amperes flowed at the instant the line voltage was 
applied. 

Applied Full Voltage to Reverse Rotation while Running at Half Speed No toed 
^ -^sec.->- 

Pig. .5a ^60-H. P., 440-VoijT, 1160-Rbv. per Min. Motor 

Started with No Load 

In Fig. 5a the 50-h. p., 440-volt, 1160-rev. per min. 
motor was started with no load and the circuit was 
opened until the speed dropped to 600 rev. per min. 
Two of the primary leads were reversed while the 
motor Was lowing down to 600 rev. per min. so that 
the motor would stop almost instantly and reverse its 
rotation. The switch was then closed. Pig. 6a 
shows that the windings moved 0.008-in. toward the 
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frame, and the total time reijuired to stop the motor 
from half speed and bring it to full speed in the oppo¬ 
site direction was 1.8 seconds. Fig 5 b shows the 
oscillograph curve of the current which was taken 
simultaneously with Fig. 5 a. The current taken was 
380 amperes for the first second, which is 5.7 times the 
normal full-load cun-ent. 

Fig. (J is a tracing of four separate vibrograph tlia- 
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gnuns grouped together for convenience. The.He four 
curves are all for the SO-h. p., 440-volt motor, but in 
each case the motor was run on a 560-volt circuit. 
Curve a i.s for starting with 650 volts applied directly 


KULl, VOLT.\(iK .STAIITINI! r,-. 

line voltage. Figs, (Ja, 6r and Oo .show the oscillo¬ 
graph curves of the voltage and curj’ent for the vibix)- 
graph curves, 6 a, (i h and 6 c re*spa?tively. In Fig. 6c 
the light in the oscillograph failed momentarily and 
therefore, omits the middle part of the curves. 

Fig. 7 shows the coil motion for tlic 5()0-h. p., 2200- 
volt induction motor when it wjus startcHl witliout load 
at 1100 volts. Note that the winding did not shift to 
either side but vibrated an equal amount about its 
normal po.sition. The vibration is in the radial direc¬ 
tion. This may be eompai-ed with Fig, 8, which is the 
the .same except that it is for full voltage (2200) .stort¬ 
ing. With 1100 volts, the coils vibrated 1/1(5 inch for 
2.7 .seconds until motor was up to speed, and with 2200 
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to the winding. Curve b is for starting with an auto- 
starter on the 80 per cent voltage tap. In Curve e 
the rotation was reversed while running at half speed 
with no current by reverang two of the leads and then 
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applying 660 volts. Curve d is the same as Curve a 
except that a coil-supporting ring was added to brace 
the winding. This ring was made from a J^-ineh diame¬ 
ter steel rod and each cOil was tied to it with one turn of 
heavy twine. By adding tiie coil support the move¬ 
ment of the coil was reduced from 0.012 inch to 0.002 
inch. The b curve shows the coil movement quickly 
revei^ itself in a more marked manner than occurred 
in Fig. 4 a . The movemmit was radial and toward the 
frame for all curves except the b curve, which had a 
momentary movement toward the rotor before chang¬ 
ing from the 80 per auto-transformer tap to the 


Fjcl (»ii 

volts the coiLs vibrated }.{ inch inch on each side of 
the normal po.sition) for the 0.66 second required 
to bringmotor to full speed. In Pig. 8, the<!oilsvibrate<i 
3/16 inch toward the rotor and 1/16 inch toward tins 
frame and then hold the position of 1/16 inch toward 
the frame after the motor was up to full .speed. This 
curve gives the impimsion that the coils vibrated 
against something on the frame side 1/16 inch from 
normal, which prevented the winding from moving or 
vibrating beyond that point, Thi.s curve Ls for ra<lial 
motion with the wire fastentsl at the middle of the end 
exten.sion. 



Ktti. ti(! 


Pig. 9 is for tsingentJal motion; otherwise it i.s the 
same as in Pig. 8. It .shows that the tangential motion 
was almost iuch (‘ 5ion each .side of normal) and 
therefore about the same value a.s the radial motion. 
It also shows that the coils have a sidewise displace¬ 
ment of 1/16 inch to one .side, which remains after the 
motor is up to full speed. 
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Transactions A.-1. E. B. 


Fig. 10 a was taken to show the effect of opening and 
closing the circuit similar to the action that occurs when 
u^g an auto-transformer starter. The motor was 
started with full voltage, then the switch was opened 
at the end of one second and closed again at the end of 
two seconds, and then opened at 2^ seconds and 
closed after 3 seconds, then opened after S}4 sefeonds. 
The vibration was inch when the switch was closed 


tained by exerting a force through a spring balance and 
measuring the deflections by the vibrograph. 

Fig. 14 shows the radial force exerted on a coil of the 
50-h. p. motor at the different voltages. It is plotted 
from data in Figs. 12 and 13. 

General Discussion op Curves 
These curves show that there was either qufivering, 


Started with Half Voltage. 


Inward Motion 
Radial 
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Pio. 7 —^Diagram of Coil Motion for 650-H. P., 2200-Volt Induction Motor When Started Without Load at 

yOO Volts 


the second and third time,, the same as when started 
the first time with full voltage. Fig. 10b shows the 
oscillograph curve of the voltage and current which was 
takai simultaneously with Fig. 10a. Pig. 10b, as 
well as curves in Pigs. 3b and 6a, shows that a voltage 

Full Voltage Starting Radial Vibration 

Fig. 8—Diagbam of Coil Motion fob 650-H.P., 2200-Volt 
Induction Motor When Started Without Load at 2200 
Volts 

Fill Voltage^SUrti^''^^iigaiUi>l Vibratiim 

Pig. 9 

is induced in the piimary winding after opening the 
switch to the supply circuit. 

Pig. 11 has been plotted from test data of the 60- 
h. p. motor, to show the effect of different voltages on 
the time in bringing the motor up to full i^eed. Like- 


vibration or displacement of the windings when the 
motor was started in all of the tests on these two motors. 
The severity of the motion or displacement increased as 
a function of the square of the voltage applied to the 
particular winding; that is, a 440-volt or 2200-volt 
motor is no worse than a 220-volt motor with regard to 



Pig. 10b 


the effect of voltage alone, but 440 volts will produce 
. four times as much coil displacement as 220 volts on a 
particular winding regardless of the voltage rating. 

When the windings were displaced, the displacement 
was toward the frame in all cases except when starting 
the motor with an auto-transformer starter. The 




sf 5 6^- 7 t 

Seconds Seconds Seconds Seconds 


Fig. 10a —^Effect of Opening and Closing 


Circuit Similar to Action Which Occurs When Using Auto-Transformer 
Starter 


wise, Fig. 12 shows the actual displacement of tiie ends 
of the coils as a function of the voltage. 

Pig. 13 shows that tiie radial displacements of a 
stator coil are directly proportional to the force applied 
to the coU within the limits measured. This was ob- 


windings move and vibrate in both radial and tangential 
directions. 

The amount of coil movement and its duration, as 
shown in the vibrograph curves, correspond with the 
starting current on the oscillograph curves taken simul- 
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taneously with them. The length of time that the 
windings are displaced by the starting current for any 
two voltages on a given winding is inversely propor¬ 
tional to the square of the ratio t)t‘ these voltages. The 



Fia. II- Ki-tkct oi- Dutkioont Voi,ta«k.s (in Tisik i\ Ukino. 
i.NMi MriToit TO tSrKKi) 


that the windings vibrate, multiplied by the coil dis¬ 
placement in inches, will give a constant value regard¬ 
less of the voltage applied. The addition of a coil 
supporting ring, as in Fig. 6 (d), shows that additional 
coil bracing reduces the coil movement considerably. 
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Fig. 12—Actoal Dispt.acemi3nt op Ends of Coil« a« a Func* 

TION OP VoLTAOK 


F 



to, 14 —Radial Fouce Kxkhted on Coil of Motoh pob 


Difpbiuont Voltaoeh 


radial displacement of the stator-coil ends for any two 
voltages applied to these windings was proportional to 
the square of the ratio of the voltages within the limits 
measured. Therefore, the length of time in seconds 


Figs. 3b, 6a and 10b show that there is a voltage at 
the motor terminals after disconnecting the supply 
circuit from aquirrel-cage induction motors. For the 
60-h. p. motor with full load, the induced voltage is 
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Transactions A. I. E. E. 


26 per cent of normal voltage, half a second after open- 
the switch, and on the 600-h. p. motor with no load, 
the induced voltage is 50 per cent of full voltage % 
second after opening the switch and 35 per cent after 
1% seconds. In the primary, this voltage is induced 
by the residual magnetism of the rotor, and the fre¬ 
quency is directly proportional to the speed of the rotor 
which is slowing down. 

Starting motors with full voltage produces a severe 
strain for a short period, whereas the use of an auto¬ 
transformer starter produces a less severe strain for a 
longer period and also a momentary strain that may be 
more severe than when starting with full voltage. 
The auto-starter may produce two severe shocks on 
the winding in opposite directions. This is accotmted 
for by the voltage which is produced by the winding 
being out of phase with the line voltage at the instant 
of changing from the lower-voltage tap to the full volt¬ 
age tap of the auto-starter. 

What Observation op Windings Has Shown 

In addition to the two motors on which oscillograph 
mid vibrograph curves were taken, other machines as 
listed below were started with the full-rated voltage 
on the terminals and the effect observed: 


H. P. 

Volts 

Poles 

OoilEx- 

tensio^ 

Starting 

Current 

Effect on 
Winding 

50 

440 

6 

4 1/2 

6 X Full Load 

Moved slightly 

400 

2200 

4 

11 

7.5 XFuULoad 

Considerable move¬ 
ment on coils and 
complete winding 

250 

220 

24 

5 3/8 

4.4 XFuULoad 

Quivered sUghtly 

400 

2200 

24 

5 5/8 

6.7 XFuULoad 

Quivered slightly 

600 

2200 

2 

9 

9.8 XFuULoad 

Appreciable move • 
ment of complete 
winding 

10 

220 

4 

3 3/8 

5.2 XFuULoad 

No eflec^t: This 

winding is made 
soUd by dipping 
the complete wind¬ 
ing in varnish and 
baking It. No 

other bracing used. 


Wh^ the effect on the windings is slight, nothing is 
swn .with the eyes, but any quivOT or vibration of the 
windmgs is felt with the hands without difficulty. 
Some of th^ windings not only vibrated but had a 
defiiute movement which lasted as long as the heavy 
starting current flowed through the windings. These 
movements of the windings were such as to separate 
the windings wherever the phases change and for the 
winding to move avray from the rotor and toward the 
frame. When the vibration of tihe winding is severe, a 
distinct hum is heard. 

Motors Failing Dub to Distortion op Windings 
Some machines which had been in service for years 
Anally failed due to distortion of the windings. These 
machin^ had used the customary auto-starter method 
of ‘ starting. Whether the cause of the distortion was 
due to the starting current or to some other disturbance, 
such as short circuits on the line near the motor, was 
notknown. The^windin^showedthefollowingeffects: 


1. The windings had separated between phases. 

2. The windings had moved away from the rotor 
and toward the stator. 

3. The top and bottom layers of coils had drawn 
together. 

The separation between phases and the movement 
toward the frame were also seen on some of the windings 
that were observed while they were being started. 
The action of top and bottom layers on each other can¬ 
not very well be observed, but from the formulas which 
follow, it should be expected that the top and bottom 
layers should draw together at certain places. 


Derivation of Working Formulas 
There is an attraction or repulsion between each and 
every other conductor and also between each conductor 
and the magnetic field of the secondary, and also with the 
stray leakage flux of the primary. On account of the 
complications involved, and because the action of con¬ 
ductors on each other is the main force involved, 
formulas have been worked up for this action only. 
The force exerted between two parallel conductors is: 

4.6X7*L 
“ a X 10* 

where'P is the force in pounds, L is the length of tihe 
conductors in inches spaced a inches apart and having 
I amperes flowing in both wires. This force attracts 
when the current is in the same direction and repels 
when the current flows opposite directions. 

The deflection of the conductors can be derived from 
the formula 

PL* 

^ ~ 48EM 


where S is the modulas of elasticity (11 x 10* for 
copper) and M is the moment of inertia = 

6A» 

12 


and where k is the dimension of the beam in the direc¬ 
tion parallel to the applied force and 6 is the dimension 
at right angles to the applied force. D is the d^ec- 
tion in in(dies when b, h and L are expressed in indi^, 
and the deflection 


D 


1.02 PL* 
o X 6 X 10“ 


By assuming a typical value of current density in the 
copper conductors of 2600 amperes per square inch and 
using a value of the starting current as being 6 times 
full load, the value 15,000 b h can be substituted for I, 
and the d^ection or amount of vibration becomes 



2.3 b L* 
10^ ^ h ^ a 


where D is deflection in inches. 
h is dimension of conductor in indies in the direction 
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parallel to din*eUon of applied force, and h is the dimen¬ 
sion of eondiiclor in iiudies in <lireeti(m at right angles 
to the direction of tlio appli(Hl force. 

L is the length of conductors in inches between sup¬ 
ports and a is the space between conductors in inches. 

(■OIL liUAClNG 

Hie attraction and r<‘pulsion of the conductors on 
each other tends to inovx‘ the conductors and is opposed 
by the mechanic'ul fastenings which support the con¬ 
ductors. Many of the condiudors are secured by rost- 
ing against ot.lun’ condiudors, which are secured by 
various means. As all unmiture conductors pass 
through the slots, the slots become? an effective means of 
securing a large i)art of each conductor. Jh'yond the 
slots a number of tlie conductors are bound together in a 
unit as a coil, and this prevents the conductors from 
vibrating against, eacli other. lOach coil end tends to 
move under tlu‘ (‘ffecl of iJie force e.xorted on it by all 
other coils in the niacliine l)ul. is resisted by the rigidity 
of the coil as each coil is held by being placed in two 
different slots and usually at one or more other places 
on ends of wimlings by means of rope, bolls, (!lamps or 
steel bunds t.o ot her more or less fixed supports, 

Ihe formula for dofiection shows that the dominating 
factor is th(? length between any two supports, us the 
deflection varies uc(tording to the fourth*' power of 
of this length. This distance should, therefore, be 
kept within proper limits. As the deflection is also 
proportional to the square of the current, the coil move¬ 
ment will be four times as great for a motor which has a 
starting current ten <.imes the full load value, as for the 
same winding wit h a starting current of five? times the 
full load value. As two-pole and four-ixik^. motors have 
relatively large coil extensions and also have the high¬ 
est ratio of starting cuiTont to full load current, their 
windings must be braced much more firmly than others. 
In many of the small motors the coils fit closely with 
each other ami the complete winding is reinforced with 
varnish or imiiregnating compounds; therefore, their 
windings are exceptionally well braced to resist the 
forces exerted when starting the motom. 

The vibration and movement of the windings de¬ 
teriorate the insulation, and if sufficiently severe, will 
cause an insulation failure. It may also break the 
coil leads* 

The kind and amount of insulation and the method 
of bracing are the limiting factors which determine how 
much vibration or coil movement can be permitted* 
The repetition of these vibrations sometimes has a 
cumulative effect by loosening the rope which is usually 
used to secure the coils to a supporting ring. 

As the amount of vibration or coil movement is 
pr oportional to the square of the ratio of the 

2 Although thf?orotic!al oiUouliitions show that tho ooi! mcivc- 
uiont should vary jwjeording to tho fourth jiowor of tho length 
hcjtwoen supports, some mcaHurmonts have hiHfii made that 
indioate that it is more nearly the third power* 
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starting current to the full-load current, the starting of 
squirrel-cage induction motors is much more severe on 
the windings than it is with wound-rotor induction 
motors wliere the current is limited by the resistance in 
series with the secondary. As the amount of vibration 
is also directly proportional to the third or fourth power 
of the length of coil between supports, very thorough 
bracing is required where the coil extensions are com¬ 
paratively large. Nevertheless, there seems to be no 
question but that all induction motor windings can be 
satisfactorily bracked to stan<l the mechanical effect of 
full voltage starting. 


Discussion 

H. E* 1‘Vrrivi Mr. Rylandor’w paper is I In* rcsull. of ono of a 
Horii's of l.4\s(s l«‘ing oarriod on «iov4*ring iho gt'iioral sulih't?!. of Iho 
oiTpot oi viLraiiori oti tlu* InHiilathui and \Nindings of rolaiing 
olpntrieal apjjanUus. 

Insulating inatoriul jiia.v i»p tpiitn highly (?uri»oni/.pd and still 
naain a fairly largo poroontago of its original di«‘lHMrK; stnnjglh. 
prov uliul actual iiu'c.hanicuil hroukdown <loPS not cKMUir. iu 
practically all applications. Iiowi'vcr. sonn* niovcniiont will ix'cur. 
It is, tlMTi^foro, iiccassary to los'p tin* otM*rating t(*mp(*raturc* of 
cloctrical apparatus well Ixilovv the (*arhoni/.altou point of the 
insul.itioii used, and als4» to inininiix.t* us tnindi as ptissildo l•ho 
viliration ami movomont of Um winding. 

lo accomplish ilif» latter, it is dusirahh* t<i wind ail colls as 
tightb as primticalth* in tin* .slots and to .support tin* ond portions 
in such a way as to jiiininu/.c thc» idtcct of any i)ossil»ht .shriiikagt^ 
of insnlation. 

Especially for tho larger .siii^o induction motors, soinc form 
of iiiuja insulation is host, at loast for tlio slot portions of tlm 
coils, us this matorial stands j)roiorig(*d high toiuporatnro with 
v«*ry iitilo shrinkago, thus insuring tight coils ovor a long in^ricnl 
of time. Whoro induction motors aro wound with cInstOy litting 
(‘Ucl-wnidings, i* <?., with no \‘<ititilation, t1u» prtdihini of hraoiiig 
hcaoiiics simpler, hut at the sanu? tiiint tin* piwsihilitios of higher 
tomimratures arc incroas{*d, and thorofon*, with this typ (4 of 
winding, Clas.s B insulation would si»oiri Lo givcG(«ss cluuico for 
shrinkag(j and fummqxmii. movoiuont than with C^lass “A** 
insulation; iti other words, the typo of insrdation t<i Im nsfid, 
ospeeially on tho ond windings is inthnatoly connoctod with ihe 
type of vimtilatiou ami imtthod of hra 4 diig. 

In the impf‘r nmlm* discnssimi, the author has .shown, in a 
quantitative way, tlio movomoidH t)f inductiun-iuotor windings 
nndor the application of full voltage, and ni tlii.s way has heoii able 
t(j make an intelligent sturly of the nc*(5eHsafy bracings fov the 
wnidiiigH of thi.s typo of ap|>aratus. With tlu^ type of bracing on 
the inotcms under the author apparently found that the use 
of an auto-HtarUfr did not make a groat deal of dillfi*jr<*wce us re¬ 
gards the miignitudf' of (soil nu)Vi*meut. The oiTect of ring- 
supported coils over those without the support is quite striking. 

r might add that m I umhjrsland Mr. Uylander, he haa not 
stated that all iuot<ii's can bo startial und(*r full voltage r(*gju*dless 
of the type of bracing. In other words. In* has emphasked the 
fact that proper and aderiuate bracing is necessary in order to 
produce motors which may be startied under full voltage or over¬ 
voltage, and also that it may uot» be possible to elindnate the 
auto-startnr unless the windings an* properly and adequately 
braced. 

V# KarapctoUt I think wo should all welcom<$ this new 
method of testing' (w.tual mechanical stresses in windings, and I 
am glad, therefore, to,see this paper presmited. I only rcgrt*t the 
appimrance of the so-called “working formula*' in it. 
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The “working formula” on the sixth page in Mr. Rylander’s 
paper is entirely misleading in so far as conductors in slots are 
concerned. The general law is that the mechanical force is 
equal to h h d M/d x, where h and /2 are the currents in the two 
circuits, and d M/d x is the rate of change of their mutual in¬ 
ductance with the distance. (See, for example, A. Russell, 
Alternating Currents, Vol. I, page 40). In a very special case of 
two infinitely long, straight conductors carrying equal and op¬ 
posite currents, the mutual inductance happens to be such that its 
derivative with respect to x gives the expression quoted in the 
paper. But with rectangular conductors in a slot, with currents 
flowing in nearly the same direction, and with the magnetic field 
determined by the iron structure, the coefficient of mutual in¬ 
ductance is expressed by an entirely different formula and gives a 
different force. For similar reasons, the formula quoted in the 
paper does not apply to the end connections. 

R. E. Dohertys Any one who has ever tried to visualize the 
leakage flux in the end winding of an induction motor will have 
sympathy with Mr. Rylander’s method of attacking this problem 
as contrasted with the one proposed by Professor Karapetoff. 
Any one of us familiar with matters of this kind, can set up the 
equations which express the force between coils as a function of 
the rate of change of mutual induction with respect to coil move¬ 
ment; but I would like to see the man who can apply it. There¬ 
fore, while I have the greatest respect for the wholesome and 
healthful effect of Professor Karapetoff’s exhortation on us 
practical engineers toward making our treatment of practical 
problems a.little more rigorous (we can improve it much), I 
nevertheless wish to express my sympathy with Mr. Rylander^s 
practical point of view. It is necessary in many cases simply to 
take the larger factors involved (such as, in this case, that the 
force is proportional to the square of the current) and depend 
upon tests to determine the proportionality factors. 

HoAvever, it may be that Mr. Rylander’s equations can be 
improved to this extent: I notice that the formulas written 


induction motors in a great majority of oases. No harm will 
come to the motor. The voltage regulation of the system in a 
majority of cases will be just as good as it was before and will 
be even better in the case of large installations”.. 

In his timely and interesting paper Mr. Rylander discusses 
the effects of various methods of starting from another very 
impoirtant standpoint, namely, the distortion of the windings. 
As pointed out by Mr. Rylander, the importance of movements 
and vibrations of the coils lies in the fact that they deteriorate 
the insulation, and, if sufficiently severe, will cause insulation 
failure. It, therefore, becomes of interest to observe whether 
or not throwing the motor directly on the line compared lavor- 
ably with the auto-starter from this standpoint also. 

One decided disadLvantage of the auto-startor, clearly set 
forth in the paper, is that in going from low voltage line 
voltage it is necessary to disconnect the motor entirely betor© 
reconnecting it to the line. The author states that during the 
moment of change-over the residual magnetism of the rotor 
induces a corresponding voltage in the stator, et<t. This is 
somewhat misleading as by residual magnetism is usually under¬ 
stood the magnetism which remains in the magnetic circuit by 
virtue of hysteresis after the excitation has been completely 
removed. What he probably means to say is that tlio flux 
interlinked with the short-circuited winding of the squirn^l cage 
cannot be instantly reduced to zero, because the decreasing flux 
induces a current in the squirrel cage tending to maintain the 
flux. 

However, he is right in his conclusion that the voltagi? incUieed 
in the stator winding by the revolving flux of the se(i«)ndary may 
be out of phase with the lino voltage at tho moment when the 
latter is applied, and that consequently there may be a licavy 
rush of current at this instant. That these large momentary 
currents are very undesirable from the standpoint of shoceks to 
the windings is clearly brought out on the sixth page in the 
paper, where we read— 


down are for steady-state conditions. He simply balances the 
force e.xerted by the current and equates it to the force due to 
resilience to the coils. 

I should like to call attention to the fact that this is a transient 
state, therefore, the accelerating force for the mass of the coils 
can not properly be neglected. Possibly if the effect of the mass 
of the coils were taken into account, it might possibly explain the 
discrepancy between the variation with the fourth power instead 
of the third power, as I believe he found in his test. 

K. L* Hansens In a paper entitled “The Starting of Poly¬ 
phase Squirrel-Cage Motors” (Jottbnal A. I, E. E., Nov. 1923), 
B. F. Bailey discusses the effects of starting squirrel-cage motors 
by auto-starter, by resistance type of starter and by throwing the 
motor directly on the line. He considers the effects from four 
viewpoints: 

1. Effect of starting current upon line voltage: 

2. Affect upon connected apparatus. 

3. Heating. 

4. Power consumption. 

Prof. Bailey has shown that in its effect on the voltage regu 
lation the auto-starter offers practically no advantage over the 
resistance type and little advantage over direct connection 
to the Hne. This is especially true whea it is aeeesssjy to use 
the higher voltage taps on the auto-transformer to get sufficient 
starting torque. With reference to possible injury to connected 
machinery, resulting from too rapid acceleration, there may be 
eases where throwing the motor directly on the line is less 
desirable than other methods, but such cases are rare. With 
reference to heating and power consumption Prof. Bailey showed 
mat ttoowing the motor directly on the line is superior to both 
me auto-starter and the resistance type of starter. 

To quote directly from Professor Bailey’s conclusions: - 

above facts it seems clear that it is entirely 
ca e to dispense with starters for polyphase squirrel-cage 


oiarimg motors witn luii voltage produces a severe strain 
for a short period, whereas the use of an auto-transformer stiarter 
produces a less severe strain for a longer period and aho a 
momentary strain that may he more severe than when slaHwfj with 
full voltage. The auto-starter may produce two severe shocks 
on the winding in opposite directions.” 

Thus the use of an auto-starter is liable to increase the severity 
of the shocks as well as the frequency with which they occur. 
Prof. Bailey’s conclusion, that starters can be dispensed with in 
the great majority of oases, appears, therefore, to hold equally 
well, or even more so, when the effects of distortions of the 
windings are considered. The fact that auto-starters w^ere used 
in the cases, mentioned by the author, where the insulation 
failed as the result of distortion of the winding, indicates that the 
starter is more of a liability than an asset. 

The ooncluaons to be drawn from Mr. Rylander’s experiments, 
taken in conjunction with the conclusions reached by l^rof. 
Bailey, inevitably present the question, “Why are auto-starters, 
or compensators used in connection with starting of squirrel-cage 
motors, an 3 rway?” No doubt it is desirable to reduce the starting 
current as well as to improve the starting torque of squirrel-cage 
motors, but it seems that this can be much more effectively 
accomplished by other means than by an auto-starter. Quite a 
number of years ago Boucherot proposed the double squirrel cage 
as a means of obtaining: good starting torque, low starting current 
and high operating effioienoy. One reason for the slow adoption 
of the double squirrel cage may have been that the older methods 
did not lend themselves readily to this type of construction. 
However, a recently developed process of arc welding the rotor 
bars seems to be readily adapted to the construction of the double 
squirrel cage, and there are indications that the immediate future 
developments of squirrel-cage motors may be along this line. 

^ F* C. Hmlcers In coimection with Mr. Rylander’s paper, 
it is of particular interest to bring out a phase that has not been 
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discussed. That is the elimination of the control in connection 
with power-house auxiliaries. This has been one of our most 
difficult problems because we have been confronted with sources 
of power far in excess of, those usually found in the industrial 
installations. For that reason it has been very desirable to have 
a motor that could be thrown on the line at full voltage with 
satisfactory starting conditions and without control equipment 
other than the feeder oil circuit breaker. 

The bracing of windings in the past has been largely controlled 
by experience in the field, and it is interesting to see the new 
point of attack, to observe the effects more accurately. The 
typo of motor with the double squirrel cage gives reduced 
starting kv-a. and is applicable in cases where we are limited in 
the capacity available. In power houses we do not have that 
limitation and on those cases we can use the simple forms of 
motor with lower cost and just as satisfactory installation. 

H. Weichsel: A complete understanding of the forces 
acting on the windings of an induction motor when the machine 
is switched on the line is very important in view of the fact 
that the electrical engineers of many industrial plants are 
advocating the starting of squirrel-cage motors directly across 
the line. The investigation carried on by Mr. Rylander re¬ 
veals many very interesting points, and in some cases apparently 
contradictory results. In the following an attempt will be 
made to give a physical conception of the forces acting in a 
mad line during switching operation. 



Fig. 1 

For simplicity's sake, an induction motor with a so-called 
chain winding in the primary member will be assumed. A 
largo part of the free ends in such a winding is located parallel 
to tlm rotor surface. Another part, the so-called straight part 
of the free ends, is parallel to the shaft, as diagrammatically 
shown herewith in Fig. 1 for a two-pole machine. Only one 
phase of the chain winding is shown. 

At any instant, the currents in the circular sections, A and B, 
of the free ends flow in the same direction. Therefore, the 
sections A and B will attract each other. The straight parts, 
C and I), of the coils carry currents of opposite directions. 
Therefore, a repelling action will take place between C and D. 
The forces C and D try to bend the coils outward, while the forces 
due to A and B try to move the coils inward. This assumes that 
a constant direct current is flowing through the winding. How¬ 
ever, if it is a low-frequency current, then the coil 'will swing 
periodically, according to the change in the forces acting on the 
coils. If the frequency of the currents is high, the vibration of 
the coils will cease and change into a steady, deflection. The 
inertia and spring action of the coils are playing an important 
part in determining which of the two results will be obtained. 

This phenomenon is similar to the well-known fact that the 
deflection of an a-c. dynamometer-type voltmeter is of a vibrating 
nature as long as the currents flowing through the instrument are 
of low frequency and with increasing frequency the swing of the 
needle becomes smaller and smaller and at a sufficiently high 
frequency the needle finally shows a steady deflection. There¬ 
fore, this example demonstrates a case where either a vibration 
or a definite deflection can be obtained, depending npon the rela- 


tive relations of the impressed frequency and the natural peri¬ 
odicity of the deflected member. 

It appears to me that this simple experiment gives an explana¬ 
tion of the fact that in Mr. Rylander’s tests on the 50-h. p., 
60-eycle motor a steady deflection of the coil was observed, 
while in the tests on the 500-h. p., 25-cyele motor a vibrating 
deflection was recorded. 

In Fig. 1, we had assumed that the overall length of the 
squirrel-cage winding is considerably less than that of the stator 
winding and that, therefore, the current in the squirrel-cage 
endings can not react materially on the free ends of the stator 
winding. 


A 



Fig. 2 

Fig. 2 represents a condition where the end rings of the squirrel- 
cage winding are approximately in the same plane with the parts 
A and B of the stator free ends. The current distributions in the 
ring and in the stator free ends are indicated by the direction and 
shape of the arrows. 

The currents in the ring section A' and in the stator free ends 
A are in opposite directions and, therefore, a repelling action 
exists between these members. The straight part of the stator 
free ends is parallel to the free ends of the rotor bars and the cur¬ 
rents in these members are equal but opposed to each other. 
Therefore, a repulsion exists. between these parts also. The 
net result is that all parts of the stator winding have a tendency 
to move outwardly, a condition which has been observed in most 
of the tests shown by Mr. Rylander. This outward movement 



3_Dting out of Terminal Voltage op a Squirrel- 

Cage Motor When Disconnected from Line 


naturally can either take place in form of a vibrating nature or in 

a steady deflection. _ ^ 

The forces acting on the windings will not vary in magnitude 
as long as the current’s flow remains unaltered. At any moment 
the force acting is proportional to the square of the current. 
During switching operations, transient-current phenomena, occur 
which may produce momentary current flows away above the 
steady current expected from the constants of the machine. 
This heavy transient flow may be the result of one of the two 
following features: 

1. When the motor is at rest, the first current inrush depends 
on the moment at which the motor is connected to the line in 
respect to the voltage wave on the line. 
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2. When the motor has been placed in motion by a supply 
of voltage and is then switched over to a different value of supply 
voltage, a very increased momentary voltage might act on the 
motor windings. 

The ease No. 1 is well understood and simply refers to the 
phenomena occurring when a choke coil is connected to an arC. 
supply. The phenomena No. 2 are not as generally known. 

If a squirrel-cage motor is running, let us say at synchronous 
speed, and the stator winding is suddenly disconnected from the 
line, then a voltage remains across the stator windings which 



Fig. 4—Squirrel-Cage Motor Starting 22 per cent op 
Full Load with Auto-Starter 



Fig. 5—Squirrel-Cage Motor Starting Idle with Auto- 
Starter 



Pio. 6 



dies out, as given in the osoaiogram Fig. 3. The reason 
for this remammg voltage is as follows: 

magnetie field in a motor cannot 

*»««nec^rom the prm^ winding, currents will be induced 
field nf th. ^ maintain the original magnetic 

Th^a« of direct current^dgraduSy 

fife out. The velocity with which they die out dependfentirely 


Upon the resistance of the secondary winding and the self induc¬ 
tion of the machine. The decrease of the current and, therefore, 
the decrease of the generating voltage occurs according lo t he 
well-known logarithmic law, provided the speed of tlu^ arnnit lire 
remains constant. 

Naturally the speed of the armature decreases gradually when 
the supply is disconnected and, therefore, the frequency of t he 
voltage generated in.the stator decreases with iiienuising time. 

Therefore, if the line is reconnected to the motor shortly after 
it has been disconnected, it may occur that at the moment of 
reconnection the voltage generated in the machine is out of phase 
with the voltage impressed on the machine, wdiich results in a 
very heavy current draw at the switching moment. 

Oscillograms Figs. 4, 5, C, and 7 show the heavy enrrr*nt 
inrushes which may occur during the switching pcu'iod. As tlu^ 
forces produced by the currents are proportional to tlie *s(iuare of 
the currents, it follows immediately from tlujse oscillograms that 
the forces at the moment of switching might reach tnunendontf 
values and act like hammer blows on the windings. 

It may be stated that tliese forces do not only act on tln‘ fret) 
ends of the windings but also act to producer torque on the rotor 
and incidently on the stator. I am familiar witli c.asi*s where 
these torques reached such tremendous valiu's that tin* stator 
iron shifted in the frame. 

There are not only forces acting on the friui ends of the stator 
winding in the manner discussed, but tJiere are also forces acting 
on the free ends of the squirrel-cage winding itsedf. 



Fig. 8 represents the current distribution in a squirrel-cage 
winding at a given moment for a two-pole machine. The ring 
sections, A'-R', carry a current of equal distribution flowing in 
the same direction. Therefore, an attraction occurs between 
these two sections, as indicated by the arrows 1 and 2. The 
extensions, of the rotor bar^, C and />, carry equal currents but in 
opposite directions. Therefore, a repelling force is created be¬ 
tween these bars. 

If we assume that the currents flowing in the rotor wimling are 
direct currents, then the ring will take an elliptical shape under 
the influences of the forces just discussed. In a polyphase motor, 
the relative current distribution in the rotor bars and rings is the 
same at any moipent but the picture of current distribution ro- 
ates. The velocity of rotation in respect to a given point of the 
squirrel cage is proportional to the frequency of the currents 
flowing in the secondary. Therefore, the end rings on the squir¬ 
rel cage wiU successively take shapes as indicated in Figs, 9a 
to 9b inclusive. This periodic deformation of the rings and 

If ^ ^ fatigue of the materials and a 

flflless the rings are properly supported to resist 
euectively the forces acting on it. 

3^ a similar manner, if the stator coils are laced to a circular 

windings have 

ikemlTVl sliape similar to 

cknSv a!? ?b inclusive. In order to counteract this effl- 

as maD V coil-supporting rings in twice 

as many places as there are poles and give these brackets for the 
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eoll-supporting rings equal spacing. A coil-supporting ring with 
semi-ciroular cross section and a piece of heavy insulating ma¬ 
terial on the straight part of the* coil-supporting ring has proven 
to be more effective than a circular ring. The coil would touch 
the circular ring in only one point and the unavoidable vibra¬ 
tion of the coil and ring is likely to weai* the insulation through 
in relatively short time, while with the semi-circular ring the 
coil makes more of a line contact than a point contact with the 
Supporting ring and, therefore, the possibility of wearing through 
the insulation is materially reduced. 

Mr. Rylander pointed out that the deflection of the stator 
cods depends to a large extent on the length of the free end coils, 
but as the length of the free end coils is closely related to the arc 



spanned by the coils, it is possible to obtain simple empirical 
rules to determine when coil-supporting rings ai*e needed 
My experience has shown that whenever the coil spans more 
than 8 to 9 m., It is absolutely essential to provide the stator 
winding with coil-supporting rings. The lower figure refers to 
25-oycle and the larger figure to 60-cycle machines. This is 
plained by the fact that the 25-eycle machines usually have 
finer wire than the 60-cycle machines and, therefore, the coils 
have less ngidity. 

cage. 

^ i f “ subjected to a 

m Fig. 10. These magnetio lines have the tendency to push 
the bar inward, t. e., in the direction towards the shaft. The 
force producing this tendency is proportional to the square of the 
current, e., the force wiU reach a maidmum whenever the 

^ n* negative maximum, as given in 

Fig. 11. H the bar is not secured tightly in the slots, then these 
forces are apt to set the bar in vibration, swinging it around its 


decreases still faster than the inverse of the square of the voltage. 
Therefore, it might quite readily occur that when starting a 
machine under full voltage tlie heating of the .stator coils is 
less than when the same load is stai’ted with reduced voltage 
though such starting draws a heavier eurroiit than the reduced- 
voltage starting. 

On the other h^d, if a motor has siifflcieiil. starting torque to 
handle its load with reduced voltage, then the rosistance of tho 
squirrel-cage rotor could bo reduced when full-voltage starting 
is employed. This would result in an iiierea.sed running elliciency 
of the machine but also in an increased heating of the stator 
winding during the starting period. 

Pull-voltage starting, therefore, might finally lead to nuudiines 
with somewhat increased running effleieneios by decreasing the 
iMtor resistance. If, however, use is made of a deereas(*d rotor 
resistance, the designer will have to safeguard against a saddle 
tormation in the speed-torque curve. In other words, tho 
machine will have to be designed more carefully. 

J. L. Rylander: In regard to Mr. Hansen’s comineuto about 
the auto-starter, it is well to mention that the type of auto-.starter 
used was tliat which opens the circuit momentarily when chang¬ 
ing from tho low-voltage tap to tho full-lino voltage, as this 
is the most severe condition of tho various auto-starters; and 
It was used for tho purpose of finding out what happeus when 
the circuit is opened momentarily before applying full voltage. 








two points of support on the two end rings of the machine in the 
s^e ^er as a violin string. This may resultin ^ 1 X 0 
m toe bar material at the point where the bar joins the ring vdth 
a cons^uent brei^e. It is, therefore, esLntial ?o SS 
means to anchor the bars securely in the slots. Such arrango- 

by driving a wX beSt 

toe top of the bars and toe lips of toe rotor slots 

bT but an inertia load, it can nuitf^dily 

be proved that the starting time varies inversely to the square 
of toe unpres^d voltage. If, however, a friction load is ?rbe 
started m addition to an inertia load, then the starting *ttae 


In r^ard to Mr. Weiehsol’s comments about tho physical 
wneepfaon, I thinlc the best physical ooiieeption is to keep in 
atlnwit and opposite currents repel. 
r^Snl * thorofore wo know the 

it swfrif about Ihefonnulas, 

tliemata that the purpose of tho formulas is to show 

the mam factors involved and use them in conjunction witJi tests, 
or toe known conditions of certain motors to which comparisons 
can be made. There are four main factors: 

1. The shape of the coil. 

2a The spacing, 

3. The current. 

4. The length between supports. 

The shape of the coil is fairly constant and the coil movement 
IL ^ Iti to i. fcirly 

the coil movement is mversoly proportional to it. But these 
two points are not the dominating factors. The coll movoment 
vanes according to the squaxe of the cummt, whiiS vTS «?- 
siderably in the different motors, varying anywhere from four 

'be domiSitor 

IS the length, which vanes as the thii-d or fourth power For 
mc^e^ purposes, the main factors are sufficient and the best 

We can watch any motor that wo are acquainlod with as it is 
started on toe 50 65 or 80 per cent voltie tap Snif we 
compare that with the formulas, we can about toll what iviU 



Another New Self-Excited Synchronous Induction 

Motor 

BY VAX. A. FYNN* 

FeUow. A. I. E. E. 

Synopsis.—One form of self-excited synchronous induction overload -periods are analyzed with special reference to the syn- 
motor was described by the same a-uthor in o paper presented <U ehronizing torque, the automatic compounding and the weight 
the Sping Convention of the A. I. E. E., Birmingham, Ala., the efficiency, and U is shown that this second form is -not only capable 
-present cont-rib-ution describes a second form of such a motor, of duplieating the performa-nce of the first form but of bettering 
The starting, synchronimng, synchronous load and asynchronous same. 


I N a paper read at Birmingham, Ala., at the 1924 
Spring Convention of the A. I. E. E., the writer 
described the motor diagrammatically shown in 
Fig. 1, and dealt fully with the theory of this machine 
during the starting, the synchronizing, the ssmchronous 
load and the asynchronous overload periods. It will 
now be shown how even better results can be achieved in 



Fig. 1—Self-Excited Stncheonovs Induction Motor 
Ptnn Form No. 1 

another way. In order to positively and readily 
differmitiate between the two motors, let us refer to 
that shown in Fig. 1 as “Form No. 1” and to that here 
dealt with, as “Form No. 2.” 

British Patent No. 3227 of 1913, issued to Croinpton 
& Burge, relates in the main to synchronous motors 
and indicates among other things, and quite generally, 
a very interesting arrangement of windings and brushes 
which by proper modification and proportioning can, 
as hereinaftCT desoibed, be used to cause the unidirect¬ 
ional excitation of such machines to increase with in- 
(S'easing motor load in a practically useful manner. 
The arrangement in question is applicable to single, as 
wdl as to polyphase, self-exdted syndironous motors 
and is diagrammatically shown in Fig. 2; its theory, as 
the writer sees it, can be stated in a few words. 

In the two-pole embodiment shown in Fig. 2, the 
revolving member is the primary, and carries a winding 
2, connected to a commutator and capable of being 

* 001181111311 ^ Engineer & Patent Advisor, St. Louis, Mo. 

Presented at the Midwinter Comention of the A. I, E, E., 
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connected to an alternating current supply by means of 
a suitable numbw of slip-rings such as 8, 9. In the 
figure the commutator is not shown and the brushes 
cooperating with same are suppoised to be resting 
directly on the commuted winding. The same clarify¬ 
ing expedient is used in all the other figures. There 
are two sets of brushes 4, 6 and 6,7, located along axes 
displaced by 90 electrical degrees. The stationary 
member carries two coaxial windings 11 and 12, located 
in the axis of the brushes 6, 7. The winding 11, is 
connected to the brushes 4, 5, the winding 12 to the 
brushes 6,7. The British patent states that the voltage 
at the brudies 6,7 is dependent on the cross fiux which 
is approximately proportional to the primary armature 
reaction A R. Winding 11 is referred to as the “shunt” 
and winding 12 as the “compounding” winding. It 
will be shown that these terms do not correctly describe 
the functions of the windings 11 and 12, yet, provided 
this is understood, they will do as well as any others 
and will be used herejrfter. 



Fig. 2—CBOMPTON-BtiRGB Arrangement op Exciting and 
Compounding Circuits for Self-Excited Synchronous 
■ Motors 

During the ssmchronons operation of the machine 
shown in Fig. 2, the voltages appearing at the brushes 
4, 6 and 6, 7 are both unidirectional and their mag¬ 
nitudes depend on tiie magnitude and space location 
of the unidirectional resultant motor magnetization 
R. One component of this resultant magnetization is 
F which is due to the arithmetical sum of the unidirec¬ 
tional ampere-turns in 11 and 12, its oth^ component 
is the unidirectional primary or armature reaction 
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A R whose magnitude and space position vary with the 
load and the power factor of the motor. At no-load 
R may be made to nearly coincide with F. As the 
load increases the angular displacement c between R 
and F increases. In the case of Fig. 2, where the 
pranary is supposed to revolve counterclockwise, 
F IS stationary in space and R moves further and further 
away from F as the load increases, progressing in a 
direction opposed to the rotation of the primary and 
successively occupying the positions R', R\ R'" and 
so on. When the primary is stationary, both F and R 
revolve ssmchronously; with increasing load, F moves 
away from in a direction opposed to the rotation of 
the secondary. At no-load the unidirectional voltage 
at the brushes 4, 6., is therefore nearly a Tnairimnivi 
and it decreases with increasing load. The unidirec¬ 
tional voltage at the brushes 6, 7 is nearly zero at 
no-lo^ and increases as the load increases. The 
question arises, can these conditions be utilized in 
order to secime a satisfactory automatic regulation of 
the unidirectional excitation of the motor throughout 



Pig. ,3 Self-Excited STNcniioNotrs Induction Motob, 
Pynn Fobm No. 2 

its load range? If so, then can a motor embodying 
this type of automatic regulation be made to show an 
acceptable starting, sjnchronizing and overload per- 
form^ce? What can be done in these respects will be 
explained in connection with Figs. 3 and 9. 

The ttoee-phase, two-pole motor shown in Fig. 3 is 
a self-excited, synchronous induction motor of Form 2. 
The primary revolves and carries a winding 2 adapted 
for connection to the three-phase supply P,, P^, P, 
through the slip-rings 8, 9,10, and a commuted winding 
8 with which the brushes 4, 6 and 6, 7 located along 
axes displaced by 90 electrical degrees cooperate. The 
stetionary member, here the secondary, carries the 
“shunt” and “compound” windings 11, 12 located in 
the axis of the brushes 6, 7 and the auxiliary winding 
13 located in the axis of the brushes 4, 6, The “shunt” 
winding is connected to the brushes 4, 6 through the 
adjustable resistance 14 and can be shunted by the 
^justable resistance 16. The “compound” winding 
is wnnected to the brushes 6, 7 through the adjustable 
redstance 15 and can be shunted by the adjusteble 
resistance 17. The circuit of the winding 13 can be 


closed over the adjustable resistance 18. The windings 
11 and 12 are connected to magnetize in the game 
direction, ^ shown by the arrows placed alongside 
these windings. The arrow A R indicates the general 
direction of the primary armature reaction. 

The auxiliary winding 13, together with the exciting 
windings 11 and 12, form a polyphase, here two-phase, 
srrangement of windings on the secondary and the 
machine can, therefore, be very readily and most 
effectively started, just like a polyphase slip-ring 
induction motor. In order to facilitate this starting, 
as w-ell as to gain other advantages, the magnetic 
circuit is built exactly like that of an ordinary induction 
motor, without polar projections on rotor or stator 
and with a very small and uniform air-gap. 

In the ease of small machines the shunting resistances 
16 and 17 can be omitted and one or both of the wind¬ 
ings 11 and 12 closed over the commuted winding 2 
for use in connection with the winding 13 at starting. 
The torque is regulated by suitably adjusting the 
resistences 14, 15 and 18. These resistances are 
manipulated in exactly the same manner as those in 
the secondaries of an induction motor. In the case 
of larger motors, or where small ones have to deal with 
particularly severe starting conditions, the windings 11 
and 12 are closed over the resistances 16 and 17 and the 
values of the resistances 14 and 15 are kept high during 
the starting period in order to protect the commutator 
from the starting currents. When synchronism is 
nearly reached, the winding 18 is left short-circuited, 
but if they have been used the resistances 16, 17 are 
disconnected and the resistances 14, 15 set to their 
synchronizing or operating values. 

The revolving flux produced by the polyphase 
currents in the primary, always revolves at synchronous 
speed with respect to the primary and, hence, to the 
commuted winding 3. As the motor starts,’ the primary 
moves in a^ direction opposed to that in which F' 
revolves. Since F* must continue to revolve syn¬ 
chronously with respect to the primary, its speed in 
space, for instance with reference to the secondary 
Mndings 11, 12, 13, must diminish as the rotor speed 
increases. Now the revolution of F' with respect to 
the secondary windings generates voltages therein, 
the frequency and magnitude of which diminish with 
increasing rotor speed, both frequency and magnitude 
becoming zero when the rotor reaches synchronism. 
These voltages are responsible for the induction 
motor torque-producing currents in the secondary 
windings and cannot synchronize the motor because 
they approach zero as the rotor speed approaches the 
synchronous. The amplitude of the voltages generated 
by F' in the commuted winding 3 remains constant 
as long as F' is constant because F^ always revolves 
synchronously with respect to 3. The voltages generated 
in 3 are collected by the brushes 4, 5 and 6, 7. The 
amplitude of the brush voltages is, therefore, constant 
but their frequency depends on the speed with which F' 
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moves relatively to said brushes and therefore decreases 
as the rotor speed increases, becoming zero when the 
rotor reaches ssmchronism because F' is then at a 
standstill. 

During the s 3 mehronizing period the windings 11 and 
12 are not shunted and are connected to the brushes 
cooperating with the commuted winding. As the 
induction-motor-torque-producing currents in the 
secondary windings diminish, the currents due to the 
slip-frequency brush voltages in the windings 11 and 
12 increase, because of the constant amplitude and 
diminishing frequency of said voltages. These brush 
currents react with F' and produce a synchronizing 


1 of the present paper), displaced by S = 20 electrical 
degrees from the resultant unidirectional magnetization 
F produced by its secondary windings 9 and 12. With a 
motor of Form 2 one is able to absolutely duplicate 
the compounding performance of Form 1. In case 
the brushes of Form 1 are displaced by h degrees, 
this duplication is achieved by so dimensioning 
the circuits of the windings 11 and 12 of Fig. 3 
that when the angular displacement c between F and R 
is zero the ampere-turns in 11 are proportional to 
sin 5, that when c = 90 degrees the ampere-turns in 12 
are proportional to cos 5, and that, for any value of c 
the arithmetical sum of the ampere-turns in 11 and 12 


torque which brinp the rotor into synchronism. 

As soon as syncluonism is reached the brush currents 
become unidirectional and provide the unidirectional 
excitation of the machine through the agenQr of the 
windinp 11 and 12. As the load changes so does the 
location of the resultant motor magnetization R 
change with respect to the axes of the brushes, thus 
changing the brush voltages. During synchronism, 
the winding 18 is idle. 

When the torque demand is in excess of the Tna.Yim nm 
synchronous torque of which the motor is capable, 
the rotor slips out of synchronism and continues to 
run as3mchronously, the windinp 11, 12 and 13 again 
doing duty as polyphase secondaries of an induction 
motor. Under these conditions the synchronizing 
torque reappears. 

Such in a genial way is the mode of operation of 
the motor. Fig. 3. After what has been said, there can 
be no difficulty about the conditions to be fulfilled in 
order to secure a good starting performance. The 
only question is how are the windinp 3,11 and 12 to 
be dimfflisioned in order to secure a sufficiency powerful 
synchronizing torque and a good compounding 
characteristie. 

To solve the compounding problem it is necessary 
to divorce one’s mind from the idea that 11 is a true 
shunt and 12 a tnie compounding winding, and that 
the voltage at the brushes 6, 7 varies proportionately 
wth the armature reaction. As a matter of fact, 
m<a*easing load causes the ampere-turns in 11 to dimin¬ 
ish and those in 12 to increase. If a compounding, 
action is to be secured the ampere-tums in 12 must 
inci^ much faster than those in a true compounding 
wuwmg would be called upon to increase with increasing 


Assiraing that the motor of Fig. 3 is given the saj 
general design constants as that of Fig. 1, it will 
mte^tmg to determine whether or not the performar 

hi+w 1 can be approached or dupUcaf 

by that of the motor of Form 2. 

I- paper entitl 
am Se^Excited Synchronous Induction Mote 

^ maximum unidirectioi 
excitation and to operate with its brushes 7, 8 (see F 


of Fig. 3 is equal to the vectorial sum of the unidirec¬ 
tional ampere-turns of Fig. 1. In Fig. 1, when a == 5 
then R coincides with F and c = 0. In Fig. 3 R co¬ 
incides with F when a is zero. Fig. 4 shows the prim¬ 
ary current ii, the powCT factor cos 0i and the exciting 
ampere-turns M of the Form 2 motor shown in Fig. 3, 



when the “shunt”. and the “compound” windings 
are dimensioned as just specified. It is seen that 
the primary current always has a very acceptable 
value although the power factor is leading almost 
throughout the synchronous operation of the ma¬ 
chine, and that the performance of this Form 2 machine 
at syndironous speed is indeed identical with that of 
Forml. 

The commuted winding must be dimensioned with 
an eye to commutation and to the value of the voltages 
generated in 11 and 12 at the moment of starting. Both 
considerations lead to the selection of a low brush 
voltage. Values of 10 to 30 volts will in most eases 
an^er the purpose. It should be noted that at 
no-load, practically all of the exciting current is supplied 
through the brushes 4, 6 which then stand near the 
neutral in so far as the resultant motor magnetization 
R IS concerned. At full load it is the brushes 6, 7 
which carry practicaUy aU of the exciting current and 
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at that time these brushes also stand near the neutral 
as referred to R. 

Tuniing to the synchronizing possibilities of Form 
'A, it is seen that at subs3mchron6us speeds the phase 
of the brush voltage «« appearing at the brushes 6, 7, 
(see Fig. 6), is the same as that of the voltage generated 
by the primary revolving flux F' in the winding 12 to 
which the brushes 6,7 are coimected whereas ej appear¬ 
ing at the brushes 4, 6 is in phase quadrature with the 
voltage generated in 11. For these reasons, the brush 
current conducted into 12 will react with F' to produce 
a. unidirectional and pulsating torque while the brush 

// ^ - -1 /^S/AgCC. 
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PI8. 5—Showino HOW THD Synchbonizino Tobqoe is 
Pbodvced in Fobm No. 2 Motor ' 

cmrent conducted into 11 is responsible for a double- 
slip frequency torque with equal positive and negative 
maxima. How these torques come to be unidirectional 
and of double frequency can be recognized with the 
help of Fig. 5. 

If the primary membeu. bf the motor revolves coun¬ 
terclockwise, it is because the primary flux F' revolves 
clockwise. TTie difference between the speeds of F' 
and of the rotor is equal to the slip of the latter. F' 
moves synchronously. In Fig. 6, the flux F' has 
leveled a deg. from its position of coincidence with 
tM axis of the brushes 7, 6, which position is that from 
which a is measured. For all values of a between zero 
^d 180 deg., the brush voltage is of the same direction, 
lobeable to speak of this direction as positive or neg¬ 
ative, let it be assumed that the direction which ha-g in 
normal synchronous operation is the negative one. The 
nomal synchronous conditions are shown in Fig. 6 for 
both brush voltages and indicate that for values of a be¬ 
tween ZK'o and 180 deg. is negative. Reference to Fig. 

6 shows that for values of a between 180 and 360 deg.' 
62 mmt Aen be positive. This result has been plotted 
m Pig 7 on the simplifying assumption adhered to 
hroughout this paper that all voltages, currents and 
fluxes vary accordmg to the sine or cosine law. The 
c^e e* ^ also represent the current conducted into 
the wmdmg 12 since at the very low brush 
volta^ ^uen<^ existing near synchronism there is 
practi^y no phase difference between voltage and 
c^ent scale may, of course, differ from 
he voltage scale. The brush voltage and the 


con^ponding brush current are always proportional 
to sine a. The other factor determining the magnitude 
of the synchronizing torque is that component of F' 
which is at right angles to the axis of the winding 12. 
This component is F' X sin a and the resulting positive 
torque is, therefore, proportional to sine- a. 

It is unidirectional and pulsating, becoming zero 
whenever the axis of F' coincides with the axis of the 
brushes 6,7 and remaining positive because the polarity 
of F' with respect to 12 changes concurrently with that 
of e-j. The maximum amplitude of this torque is 
proportional to the maximum conduced ampere- 
turns in 12. For the conditions yielding the perform¬ 
ance curves of Pig. 4, the maximum unidirectional 
ampere-turns in 12 are proportional to cos 20 deg., 
which makes the maximum amplitude of 7V-ii! of 
Pig. 7 proportional to cos 20 deg. 

Turning now to the brush voltage 6 , appearing at 
the brushes 4, 6 and impressed on the secondsmy 11. 
By reference to Pigs. 5 and 6 it is clear that when 
a = 0 the voltage Ci is at a negative maximum and 
becom^ zero when a = 90 deg. Curve e, of Pig. 7 
shows its variation throughout a cycle, Ci is in phase 
quadrature to e-j and is always proportional to cas «. 
Therefore, the brush cun’ent due to Cj is also propor¬ 
tional to cos a and reacts to produce torque with that 
component F' x sin a of F' which is perpendicular 



Fia. 6— Showing thb Synchbonoits Di.sTianimoN and 
Dibbction op the Unidiukctionai. AMPKBE-TuuNa IN Fobm 
WO« 2 JyLOTOH 

to the aids of 11. The resulting torque T,_u is pro¬ 
portional to F' X sin a X cos a and is of double .slip 
frequency becoming zero whenever F' coincides with 
the axis of the brushes 4, 6 or with that of the winding 
11. For tte conditions yielding the performance 
curves of Pig. 4 the maximum unidirectional ampere- 
turns m 11 are proportional to sin 20 deg. which makes 

the amplitude ef r_., of Fig.'? proportional 

to sm 20 deg. 

The actually available synchronizing torque is the 

7 and it is clear 

that this r^tant is substantially unidirectional and 
theijore highly desirable. It will produce rapid aSd 
positive synchronization without tendency to hunt 
and will not mterfere with the asynchronous overload 
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stage of the motor’s operation to reduce its maximum 
asynchronous torque. 

It is seen that by making the maximum ampere- 
turns in 12 greater than the maximum ampere-turns 
in 11 it is possible to secure a desirable compounding 
characteristic as well as very favorable synchronizing 
torque conditions. Here again we find no conflicting 
requirements to embarrass the designer. 

Since the winding 11 does not materially contribute 
to the synchronizing torque when connected to the 
brushes 4, 6, its circuit need not be closed at that stage 
and it can also be left open at starting. However, 



Fig. .7—Stncebonizing Voltages and ToRQrss in Fynn 
Form No. 2 Motor 

material increase in s 3 mchronizing torque can be 
secured by temporarily connecting 11 to the brushes 
6,7 and in parallel with 12. To this end, that terminal 
of 11 which is normally connected to brush 5 is con¬ 
nected to brush 7 and the other to brush 6. This results 
in a 32 per cent inCTease in the TnaYimuTn amplitude 
of the resultant s 3 mchronizing torque. Another 
way to increase this torque is to dimension 12 for a 
maximum number of ampere-turns in excess of that 
required for compounding purposes, reduce these 
ampere-tums to the desired compounding value by 
means of the resistance 16 and reduce this resistance to 
zero during the ssmchronizing period. 

It has already been stated that Form 1 motor of 
Fig. 1 performs, in synchronous operation, as indicated 
by the curves of Fig. 4 when the resultant unidirectional 
magnetization in the motor of Fig. I is displaced by 
20 electrical degrees with respect to the axis of the 
brutiies 7, 8 of said motor, and its maxiTmim value 
equals the maximum arithmetical sum of the magnetiza- 
tionsproducedbythewindingslland 12 of Form 2 motor 
of Fig. 3. To satisfy these conditions, the TnaYiTmiTn 
ampere-tums (disregarding saturation), in windings 
9 and 12 of Fig. 1 must be proportional to sine 20 deg. 
and cos 20 deg. respectively, which means that these 
ampCTe-tums are the same as the maximum ampere- 
tums in windings 11 and 12 of Fig. 3. With this 
information, tiie curves in Fig. 8 can at once be plotted. 
The curve ej in Fig. 8 must be identical as to phase 
and magnitude mth curve ej in Fig. 7, since the ma- 
cHnes are identical except for the arrangements and 
dimensioning of the secondary windings and the, mun- 
ber and location of brushes on the commutator. The 
brush current conducted into the winding 9 of Fig. 1 
must yield a double-slip frequency toiiiue T, , because 
of the quadrature relation between the axes of its 


brushes 7, 8 and of its winding 9. The TnaximuTn 
amplitude of this torque is ^ sine 20 deg. and it is 
therefore idmitical with T^u of Fig. 7 except as to sign. 
The winding 12 of Fig. 1 yields a strictly unidirectional 
torque proportional to siiie* a withamaximum amplitude 
proportional to cos 20 deg. This maximum amplitude 
corresponds with the maximiun of Torque 
of Fig. 8 is, therefore, identical with torque of 
Fig. 7 as to direction, magnitude and configuration. 
Part of the resultant S 3 mchronizing torque T„ is dotted 
into Fig. 8 and is clearly identical, with the resultant 
synchronizing torque of Fig. 7. In both cases it occurs 
for the same value of c. The amplitude of the neg¬ 
ative wave of T, is less than 3 pa* cent of the 
positive one and the latter lasts eight times as long as 
the former. It is certainly tme to say that T, is 
substantially unidirectional. 

The very interesting conclusion is thps reached that 
the s:mchronizing performance and the s 3 mchronous 
characteristics of a motor of Form 1, see Fig. 1 or any 
of its modifications, can be absolutely duplicated by the 
motor of Form 2 shown in Fig. 3. No demonstration 
is necessary to convince anyone that the starting 
performance of these two machines can be made 
identical. If the assmchronous characteristics and the 
synchronizing torques are identical then the asyn¬ 
chronous overload performance of the two 
must also be identical. 

But while Form 2, Fig. 3 can do ever 3 d;hing that 
Form 1 Fig. 1 can accomplish, the converse is not true. 

It has been pointed out that the ssmchronizing torque 
of Form 2 could be materially increased by temporarily 
connecting winding 11 to the brushes 6, 7. For the 
compounding characteristic shown in Fig. 4, this 
change results in an increase of 32 per cent in the resulting 



Pio. 8 —Synchronizing Voltages and Torques in Fynn 
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synchronizmg torque.. To duplicate this advantage 
it would be necessary to temporarily displace the 
brushes of Form 1 so as to bring their axis into coinci¬ 
dence with the resultant magnetization produced by 
the windings 9 and 12, a proceeding which is not as 
practical as a simple change of connections. 

But Form 2 also permits of a wider range of variation 
in so far as the compoimding chara,cteristic is concerned 
for the reason that said characteristic can be iRfliiftnced 
in at least three ways. The ratio of the maximum 
ampere-tums in 11 and 12 can be varied as e^lained 
or by changing the value of ei relatively to that of et. 
This is, for instance, achieved by sparing the brushes 
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of one set differently from those of the other. A still 
wider variation can be brought about by disturbing 
the quadrature relation of the two sets of brushes or 
displacing both sets from the position shown in Fig. 
3 but without disturbing their quadrature relation. 

In the arrangement shown in Fig. 9 the brushes 4, 
5 are so placed that Ci is less than the maximum at 
noload and does not reach zero at full load, while the 
brushes 7, 6 are so located as to make 62 negative at 
no load and positive at full load. The result is that the 
magnetizations due to 11 and 12 oppose each other at 
noload and cooperate at full load. No doubt, this 
example will suffice to indicate the wide range of 
possibflities afforded by the self-excited synchronous 
induction motor of Form 2 as illustrated in Figs. 3 
and 9. In all cases one secret of success lies in the 
proper proportioning of the windings 11 and 12 with • 
respect to the limits within which the two brush 
voltages vary in s3nichronous and nearly s3mchronous 
operation. 

The displacement of the brushes from the basic 



Fia. 9 —Selp-Excitbd Stnchbonous Induction Motor, 
Fynn Form No. 2 

position shown in Fig. 3 also has a bearing on the 
magnitude and configuration of the synchronizing 
torque. Just how this torque is affected can readily 
be stated in general terms. When the axis of the 
brashes cooperating with the commuted winding on 
the primary and collecting the synchronizing voltage 
,e(mmdes with the axis of the secondary winding to 
which said brushes are connected, then the resultant 
^chronizing torque is unidirectional and pulsating 
Whm said axes are displaced by 90 electrical degrees, 
m ojaier words, when the phase of the brush voltage 
conductively impressed on a secondary winding differs 
by 90 degrees from the phase'of the voltage gener- 
at^ m s^d winding by the synchronously re¬ 
volving pnmary flux F', then the resultant syn- 
c^onizmg torque is alterna^g, of double sUp fre- 
quenqr ^d, all other conditions being equal, of half 
the ^phtude of the pulsating torque. For an inter¬ 
mediate posdion of the axes under reference the result- 
mg torque h^ one umdirectional and pulsating and 
one alternatmg, double slip frequency component. 


1 The nearer the brush and winding axes approach coinei- 
5 dence the larger the unidirectional and the smaller the 
' alternating torque component. It follows that the 
. more the quadrature relation between brush axis and 
winding axis can be departed from the better for the 
, resulting synchronizing torque. This consideration 
; at once shows one more advantage of the arrangement 
i of brashes shown in Fig. 9. 

; In so far as the compounding characteristic is 
concerned, the windings 11 and 12 must be dimensioned 
with reference to the maximum brush voltages available 
wiiMn the limits of synehroywus operation. These 
limits are determined by the travel of R under the 
influence of increasing load. The measure of this 
travel is the angle e of Fig. 6. The maximum value of 
c can usually be made to approach 90 electrical degi’ees. 

• Reference to Fig. 9 at once shows that, for any value of 
c up to 90 degrees, the maximum brush voltage available 
within the limits of S3mclu‘onous operation can very 
well be le^ than the actual maximum. But the 
actual maximum brush voltage is always available 
at subs 3 mchronous speeds when F' travels with 
reference to the brush axes and it is seen that this 
condition is also a factor in determining the obtainable 
amplitude of the synchronizing torque, in this new 
motor it makes the brash voltage partially effective for 
compounding and fully effective for synchronizing 
purposes. 

It will be noted in Pig. 9 that only part of each of the 
windings 11 and 12 is adapted to be shunted or short- 
circuited during the starting operation. Together 
mth the winding 13, one or both of these shunted pari;s 
form a two-phase arrangement of windings. Any 
other combination of windings which provides a 
polypha^ arrangement of windings on the secondary 
located in inductive relation to the primary can be 
used in order to insure the starting and the asynchro¬ 
nous overload operation of this motor, which particular 
one IS chosen largely depends on the conditions under 
which the machine is to operate. 

While the embodiments of this new motor chosen for 
description all have a revolving primary and a sta¬ 
rionary secondary, it will be understood that the func¬ 
tions of stator and rotor may be reversed without in 

any \ray changing the underlying principles of operation 
and design. 

In view of misunderstandings which have already 
ocmr^, and in order to forestall further questions, 
it should be stated that the author's inventions relating 
to synchronous induction motors are held by two 
entirdy independent interests, one of which owns all 
but that covered by U. S. P. 1,337,648. 


JJis<;us8ioti 
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Both are excelleut from the standpoint of the inventor and de¬ 
signer, but after we get through with it all, what is it good for? 
It is good for improving power factor. And is it worth while to 
improve power factor? Is it worth while to the customer? 
Should he pay more for a motor in order to get a higher power 
factor? What he wants is power output. To make a less simple 
or more expensive motor attractive to him there must be induce¬ 
ment. That inducement probably must come through better 
rates for ser\dce or other advantages. Then comes the question 
as to whether this is the best way to improve power factor:— 
there are condensers of one kind or another and there are other 
types of synchronous motors and so on. The best way will 
probably again depend upon the size of motor, and conditions of 
the particular supply circuit, and the like. So we encounter a 
large and complicated economic and commercial problem of' 
what is the right and best thing to use in different cases. 

But from the standpoint of electrical engineers and of new 
developments in the art, it seems to me that both of these motor 
papers can be commended as a splendid move toward overcoming 
certain difficulties. Their successful application will depend on 
meeting certain questions in the commercial field and on the 
inducement given for the raising of power factor by the customer. 

L. M. Perkinss If you take the simple Fynn-Weichsel motor, 
having a single field vdnding, and a single set of brushes, you may 
obtain any type of synchronizing torque, as it is called, from the 
double-frequency torque having equal positive and negative 
maximums, to the double-frequency torque which has a zero nega¬ 
tive with a large positive maximum, and is designated by 
Mr. Pynn as the continuous positive torque. 

If the brushes are shifted off from a 90-deg. position with the 
field winding, the torque has a so-called constant component 
added to the double-frequency component, until the brushes 
reach the point where they are in the same line as the stator 
winding where the constant torque has such a value that the total 
torque does not become negative but reaches zero. In between 
these two limits, there is a large range of ratios between the con¬ 
stant torque and the double-frequency torque. The addition' of 
another set’ of brushes and another winding increases, of course, 
the constant torque and adds the double-frequency torque at 
some angle vectorally, which will increase the double-frequencj*^ 
torque over what it was before. The net result, however, is 
simply constant torque plus the double-frequency torque, 
which is what was secured with the simple winding. If it is 
desired to increase the total amount, that is easily done by chang¬ 
ing the resistance of the field winding. 

As long as the field windings, which are connected to brushes, 
are all in one axis it is impossible to vary the ratio between the 
constant torque and the double-frequency torque beyond the 
range of ratios that may be secured with the single set of brushes 
and single vdnding. This is true regardless of how the angle of 
the brushes with each other or with the field windings is varied. 

V. A. Fynn: The suggestion that the theory of this machine 
be gone into more thoroughly will, I think, be fully met by the 
addition of a couple of circle diagrams. The synchronous 
oi)eration of my Form 2 motor is fully discussed in paragraph four 
of my paper, but the circle diagrams will, no doubt, add to the 
value of the record. The starting and synchronizing periods are 
exhaustively dealt with in my paper, the former in paragraphs 
5,6 and 7, the latter in paragraphs 8 to 24 inclusive. 

^ The presence of the two pairs of brushes sho'wn in Pigs. 3 and 9 
gives the designer possibilities of varying the compounding and 
the synchronizing characteristics of motors of thip type not 
^’a^ble in my Form 1 motor, which is that described by Mr 
Weichsel in his paper ‘*A New A-C. Gener^hPurpose Motor” and 
commercially known as the Pynn-Weichsel. 

In my Form 1, there is but one set of brushes and the com- 
^undmg as well as the synchronizing characteristics depend 
first, on the angular displacement of the axis of this one set of 
brushes from the axis of the conduced ampere-turns on the 


secondary and second, on the conduced anipore-turns per \'olt, 
in other wwds on the number of turns and on the resistance of 
the secondary winding or windings which ar(» connected t.o the 
brushes. There are but two ways of varying the compounding 
or the synchronizing characteristics, one is to change the afon^- 
said angular relation, the other is to chango the ampere-turns 
per volt of the secondary ^vindings. 

In my Form 2 motor, the characteristics in question can he 



varied by changing the angular relation betweim eitlw^r brush set 
and the axis of the secondary ampere-turus, by changing th« 
angular relation between both brush sets and the secondary 
ampere-turns and by changing the ampere-turns pur volt of one 
or of both windings on the secondary. In addition, tlm maximum 
brush voltage can be made available for synchronizing without 
being available in synchronous operation. 

Referring to the synchronous operation, let it lie supposed that 
the brushes are located as shown in Fig. 3 and t»liat the maximum 
ampere-turns in winding 12 are greater than the maximum 



Fig. 2 

ampere-turns in winding Jl. To construct a circle diagram for 
these conditions, refer to Pig. 1 herewith and assume that R is 
the resultant motor magnetization in synchronous operation and 
that it lags 90 deg. behind the terminal voltage kt. Further 
assume that R is stationary and that all the brushes, together with 
the windings 11 and 12 to which they are connected, are moved 
through 180 deg. while retaining their correct relative positions. 
Knowing that the magnitude of the voltage at any pair of 
brushes, and therefore the magnitude of the ampere-turns in the 
secondary winding to which they are connected, depend on the 
angular displacement between R and the axis of said brushes, we 
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can at once deUTKiiin- ( he posit ions for a liieh t he !niip.T(-( urns in 
11 and 12 ivjieli a niaviniinn. VVlion (Iti' axis of the lirnshes (i. 7 
is at rittht an^'Ie.s to U tin- anipere-lnrns in 11 are /oi-o •i.ml those 
in 12 a ina.xunnm. The v.-eior O-lii of Ki-. I herewith shous 
location and nni^nitnde of the nia.xininni iiin|i<‘re-lnrns in 12. 
As the aiiKIllar disrilaeenient between ti, 7 !Hid l{ eliMiifjes tiie end 
of tlio vector jinMisnrinjr the !Mn|>ere-t,urns in 12 dese-rilies ti eirele 
the center of whhdi is located half way .donu 0 Ki. 'Phe eirch’ 
Z/I2 is the liK?.ns for the !Unpere-t.iirns in 12. Simil.irlv. when the 
brushes -I, n are at. riKlit aiifrles to U. whieti ... when the 



bnislies have moved SM) detr. from their (ir.st |io.dlion. tIn' aniiiere- 
turns in tin. windinu 1*2 an. /.ere and those in H become a. ma.si- 
mum and are repr..sent.Hl by |.|,e vector 0 2:! at riitl.t aiufh.s to 
O-lb. Iho locus for the* ainperi!-turiis in II is ||)e circle I,,, 
about the middlt. point n of 0 2;! as center. Hnt we are. at each 
uustant, interested in the urithmeticid sin.i of the amperc-tnrns 
m 11 and 12. this stun must always h<- coaxial will, the windings 
11. and 12 and must, llion-forc, he im.asiirctl hy a vector coinci¬ 
ding with tilt! axis of the hrushes (i, 7. l"’ortlieaiigularilis|ihiC(‘- 
ment ol H and the brush axt.s spctnlicaliy illiisiruled in Kig. I, 
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the vector () 2.'> measnix's the ampere-turns in II. the veeler 
0~20 tho.se in 12 and 0 15 is the .sum of the two. The leeter 
(M5 represent,s the seeomlary iiiiidireetional maifiiet izal ion h\ 

The locus for /<’ is tlie circle /. ... at w. which center is 

lennti as the intersect ieii ef the perpendiculars on 0-111 and 0 2;i 
at ,, and q respeclivel.v. The.syneliroiions lortpie 7’isalwavs tlie 
projection of A' on the perpeiidiniilar to /,'. Zero tonpii* oeenrs 
iit point 2;{, maximnni torque is reaclii-d at point. 21. The 

primary current i is ... hy /f-15 aiitl the primarv phase 

angh. I.y the angular displiuienieiit ef i from » which is a parallel 
(o A’f through the end of the vector H. 

I'ig. 2. herewitli. shows tin. corresponding circle diagram fora 
case siirh as tliat illustrated hy Fig. !l of tin- paper. The .seleeled 
hrnsh disphuteinents art' tlie.se shewn in Fig. :{ herewith ami the 
amper.--t.iirns per velt in the wimling II differ from lhe.se in the 
winding 12. Agtiin a.ssiiming « and /?< to he stationary and 
moving i.rushes and windings coiintercloe.kwi.s(>. wlieii (lie latter 
liave moved througli ih.g. from the jMwition in which A' coin- 
cid(<s with A*, the .■inipere-tiirns in 12 are zero. .Vfler a movement 
tlirengh dll) y ,!,) (leg. the anipere-tlirns in 12 are a maxiiuiim 

ami measured hy the vecterd Ki. The hie.ns for ..ml ef Ihe 

vis.tor measuring these am|ieri-tiini.s is tin* circle /,,»with center 
at /», midway on II Hi. .-Uter a movement. Ihrengh only 
l!K) - ..3I deg. Mu- ampcre-tiirus in || arc a maxinmm anil 

nu-asnivd by the vcelorO 27. The locus for 11.ml of Die vccli.r 

measuring these ainpere-hiriis is tin- circle A,,. with cenler at » 
midway on (I 2(. To IhnI I In- locus for A', which is tin- sum of 
tin- ampcn-lurns in II (uid 12. con.sid.-r any two (inadrulnr.- 
posilions of tin- syst«-m of hriishcs. When A' coincides with H 
the r(-siiltant si-coinlary aniper(--lnrns are the arillmietiwd sum 
of the vectors I) :10 atui 0 ill of whicti the latter is m-gnl ivc. In 
tins ca.se A’ is reppe.seiil,i-d hy tin. vi-ctor (I 2:{. .Vfh-V tin- l.rn.slms 
have l.een moved ihreiigh DO d.-g. the ampere-turns in 11 an- 
0‘2'.l and ihosi- in 12 tire 0 2S. tln-ir arithmetical sum A' is I) :}2. 

'I In. locus for tin- end of tin- vi-ctop A’ is a circle L pa.s.sing lliroiigii 
tin- piiiiils 2.1,1) and .'12, which mak<-H it «-iwy tn (ind the ceiiH-r m 
el this circle. For Ihe n-st tills diagram is lln- same as that 
shown ill Fig. 1. 

My si-lr-exeitedsyiicliroitoii.s induction motor Form 2 is iiilor- 
esling from two points of view. It is quite independent of mv 
Form I, known under tin- irade name Fytin-Weichsel motor, anil 
is not only capahle of duplicating the performance of my Form I 
hut of excelling same, fur it has very useful cliai-acb-risties not 
possessed I.y the latter. 
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Synopsis*—The size and complexity of present-day power 
systems have increased to the point where the prediction of the 
behavior of the system by analytical methods is more and more 
difficnlL The solution of commercial hetworks by Kirchhoffs Laws 
or by cut and try methods^ even with the help of star-delta trans¬ 
formations ^ leads to such involved eguations that the need for Ampler 
methods is keenly felL Increasing attention has been given to 
various methods of representing power systems in miniature so that 
an experimental solution may be substituted for an algebraic one. 

The d-c, short circuit calculating table is a satisfactory and 
relatively simple means of determining short circuit currents in net¬ 
works, but is too inaccurate to give satisfactory solution under normal 
operating conditions. 

An a-c, artificial representation of power networks in miniature 
has been developed by 0* R, Schurig of the General Rlectric Company 
who used ^•76-kw, 110-volt three-phase generators as power stations. 
Actual transf ormers are used, while lines and loads are made up of 
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conveniently arranged lumped units of inductance, capacity, and 
resistance. This apparatus has been in satisfactory operation for 
several years, 

Evans and Bergvall of the Westinghouse Electric and Manu¬ 
facturing Company used a test floor set-up to check experimentally 
the theory of long line stability. Powers of about 500 kv-a, were us^. 

The present paper presents a method of artificial representation 
on a laboratory scale, decreasing the size of the apparatus and in¬ 
creasing the precision of the results. 

All rotating apparatus has been eliminated. Generators are 
represented by phase shifting transformers; transformers by their 
equivalent circuits, and lines by lumped constants, A description 
of the apparatus used by the writers is presented, together with the 
results which were obtained by its use in the solution of several 
typical problems. An analytical check on one of the examples is 
given, showing .a precision of better than 1 per cent. 


Purpose and Summary 

HE purpose of this paper is to desmbe briefly the 
work done by the authors under tiie direction of 
Dr. V. Bush, in the Research Laboratory of the 
Masschusetts Institute of Technology in designing, 
building, and testing apparatus for setting up miniature 
networks, using generating station powers of 100 watts 
or less. Complete voltage, current, and power solutions 
were made on several arbitrary networks. The repre¬ 
sentation was single-phase, using phase-shifting trans¬ 
formers for generating stations, and a vacuum tube 
voltmeter drawing absolutely negligible current for 
measuring potentials. 

Introduction 

Present power systems, comprising one to many 
generating stations, widely scattered loads, and the 
coimecting lines, form complex electrical circuits. The 
problem of the power company is to supply its loads 
with dependable power at constant voltage in the most 
efficient way through these networks. To adequately 
solve this problem for an existing and constantly grow¬ 
ing s3retem requires thorough knowledge of its electrical 
characteristics. Lines and cables should be of proper 
size to carry present and reasonably anticipated future 
loads, and so placed that the minimum loss and inter¬ 
ruption of service will occur. Future additions to linAg 
and generating equipment should be so placed as to give 
the best systemelectrically,otherconditionsbeingequal. 

What cable or line in the present system limits the 
load which may be added at a given point and what 
will be the voltage there with the new load? Where 
can a new feeder be placed to relieve the overload on a 
substation? How much may the load be Shifted be- 
tween stat ions within the system without overloading 
Of Massaeliusetts Institute of Teclmology, Cambridge, 
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any feeder or causing excessive voltage drop? With a 
given load on the system, what distribution among the 
various generating stations gives the best voltage regu¬ 
lation, the minimum losses and best distribution of load 
over the various feeders? If a new tie line be put in, 
will it relieve or add to existing overload on the other 
lines imder some conditions? The answer to these 
questions is found in mnnerous solutions of the network 
under normal steady state operation. 

Another group of problems is presented when unusual 
conditions, such as short circuits, occur. Knowledge 
of what happens with short circuit at various points in a 
system is important. The proper size of current-limit¬ 
ing reactors must be determined to limit short-circuit 
currents to safe values. The magnitude of the currents 
again determines how much time may be allowed for 
relays to act without causing serious damage, and what 
size oil circuit breakers are required. As bus bars and 
other structural parts of the system have the severest 
mechanical stresses set up undw short circuit, knowl¬ 
edge of short-circuit currents gives data needed in their 
design. Another factor is the voltage at critical points 
on the system, such as between generating stations, 
which has direct effect upon the ability of these stations 
to stay in s3mchronism. The currmit and voltage 
solution of llie network under short-circuit conditions 
gives data from which the answer to the above problems 
may be obtained. 

Methods OP Solution 

In general, the solution of a network under either 
normal operating orshort-circuitconditionsmaybedone 
analytically or by one of several experimental methods. 

An analytical solution may be accomplished by iiRing 
Erchhoff’s Laws, or, commonly easier on any but tiie 
simplest systems, the cut and tay-method. Using the 
former, equating the sum of all the currents mitering a 
junction, and the sum of aU voltages aroimd any closed 
72 




Fob. 1925 


SPRNCER AND HAZJSN 


loop, each to zero, gives simultaneou.s equations, the 
solution of which solves the network. The method 
becomes so tedious and complicated in a network of any 
complexity that the cut and try solution is quicker and 
simpler. By this method, a voltage is assumed at the 
load most remote from a generating station. Knowing 
the kv-a. and power-factor drawn, the current is calcu¬ 
lated, and the drop due to it, over the line to the next 
load, added to the assumed voltage. This load cui-rent 
may then be found, the drop due to both currents in 
the next section of line added to obtain the next junc¬ 
tion voltage, and so on until the generating station is 
reached. The di.wepancy between this voltage, and 
that known to exist at the generating station, is used 
in making a new trial voltage assumption at the limt 
load, and the problem worked through again. This 
procedure is continued until a sufficiently close check is 
obtained for the work in hand. Even the cut and tiy 
procedure is very laborious for other than comparatively 
simple networks and attention has been turned toward 
experimental solutions. 

The most extensively used of these methods is the 
d-c. short-circuit table,* which serves a very useful 
pimpose in giving approximate short-circuit currents. 
Its results are sufficiently accurate to be lused in design¬ 
ing current-limiting reactors, oil circuit breakers, bus 
bars, and in setting relays. Two methods of represent¬ 
ing the a-c. constants on the d-c. miniature are used; the 
resistance of the arms may be set equal to the reactance 
or impedance of the corresponding arm in the actual 
circuit. The former, or reactance method, is most fre¬ 
quently used and gives results le.ss than 20 per cent and 
usually under 10 per cent in eiTor when the generator 
reactance forms a laiTge fraction of the total circuit 
impedance, and the power factor angle of the external 
circuit is roughly over 45 deg. Here the experimental 
currents are too large. The impedance method gives 
approximately the same error when used on circuits 
having a smaller power-factor angle, but the currents 
found are below the true values. 

This accuracy is good enough for abnormal conditions 
on a network where other factor.s, such as generator 
voltage, are so uncertain. For steady state solution, 
where results within 1 per cent or less are desirable, the 
d-c. ^lution is powerless, and alternating currents with 
true impedances must be used. 

In a-c. representation, the metering of the circuit 
determines the scale of representation, which .should, 
for convenience and economy, be as small as is consistent 
vnth the desired accuracy. Mr. Schurig finds that with 
stendard portable instruments, the current must be 6 or 
amperes with 200 or 100 volts respectively to keep 
errors s^ely below 10 per cent.® These errors are a 
result of the relatively large current taken by standard 
dynamometer instruments. The voltmeter and watt¬ 
meter potential coils together introduce about 1.6 
per cent error in the current on the 5-ampere representa- 
1. For refereneos seo Bibliography 
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tion. With a line drop of 10 per cent the current coils 
of ammeter and wattmeter cause an error of slightly 
over 10 per cent in this drop at 5 amperes if uncorrected. 
The series impedances of these instruments may, of 
course, be substituted for an equivalent amount of line 
impedance, eliminating this error entirely. Error due 
to potential coil admittances cannot be thus eliminated. 

Mr. Schurig’s apparatu.s, in use since 1919, gives 
results which are usually within 5 per cent of the true 
value. The eiTor is due to unsteadiness of such small 
machines and to the difficulty of making the large num¬ 
ber of simultaneous readings required, with greater 
accuracy. 

I’his apparatus may be used for obtaining normal 
steady state .solutions, usually made single-phase; or 
for short circuits, either three-phase, one wire to ground, 
or between two wire.s, in which ca.se unbalance due to 
unsymmetrical short circuit can be studied. 

1 his, with the work of Evans and BergvalF, represents 
pKictically all the work done up to the pre.sent time. It 
Wiis in tlie attempt to get a simple, compact, accurate, 
easily manipulated laboratory .scale means of solving 
networks that the present method wiis worked out. 
Since the factor limiting the retiuction of scale was 
metering equipment, principally the voltmeters, a 
currentle.s.s voltmeter would largely solve the problem. 
In Appendix I is de.seribed the vacuum-tube instrument 
developed to fulfill this requirement. As constructed, 
it has the accuracy of the standard portable a-c. 
voltmeter. 

With this instrument available, it was found practi¬ 
cable to reduce generating .station capacities to a maxi¬ 
mum of about 100 watts. 

The apparatus used consisted of phase-shifting trans¬ 
formers representing generating stations, .smooth artih- 
eial lines, re.sistance loads and metering equipment. 

file phase shifters have the same external character¬ 
istics ns generating stations, which will later be de- 
monst.rated. They alter their load by changing the 
pha.se of their terminal voltage relative to the system, 
the phase shift being manually adjusted in the minia¬ 
ture, and by the torque .supplied to the generator in 
the actual machine. 

Sections of the smooth single-phase artificial linein the 
research laboratory, repre.senting No. 00 B & S solid 
copper at 8 ft. 9 in. spacing were used for all the lines. 

In some enses, two parallel circuits were used to give 
additional capacity. Slide wires, giving adjustable 
unity power-factor impedance, in series with the am¬ 
meter impedance or its equivalent, served as loads. 

Voltage as high as 200 r. m. s. could be used and a 
maximum current of one ampere. Since the ratio of 
voltage to current is usually of this order of magnitude 
on the high-tension lines, actual line constants can be 
used, making current and voltage scales equal. The 
power scale will then be the product of the current and 
voltage scales. 
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The vacuum-tube voltmeter was used to measure all 
voltages, both in phase and magnitude, by the three- 
voltmeter method. Load ammeters were made a part 
of the load impedance. At the generating station, the 
terminal voltage was held constant on the line side of 
the wattmeter and ammeter current coils. Correcting 
the wattmetffl* reading for the small Pr loss in the 
current coils, amounting to one per cent maximmn, 
compensates for all meter errors in the circuit. 

Advantages 

a. Apparatus. All the component parts of this 
network, including generating stations, are portable, 
i. e., one man can carry a phase shifter, the heaviest, 
piece of apparatus. No particular set-up is required 
before running the apparatus. 

But little space is required, the total set-up of three 
generating stations, some 200 mi. of line, 6 loads and 
metering equipment requiring only 40 or 50 sq. ft. of 
table space. 


Artificial Generating Station 

A power network consists essentially of generators, 
transformers, reactors, transmission lines of one sort or 
another, and loads. For a representation of power 
generation it is not necessary to duplicate all generators, 
for to an observer on the line outside a generating 
station, completely equipped with instruments, the 
number of units is undeterminable at any particular 
time. Also, if there is a Tirrill regulator on the high- 
tension side of sending end transformers, the presence 
of the transformers cannot be detected in normal opera¬ 
tion. One requirement of an artificial generating 
station is that it must be able to maintain constant 
voltage at its terminals or some other point. 

Let us see what happens when a generating station 
takes on or drops load, as viewed by this outside ob¬ 
server. Assume two identical power stations are 
supplying one load jointly over separate identical lines. 
Let the load voltage be the vector Yi, and the cun*ent 


Since the maximum current is an ampere, very small 
capacity of lines and loads is required, the smooth 
artificial lines having ample current capacity. Lamp 
cord is ample for leads. While the scale is small, 
and 1 ampere ammeters work well and 1.6-amperes, 
160-voIt wattmeters give satisfactory deflection. These 
are standard instruments. 

Power requirements may not be of primary interest, 
still it is an advantage to have low energy consumption. 
The total input for three stations at full load is less than 
half a kilowatt. 

b. Operation. The phase shifters can be set at 
phase angles unstable for ssmchronous apparatus and 
conditions will remain entirely steady. That is, any 
voltage at any phase within the range of the Tnar.hinoc 
can be held indefimtely. The operator has far more 
control over the variables than in motor-generator sets. 

With the absence of moving parts comes the steadi¬ 
ness of operation of a transform^-. With steady supply 
voltage, the whole network remains free from current 
and voltage swings, which are somewhat bothersome in 
small rotating apparatus. Because of this steadiness 
and completeness of control, adjustments can be made 
eaaly, rapidly, and accurately. A network can be 
quicldy solved. The time required for various tests, 
as will be shown, is surprisingly small. 

Relative phases of all voltages are determined by 
me three-voltmeter method described later, and know- 
mg the power factor of loads and generators, the phase 
of all currents can be found. 

Since this system, as built, is all single-phase, un- 
^ance ^not be studied either under normal opera- 
tmg conditions or in case of short circuit. It is limited 
A PoWase or single-phase representation. 

analyze 

solutions 

^ method cornbmes laboratory precision with the 
mplicity of test floor procedure. 
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1—^VuTCOK Diaqeam Showing the Efehct oi-’ SiurriNO 
ZiOAD Between two Gbnbratoks 

taken by the load be 1 1 . See Pig. 1. The stations have 
identical governor settings so the load is divided equally. 
Adding the drops I\Zi and 1 2 Z 2 , where subscripts 1 and 
2 refer to line and station 1 and 2 respectively, gives the 
station voltages, Vgi and Vg 2 , which are coincident and 
shghtly advanced in phase from Vi, the load voltage. 

Now let station 1 add 50 per. cent to the load it is 
carrying and station 2 drop 50 per cent, the load current 
remaining constant in phase and magnitude and the 
stetion voltages being held constant in magnitude by 
the regulators. To get the new current Ij' over line 1 
reqw^ the drop Ii Zi, While the load component of 
ii IS fixed by the power furnished the station by its 
prime mover, the reactive component is determined by 
holdmg the F, constant. Imposing the above con- 
ditiom requires that be slightly decreased in the new 
condition. Neglecting this in its effect on load power, 
the vector diagram for the second condition becomes 
that shown by the primes in Pig. 1. 

appears to the observer at the high-tension 
ade of transformers at station 1 is a phase advance of 
V g, wnen more steam was supplied to this station. The 
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normal action of a station, then, is shifting the phase of a 
constant voltage atrcording to the power furnished the 
generators. A phase shifter therefore fulfills the entire 
requirements, provided suflieient power can be trans¬ 
formed to hold the voltage eonshint at the angles at 
which it is required. Output is a function of terminal- 
voltage phase relative to the sy.stem and a plui.se shifter 
output can be a<ijusted by varying the voltage phase 
and watching the wattmeter. Hy having taps at 



Fi«. 2~PirA«i!! fSinwitt foMfi.nTK 

Tlio Intmt. Is tlin)UKh Mio Ilirif-phusM ealili. In Uic fiiri-Knmii<l Ti rni- 
phaso Is atlJnsM by th,. crui.lt on l,l.« left ^ 

different points on the secondary, the magnitude of the 
voltage can be altered independently of the phase. 

To operate the.se artificial stations, one mu.st, of 
course, know the voltage r<?gulator .settings and turbine 
governor speed-load curve of the machincjs repre.sented 
and this information is no<^ossary for tho op^rution t)f 
any artificial station. 

The above discu.s.sion of generators applies to any 
1C. 
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la. 3 ScHKMATic Diaokam OS’ PiiAHK Hhutmk Connections 
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synchronous apparatus so the phase shifter may be 
equally well used for synchronous condensers or loads 
at any power factor desired. 

^ Phase Shiptbbs 

On the basis of the above rea.soning, a phase shifter, 
of suitable capacity to fit well with the artificial lines. 


was designed and two machines have been built. They 
are three-phase rotor, single-phase stator machines 
wound on half h. p. induction-motor frames. The 
details are very similar to an induction regulator, 
adapted to the voltage and current used. 

1< ig. 2 is a picture of the complete artificial generating 
.station while Fig. 3 gives a .schematic diagram of con¬ 
nections including the metering sy.stem. V, is a voltage 
jack connected across one phase of the supply voltage, 
which is used as a phase relerence. , gives the volt¬ 
age at the machine terminals G and L. V„. supplies the 
wattmeter potential coils and at 7 the ammeter and 
wattmeter current coils are connected in series. Since 
one connection of rotor and stator is common, V' will 
give the third .side ol tlie voltage triangle as indicated in 
the vector diagi’am. This gives the terminal voltage 
pha.se and magnitude. By carrying the common con¬ 
nection I hroughout the entire set-up, the phase of all 
voltages can be determined. 

Steady^ Sta'i'e Pkoiilems of the Power Systom 
AND 'rifKlliSoj.n'J’lON ON THE ARTIFICIAL NETWORK 
'I’he (Jivi.sion of load among alternators operating in 
parallel is determincsl, in the steady state, by the gov¬ 
ernor settings of the prime movers to which they are 
coupled, hus if two turbines have the characteristics 
shown in Fig. 4, the division of load between them would 
be comjiletc'ly determined in advance. It is not cus- 



tomaiy, however, to regard the governor setting as 
fixed, but to alter the spring tension so as to make the 
units pick up or drop load at the will of the load dis¬ 
patcher. The effect of so inei'easing the spring tension 
is to translate the characteristic of the unit upward .so 
that the load carried at any given frequency is in¬ 
creased. On the basis of those considerations, the 
apparatus described in the preceding section was used 
to attack some of the problems which arise in the .steady 
state operation of power .sy.stem.s. Several networks 
were set up on the artificial system, five of which are 
described. The first is made .simple so that an analy¬ 
tical solution is practicable; the others are more com¬ 
plex and approach more closely the problems which are 
continually encountered in operation practise. 

Example 1. The first system set up for study in 
miniature consisted of two generating stations con¬ 
nected by 96 mi. of line. It was assumed that the 
generators were subject to the control of fi’irrill regu¬ 
lators connected through potential transformers to the 
high-tension bus of the station, or so compounded as to 
compensate for the drop in the power transformers. 
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It was also assumed that one station was clock governed 
so that the frequency was held constant by that station 
at all loads, the other station delivering full load con¬ 
stantly to the system. 

In solving the problem on the artificial network, the 
magnitude of the nominal S 3 rat«n voltage, reduced by 
the scale of 1 to 707, was set at the phase shifter termi¬ 
nals and the phase adjusted until the stations were 


TABLE I 

LOADS ABE IN gW. X 10* 


Load 

Meas. 

Calc. 

Error 

Meas. 

Pb 

Oalc. 

Error 

65 

74.9 

73.4 

2.04 per cent 

-3 

0 

.... 

85 

74.9 

75.2 

0.39 percent 

20.4 

20.0 

0 per cent 

103 

74.9 

74.9 

0 per cent 

38.3 

38.4 

0.26 percent 

118.9 

74.9 

76.0 

0.13 percent 

58.6 

69.5 

0.11 percent 


together. Conductance was then added at the point 
of load until the power absorbed corresponded to the 
desired value. Finally, the relative position of thephase- 
shifter rotors was adjusted until the stations delivered 
load in accordance with the original assumptions. 
That is, one station should deliver full load and the 


fipifti network consisted of three generating stations 
pnnnpptpH by lines, each 48 mi. long, to a load at the com¬ 
mon junction. In this problem, as in the preceding one, 
it was assumed that the voltage was held constant at the 
high-tension side of the generating station transformer 
bank. The assumption in regard to governing, however, 
was considerably changed, the characteristics of the 
stations being assumed to be as shown in Fig. 6. The 
method of solution is identical with that used in the first 
example and about two hours and a half were required 
to obtain the results which are plotted in Fig. 6. 

The characteristics which were assumed for the sta¬ 
tions in this example must be based on the assumption 


TABLE n 


Station 

Unit 

Govornor Sensitivity 

A 

16,000 kw. 

2.0 per cent 

A 

30,000 

3.0 per cent 

A 

30,000 

3.0 per cent 

B 

37,500 

2.5 per cent 

B 

37,600 

2.5 per cent 

C 

22,600 

2.0 per cent 

b 

22,500 

2.0 pop cent 

C 

22,500 

2.0 per cent 

C 

45,000 

6.0 per cent 



other^station take the balance.. The results of this 
solution are shown in Table I and the experimental 
results are compared with results obtained by standard 
cut and try methods. 

“^e entire time recpiired for the solution of this 
problem on the artificial network was less than two 


that each station consists of one unit and one only, or 
else that all of the units of the stations operate all of the 
time. The addition of a unit in a station would have 
the effect of raising the frequency and would produce a 
discontinuous characteristic instead of the smooth 
curves of Fig. 5. The third example contains the added 
assumptions, in regard to the equipment of the .stations 
and the order of putting the units into service, that are 
necessary to make the problem complete. 

Example S. The configuration of the system of this 
ecample was taken as identical with that of Example 2, 
but with the additional assumption that the stations 

TABLE m 


Station 



A 

A 

A 

A 

B 

B 

C 

C 

C 

C 

C 



Machines in Operation 


16,000 

15,000 

30.000 

30,000 

30,000 

30,000 

30,000 


37,600 

37,600 

37,500 


. 22,500 

22,600 

22.500 

22,600 

46,000 

22,600 

45,000 

22,500 ^ 

22,500 


16.000 


22.600 

46.000 


required for setting up the 

STS'. edibi™ 

checked analytically, it was 
^SiS^th?^?" w^required for each point checked. 

Example 2. The second system studied on the arti- 


were to have the equipment shown in Table II and 
that the vanous units of the stations would be put into 
s^ce m the sequence shown in Table III. In Table 
II the quantitative measure of governor sensitivity is 
the per cent regulation in frequency as the alternator 

go^ from no load to fuU load. From these tables the 
stefaon load-frequency curves shown in Fig. 7 were 
plotted. 

voltages and outputs of the stations were 

have 

discontinuity of the variables 
would render the curves meaningless. The results 
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which were obtained in approximately two hours, are 
presented in Table IV. 

Example 4 . The purpose of this problem was to dis- 
cov«- what time would be required to set up and solve 
the sort of problem which arises in determining the 
expansion policy of a power system. A certain power 
company was assumed to sell large blocks of power from 



stations A and B will supply 112,500 kw. and 96,500 
kw. respectively. 

None of the fom- problems which have so far been 
described has approached in complexity the problems 
which are constantly arising in commercial power net¬ 
works. In such systems the problem of load dispatch¬ 
ing, as well as the problems of voltage distribution which 
have been considered for the simpler cases, becomes 
increasingly importantand difficult. The example which 
follows was laid out to determine whether the artificial 




Fig. 7 

its two stations A and B of Fig. 8 to the public utility 
corporations of two cities, Lj, and La. It is proposed to 
extend the system by building a line from J, to carry the 
load of L 3 , a third city. The lines are all of No. 00 
solid copper spaced at the comers of an 8 -ft. 9 -in.-equi- 
lateral triangle. Li and L* draw 93,600 kw. and 96,500 
kw. respectively. The nominal system voltage is 100 

TABLB rv 

_ jjpADS ABB IN KW. X 10*. VOLTAGES IN KV. 

^ ^ i K i K i '~K. - 



-' 

Fiq. 9 

network could be used as a source of information to aid 
the load dispatcher in the operation of the system. 

EmmpleS. The circuit of Pig. 9 represents the high- 

tenaon network of a typical power system. Generating 
stations are located at I, II, and III; A, B, C, Z),and E 
represent substations located at load centers which 
were assumed to have the characteristics which follow. A 
suppli^ a large steel mill, a portion of which operates 
on a 2^hr. day; B carries the load of several large 
mdi^i^ plants; C an industrial load with a small 
lighting load in addition; E the industrial load of a small 


kv. ^d is maintained constat at the stations. The 
supping company mshes to know what load can be 
supplied to Li without causing the voltage at any point 
on the ^st^ to drop more than 16 per cent from the 
nomi^ value. The division of the total load between 
the stations is also desired. 

The solution of this problem by cut and try methods 
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^ s a ya 


Pig. 8 

is quite possible but it would require a considerable 

The solution 

of the ^ci^ ne^ork required 46 min. of experimental 
urtnl? ® required for making the set- 

tions hour to apply the instrument calibra- 

22,760 ^ can be delivered to L 3 and that when this 
load IS being drawn, the other loads being as^^cffi^ 


town together with its lighting requirements; and D 
was asmmed to supply a very large paper mill in a 
relatavely small community where a small lighting load 
would be superimposed on the constant power demands 
of paper manufacture. The load cycles of these sub¬ 
stations are plotted in Fig. 10 , The problem is to 
JE'”® ‘[^^^hution, during the four-thirty 

SL?. tJITr ‘he various load 

^ the divisions of load at ten- 

torty m the forenoon which wiU be satisfactory from 
the point of view of voltage regulation; and finally to 
det^me the distribution of load,as dietatedby vo£L 
maintenance, which can be used during the noon vall^^ 
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The illustration, Fig. 11, gives a genial idea of the 
apparatus as set up for this problem, and shows the 
two phase shifters representing Stations I and II; be¬ 
tween them is the vacuum-tube voltmeter. 

For convenience, but one ammeter was used to 
measure the load currents, the equivalent impedance of 
the ammeter being inserted in series with the conduct¬ 
ance, except when a reading was being taken. This 
made it possible to insert the instrument at will without 
disturbing the ^tem. The solution, of the problem, 
which required three hours, is given in Table V. 

, The A-C. Calculating Table 

The work described in the foregoing section was done 
on smooth lines. There is no reason, however, why 
lin« with lumped constants cannot be used in an arti¬ 
ficial network and this network set up as an a-e. calcu¬ 
lating table. There are two uses to which such a table 


The artificial lines and the equivalent circuits of 
transformers in a calculating table for the consulting 
engineer's use would be better designed with adjustable 
constants. In designing coils to represent the im¬ 
pedance of lines in a table of this sort, it would be well 
to make them up in units of five loop-miles with taps 
taken out of the coils to take care of the shorter sections. 
The resistance of the coil would be determined by the 
largest conductor of the lines to be represented, the 
inductance by the largest spacing. Thus two coils 
wound with 235 turns of No. 14 wire on an inside 
diameter of one and three-fourths inches (4.45 cm.) 
and one inch (2.54 cm.) thick, axially, would represent 
five loop-miles (8.04 loop-km.) of any line with a con¬ 
ductor not larger than No. 0000 and a spacing of less 
than 25 ft. (7.65 m.); an adjustable resistor in series 
with the coil takes care of the higher resistance of the 
smaller conductor sizes. 



Fig. 11 


might be put; it might be used by a power company in 
obtmning information to aid the load dii)atcher, or it 
imgW be used by the consulting engineer in the solution 
of dmcult steady state problems for his client. 

m the fim application the lines should be represented 
by lumped constant circuits. The nominal t method 
of presentation! leads to an error of only 0.7 per cent 
^es up to 200 mi. long, which makes this method 
»^y satasfactory. Transformers should be repre- 
by to equivalent circuits; and if the assump- 
b<m m made that the charging current of the fine and 
^ w^ng cpent of the transformer produce a negli- 
Sd ® the tra^ormer windings, it is possible^o 
^wvalent impedance of the transformer 

^thepload admittance of the transformer to the 
A. B. Kennelly, “Artiaoial Klectrio Linea." 


Loads on the calculating table would be represented 
by admittances. They should be made up in boxes 
with pomt switches calibrated directly in real and 
quadrature mhos. Then from the voltage it would be 
possible to set at once the admittance to give the 
desired power at any power factor without the aid of 
any pter except the vacuum-tube voltmeter which 
would not draw power to introduce an error. 

In conclusion, the writers wish to express their 
gipreciation of the kindness of C. E. Oliver, of the 
ew England Power Company, in supplying data on 
an actual power system. 

Appendix I 

The Thbrmionio-Tube Voltmeter 

pking measurements, on artificial 
nes does not find its solution in the use of ordinary 

^ especiaUy true in the case of tS 
^ ^ consideration of the scale adopted will 
show. For example, m the work described in this paper 
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the voltage scale was such that 100 volts on the minia¬ 
ture system corresponded to 70,700 volts on the system 
represented and, since there is no change in the impe¬ 




dances, one watt on the miniature represents 600 kw. 
single-phase or 1500 kw. three-phai3e on tlie actual 
system. 

The ordinary dynamometer type voltmeter takes 
approximately 0.660 amperes at full scale. This means, 
for a 150-volt meter, 9 volt-amperes at full scale; or at 
141.4 volts, corresponding to 100 kv. in the above scale, 
7.96 volt-amperes which is equivalent to 11,<)2() kv-a. 
three-phase. The remedy is an instrument which, like 
the electrostatic voltmeter, will draw no current, but 


stant filament temperature as the resistance of the 
filament of the tube increa.ses with ago. 

In order to obviate these difficulties, a double throw 
switch was placed in the grid circuit .so that the grid 
could be thrown over to a calibrating voltage 'im¬ 
mediately after each reading. The drawing. Pig. 13, 
shows how this was done. The voltages were im¬ 
pressed across tlie ends of a high resistance drop wii’e 
(2.12 mogohin.s) and the filament and grid were placed 
aciuss a portion of this wire, thus increasing the range 
of theinstrument. Theplatecurrentof the vacuum tube 
consists of an aJternating current superimpo.sed on a 
diiect current. The use of a d-c. milliamraeter in this 
part of the circuit is impossible as it would read only the 
average current, the d-c. component. An a-c. milliam- 
meter or thermo-couple instrument would be satis¬ 
factory, except that the change in alternating current is 
.small compared to the steady d-c. component, so l,hat 
t le uccairacy would poor. To eliminate this trouble 
a 2 At/condenser was placed in series with the meter to 


Va 


94.1 

95.9 

97.7 

97.4 

98.5 

97.8 


Vb 

Vc 

95.0 

91.1 

94.9 

04.3 

OS.O 

94.0 

95.G 

95.5 

07.8 

98.2 

97.2 

90,9 


Vp 


95.4 

92.5 

97,0 

90.9 

97.0 

90.5 

97.0 

92.0 

98.2 

9K.5 

98.0 

98.9 



U5 0 
U12.0 

nun 

Ill.4 
mi.i 


/'ll 

50,.n 
74. H 
74 0 
*J2.0 

74. S 


/'ill 

711,0 

27,0 

75.2 

74.0 

24.1 


Hour 

4::m P. M. 
10:20 A. M. 
10:211 A. M, 
10:20 A. M. 

P. M. 
12:20 P. M. 



Ih, 

22.0 

22,5 

•».* rj 

22 5 
22. Ft 
22.0 


Hour* 

4:20 P. M. 
10:20 A.M. 
10:20 A.M. 
10:20 A. M, 
12^20 P. M. 
12:20 1\ M. 


which will have the accuracy of a meter of the galva¬ 
nometer type. 

The vacuum tube operating as a repeater will draw 
no current from the input circuit so long as the grid is 
maintamed at a negative potential with respect to the 
filament. This makes it possible to vary the plate eur- 
mt of the tube by impressing a voltage between the 
filament and the grid without disturbing the circuit 
mpr^ing the voltage. The simplest way of doing 
to :s shown n Fig. 12. The plate milliameter is 
cafibrated in volts impressed. 

In a circuit of this kind there are several difficulties, 
ihe alternating voltage must not reach a maximum 
vto grater than the value of the grid bias; the grid 

approach the cut-off 
point of the tube; and all the parameters of the circuit, 

mnST®!! P^^te voltage, 

must be held absolutely constant. The most difficult 

of the^ problems is the maintenance of constant fila¬ 
ment temperature. It is even difficult to hold the 
fil^ent voltage sufficiently constant for work of this 
sort, and^constant filament voltage does not mean con- 


blo(;k out the direct current and an inductance of 39 
henries was connected acro&s the instrument and con¬ 
denser to by-pass this component. 

1 he circuit of Fig. 13 was mounted together and made 
self-contained, wif.h the exception of the batteries and 
some of the rheostats. The method of continuous 
calibration make.s the precision of the vacuum-tube 
instrument the .'uime as that of the voltmeter which was 
used in calibration. No difficulty was encountered in 
manipulation after the circuit was set up; as many as 
120 readings being taken in an hour with ease. 
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Synopsis,—The steady state load limits of a 'power network 
may he examined by familiar methods of analysis* However^ 
the instability of a system with one or more elements 
working close to these limits sets lower values of power at which 
the system can he expected to give satisfactory operation under the 
sudden changes in load or connectio'ns which it must successfully 
sustain in operation. This paper presents methods for the analysis 
of power systems under transient conditions. 

A qualitative discussion of the problem is given, followed by an 
outline of a poinirby’-poini scheme of analysis which takes into 
account the inertia of machines, field transients, etc. The value of 


this scheme depends upon having available rapid methods of analysis 
applicable' to conditions prevailing at a given instant during the 
transient. Therefore, there is also included a description of the 
methods which have been found advantageous, notable among which 
is a superposition method of solving systems by means of charts. 
This is a powerful means of attacking complicated systems. 
The method of poiniAO’-point analysis is applied to specific types 
of networks as examples. There is also giv&n an extension of 
ap'proximate methods of analysis presented previously. 

The paper is confined to the exposition of the methods of analysis 
which we have found convenient and powerful. 


Introduction 

ITH electrically long transmission lines, the 
ultimate carrying capacity of the line and the 
economic loading are of the same order of mag¬ 
nitude. Hence it becomes imperative to . examine 
carefully and in detail the maximum power limit of 
such lines from technical considerations. 

The problem is far from simple. If there were no 
system disturbances to be consid^ed, no voltage fluc¬ 
tuations, no load variations, and so on, then a steady 
state analysis, using, of course, long line formulas, 
would readily give the load limits. It is when we at¬ 
tempt to consider disturbances that matters become 
complicated. Yet analysis is hecessary, for while the 
margin to be allowed between operating load and ulti- 
^te steady-state load limit will always be a matter of 
judgment, there must be available definite facts in 
regard to the behavior of typicab sj^tems under the 
application of deflmte assumed disturbances on which 
such judgment can be based. 

There are only three ways in which the knowledge 
necessary for a proper judgment can be gained: 

1. Mathematical analysis. 

2 . Test of laboratory models. 

3; Experience. 

We ^all not, for some time, accumulate sufficient 
experience with long lines operating close to their 
theoretical power limits to enable proper engineering 
margins of safety to be determined. So we must rely 
upon analysis and test. 

Each of these should be made as nearly a complete 
treatment of the actual problem as possible, but neither 
can absolutely reproduce the conditions of the actual 
network. Test is limited because small can. 

not have the same relations between their electrical and 
mech^caJ constants as do large machines. Analysis 
is limi^ by the complexity of the problem. As in the 
analysis of ail physical problems, something must be 

1 Both of Jackson & Moreland, Engineers, Boston, , 
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approximated or assumed to make a solution possible 
Yet each mode of attack should be pushed as far as 
possible in completeness. The economic importance 
of the problem warrants taking g-eat pains to omit noth¬ 
ing from consideration that niay be important. Analy¬ 
sis and test are complementary. The final check of 
theory is by test, and the final attack on the actual 
problems of system design must be by analysis. 

In general the problem before us is this: Given a 
s^tem of power stations connected by transmission 
lin^, and operating close to the steady state power 
limits of some of its elements, how susceptible is such a 
system to disturbances of the sort which it will encoun¬ 
ter and which it should sustain without rupture? In 
other words, what is the degree of stability of such a 
network when subjected to disturbances of the types 
likely to be encountered in practise? This problem is 
best solved at present by showing in detail how the 
system will react to certain definite assumed disturb¬ 
ances of a nature like those to be encountered in prac¬ 
tise. For example, how will the system perform if a 
certain section of line is suddenly tripped out, or if a 
generatihg unit is suddenly dropped off? , The answer 
to such questions is the definite guide needed to com¬ 
pare different system designs, and give the basis of 
judgment as to whetho* a given layout is satisfactory 
for the service for which it is intended. 

The factors entering the problem are very numerous. 
The electrical constants of lines and machinft p are 
involved as . in a steady state solution. In addition, 
during disturbances, the behavior of exciters, governors, 
and regulators comes into play, and the mechanical 
constants of machines as well as their electrical behavior 
must be considered. In other words, we are concerned 
not only with the distribution and time variation of 
voltage ^d current in the network, but also with the 
time variation of the air-gap flux of machines, and their 
mechanical phase relations. 

Basis op Analysis 

During a powa*-system transient we have a suc¬ 
cession of instantaneous states which occur in sequence. 
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each of which changes into that which follows. Actu¬ 
ally there arc an infinite number of such states and the 
transition is entirely gradual. However, as done in 
many mathematical devices, we may consider only a 
finite number of such states occurring at finite intervals 
of time. If the time interval is short, we may approach 
the actual pro('es.s in this manner as closely as is neces¬ 
sity for accuracy. We practically choose a time 
interval sufficiently short to avoid undue error, and as 
long as is consistent with this condition, in order to 
shorten the neces.sary computation. Hence analy.sis 
of the transient behavior involves, fli’st, the solution 
of the network under the conditions prevailing at each 
of these chosen instants, and second, a computation 
of the manner in which the conditions determining 
theseinstantaneoussolutionsvary with the elapsed time. 

When a system pa&ses from one instantaneous state 
to another, the transition, so far as the transmission 
lines are concerned, is accomplished by means of travel¬ 
ing waves. These die out within a cycle or two. If 
the cho.sen time intervals are large compared with 
the time constent of the traveling waves, then the 
conditions prevailing at each instgmt for jfiven terminal 
conditions on the line will be substantially the same as 
thouglr these terminal conditions were sustained. In 
other words, the instantaneous solution for the trans¬ 
mission line will be given by formulas applying to the 
steady performance of the line as represented most 
conveniently in circle diagrams. 

In machines the Ciwe is somewhat different. When 
the terminal voltage on a synchronous machine is 
suddenly altered in phase or magnitude, there is an 
armature transient which lasts a few cycles only. This 
armature transient may be neglected since it lasts for a 
brief interval, and its effect, if taken into condderation, 
would amount only to a minor correction to be applied 
to the field current. After this has died out, conditions 
in the machine are those given by curves giving the 
machine performance for steady conditions, provided 
they are entered with the actual values of field current 
and angle which prevail at the instant under considera¬ 
tion. The field current and angle change slowly, due 
to the large time constant of the field circuit, and the 
inertia of the machine; and, as we pass from one 
instantaneous state to another these slow changes must 
be allowed for and computed. 

Therefore, if for any given instant we state the con¬ 
nections and electrical constants of any network, the 
flux of any connected synchronous machines, the rela¬ 
tive phase angles between them, the characteristics of 
any connected load, and the voltage and current dis¬ 
tribution in phase and magnitude, we specify to a suffi¬ 
cient degree of accuracy, the condition of the system 
at that instant. If sufficient of these data are given 
for a certain instant, we can solve the remainder from 
the circle diagrams of lines and connected machines, 
using these latter at the values of field current and angle 
actually existing at the instant considered. 


Outline’op Method op Analysis 

Before going into the detail of computation of the 
complete solution, let us consider qualitatively what 
happens to a typical system during sudden load changes. 

Consider a system consisting of a load supplied in 
parallel from a local steam station and a hydro station 
transmitting power over a long line which has synchro¬ 
nous condensers at the receiver end. When a load is 
suddenly applied at the receiver end of such a system, 
the increment is shared in the first instant between (1) 
the steam stations, (2) the synchronous condensers, and 
(3) the line and hydro station. Each begins to drop 
back in phase at a rate depending upon the load incre¬ 
ment applied and the moment of inertia of its rotor. 
The field fluxes remain substantially unchanged during 
the first instant, and then start to alter at a rate depend¬ 
ing upon the constants of the field windings and upon 
the rate at which armature currents are simultaneously 
changing. After an interval the regulators act and the 
variations of field current are, thereafter, influenced by 
this new factor. The governors on the various units 
also come into action after an interval, and the rate of 
phase change of each machine is thereafter correspond¬ 
ingly influenced by the increment shaft torque applied 
by the prime mover as the throttle is changed in 
position. 

Preliminary consideration of the sequence of these 
events show that at first all of the rotating equipment 
on the system will start to change speed, and that the 
apparatus which supplies the larger increment of load 
in proportion to its kinetic energy of rotation, probably 
the synchronous equipment nearest to the load, will 
slow down most rapidly. In slowing down this equip¬ 
ment so changes the phase position of its field structure 
with respect to the terminal voltage that it delivers a 
smaller and smaller load increment which eventually 
passes through zero. It then takes power im til the excess 
changes the direction of swing. Meanwhile the other 
machines must deliver the deficit in power created by 
the .swing of the first machine, thus in turn carrying a 
load which makes their rate of phase change greater, so 
that they follow the first machine through a similar 
cycle. In this manner synchronous apparatus on the 
system oscillates about some power point. The con¬ 
densers, of course, oscillate about the zero power axis 
and the generators tend to oscillate about their re¬ 
spective governor characteristic curves plotted against 
the time. 

While this discussion relates primarily to sudden load 
application, there is a similar sequence of events when 
a generating unit is dropped at the receiver end of the 
line, or when a transmission circuit is suddenly tripped 
out. The methods of analysis presented are applicable 
to any of these cases, or to three-phase short circuits in 
any part of the system considered. 

Given a power system operating under known steady 
conditions, and given a disturbance such as a change of 
load or connections suddenly impressed on this system, 
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of all factors in the system in which we are interested. 

There is an immediate change, first to be computed, 
wluch follows directly after the start of the disturbance 
after the lapse of a very small interval of time. 
This snaall time interval, a cycle or two, is sufficient for 
the subsidence of traveling waves, and for the armature 
transients in machines to have disappeared; but it is 
insufficient for appreciable change in the relative me¬ 
chanical phase angles of machines, or appreciable 
change in the magnitude of the flux in machines. 

This immediate change can hence be computed by a 
solution based on the characteristics of lines and ma¬ 
chines in which the given quantities are all the me¬ 
chanical phase angles and values of flux. These are suffi¬ 
cient to fix the system, and a solution then gives the 
phase and magnitude of voltage and current every¬ 
where, and hence the new values of power and reactive 
volt aniperes in each machine. We will assume for the 
present that this solution is made, and later we will 
return to specific examples, and show how such a solu¬ 
tion can be obtained in a manner conveniently adapted 
for the transient analysis. 

now have the solution for the first instant after 
the beginning of the disturbance, and hence the values 
of power which appear immediately after the disturb¬ 
ance in each machine involved. The difference between 
these values and the initial values of power give the 
power increments, plus or minus, on each machine. In 
the first instant these increments are applied entirely 
to produce positive or negative acceleration of the 
rotors, and these accelerations may be computed, when 
the speeds and moments of inertia of machines are 
known, by well-known formulas. 

If now this power increment remained constant, that 
is if the flux in the machine and its terminal voltage 
suffered no further change in either phase or magnitude, 
and if there were no additional power supply to the unit 
from governor action, we could compute its position 
for subsequent times from 


analysis is not to become unduly laborious. The 
superposition methods of analysis which are described 
below enable this to be done by a correction applied to 
a characteristic ciure. 

In the first instant after the occurrence of a disturb¬ 
ance, each machine will also have an increment of 
armature current. Due to the fact that the magnetic 
linkages with the field winding cannot be changed in¬ 
stantly the field current will also undergo a sudden 
change. The amount of this change can be obtained 
from the increment of armature reaction, since the total 
magnetomotive force on the magnetic circuit of the field 
remains constant. In this computation allowance is, 
of course, made for the incompleteness of coupling be¬ 
tween armature and field circuits. It is sufficient to 
use the increment of armature current in quadrature 
to the induced voltage. 

We thus obtain the value of field current in each 
machine at the instant after the begi n ning of the dis¬ 
turbance. If there were no further change in armature 
current and in the absence of regulator action, we could 
then compute the field current, and hence the flux, in 
each machine for subsequent times. The field current 
would return exponentially to its original value, the 
decrement of the exponential being given by the time 
constant of the alternator field circuit. In the first 
short interval of time the regulators will not have acted, 
so we can compute in this manner the. flux in each 
machine at the end of a chosen short time interval, 
except for one effect. This is the result of further arma¬ 
ture current change during the interval. Such change 
produces a field current increment in exactly the same 
manner as the initial change. This may be termed for 
convenience -the subsidiary field transient. It could be 
allowed for as follows: Estimate the terminal voltage 
at the end of the chosen interval, from the machine 
characteristic determine the corresponding armature 
current ^d armature reaction, and from this the sub¬ 
sidiary field transient. Apply to this the field decre¬ 
ment corresponding to half the time interval to allow 



Where a is the acceleration and 6 is the mechanical, 
change in angle. In making this computation, we may, 
as noted below, make as a refinement a correction for 
the power consumed by damper windings. Of coiurse, 
quantities do not remain constant in the manner indi¬ 
cated above, yet, if we choose a sufficiently small time 
interval, the error in assuming them constant may be 
made as small as we please. In fact, even although a 
small variation in the factors involved occurs during the 
time interval, we may estimate the variation and allow 
for it. The accuracy in the estimate could be checked 
pres^tly, and in case of serious discrepancy, corrected 
by a recomputation. It is possible though to avoid 
the cut and try process involved in this estimate of 
power increment and this is in fact necessary if the 


for the fact that the effect is produced continuously 
throughout the interval at approximately constant 
rate, and add the result, with proper sign, to the field 
current obtained from the previous computation. 
Upon obtaining the next solution the estimate of voltage 
could be checked. While this method of allowing for 
subsidiary field transients would work, it is laborious in 
that it involves a cut and try method. Again the 
superposition method of obtaining instantaneous solu¬ 
tions which we use in this transient analysis enable us 
to allow for this subsidiary transient without using cut 
and try methods. This will appear in the examples 
which follow. 

From the above we now have at the end of a chosen 
time interval the values of flux in all machines and their 
relative mechanical phase positions. It is hence 
possible, by just the same methods employed for the 
previous solution, to solve for the voltage and current 
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everywhere in the system at the end of this interval. 
We may then compute new power increments, and new 
values of field current. 

We then proceed with a second time interval. ’■|’he 
procedure is exactly as befoi-e with two e.wepLiun.s. 
Mrst, in computing the angular .space ti^avelofmachines 
in the second and subsequent intervals, we must not 
only, as before compute, thalduetotheirangularaccelcr- 
ations in the interval, but must add the tinvel due to 
the velocity which existed at the beginning of the se(;ond 
interval with respect to a constant speerl base, 'riie 
angle for the second interval is given from 


0 = V, / -+- — 

where V, is the angular speed at the end of tlu‘ lirsl 
interval, obtained from 

F. - «, /, 

except for the effect of power increnuml. during (be 
interval, allowed for as before. S<.*cond, it is neces.sai-.v 
in computing the field current change in the .second 
interv^, to apply the decrement for the interval to Hu- 
total field current increment at the end of tlu* first 
interval due to both initial and subsidiary field tran¬ 
sients, and to add on the curves the effect of the subsi¬ 
diary transient in the second interval. 

Proceeding in this manner, we can compute the varia¬ 
tion point by point with the time, of the vollages, cur¬ 
rents, powp*s, and angle.s in the system. This is c(m- 
sufficient data is obtained to make evidenf 
the behavior of the system subsequent to the beginning 
of the disturbance. During this proee.ss we will 
shortly arrive at a lapse of time sufficient for the voltagi- 
regulator to begin action. When this occurs we .shall 
need to add a new term in our computation of field 
Clints, namely the increment produced by the regu¬ 
lator action on the exciter. This is obtained from a 
curve of mam field current against time after clasing of 
regulator contacts, drawn for the particular exciter 
WtOT myolv^. Mr. R. E. Doherty ha.^ ,levdo|wl 
me form of these exciter tnmsients in much (icUiil', 
and we have checked many of his derivation.^. It 
K accurate for small increments with .shunt wound 

tS 1 exciter action. In other 

rl;n ® ^"‘'•teup occurs, as far 

as small mcrements are concerned, as though the field 

current were otherwise stationary in value. The con- 
h ®^«iter8 requires that the 

proS combination by a cut and 

It may even occur in the course of the analysis that ' 
he ter^naJ voltage of a machine will rise to a point ' 

This is ; 

at • e, curve very similar to the above 

a^ allow ing a definite interval of time after arriving , 

1. R. B. Doherty, Thans. A. I. E. B., 1922. < 


il. ut the new voltage for the delay in opening of contacts 
•w due to time lag of the relays. This is one or two- 
tenth.s of a second, depending on the regulator design. 

1 C Another effect which occurs after an interval where 
•s. prune movers are involved is governor action. This 
es i.s readily token into account, provided we know the 
>1 governor characteristic!?, by including with the power 
r- increment used in calcuIation.s of angular .swing a new 
•n inm-ment, of the same or opposite sign, a.s the ca.se may 
(I be, due to governor action. For this we need simply a 
le curve for the governor giving additional power supply 
to the unit against the time. It is in fact be.st to con¬ 
struct tilts os we proceed, as the rate of re.spon.s(i of a 
governor depends upon the increment in speed, or the 
lotal ix-sponse depends upon the integral of the speed 
■t change, This again is a matter requiring detailed 
analysi.s of its own, an<l unfortunately complete infor¬ 
mation in regard to the behavior of all types of governors 
(. IS not yet available in the form necessary. We have 
, been a.ssisted in an-iying at reasonable curves for gov- 
] ernoraclion by certain sLudiescarried out by the (Jeneral 
. I'.k'clric Ckmipany. The action of .steam governon? is 
L esjjecially important, ff’ho lag of hydraulic governors 
. is so much greater that the power transient is usually 
. past i(.s critical stage before they get into action. 

iTom the above it is evident that point by point 
analysKs of this .sort depends principally upon a proper 
adaptation of methods of obtaining instanbineous .solu¬ 
tions under the conditions set up by the transient analy¬ 
sis. hspecially is it jioasible to proceed with facility 
when the charts are .so modified that cut and try 
procc.s.ses, both on power variation and on .subsidiary 
field transien<.s, m-e avoiderj. We will, therefore, de¬ 
vote much of this paper to tho treatment of rapid 
solutions under the {leculiar terminal conditions which 
obtain whwe such solutions are a part of a transient 
unaly.si.s. We will follow this by examples employing 
tho methods developed. 

Kxperimentol inethod.s of .studying transients, using 
ull;ernatmg current artificial lines, and small machines 
to repre.^>nt the various generating and condenser 
stations, have been used by Evans and Bergvall to give 
a means of checking theory. This is a valuable pro¬ 
cedure which will undoubtedly be extended. When it 
IS attempted, however, to obtain from such an artificial 
.system transient data which will apply directly to an 
actual system, we encounter a difficulty in that the 
relations between electrical and mechanical constants 
and the relation between armature and field constants 
cannot be made the same in a small machine as in a 
lar^ one. One way of avoiding this difficulty is to 
replace the small rotating machines by stationary phase 
modifiers, and to then manually make the phase ad- 
justments and generated voltage changes indicated by 
the point by point analysis. The artificial network 
then becomes simply a convenient means of arriving 
rapidly at the steady .state solutions necessary for the 
complete analysis. This method of representing gener- 
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ating stations in an artificial network has been de¬ 
veloped by Messrs. H. H. Spencer and H. L. Hazen 
at the Massachusetts Institute of Technology, and 
their paper (see page 72 of this volume) describes the 
apparatus and its use, so that it need not be further 
discussed here. The advantage of the method, of 
course, is that the solutions for points in a transient 
analysis may be obtained more rapidly when com¬ 
plicated systems are considered. 

The refinements to be introduced in the transient 
analysis are a matter of judgment, and experience with 
the method soon shows the relative importance of 
various factors. One point of this sort deserves partic¬ 
ular mention. During the progress of a transient the 
speed of a machine will change slightly, and strictly 
its characteristic as used in the solutions for instan¬ 
taneous points should then be altered so as to apply to 
its actual speed. We have found, however, that in 
cases in which the disturbance was such as to approxi¬ 
mately produce loss of synchronism the speed change 
during the portion of the transient which must be com¬ 
puted in order to predict results was usually well below 
1 per cent, so that we have not considered this partic¬ 
ular refinement necessary when treating transients due 
to sudden disturbances. 
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POWER IN KILOWATTS*’^ ’ 

1—SniPUPiED CincLE Diagram op. Transmission Line, 
Sending End 

Aids to Rapid Calculations 

^ type of eMe diagram 
JlTf h!? while it does not incorporate 

to diagrams, is much simpler 

if®’ particularly convenient 

-yP® et solutions we need in this transient study.^ 

At'TIt.XS \ I E “Trans- 


Hence, although it is a digression, we shall briefly 
describe it. This simplified diagram, shown in Figs. 1 
and 2, is a modification of the Evans and Sels diagram, 
except that we have included the voltage, power, volt- 
amperes and angle relations at variable voltages at 
both ends, instead of at a single end of the line as has 
been done by previous writers. The advantages of this 
chart are simplicity of construction, accuracy, and the 
ability to depict line conditions with variable sending 
and receiving-end voltages on two charts only, instead 
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Fig. 2—Simplified Circle Diagram of TnANSMiH.sroN Line, 
Receiving End 

of the large number required by the ordinary diagrams 
to cover a range of voltage conditions. Interpolation 
on this diagram is rendered more accurate and easy 
by the uniform scale of voltages at either end of the 
line and by the fact that the circles are concentric. 
The diagram is riot an approximation: it may be based 
upon hyperbolic formulas for a long line, and will then 
represent the action of the line in accordance with these 
fonmzlas. 

derivation of this chart and the computations 
of the requisite constants for construction, are similar 
to those which have been presented for other circle 
diagrams. 

The equation 

£, = (a -I- y 6) -f- (c -f j d) 4 

IS a vector equation expressing the relation between the 
sending voltage .g., the receiving voltage Mr, and the 
receiving current 4, for a given line in terms of the 
cons ants (a +3 b) and (c -|- y d). This equation may 
be Witten for a simple line, a line with transformers, 
a pan- of parallel lines, etc.® 

standard phase, denote the horizontal 
and vertical components of 4 by 4 and 4, and simi- 

IrL • f ^^5 vectors. The scalar equation corre- 

spondingto thisisthen 

2. Avails and Sels, Bleelric Journal, August 1921, p. 358. 
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+y = (a + 3 6 ) Sr + (.C+ j d) {Ir + 3 Ir), 

which may be written in two parts: 

/ S, = a Sr Cir — d ir 

I Er ^ ^ S, + d ir + C ir 

Square and add these equations, and we have 
JS ?,2 = {a\+ 6 *) Er^ +_ (c* + d*) /r* + (c* + d*) 

+ 2{dc + hd)Erir + 2.(Jbc — ad)Er tr 

Now if P, and Q, are the total receiving-end power and 
quadrature volt-amperes respectively, and if E, and 
Er are phase voltages, then 



tr = 


SEr 


for a balanced three-phase system. We also use the 
abbreviations; 

A = a* -f 6 ® 

„ c® 4- d* 

B == 


C = (o c -I- 6 d) 
2 

D = (6 c — a d) 

Insert these above and obtmn: 


/ Pr 


' Qr 

D \ 

1 / 

' E, \ 

\ Er^ 

+ 25 ) + \ 

. Er^ 

^ 2 b} 

“ 5\ 

rEr) 


Pf Qr 

If and ^ ^sed as coordinates, this is the 

equation of a circle, and the coordinates of the center 
of the circle and the radii are then given by 

hr* ^ 


kr* = 


r' = —=• 


25 

D 

25 


Er 


VB B, 

Similar reasoning applies to charts in terms of send¬ 
ing-end conditions giving 

J 


h.' = 
k.' = 


25 

K 

25 




B. 


VB Br 


where J = - 2/8 (e c -f / d) 


and K = 2/3 (de - ef) 

The position of the center of the circles is now fixed 
independent of voltage. For any given value of 

Br 

we have the same radius, and hence the same 

circle. Therefore circles may be labelled with the ratio 
of the two voltages, and these circles will be concentric 
and evenly spaced. The angle between terminal 
voltages will be given by a series of evenly spaced radial 
lines. The diagram is thus simpler to draw and use, 
and more accurate when it is necessary to interpolate. 
Also a sin^e chart, instead of a series of charts, is suffi¬ 
cient to cover the line behavior with variable voltage 
at both ends. 

The charts shown in Figs. 1 and 2 give a graphic 
description of the operation of the line, but even they 
are not necessary, for the ideas involved in this sort of 
chart may be readily incorporated in a simple link 
motion which will avoid altogether the necessity of line 
charts in the usual computations. 



Fig. 3 —Layout op Transmission Charts for Ush With Link 
‘ Motion 


Place two pieces of rectangular coordinate paper, with 
axes marked in termes of the ratio of power and quadra¬ 
ture volt-amperes to the square of voltage, as shown in 
Fig. 3. It is unnecessary to add furthm- loci to the dia- 
granS, but some of these are shown on the figure for 
convenience in explanation. 

An examination of this figure shows that a bar 
pivoted at the point 0 will intersect the charts at equal 
angle values. If this bar is graduated to read values 

of ( ) and () and equipped with a mech¬ 

anism such when a rider on one end of the bar is ad- 


E E 

justed to a certain value of —= 7 - or -vr 

JUir hi 8 


the rider on 
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the Other end will be set at the inverse ratio, we will 
then have a device with which we can predict conditions 
at either end of the line when sufficient data are ^ven. 
The inverse motion can be accomplished by the simple 
linkage in Fig. 4. 

The analysis of the linkage is as follows: (See.Fig. 5) 
+ X- — 2 hx cos 0i 
a- ^ h- + + 2hy cos 0, 

From which 

(x + y) =bHx + y) + ix + y)x y 
xy a^—h^ = constant. 



Fig. a —Linkage and Charts for Predicting Transmission 
Line Performance 


Let us now consider a: and y for ratios of 


Er 


and 


Er 

of unity, to be themselves unity. 

Then 6 = 1 and a = V2.are convenient lengths of 
arms. Choose convenient scales for the coordinate 
axes used for the sending and receiving end charts, 
making the length unity equal to the length unity 
employed on the bar, and mount these upon a board in 



Pig. 5 Diagham of Linkage Used with Tbansmission Line 
Charts 


such a manner that the angle and the distances between 
the axes may be varied in accordance with any line 
constants. 

It will then only be necessary, in solving for condi¬ 
tions on any line, after fixing the position of the rec¬ 
tangular scales, to multiply the scalar value of power or 
volt-amperes read from the chart by the value in volt- 

amperes of the radius of either chart for = unity; 

A constant for any line, and by the proper value 
ot E,- or Er\ If the bar a: is calibrated with a linear 


scale so that unity occurs at the distance unity from 
point 0, these latter values may be obtained directly 
from the readings at the two ends of the bar. 

The link' motion with the two pieces of coordinate 
paper may thus be set for any given line, and will then 
give all the necessary relations between power, quadra¬ 
ture volt-amperes, voltage, and angle at both ends of 
the line. The angular relation between, and the rela¬ 
tive positions of the two charts are determined by the 
values of h and k defined for the sending end and receiv¬ 
ing end on a preceding page. 

Machinb Chabactbbistics 
Much more information in regard to the behavior of 
synchronous machines than is usually given is necessary 
for the solutions we have in hand. It is neces.sary to 
specify the complete relations between field current, 
generated voltage, terminal voltage, and armature 



40 80 120 320 360 . 

Pig. 6—Chart op Salient Pole Generator Pekpormanok 


ciirr^t, both in phase and magnitude. This is most 
readily done by a series of charts, similar to circle 
diagrams, constructed for various values of terminal 
voltage, having power and reactive volt-amperes as 
coordinates, and showing the loci of constant field 
current and constant flux in the air gap. Such a chart 
is shown in Fig. 6. From these may be rapidly de¬ 
rived the necessary curvesfor graphical system solutions. 

Since the stability of power systems operating close 
to their load limits depends intimately upon the charac¬ 
teristics of "the connected machines, it is necessary that 
Jese charts be constructed as faithfully as possible. 
The assumption of a constant synchronous impedance 
IS here unallowable, since under the conditions of opera¬ 
tion, It varies widely. Also the usual treatment of a 
salient pole machine by non-salient pole methods ap¬ 
pears too loose an approximation. 
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We shall usually have available the excitation curve, 
and the full-load current, zero power-factor character¬ 
istic of the machine, together with its shorl-circuit 
curve, and the leakage reactance which may be assumed 
constant without serious error, ^^'e can also obtain 
from design data the factors which apply for armature 
reaction, for a salient pole machine*, to the components 
of armature current in ejuaeh'ature to and in pluuse wit h 
the generated voltage; that is, the cross magnetizing 
and demagnetizing components of armature reaction. 
Let us call these respectively K,. and K,i. 

We can now construct a vector diagram, Fig. 7, for 
any assumed value of armature current as follows: 

Lay off the known current I„ and the terminal 
voltage Vl (^ompul.e the leakage reactance drop, ami 
by adding this to V,, obtain the generated or air-ga]) 
voltage, jy,/. Perpendicular t.o this, ami of a l(>ngl.li 
obtained by reference to the magnetization curve, lay 
off the resultant field current A’. Through the t‘nd of 
li draw R A opposite in phase to the current, and of a 
length equal to the armature reaclion in terms of Held 
current. Divi<le this line at />* so that 

R B A',. 

R A 7v, 

Draw 0 B, and project A on thi.s line at V. Perpcmdic- 
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ular to 0 C, and of a length corresponding in voltage 
scale to 0 C as a field current on the magnetization 
curve, draw E„, the nominal cn- fieltl current voltage. 
The length 0 G gives the field current corre.sponding to 
the assumed voltage and current. The angle 7 0 A'„ 
gives the angle of current with respect to the field 
structure. 

The basis of this construction is as follows: Armature 
reaction 72 A is split into components 72 D and D A, in 
phase with and in quadrature to the center line of field 
structure given by the direction O C. 'f’he foirner is 
added, complete, to vector 72, but the latter or cross 
magnetizing portion is only partially added. The 
portion used, D C, is that part of the total, D A, given 
by multiplying by the factor K,. This follows from 
similar triangles. This method assumes that the 
reluctances of the magnetic circuits of the leakage 
flux and the main flux are equally affected by satura- 
tion of the iron core.® 

2. A more complete treatment of the vector duigram of the 
salient polo machine will bo found in Harmimic Analyniit, by 
W. V. Lyon, Tbansactions A. I. E. E., 1018, Pago 1477. 


From the above diagram, we obtain power, quadra¬ 
ture volt-amperes, current ami power factor as usual. 
These are then entered on a chart, and the loci of con¬ 
stant field current, etc., mapped out. 

Representation or System C'^haracteristk^ 

When a system consists of tran.smi.s.sion lines inter¬ 
connecting existing systems, some method is nece.ssai*y 
for representing the behavior of each fonnerly independ¬ 
ent system which is tied in. This representation 
shouhl include the behavior of the loads in that system 
as well tus the generating stations, and the characteristic 
should be reduced to the point where the system is tietl 
into the transmission lino. The generating stations 
on the system are c()nsidere<l independently as outlined 
in a preceding section. 'Phe loaci, which may include 
many .small .synchronous mo(,ors and a large percentage 
of induction motors, cannot, of cour.se, be treated as so 
many in<l(‘pemlent rofaiing machines. An e.xaniination 
of the relative lime constants of these machines and the 
natural period fjf oscillation of the rotors shows that the 
duration of the transion 1^5 will bo very short as compared 
with those obtaining in the large alternators. Hence, 
we have used the steady sUite characteristic's of these 
machines in our anulyse.s. 

Actually, each sysf,em consists of distrlbutcHl load.s 
ami one or stweral generating stations feeding into the 
distribution network. The action of the distributed 
load may be represented as a single concentrated load 
of proper characteristics at the load center of the .sys¬ 
tem. In computing these characteri.stkus there are to 
be included the constants of the lines connecting the 
•several loads with the loud center. Thus an individual 
load which is connected U) the loml center through a 
given line may be repiusentcd by an impedance at a 
particular value of volUige at the load center. This 
impedance includes the impedance of the load and 
connecting di.s(.ribution lines in series. Adding the 
admittances of individual loads at the loa<l center in 
parallel gives a re.sulting load admittance for the pJirtic- 
ular value of voltage assumed. Repeating this pro¬ 
cess at dilferont voltages gives the loud characteristic 
at the load center. This characteristic is tdien to Ik; 
transferred to the point of connection of the system to 
the transmission line, which is accomplished by adding 
th'e impedance of the lines between the load center ami 
the pbint of connection to the resulting load impedance 
at the particular value of voltage, thus constructing 
a new characteristic of the load as determined against 
voltage at the point of connection. 

The above outlines the method of representing the 
characteristics of a system which is connected to the 
primary transmission system at a single point only. 
In case the system is connected to the primary network 
at two points, a modification of the method is nece.ssary. 
This consists, in general, of splitting the system into 
two parts to be concentrated at the two points of con¬ 
nection. The tie, within the secondary system, be- 
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tween the two points, is then included as a parallel 
connection to the primary transmission system between 
the two points. In other words, instead of reducing 
the load to a single equivalent load, it is reduced to an 
equivalent load in two parts at the two points of con¬ 
nections. The load at the load center, which is deter- 
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shown in Figs. 8 and 9 for a 20,000 kv-a. synchronous 
condenser. Similar charts for a line are shown in 
Figs. 10 and 11. 

These curve sheets are used by superposition methods 
for obtaining solutions for a network where angles and 
flux values are the known parameters. It has been 
found desirable to put kilowatt and quadrature kilo¬ 
volt-ampere relations on separate sheets, and treat them 
separately rather than to attempt to suppose circle 
Higgramg themselves. The reason for this is that these 


40 80 

POWER IN 1000 KILOWATTS 

Fig. 8 —Derived Power Chart op Condenser Performance 

Output 

mined as before, instead of being transferred to a single 
point of connection by including the impedance be¬ 
tween the load center and that point, is divided into 
two parts which are transferred to the two points of 
connection. The general principle of this method of 
iransfer is that the system with its loads is reduced to 
an artificial network with two concentrated loads, which 
is equivalent to the actual system in so far as its be¬ 
havior at the two points of connection is concerned, in 
terms of the variation of both power and volt-amperes 
with voltage. 

Derived Curves . 

For the solutions incident to this transient analysis, 
the primary tools, or reference charts, are the character¬ 
istics, preferably in the form of circle diagrams as shown 
above, of generators, connecting lines and trans¬ 
formers, condensers, and loads. From these are taken 
off as needed in the course of the study of a particular 



Fia. 10 —^Derived Power Chart op Transmission Line 
Performance 

solutions are made as a part of a transient solution and 
because when done it is possible to avoid laborious 
cut and try processes by a single alteration in the curve 
sheets used in superposition. Upon superposing these 
curves a resultant diagram is obtained satisfsdng all 
power relations for the network, as well as a second 
/liggram which satisfies all quadrature relations. A 
fingl superposition of these two gives a set of conditions 
which is common to both, and hence is a solution of the 
network under given conditions. 



Fig. 9—Derived Quadrature Kv-a. Chart op- Condenser 
Performance Input 

transient problem, special curve sheets for rapid use 
in obtaining solutions for a given point of time. These 
are, for reasons which will appear below, most con¬ 
veniently put in the form of plots of kilowatts or react¬ 
ive kilovolt-amperes against electrical angle with 
respect to some base angle as reference, for Knes, genera¬ 
tors and condensers. The vector used as a base may be 
the tCTminal voltage at some chosen point for steady 
state normal load conditions. On each sheet is a nest 
of curves for various terminal voltages. For a machine 
it is also necessary to prepare a separate sheet for each 
value of field current. Curve sheets of tiiiis sort are 



Fig. 11— Derived Quadrature Kt-a. Chart of Transmission 
Line Performance 

This, in brief, is the scheme of the superposition 
method. It is difficult to explain clearly in general 
terms, but specific examples will be presented in some 
detail, and in the course of this, it will appear why these 
particular superposition methods, avoiding the necessity 
of cut and try processes, have been adopted for the 
solutions incident to this transient analysis. 
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Exampijss 

The underlying theory of this analysis htis been 
presented in foregoing sections and it has been 
noted that characteristics of machinery, and lines are 
most readily introduced into the calculations in the 
form of kilowatt vs. angle charts and reactive kilovolt¬ 
amperes vs. angle charts. This modification of the 
ordinary solution has been found desirable for two main 
reasons: first, that the intersections obtained by u.se 
of the ordinai*y charts were obscure, and second, that 
refinements to introduce mechanical movement and 
subsidiary transients in the fields were readily appli- 



ElO. 12—SlU’KHPOSWIl ChAUTS Fntl DktKIIMINATKiN <tt.' PoWKK 
(■oNDmoN L<n;itH 

cable to the new charts in such a manner txs to elim¬ 
inate the cut and try processes otherwi.se incident to 
the consideration of these factors. 

The method of u.sing the.se new tools will be illustrated 
in examples. The first ease will be very .simple for the 
pu^ose of presenting the general method, and because 
of its simplicity will not involve all of the refinements 
necessary for solutions of more nearly representative 
systems. The other cases will consider more extensive 
systems and will, we hope, present the method and 
refinements in sufficient detail making the extension 
to more complex systems apparent. 

Consider first a .system consisting of a generating 
station of such dimensions that the high tension voltage 
at the sending end of a transmission line is substantially, 
fixed in phase and magnitude, with a line transmitting 
power from this station to a receiver point where a 
condenser is operating to regulate voltage. Let us 
determine the operation of the system upon the .sudden 
application of a block of load of constant lew. and kv-a. 
at the receiver end of the line. 

The characteri.stics used for the .solution of the first 
point are, Pig. 10, the receiver-end power characterisstic 
of the line plotted vs. angle between the sending and 
receiving end voltages, E, and Er, Fig. 11, the receiver- 
end kv-a. characteri.stic plotted also vs. angle between 
E, and Er, Pig. 8, the power characteristic of the con¬ 
denser for the known initial field excitation plotted 
against electrical angle between the voltage of the im¬ 
pressed field or the. center line of field .structure and the 


terminal voltage E„ and Fig. }), the coiresponding 
quadrature kv-a. characteristic for the condenser. 

1-X)cate upon Fig. 10 the operating point of the line 
belore the application of the additional load .r; then 
place Fig. 8 upon Fig. 10 so that its 0° line coincides 
with this point of operation, [f the zero power point 
of the condenser is also located at this point, the gi“aph 
indicates steady state power conditions. However, 
.since we are considering the application of an additional 
load of X kw., place the zero power line of the condenser 
(tn the load line equal to the total load as shown in Fig. 
12. Initially, the power in the condenser is zero, so 
that the angle between tenninal voltage and field 
structure is zero. Thus, the vertical distance between 
l.he displace<l axes gives the angle between the voltage 
at; the .sending en<l of the line and the fiehl structui*e of 
the condenser, which remains unchanged in the first 
instant after the application of additional load. 

It is apparent from P'ig. 12 that the power rec^uire- 
ments of the system independent of the reactive kv-a. 
could be satisfied at any point on a locus indicatefl by 
the intersection of characteristics of the line and the 
eonden.ser, for corrasponding terminal voltages, shown 
on the dotted curve. This fixed superpo.sition applies 
when the kw. of the load is independent of terminal 
voltage E,. In ciuse of a load characteristic showing a 
variation of kw. with E,, it is sufficient to simply slide 
the two superposetl curves horizontally with respect 
to one another, as the intersections are .spotted in suc¬ 
cession, keeping the total horizontal displacement equal 
to the power in the load coiresponding to the particular 
voltage curves being con.si<lered. I’his same proem 



Fin. i:{ -.Supnro>i.(,HKi) Ciiauts i.r»u Dktkbmtsation ok Quad- 

HATUKIO Kv-A.-tJoNHCnoN ijOIMIH KOIl JnITIAI. C^jN’Dl'I’tONS 

applies to the consideration of quadrature kv-a. below. 

We can, in very .similar manner, satisfy the kv-a. 
requirements independent of the power. In Fig. 1.3, 
we have made a solution for kv-a. under the initial 
conditions. 

The conditions obtaining upon the addition of a load 
of y kv-a. are as indicated in Fig. 14. 

The dotted curve indicates the possible operating 
range without regard to power requirements. It now 
remains to simultaneously satisfy the power and kv-a. 
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relations. This we can do by superposition of the two 
resultant characteristics when plotted upon a common 
base. We have chosen condenser angle and Er as the 
detamining characteristics, but in this example line 
angle and Er could be used equally conveniently. 

When the two preceding loci are thus plotted, we 
obtain Fig. 15, the intersection indicating the operating 
point for the instant immediately following the apph- 
cation of load. Now knowing the receiver voltage and 
the angle of the condenser, we can readily determine line 
angle, line power and the other information desired. 


is likewise definite. When in computing later points, 
the conditions to be determined are for an instant at an 
inteiVal of time after some preceding known conditions, 
the increment of field current is computed as a current 
generated equally throughout the interval considered 
and is then attenuated in a corresponding manner before 
being applied. For convenience the time interv^ 
chosen between computed points is taken equal, in 
order to faciUtate the computations and make curves 
useful for more than one point. When the condenser 
curves are thus constructed the solution will automati¬ 
cally be corrected to allow for the field transient in the 



The above indicates the approach to the problem but 
certain factors have as yet been omitted from the solu¬ 
tion. The first is the transient that occurs in the con¬ 
denser field as the current in the condenser armature 
becomes altoed. The condenser characteristic used 
above was made for a fixed value of field current. The 
field transient may be taken into account by showing 
this characteristic on a somewhat different basis. Let 


machine. 

It may be noted that the above method of introducing 

thefieldtransientinvolvestheassumption of field currents 

in the condenser, which differ at each point of the chart 
and do not correspond on tiie two characteristics. 
However, since the operating point obtained as a solu¬ 
tion is that point at which the condenser angle and 
twminal voltages are identical on the two character¬ 
istics, the field currents involved on each characteristic 
at the intersection will be identical and correct for the 



Fia. 16 —Superposed Charts for Power Locus Showing 
Shift for Angular Travel 



Pig. 16—Superposition of Power and Kv-a.-Loci to Obtain 
Common Point 

US compute, in advance, the change ih condenser field 
current due to transformer action per ampere change of 
each component of armature current. Now construct 
the condenser characteristic in such a manner that for a 
constant terminal voltage the curve is not drawn for 
constant field current, but at each point for the field 
current which would obtain, in accordance with the 
change of armature current in arriving at this point. 
Since this change of armature current for a given change 
in electrical angle is definite both in power and kilovolt- 
amperesforanyparticular tierminal voltage, the resultant 
change in exciting current which would have obtained, 


conditions obtained as a solution. At no other points 
on the curves would this obtain. 

Let us now determine the conditions obtaining after 
a short interval of time t. The rotor of the condenser 
has now made an angular movement of B deg. given by, 

01 ° = (i)t oti^ 

where ai is the acceleration due to power increment at 
the preceding point, and w is the relative angular 
velocity at the.beginning of the interval; zero in this 
case, but to be included for later points. Also the 
field current increment at the preceding point will have 
attenuated to a new value, even if the armature current 
has remained unchanged during this time t. 

First construct condenser charac^stics for the new 
attenuated value of field current, correcting the curves 
as before to the field current that would obtain at any 
point that invplves an armature current other than 
found for the last-known condition of flux. 

This curve will now be used in conjunction with the 
line characteristic in a manner similar to computations 
for the initial conditions; except tluit since the rotor has 
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been slowing down and has moved the distance 0 be¬ 
hind synchronous speed position, the pole pieces of the 
condenser have now assumed an angle equal to the angle 
of the preceding point plus the angle of travel. This is 
shown in Fig. 16. It will be apparent that the con¬ 
denser may be delivering or receiving power at the 
end of this interval different from that at the starting 
time, and that the movement due to this additional 
accelerating force during the interval considered, has 
not been incorporated in the calculations. This is done 
by moving each point of the characteristic curves by 
an angle 02 > Since the difference in power between that 
delivered at the preceding point and the new is variable 
during the time interval, we must consider a resultant 
acceleration. If we assume the variation of power to 
be linear with time during the short interval, we find 
that 

02 = i as ^ 

6 

where a 2 is the maximum acceleration due to an addi¬ 
tional power increment during the period, and corre¬ 
sponds to the difference in power delivered from the 
condenser at the successive time intervals. Hence, 
after choosing a given time interval, we can compute 
what additional movement the rotor would complete 
during the interval by considering the power at the pre¬ 
ceding point as a base and computing the maximum 
acceleration which would obtain at any other power as 
that created by the difference between that power and 
the power at the preceding point. The additional 
movement due to this is then added to the electrical 
^gle of the condenser for each point on the character¬ 
istic. This may . be most readily done by merely ro¬ 
tating the axis of the power characteristics by the proper 
amount about the power point of the preceding interval,* 
and then replotting the characteristic by measuring 
ordinates from this displaced axis. The same change 
in ordinate for each electrical angle of the condenser 
and terminal voltage is added to the kv-a. character¬ 
istic of the condenser. 

Where damper winding effects are important they can 
be introduced into the calculations at this point. Since 
these effects are induction motor action which is a 
function of the difference between the angular velocities 
of the rotor and the impressed voltage, we have the 
data for computation of this action. This will be 
facilitated if we consider this action to be the resultant 
of a constant slip velocity equal to the velocity 
CO + 3^ ai t, plus a variable velocity equal to a 2 P. 
Since this variable element can be expressed as a func¬ 
tion of power at the end of the interval in a manner 
simil^ to space travel we can predict the damper 
winding effects that would obtain from operation at 
any point and add these effects to the characteristic 
of the synchronous machine in the manner indicated for 
power change in the interval. The field windings of 
the machine will give us similar effects, but in compu¬ 


tations made for typical cases we have found these 
negligible. 

Succeeding points are now computed in similar 
manner and the progress of the transient mapped out 
point by point. After sufficient time has elapsed for 
regulator action to begin, the field current increment 
due to this cause is also added in at each point, taken 
from a curve for the regulator used on the condenser. 
The process is continued until sufficient information 
is obtained to determine whether the system will or 
will not lose synchronism, and how much voltage fluc¬ 
tuation is involved. 

Prom the above the method undoubtedly appears 
more laborious than it really is, although it is admittedly 
not simple, the problem being inherently complex. 
Yet in applying the superposition method, many short 
cuts will be seen; the necessary portion of character¬ 
istics only need be plotted, etc. For a system such as 
above considered, after the circle diagrams and first, 
angle charts are prepared, two practised computers 
may readily determine the effect of a given disturbance 
in a day. Of course, more complicated cases take much 
more time. 

Let us now apply these tools to more complex 
systems. Consider the system shown in Fig. 17. For 



' Condenser 
Part B 

Fia. 17 —System Layout for Example 


simplicity consider the system broken into two portions 
as indicated by parts A and B, We can prepare 
characteristics for the part indicated as A which will 
show independently the power and kv-a. characteristics 
of the line and generator at the receiver end vs. the 
angle between the voltage at the rewiver end of t hia 
systein and the voltage of the impressed field of the 
generators. This can be prepared quite easily in the’ 
manner outlined below for computations of the ap¬ 
proximate analj^is. These curves, in the form of 
constant field current characteristics, can readily be 
applied to any case by choosing points from curves of 
proper values of field current to make up the character¬ 
istics which include the subsidiary transients. These 
subsidiary effects of changing armature currents can 
be applied to the characteristics in a similar manner to 
that used for condensers in the previous example. It 
will be noted here that the curves are plotted in terms 
of receiver values whereas the factors which enter into 
the ccnnputation of the field changes are sending-end 
values. These sending-end values are quite easily 
obl^ed when the equation for sending-end current is 
noted. 

It = CoEr Do It 
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For any characteristic at constant receiver voltage, we 
naay compute the change in sending-end cxirrent by 
multiplying the change in receiver-end current by I>«. 
Hence the constant D, may be incorporated with the 
transformation ratio of armature to field of the genera¬ 
tor to make it a vector ratio of receiver-end current to 



Condenser No.l 

Pia. 18 —System Wiring Diagram 


field current. In this case we must compute and include 
the angular swing of the hydro generators as well as of 
the condensers. This is handled in the same manner 
for each, computing with respect to a constant speed 
base. With these modifications the portion of the 


consideration. The rate of swing of condensers and 
generators will not be the same, so each is computed 
separately, and this shift changed accordingly at each 
point. In this example the movement of the rotor of 
the turbo generator due to governor action, must also 
be considered. The unbalanced force to produce 
acceleration is the difference between electric and me¬ 
chanical shaft torques. The details of this computation 
of the variation of mechanical shaft torque need not be 
discussed further at this point. 

With these slight modifications we have now reduced 
our data for this ssratem to a form similar to that used 
in the first example and no difficulties of solution should 
be found. 

Let us now consider a system that involves trans¬ 
mission lines sectionalized by condensers as indicated 
in Fig, 18. The treatment of this case, if modified 
slightly, will also apply when the mid-condenser is 
replaced by a generator, or generator and load. 

The method of attack on this problem is similar to 
that used for previous cases, but is more involved as the 
present example has one additional degree of complexity. 



Fio. D 


Pig. 19 

a. Receiver Power Oharacterlstlc of Generator and First Section of 1 /lne 

4. Power Oharacteristic of Condenser No. 1 
c. Power Obaracteristic of Second Section of Line 
<f. Power Oharacteristic of Condenser No. 2 and Steam Generatinit 
Station 


s^tem shown in A can be readily handled in a manner 
sumlar to that of the preceding case. 

The portion B of the system can be reduced to an 
equivalent single electric machine plus a load by adding 
together, as we compute each point, the characteristics 
of the steam generator and the condenser- for equal 
angle displacements at the same terminal voltages. 
This is accomplished by superposing the individual 
characteristics with a shift in the direction of the axis 
of angles of an amount given by the angular displace¬ 
ment of the machines as computed for the instant under 


The necessary tools for this solution are character¬ 
istics similar to those previously used. The power 
characteristics are shown in Pig. 19. It will be under¬ 
stood that these are to be modified as in previous cases, 
to take care of increment power and subsidiary fidd 
traments in the interval under consideration. 

Pig. 19 a is the receiver power characteristie of the 
hydro-generator and the first section plotted against 
angle between the voltage of the impressed field and 
the voltage at the mid-point E„. This is similar to one 
of the characteristics used in the preceding example. 
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Fig. 19b is the power characteristic of the condenser 
installation No. 1, plotted against the angle between the 
voltage of the impressed field and the terminal voltage 

Fig. 19c is a plot of both the sending and receiving 
power characteristics of the second section of the line 
against angle between and Er^ This figure, for 
simplicity, shows but one set of terminal voltage 
conditions. 

Fig. 19d is a summary plot similar to 19b for both 
the condenser No. 2 and the steam generator. 



Ptg, 20 —Superposed Charts for Determination op Power 
Locus 

When the various angles between the field structures 
of machines are known, it will be sufficient to show the 
manner of obtaining the solution at a given instant. 
From an examination of Fig. 20, it will be apparent that 
the power conditions will be everywhere satisfied for 
any set of terminal conditions given by an arrangement 
of the charts as shown. The kv-a. conditions could 
be similarly treated, but in order to obtmn good inter¬ 
sections in this particular fjsrpe of system it has been 
found advantageous to adopt a slightly different method 
than used in previous examples, although it will be ap¬ 
parent that a similar group of charts could have been 
set up for solutions for reactive kilovolt-amperes. 

The power charts are moved in position, keeping the 
relations shown in Fig. 20 always satisfied, and from 
each grouping of the power charts we record the power 
and angle of each of the component charts together with 
the terminal voltages assumed. We now tabulate with 
this material the kilovolt-ampere wattless component 
which would be required in each of the two condensers, 
as determined from line charts, in order to make con¬ 
ditions fixed by iiiese pow®* relations an actual operating 
condition. This then provides us with a tabulation of 
required wattless component of each of the condensers 
against terminal voltage. We also have a tabulation 
of terminal voltages, fiuxes and internal angles of these 
same machines as specified by the power components 
of the condenser output. Since each of these sets of 


data specify the condenser conditions, we now have a 
means of determining the operating point by finding the 
point at which the specifications of operating conditions 
from power and wattless components of load are iden¬ 
tical. Since condensers one and two must simul¬ 
taneously satisfy these requirements the solution may 
not be immediately apparent and will be briefly 
outlined. 

Plot the required condenser actions as in Figs. 21a 
and 21b. Fig. 21a shows the required input to the 
mid-point condenser for various receiver voltages Et 
plotted vs. Em and 21b in a similar: plot for thecondenser 
at the receiver end. We have also shown on these plots 
the kv-a. characteristic of the corresponding condensers 
for various angles between the pole pieces and the termi¬ 
nal voltages. The above figures show graphically what 
condenser angle will be required at each station for 
various combinations of mid-point and receiver voltages 
as specified by reactive kv-a. relations. Since the 
power relations, first satisfied, have also specified the 
angles on the condensers for similar combinations of 



Pig. 21a—^M iD-CoNDi!Nf>iiB Requirements 



LAGGING 1000 LEADING 1000 
KILOVOLT-AMPERES KILOVOLT-AMPERES 


Pig. 21b—^End-Condenser Requirements 


voltage, we can plot the requirements specified by each 
set of conditions and thus determine the operating 
point. Prom superficial consideration of the above, it 
might appear that a plot of requisite condenser angle at 
each point as determined from power and reactive 
requirements would be sufficient to determine mdepend- 
ently each of the condenser angles. However, since we 
have an additional.requirementthat the power and kv-a. 
relations for both condensers shall be satisfied simul¬ 
taneously— i. e., when all other determining conditions 
of the circuit are identical—we find it desirable to 
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express the angle of each condenser in terms of some 
function common to both. 

We find that the angle of the mid-point condenser can 
be expressed in terms of the first section line angle, 
since the condenser field structure will maintain a posi- 



o. First Section Line Anglo for Preceeding Point 

b. Electrical Angle of Condenser for Preceeding Point 

c. Electrical Angle of Condenser Plus Space Travel Due to Acceleration 

d. Total Angle of First Section of Line 

e. Travel Due to Velocity of the Rotor Plus Acceleration of Power of 
Preceeding Point 

tion with respect to the sending voltage in accordance 
with the computed angle 6 , plus the angular movement 
due to acceleration during the interval which [is later 
incorporated in the condenser characteristic. Where 
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yal, plus the angle 6 , plus the angular movement of the 
rotor during the interval, plus the electrical angle of 
the condenser. This for computations for conditions 
at any given time reduces to a constant plus the angle 
of the condenser. These relations are shown in the 
vector diagram, Fig. 22. 

In a similar manner we can express the action of the 
receiver-end condenser in terms of the angle of the first 
section of the line by knowing the total angle of the 
system at the preceding point and deducting from this 
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Pig. 24—Superposition of Condenser Operating Loci 


the angle necessary in the second section to transmit 
the reactive kv-a. specified for any condenser position 
with the values of E 'n, and Er also specified, and adding 
the change in receiver-end condenser angle shown on 
graphs. By this construction we^ obtain graphs which 
depict the requisite angle of the first section of line 
as specified by the mid-point condenser and by the 
receiver-end condenser which we can superimpose on 
the line angle specified by the power relations as shown 
in Figs, 23a and 23b. These two charts give loci of 


Fig. 23a—Determination, op Operating Locus op Mid- 
Point Condenser 
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100,000 KILOWATTS TO 120,000 KILOWATTS 



Fig. 25 


Fiq. 23b—Determination op Operating Locus op Receiver . • ^ 

Apparatus operation which would be possible as specified by each 

of the condenser characteristics. Now, hy superim- 
wfe have referred to the angle between the pole pieces of posing these two loci as shown in Fig. 24, we obtain the 
a machine and the terminal voltage, we fnean the angle operating point. 

between the space position of the voltage of the iin- It may be remarked that the power characteristics 
pressed field at the start of the interval and the terminal shown in Figs. 23a and 23b are identical hut the opera- 
voltage at the end of the interval. Hence we know ting point deteiinined from plotting both condenser 
that the line single of the first section, at any time, must characteristics on one chart is obscure. This results 
equal the line angle at the start of the interval, minus the from attempting to determine the intersection of two 
electrical angle of the condenser at the start of the inter- lines in space, i, e. three dimensions—^from one pro- 
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H.nmcr by (.ransfoTinK the operatinjr lines 
to Uu aljove I* i^. 1.1, we ol)viato this clifliculty, 

.* have ii.uiul»luu^ tl,e results of the foroKoing analy¬ 
sis may mcjst readily be iiresinited in tlie form of plots 
similar o Hu.se ui l-V. 25. which depict results of calcu¬ 
lations lor a system similar to that used in the second 
example big. 2.5.•. which is a plot of line power vs. 
hue angle, is l.mml espin-ially u.seful. If tlie points are 
pl.jlled upon (his cliaracterislic, it will be possible to 
predict whether (he sys(em will stay in synchronism 
or go out by f he inoveiueid. of (,he operating points. It 
can be .lemonstraled analytically that when the power 
ov<‘r a section of line decreu.ses as the angle increases, 
that ol ihi* sys((*in has enteral iipon a cycle of 

cumnlatiye unslidiiliiy. 'I'here are many interesting 
features indicated in (hese curves, tmt the space avaii- 
alile IS so limited th:d. this .liseussinn must be omitted. 

Ackuiximatk Mktiioii.s 

In the jirece.ling we have presented a scheme of 
analy.si.s wlu.*li. while undoubtedly compliculod, has 
at least lnH*n simplilieil and sliortened to a considerable 
extent; and in this analysis we have provided for the 
inclusion, we believe, of all the principal factors affect¬ 
ing the behavior ol a power .system in the transient 
iiondif ion. If some of t lu'se factors are left, out of con¬ 
sideration the solution becomes much easier, uml, of 
eoursi', u le.ss faithful treatment of actual conditions. 
However, liaviiig available eoniplete method.s, which 
(tin he used on iniporUinf ca.se.s as a chock, it i,s very 
di'sirahle l.o also have avaiiahh* more rufiid ufiproximate 
.sehcines for common use, l,e.sfing l,he conclusions arrived 
at by their ust? either by Iest or by complete analysis. 

In till* (ILsiiussiori of the Iransrni.ssion papers presented 
at (,he Midwinter Convention lust .year, as published 
on p;ige.s 72-77 of the 1924 Thansac'I'Ion.s the writers 
pre.sent(.(! an appro.ximatp method for determining 
.s.VHteni stuhility for a two section line with mid-con- 
densei^ and a generating station of such size that varia- 
tioas in its terminal voltage could be considorcMl negli¬ 
gible. Tills methiKl was based upon the as.sumption 
that the field .slnicture of t he condenser followed the 
terminal voIUige instantly and that rate of build-up 
of the Tirrlll was .so slow that the field transients, due 
J change of load, were completed before any benefit 
of Tirrill action was experienced. Hence the character¬ 
istics of equipment, con.siden'd were tho.se of synchro¬ 
nous reactance. Tin? application of the same method 
to leakage reactance characteristics was outlined at the 
same time. 

I’his approximate method of anuly.sis may be ex¬ 
tended to include the action of .systems involving more 
than one generating .system feeding into a network, 
together with load act ion, also at various points. Con¬ 
sider, for example, a sy.stem consisting of a long trans¬ 
mission line with two generating sbitions, one at either 
end, and load systems connected at the mid-point 
through another line. Assume condensers, also, to 


be used here, and a transmission line from this to other 
power systeims. The characteristics of the main 
generating .system, together with the first section of line 
can in a manner similar to that previously outlined be 
determined from known starting conditions for various 
values of voltage at tlie junction at this iwint, but also 
upon the two lines connecting the other systems. 
However, since the condensers ofierate not only on the 
long line we must obtain the chimicteristics of the inter¬ 
connected systems as generators delivering load to 
this junction. As previously outlined we can first 
deteimine the characteristics ot the load at the point of 
connection to (.heir local generating stations. This 
load characteiistic must, now be used in parallel with 
the generating station.s, the combined eiroc(.s of which, 
for varying sy.stcm voltages, can be computed quite 
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readily as indicated in Figs. 26 a and 26n. These 
figures arc plotted characteristics of the generator and 
line power vs. reactive kilovolt-ampere for a given ter¬ 
minal voltage at the generating station. The generator 
characteristic given i.s one of constant field current cor¬ 
responding to initial conditions and the lino character¬ 
istic indicates conditions for various voltages at the 
junction with the main transmission sy.stem. A group 
of figures for various generator terminal voltages i.s 
used in the computations. The method of construct¬ 
ing these superimposed charts is to locate upon the gen¬ 
erator chart a point corresponding to the total kilovolt¬ 
ampere and kilowatt of the load at the particular ter¬ 
minal voltage to be considered. Place upon this point 
the origin of the kilowatt and kilovolt-amiiere axes of 
the line chart with proper attention to orientation 
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ot axes of chart. When the charts are thus arr^ged 
it will be noted that the given load has been divided 
between the lines and the station as indicated by 
the intersection of the field current line of the gen¬ 
erator and the line characteristic corresponding to 
the voltage being considered at the junction with the 
main transmission system. The determination of the 
line characteristics for varying junction voltages is thus 



RECQVER POWER tN 1000 KILOWATTS 


Pig. 27—Operating Characteristic op Generator and 
Transmission Line One Section Oot in Initial Condition 

rendered simple and the load characteristics are prop¬ 
erly introduced. In locating the center of the line 
chart for voltages other than normal, we determine the 
power and reactive components from the load 
characteristics. 

Hence we can build characteristics for the several 
lines and stations connecting at the jimction, at which 
point the characteristics may be combined. We can 
combine for common junction point voltages, but some 
other determining condition is also necessary, since 
voltage alone does not completely fix the system. 
We take this condition to be equal increment angle 
changes in all the interconnecting lines. That is, when 
the voltage at the junction falls back to a certain angle 
on the main line, we assume it to experience an equal 
change when •viewed from any other line. This in¬ 
volves the assumption that the rotors of all generators 
in the network drop back in phase together, or that the 
rotors of all generating equipment remain fixed rela¬ 
tively during the switching disturbance. 

Having obtained a combined characteristic for power 
at the jimction, which for convenience we have plotted 
in the same form as a generator or line chart, it remains 
to superimpose the combined characteristic of the con¬ 
denser and . the sending-end of the next section. In 
previous analyses, we have superimposed the kilovolt¬ 
ampere of condenser and load on the receiver-end charts 
of a line to determine the stability curve, but here this 
would be inconvenient, since the -various lines to the 
junction have var 3 dng sending voltages. Therefore, 
we determine the kilovolt-ampere at the recemng end 
of each of the lines for corresponding junction-point 
voltages and equal increment angles for various trans¬ 
mitted powers, from- which we deduct the kilovolt¬ 
ampere taken by the condenser at any given terminal 
voltage. The resulting kilovolt-ampere are summar¬ 
ized and plotted against the transmitted kilowatt. 


These values are then plotted in the same manner, as 
are the kilowatt and kilovolt-ampere of a generator, 
to obtain a characteristic which depicts the equi'valent 
generator action of the system combined at the junc¬ 
tion. 

From here on, this is used as a single generator of 
characteristics as found above, maldug combinations 
where necessary, and with the anal 3 rais completed as 
for the compoimd line. 

From this example it will be evident that an approxi¬ 
mate solution of this sort may be readily extended by 
similar methods to those here described, to give results 
for quite complicated networks. 

These approximate methods are, of course, more 
easily applied than the more complete method. How¬ 
ever, the neglecting of the effects of inertia and field 
transients is so loose an approximation that it may 
render misleading results obtained by the short method. 
One purpose of the point-by-point method is to deter¬ 
mine, by the examination of specific cases, whether the 
approximations made in shorter analysis are justified. 
An example of this use was given in the discussion 
mentioned above and need not be repeated. 

The advantage of the shorter method is that it may 
be applied rapidly to complicated systems. The results 
obtained, while they must until examined by complete 
anal 3 rais or test be regarded simply as indications of 
the probable behavior of the system, are often of much 
interest. 

With this reservation, we present in Fig. 27 and Fig. 
28, the results of such approximate analysis of a system 
consisting of a two-circuit long line supplied by hydro 
generators, and with an intermediate condenser station, 
as well as a condenser at the receiving end of the line. 
One curve dieet. Fig. 27, gives the stability for condi- 



PiG. 28 —Operating Characteristic op Generator and 
Transmission Upon Suddenly Dropping One Section op 
Line when Delivering 291,000 Killowatt's Initially 

tions obtaining with one section of one transmission 
circuit out of operation, field conditions of alternators 
being adjusted for full load operation under this con¬ 
dition. The other. Fig. 28, gives the curve obtaining 
when the section is suddenly dropped at time of full 
load. These curves, in terms of power against percent¬ 
age of normal receiver-end voltage, give an indication 
of the stability of operation, since they show the way 
in which voltage will vary for a sudden load change. 
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The fact that the second curve shows the load to de¬ 
cree with decrease of voltage, even at the full voltage 
point, indicates that this system upon suddenly drop¬ 
ping a section, becomes unstable. In this case the 
line was 240 miles long, 220-kv., 60-cycles per second, 
and the characteristics of apparatus were taken typical 
of standard apparatus, and therefore not specially 
designed for this service. With condensers and genera¬ 
ting equipment more suitable for the service, a similar 
analysis upon dropping the section indicated stability. 

The approximate analysis is valuable as an indication 
of performance, especially when backed by complete 
analysis of t 3 rpical cases for comparison. Our experi¬ 
ence, thus far, has been that results obtained by the 
two methods correspond satisfactorily when syn¬ 
chronous impedmce charts are used in the approximate 
method. This is not, however, a general conclusion, 
and each system configuration is a separate problem in 
itself. 

Conclusion and Comments 

We have outlined in this paper certain methods of 
analysis of the behavior of power systems during 
transient conditions. We have confined the paper to 
an e:^osition of methods. As a result of our experi¬ 
ence in using these methods, we have several suggestions 
.which we believe will assist others in their application 
to specific problems. 

The stability of systems is greatly influenced by the 
characteristics of the connected rfi a.ff biTiA,g, Hence it 
becomes desirable to obtain comparisons between 
machines of different designs from the standpoint of 
their relative effects in the maintenance of stability in a 
system. We find this can be most readily accomplished 
by analyzing their performance when connected to a 
t 3 ^ieal simple system, using -approximate analyses. 
However, the process should be cheeked by occasional 
complete analyses in order to make sure that the result 
of introducing approximations is to affect each mnr.biTiA 
studied to substantially the same extent. For example, 
the use of an exciter system of more rapid response will 
undoubtedly influence the comparison between alter¬ 
nators, and may even render a different approximation 
more nearly applicable. That is, it may become 
advi^ble to use the assumption of constant air-gap 
flux in the approximate methods of comparison when 
such ^ exciter system is used rather than the as¬ 
sumption of a complete subsidence of field transient 
such as appears to give more dependable results when 
the exciter system responds slowly. A complete 
analysis will determine the matter. It is also advisable 
to analyze the effect of the machine studied in different 
networks in order to be sure that the simple one adopted 
as a basis for comparison will give results which are 
not misleading. 

It appears, from approximate analyses we have made 
of complicated networks, that a disturbance may often 
produce instability in a single element of the networks. 


and that when this occurs the network as a whole will 
become unstable provided the element is of a magnitude 
comparable with the ranainder of the system. 
Whether approximate anal 3 rsis indicates correct con- 
elisions in such a case can of course be determined by a 
point by point analysis. Even when the network is so 
Qomplex that a complete anal 3 'sis would be very labor¬ 
ious, the question may often be settied by the com- 
putetion of ^0 points only to give the direction in 
which operating characteristics begin to vary after the 
first instant. The approximate analysis based on 
transient reactance gives the solution for the first of 
those points applying to the instant after the applica¬ 
tion of the disturbance. The second point, if refine¬ 
ments are considered unnecessary may even be com¬ 
puted in the same manner after introducing computed 
angular differences. 

We have found in examining the behavior dimng 
disturbances of a portion of a system, such as a trunk 
tran^ission line, that widely different results are 
obtained according to whether this element is treated 
as a separate unit or in connection with the network to 
which it connects. Hence, in examining the design 
of such an element of a ss^stem, it is advisable to maVA 
at le^t some complete analyses of the entire system. 
The influence of a connecting line depends not only 
upon ite line constants but also upon those of any 
generating stations and load to which it ties the main 
transmission unit. 


Discussion 

V. Karapetoff. The method of solution of the problem of 
powOT surges, developed by the authors, may be called that of 
Mlution of differential equations by finite increments. While 
in the paper the differential equations themselves are not written 
down explicitly, they are understood to hold true. These 
equations ej^ress the condition that an excess of mAniin.Tn-ny ,] 
energy, applied to a synchronous machine, partly accelerates 
(or retards) its revolving masses, partly is delivered to the 
bus through a change in the torque angle, and the rest is delivered 
to the bus through the asynchronous action of the damper 
winding*. This is expressed analytically as 

(J/p) d «/d t -t- F, (ff - O -h Wd d 0/d t = A P (1) 
where the first term represents the rate of change in the stored 
kinotie energy in a rotating mass of moment of inertia, J, the 
second term repres^ts synchronous power due to a change in the 
torque angle from its mean value 0^ to an instantaneous value 
0, and the third term represents the power transmitted through 
the damper winding. The term A, P on the right-hand side, is 
the applied excess power which causes the surge. Such an 
equation may bo written for every synchronous generator, 
motor, or condenser in the system. In addition, we have re¬ 
lationships of the form 

d 6./dl = w — tofe (2) 

where uk is the at^fular velocity of the vector of the bus vector 
and « is that of the machine, both at the instant under con¬ 
sideration. Tor each bus, the value of ajt is different because 
of the properties of the transmission line. For a section of such 
a'line wo may write 

_ N (uk — ak') “Sap (3) 

1. B. Arnold, WeehseUlromtechnik, Vol. 4, p. 384. 
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where wjfe' corresponds to at the other end of the line and N is 
the slope of a power curve, such as are shown for example in 
Pig. 10 of the paper. In other words, N is the rate of increase 
in power transmitted, per degree in the change of the angle be¬ 
tween the receiver and the generator voltages. 

All the equations of the types (1), (2), (3), form together a 
system of simultaneous differential equations which expresses 
the complex phenomenon of hunting within the limits of the 
assumptions made. Further equations may be added to take 
into acpount centrifugal governors, voltage regulators, machine 
transients, etc. While the foregoing equations are linear with 
constant coefficients, so that their solutions may be written down 
directly without much trouble, the purely algebraic complexity 
of these solutions makes them almost useless in all but the 
simplest cases. 

The method of finite increments consists in taking small finite 
values, A <, of time and computing the values of d and d O/d i at 
the end of each interval A t. For example, at the first instant of 
application of AP, we must put in eq. (1): d == dm and d e/di 
= 0. Hence d <a/d t may be computed directly. Assuming 
this value of d u/d t to remain constant over a small interval of 
time A t, will give directly the values of 6 and d d/d t at the 
end of the interval. Substituting these values in eq. (1), a new 
value old <o/dt can be computed, etc. Of course, the method is 
quite tedious, but is apparently the only one feasible if the 
results are to be derived by computation, and not experimentally. 

Sometime ago the present writer proposed a similar method of 
solution for high-frequency transients on transmission lines and 
constructed a computing device to facilitate the actual obtaining 
of numerical results.® 

F. C- Hanker: The problem of stability in power systems 
has become one of increasing importance as a result of the rapid 
increase of electric supply systems. In the early days, a great 
many of the troubles were caused by the variation in angular 
velocity due to use of reciprocating prime movers. It was 
found, however, that difficulty was experienced, even with tur¬ 
bine-driven units, in operating synchronous apparatus on trans¬ 
mission lines of high impedance values, and field tests made some 
twenty years ago at the suggestion of Mr, Lamme developed 
empirical data that were sufficiently accmrate to meet conditions 
existing prior to a few years ago. 

During the power survey made in 1920-1921 in ‘the North 
East Atlantic States, studies of transmission of large blocks of 
power from the St. Lawrence indicated instability. Mr. Baum 
had been working on the same problem, and the analytical 
studies suggested the use of intermediate regulating stations. 
It was recognized that systems were operating satisfactorily 
under similar conditions when prime movers with drooping speed 
characteristics were driving the machines used for regulating 
purposes. There was some discussion, however, as to the 
stability of synchronous condensers operating in tins way, and 
it was for the purpose of studying this and other important phases 
of the problem that the tests made in 1923 were conducted. 

These tests were reported to the Institute in a group of papers 
presented at the 1924 Midwinter Convention. Since that 
tune, we have continued our analysis of the problem, supple¬ 
menting it with tests to develop data on specific phases. It is 
vei*y reassuring to find that there is a very general interest in 
the problem, and that the importance of it is recognized. In 
addition to the studies that are being made from the standpoint 
of bulk transmission, the operating companies are making careful, 
analysis of the conditions that exist in power systems. This will 
give us a gimt deal of fundamental data that will be extremely 
valuable as supporting the analytical work. 

The authors state “There are only three ways in which 
knowledge n ecessary for proper judgment can be gained.*’ It 

2. V. Karapetoff. Double lutegraph for Electric Line Transients; 
Sibleu Journal of Engineering, 192S, Vol. 39, p. 243; also the BuUetin No. 4 
of the Engineering Experiment Station of the CoUege of Engineering. 
OomeU University. 


appears that they have overlooked one of the most important 
sources of information, and one in which the variables are con¬ 
sidered in their proper relation. I refer to tests made on actual 
operating systems where the layout corresponds to the condition 
to be analyzed. A number of tests of this character have been 
made, more are now under way, and it is to be hoped that furtlier 
tests will be carried on. The very active interest of the operating 
engineers in this problem, and their cooperation in carrying on 
these tests, give us the assurance that data necessary for support¬ 
ing analytical studies will be available! 

As the authors have pointed out, itisnecessarj'^ in the theoret¬ 
ical studies, to make assumptions as to the characteristics of a 
number of the variables involved. It is this necessity in con¬ 
nection with analytical studies that makes it important that 
supporting data be made available. 

The investigations that we have made have indicated that the 
single-phase short circuit with its subsequent switching is the 
most severe practical condition to be met in operation. Ob¬ 
viously, a system cannot be economically designed to ins.ire 
continuity of parallel operation under a three-phase siiorl (dreuit 
that would reduce the voltage on the interconnecting lines to 
zero. On extremely high-voltage lines, the construction is such 
that the occurrence of a short circuit involving all conductors 
is extremely rare and can be practically eliminated from con¬ 
sideration as the final criterion. In the present state of iha art, 
single-phase faults from one conductor to ground are to be ex¬ 
pected, and for such condition, we consider it reasonable that 
the system be designed, to maintain continuity of service. 

A short circuit to ground may involve a considerable increase 
in the true power demand on the generators, depending upon the 
location of the fault, and the ohmic resistance of the ground cir¬ 
cuit. In our study of this problem, we find that under certain 
conditions, the usual method of governing by speed only in¬ 
creases the tendency to instability. It is desirable to reduce the 
amount of power transmitted during a disturbance, and with 
the relation between generator inertia and line impedances 
found on long lines, sufficient time is available to offf 3 ct this 
by closure of the water-wheel gates, provided the actuating 
impulse is started at nearly the same time the short (dreuit oc¬ 
curs. The control device to do this would probably be a relay 
operating on ground current, negative-sequence current, reactive 
power, or increment of true power. 

Tests have been made on a large power system, which show 
that the oscillation produced by disturbances are damped out 
very rapidly, hence after the control point has been passed, the 
gate may be opened again, the whole operation lasting perhaps 
15 seepnds. The deficiency in energy at the receiver end of the 
line, due to thes hort circuit and partial closure of water-wheel 
gates, can be readily supplied from the kinetic energy of tlie 
rotating apparatus there, and by temporary overload of the 
steam plants. 

We are making a study of the normal action of steam-turbi]io 
and water-wheel governors to determine their effect on stability, 
when they are grouped together at the receiver end of a lino. 
Due to the large number of stations, it is impracticable to at¬ 
tempt to use any auxiliary control on the governors, and only 
their normal operating characteristics can be considered. 

C- L. Fortescue: The authors of this paper have undertaken 
the difficult task of presenting in detail a step-by-step method of 
computing the effects of power transients in transmis.sion sys¬ 
tems. On starting to read this paper I was quickly conscious 
of the inherent difficulty of presenting a subject of thi.s nature 
in a paper, and I can fully sympathize with them in these, 
difficulties. 

I have gone over this paper several times with some care and 
believe I am safe in saying that it would require fUII 3 '’ a week 
of careful study before anyone not thoroughly familiar with the 
authors own particular methods could apply them to the solution 
of transient problems. There are so-called short cuts that in 
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my estimation save little time and are eonfusiiig; to use, as for 
example the arraiijyfemeiit illustrated by Figs. 8 , 4 an<l 5. In my 
ppinioii the eir<de diagram without the other attaehmonts would 
be mueh jnore miderstaudablo and just as easy to use. 

We Inivo made analyses similar to those di^seribed Ijy the 
authors. Movvovor, our methods are, 1 think, more <lir(Hd. and 
simple althougli they take into consideration all the 1 ‘aeiors 
which the authors Inwe considered. I eannot help fiioliiig that 
they have made a dilKicult ]n‘oblem still more dillicult. Some 
of the statements in the paper are very obscure, as for example 
the statement lu^garding computations for (londoiiser angle at th<» 
bottom of the (column on the ('levonth pag(\ My inulor- 
sUuiding of this staUnuent is that the ttold c.urront is detorinined 
on the basis that during the initial transient the magiu^toniotive 
foi'ce acting on the main field nunabis practically constant. 

TIk) jirojier way ol ])resenting a suhje(».t of this kirnl is of course 
by direct e.xample, that is to say, (‘arrying ont the coinputathms 
step-by-step with the pupil and sbowing the method of snj)er- 
impositiou actually. It may bo as the authors state that in a 
description these methods appear to ])o more compUcat.ed than 
they r<«illy arc. 

I l)oliev<s however, that graphical superimposition methods, 
however aripropriate tlioy may bo for illustrating the behavior 
of a system under mirtain abnormal conditions, do not lend tlnmi- 
solvos to accurate point-by-poiut analysis. In point-by-point 
analysis, the accuracy of each succeeding computation (iepeiids 
upon that of the previous one, consofiuent ly small (errors become 
oumiilative resulting in (piite large errors in tlio final results ami 
after all, the point-by-point computations are only stops leading 
up to tbo final result which determines wbothor the set up umhu* 
the conditions assumed is stable or not. 

1 would like to ))oitit out that the cir<do diagram which the 
authors iiso is a simple modification of iJie (*ircle diagram wliicdi 
we have used in the past. I am (pioiing verbatiin from our 
paper of last wiiiter\s convention.'* 


“IhtOOF OP THM (hUCLK DlAQUAM 
“Frojti this point a proof of the circle diagram is readily de¬ 
rived. The ccmjngati^ eqtiai.ions of ( 2 ) may be writUm: 

//I - {ci — j B) JIh — (V i 6) Hr 

H — (V — y -Srt -- (cf — j li) lif. 

JVIultifdying /« liy and Ir by AV we obtain the jiower at 
generator and reiM'ivor rc^spectivijly. 

*f i Qh - A’, I, (a --j U) A?a Eh - ( 7 ““ i 5) A,. Eh 

•+• y Or Ar/r «= (r -jf s) Eh Er - (ct - j H) Kr Ef 

but JiiH A* E^ and Er Ey Ey^ 

If wo let Er bo the datum line and Eh « A\ e then Hr l\ 
^ ErEn and Hr Eh ErEn BubstiUiting in above, 
*f./ 0« ia -j li) Eh^ - ( 7 ^ j s) XiJh Er (4j 

Pr 4- j Qr - ( 7 - i 5) A« Er H - (at j Ti) E'^ (5)*’ 

Dividing (4) by AV and (S) by E,^ 
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A oirftlo diuKram which has many advantages is obtained 
dividing both equations (4) and (S) by E„ Er giving 
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Divide equation (4) by E,* and equation (5) by Er^ and wo have 
the two sys tems of concentric fdrcles which the authors used. 

3 . Some Thcorcimd Comiderations of Power Transmission^ O, h* 
Fortoscueand O. F, Wagnor, A. 1 . E. EJ, Journai., February 1024 , page 106 . 


Moreover the angular relation between sending and receiving 
voltage is not hist, thus equation ( 4 ) says that the locus of 
^ If H" y i-'^ given by a — j B and the radius vector drawn from 

this point. — (7 5 The angle 0 being the lag of 



over Eh, the data from vvhiidi 


to measure being obtaincMl 


by equating (i to zero. 

1 wish to say that when plain vectors are under considoration 
there is no excuse lor using (/artesian analysis since an appropriate 
algebra tor su<*h vectors already exists, being merely the algebra 
of comjilox numbers. The only precaution neces.sary in detil- 
iiig with i4ect.rical quautiti(3s represented by vectors is to remem- 
bc»r that the vectors are not the actual quantities but merely 
i*oiires<mi. them; the acrtual quantities are scalar and may be 
represented aittualiy by the sum of two conjugate vectors. The 
advantage ot tlio alcove method of analyzing the traiisinissiun 
power (irobhiin is that the angular relation between sending and 
receiving voltage is preserved and its relation to the power sent 
over this cireiiit is idainly seen. 

While tiui author.s have taken a great <leal of pains to present a 
method of co.mputing tho hohavmr of transmission systems they 
have said very little in regard to methods of improving the be¬ 
havior of such systems. While tho Company with which I am 
coiuKHdiod has been quite liusy in making extensive computations 
in connection with the stability of transmission systems they have 
been still busier in attempting to find means to improve the stabil¬ 
ity. Tlie following is a brief resumd of some of ilnj most prom¬ 
ising means of acc<implislung thi.s. 

(u.j Uinh'-Hpned ExcUation and SpccAal .Machine CharncUir” 
tsHcs. When a suddmi load is thrown on a system there is an 
instantaneous drop in voltage at tho load point. If a nigulator 
can be obtaimul suliiciently sensitive with a high-speed oxciior the 
fh’ld of till* cond<ui 8 er or generator at tliis point may be kept from 
d(!creasing ami maually increased. As an actual fact during the 
field traiisieiit tho liehl ciixjuit has no effective iruluctauce and the 
only resistance the ehictroinotive forc <3 of the exciter has to 
ovenioine is the resistanci^ of the field itself, so that there is a 
<l<»cuhHl iwlvaniage in quick action outside of the effect on 
stability. 'l''he sunn? exciter if it wore to operate after tlK< field 
transient had ditKl out would take very much longer to build up a 
field to the sajno value. 

Special machines can ho designed having characteristics which 
lend tlmmsolves to stability. Tlie theoretical basis of this may 
<‘asily tie obtained by the eonsidoratioTi that goneratui's, synclini- 
nouH jno(,ors, condejisers, etc., are merely extensions of tho trans¬ 
mission line; their internal chaructiuustics will therefore liavo 
considerable liearing on stability. 

(b) Intcrmcdiaie Condoftser Statiomf. Intermediate condensm* 
statiiiiis having condensers of suitable characteristics are es¬ 
sential fiii- economic transmission over long distances. There 
arf 3 other advantages which cannot be measured in dollars but 
wbicb may bo more important. Properly ch<) 8 on characteristics 
for tho eondonscuTs may rfssult in considerable increase in tho 
stability of the system. 

(c) Jligh-Hpeed Circuit Breakers. In case of short circuit 
in any section of tho transmission system it is advantageous io^ 
cut out the faulty section as quickly as possible. Whore the 
fault occur.s near the gonerating station due to the sluggishness of 
hydraulic governors the generators may fall in speed quite con- 
.sidorably before the circuit breaker opous. After tho circuit 
breaker opens on regaining oquilibrium thoro is a tendency to 
overshoot due to gathered inertia to such a point that the ma¬ 
chine gets out of stop. A sufficiently quick acting circuit breaker 
takes care of this condition very effectively and also will take care 
of most conditions of trouble arising in transmission systems. 

(d) Govm'nors. A complete paper could be written on steam 
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and hydraulic governors and such a paper would I regret to say 
deal chiefly with their shortcomings. I feel that there is room for 
a great deal of improvement and such improvement will come by 
studying their chars cteristies in connection with the problem of 
stability. 

(e) Increasing the Number of Seciionalizing Points, The 
shorter the sections of transmission line that are cut out due to a 
fault, the less effect the cutting out will have on stability. There¬ 
fore, increasing the number of sectionalizing stations will improve 
the stability of the system. There is, however, an economic 
limit to this method determined by the number of circuit breakers 
required for each additional sectionalizing station. 

(/) Neutral Impedances; Selective Impedances, Since most 
of the troubles connected with transmission lines are due to 
grounds, power stability may be preserved by the introduction 
of neutral impedances qr resistances. The objection to this 
method of preserving stability is the tendency to produce voltage 
transients in the transmission system endangering insulation and 
apparatus. Since most short circuits are single-phase or un- 
symmetrical therefore an impedance which mil impede the 
negative-sequence component of current without offering 
impedance to the positive-phase component of current will help 
secure stability. 

In our study of the problem of stability we have attempted to 
steer a course between analytical methods and practical experi¬ 
ment. Since the analytical solution at its best is very involved, 
one can hardly expect engineers of utilities or technical advisers 
of syndicates to accept the results without some practical back¬ 
ing. We are preparing papers to be presented shortly before 
this Institute showing our method of analyzing these problems 
but we prefer to hold back this information until we can get 
actual data in the fleld, substantiating our results. Tests are 
underway now to procure this data and so far results appear to be 
very promising. I may say that the results indicate that all the 
investigators of stability under transient conditions including 
ourselves have been too pessimistic. I am glad to say that yre 
have been the least pessimistic and are therefore more nearly 
right. 

I wish to emphasize that in a problem so involved as in tne one 
that the authors treat of, analytical solutions alone carry very 
little weight and they must be backed by actual practical demon¬ 
strations on existing circuits. Demonstrations without artificial 
transmission lines and models are not satisfactory. The method 
of point-by-point analysis using ah artificial transmission line 
described by Messrs. Spencer and Hazen offers a great deal of 
promise. There is also a possibility of working out kinematical 
models which will embrace all the essential elements of the 
problem. I think that work along these lines should be encour¬ 
aged. I think a machine is much more adaptable in working out 
problems of the character than a human being. 

F. G. Baum: The problem of stability is one that has been 
with us for more than twenty years. If you will examine the 
Transactions of the Institute of twenty odd years ago you will 
find a great deal of space taken up by discussions of the question 
of hunting of synchi'onous motors, and the hunting between 
parallel stations. 

The problem as presented by Professor Karapetoff was covered, 

I think, as early as twenty odd years ago, and for those of you 
who haven’t followed the transmission work particularly and who 
wish to study it, and to begin in an elementary way, I suggest 
you look at a paper publislied in the Electrical World, March 29, 
1902 on ** Synchronous Motor Stability and Overload Capacity 
Curves.” You will find there many of the curves given by 
Messrs. Booth and Bush. They are curves given in pecentage of 
voltage, percentage of current, and so forth, so they are appli¬ 
cable for any scale that you wish to take, whether it is 110,000, 
150,000 or 220;000 volts or something beyond that. 

It has been my pleasure and privilege to be connected with 
transmission work for nearly thirty years, and I have found the 


subject so interesting and so broad that I haven’t done much of 
anything else. But the transmission has been rather a disap¬ 
pointing part of the system, I may say, until within the last few. 
years. It seems as though transmission was always lagging be¬ 
hind the power-station work. The power stations and the trans¬ 
formers were always ahead of the transmission lines. We 
never could get the capacity over the transmission lines that it 
would appear to be necessary, from the demands of the power 
stations and the power-consuming loads. 

About five or six years ago, realizing that that condition con¬ 
fronted us, I made a study of the 220-kv-a. system. And I must 
say that the first time I ever got a real kick out of making trans¬ 
mission calculation was when I calculated a 220-kv-a. system; 
for it appears that for the firiSt time we have a transmission system 
that is commensurate with the generators, and the large-size 
generators, water-wheels, transformers, and loads required at the 
present time. 

As I say, realizing that five or six years ago, I recommended 
that we build a 220-kv-a. system to bring power from 
the northern part of California down to San Francisco, as I 
felt that without a high-voltage system of tliis land it could 
not be economically done. 

In a.large system like the Pacific Gas and Electric Company, 
many problems of stability are solved by Nature. For example, 
on our system for about twenty years we have not operated with 
all the governors on the system trying to take hold of the load. 
You can not do that, but you eliminate and block the governors, 
and one or two stations at the most become the clearing house for 
kilowatt-hours. That simplifies your governor operation very 
materially and resolves it, then, to an infinite bus practically and 
a smaller unit with a fluctuating load. 

With the 220-kv-a. system, it is necessary to operate with 
condensers on the system. You cannot do it without them. 
That makes it possible to simplify the operation to a very much 
greater extent, for just as we have one or two stations furnishing 
a clearing house, so to speak, for the kilowatt-hours, we have one 
or two stations furnishing a clearing house for the kv-a. 

It is the lagging kv-a. that pulls the powdr system, and if you 
can prevent that lagging kv-a. from pulling the voltage out of the 
system, and if you can keep the actual kv-a. necessary to main tain 
the reaction pressure tangent to the voltage circle, you are not 
going to have instability. It is impossible to have instability 
with the current and pressure in phase. It is only when they get 
out of phase, jat cross-purposes, that you get instability. 

Finally, I may say this: It appears, that now for the first time 
we have a transmission system which is commensurate with the 
needs of the industry, but apparently we also liave a trans¬ 
mission system that is inherently suited to outdoor operation. 
It seems, that we can never defy the lightning or the 
weather conditions in other respects. 

C. F. Wanner: The authors of the paper mentioJied the 
subject of high-speed excitation but have not stressed its im¬ 
portance sufficiently. I wish to emphasize high-speed excitation 
as a means of improving the stability of long-distance power 
transmission systems. 

Introducing the effect of generators and condensers reduces the 
ability of the system to withstand disturbances as compared with 
the line alone. Suddenly increasing the lagging current drawn 
from an alternator or condenser increases the demagnetizing 
effect. The flux, however, cannot change instantly. At the 
first instant current is induced in the field windings and eddies in 
the pole pieces of such magnitude as to overcome this demagneti¬ 
zing effect. The eddy currents in machines without damper 
windings are relatively small and to simplify the discussion will be 
neglected. The voltage required to circulate the additional 
field current is supplied by the change in flux through the field 
windings and is equal to the increment of JR drop in the field 
circuit. With hand regulation the flux will decrease until the 
total IR drop in the field winding is again equal to the exciter 
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voltage- In effect, a band-regulated machine introduces an 
artificial internal series reactance although it is in part com¬ 
pensated by the larger artificial internal voltage. 

The voltage coils of automatic voltage regulators of the Tirrill 
type are connected across the terminals of the generator. On 
sudden application of lagging load the internal-drop reduces the 
terminal voltage which in turn closes the regulator contacts 
and increases the exciter voltage. If the exciter voltage could be 
built up instantly to such value corresponding to the new IR 
drop of the field currents the flux would remain constant. Actu¬ 
ally, however, the exciter voltage buUds up along a very definite 
curve. During the interval while the drop in the field winding 



Fig. 1 


is greater than the exciter voltage, the flux in the main machine 
decreases in a manner similar to that discussed for hand regula¬ 
tion. The flux will continue to decrease until the exciter voltage 
is CQ^ual to the drop in the field windings. An excess of exciter 
voltage over IR drop increases the flux. 

From the foregoing it can be seen that the faster the exciter 
voltage increases the smaller will be the decrease in flux. This is 
what the high-speed exciter attempts to accomplish. Note 
particularly that the high-speed exciter relies not upon changing 
the flux in the main machine but rather upon annulling the effect 
of the armature demagnetizing current. Of course, the slower 
the field of the machine the smaller will be the flux change, but if 
the increase in exciter voltage is always of such value as to annul 
very quickly the effect of any reactive current that might reason¬ 
ably occur then it would be more desirable to have a fast field and 
a high short-circuit ratio. 

Fig. 1 is an oscillogram taken during some tests on a 10,626- 
kv-a. 100 rev. per min. alternator in which 4350 kv-a. leading 
load, was thrown off. This simulates the condition of suddenly 
increasing the lagging load as would be the case during short 
circuits. Dropping leading load simultaneously decreased the* 
terminal voltage. After an interval due to the lag in the regula¬ 
tor and relays the exciter voltage begins to increase as shown. 
Tins lag can be made practically zero by arranging an extra 
pair of contacts in parallel with those of the regulator and opera¬ 
ting them from the fault ground current or from reactive kv-a. 

The rest of the story is self-evident. The loss of magnetizing 
armature qurrent induces an equivalent current in the field wind¬ 
ing. This current decreases for an interval but the rapidly in¬ 
creasing exciter voltage soon annuls this action and increases the 
field current. In the meantime the terminal voltage is increas¬ 
ing with the field current until a voltage is reached which causes 
the regulator contacts to separate. The exciter voltage de¬ 
creases and after a series of oscHlations settles down to normal no- 
load conditions. 
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The effect of high-speed excitation upon the flux is better 
illustrated in Fig. 2. These curves were prepared from test data 
and indicate .the change in exciter terminal voltage and flux of 
main machine as the armature current is increased from zero 
to rated-value zero power factor. Curves marked a represent 
the conditions for hand operation, curves marked h for standard 
exciters and curves marked c for high-speed exciters. The load 
w^ applied at au instant when the exciter voltage had reached a 
minimiun value to represent approximately the worst condition. 
For hand operation the flux decreased enormously; with the 
standard exciter the decrease was still quite considerable; but 
with the high-speed exciter the decrease was negligible. With 
this type of excitation transient conditions may be calculated 
using the assumption of constant flux through the field windings, 
e,y that component of flux in phase with the rotor. It should 
be noted that high-speed exciters do not control the cross flux, 
this being a function of armature current only. 

While it is true that the stability of a high-voltage trans¬ 
mission system can be increased by the application of high-speed 
exciters with fast regulators of the Tirrill type, its utility is not 
universal, in fact quite the contrary. Their application to gen¬ 
erators connected to transmission lines in which the resistance is 
about equal to or greater than the reactance decreases the stabil¬ 
ity. For this case hand regulation or slow-speed exciters and 
rheostatic regulators are preferred. In this connection it should 
be noted that the general stability of a system cannot be increased 
by spee(flng up the excitation of synchronous equipment at the 
end of distribution lines, which usually have high ratio of resist¬ 
ance to reactance as compared with high-voltage transmission 
lines. 

In the event of a disturbance wliich unbalances the voltages 



Fig. 2—Eppectiveness op High-Speed Exciter in Main¬ 
taining Flux in Alternator 

Armature current suddenly increased from zero to 100 per cont,>^zero 
power factor lagging. 

a. Hand regulation 

b. Standard exciter with TirrlU regulator 

c. High-speed exciter with Tirrill regulator 

such as a line-to-ground fault, it is of course necessary that the 
regulator contacts close and remain closed. This may not occur 
if the regulator is comiected in the usual manner. Rather than 
decreasing tJie voltage of the phase to which the regulator is 
connected analysis has shown that the disturbance might in¬ 
crease the voltage. Proper action can be insured by connecting 
the regulator through a network which passes only the positive- 
sequence voltage. 

High-speed exciters increase the duty on circuit breakers, but 
this is probably not an insurmountable difficulty. 
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R. C. Ber^vall : ‘ Mr. Hanker and Mr. Portescue have pointed 
ont that ordinary switching operations are not the limiting con¬ 
ditions which have t.o be met in considering stability. The 
limiting condition is the ability of the system to remain in syn¬ 
chronism during short circuits and during the switching opera¬ 
tions following the abnormal conditions set up by the short 
circuits. Experience has shown that line-to-ground short cir¬ 
cuits constitute about 90 per cent of the system disturbances and 
particular attention must, therefore, be paid to maintaining 
stability under these conditions. With two systems tied to¬ 
gether by two parallel transmission lines, it is practically impos¬ 
sible to maintain synchronism if a three-phase short circuit oc¬ 
curs near the generating station or the substation, because the 
voltage on the tie line is reduced to zero. Various methods have 
been considered in an effort to increase the possibility of main¬ 
taining synchronism, such as rapid relay operation or making the 
transformer a unit with the line as Mr. Thomas proposed at the 
1924 Midwinter Convention, thereby interposing the trans¬ 
former reactance between the bus and the short circuits. How¬ 
ever, in most cases the necessity for flexibility in switching of the 
high-tension lines makes it impossible to lay out the system in 
this manner. 

The engineers of the Westinghouse Company have been 
actively investigating the effect of line-to-ground short circuits 
during the past year. The importance of making such investiga¬ 
tions can best be seen by considering a line-to-ground short cir¬ 
cuit having 5000 amperes of ground current. This corresponds 
to a loss of 25,000 kw. per ohm of. ground resistance, which is an 
appreciable kilowatt load to throw on a system already carrying a 
heavy load. 

The magnitude of the ground resistance is an indeterminate 
factor. A bushing circuit on a transformer would have practi¬ 
cally zero ground resistance while a tower located on rocky soil 
would have considerable ground resistance. The worst condi¬ 
tion w^ould be some value of ground resistance between the zero 
ground resistance and the extremely high ground resistance, 
provided it w^as desired to maintain stability under all line-to- 
ground short circuit conditions. 

The problem of determining stability in the case of line-to- 
ground short circuits is complicated by the presence of un¬ 
balanced currents and voltages and by the opening of circuit 
breakers before the steady-state condition has been reached. 
When the circuit breakers open the entire load is immediately 
transferred to the other transmission line and pull-out is likely 
to result because of the sudden change in load at the same time 
that the system conditions have been disturbed by the short 
circuit. 

The calculation of single-phase short-circuit currents by the 
con^only used methods on an extensive transmission network 
is difficult because the currents and voltages are unsymmetrical 
and each phase is inductively coupled in the transmission lines, 
transformers and rotating machines. Furthermore, all rotating 
machines, provide a distinct phase-balancing action which tends 
to restore symmetry in voltage and current. A solution of a 
problem of this type is to be published by R. D. Evans in 
a future issue of the Electric World, Essentially it is an applica¬ 
tion of the method developed by C. L, Portescue for the 
general solution of unbalanced polyphase circuits. Briefly, the 
voltages and currents of the three-phase grounded-neutral cir¬ 
cuit are resolved into the positive-sequence, negative-sequence, 
and zero-sequence components, which do not react upon each 
other and may be considered independently! With normal 
balanced loads only positive-sequence voltages and currents are 
present, but in the case of a short circuit to ground all three 
sequence components are involved. 

The method employed in investigating the possibility of pull-, 
out occi^ng d.uring line-to-ground short circuits consists of 
substituting equivalent impedances in the circuit to represent the 
zero-sequence and negative-sequence components, thereby 


leaving only the positive-sequence components which may bo 
handled by the usual methods. 

S. B. Griscoms As already pointed out in the discussions 
certain disturbances on transmission systems, notably the 
single-phase, line-to-ground short circuit with the subsequent 
line switching may produce large oscillations in the phase posi¬ 
tion of the generators about the angle corresponding to their 
mean output. The system must be designed so as to withstand 
disturbances which are of common occurrence. This means that 
the maximum operating load must be considerably less than the 
power limit of the line. On the other hand, economic considera¬ 
tions demand the transmission of the maximum power possible 
per dollar of transmission investment. 

Two general courses of action arc available to increase the 
economy of transmission. The theoretical power limit of the 
line may be increased by proper design of the line, including the 
associated apparatus, or the effect of disturbances can be’ reduced^ 
enabling a smaller factor of safety to be chosen. I 

The group of papers presented in February 1924, and th(^ disy 
cussions on them, considered in a general way the use of syn¬ 
chronous condensers located at points along the line for tho pur¬ 
pose of increasing the amount of power that could be transmitted 
over the circuits. This scheme was first proposed by F. G. 
Baum, in a paper before the A. I. E. E., in 1921. 

We have since made an extended study of this system whi<dl 
has shown its utility. For transmitting a given amount of 
power over a line, a certain amount of reactive power must be 
supplied to it depending on the voltage conditions. The usual 
method is to supply this at the two extremities < f tho lino; by 
the generators at one end, and by synchronous condensers at the 
other. 

On long lines it is necessary to sectionalize at < n ^ or more 
points, so that in event of trouble, it will not be necessary to cut 
out too large a proportion of line. These soctionalizing points 
are ideal locations for the installation of synchronous condensers, 
since switch structures and attendants are already thero. 

By installing condensers at these points, the maximum opera¬ 
ting load may be increased, and the voltage regulation at inter¬ 
mediate points greatly improved. This is especially desirable 
for future interconnections or loadings at intermediate points. 

The theoretical limit of a long line may be made to approach 
the limit of the longest section between points where synchronous 
machinery is installed, depending upon how well the machines 
can maintain the line voltage. By the use of machines designed 
with this object , in view, and by using a high-speed exciting 
system in conjxmction with them as mentioned in one of the 
discussions the regulation can be made very good. 

Our studies have shown that it is economically possible to 
increase the permissible load on a 250-mi., 220-kv. line about 
25 per cent by means of suitable installation of synchronous 
condensers at intermediate points. 

The other general method of increasing the carrying capacity 
of transmission circuits is to lessen the effect of short circuits in 
causing pull-outs between supply and receiver ends. One method 
, which shows considerable promise is to use an auxiliary control 
on the governing mechanism, as already mentioned. 
Another method under consideration is to use circuit breakers 
on the main transmission circuits, .which would operate at speeds 
considerably higher than those in use at the present time. The 
utility of this scheme is readily apparent when we consider that 
if the breaker could be opened at the instant of short circuit, the 
condition would be in effect only that of line switching, which is 
much less severe. 

Up to the present time, no data is available as to the maximum 
speed that can be attained by circuit breakers in interrupting 
large currents at 220 kv. In order to get an idea of what can 
be gained by using different speeds of circuit breakers, some 
calculations were made on stability during single-phase-to- 
ground short circuits, when the faulty section of linb was cut out 
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at different tiihe intervals from the instant the short circuit 
occurred. The results of these calculations are presented in the 
form of curves, showing the variation of angular position of the 
generator rotors with time, for a typical transmission system. 

By referring to the accompanying curves, it will be noted that 
if the circuit breaker opens at the instant of short circuit, there 
is very little relative movement in phase position of the rotors 
of the generators with reference to the load. If the short circuit 
is permitted to hang on for 0.2 seconds, a somewhat greater swing 
takes place. For 0.4 seconds, the swing is of such a large 
magnitude that on the second half cycle of mechanical oscil¬ 
lation the systems pull apart as indicated by the fact that the 
angle continues to increase with time. The same is true with 
any time of breaker opening up to 1.0 second. Prom 1.0 to 1.6 
seconds stability can be maiintained. Prom these curves, it is 
evident that if the period of oscillation is of the order of one 
second, the stability of the system can be greatly improved by 
the use of sectionalizing cricuit breakers which open the circuit 
within 0.2 seconds after a short circuit occurs. 

If the natural period is greater, a correspondingly higher 
maximum time is permissible. These curves show clearly the 
element of chance, due to erratic relay or breaker operation, 
and e.xplain why a short circuit may cause pull-out on one occa¬ 
sion and noton another when conditions are apparently identical. 

Aside from the question of lessening oscillation of the genera¬ 
tors and other synchronous machines, the use of high-speed circuit 
breakers would be of material assistance in minimizing voltage 
decrement due to demagnetization. On this account, their 
rupturing capacity must be increased, although the use of a 
special excitation system might independently impose this 
requirement. 

It may be somewhat premature to mention the use of high¬ 


speed circuit breakers of this type, when none have thus far been 
developed, but the principle purpose of this discussion is to point 
out possible methods for improving stability. 

V« Bush and R* D. Booths A number of the discussions 
treat of improvements of transmission system and correlated 
apparatus and need no further comment in connection with a 
paper devoted to methods of analysis. 

Prof. Karapetoff’s discussion is an admirable presentation of 
the fundamentals upon which the methods of the paper are based, 
and undoubtedly adds completeness and clarity to the entire 
subject. It might, however, be in order to point out that the 
differential equations used by Prof. Karapetoff are linear and also 
that the coeMcient AT, —the rate of increase in power transmitted 
per degree change of the angle between the receiver and generator 
voltages is constant. The methods presented in the paper per¬ 
mit analysis of those problems in which the equations are non¬ 
linear, and the coefficients are not constant. 

Mr. Baum’s discussion of the progress of the art of transmis¬ 
sion and of operation of systems involving long transmission lines 
is of general interest. We presume that Mr. Baum refers to 
steady-state rather than transient conditions when he says that 
practically inffnite bus conditions at the sending generators can 
be obtained by bloeldng the governors thereof, 

Mr, Wagner’s discussion of the possible benefits of high-speed 
exciter systems and Mr. Griscom’s studies of the advantages of 
high-speed circuit breakers are of great importance to the 
industry. We presume that Mr. Griscom’s curves of desirable 
operating times apply only to a particular system and for partic¬ 
ular values of arc resistance. Also we presume that Mr. Wag¬ 
ner’s discussion of the limitations of high-speed exciters is based 
upon specific data regarding arc resistances and operating times 
of breakers and governors. 



Testing High-Tension Impregnated Paper- 

Insulated, Lead-Covered Gable 

BY EVERETT S. LEE* 

Associate. A. 1* E E. ' 


Synopsis, —The increase in voltage rating of cables has necessi^ 
taied that the tests to assure satisfactory cable be more adequate than 
as standardized at present. This has resulted in an intensive study 
of the tests previously standardized^ development of new tests^ and the 
design and manufacture of suitable testing equipment to meet the new 
testing requirements. 

Measurements are made upon cables to determine the following 
properties of the insulation: 

Insulation Resistance 

DielectHc Strength 

Dielectric Power Loss and Power Factor 

Capacitance 

Ability to Withstand Bending 

Insulation Resistance: This measurement is being made in the 
same way on cables of all voltage rating. The results of the test on 
high-tension cables are of doubtful value as a criterion of the suit¬ 
ability of cable for use. Continued study of this measurement should 
he made, 

DielectHc Strength: Suitable testing equipment for satisfying the 
requirements of the increased voltages in dielectric strength tests has 


been made available. This includes sin^-wave generators^ adequate 
testing transformers, appropriate cable testing terminals. 

Data is given from which conclusions are drawn as to the magni¬ 
tude and duration of test voltages. The adequacy of these values mil 
become known through experience. The need for field testing is 
shown. 

Dielectric Power Loss a7id Power Factor: The tendency is to 
extend the measurement of dielectnc power factor to mclude each red 
length to be shipped. The ScheHng-Bridge for making such mens- 
uremerits is desenbed. The need for standardizing the testing 
procedure for power-factor measurements is shown. 

Testing Installed Cable: The study of so-called ^^current-time 
curves'' for rating installed cable should be continued. Preliminary 
measurements made at high frequencies as a means of rating in¬ 
stalled cable did not show the results to he immediately usable. 
Testing With Dvrect Cwrent: Data is given to show the d-r,- to 
a-c.-ralio of breakdown voltage of some samples of 12 kv,-d-coriduc.lor 
cable. Tests indicate that the d-c,-to a-c,-ratio will depend upon 
many conditions such as nature and structure of the material, 
thickness of the mateidal, ternpm'ature of the malerial, shape and 
size of electrodes, and rate of application of the applied potential. 


T he report of the Transmission and Distribution 
Committee of the A. I. E. E. for 1928-1924 con¬ 
tains the following significant statement 
“The most important development during th6 past 
year has been the evidence that the cable specifications 
of the N. E. L. A. and the present Standards of the 

A. I. E. E, do not insure satisfactory cable for the 
higher operating voltages. 

“This subject is now receiving attention from the 
manufacturers as well as the users of high voltage 
cable and as a result of these studies, it is hoped that 
it will be possible: 

Efrsi, tomake the necessary changes in manufacturing 
processes and materials so as to secure a satisfactory 
cable for operation at the higher voltages, and 
Second, to devise a method of testing high voltage 
cable which will determine its operating characteristics 
in advance of its installation.” 

The present paper discusses some phases of the 
second of these two objectives, not that such a method • 
for which engineers are eagerly searching has been 
&ially devised, but because a discussion of the condi¬ 
tions under which the present tests are applied may be 
helpful in so modifying them that they may be made 
more adequate. 

The tests at present standardized for determining 

‘General Engmeering Laboratory, General Eleotrio Co., 
Sebeneetady, N. Y. 

1. For references see Bibliography. 
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the suitability of cable for use as regards the insulation 
are as follows: 

I. A. I. E. E. Standards 1922, 

A. Tests to be made on each length to be shipped. 

1. High-voltage test 

2. Measurement of insulation resistance 

3. Measurement of capacitance 

B. Test to be made on samples (10 ft. of lead) 

1. Measurement of ultimate dielectric 
strength 

II. N. E. L. A. SpeeifictUions for Impregnated Paper- 

Irtsnhted,Lead-Covered Underground Cable,1922. 

A. Tests to be made on each length to be shipped 

1. High-voltage test 

2. Measurement of insulation resistance 

B. Test to be made on one reel length per 15,000 

ft. of cable 

1. Measurementof dielectric power loss and 
power factor at about 86 deg. cent 

C. Test to be made after installation when cable 

is installed by the manufacturer 
1. High-voltage test 

D. Tests to be made on samples 

1. Measurement of dielectric stren^h 

2. Bending test 

a. Wrinkling of lead; dielectric 

strmi^; visual eocamination 

b. Deformation 

3. Measurement of dielectric power loss 

and power factor. 
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The electrical characteristics represented in the 
above tests include all that are now known. The’ 
problem is to apply them so that unsatisfactory cable 
may be separated from satisfactory cable without harm¬ 
ing the latter. The following discussion'on this subject 
will, in the main, refer only to high-tension cables with 
paper insulation treated with mineral compound for 
circuits rated above 12 kv. The results of tests in¬ 
cluded in this discussion were obtained from commercial 
cable manufactured prior to Jan. 1, 1924, except as 
may otherwise be noted. 

Insulation Resistance 

Insulation resistance is measured after the high- 
voltage test on the entire length to be shipped, meas¬ 
uring the leakage current after a one-minute electrifica¬ 
tion with a continuous e. m. f. of from 100 to 500 volts, 
the conductor being maintained negative to the 
sheath.® Prom the results so obtained, a “Megohms 
Constant” is calculated so that cables of different 
dimensions may be directly compared. The increase 
in voltage rating of cables has brought about no 



o' 1 1 > I 1(1 

0 2 4 6 8 10 12 1^ 

LENGTH NUMBER 

1 —^Megohms Constant and Power Factor or Reel 
Lengths op 3-Conductor 33-kt. Treated Paper-Insulated 
Cable 

real change in method of making the insulation resist¬ 
ance measurement nor have new difficulties therein been 
encountered. Humidity may still be a disturbing 
factor by increaising the leakage, though a recent 
suggestion of pounding the insulation testing set 
and operator with a sheath wire, heated by circulating 
current to keep the 'testing set dry, has proven entirely 
effective in eliminating the leakage without causing 
discomfort through overheating of the test booth. 

Although measurements of insulation resistance have 
been made on cables for years and are still being made, 
the results as determined by the standardized procedme 
are of doubtful value as being indicative of the suit¬ 
ability or unsuitability of cable for use. It was 
recently noted that a nail hole through the lead to the 
paper of a 3-conductor 22-kv. cable caused no notice¬ 
able change in the megohms constant derived from 
measuremen'ts made daily after a period of two weeks, 
the reel being immersed continuously in water. En- 
toging the nail hole to the size of a quarter and con¬ 
tinuing the measurements daily for two months with the 
reel immersed has not materially changed the megohms 
constant from its original value of 3000 before the nail 
hole was made. 

Al'though not sensitive to such conditions, results 


are^ obtained showing sensitiveness to other factors 
which are not easily determinable. Fig. 1 shows the 
values of megohms constant obtained from the measure¬ 
ment of 13-reel lengths of three-conductor 33-kv. cable, 
manufactured to the same specifications during a 
period covering three months. The ratio of the highest 
reading to the lowest is in the order of 6 to 1. Values 
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Fig. 2 !Meoobms Constant and Power Factor op Reel 
Lengths op 3-Conductor 12-k'v. Treated Paper-Insulated 
Cable 

of power factor for each length at 85 deg. cent, at 
rated voltage, are also plotted and show all Ifiugthg of 
the cable to be of low power factor. The ratio of the 
highest to the lowest power factor value is 3 to 1. 
Pig. 2 shows similar values for 18 reel lengths of three 
conductor 12-kv. cable, sho'wing characteristics similar 
to those of the 33-kv. cable. Pig. 1. The relation 
between power factor and insulation resistance is noted to 
be generally inverse, though not consistently so. These 
results indicate a relatively -wide range of insulation re- 



Fig. 3—^Megohms Constant op Reel Lengths of 3-Con¬ 
ductor 22-kv. Treated Paper Insulated Cable, Treated 
IN Same Tank at Same Time 

sist^ce for cable, all of which is apparently satisfactory. 

Pig. 3 shows the megohms constant obtained from 
measurement of eight lengths of three conductor 22- 
kv. cable made from the same land of paper, treated witii 
the same compound in the same tank at the same time. 
The ratio of the highest value to the lowest is 4 to 1, 
yet there has never been any evidence that any one 
length was more satisfactory cable than anotha-. 
In general, the ratio under these conditions averages 
more nearly 2.5 to 1. For the same kind of cable 
treated in different tanks, however, ratios of 6 to 1 
and even 10 to 1 are not uncommon. 

It appears, therefore, that insulation resistance 
measurements are being made on cables of the highar 
voltage rating just as they have been made for many 
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years on cables of lower voltage rating. The measure¬ 
ment, though comparatively simple, is of little real 
value as a means of distinguishing between good and 
poor cable. Measurements made at higher direct 
voltages may prove to be more useful but such have 
yet to be more thoroughly investigated. 

Dielectric Strength 

The criterion of a satisfactory cable is that it shall 
successfully operate at its rated voltage in the system 



Fig. 4—Sine-Wave Synchkonous Motor-Genebator Set 
Generator rated three-pliase, six-pole, 400 kv-a. 12 rev. per min., 900 volts 
Motor rated, three-phase, four-pole, 100 h. p., 1200 rev. per min,. 560 
volts 



Fig, 5—^Wave Shapes op Sine-Wave Generator, Rated 
Three-Phasb, 400 Kv-a., 1200 Rev! Per 900 Volts 
Upper curve, no-load voUage wave ’ 

Liower Curve, voltage wave, Load of 1242 ft., three-conductor, 33-kv. 
cable at 85-kv. 

to which it is connected and for which it is designed. 
This requires that every point jJong the entire length 
of the cable must be dielectrically strong and 
to be so. The only means now availabie for deter- 
naining initially the suitability of a cable as regards 
dielectric strength is to determine the ultimate dielw- 
We strength of samples of the cable by breaking them 
down under electrical tension, and then applying a 
lower electadcal tension for a given time to similarly 
made cables in lengths intoided for xise, the value and 


time of application of the test voltage being chosen 
so as to separate such cable as is dielectrically weak 
from that which is dielectrically strong without harming 
the latter. The final miterion for the effectiveness 
of this test is experience. 

The increase in voltage rating of cables has introduced 
difficulties into the testing procedure of dielectric 
strength tests, but these are being overcome. At the 
present time the best samples of single-conductor 
cable for 66-kv. three-phase circuits have a breakdown 
voltage on short-time test of from 300 kv. to 350 kv., 
while the best samples of three conductor cable for 33-kv. 
three-phase circuits have a breakdown voltage on short- 
time test of 200 kv. High-voltage tests in the factory 
on long lengths of the former cable are conducted at 



Fiq. 6—^Wavb Shapes op Generator, Rated Thbek-Phasb, 
75 Kv-a,, 500 Rev. per Min., 560 Volts, in Use for Testing 
Cable 16 Years Ago 
upper Curve, no-load voltage wave 

Lower Curve, voltage wave, load of 702 ft., three-concluetor, 12 kv. 
Cable at 40 kv. 

from 100 kv. to 160 kv.; on the latter cable at from 
82.6 kv. to 95 kv., the time duration being from 5 min. 
to 16 min., depending upon conditions. Such values 
as these require testing equipment of high voltage and 
high kv-a. rating which must conform to standardized 
requirements, such that the voltage wave shall “approx¬ 
imate as closely as possible' a sine wave.” In this 
phase of the. work substantial progress has been made. 

Fig. 4 shows a motor-generator set rated 400 kv-a. 
at 1200 rev. per min. and 900 volts, of which the no-load 
voltage wave, and the voltage wave when connected 
through transformers to 1242 feet (three reel lengths) 
of 3-conductor 33-kv. cable at 86 kv., are shown in 
Fig. 5. The characteristics of these waves are: 

De’nation Form 

Load Factor Factor 

No load. 1.2% l.lls 

Cable, load of 1242 ft. 
of 3-con<i. 33-kv. 

cableatSSkv...... 1 . 0 % I.II 4 
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Fig. 6 shows wave shapes as obtained from a genera¬ 
tor which has been in use for cable testing, for 15 
years, rated 75kv-a. at 500 rev. per min. and 550 
volts, of which the characteristics are: 




Deviation 

Form 

Load 


Factor 

Factor 

No load. 

Cable load of 

702 ft. 

2.8% 

l.llr 

of 3-cond. 
cable at 40 lev 

12-kv. 

30.9% 

l.lOs 


These comparative values indicate the substantial 
progress which has been made in the generator design. 
The excellent characteristics of the waves shown in 
Fig. 5 for the modern generator are all the more 
remarkable when it is considered that they are for a 
load with leading current and of extremely low power 
factor. 

The wave shapes of the modern generators are well 
within the required limits for testing with sine wave 
shape and for measuring voltage with a voltmeter 
following any of the standardized methods, such as 
through an auxiliary ratio transformer or by means of 
a voltmeter coil placed in the testing transformer. 
Ratio transformers being necessarily quite large for 
use at the high voltages now required, the voltmeter 
coil placed in the testing transformer becomes a most 
useful means for making the voltage measurement. A 



Pig. 7—Two Oil-Filled Cable Terminals, Assembled at 
THE Ends op a Sample op Cable por a 66-Kv. Three-Phase 
Circuit, for Ultimate Dielectric Strength Test up to 
240 Kv, 

paper on testing transformers has been recently 
presented to the Institute,^ in which paper also is 
included a discussion of voltage measurement together 
with apparatus available for such measurement. 

Probably the greatest single diiSculty confronting 
the cable tester when making dielectric strength tests is 
that of applying the voltage to the cable, it being 


necessary to so prepare the cable ends that they will 
withstand the high voltage without breakdown or 
flashover, and so that the break will occur under the 
lead and not in the end-bell. For tests on reel lengths in 
the factory where the voltages applied for three minutes 
are not above 100 kv. between conductors for three- 



Fig. 8—Oil-Filled Cable Terminal, Ready fob Assembly 
TO A Sample op Single-Conductor Cable fob a 66-Kv- Three- 
Phase Circuit, por Ultimate Dielectric Strength Test 
UP TO 360 Ev. 

. Fig. 9 —Oil-Filled Cable Terminal Assembled to a 
Sample op Single-Conductor Cable for a 66-Kv, Three- 
Phase Circuit for Ultimate Dielectric Strength Test 
UP to 350 Kv. 

conductor cable, or between conductor and sheath for 
single-conductor cable, the problem is not so difficult, 
there being severe,! designs of end-bells in use. The 
usual method is to apply an inverted paper cone to 
the cable end, which is then filled with petrolatum 
hot enough to pour. Pressed paper or fibre tubes 
are frequently placed over the s^arate conductors 
of three-conductor cable. 

Por single-conductor cable where the test voltage is 
above 100 kv., a most satisfactory meajns of applying 
the electrical tension has been found to be through the 
application of a terminal made of a porcelain oil-filled 
bushing of standard design provided with suitable 
fittings for proper application to the cable. Pig. 7 
shows two auch temunals attached to a sample of single- 
condpctor cable with 30/32 in. treated paper for a 
66 kv. three-phase circuit. Terminals such as these have ' 
been regularly used in testing reel lengths of single¬ 
conductor cable ip the factory where the test voltage 
has been 150 kv. for both five-min. and for 15-min. 
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application; also for ultimate dielectric strength 
tests up to 240 kv. which is the dry flashover voltage 
of this terminal. Figs. 8 and 9 show a larger terminal 
ready for assembling to the cable end, and as assembled 
to the cable end, the former showing how the cable end 
is prepared before the terminal is applied. This is 
done by removing a suitable length of the lead and 
then building up over the factory insulation with black 
varnished doth, covering a portion of this with copper 
wire or flattened string solder to carry the ground 
potential of the sheath up over the reinforced insulation 
a suitable distance to properly distribute the stress. 


between conductors in the end-bell. Out of 12 samples 
recently tested where the probable failure would be in 
the order of 200 kv., every sample failed at substan¬ 
tially lower voltage in the crotch in the end-bell, which 
failures were preceded by excessive leakage over the 
conductor insulation. Efforts to prevent crotch 
failures have been made in practise by the use of 
different filling compounds, such as petrolatum, linseed 
oil, and transil oil, but as yet without success. The 
use of long treated paper tubes over the separate 
conductors has not bettered the results measurably. 

Theoretical considerations and calculations indicate 
that the excessive leakage stress can be kept below 



UFE. HOURS 

Fig. 10—^Breakdown Voltage-Time Curves at 26 Deg. 
Cent, for Single-Conductor Cable Samples with 9/32 In. 
Treated Paper Insulation 

A terminal such as shown in Figs. 8 and 9 has a dry 
flashover voltage of 350 kv. and if the cable remains 
sound, it is absolutely satisfactory for use in testing 
cable samples up to a breakdown voltage of that value. 
Flashover of the terminal may result at a lower value 
from disturbances which may occur in the cable, in 
which event a larger teminal may be . used. 

A terminal such as shown in Fig. 7 weighs 165 lbs. 
with fittings, and for a factory test on a reel length at 
150 kv., where it is not necessary to build up the cable 
ends with varnished doth, it requires the time of two 
men for two hours to apply the taminals and remove 
them. A terminal such as shown in Fig. 9 weighs 
375 lbs. with fittings, and for an ultimate dielectric 
strength t^t where the cable ends must be built up 
with varnished doth, it takes two men a day to apply 
the terminals and remove them. The use of such 


safe values only by so designing the extei’nal surface 
of the end-bell that it follows essentially the curve of 
the conductors as they diverge. This is not simple 
to do in a built-up end-bell. From a review of all of 
the factors, it is felt that the best plan is to use a three- 
conductor oil-filled cable terminal following the practise 
above suggested for testing single-conductor cable. 
The early use of such when results will be available 
for report is contemplated. 

Even with proper equipment available for conducting 
dielectric strength tests, the problem of determining a 
satisfactory suitability test still remains. The long 
established test voltage for cables of two and a half 
times normal rated voltage applied for five minutes* 
has apparently not been satisfactory for the high- 
tension cables. Such a test, of course, only establishes 
the condition at the time this is illustrated by the 


270 



Pio. 11 —^Brbakdowk Voi,tage-Timb Ovbve at 60 Dbg. 


termina^ has made possible satisfactory tests of 
dielectric strength without the difficulties usually 
attendant the use of built-up end-bells, and represents a 
most gratifying advance in the art. Suitable terminals 
are available for the entire range of voltages required in 
making dielectric strengthtestsonsingle-conductorcable. 

No satisfactory built-up end-bell has yet been devised 
for testing 3-conductor cable samples for ultimate di- 
ele(^c strength where the breakdown voltage is in 
the order of 200 kv. An average gradient of approxi¬ 
mately 250 volts per mil seems to be about the maxi¬ 
mum voltage where a .built-up end-bell following the 
usual designs can be used in ultimate dielectric strength 
test of 3-conductor cable with satisfaction. Above this 
value, breakdown usually results in a crotch failure 


Cent, tor Sinolb-Condttctor Experimental Cable Samples 
WITH 30/32 In. Treated Paper Insulation 

results shown in Fig. 10. Ten samples of 2/0 A. w. g. 
single-conductor cable insulated with 9/32 in. treated 
paper insulation were tested, five for ultimate dielectric 
strength (short-time step-up test) and five for endtirance 
dielectric sixength at 44 kv. at 25 deg. cent. The 
curve coimecting the resulting points takes the charac¬ 
teristic form of that for fibrous materials. . The normal 
rating of the cable and standardized test voltage on 
long lengths of such cable are indicated. The life 
of the cable at 44 kv. is many hours, and at rated 
voltage in operation, it is several years; the initial 
t^t, however, covers only the first few minutes. 
Similar results are shown in Fig. 11 for single-conductor 
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experimental cable with 30/32 in. treated paper insula¬ 
tion, and Figs. 12 and 13 for three-conductor cable for 
33 kv. circuit. These results show also the longer life 
of cables on endurance run at 50 deg. cent, as compared 
with life at 25 deg. cent, which results ,^e consistently 
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Pig. 12 —^Bbbakdown Voltage-Time Curve at 25 Deg. 
Cent, for Three-Conductor Cable Samples with 19/64 In. 
Treated Paper Insulation on Each Conductor and 7/64 In. 
Overall Belt 


increase' in th^ order of 50 per cent, over present 
standardized practise for single-conductor cable, and 
about 20 per cent increase for three-conductor cable does 
not seem excessive, the lower value for the three-conduc¬ 
tor cable being justified because of the inherent differ¬ 
ences due to construction. 

In this connection there arises again the question of 
the mechanism of breakdown. If the total number of 
cables and cable samples examined after breakdown 
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Fig. 14—Tbmpbratuhe Rise of Sheath, Single-Conductor 
Cable Sample with 9/32-In. Treated Paper Insulation, 
44 Kv. Applied 


noted on treated paper cable with different treating 
compounds and different kinds of paper. The better 
performance of round conductor as compared with 
sector conductor with the same insulation thickness is 
also shown. 
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Pig. 13—Breakdown Voltage-Time Curve at 50 dbg. 
CENT. ,poR Three-Conductor Cable Samples with 19/64 In. 
Treated Paper Insulation on Each Conductor and 7/64 In 
Overall Belt 


on dielectric strength test to determine the reason 
for such, was known, the number would be appalling, 
yet the answer is still wanting. An examination of 
many cable samples examined after breakdown allows 
of a classification of such into two general classes; 

(1) those where the puncture is radial and dean, and 

(2) those, where the puncture is accompanied by 
deterioration irregularly throughout the matail. 

In the latter case many so called “partial failures" 



The two factors involved in the high-voltage suit¬ 
ability t^tare magnitude of test voltage and duration of 
application of same. It would be most impracticable 
to apply the test voltage on aU lengths for the time 
durations shown in Figs. 10 to 13. Fifteen minutes 
has b^n suggested rather than the present value of 
five minutes. The evidence available does not indicate 
that such an increase would be of any real value.- A 
long time test on a sample length from each lot of 
cabk would, however, be of considerable value. In¬ 
creasing the magnitude of tiie test voltage would 
appear to have merit. The value would have to be 
finally determined by experience, though an immediate 


Pig. 15—Temperature Rise op Sheath, Single-Conductor 
Cable Sample with 9/32-In. Treated Paper Insulation 
44 Kv. Applied * 

or failures through only a portion of the layers of the 
insulatipn are frequently found. Invariably in single¬ 
conductor cable these extend out from the conductor 
part way to the sheath, while in three-conductor cable 
the failure seems to form in the cent®- of the insulation 
between conductors and extends towards the 
conductors. 

Efforts to determine the “germ" of a breakdown have 
been made by subjecting samples of single-conductor 
cable insulated with treated paper of 9/32 in. thickness 
to a voltage of 44 kv.; exploring the sheath for hot spots 
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and removing the voltage when a hot spot is found The appearance of many more tree designs in the 
before breakdown occurs. Figs. 14 and 16 show the sample of Fig. 16, which judging by the temperature 
temperature rise on the sheath of two such samples, rise and the radial burned spot had approached nearer 
When examined, the sample of Fig. 14 showed failure to breakdown indicate, possibly, the formation of the 
to have started under the hot spot. The first five layers tree designs after the beginning of the tendency to radial 
of tape from the lead sheath in were normal. A black breakdown. The samples represented by Figs. 14 and 
spot, which developed as other lay^ of tape were 16 were not tightly wrapped, there thus being less 
removed, was found on the sixth tape. Toward the lateral dielectric strength. Similar tests, with tightly 
center many small burned spots appeared and a few wrapped paper, have not shown tree-designs though 
so-called “tree designs” were found. The sample of partial radial failures were present. From the shape 
Fig. 15 also showed failure to have started under the of the designs and the length of time required for corn- 
hot spot. The first twenty layers of tape from the lead plete failure imder these conditions, it’would appear that 
sheath in were normal. Extensive tree designs ap- these are formed either locally in a small air space as a 
peared in three regions around the hot spot, together result of electrical discharge caused by overstress, or 
with a dark spot on the twenty-first tape. The designs more extensively throughout the laminations because of 
in the center region continued in for 12 layers and then low lateral dielectric strength. ‘ Their presence recalls 
disappeared. The designs in the other two regions the need for consideration of both radial and lateral 



Fig. 16 —Design Appearing on the Surface of the Tapes 
OF Treated Paper-Insulated Cable Resulting from the 
Application of Electrical Tension 

' ' I 

joined together 24 layffl« in and then faded into a bum 
through the remaining nine layers, the dark spot noted 
above continuing through to the bum’ The nine 
inner layers had been creased and tom, and the bum 
extended down through the tears, but no bum was 
noted in the layer next to the conductor. 

The tree designs noted are as shown in Fig. .16, and 
are as recently reported before this Institute* and by 
others®. These designs were traced on the surface of 
the tapes, the pattern coinciding for adjacent tapes but 
differing on both sides of the same tape. The design 
could be scraped off with a knife; it did not appear to 
follow the fibres. Such designs have been noted pre¬ 
viously in laminated treated-paper tubes subjected to 
high electrical, slress, their presence being found in 
definite fissures between the laminations. 


dielectric strength in laminated stmctures. It is felt 
that a continued study of these phenomena is merited. 

From the results shown in Figs. 10 to 16, it is .seen 
that the initial high-voltage test is quite unable to 
detect faults which may later come into existence from 
conditions, some of which become known but many of 
which remain unknown. This points to the need of 
testing during operation. The phenomena here 
shown are, of course, at higher values of electrical 
stress than under rated conditions, yet these apply, in 
so far as unexplained failures occur at the rated electrical 
stress and the time factor is present. In this very con¬ 
nection there has just come to the writer's attention’ 
a case in practise where a 17-kv. cable joint was poorly 
made, the evidence showing that an air space of 
in. was left therein, which was not detected during the 
high-voltage test at 48 kv. The joint failed later, 
during operation, from lightning. 

Dielectric Power Loss and Power Factor 

The measurement of dielectric power loss and power 
factor of cables for service has in the past been mainly 
. confined to measurements on short samples at voltage.s 
up to rated and temperatures up to 100 deg. cent, and 
on sample reel lengths at rated voltage and temperature 
of 85 deg. cent®. The tendency is to extend these 
measurements to include each reel length to be shipped, 
measuring the power factor thereof at room tempera¬ 
ture at voltages varying from approximately H rated 
to 2J^ times rated. The change in power factor be¬ 
tween these voltage limits is noted, the theory being 
^at there should be no change in power factor if the 
insu^tion is homogenous, the measurement being made 
outside of the breakdown voltage range. 

Such a measurement requires considerable change in 
application of the methods previously employed for 
measuring dielectric power loss and power factor. The 
means employed and the calculations involved must be 
simple enough for manipulation by the factory testing 
personnel imder factory working conditions. The 
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range required for cables in use at present is approxi¬ 
mately as follows: 

Power factor, from 0.002 up, particularly in the range 0.002 
to 0.04. 

Voltage, 5 kv. to 100 kv. 

Current, up to 1 ampere, current leading. 

Accuracy, power factor to within 0.002. 

IVequeney, 25 to 60 cycles. 



Fig. 17—Diagram of Connections op Schering Bridge. . 
A—Transformer i ?4 Non-Reactive Variable Resistor 

B —Cable C 4 Variable Air Condenser 

Ca Air Condenser (?-^alvanometer Detector 

ila Non-Reactive Variable Resistor E —Safety Gaps 

Several methods are applicable to this measurement 
no one of which is entirely free from objections. One 
method which gives promise is that of the Schering 
Bridge, which has been described in various issues of 
the technical press®. The diagram of the connections is 
shown in Fig. 17. A description of the equipment used 
in such a set-up, which is proving to be satisfactory, is 
as follows: 

The standard air condenser Cs is a 3-plate condenser 
following a design previously described.*® All of the 
plates are moimted on a common base and are to 
give a capacitance of 4 x 10-*® farads. The overall 
dimensions are 10.6 ft. long, 4 ft. wide, and 7.6 ft. high. 
The hon-reactive resistor Rz is of high-resistance low- 
temperature coeflBcient alloy, wound in two sections 
connected for minimum reactance. The rated current 
is 1 ampere, and taps are provided to give approximate 
resistances of 6 , 10 , 20,40 and 60 ohms. 

The detector G is imique in that a permanent magnet 
galvanometer recently developed for detecting alter¬ 
nating currents of low value is used. This is shown in 
Fig. 18. An ordinary three-stage audio-frequency 
amplifier is used with the galvanometer, thus giving the 
desired sensitivity. The galvanometer moving system, 
entirely immersed in oil, is free from the effects of. 
external vibration so that the required sensitivity is 
obtmned without need for elaborate means of protecting 
against the effect of external vibration. 

The non-reactive variable resistor R^ is of standard 
design with a maximum resistance of 11,110 ohms. The 
variable condenser C 4 is of standard design parts, hav¬ 
ing a maximum capacitance of 0.16 X 10-® farads. 


The safety gaps consist of two contacts separated 
by two cigarette papers, which form of gap has in the 
past proven effective. Any discharge through the 
cable or the condenser goes to ground through the break 
produced in the paper. The standard air condenser 
in the above set-up has been short-circuited during 
operation at 60 kv. with no effect on the apparatus or 
the operator. The entire measuring apparatus, with 
the exception of the air condenser and detector, is 
moimted in a glass-covered case with manipulating 
handles for safety to the operator, extending through. 

The operation of the bridge for a given reading is 
quite simple. The bridge is balanced by varying R^ 
and Ci until a balance is obtained as noted by the de-. 
tector. Ri remains constant for a given range of readings^ 
and the power factor is calculated from the equation. 
Power factor = 2 wfCiRi 
where F is the frequency 

Ci is the capacitance in farads of the variable 
condenser Ci 

Ri is the resistance in ohms of the variable re¬ 
sistor Ri. 

If it is desirjsd to obtain the dielectric power loss, the 
equation is. 

It 

Watts = 2 tt/ —— Ci (power factor) 

where, in addition to the factors defined above, R 3 is 
the resistance in ohms of the resistor Rs, Ci is the 
capacitance of the standard air condenser Ci, and E is 
the applied voltage in volts. 



Fig. 18—^Pbbmanbnt Magnet Type op Qalvanometbe fob 
Dbtbcting Alteenating Cvebents of Low Valve 

All methods for making suchjjmeasurements as the 
above usually appear well on paper but in operation, 
factors may be introduced which considerably affect 
results. The results obtained with the Schering 
Bridge were, therdore, compared with results obtained 
on the same cable, by the compensated d 3 mamometer 
wattmeter method,^® using two instruments, one of low 
current rating for determining the necessary compensa¬ 
tion with the standard air condenser, the other of higher 
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current rating required when making the measurement 
on the cable. From results thus obtained, it was found 
that large errors might be introduced into the bridge 
reading because of capacitance to ground of the leads 
from the low voltage side of the standard air condenser 
and the cable. When effect of .this error was reduced 
to a minimum, results such as shown in Fig. 19 were 
obtained. These show agreement to within power 
factor 0.002. 

The use of indicating wattmeters alone for such 
measurements as those described above is highly 
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Pig. 19—^Variation of Power Factor with Voltage at 
25 Dbg. Cent, of a 130-ft. Length of Single-Conductor 
Cable with 30/32-In. Treated Paper Insulation for a 
66-kv. Three-Phase Circuit 


desirable. The very unique application of a water 
column of varying temperature to change the resistance 
of a circuit without changing its reactance, recently 
described before the Institute^, has great possibilities. 
An outfit set up with the "tank,” of the wattmeter 
replaced by a long hose, shielded as suggested by Pro¬ 
fessor Ryan, to allow of continuous measurement 
has given promise of perhaps immediate application in 
measuring small amounts of power. 


ductors “high” should ^fiice. Connection C gives the 
measurement of conductor insulation between one con¬ 
ductor and the other two conductors and of the con¬ 
ductor and belt insulation between that conductor 
and the sheath. 

Connections A and B are symmetrical as regards 
calculating the average voltage gradient of the insu¬ 
lation wall under test. In connection, C the average 
gradient ov^’ the conductor insulation and adjacent 
belt insulation will differ from that over the conductor 
insulation between conductors if the thicknesses of 
conductor insulation and belt insulation are different. 
Because of the possible differing stress in the belt insu¬ 
lation and conductor insulation, connection C is not 
satisfactory for high values of average gradient. 
Measurements using connection A and connection B 
with each conductor "high” in succession, certainly 
explore the cable completely and are, therefore, ad¬ 
visable. Successive measurement with two conductors 
high in connection B may suflSce, as such would include 
aU of the conductor insulation between conductors. 
Experience thus far indicates that where cable is poor, 
it is poor symmetrically, so that all of the power-factor- 
voltage curves show laige change. A single measure¬ 
ment may, therefore, prove sufficient. 

The objections to the single-phase measurement are 
that several connections are required during test; and 
that the rotating field present with 3-phase supply is 
not present with the single-phase source. 

The equivalent value of 3-phase watts and power 
factor may be calculated from single-phase measure- 


The method of applying the voltage during power- 
factor m^urements on reel lengths of three-conductor 
cable, is important. A choice exists between the use of 
three-phasesupplyandsingle-phasesupply. Theformer 
allows the test to be made under operating conditions 
and only one connection need be made during the test, 
although the measuring instrument will have to be 
shifted from phase to phase if only one instrument 
is used. The use of a dynamometer with a 
stand^d air condenser is possible, although shielding 
the high-voltage windings in the transformer appears 
to be necessary. The current element of the dyna¬ 
mometer must during measurement be connected be¬ 
tween the transformer winding and the grounded neu¬ 
tral. Error due to leakage to ground may thus be 
mtrodueed since the circuit must be changed from that 

durmg compensation with the air .condenser. 

The use of single-phase supply allows the use of both 
bridge methods and dynamometer methods. Con¬ 
nections to the cable may be made in several wasrs, of 
which representative connections are shown in Pig. 20 
Coimection A gives a measurement of belt insulation 
^d conductor insulation next to the belt insulation 
Connect B gives a measurement of conductor insula- 
tton be^een one conductor and the other two conduc¬ 
tors. Two such measurements with two different con¬ 



Conneclion A Connection B Cnnn ^ yt iin c 

Fig. 20—Connections of Single-Phase Source to Three- 
Conductor Cable for Power Factor and Dielectric 
Power Loss Measurements 

ments made successively with connections B and A, 
as follows: 

Let Wb = watts measured, connection B, at voltage 
E 

Wa = watts measured, connection A, at voltage 
E 

V~S 

Then, total three-phase watts =, 1.6 Wb + IPa. 

The three-phase power factormay be taken as the aver¬ 
age of the power factor obtained with connection B at 
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voltage E, and the power factor obtained with connec¬ 
tion A at voltage 

The above relations have been proved to cheek the 
dielectric power loss and power factor obtained with three- 
phase supply up to rated cable voltage. For values of 
voltage above rated, the results appear to be consistent, 
but check measurements will have to be made before 
they can be assumed to be reliable with certainty. 

For purposes of applying the power-factor-voltage 



Fig. 21—Relation Between Life of Samples of Treated 
Paper Cable with 9/32-In. Insulation, Operated at 44-Kv. 
AT 25 Dbg. Cent., and Change in Initial Power Factor 
WITH Voltage from 27 Volts per !M!il. (Average) to Eighty- 
seven Volts per Mil. (Average) at 25 Deg. Cent. 
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Fig. 22 —^Powbr Factor-Voltage Relation at 25 Dbg. 
Cent, of Two Joints op Single Conductor Cable with 30/32 
In. Treated Paper Insulation 
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Fig. 23 —^Powbr Factor-Voltage Relation at 25 Dbg. 
Cent, of a 100-ft. Length op Single-Conductor Cable 
WITH 30/32 In. Treated Paper Insulation Shown by Dielec¬ 
tric Strength Test to be Poor Cable and Unsuitbd for 
Use 



loss may be located in the larger end-bell. Some 
measurements which have been made in this regard 
indicate that as long as there is no visible leakage, the 
difference in result obtained with or without guard rings 
is negligible. When corona and current streamers 
are visible, differences of 50 per cent have been ob¬ 
tained. The unsheathed portion of the cable must, 
therefore, be of sufficient length to prevent this source 
of error. 

The effectiveness of the power-factor-voltage test 
to separate poor cable from good will have to be deter¬ 
mined largely from experience. Fig. 21 shows the 
relation between life and change in initial power factor 
for several short samples of cable with 9/32-in, treated- 



Fio. 24 —Change in Power Factor During Life ofISinoi.e- 
CoNDVCTOR Experimental Cable Samples with 30/32 In. 
Treated Paper Insulation Operating at 80-Kv. at 50 Dbg. 
Cent.—^Measurements of Power Factor Made at 33-Kv. 
and 75 Kv. 



UFE.H0URS 


Fig. 25—Change in Power Factor During Life of a Sin¬ 
gle-Conductor Experimental Cable Sample with 30/32- 
In. Treated Paper Insulation, Operating at 80 Kv. at 
50 Dbg. Cent.—^Measurements of Power Factor Made at 
33 Kv. AND 75 Kv. 


test, it is, therefore, suggested that connections B and 
A be standardized, and that separate curves be’obtained 
therewith, these to be on the same basis of average volts 
per mil. 

The application of voltages during the power-factor 
measurement comparable in value to those of the high- 
voltage test will necessitate the use of larger end-bells. 
This will prevent the effective application of the usual 
guard circuits; also a relatively large dielectric power 


paper insulation, operating at 44 kv. While the curve 
drawn is not definitely located by the points, there is 
suggestion that a large change in initial power factor 
indicated short life, while a small change may or may not 
indicate long life. 

Fig. 22 shows the power-factor-voltage relation for 
two cable joints of smgle-copductor cable with 30/32 
in. paper. Cable joint No. 1 was hand-made and lasted 
two min. at 176 kv.; cable joint No. 2 was machine- 
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made and lasted 36 hours at 225 kv. Fig. 23 shows ^e 
power-factor-voltage relation for a length of cable with 
30/32 in. paper shown by dielectric strength test to be 
poor cable. 

A 200-ft. length of cable* similar to that for which 
the power-factor-voltage curve is shown in Fig. 19, was 
connected from one line, to neutral of a three-phase 110- 
kv., 60-cycle commercial circuit, at a voltage from 
conductor to sheath of 63.5 kv. It operated continu¬ 
ously at no-load for 10 days when failure occurred at a 
point 30 feet from one end. Examination revealed 
absolutely no discernible reason for the failure, the 
cable appearing to be perfect throughout. The de¬ 
fective end was cut from the length, voltage again 
applied, and same has been running continuously for 
90 days. (January 1,1925.) 

It has been noted that the power factor of a cable 
changes during its life. Fig. 24 shows the results of 
measurements of power factor made at different times 
during the life of four samples of single-conductor 
experimental cable with 30/32 in. treated-paper insu¬ 
lation, when operating at 80 kv. (85 volts per mil. 



TEMPERATURE DEGREES CENTIGRAOE 

Pig. 26—Power-Pactor-Tbmperatube Curves op Single- 
Conductor Cable with 30/32-In. Treated Paper Insulation, 
the Cable Being Heated by Oven and Circulating Current 

average) at 50 deg. cent. In s^ple No. 3 the paper 
was treated with a petrolatum-rosin mixture, while the 
others were treated with straight petrolatum. 

Fig. 25 shows results on a sample which has operated 
for over 3500 hours at 80 kv. at 50 deg. cent. In this 
connection it is interesting to note that a measurement 
of power factor made at a life of 250 hours gave a value 
of 0.17 at 75 kv. and 0.14 at 33 kv. No error could be 
found in the measurement at the time, nor have subse¬ 
quent tests on other cabl^ shown such large change as 
this. These values have, therefore, been omitted from 
the curve whi<di h^ been made dotted in tiiis region. 
The comparatively large change in power factor of the 
sample in Fig. 25 is interesting in the light of the long 
life of the sample. 

Such results, lowing change in power factor with 
life, are not new as they have been noted on tests with 
different pap^s under electric^ tension. Similar 
results have al^ been noted in the case of armature coils 
as well as having been reported to this Institute**. 

Apparen tly the change in . power factor within the 

♦Manufactured after Jan. 1, 1924 


limits shown has little effect upon the dielectric strength 
of the cable. It is evident, however, that continued 
electrical tension affected the cable. 

When making measurements of either dielectric power 
loss or power factor at temperatures above room tem¬ 
perature, it is quite necessary that the cable or cable 
sample be heated imiformly throughout. If this is not 
done results such as shown in Fig. 26 will be obtained 
where the power factor of a sample of single-conductor 
cable \vith 30/32-in. treated-paper insulation was 
measured in order 

1st, by circulating current through the conductor and 
measuring conductor temperature, using this value 
as the temperature. 

2nd, by placing the sample in an . oven for four hours and 
measuring both sheath and conductor temperature, 
which check. 

3rd, by repeating the 1st run. 

4th, by repeating the 2nd run. 

5th, by repeating the 1st run. 

The results show that not only is the power factor 
higher when the temperature throughout the cable is 
xmiform, but they also show increasing values with 
continued heating. This suggests that temperature 
measurements on cables intended for use should not be 
carried to values above the operating values. 

Testing Installed Cable 

The evidence available on the endurance of cable 
indicates the need of continued testing after the initial 
tests and installation of the cable. A good example of 
results obtained by methods departing from those 
standardized for testing cables has been reported to the 
Institute** by Messrs. Phelps and Tanzer in connection 
with tests conducted to rate cables after installation. 
The application of the method of rating by so-called 
“current-tinae” curves to low-loss paper-insulated cables 
has been carried on to a limited extent, with results 
which, although usually negative, still are of such a 
nature that the method is not considered to be absolutely 
inapplicable. This study should be vigorously con¬ 
tinued. 

Opportunity has been given to test single-conductor 
cable with 30/32 in. treated papqr insulation, known to 
be poor cable, up to direct voltages of -460 kv. applied 
for 15 minutes, without evidence of impending failure 
as shown by current-time curves taken periodically 
during the test. 

Suggestion has been made, that high frequency might 
be utilized for making capacitance or power-factor 
measurements on installed cable, the bridge and genera¬ 
tor equipinent required being of such a nature as to 
make it quite easily portable. Table I shows results of 
capacitance and power-factor measurements Tr^a/j^ at 
100 kilocycles on short samples of single-conductor 
cable with 9/32 in. treated paper insulation before and 
after endurance life run at 44 kv. The length of life 
d<^ not seem to be predicted by the value of the 
initial power factor. 
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_ TABLE I 

Endurance Test at Power Factor at 

44 Kv. 100 Kilocycles 

Sample-— —__ 

Temperature Life Before After 

Deg. Cent. Hours Test Test 

1 25 77 0.0105 0.0103 

2 25 86 0.0103 

3 25 89 0.0106 0.0102 

4 85 139 0.0114 

5 85 139 0.0106 

Q 85 1055 0.0105 0.0143* 

6 85 1055 0.0105 0.0093 

_7_ 85 1535 0.0116 0.0102 

♦Measurement made with failure in sample. 

Measm*ements on other samples made “After Test” were made after 
cutting out the failure. 

Values of power factor taken after test with the failure 
removed show practically no change from initial values. 

Several measurements of power factor made at 1000 
cycles on cable samples with 30/32 in. treated-paper 
insulation gave results from which no concord could 
be noted as regards life. The low voltage, about 25 
volts, at which these measurements are made is prob¬ 
ably a factor. It is interesting to note, however, that 
measmements made at 100 kilocycles on cable samples 
of different kinds of papers showed power factors 
differing by 60 per cent, though for samples of any given 
kind of paper, the variations were of the order as shown 
in Table I. The method appears, therefore, to be of 
value in detecting different materials, but does not seem 
to be sensitive to deterioration in a portion of a given 
materi^. 

Testing with Direct Current 

Experimental work is being continued in the.applica- 
tion of direct current to the testing of cables in order 



Pig. 27— Relation Between D-C. and A-C. (Effective) 
Breakdown Voltaob Above Ground at Different Tem¬ 
peratures OP Three-Conductor 5(X),000-om. Sector Cable. 
WITH Treated Paper Insulation 9/64 In. on Bach Conductor! 
I/I6-In. Overall Belt 

that its apparent advantages may be utilized in this 
field. The large number of d-c. cable-testing sets now 
in use by the. operating companies should allow of 
accumulation of a considerable amount of data showing 
the desirability of their use in the field. 

Fig. 27 shows results of tests made on samples of 
three-conductor 600,000 cm. sector cable with treated- 
paper insulation 9/64 in. on each conductor, 1/16-in. 


overall*. The a-c.-breakdown tests were made by 
starting at 40 kv. applied and held for five min and 
then raising five kilovolt each 15 seconds until break¬ 
down. The d-c.-breakdown tests were made by starting 
at 100 kv. held for five min. and raising five kilovolt 
each 15 sec. until breakdown. Three tests were made 
on each section of the cable by applying the test volt¬ 
age to one conductor with the other two and the lead 
sheath grounded. In this way each conductor was 
tested separately from copper to sheath. 

These results show a ratio of d-c.- to a-c.- effective 
br^kdown value somewhat higher than previously 
assigned from the results available at the time, but the 
evidence is accummulating that the ratio will increase 
as the thickness of the material increases. Recent 
tests on varnished cloth in sheet form up to a thickness 
of 10 sheets or 120 mils substantiate this conclusion. 

Continued experimental work and study of the 
problem indicates that although for any given break¬ 
down voltage with alternating current there is a corres¬ 
ponding breakdown voltage with direct current, each of 
these values depend upon several factors such as the 
nature and structure of the material, thickness of the 
material, temperature of the material, shape and size 
of elec^odes, and rate of application of the , applied 
potential. SUch a condition obviously prevents stand¬ 
ardization of a general value for the d-c.-to a-c.-break¬ 
down-voltage ratio, but rather requires that each in¬ 
dividual case be considered separately. This confirms 
what has been pointed out previously.*^ 

Conclusions 

1. Values of insulation resistance as heretofore ob¬ 
tained ^e of doubtful worth as a means for distin- 
tinguishing between satisfactory and unsatisfactory 
cable. 

2. The test for dielectric strength is the most im¬ 
portant and the best now available .as a suitability test. 
The difficulties in testing due to the increasing voltage 
rating of cables are being overcome. Indications are 
that the present standardized values of test voltage 
should be increased. Increasing the time of applica¬ 
tion a few minutes is of doubtful value; a long-time on a 
sample length has merit. Short-time ultimate dielec¬ 
tric-strength tests should be made on samples' taken 
from reel lengths. The bending tests, as at present, 
should be continued. Recognition should be given to 
the fact that many things may happen to the cable 
after the high-voltage test which this test cannot detect. 
Hence the advisability of periodic testing at voltages 
which will not injure sound cable and which will only 
affect cables where the deterioration has been abnormal. 

3. Measurements of dielectric-power loss and power 
factor are of value, and should be continued. The 
evidence indicates that good cable will show low dielec- 
tric-power loss and power factor, and that the change in 

•These samples were .supplied by the Commouwealth 
Edison Co. 
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power factor of good cable with varying voltage at 
room temperature will be small. The power-factor 
voltage test may not alwa 3 rs be infallible, however. 
There is need for standardizing the power-factor voltage 
test, as regards the nature of the source, the method of 
connecting same to the cable, the temperature of the 
cable, and the reporting of the results. 

4. Development work towards new methods for 
testing and rating installed cable during life have not 
produced new tests which are suitable for superseding 
those already in use. 

5. The increasing use on the part of the operating 
companies of d-c.-cable-testing sets, together with the 
experimental work being carried on, should allow of a 
determination of the most suitable application of 
direct-current to cable testing that its apparent ad¬ 
vantages may be fully utilized. 

In closing, the author wishes to acknowledge his 
indebtedness to others in the General Electric Company 
who have allowed him to use results of their work in 
this papCT. 
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Discussion 

D* W« Roper; The paper by Mr. Lee (the best discussion of 
the subject of testing high-voltage cable that has ever been pre¬ 
sented to the Institute) contains a great amount of interesting 
information all drawn from the experience of one cable manu¬ 
facturer. Some of the conclusions which he draws are, there¬ 
fore, rather limited in their application as they refer solely to the 
particular type of insulation with which he is familiar. As will 
appear later in this discussion, there is a wide variation in the 
characteristics or properties of the insulation made by the dif¬ 
ferent manufacturers. For the purpose of broadening our view 
and thus improving our perspective, and not for the purpose of 
making any invidious comparisons, between the products of the 
several manufacturers, I am going to quote some of the results 
that we have obtained in testing the product of a number of 
cable manufacturers, in the hope that I may be able to show how 
some of the conclusions given by Mr. Lee should be modified. 

On page 114, Mr. Lee cites the ease of the failure of an experi¬ 
mental length of cable connected to a 110-kv. three-phase over¬ 
bad line, and states that the examination revealed absolutely no 
discernible cause for the failure. 

About one-third of our failures in service result in a similar 
manner. 

In another paragraph on the same page, the author istates that 
the study of the current-time curves obtained with insulation- 
resistance measurements should be vigorously continued. On 
this point I thoroughly agree with him and offer him our con¬ 
tinued assistance and bespeak for him the cooperation of other 
operating en^eers who are in a position to assist. The develop¬ 
ment of additional methods of testing cable should result in the 



Feb, 1925 


LEE: PAPER INSULATED CABLE TESTING 


discovery of causes of failure for which no explanation can now be 
given. 

In Pig. 1 of the paper is given some data regarding the varia¬ 
tion in insulation resistance of fourteen reels of cable, the maxi- 
being of the order of 10 to 1* A study of our records 
shows that in three shipments of similar cable ranging from thirty 
to sixty lengths, the maximum range in insulation resistance was 
1.6 to 1 as compared with Mr. Lee’s figure of 10 to 1 for fourteen 
reels. The author thinks that such measurements are of httle 
value as a means of distinguishing between good and poor cable. 
In view of the data regarding other makes of cable which have 
been quoted, it appears that the results given by the author in¬ 
dicate that in his factory they have not secured control of all of 
the factors which affect the quality of their insulation. It also 
appears that studies made for the purpose of eliminating the 
present variations in insulation resistance will result in methods 
that will bring about an improvement in the product, and that 
there is an even greater chance of such a result than that the 
studies of current-time curves of insulation resistance will result 
in the discovery of improved methods of testing. 

No methods of testing high-voltage cable will .be satisfactory 
until it is possible to detect and reject at the factory all cable 
which contains the germ of a failure which will occur shortly after 
the cable is placed in service, such as the example cited by the 
author. This requirement, while it may appear somewhat 
idealistic, becomes more important as the operating voltage of 
the cable is increased. On a 12-kv. line we may be able to carry 
a maximum load of 8000 kv-a.; on a 33-kv. Hne, this figure wiU be 
about 15,000 or 20,000 kv-a.; on a 66-kv. single-conductor line 
the load may be 40,000 or 50,000 kv-a.; and on a 110,000-kv. 
single-conductor line, the maximum load may be 70,000 kv-a. 
These figures, which are illustrative, and not intended to be 
strictly accurate, show that the importance of continuous serv¬ 
ice inceases rapidly with the operating Voltage. 

The record of a number of recent installations of high-voltage 
cable made in this country and abroad, as shown in Pig. 1 here¬ 
with indicates the general trend of thickness of insulation as 
related to the opemting voltage. This record indicates that the 
operating voltage is increasing at a faster rate than the thickness 
of insulation. This means that as the oper6,ting voltage increases 
the dioleotnc stresses increase, and if the cable is to be as success¬ 
ful in operation as cable of the lower voltages, there must be a 
continuous improvement in the quality with the increase in the 
o^ratmg voltage. It is, therefore, quite necessary, as stated by 
the author at the beginning of his paper, that improvements in 
cable manufacture should be paralleled by improved methods or 
additional methods of testing, so that we may be able to dis¬ 
tinguish good cable from cable that will prove unsatisfactory in 
service. 

The rainbow that the engineers of some manufacturers, as well 
^ engineers of operating companies, including the speaker, have 
been chasing for a number of years is the search for some single 
test that will discriminate between good and poor cable. But 
.impregnated-paper insulation is such a complex structure and as 
made at different factories has such wide variations in its several 
properties, that the discovery of any single test that will prove 
adequate seems to be just as hopeless as the discovery of per¬ 
petual motion. Impregnated-paper insulation has a number of 
different qualities, as set forth by the author, such as insulation 
resistance, dielectric strength, dielectric loss, etc., and these 
q.u^ties are so interrelated that it is difficult, or perhaps impos- 
•sible, to improve the insulation in one particular, without having 
TOme effect on the other qualities, and these several qualities 
individually have very different values in'determining whether 
the cable will prove successful in service. 

In Pig. 2 herewith are shown the maximum and minimum di¬ 
electric strength values obtained in accordance with A. I. E. E. 
Standards on short lengths of cable*for all of the sizes pur¬ 
chased by the company with which the speaker is connected, 
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during the last two years. All of these cables have met the re¬ 
quirements of the N. E. L. A. Specifications and the A. I. E. E. 
Standards. It will be noted that the range in dielectric strength 
varies from 5 to 1 for low voltage cables to about 1.5 to 1 for 
20-kv. single-conductor cable, and 2.4 to 1 for 33-lcv. cable. It 
appears fairly evident from these data that the several cable 
manufacturers place very different weights on the importance of 
dielectric strength. 

In Pig. 3 are shown a number of curves showing the variation 
of dielectric loss with temperature which ai‘e typical of the prod¬ 
uct of practically all the leading cable manufacturers in the world, 
each one of whom thinks that in this particular feature his cable 
is entirely satisfactory. With such wide variation in the forms 
of the curves and in the values of the losses at the maximum 
operating temperatures, it does not appear that all of them can be 
right. 

Pig. 4 shows in a similar manner typical ionization curves; 
that is, the variation of power factor with voltage. One manu¬ 
facturer contends that there should be no variation in the power 
factor between 50 per cent and 150 per cent of normal voltage, 
while another manufacturer contends with equal force that a 
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Pig. 1 Relation Between Thickness op Insulation and 
Operating Voltage 

variation of 2 per cent over about the same range of voltage is 
permissible. No one manufacturer makes cable which is the 
best in all of those qualities described by the author which col¬ 
lectively indicate its excellence, and, in the face of such conflicting 
statements presented by the various cable manufacturers that 
are equally skillful and reputable, what is the purchaser to do? 

During recent years, improvements in cable manufacture have 
been so rapid that it is not possible for an operating company to 
buy cable of several different combinations of the qualities 
illustrated, and then wait for five or ten years to determine from 
operating experience which of the several varieties is the best 
before purchasing any more cable. Commercial developments 
and increases in load compel the operating companies to buy 
cable every year, and even if they should wait for five or ten 
years before buying more cable, they would then be told by the 
manufacturers that such cable was no longer made, due to their 
improvements in manufacture and cable of a different combina- 
tion of qualities would be offered. 

Table I shows the writer’s suggestion for a solution of this 
problem. In it are listed all of the test requirements given by 
the author. There are also given in the third column under the 
heading Weight for Best Performance the writer’s judgment as to 
the relative weight which should be assigned to each of those 
qualities or properties. As set forth in the table, all of these 
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cables comply with the N. E. L. A. Specifications and the A. I. 
E. E. Standards, but it will be noted that they pass the specifi¬ 
cations with widely'’ different margins in the various particulars. 
The cable which gives the best results in the ionization test is not 
the best in dielectric loss nor dielectric strength. As these 



Pig, 2—^Breakdown Voltages op Tests on Hot Straight 
Samples of laiPRBGNATED Paper Insulated, Lead Covered 
Cables 



Pig. 3 Variation op Power Factor with Temperature for 
High Voltage Cables 


Curves B, C and D are guarantees. Curves A, i? and G are of te 
results. All curves are for 60 cycles except A and C, which are for I 


figures in the column called Weight for Best Performance are the 
personal opinions of the writer, it is entirely possible that they 
are all wrong or that a different method of calculating the rela¬ 
tive performance of the several manufacturers from the test 


records should be used. A number of similar tables have been 
calculated, using radically different figures in the column of 
Weights for Best Perfornuince. These calculations show that 
changing the figures in this column to any other figures which 
appear to be within reason makes but slight changes in the 
relative order of the manufacturers. 

Such calculations indicate that the general method is correct; 
but some adjustment of the details may be necessary to secmre 
greater accuracy. It is not pretended that the figures at the foot 
of the table correctly I’epresent the relative merit of the <»<ables 
on a percentage basis, but it appears that the table does deter¬ 
mine, with reasonable accuracy, their relative order of merit. 

It should be possible by a study of the test records and the 
operating records to determine with a fair degree of approxi¬ 
mation the proper figures to be used for the weights for best per¬ 
formance, and after this has been done, the rating of the caliles 
consists mainly of simple arithmetical calculations from the test 
records. After such a tentative assignment of weights has been 
agreed upon by the manufacturers and the operating comj)anies, 
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Pig. 4—Ionization Tests on Three Conductor High- 
Tension Cables 
All 33-kv. cables except D, a lO-kv. cable 

then the manufacturers have a definite statement of the desired 
combinations of qualities to guide them in the improvement of 
their product. 

The operating companies, on their part, should carefully 
analyze all of their cable failures, with the assistance of the 
manufacturers, and agree upon the particular quality or property 
of the cable whose deficiency was responsible for each failure,, 
and from the mass of operating records of this kind which are 
available for study, modify not only the weights for best per¬ 
formance from time to time in accordance with operating experi¬ 
ence, but also the miniihum requirements of the specifications. 

There is no country in the world in which the engineers of the 
manufacturing companies and those of the operating companies 
are so well organized as they are in America, through their 
technical associations, like the A. I. E. E., and the commercial- 
associations like the N. E. L. A. and the A. E. I. C. to bring 
about such cooperation in a proper way. If this cooperation 
can be secured, there appears to be no good reason why the 
American cable manufacturers in a few years should not be 
leatog the world in the manufacture of high voltage cable, 
instead of occupying their present subordinate position. 

W. F. Davidsons Mr. Lee has presented a very helpful sum- 
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mary of the present status of testing high-tension paper-insulated 
cables so far as concerns tests to be made in advance of instal¬ 
lation, but I feel that it is unfortunate that he does not have more 
information to present in regard to tests intended to determine 
the fitness of the cable to meet the requirements of continuous 
operation. 

The tendency to use higher test voltages and slightly longer 
times of application in tests on reel lengths and samples seems 
to be a step in the right direction, for it will tend to eliminate 
weak spots and it is always the weak spots that cause trouble. 
But there are many things which we cannot learn from short- 
time tests, or even from tests of several hours dmation. Several 
operating companies using cables at the liigher operating voltages 
have lately found signs of a slow but very noticeabje deteriora¬ 
tion. In many cases this has been accompanied by the forma¬ 
tion of a substance variously kaiown as “A**, “wax,” or 
“cheese.” Efforts to produce this substance in the laboratory 
have generally been unsuccessful except where the time of test 
has been prolonged to many hours; short-time tests yield no 
results. This experience would seem to indicate the desirability 
of making tests on samples of cable using a voltage only slightly— 
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what is commercially possible, I have plotted the insulation- 
resistance readings (see Pig. 5) on successive reel lengths of cable 
brought up for test in two factories. In one case the ratio of 
maximum to minimum values is about 1.32, while in the other 
case it reaches 15.6. These cables have not been in operation 
long enough to permit a statement to be made as to their opera¬ 
ting performance, but it is interesting to note that the first lot of 
cable gave distinctly superior results on all of the other tests. 
As I see it, this means that the factory processes in the first case 
were more carefully controlled than in the second case. 

Several curves are presented with the paper to show the rela¬ 
tion between the test voltage and the time required to secure 
failure, but I feel that in their present form they are somewhat 
misleading. Take Pig. 10 as an example: We find that nearly 
instantaneous breakdown was secured with five variations of test 
voltage between 132 kv. and 100 kv. and we also note that 44 kv. 
produced failures in times varying from 30 hours to 160 hours. 
A curve has been drawn to pass through all of the points with 
remarkable precision. One might be led from this curve to as¬ 
sume that the cable would operate indefinitely at 43 kv. The 
experimental data seem rather too few for determining a curve 
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Item 

No. 


9 

10 

11 

12 

13 

14 
16 


1 tern 


Mechanical 

Wrinkles. 

Creases. 

Tearing in cold bent sample. 

FiUers... 

Impregnation. 

*Other conditions.. 

Electrical 

Range of insulation resistance. 

flncrease in Power Factor—Average. 

Increase In Power Factor—Maximum. 

Dielectric loss at 80 deg. cent.—Average_ 

Dielectric loss at 80 deg. cent.—Maximum.. 
Puncture Voltage 

Hot straight sample—Average volts per mil. 

Hot straight sample—Minimum volts. 

Cold bent sample—Average volts per mil... 
Cold bent sample—Minimum volts. 


Total weight, mechanical. 
Total weight, electrical... 
Grand total weight. 


Weight 
for Best 
Perform¬ 
ance 


4 

4 

4 

4 
8 
6 

5 
5 

10 

3 

7 

7 
11 

8 
14 

30 

70 

100 


4.0 

4.0 

3.2 

4.0 

8.0 

6.0 

3.1 
4.0 
7.9 
0.9 

2.1 

7.0 

8.6 

8.0 

13.6 

29.2 
66.1 

84.3 


Weights for Various Manufacturers 


B 


3.2 
3.0 
4.0 

3.6 

6.2 

4.8 

2.6 
5.0 
8.1 
2.2 
4.6 

6.5 

7.8 

6.9 
14.0 

24.8 

57.7 

82.5 


3.0 

3.6 
3.0. 
3.4 
8.0 
6.0 

5.0 

2.3 

4.7 
1.0 
3.1 

6.9 

8.4 

6.7 

13.1 

27.0 

51.2 

78.2 


D 


3,0 

3.0 

3.6 
2.0 
0.2 

3.8 

2.0 

4.0 

9.0 

3.0 

7.0 

6.8 
7,4 

6.7 
8.9 

21.6 

66.7 

77.3 


E 


4.0 

3.6 

3.2 
3.4 
0.2 

4.8 

3.4 

8.9 

5.6 
1.0 
3.4 

7.8 

11.0 

4.2 
10.0 

25.2 

50.3 
76.5 


2.8 

3.2 
3.0 
4,0 
4.0 

3.3 

4.5 
4.8 

10.0 

1.5 
3.0 

6.6 

9.3 
3.0 
7.2 

20.3 

50.4 
70.7 


ana TUloUness 


3.0 

3.6 

2.9 

2.6 
6.2 

3.9 

2.5 

3.4 

7.1 

1.2 

3.4 

5.4 
8.1 
4.1 

10.1 

22.8 

45.3 

68.1 


of lead 


xy _ , ^ .-'.•'••.a , vwy wujiulviuil ut siieaui. 

Tincrease In power factor at room teraperatiiro between 45 per cent and 215 per cent of rated voltage. 
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say 50 per cent—m excess of the rated voltage and then tnfl.ifing 
a thorough examination, including chemical tests, after two 
hundred or three hundred hours. There is another point, which 
may be touched on later, and that is the need for more elaborate 
tests to detect the presence of injurious impurities. 

The data presented to i^ovr the significance of insulation- 
resistance values are certainly almost enough to load one to dis¬ 
card them entirely from oable specifications. However, they 
swm to have a value which Mr. Lee has overlooked. The user 
M ^ble is vitally interested in securing oable of uniform quality— 
999 ft. of superlatively good cable cannot keep a line going if 
1 ft., is defective,—and it is my feeling that uniform cable will 
show reasonably uniform insulation resistance. When one 
stops to consider the very complex nature of cable insulation, it 
is not surprising that no simple relation has been found between 
msulation resistance and other characteristics of the insulation. 
But this does not, to my mind, afford a valid reason for rejecting 
them. As an example of that point in mind and illustrating 


and one would wish that figures were available to sliow the life 
of the cable at, say, 30 kv. 

Partial failures, such as are described, have long been known 
to those who have studied cable insulation and we find frequent 
reference to them - in the technical literature. 1 think it is going 
a little too far to suggest that these failures generally occur near 
the center of the insulation. Undoubtedly they do occur, as 
Mr. Lee observes, at points where the insulation is unusually 
weak or where the stresses are high but this point may be quite as 
well near the conductor as at the center of the insulation. In a 
number of samples taken from cable of ten different makes, bums 
have been observed rather more frequently at the point of high 
stress—-that is, at the surface of the conductor. For the obvious 
reason that the conductor is itself practically an equi-potential 
surface the tree designs are not found near the surface of the 
conductors but other forms of partial failure are yery common. 

Reference is made to the direct-current or kenotron testing 
method outlined by Messrs. Phelps and Tanzer in a paper pre- 
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seated before this Institute. Where attempts have been made 
to apply this method to low-loss cables it has been the common 
experience that it was difficult to get satisfactory results. Some 
experience along this line with the Brooklyn Edison Company 
seems to indicate that the difficulties are very largely the result 
of the rapid decay of the charging current. Whereas the old 
cables tested in Philadelphia showed that from two to three 
minutes is I’equired for the current to reach a fairly steady value, 



Fig. 5—Insulation Resistance of Consecutive Lengths 
OP 33-Kv., Thbeb-Conductor Cables 


low-loss cables show steady current values after about ten 
seconds. This makes it impossible to rely upon readings taken 
visually but special high-speed curve-drawing instruments have 
been used with very satisfactory results. 

The illustrations shown here indicate the type of results which 


ample justification for the use of this method. They also point 
to the moral that high voltages alone do not give sufficient as¬ 
surance that a piece of cable on a complete feeder can operate 
at the rated voltage. 

In passing it may be worth while mentioning that the keno- 
tron test method offers real advantages in the nature of sizes 
of testing equipment and ease of testing. A test set designed 
for 200,000 volts from conductor to conductor with a 250- 
milliampere output has been built and mounted on a 6-ton motor 
trailer. It would be quite impossible to move about a-c. testing 
equipment capable of handling the same feeders. Moreover, 
experience in Brooklyn with comparatively high d-c. test voltiages 
has failed to bring forth any evidence indicating damage to the 
cables as a result of repeated direct-current tests. 

J. B. Whitehead: There is general agreement nowadays 
that insulation resistance based upon the one-minute observa¬ 
tion is of questionable value. The reason is that insulation 
resistance has little bearing upon the loss and upon the per¬ 
formance of a cable, unless the resistance happens to bo extremely 
low. In the latter case, however, one of the puncture tests would 
be certain to pick it up. The loss duo to insulation resistance 
is a negligible part of the total loss of a normal cable, being of the 
order of 1 per cent or 2 per cent. The one-minute test is an 
indication of the dielectric absorption or residual charge of the 
cable. Taken at one minute this particular quantity has no 
'special interest. If the rate of absorption could be moasiiired for a 
small fraction of a second we should have important information. 
The loss in a dielectric is almost entirely due to absori>tion. It 
would be very important if we could know the type of variation 
pf the absorption during time intervals corresi^onding to frac¬ 
tions of the complete period of the alternating voltage. The laws 
of absorption are not sufficiently definite to enable us to deduce 
these values from the one minute test. 

Will Mr. Lee please tell us whether the curves between the 
power factor and insulation resistance give* the order in which 
the observations were taken? The curve for insulation resist¬ 
ance ascends continuously and if the points were taken in order 
it should be easy to trace the causes of the changes appearing. 
If these one-minute observations give the absorption it is easy 
to suggest two possible reasons for the difierences shown. Ab- 



Fig. 6—Graphic Record of Kenotron on Cable Showing 
One Leaky Conductor 


can be secured, although it must be admitted that the case chosen 
extrenie. Fig. 6 herewith shows a reproduction 
or the graphic millimeter record with the voltmeter record trans¬ 
ferred to it as a solid line. It will be noted that 4 and B con¬ 
ductors behaved as good conductors should behave, while C con¬ 
ductor ^owed excessive leakage. Just previous to the test, this 
reedw had been tested at the normal value of 136,000 volts, 
eonductor-to-conductor for five minutes and 
,OTO volts, conductor-to-sheath for five minutes but, as indi¬ 
cted, even ^ high voltage had failed to remove all of the faults. 
JTqo grounded, and C conductor was raised 
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t^^shadbeenremovedthefeederwastested 

volts and 96,000 volts as before. Then the tests shop 
g- were obtained. A few such cases as this seem to 1 


sorption is most sensitive to the presence of moisture and also to 
temperature changes. A further factor often leading to erratic 
one-minute readings is the influence of the preceding state of the 
material. Small traces of residual charge will often cause wide 
variations in the one-minute reading. 

Breakdown of cable insulation may be divided broadly into 
two types; direct puncture, and slow heating. The latter may 
begin as due to normal absorption loss, but ultimately it is a 
heating due to the passing of current. It seems to me that ip the 
case of cables breakdown must fall into the second class. Cable 
insulation has pronounced absorptive qualities and this accounts 
for practically all of the initial losses. It is of immediate im¬ 
portance therefore, in determining a proper test for picking out as 
defective cable, to consider the test from the standpoint of its 
influence upon the internal losses. Thus, I believe that the high- 
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voltage punoture test should not stretch beyond a eomparar 
tively short interval of time, as its chief function should be the 
picking out of flagrant imperfections. If a high puncture voltage 
IS appli^ during a considerable length of time, an a.htinn nffi 
duty is iiuposed upon the insulation from the standpoint of heat¬ 
ing, and increasing absorption due to temperature. The losses 
vary as the square of the voltage, and as even a higher power of 
the temperature. Two and one-half times normal voltage causes 
an initial rate of increase of loss of over six times normal. It 
seems to mo, therefore, that the suggestion of the author to in¬ 
crease both the value and duration of the voltage test is open to 
serious question because of the extreme abnormal duty which 
may be imposed on the insulation. 

I agree with the author that not too much importance is to be 
attached to the power-factor test. The power factor involves 
not only the loss but also the capacity of the cable. Both these 
quantities are variable and you may have a cable that is open 
to suspicion from the standpoint of loss, but which may not be 
defective as based upon the power-factor test. Naturally if the 
power factor is abnormally low it is a good indication of trouble. 

I offer the suggestion therefore that the best method for testing 
cables as they come through the factory is themeasui'ement of the 
loss, and to as high a degree as possible, the distribution of the 
loss along, the lengfth of the cable. I am quite conscious of the 
difficulties of such a plan but I believe that everyone will agree 
that cables ultimately fail duo to increasing local losses. For¬ 
tunately however the rate of increase of these local losses is 
initially not very rapid. A measurement of the total loss on a 
length of cable may completely screen the presence of a dan- 
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gerous local loss. The ideal test therefore would include not only 
the total loss test but a measurement of the time rate of change 
of temperature at intervals over the entire reel length. 

R. W. Atkinson: I shall limit my remarks to the method of 
measuring dielectric loss by the a-c. bridge. My earliest work 
in cable engineering was in measuring dielectric losses by a bridge 
method. I have retained an enthusiastic interest in that general 
t^e of measurement of dielectric loss because of the very great 
advantages it has over many other methods. 

The bridge Mr. Lee has described undoubtedly accomplishes 
m a very satisfactory manner the measurements for which he 
has used it. We have been using a bridge method that has a 
greater range of adaptability than Mr. Lee has apparently ex¬ 
pected from his method, and I think it may bo of interest to give 
a v^ brief dMcription of that method and a rough comparison 
of the differences between the two. This may be done briefly, 
because our method has recently been published in the February 
issue of the Bleetric Journal (1925, p. 68). 

I shall describe our bridge in terms of Mr. Lee’s Fig. 17. 
The le^hand side of Mr. Lee’s bridge is shown as a condenser, 
the ^ble, m series with a resistance Eg. The right-hand side of 
the bndge is the condenser Ca, and a resistance Eg shunted by a 
variable condenser. In our bridge, the variable condenser Cg 
w absent, and we have a variable, resistance in series with Ca. 
This of course is the Wien bridge which has been used by many 


and which was described in a Bureau of Standards bulletin about 
20 years ago. 

In order to make it available for high voltage, we have made 
one important change. Fig. 17 shows the cable and the high- 
voltage condenser connected together and the junction point 
connected to the source of high voltage. In our bridge we have 
opened this junction; the high voltage is connected to the cable, 
and a low voltage is connected to the right-hand side of the 
bridge. This requires an additional low-voltage transformer on 
this side, and necessitates a compensation, the value of which is 
determined by means of a standard or zero-loss condenser which 
is connected across the high-tension side of the line at all times 
that the cable sample is connected thereto, and which is connected 
in the bridge chcuit in place of the unknown condenser by means 
fo a voltage-switching connection. 

The general method of operating the bridge is to compensate 
by a special compensating circuit so that the loss is read correctly 
on the zero-loss condenser, the low-voltage switching connection 
is made, and the condenser or cable is then measured. 

With the Wien bridge, the same voltage is connected to both 
halves of the bridge. If it is desired to use this method at high 
voltages, a great many difficulties are introduced because of the 
fact that the resistance in series with the condenser, C2, is at 
high voltage. By opening the bridge and having high voltage 
on the cable only, these difficulties are avoided. With the 
Sobering bridge described by Mr. Lee, some of these difficulties 
are avoided by eliminating the variable resistance at high voltage 
and using a variable condenser at low voltage as shown in Fig, 17. 

I notice that Mr. Lee uses as much as 10,000 ohms in R 4 , 
With the detecting circuit that we have, we are able to measure 
extremely small samples with a maximum resistance of 1000 
ohms in the corresponding arm. If there is any capacity, as 
there usually is, between the right-hand corner of the bridge and 
ground, there will be an error in power factor# unless it is cor¬ 
rected, of exactly the same sort in either bridge, and of the same 
sort as the adjustment in power factor that is purposely made by 
Mr. Lee’s condenser C4. With 1000 ohms, which is the maxi¬ 
mum resistance we use, that error is only 1/10 as much as it 
would be with 10,000 ohms. We have found it convenient and 
satisfactory to compensate for this error where it is desired to 
make accurate measurements^ In general, the accuracy possible 
is to about 0.01 per cent in power factor. We often do not try 
to go this far, but it is quite possible even to exceed that degree 
of accuracy. 

Another advantage of our arrangement over any other form 
of bridge that I have seen described is that it is suitable for the 
measurement of three-phase losses. The primary of one of our 
transfOTmers is reversed in direction, and the bridge then becomes 
available in exactly the same way that a dynamometer-watt¬ 
meter is used in connection with the three-phase measurement of 
power factor of cables. 

In conclusion, I would like to add'that our resistances are 
independently variable, so that poWer-factor balance may be 
made without reference to the capacity balance which makes for 
a very wide range of adaptability of this method of measurement. 

W. A. Bel Mar* There are listed in Mr. Lee’s paper five 
classes of tests, all of which are intended to indicate whether 
cable will be reliable in operation. These tests are all more or less 
accepted and standardized, in spite of the fact that no one can 
prove a very definite connection between most of them and the 
subsequent reliability of the cable. 

Thus the insulation resistance test is known to be meaningless. 
The author has shown how an immense variation in the value 
of the insulation resistance occurs even in cable impregnated at 
the same time and in the same tanlc. 

The factors which affect the insulation resistance of the cable 
are the resistivity of the oil, the resistivity of the paper, and the 
relative amounts of oil and paper. 

Take the matter of the oil alone: The oil which is furnished 
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to the cable manufacturers is a very small matter to the oil 
refiners. To them lubricating oils, etc., are the principal things. 
They do not, as a general thing, pAy very much attention.to the 
very exacting requirements of the cable manufacturers. The 
result is that in purchasing oil with a specified minimum resis¬ 
tivity, the variation in resistivity is likely to be very great, some¬ 
times of the order of 100 to 1. There is a similar situation with 
regard to the paper, but it is not such a big factor as the oil. Of 
course, the ratio of oil to paper also depends somewhat upon 
the tightness of the paper and the perfection of impregnation. 

Hence, there is really no reason why one should get a uniform 
resistivity, and I rather suspect that it never is obtained except 
at very low values. You will have noted, in Mr. Davidson’s 
curves, that the manufacturer who showed a uniform resistivity 
had a uniformly low one, whereas the one who had variable 
resistivity was generally high, and at one time it came down to, 
but not below, the other. I should rather suspect that, in the 
case of the manufacturer who had the low resistivity, there was 
either some unknown leak in the testing circuit or improperly 
dried or over-oxidized oil which rendered all the values constant. 

With regard to the dielectric-strength test, there is eonaderable 
misunderstanding about that, as is to be seen from the arguments 
about the direct-voltage proof test. Experiments have been 
made which show that cable tested with direct voltage has a 
tendency to break down at about 2.4 times the voltage that 
causes it to fail with alternating voltage. From this fact it is 
commonly deduced that proof tests with direct voltage should 
be 2.4 times the proof tests with alternating voltage. I do not 
think that this is a logical deduction because we are not inter¬ 
ested so much in the conditions at breakdown, as we are in 
applying a test which will not initiate injury, and we are yet 
lacking in information as to the relative voltages, direct and 
alternating, which initiate deterioration. 

The dielectric-loss test has been shown to be useful in dis¬ 
tinguishing between two classes of cable, namely, those in which 
accumulative heating occurs at low temperature and at high 
temperature; it has, however, been rather generally assumed that 
because a cable with 5 per cent power factor is better than one 
with 20 per cent, therefore a cable with one per cent power factor 
is better than one with 5 per cent. 

I do not think that we have been justified in being so enthusi¬ 
astic about very low power factors. There are experimental 
reasons, substantiated to a certain extent, by practical experi¬ 
ence which indicate that very low power factors may be dan¬ 
gerous because of the inability of the cables to absorb transients. 
When a transient gets loose on a line, if there is no place for it to 
be absorbed, it is likely to cause damage. This effect is of little 
importance at 13,000 volts, but becomes of increasing importance 
as greater voltages are used. 

Some definite information on this was published by G. W. 
Partridge in the Electrical Review, 1924, vol. 94, page 992. Some 
of the old Ferranti cables were on the same system as some 
modern cables. The old cables having high dielectric losses, 
especially in the joints had quite an advantage over the low- 
loss cables in the small number of pressure rises which occurred, 
especially at times of light load. 

The capacitance test is in the same class as the megohm test; 
it does not mean anything in relation to the value of the cable. 
It is one of the survivals from the old days of telegraph-cable 
engineering. 

The last of the five tests listed is the bending test, which seems 
to me a way of passing the sins of the cable installer and designer 
onto the cable manuf^turer. The bending test seems to be in 
t 6 nature of a confession on the part of the operating companies, 
t has stood and still stands in the way of progress in high-voltage 
cable design. 

What do we need to assure the permanent sueoess of a cable? 
We need five things: 

First, ability to carry the normal voltage. 


Second, ability to carry or dissipate probable transient 
voltages. 

Third, chemical stability. 

Fourth, high temperature of accumulative heating. 

Five, adequate but not excessive flexibility. 

The first and fourth problems have been fairly well solved— 
ability to carry the normal voltage and the making of the tem¬ 
perature of accumulative heating high—but the other three have 
not been fuUy solved. American cable manufacturers ought to 
be given an opportunity to concentrate upon solving those prob¬ 
lems instead of on trying to get uniformity in megohms, certain 
values of capacity, flexibility and other things which do not mean 
anything at all. 

E. W. Davis: There can be no doubt that the standard ac¬ 
ceptance tests as applied to low-tension paper cables are not a 
safe basis for detennining the quality and performance of paper 
cable for the higher working voltages. For low-tension cables, 
the mechanical and physical tests of the insulating materials 
are often of equal if not greater importance than the electrical 
tests. But as we pass from low-voltage to high-voltage cables, 
and especially as we approach the high operating voltages of 
33,000 and 66,000 volts, the results of electrical tests assume tre¬ 
mendous importance. By a relatively short-time test, we must 
be able to determine the suitability of a paper cable for long¬ 
time operation. At the present time, wo have much to find out 
about the electrical properties of a finished cable and the relation 
of these properties to the electrical properties of the various 
materials that go into the construction of the cable. 

It has often been found that paper and impregnating com¬ 
pounds which show the best results for mechanical and physical 
properties have the lowest values for electrical properties. 

While the insulation resistance of a cable as it is measured at 
the present time may be of doubtful value, yet the fault may not 
be in the method of measurement, but rather one of interpreta¬ 
tion. We have not as yet been successful in establishing any 
relation between d-c. resistivity and power factor. On the 
other hand, when we have had paper cables that showed insula¬ 
tion resistance values below normal, we have invariably found 
the cause either in materials used or processes through which the 
cable was put during manufacture. 

Long-time high-voltage tests are undoubtedly a necessary 
part of acceptance tests of to-day, to determino the suitability 
of a cable for high-voltage operation. On the other hand, the 
length of time and the proper magnitude, of the voltage are un¬ 
known quantities. 

Standarizatiofi of testing apparatus, especially apparatus for 
making dielectric-loss and power-factor measurements, is a 
matter that should receive attention. All the, present methods 
give fairly satisfactory and consistant results at the higher tem¬ 
peratures, but results at low temperature (20 deg. cent, and 
40 deg. cent.) vary considerably with the kind of apparatus used 
to make the tests. The Sobering bridge offers, perhaps, a satis¬ 
factory solution for this problem. 

The question of high-voltage d-o. testing is still open to dis¬ 
cussion, As in high-voltage a-c. testing, the question of the 
proper magnitude of the voltage is of vital importance. The 
speaker has in mind a cable system that apparently withstood an 
a-o. test of 30,000 volts but failed when retested on 25,OCX) volts 
d-o. No satisfactory explanation for this phenomena has been 
offered, 

C* L. Dawes: Mr. Lee in connection with the description of 
the Sobering bridge mentions a three-stage audio-frequency 
amplifier which increases the sensitivity of the . detector to the 
necessary value. At Harvard University, in connection with 
research being conducted under the N. E. L. A. P%i;^r Cable 
Research Committee, we have developed an amplifier almost 
identical in design to the one used by Mr, Lee. In view of several 
recent queries concerning the design and use of such amplifiers. 
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Mr. Lee suggested that a description of such an amplifier might 
be of interest to the Institute at this time. 

' In some of our measurements we use a high-voltage bridge, two 
of whose arms have impedances of several megohms. For a 
detector we use a vibration galvanometer also of the iron-vane 
type, but unlike the one described by Mr. Lee, it has electro¬ 
magnets and also it must be critically tuned. In order to 
function properly in our bridge the detector must have not only 
Mgh power sensitivity but must also have a very high input 
impedance because of the high impedance of the bridge arms with 
which it is associated. We were unable to make the galvanom¬ 
eter itself fulfill these functions even when all the design factors 
were carried to the limit. Since the input impedance of a ther- 
imonic tube is very high, the use of such tubes in the detector 
circuit immediately suggested itself. Accordingly, a tube am¬ 
plifier was designed and constructed, the details being worked out 
by Mr. Q. H. Browning, a Research Fellow in Electrical 
Engineering. 

At first, the amplifier consisted of seven stages but later as the 
galvanometer was improved the nxunber was reduced to three. 
A diagram of the amplifier is shown in Pig. 8. 

Owing to the low frequencies with which we work, it was found 
desirable to use resistance coupling between stages, rather than 
than transfomaer coupling. Special 102-D tubes were used for 
the two stages^ since this type of tube has an amplification, 
factor of 30 or 40, whereas the usual amplifier tube has an ampli¬ 
fication factor of only 7 or 8. ’ 



Fig. 8—^Amplifier for use with Galvanometer 

In the last stage a 201-A or similar tube is used because its 
plate-circuit resistance is substantially equal to the highest 
transformer input impedance which it was practicable to con¬ 
struct. This transformer between the last tube and the gal¬ 
vanometer is necessary in order to reduce the transition loss 
between the tube and the galvanometer, the galvanometer im¬ 
pedance being only of the order of 1500 ohms at 60 cycles. 

This amplifier theoretically gives an amplification of 3000, and 
rough tests have shown it actually to be approximately 1000. 
Although at first sight this amplifier appears simple, it was nec¬ 
essary to overcome many difficulties before it became practicable. 
Considerable experimenting was necessary to determine the 
proper relation between gnd condenser and the resistance of the 
g^rid leak. The amplifier is very sensitive to magnetic and 
electrostatic fields and hence must be carefully shielded from 
both. The shielding must be sufficient distance from the tubes 
to prevent capacitive feed back. The input lead and the gal¬ 
vanometer lead must be twisted and surrounded by grounded 
sheaths, and yet the capacitance between these two sets of leads 
must be very low or feed back will result. With a high-impe¬ 
dance bridge, such as we use, it is absolutely necessary to bring 
the two input leads to ground potential, as otherwise capacitance 
e. m, fs. between these leads permit stray currents to flow in the 
bridge, resulting in a false balance. 

C. F. Hansons At the bottom of page 112 in Mr. Lee's 
paper he makes the statement that three-phase power factor may 
be taken as the average of the power factor obtained with con¬ 
nection B at voltage and the power factor obtained with con¬ 
nection A at voltage E/ \/3- I wish to say that my experience 
confirms that statement. 

At [the bottom of page 113. Mr. Lee suggests that con¬ 


nections A and B in Fig. 20 be standardized. These connections 
require single-phase testing and consequently four different 
connections on the cable are necessarj^ to obtain the power factor 
in various parts of the insulation. To make these four different 
connections consumes a considerable amount of time. I should 
prefer three-phase testing because only one connection has to be 
made. The transfer of the measuring instruments from one 
phase to another can be done with properly designed air switches 
at ground potential. The time saved and the convenience gained 
is desired from a production point of view. 

If the ground on the sheath, connection J5, Fig. 20, is removed 
and the sheath, instead, is connected to the middle point of the 
high-tension winding of the testing transformer, the current 
flowing in the wire connected to the lone conductor of the cable 
will be fairly accurately the three-phase charging current of the 
cable at voltage E, The three-phase dielectric power loss may 
accordingly be obtained with only one single-phase reading. 
Obviously, the lead sheath of the cable needs to be insulated from 
ground in order that the measuring instruments may be at 
ground potential. 

James A. Duncan: I was very glad to note the remark 
made this morning by a cable manufacturer's representative to 
the effect that the manufacturers are now keeping an eye open to 
the possibility of impurities entering the cable in the oil used. I 
have in my hand a sample of paper given me as a fair .representa¬ 
tive piece of what had been put into a number of reels of cable 
made, by a certain manufacturer for the Brooklyn Edison Com¬ 
pany. This piece of paper has a resistance of less than an ohm 
and an average dielectric constant of infinity and a power factor 
which I have not measured, but which is probably somewhat 
execessive for so-called “insulation.” 

In this connection it seems well to consider some of the im¬ 
purities which certainly exist in cable insulation and some of the 
reactions which are known to take place with such materials. 

Ozone, for instance, causes a number of reactions to take place 
in hydrocarbon oil. Messrs. E, W. Blair, T. S. Wheeler, and 
W. Ledburry report in the September 1924 Journal of the Society 
of Chemical Industry an experiment in which ozone was bubbled 
through boiling normal saturated hexane. The formation of 
formaldehyde and acetaldehyde in relatively large quantities and 
of small amounts of water, carbon monoxide and carbon dioxide 
were definitely shown to result. Probably all the acids up to the 
hexoio and the hexyl hexoate ester are also formed. 

It has long been known that certain metals catalyze the 
sludging process of mineral oils. Dr. Hans Staeger in the Schw&iiz 
Elektrotecknischer Verein Bulletin for March 1924 discusses the 
present state of our knowledge on this subject, including the very 
valuable part which his own experiments have contributed. He 
finds the presence of copper, brass, nickel, iron, zinc, tin, alu¬ 
minum, lead, constantap and rheotan accelerate the acidulation of, 
and consequent sludge formation in, the oil. The magnitude of 
the effect varies, of course, with the metal and the time. 

Pour hundred per cent more sludge was formed in 1000 hours 
in a sample of oil in contact with copper than in a «iTYiTln.r pure 
sample. ^ The sludges usually consist of both soluble and in¬ 
soluble (in oil) parts, and each of these parts may consist of both 
neutral and acid constituents. The oils oxidize the metds and 
in the case of copper, brass, zinc and lead actually partially dis¬ 
solve them. Copper, zinc and lead have been detected in the 
sludges formed in the presence of these metals. The insoluble. 
sludge with lead contained 20 per cent of the metal. 

Both aluminum and iron have been detected in samples of the 
so-called “cheese” or wax formation found in three different 
cables. These impurities are easiljy traceable to the paper used 
in cable manufacture. The aluminum presumably goes into the 
paper in the form of alum, which is used as a size. I have de¬ 
tected it in five samples of paper, but failed to detect it in fibre 
just before it enters the last beating process in the paper 
manufacture. 
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The form or amount of aluminum in the “cheese” has not yet 
been determined. Samples of cable paper from every cable- 
paper mill and from every cable factory in the country havp 
failed to produce so much as a square millimeter in wMch the 
presence of iron cannot be detected. The chemical test for iron 
is extremely sensitive and it is very possible that one might detect 
chemically iron occurring in such small quantities as to be of no 

importance. ^ ^ 

To avoid making this mistake, I have* also applied a physical 
test by means of a magnet. 

It is astounding to me that the cable manufacturers are using 
“insulating” paper which contains pieces of iron of sufficiently 
large dimensions to be picked up with a magnet. I have several 
pieces of paper with such spots of iron in them that it is possible 
to ring a door bell in a battery circuit including two flat electrodes 
“insulated” from one another by the paper. 

Aside from the conductivity of the iron, it is extremely ob¬ 
jectionable for another reason. One could hardly imagine a 
better situation for the production of ionization than a region 
bespeckled with rough bits of metallic iron, unless it were bits of 
copper. 

Suppose we think of a cable as consisting of a very large 
number of small unit lengths and think of each of these units as 
consisting of a condenser and a resistance in parallel. These 
units will then all be connected in parallel. If we admit that, for 
reasons outlined above or otherwise, one of these units may be 
very different from the average of the rest. Suppose, for 
example, its conductivity is very high and its capacity either high 
or low. It then becomes immediately obvious why one would 
not expect the average resistance and the average capacity, 
dielectric constant, or any quantity depending upon the capacity 
to bear any single relation to each other, for the reason that when 
in parallel capacities add arithmetically, while resistances add 
reciprocally. One very low resistance may be the predominant 
factor in a parallel connection, while a low capacity would offset ^ 
the average for the set very slightly. 

For example, in a cable supposedly divided into a thousand 
equal units, if one unit were altered so as to have one-thousandth 
the resistance and one-thousandth the capacity of its normal 
amount, the average capacity would be altered 0.1 per cent, 
while the average resistance as determined by measuring the 
whole cable would change approximately 50 per cent. 

It seems to me, therefore, that the resistance ought to be one of 
our best tests because it can not be uniformly high unless every 
individual element of the cable is at least fairly high. In testing 
a length of cable in the ground power-factor measurements might 
not distinguish between a uniformly poor cable and one merely 
containing bad spots, while a kenetron test, for instance, will 
burn through the weakest element of a spotty cable. 

Hermaoi Halperin: Near the beginning of the paper it is 
stated that “the best samples of three-conductor cable for 33 kv, 
have a breakdown, voltage on short-time tests of 200 kv.” 
Three different makes of this kind of cable pm*ohased by the 
Commonwealth Edison Company have had breakdown voltages 
of over 200 kv., and on one make the maximum voltage was 316 
kv. In the latter case the average breakdown on about five 
random samples was almost 300 kv. between conductors. These 
data are quite different from the figure given by Mr. Lee. 

The average gradient obtained in these samples was over 
400 volts per mil on one sample and over 600 volts per mil on the 
other sample, which values are about double the value of 250 
volts per mil given by Mr. Lee as being about the best obtainable. 

The cable insulation is a very important part in potheads and * 
even though we have trouble with failures in the crotch on 
samples, it appears to me that the voltages obtained by break¬ 
downs in the potheads are an indication of the quality of the 
cable. For instance, in tests on seven makes of three-conductor, 
33-ky. cable in Chicago and at the factories, we have found that 
old deteriorated 33-kv. cable might fail in the crotch at 125 kv., 


while better or new cables of the same make would fail at about 
180 kv. Then the new samples of the three makes of 33-kv. 
cable previously mentioned withstood tests of over 200 or 300 
kv., after which they had failures in the potheads. 

The suggested increase of 20 per cent for full-reel high-voltage 
tests on three-conductor cables at the factory, seems to be 
insufficient. We have tested about twenty lengths of various 
makes of 200-ft. section of 12-kv. three-conductor cable and 
found that some cable which had been in service and failed due 
to defects in the* cable, has withstood tests of 46 kv. for one, two, 
or three hours. These lengths had previously withstood factory 
tests of 30 kv. for five minutes. Increasing that factory test to 
36 kv. would have easily allowed considerable unsatisfactory 
cable to pass the requirements. An increase of 60 per cent is 
more reasonable to insure satisfactory cable, but even then some 
unsatisfactory cable might pass this test. It is for this reason 
that it is necessary to have the other tests in order that all the 
tests together will insure cable which will be satisfactory for 
operation. 

For instance, as pointed out in his Figs. 19 and 23, which show 
the variation of power factor with voltage at room temperature, 
if the increase in power factor is small the cable is superior to 
“poor cable” which has the large increase in power factor shown 
in Fig. 23. 

On the twelfth page a large number of factors are enumerated 
for the d-c. to a-c. ratio, and a conclusion is "given that each 
individual case must be considered separately. This would 
result in a complicated set of formulas which would probably be 
impracticable. It appears to me that the ratio could be changed 
on the basis of some major considerations, such as temperature 
and thickness of insulation. 

Apparently the ratio now being used, that is, 2.4, is conserva¬ 
tively low because Mr. Leo’s tests show that the proper ratio 
is 3.0 for cable with insulation for 12-kv. service, and he states 
the ratio increased for larger thicknesses. 

S. J* Roschs The author describes for the object of his paper 
“an attempt to devise a method of testing high-voltage cable, 
which will determine its operating characteristics in advance of 
its instaUatiop..” 

In looking through this paper, I find a series of statements of 
present practise accompanied by a series of statements showing 
the results of certain tests made by the company with which the 
author is associated. I fail however to see any real constructive 
criticism as to what values should be used as criteria for the 
determination of the suitability of cable before it leaves the 
factory. I am not wholly in sympathy with the author’s 
conclusions and the discussion I shall present, is an attempt to 
clarify some of the points which in my opinion the author’s paper 
has failed to do. 

Of all the mysteries presented to the electrical engineer for 
solution, the most baffling in my estimation has been the im¬ 
pregnated paper cable. It seems to me that the greatest cause 
for this mystery has been provided by the cable purchaser. To 
amplify this statement, let me say that the greatest cause for the 
lack of a proper understanding of cable phenomena has been 
the vast multitude of specifications supplied by various pur¬ 
chasers for high tension cable. 

Take for example a cable for 13-kv. service. Specifications 
for this type of cable range from a wall of 9/64 in. on the conduct¬ 
ors and 6/64 in. on the belt to 14/64 in. on the conductors and 
8/64 in. on the belt. One can readily conceive that of two cables 
made of the same materials under the same routine, the cable 
with the heavier wall of insulation will certainly have the greater 
factor of safety. If, therefore, we start comparing the operating 
performance of 13-kv. cables of several utilities, we find our¬ 
selves comparing cables which should be alike, but which are 
absolutely foreign to each other. 

Until the present time, the purchaser has been specifying every 
criterion for the determination of cable quality, but apparently 
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the best of these speeifica/fcions have been unable to pick out 
defective material. I beUeve it would be weU to pause for a 
moment to see if we can trace some of the underlying causes for 
this fact. The testing of a cable generally consists of two phases, 
namely, 

(a) Tests made on the full cable length. 

(b) Tests made on a sample of this cable. 

Right here in my opinion is the crux of the situation for there 
has been entirely too much testing of the samples, and not enough 
of the cables. Look through your N. E. L. A. reports or the 
proceedings of the A. I. B. E. and you will find that although 
cables intended for 33-]^. service have failed after only three 
months of ser^dce, nevertheless samples which were supposed to 
be representative of these cables, could not be broken down at 
230,000 volts. Furthermore cables whose samples did not 
break down at these high values, are operating without any 
difficulty whatsoever. What inferences can we draw from the 
above? The ones that I would draw are as follows: 

1. That the dielectric strength of a sample is not to be taken 
as indicative of the dielectric strength of the cable. 

2. That there may exist a compound which has high initial 
values, but which deteriorates rapidly under actual service 
conditions. 

3. That there may exist a compoxmd which has moderate 
initial value, but which remains practically constant for a period 
of years. 

If what I say be true, the solution must be obvious. The 
standards by which a cable is measured must be revised. In 
revising these standards, we must bear in mind that it is the 
cable and not the sample which is to be placed imderground. 
We must therefore begin studying the cable more closely and 
look to the sample to give us only such additional information as 
cannot be revealed by the cable. I shall now take up the 
various tests in their order. 

Pxtll-Reel Hiqh-VoiiTagb Test 

Until such time as the thicknesses of insulation for various 
working voltages are standardized, I believe that the following 
test values should be used. 

For cables up to 15 kv. the test voltage should be either 100 
volts i)er mil or two and a half times the rated voltage, the larger 
of the two values being the one to be used for the test voltage. 
The voltage should be applied for five minutes. For cables 
rated at 16 kv. to 25 kv., the test voltage should be either 125 
volts per mil or two and a half times the rated voltage, the larger 
of the two values being the one to be used. The voltage should 
be applied for five minutes. For cables rated at 26 kv. and over, 
the test voltage should be computed on the same basis as that 
prescribed for the 16- to 25-kv. class except that the period of 
application be fifteen minutes instead of five. 

On cables rated above 15 kv. one reel out of every ten should 
receive an additional test of twice the working voltage applied 
for one hour. I consider all of the above tests as the best yet 
advocated for the determination of high-quality long-endurance 
cable. The values advanced are not high enough to overstress 
the insulation, and yet provide a very considerable factor of 
assurance that the cable will stand up under the rated service 
conditions. The last test, namely, the one applied for one hour 
to one out of every ten reels, is one of the most important in that 
it gives a fair idea of the endurance ability of the cable in general. 
Choosing one reel out of every ten, is almost the same as giving 
each reel an endurance test, since the reel selected, will practically 
represent the condition of each particular batch of cable as it is 
manufactured. 

Insulation Rbjsistanob 

The subject of insulation resistance has always been more or 


less of a joke in the paper-insulated cable industry. Every 
attempt at some form of standardized specification has recog¬ 
nized this fact in one way or another. In the Report of the 
Underground Systems Committee of the N. E. L. A. of 1922, 
embodying specifications for Impregnated Paper-Insulated 
Cable, under section 8, the first paragraph reads as follows, 
“The insulation resistance in a quantity having little significance 
except as a guide to the uniformity of the product; that is to say, 
a cable of high insulation resistance may be no better than one of 
comparatively low insulation resistance. Any important varia¬ 
tion revealed by test should be investigated with a view 
to ascertaining whether the particular length has undesirable 
characteristics.” 

On page 105 in Mr. Lee’s paper appears the following 
statement “Although measurements of insulation resistance have 
been made on cables for years, and are still being made, the re¬ 
sults as determined by the standardized procedure are of doubtful 
value as being indicative of the suitability or unsuitability of 
cable for use.” Mr. Lee further points out that in one case on 
thirteen lengths of 33-liv. cable manufactured during a three- 
months’ period, the ratio of insulation resistance between the 
highest and lowest cable was as five to one. He goes one step 
further by saying that in another ease, on eight reels of 22-kv. 
cable made from the same paper, treated in the same compound, 
in the same tank at the same time, the ratio of insulation resist¬ 
ance between the highest and lowest cables was as four to one, 
and yet there had never been any evidence to prove that one reel 
of cable was any better than the other. It is practically impos¬ 
sible in^ the light of our present knowledge to attempt 
to explain the cause for the variation in the last men¬ 
tioned case because apparently the conditions were identical 
throughout. 

In spite of all of the foregoing, inspectors have rejected cables 
for a lesser variation ip insulation resistance, simply because the 
cable manufacturer has been unable to expound some theory that 
would plausibly explain away these variations. On page 306 of 
the Electrical World issue of February 7th, 1925, under an article 
entitled “Progress in High-Voltage Cable Manufacture,” 
various causes are cited that led one large cable purchaser to 
reject cables in 1924 and among these is listed insulation re- 
sisUnce. I am citing this case to show that although insulation 
resistance has not been considered of importance in determining 
high-quality cable, nevertheless, purchasers have used the results 
of this test to reject cables. 

If insulation resistance as now measured is meaningless, is 
there some method for making this test that will prove of greater 
value? I believe there is. 

Fig, 9 shown here represents the present method of making 
insulation-resistance measurements, namely, taking each con¬ 
ductor against the other two and the sheath which in turn is 
connected to earth. The faultiness of this method lies in the 
fact that we do not get the resistance of the various leakage 
paths separately, but collectively. 

Fig. lOd shows conductor No. 1 against No. 2, No. 3 and sheath 
and ground as in the^ ordinary method. Fig. lOe shows con¬ 
ductor No. 2 against No. 3 using both poles of the source of d-p, 
potential and giving an absolute resistance of the field between 
conductors. Fig. lOf shows conductor No. 3 against the sheath 
and ground which enables us to explore the field between one 
conductor and the sheath. Fig. lOg shows conductors 1, 2 and .3 
against the sheath which in turn enables us to explore the entire 
belt insulation. 

This method uses only one additional test per reel of cable. 

It is not new, having been used as far back as 1910 to the 
speaker’s recollection, but it certainly tends to reveal consider¬ 
ably more concerning the leakage paths in a cable than the one 
shown in Fig. 9 which is in general use at the present time. 
Furthermore, tests d, e,/ and g have a further value in that they 
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should bear a definite relationship to oneanother. Porexaniple, 
if the value of insulation resistance obtained on 

^.* 100 per cent 

Test e should be approximately = 160 per cent 
rp^sljy “ “ * 125 per cent 

Testg “ « . “ = 70 per cent 

With the different types of compounds in vogue today, where 
the compound used might be a mixture of some solid substance 
combined with a very fluid oil, the relation^p between these 
tests might vary, but the same rate of variation should exist for 
that particular manufacturer’s cables. There is one other point 
I yrould like to advance, that in the case where the insulation 
resistance appears to be low, the best way to determine whether 
it really is low, is to submit it to a three-minute electrification 
test. It is obvious that a conductor having a weak spot in its 
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insulation cannot have the same rate of electriflcation for three 
minutes as a good conductor. 

• Power Factor, Dielectric Loss and Ionization 

One of the largest cable purchasers in this country recently 
reviewed the results of tests made during 1924 on a very large 
order of 13-kv. cable. This order was. divided among six differ¬ 
ent cable manufacturers, the entire order having been inspected 
by what is undoubtedly the best testing organization in the 
country. This purchaser attempted to rate the six cable manu¬ 
facturers according to the tests obtained, with the following 
results: 

The manufacturer who had the g^reatest number of wrinkles in 
his insulation, the greatest numbei* of creases in his paper, in 
short the poorest mechanical conditions in his cable, this same 
manufacturer who had the poorest impregnated cable, the lowest 
dielectric breakdown on a hot sample, the lowest dielectric break¬ 
down on a cold sample after bending, this same manufacturer 
nevertheless, had the best ionization characteristics, namely, the 
smallest variation in ppwer factor between stresses of 20 and 100 
volts per mil, and also had the very lowest dielectric loss of all the 
cables manufactured for this purchaser. 

Let me bring up one more point. The comply with which 
the speaker is associated, in 1900 manufactured and installed 
the first 25,000-volt cable ever made in this country. Tests 
made recently on samples of tl^ cable, showed that it had 
power factor of about 30 to 40 per cent at 100 deg. cent., that 
it would fail miserably on the bending test at — 10 deg. cent., 
and nevertheless this cable, is operating to this very day with a 
smaller number of proportionate failures than any cable of 
similar design manufactured within the past ten years. One 
must necessarily ask the question as to how important are 
ionization, dielectric loss and power factor in the pre-determina¬ 
tion of the suitability of a particular cable for a certain definite 
service. 

In Fig. ^ of Mr. Lee’s paper, sample No. 3 which had the 
highest initial power factor of all four samples nevertheless stood 
up after 600 hours under the particular life test with a much 
smaller variation in power factor than the three others which 
had the lower initial values; All of the above in my estima-. 
tion points clearly to the fact that power factor, didectric loss 
and ionization have very little effect on the didectric strength 
of a cable. In other words, a high power factor may or may not 
be accompanied by a high didectric strength or vice versa. It 
seems to me that in the past, we have been a bit too rash in 


condemning certain types of cables, and overrating others on the 
basis of test performance on dielectric loss, power factor and 
ionization. In the paragraph immediately above Fig. 24 Mr. 
Lee states “The Effectiveness of the power factor-voltage test to 
separate poor cable from good will have to be determined largely 
from experience.” I am in absolute sympathy with Mr. Lee on 
that score and believe that although these measurements should 
not be discouraged, they should not be wholly used as a means 
for picking good cables from bad. 

There is no question that of two cables, the one having the 
lower dielectric loss, will have the higher current-carrying 
capacity. Let us confine ourselves therefore, to a reasonable 
value of power factors say a maximum of 5 per cent at 80 dog. 
cent, and 10 per cent at 100 deg. cent, and not attempt to try 
to make cables as perfect condensers. I can see no valid objec¬ 
tion to any series of tests, but I do object to setting up these tests 
as a criterion, when their value as such has not been substantiated 
to the satisfaction of all concerned. 

Samples 

A 10-ft. sample cut from the end of a reel of cable can be used 
to reveal the following: 

(a) It may show that the cable which it represents can stand 
a bending test, but it cannot reveal whether or not a 10-ft. 
sample cut from the other end of the cable, will be as good as the 
first in meeting the bending test. 

(b) It may show that the cable which it represents has a high 
dielectric breakdown strength at 85 deg. cent, but there is 
nothing to indicate that a 10-ft. sample cut from the middle 
of the cable would yield as high a value. Tests made by the 
speaker on a number of samples cut from cables of different 
makes, have shown considerable variation in dielectric strength 
although the particular samples were taken adjacent to each 
other. 

(c) A 10-ft. sample can however be made to show the physical 
make-up of the cable, the method of application of the insulation, 
the tensile strength of the insulation after drying and impregna¬ 
tion as compared to average values obtained on the new treated 
paper. In this way the inspector can tell whether the extremely 
high insulation resistance or low power factor obtained on a 
certain cable has been obtained at the expense of over-drying the 
paper insulation or whether it is inherent in the materials of which 
the cable has been manufactured. 

I would therefore recommend, in the absence of any bettor 
suggestions, that these physical and electrical tests on samples 
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be continued, always bearing in mind however, what the results 
obtained actually mean, and how far they can be applied in fixing 
cable quality. 

Ratio op D-C. to A-C. in D-C. High-Voltage Testing op 

Cables 

The subject of d-c. high-voltage testing has assured some 
importance of late and has also brought out some adverse 
criticism due to the arbitrary way in which a ratio of 2.4 has 
been fixed. We know that when testing a cable with alternating 
current the insulation is subjected to the maximum value of 
the voltage wave, we should therefore conclude that it would be 
al?le to stand an equivalent d-c. value which should be equal to 
1.41 times the maximum a-c. value. Instead of this however, 
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we liwd that an arbitrary vahio of 2.4 times tlio root-nu»aii« 
square a-e. volta#?o lias been taken, whieh fjives a value of 1.7 
times the inaxijiiinn jwi. value, or an inereaHo of ov<>r 21 per cent, 
over the t.lieoroti<«U d-r^, value to bo used. With all duo respect 
to the splendid work done by iuvost.i^jator.s botli hero ami abroad, 
wo are nevertheless confroniod with the fact that the true ratid 
do6.s depend upon the nature and structure of the material, upon 
tho thickness of the insulati<m, upon the temperature of tho 
material, the size and shape of tlie coiulmttors and tho rate of 
application of tho apjdiod ])otential. In other words of two 
similarly desi^jned (jablos, one may bo impro^i^nated with a com¬ 
pound where tho ratio of d-o. to a-c. may bo more than 2.4 but 
the othor may be los.s than that value, nevertheless both cables 
will have equal life wlion passitifi: the a-c. installed voltaire. In 
fairness to all concornod until more kninvled«:e has been obtaine<I 
on the results of this form of testini?, 1 would su;^f^o.st that each 
manufacturer bo porjuittod to specify the ratio of d-c. to a-c. 
with which he would allow his cables to be lostod. I am a lirm 
boliovor in d-o. bij^h-volUiKo tostini? of mildos and expect to seo 
the day when this form of testing will supercede all others now 
in uso on both tho factory and installation tests of cables. 

Ihuxu'' Tkstinu Arrmt Installation 

I am a lirm boliovor in proof testing of cables ami would 
rocommond that twice a year, cables be tested at one and a half 
times the rated voltage for lifteeri tninutes. Tliis would not 
oyorstress tho cable insulation, and yet would bo sullicieut to 
give as.suranco that the (^ablo was going to operate Hatisfmdfirily. 
Above all, I Avould earnestly recomnu*nd that tho utility engi¬ 
neers inform the cable manufacturer of the results obtained on 
his cable during sorvico, so that ho can link uji the experience 
gained in tho Piiotory with that ohtainc<l under actual operating 
conditions. 

I.M. Stcim I \yas very much iiiturestod in the now galva¬ 
nometer mentioned in this paper, and am sorry Mr. Leo didn’t 
say more about it. Very oft(3n in a-c, measurements, progress 
is retarded by hude of a suitable dotec?tor. Wlien we have a 
now one, it may open up paths for further progress, I hope, 
therefore, Mr, Leo can toll us more about bis innv detector. 

I liad tho pleasure of reading Mr. Atkinson’s luipor on Jlridge 
Moasuremouts of J.)ioIoctri(} Losses, whifdi appeared in tho 
February issue of tho ElvcMc JourmL The detector used )»y 
Mr. Atkinson is somewhat differont from Mr. Lee’s and <loesn’\ 
r©(iuiro any ampUncation. I am wondering if Mr. J.oo can tell 
us the advantage of his doUsitor c»vor tho one used by' Mr. 
Atkinson, which^I boliovo is an iron-core <lymam(miotor. 

Bridge methods are known to have the advantage tJiat the 
detector does not have to be calilirated, as in a bridge the detector 
is used as a null instrumoiit. However, there are null methods 
^hudi are not liridgc metliods, and emo which is particularly 
suitable for moasuriiig the power factor of cables is sJiown here¬ 
with in Fig. 11. 

In the method shown an uncalibrated tlynamonieter servos as a 
null detector. This does not moan tliat there is no current 
flowing through one of the dynamometer coils, but rather that 
whatever current is flowing through ono coil i.s in qiuulraturo 
with tliat in the otlier. 

The operation consists merely of rotating the inductomoter 
until the dynamometer indicates zero; then the power factor is 
read directly from the .scale of tho inductomoter, which may 
have a range of 0 to 6 per cent power factor. 

A diroot-rcading power-factor scale is obtained by compensa¬ 
ting (with a condenser and shunting resistance) for the residual 
inductance of the inductoinot>or, the inductance of the potential 
coil and the phase angle of the potential transformer. The 
phase angle of the potential transformer may vaiy somewhat 
with the applied voltage, and one terminal of the compensating 
condenser is mmle adjustable to take caro of this phase-angle 
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change. TJio adjustaldo terminal of tlie condenser is coupled 
with a voltage scale, and hy setting tlie iiuh^x of this scale to tho 
working voltage, the cliange in pJiaso angle of tho potential trans¬ 
former is compensated autonlaticlllJy^ 

It is usual to make tests at a low voltage and at live times this 
voltage. A raiige-chauging switch may be jiruvidcd, which ojier- 
ates oil bot h the series coil and the potential coil in such a way as 
to give tlie same sensitivity at low voltage and live thrums low 
voltagi!, still retaining the direct-reading powtT-factor scale. 

Unlike Mr. Atkinson’s bridge arrangement, tliis eqiii]mu»nt is 
intended for one use only; uauudy, f<ir measuring tlie power 
factor on full-reel lengths of cable. Bt^cause of tlie simiilicity of 
the arrangement, together with tho direct-reading power-factor 
scale, only a few seconds are required to make each measurement. 

If. W. Eales: It is probalily fair to say that tlu» need of users 
still exceeds the capability of tho inak<n*s taken in iiiuuhers. 
’riio data developed in the jiapt^r aiiplitis mainly to sliort lengths of 
land cables of umderate voltages, with maximum of Jk*l-kv. 

• Dejiarturo from these valiums brings tho usi.t into untried fields. 
Testing equipment has been (hisigned for shorf. lengt hs and mod¬ 
erate voltag(*.s, tlie number of makers (upiipixMl to i(*st cables of 
very high voltagi^ and long lengths b(»iug vi‘ry few. Those wlm 
use bO-kv. to i;l2-k V. calde liavo very little experience of others Uy 
by. 
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Fortunately, progress is made by trial. ITimsiial inlert^si is 
therefore attached to the Bb-kv. and lT2-kv. installations at 
Cleveland and Schcmectmly respectively, and to the «,mumnced 
rmrehaso of ;ib-kv. BbO.OOO-cir. mil thrce-coiiductor siMitor 
submarine cables which are to be installed in tho Mississifipi 
River at iSt. Louis, each of which will bo mailo up in half-mile 
lengths without splice, or twice tho length heretofore attempted 
for this cla.s8 of cable. 

R* W. Wie$emans When alternating (siirrent is used for test 
iiig, tJm wave shiiiic of the applied voltage must nnnain the same 
throughout the test if confii.stent aud deependabJe results are to bc 3 
obtained. The sine wave is universally recognizcul as tlie stand¬ 
ard wave form of voltage. 

In cable testing it is extremely important that the generator 
should have a sine wave of voltage at all conditions of load. The 
generator voltage wave must tlierefore be free from all liarmouics, 
especially tooth ripples. 0 therwiso the condenser capacity of the 
cable will greatly amplify the harmonics and the current wave will 
be saw-tooth instead of smooth, also additional dielectric losses 
will occur in the cable insulation. Furthermore, the g^merator 
must be stable throughout a wide voltage range wlum delivering 
largo loading-zoro-power-faotor currents. 

The testing genorator shown by Fig. 4 of the paper was do- 
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signed especially for cable testing. The excellent voltage-wave 
characteristics shown by Fig. 5, and by the table at the bottom of 
page 106, were obtained by a suitable choice of armature 
winding pitch and distribution. This type of generator can be 
short-circuited either three-phase or single-phase and the full 
normal-load current wave at zero voltage has a maximum devia¬ 
tion factor of only 1.6 per cent. A generator which has these 
characteristics is ideal for testing purposes. 

P. W. Sothmans “Too many of our high-tension cables are 
coming up to specification but not up to expectation.” In 
other words we test the proposed cable and find everything o. k. 
We put it into service and too large a percentage fails under 
operation, which shows that there is something wrong. 

Quite often the consulting engineer is called into conference too 
late, t. s., after trouble occurred which in many instances could 
have been avoided. 

The characteristics which we know and have observed in over¬ 
head high-tension transmission lines are familiar to us. In 
underground cables the phenomena are often 10 to 20 times more* 
severe in destructive effect than in overhead systems, due to the 
characteristics of a cable. The result of our work on overhead 
lines has been the design of surge-preventing or surge-reducing 
apparatus. In the underground systems nothing or very little 
has been done to make the over-potentials, surges, etc., harmless 
or to prevent them. 

There is much room for closer cooperation between the cable 
manufacturer and the utility company. Each one should place 
the observed facts open to constructive criticism and discussion. 

We learned from one discusser that the oil companies do not 
pay any too great attention to the quality of the raw materials 
delivered. The same is true of the paper manufacturers, which# 
simply means that the cable manufacturers must treat the ma¬ 
terials individually and cannot adopt a standard method. The 
treatment should be continued until tests prove the material has 
been made satisfactory. 

The company which installs the cable also should do its part. 

I have seen cable pulled into duct in such a manner that the force 
applied was greater than the elastic limit of the cable. I even 
know of cases where new oaTjles were pulled in two. Further¬ 
more, the tools used in the laying of cables are often obsolete and 
not suitable. For instance, the pulleys through which the cables 
move often have flat grooves instead of grooves to fit the contours 
of the cable. The bearings in the guide pulleys are often com¬ 
mon holes, whereas roller bearings would rediice the friction 
greatly and should be used. See Fig. 12. The consequence of 
such flat grooves is that the cable is damaged and will not per¬ 
form properly. 

Persoxially, I do not approve of our cable specifications in 
respect to dictating the minimum insulating thickness, as t.Tiia 
does not spur the cable manufacturers to use the very best in¬ 
sulating material. My suggestion would be to say, “The in¬ 
sulation or distance between conductors should not be more than 
so many thousandths of an inch.” 

G. E, Luke (by letter): It is noted that the insulation 
resistance of the cable is measured after a one-minute application 
of the d-c. voltage. It is well known that such a reading is not 
the true ohmio resistance, since the transient current measured at 
this time interval may be several times greater than the final 
steady value due to the absorption effect. Hence, in a general 
way, this current will be a function of the power factor as shown 
m Figs. 1 and 2. It is suggested that this apparent resistance 
be measured at the end of a five or ten minute period since such 
"w^ould be very near to the true resistance; also a reading 
shomd be taken 10 to 30 seconds after voltage application. The 
ratio of the short-time reading to the long-time reading would 
be approximately the ratio of the absorption current to the 
true conduction current and would be an indication of the 
contoon of the cable. (See paper by Phelps and Tanzer, 
A. 1. E. E., 1923, p. 54.) 


In the conclusions (1) the author says “Values of insulation 
resistance as heretofore obtained are pf doubtful worth as a 
means for distinguishing between satisfactory and unsatis¬ 
factory cable.” It is agreed that such measurements will not 
classify average-grade and high-grade cable but should in some 
cases be able to distinguish between defective cables and passable 
cable. Thus in electric machines insulation resistance is taken 
before the high-voltage test in order to determine if the insulation 
is in condition to withstand the test. In such eases a very 
low resistance might indicate absorbed moisture or defective 
insulation. 

In reading the data given in Pigs. 10 to 13 on breakdown volt¬ 
age-time curves at various temperatures, nothing could be 
found as to whether the temperature specified applied to the 
conductor, sheath or ambient air. For example, in Fig. 10 the 
temperature given was 25 deg. A voltage application of several 
times normal value will result in an elevation of the insulation 
temperature, hence it would be interesting to know the maxi¬ 
mum insulation temperature for each test. This raises the 
question—^Was the insulation breakdown due to high tempera¬ 
tures, chemical action, or to a dielectric puncture at normal 
temperatures? Of course, combined effects may be present; 
however, it is suspected that the thermal action domiaates. 

It is suggested that the longer life of the cable on endurance 
run at 50 deg. cent, compared to 26 deg. cent, may be duo to the 
lower viscosity of the impregnating compoimd and hence better 
distribution. If this is true, then it is an argument for the more 
fluid compounds. 



Pig, 12—^Usej of Pulleys for Pulling Cable 


Regarding the nature of the failures as outlined in two classes, 
(1) those where the puncture is radial and clean, and (2) those 
where the puncture is accompanied by deterioration, we also 
experience siihilar failures in armature coils. Those of the 
first class are usually due to a sudden application of a high 
volt^e, while those of the second type are due to a long-time 
application where cumulative chemical and thermal action may 
dominate. Failures of the first type may be due to voltage 
impulses of very short duration and may be classed as funda¬ 
mental dielectric punctures. 

The efforts to determine the “germ” of a breakdown by 
exploring the sheath temperatures were interesting. It would be 
of value to know the maximum internal insulation temperature 
corresponding to the sheath temperatures measured. This 
“hot-spot” correction would be considerably greater were it not 
for the equilization of the temperatures due to the conduction 
of heat along the heavy lead sheath. 

^ The tree designs on some of the paper due to corona in the 
air spaces emphasize the fact that good impregnation is desirable. 
This raises the question—What per cent of the free space is filled 
in practise? In other words, what per cent of air space can be 
expected in such cables 

E. S. Lee: It has been a great pleasure to have such excel- 
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lent data presented to us in the discussion of this paper, par¬ 
ticularly since the general conclusions of the paper are substan¬ 
tiated thereby. 

Dr. Whitehead asks whether the curves between the power 
factor and insulation resistance give the order in which the 
observations were taken. The answer is, no. These data 
are plotted with the values of insulation resistance in ascending 
order, the lowest value first. Power factor values are plotted 
corresponding with the respective values of insulation resistance. 
This method of plotting (in order of ascending or descending 
values without regard to time) has considerable merit in oases 
where a large number of observations of a single quantity are 
obtained, since a graphic picture of the variation of the observa¬ 
tions is clearly presented. 

Regai’ding insulation resistance, I recognize, as all do, that 
we would like to have every piece of similar cable that comes from 
the tanks to be of the same insulation resistance, and that we 
would like to have that value just exactly the right value. At 
the expense of having it thought that perhaps our processes were 
not absolutely controlled, I have taken data to show the wide 
variation that may exist, and data have been presented by others 
showing this same wide variation in other cables. But what I 
had hoped to hear in discussion was that where the variation is 
large the cable will not live, and that where the variation is small 
the cable will live. There does not seem to be evidence to sub¬ 
stantiate such a conclusion, however, which is all that I have tried 
to say in my paper. 

As regards dielectric strength, I think there is nothing else to 
shy. I have merely suggested that present standardized values 
should be increased. In the absence of a rational basis for es¬ 
tablishing values of proof-test voltage, we will have to arrive at 
such values through conference, and modify them from experi-. 
ence. Referring to Figs. 10 to 13, the temperatures indicated are 
ambient. Mr. Davidson's suggestion that the data are not 
extensive enough to justify lines being drawn through the points 
with precision is quite right. The fines might better have been 
drawn dotted. The purpose of the curves was to give a picture 
of the relation of the present standardized test voltages, rated 
voltages, and breakdown voltages. 

Mr. Atkinson’s scheme for adapting his bridge for measure¬ 
ment of power factor and dielectric power loss from three-phase 
supply is quite unique ^d appears to have great merit. It is 
quite posable that the Schering bridge may be somewhat simi¬ 
larly modified to allow of such measurement therewith. 

Regarding Mr. Stein’s question about the dynamometer, it is 
a remarkably fine instrument. It requires no tuning, w'e use 
It down in the factory. It stands on the table, with men working 
all around it, the crane running about ten or fifteen feet above it 
and still It does its job. It is oil-filled. Its sensitivity is about 
two-fifths, I calculate, of what Mr. Atkinson gives in his paper, 
which is, I think, about 50 microamperes per millimeter. This 
would then be about 20 microamperes per millimeter. This is 
with the amplification, which is 100 or 126. So it isn’t quite as 
sensitive as Mr. Atkinson’s, but it does the work. 

Mr. L. T. Robinson has often said: “When we used to have 
only one bridge in the laboratory, we could measure the resistance ■ 
of anytiiing very accurately and get its value. But when we got 
two bridges’’ he said, “we couldn’t do quite as good a job in 
measuring the resistance.” 

Well, we have had the dynamometer wattmeter method and 
used It. Mr. Shanldin operated with it and got good results. 

So when we applied the Shering bridge wo said, “Let’s see what 
we shall get” and the paper shows you what we have been able to 
pt under probably the best conditions. I show differences there 
m power factor of 0.002, that is, 0,2 per cent power factor, and in 


one case the bridge is high and in the other ease the dynamometer 
IS h^h, which is good. We have had results that vary as much 
as 0.4 per cent between the two measurements, but nothing 
more t^n that. So I feel that we are in very good agreement, 
ana tms little galvanometer does it. 

As regards testing installed cable. I am gratified to have Mr. 
Baridson bring data which show that he has arranged that all of 
the d-c tests which will be made on his system will be available 
in graphic form, with the voltage and the current values shown 
topther on one instrument chart. Thus a permanent record of 
what has occurre4 wfll be available for study, which should 
enable us to learn more of the value of the d-o. test. 

As regards the d-o. to a-c. breakdown voltage ratio, I wish 
agam to call attption to the fact that while for any given break¬ 
down voltage with a-c. there is no doubt a corresponding break¬ 
down voltage with d-c., the relation between these two is de¬ 
pendent upon so many variables that each case has to be consid¬ 
ered pparatdy. Such a situation, therefore, requires caution in 
drawing conclusions relative thereto. 

One more thing: We obtain the breakdown with d-c. and we 
obtain It with a-c., and we take the ratio. What we want, how¬ 
ever, IS a suitability test. That is, we want to put some kind of a 
test on the cable and not break the cable down. We want the 
c^le to continue to live and be useful, but we wapt to know 
whether it is of such value that we ought to continue to let it live 
and be useful. That is the whole point. 

The best we can do, is to obtain a proof-test voltage value 
from what ^ta wo have, and we have the breakdown ratio. 
It the breakdown ratio for a particular kind of insulation is 2.4 
and we say that is the best we have, then we are using the best 
wo have, though that may not bo exactly what we want. We 
have to find out by experience. But if we will recognize how we 
arrive at the value of d-c. to aro. ratio, that is, from breakdown 
values, amd that we are applying it to a proof test, then I am sure 
any differences that may appear on the surface will easily be 
strwghtraod out, and everybody will be in absolute agreement. 

As to Mr. Roper’s tabulation, such an idea has merit and it 
seems that if we can continue to cooperate in obtaining what is 
oonridered by aU to be a fair rating of the various items presented 
in that tabulation, it will be a step in the right direction. I 
want to note in this connection, however, that we are rating a 
good many properties that are not directly measurable. That 
is, we look at a thing, and we feel of it, or something of that kind, 
and then give it a rating. We would like, however, to bo able to 
measure it in some way or another, which is what we must strive 
to do, as has been brought out by several discussers. 

In a lighter vein, if Mr. Duncan’s remarks are recalled, it 
mght be thought perhaps that the title of this paper should have 
been “Testing High Tension Iron-Impregnated-Paper-Insulated 
Lead-Covered Cable.” But with all duo respect to the paper sam¬ 
ples thathemay have, and with all duo respect to what has been 
said about the variations in oil, I want to say that the folks who 
supply the compound and the folks who supply the paper are in¬ 
terested in supplying the cable manufacturers with material that 

is as ui^orm as possible. And, in turn, the cable manufacturers 
are taking those materials, with what variationsmay exist therein, 
and are putting them through thenecessary processes to produce 
long lengths of uniform insulation. A satisfactory means of 
detaining the uniformity along a 600-ft. length of cable is not 
available however, since all the test methods now used (which 
do not destroy the cable) give a summation of the whole. One 
of the ^eatest needs of the art is a test method for determining 
the uniformity of insulation without harming it. Such is a 
subject for both industrial and collegiate research which ought 
to be actively pursued. 



Predicting Central Station Demand and Output 

BY FARLEY C. RALSTON^ 


Member, 

Synopsis,—For relatively long-term predictions of central 
station demand and output^ of the order of one year or more, the use 
of constant (or approximately constant) yearly percentages of growth 
is common and well understood. This method is frequently applied 
hy straight, or nearly straight, line projection of the plot of past 
data on semi-logarithmic paper. 

When the term of the prediction is less than one year, or when 
detailed estimates are required throughout any year, this method 
fails on account of the seasonal variations. 

Jn this paper is investigated the nature of the seasonal variations 
in the daily load curve of the company with which the author is 
connected, as they affect the output and the peak demand. 

The variation of the kilowatt-hour output is first analyzed: and 
it is found that, in a year fairly free from abnormal business con^ 
ditions, a plot of the ^'normal midweek dpy'' outputs on semi- 
logarithmic paper can well be rationalized to a curve whose com¬ 
ponents are tin inclined straight line and a single-frequency sine 
curve. 

This curve is represented analytically by the following equation: 
y ^ J e^{l + !» cos (0.98 &r — M )° ] 

In this equation, e is the base of the natural system of logarithms: 
r, the number of days (positive or negative as the case may be) 
counted from a given zero dale: and J, k, L and M are parameters 
to be determined for each curve. 

Factors are included for determining the output on holidays, 


F or a variety of reasons, predicting future conditions 
is frequently necessary in most commercial enter¬ 
prises. As regards the peak demand and output 
of central station companies, the forecasts required fall 
into two distinct classes. 

Long TEaou Predictions 

The first class extends usually from one year or 
thereabouts to a number of years in the future, admit¬ 
ting of latitude in the estimation of values inm'easing 
with the length of view. 

The methods of making forecasts of this claM are 
quite simple and well understood, and will not be dis¬ 
cussed here in detail. 

It should be stated that the material of this paper is 
almost entirely taken from the records of the company 
with which the author has been connected for some 
time; but such data from other companies as has been 
available support the view that the theory developed 
is of very general application. 

'In the of the company mentioned, and in most 
others, it is found that, taken over a number of years, ■ 
the ^owth of the yearly kilowatt-hour output and the 
maximum yearly, peak approximates very closely to a 
constant yearly percentage increase. For this type of 
load growth, plotting on semi-logarithmic paper is 
particularly suitable, since tiie plot then approximates 
to a straight.lme. 

Engineer. Philadelphia, Eleotrio Co., Phila- 

Presented at the Midwinter Convention of the A. I. E. E. 
New York, N. Y,, February 9-lg, 19S6. 


. I. B. E. 

Sundays, Mondays and Saturdays, as compared with adjacent 
'^normaV* midweek daysf* 

For short-term peak demand prediciions, the method employed 
is to separate into three components that portion of the daily load 
curve beginning at 2.S0 P. M. and ending one and one-half hours 
after sunset. 

These three components are a constant ''base load,'' an "afternoon 
block" and an "evening block." 

In the formula; 

s = A F (0 -h -B/ W + C 

expressing this condition, the maximum value of the afternoon 
block is designated A, the maximum value of the evening block B, 
and the value of the base load C. 

Both F (t) andf (t) are found to be exponentials in the data used 
and their forms are given with methods of evaluating the parameters. 

However, even this stage having been reached, the formula is still 
in awkward shape for obtaining, analytically, the solution most 
often desired, — namely, the value of the peak demand and the time 
al which it will occur. 

A graphical construction is, thej^efore, developed which solves 
simultaneously for these two quantities. This solution is equally 
valid if the form of F (t) and that off (t) are defined only graphically, 
it is not necessary that their analytical expression should he known, 
nor even that they should be analytical in character, 

Ht « « i|c iK 


To estimate the growth for any period in the future, 
it is merely necessary to project this straight line as far 
as is required, allowing for such modifying conditions 
as may be anticipated. Fig. 1 shows the result of such 
a plot for the company mentioned above. 



If the growth does not approximate to a. constant 
y^ly percentage increase, it is only slightly more 
difficult to project the actual growth-curve, whatever 
its shape, into the future for the required period, allow¬ 
ing as before, for modifying conditions. 
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Short Term Predictions—General 

The second class includes predictions of relatively 
short extension into the future, from one year or there¬ 
abouts down to a few hours. In this class of predic¬ 
tions, of course, considerably greater accuracy is 
desired. 

To companies working imder an operating budget 
system, it is important to predict the monthly outputs 
for each month of the budget year, in order that suit¬ 
able allocation can be made among the individual 
stations and proper allowance made for fuel cost, etc. 
The prediction of daily peak demand for several months 
ahead is of value in arranging construction and major 
maintenance schedules. It is useful to a load dispatcher 
to know, on any given day, (in the middle of the after¬ 
noon, for instance) what peak demand he must expect 
that day, particularly so, if the day is imusually dark 
Md stormy, making probable a high peak and prevent¬ 
ing the direct use of the days immediately preceding 
as a guide. 

In the following analysis the term “normal midweek 
day” will be used extensively. Tuesdays, Wednesdays, 
Thursdays and Fridasre will be designated “normal 



Fig. 2 

midweek days;” omitting, however, any of these which 
happens to be a half holiday, a full holiday or the day 
after a full holiday. For instance, in the week con¬ 
taining Thanksgiving Day, there are only two “normal 
midweek days,” Tuesday and Wednesday. 

Short Teem Predictions—Kilowatt-hour Output 
Probably everyone who has investigated the varia¬ 
tion of central station output throughout the year has 
observed the periodic nature of this variation. On 
naore or less rational grounds, based on the practically 
single-frequency harmonic variation of the principal 
cause of the output variation (the variation of the hours 
of daylight), the presence of a single-frequency harmonic 
component in the output variation would be suspected. 
But as output data are usually available by calendar 
months, the regular character of the periodicity is not 
apparent. Two factors account for this; first, the 
varying number of dasrs per month, and second, the 
varying number (both among different months of the 
same year and among corresponding months of different 
years) of normal midweek days, Mondays, Saturdays, 
Sundays and holidays per month. 


In eliminating the effect of these factors, the value of 
using only the normal midweek day outputs or, better 
still, the average of these for each week, is shown by 
Fig. 2. The points plotted on this chart indicate the 
average normal midweek day output for each week of 
1923 and of the latter part of 1922. Semi-logarithmic 
paper has been used for this plot because it is natural 
to expect the growth during short periods of time to 
partake of the same exponential character as that over 
longer periods. 

It is comparatively easy to insert by inspection an 
inclined base line having superimposed on it a sine 
curve which approximates the plotted points quite 
closely. 

In inserting this base-line, it should be noted tba* 
its height and inclination are determined by the re¬ 
quirements that its alternate intersections with the 
group of plotted points must be exactly one year apart; 
also that the upper and lower lobes of the curve must 
be of equal heights. It is to give an additional point 
of intersection that the extension into the preceding 
year is made. 

The form of the equation expressing this curve 
analytically is 

2/= J e*'’[ 1-f-L cos (0.986 r - Jkf )° 1 ( 1 ) 

in which e is the baseof the natural system of logarithms; 

r, the number of days (positive or negative as the 
case may be) counted from a given zero date; and 

J,k, L and M —^parameters to .be determined for 
each curve. 

The coefficient 0.986 is the ratio of 360 (the number 
of degrees in a circumference) to 366.26 (the average 
number of days in a calendar year). 

In the equation (1), the term J ^ represents the 
base line. When r = 0 

Je’^ = J 

In Fig. 2, if Jantuuy 1, 1923, is taken as the zero 
date, J is equal to 3,190,000,—the ordinate of the base 
line at that date. 

The value of A: is given by the slope of the base line. 
For instance, on January 1, 1923, (r# = 0) J c*' - 
3,190,000; on January 1, 1924, (ri = 366) J = 
3,800,000. 





_ g305* 


3,800,000 
3,190,000 “ 

g366ft _ g0.l76 


^0*176 


, 0.176 

* “ ggg = .000482 


M is equal to the number of days from the zero date 
to the spring intersection of the complete curve with 
the base line, less one fourth of 365.26; or to the number 
of days from the zero date to the fall intersection of the 
complete curve with the base line, less three-fourths of 
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365.25. In Fig. 2, M has been found to have the 
value 2. 

Let rs be the value of r which makes the expression 
(0.986 r — M) equal to zero; and let be the corre¬ 
sponding value of y. Then 


L = 


Vi 

J e*r2 


- 1 


In Fig. 2, rs = 2.025/and the date is January 3, 
1923. On that date, y = 3,460,000 and J = 
3,193,000; therefore. 


3,460,000 

3,193,000 


1 = 0.0836 


The complete equation representing the curve of Fig. 
2 is then 

y = 3,190,000 [1 + 0.0836 cos (0.986 r - 2)°] 

It would, of course, be possible to locate this curve 
and deduce tJie values of the parameters by strictly 
analytical methods, using least squares, etc.; but the 
labor of doing this would not be justified by the ac¬ 
curacy and consistency of the data. 

If no change is expected in the rate of growth, the 
base-line and sine-curve are projected into tiie ensuing 
year with the slope unchanged. If, howevCT, it is 
expected that other influences, not predictable from 
past performance, will affect the rate of growth, either 
upward or downward, the inclination of the base-line 
and consequently of the sine curve, must be modified 
accordingly. In either event, the ordinate of the pro¬ 



jected curve at any point gives the value of the kilo¬ 
watt hour output for an average normal midweek day 
at the date corresponding to the abscissa. 

To derive the monthly outputs from the values for 
normal midweek day ou^ut throughout the year, it is 
nece^ary to determine the number of normal midweek 
days’ output to which each week’s output is equivalent. 
It has been found in the experience of the company 
mentioned above that the following relations hold quite 
closely among the da 3 ^ of any week: 


Average of normal midweek days.1.00 

Monday or day after full holiday.0 96 

Saturday or half holiday.0.86 

Sunday or full holiday....0.57 


By combining these multipliers correctly for each 
week or fraction in a month, the total monthly output 
may be estimated. 

The method here outlined may not give greatly 
superior results to purely empirical estimating by one 



thoroughly familiar with the characteristics of load 
variation for a number of years; but it is much more 
desirable in that it affords a logical analytical basis for 
estimating instead of placing dependence entirely upon 
a “trained guess.’’ 

Short Term Predictions—Peak Demand 

The following analysis of daily load curves is valid 
only for systems whose seasonal load variation is un¬ 
restrained. For instance, it does not apply to the 25- 
cycle load of the company mentioned earlier, because 
the demand in this system is restricted by contract 
limitations; all demand above a definite value being 
carried by another system in parallel. It is applicable, 
however, to the 60-cycle system of this company and 
the accompanying illustrations, are taken from load 
curves of this system. 

The analysis is based on the separation of that portion 
of any daily load curve starting about 2:30 P. M. and 
ending about one and one half hours after sunset into 
three components—a constant “base load,’’ an “after¬ 
noon block’’ and an “evening block.’’ In Fig. 3 are 
shown typical summer and winter week day load curves 
for the year 1920, and portions of the load cuires for 
adjacent Saturdays. The portions of Uie Saturday 
curves which resemble closely the week-day curves, are 
omitted for dearness. Figs. 4 and 5 show correspond¬ 
ing sets of curves for the years 1921 and 1922. In the 
summer curves of all these charts, the outlines of the 
upper parts of the afternoon and evening blocks are 
easily distinguishable, since the superposition of the 
blocks is of negligible'effect, except in the lower parts 
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on week-days. The winter curves present greater diffi¬ 
culties; and it is particularly in reference to these that 
accurate predictions are usually of value. 

Purely empirically, it has been found that the lowest 
value of an adjacent Saturday afternoon is suitable as 
a value of the constant base load for week da 3 re. 
Rationally this choice is not without justification, since 
on Saturday the afternoon block is practically negligible. 

Fig. 6 shows typical winter load curves only for 
the year 1928,' a week day and an adjacent Saturday. 
In this figure the separation of the week-day curves 
into three components has been made graphically, the 
base load (which will be designated C) being equal to 
96,000 kw.; the maximum value of the afternoon block 
(which will be designated A) being 76,000 kw. and the 
maximum value of the evening block (which will be 
d^ignated B) amounting to 106,000 kw. By inspection 
it is found that the highest combination of the afternoon 
and evening blocks which can be made occurs at 5 
o’clock, when the afternoon block has the value of 
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Fig. 5—Curvk 1—Thursday, Dec. 14 

2— Saturday, Dec. 9 

3 — ^Monday, June 26 

4— Saturday, June 24 


66,000 kw. and the evening block the value 101,000 kw. 
The resultant of the three components is then 
96,000 plus 66,000 plxis 101,000 = 263,000 kw. The 
actual peak of this cxirve occurred at 4:67 P. M., and 
amounted to 260,000 kjv. 

For any given date, the portion of the daily load curve 
under consideration can be closely represented by an 
expression of the form 

z ^ AF (i) +Bf(t) + C (2) 

in which t = hours P. M. 

F (t) is a function of t, whose analytical form is 
as yet undetermined, defining the shape of the after¬ 
noon load block; and similarly / (<) with respect to the 
evening block. C = on a Saturday, the minimum kw. 
demand of the afternoon; on a week day, the minimum 
kw. demand of the preceding Saturday afternoon. 

A = (kw. demand at 2:30 P. M.) - C 

When the load curve is such that the value of the 
afternoon block 1.6 horns after sunset is negligible (on 
Saturdays through the entire year, and on week days 
from spring to early fall) B = (kw. demand 1.6 hours 


after sunset) — C.' But the days, when the presence 
of an appreciable afternoon block component 1.5 hours 
after sunset masks the value of B, are just the days for 
which a knowl^ge of its value is most desired—^namely, 
late fall and winter week days. For these days B must 
be determined in another manner, to be described later. 

The demand at 2:80 P. M. has been chosen for deter¬ 
mining A, because at that time complete recovery from 



the iioon dip has been made, and also the value of the 
evening block is negligible, even at the season of 
maximum overlap. 

The choice of 1.5 hours after sunset as the time for 
determining the value of B was likewise guided by the 
fact that at that 'time the rise of the evening block 'to 
its maximum value is complete, and also, even in the 



liG. 7—Typical Weekday Load Curves (Solid), and 
Portions of Saturday Load Curves (Dotted) for Facb 
Month from March to DBCsMBfcR, 1923. 


summer, no falling off from ■this maximum has occurred. 

Pig. 7 shows the seasonal variation for the year 19i28 
in greater detail. It is a diagrammatic form of the 
Annual Load Relief Map, described in a paper by W. L* 
Robertson (Trans. A. I. E. E., Vol. 36, p. 1073); 
for die sake of clearness only a sin^e pair of curves per 
month. 
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Inspection of Fip. 8, 4, 6, 6 and 7, conveys the 
impression that both functions, F (t) for the afternoon 
drop-off and / (0 for the evening pick-up, are exponen¬ 
tial in character. This impression is confirmed if for 
each of these functions sup^posed curves for a large 
number of days, taken in various years and at various 
seasons, are plotted. 

It is easy to derive comparable values of these func¬ 
tions, suitable for superposing, from the data available 
inHhe daily load curves. Division of the load curve 
values, A F (t) and B/ (<), by A and B respectively, 
gives directly the corresponding values of F (<) and/ (0> 
which may then be expressed either as decimals or in 
percentage for plotting. 

It has been found that the composite plot of the 
afternoon block curves can be well represented by the 
curve of Fig. 8, for which equation is of the form 
F (t) = 

in which p is the zero time at which the decrement com¬ 
mences; and a is the reciprocal of the number of hours 
from p to the time when the value of F (t) is or 
0.368, since when 

= e-\ [a (t - p)] = 1 or o = 

i—p 

The insertion of the particular values of p and a 
taken from Fig. 8 results in the equation 

f = g_[0.4290-3.16)l‘ 

It is found that the composite plot of the evening 
block curves is best fitted, not by a single curve, but by 
a family of similar curves, forming a band about 20 min. 
in width. The extreme curves of this band—^those for 
a clear day and for a very dark day—are shown in Fig. 9. 



HOURS-P.M. 


Pig. 8 

For any condition of cloudiness between these extremes, 
a correspondingly intermediate curve would represent 
the evening block. The form of the equation of these 
curves is 

/(O = 

in which A is the time of sunset, hours P. M.; g is the 
number of hours from h to the zero time when the maxi¬ 
mum value of the evening block has been reached; and 
b is the reciprocal of the numba* of hours from the time 
when the value of / (t) is or 0.868 to the zero time, 
A +g. 


The following particular values are met in the curve 
family of Fig. 9: 

b is equal to 1. 

g ranges from 1.26 for a clear day to 0.917 for a very 
dark day. 

h varies nearly harmonically through the year, from 
about 4:20 P. M. in late November and early December 
to about 7:15 P. M. in late June and early July. 



Pig. 9 


The method of detamining the value of B for week¬ 
days during the period of overlap of the afternoon and 
evening blocks, rests on a relation observed between the 
Saturday and week day values of B through the re¬ 
mainder of the year. Reference to Fig. 7 will indicate 
the existence of a ratio approximately constant between 
the Saturday and week day values of B for the months 
March to September inclusive. Table I, giving numer¬ 
ical values of A, B and G taken from the curves of Fig. 7, 
confirms this indication and shows that the approximate 
value of the ratio is 0.75. 

Assuming the ratio 0.75 to hold also for October, 
Novembra* and December, the week-day values en¬ 
closed in parentheses have been derived from the corre¬ 
sponding observed Saturday values; and these derived 
values have been used successfully in estimating the 
week-day peak. 


TABLE I 

VALUES OP A, B AND C IN THOUSAND KILOWATTS 
_ POE THE LOAD OUBVES OP PIG. 7 


Weekday 

Saturday 

A 

Weekday 

B 

Weekday 

B 

Saturday 

C 

Weekday 

and 

Saturday 

March 

5 

March 

3 

76 

85 

65 

70 

April 

6 

April 

7 

80 

85 

63 

67 

May 

11 

May 

12 

80 

80 

60 

65 

June 

13 

June 

9 

85 

76 

BS 

65 

July 

11 

July 

7 

85 

65 

60 

65 

Aug. 

3 

Aug. 

4 

80 

65 

50 

70 

Sept. 

25 

Sept. 

22 

85 

80 

65 

76 

Oct. 

19 

Oct. 

20 

82 

(93) 

70 

80 

Nov. 

15 

Nov. 

10 

80 

(96) 

72 

85 

Dec. 

20 

Dec. 

15 

76 

(106) 

79 

96 


Since the analytical form of each component of the- 
portion of the daily load curve under consideration has 
now been determined, with suitable values of the para- 
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meters for various conditions, it would be possible, when 
it is desired to find the time and value of the peak for 
any particular date, to set up the complete equation, 
inserting for h its proper value taken from a table or 
curve, and for q a value depending on the state of the 
weather; to differentiate with respect to t; to equate the 
derivative to zero; and to substitute the value of t, thus 
obtained in the original equation. This procedure, 
however, would be out of the question by reason of its 
complexity. A graphical method, much simpler but 
equally accurate, has been developed to overcome this 
difficulty. 

Equation (2) is repeated here in the functional form 
rather than in the analytical form, since, in the graph¬ 
ical method, it is not necessary that the analytical ex¬ 
pression for each of the functions F (<) and / (<) be 
known, nor even that they ^ould be capable of being 
expressed analytically. 

z = AF(0H-C (2) 

Differentiating (2) with respect to <. 

dz _ A dF (t) B d f (,t) 
dt ~ dt dt 

Equating to zero and dividing by A, 
dF(t) J_ dm _ 

d« A dt 

dF (t) B df(t) 

dt A dt 

Geometrically, the term —represents the slope 

of the curve of Fig. 8 at any value of t; while the term 
df(t) 

— ^presents the slope, not of one of the curves 

of Fig. 9, but of its negative—^that is, a curve having 
ordinates of the same absolute value, but extending 
downward from the horizontal axis. The term 
B df (t) 

~ ~A dT~ represents the slope of a 

jg 

curve whose ordinates are - -j- times those of one of 

the curves of Fig. 9; and whose fimctional form is there- 
B 

Equation (3) indicates that the geometrical condition 

d F (t) 

for a maximum of z is that the slopes —and 

d t 


the solid lines indicate lines drawn on a fixed sheet, the 
solid curve being a repetition of the curve of Fig. 8 and 
the fine vertical line being drawn at the time of earliest 
sunset; while the dotted lines indicate lines drawn on a 
sheet of tracing cloth, celluloid or other non-opaque 
material, which is adjustable to any desired position on 
the fixed sheet. The curves on the movable sheet are 

jg 

members of the family represented by — f (t), 
B 

taken for values of —ranging, as indicated, from 0.6 

to 1.4 at intervals of 0.2. On the sheet the variation in 
position of the curves, with respect to the time of sunset, 
due to weather conditions, is taken into account, not, 
as in Fig. 9, by having a single axis of sunset time and 
shifting the cuntes between the extremes shown, but by 
having a single set of curves and shifting the axis of sun¬ 



set time correspondingly. In using these sheets, it is, 
of course, necessary to maintain the horizontal and 
vertical axes of the movable sheet horizontal and verti¬ 
cal with respect to the fixed sheet. 

In order that times on the movable sheet and on the 
fixed sheet shall correspond, either one of the extreme 
positions of the sunset axis on the movable sheet or some 
intermediate position (depending on the state of the 
weather) must be adjusted to coincide with the time 
of si^et as read on the scale of the fixed sheet. Then, 
holding this horizontal setting, the movable sheet must 
be adjusted vertically imtil the curve bearing the correct 

B 

value of is tangent to the curve on the fixed sheet. 


A 


df(t) 
d t 


shall be equal. 


Fig. 10 shows the graphic 


method of accomplishing the solution. In this figure. 


At the point of tangency the slopes of the two curves are 
equal, and this satisfies the condition of Equation (3) 
for a maximum value of z. 

Not only does the abscissa of the point of tangency 
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indicate the time at which the peak occurs; but also the 
ordinate of the point of tangency gives the value of the 
afternoon block in per cent of A at that time, and the 
height from the point of tangency to the horizontal axis 
of the movable sheet, read on the scale of the fixed sheet, 
indicates the value of the evening blockatthesametime, 
likewise in per cent of A. Therefore, the ordinate of the 
horizontal axis of the movable sheet, read on the scale 
of the fixed sheet, gives the value of the sum of the after¬ 
noon and evening blocks. 

B 

In the particular example shown in Fig. 10, -j— is 

1.2 (this would be the case if B were 90,000 and A 
76,000 kw., for instance), the day is very dark and sun¬ 
set occurs at 4;25 P. M. When the movable sheet is 
adjusted horizontally so that the line for a dark day 
coincides with the time 4:25 P. M. on the fixed sheet, 

Jg 

and vertically so that the curve = 1.2 is tangent 

to the curve on the fixed sheet, the abscissa of the point 
of tangency gives 5:03 P. M. as the time of the peak, 
and the ordinate of the horizontal axis of the movable 
sheet gives the value of lAf(t)+Bf (f)] as 182.6 per 
cent of A. The peak value of the load curve is then 
given by the equation 

z = C-M.825A 

The estimationofpeakdemandsbyany method based 
on the values of the actual total peak for corresponding 
periods of past years is open to several criticisms. 

In such a method, no consideration is taken of the 


possibility that one or more of the previous years may 
fail to give a reliable indication, on account of the 
absence of stormy weather at the time of the peak. It 
is also tacitly assumed that the shape of the load ciuve 
remains constant. This assumption is equivalent to 
the assumption that the three components. A, B and C, 
distinguished in the present investigation, increase in 
the same ratio; and this assumption is not justified. 

Furthermore, it is difficult not only to make a re¬ 
liable estimate of the peak at a given date in the future, 
but also to correlate and check such an estimate, 
when made, with actual peaks as the given date 
approaches. 

On the other hand, the separation of the components 
of past peaks allows the growth of each component to 
be observed individually, regardless of whether or not 
it has been combined at any particular date with the 
maximum overlap. It is then relatively simple to pro¬ 
ject the growth of each component, at its own growth- 
rate, to the desired date, and to combine the estimated 
values properly. 

The reliability of an estimate of peak prepared in this 
way results both from the accuracy with which the 
individual components may be predicted and from the 
probability of compensating errors in the values of the 
components. 

A great advantage in this method is that, after an 
estimate has been made, it may readily be cheeked at 
any time as the date approaches by noting whether the 
values of the components taken from current load 
curves confirm the original estimate or indicate the 
necessity of a revision. 



The Thermal Time Constants 

of Dynamo-Electric Machines 

BY A. E. KENNELLY* 


Fellow, 

Ret^iew of the Subject* -Considerhig the thermal behavior 
of a dynamo^elvcifw machine intended for coniinuons service, Us 
acceptaner. tests reqtdre, at present, otily a limiting temperature 
elevaiion under a continuous rated load* For the intelligent 
operation of a inaehine after it has been put in service, additional 
informaiitm is desirable concerning Us thermal behavior under 
changes of load, lids subsidiary thermal information concerning 
a machine %vUh a continuous rating may consist of (1) Us final 
Umpcraiitre rise under aowa steady load other than its rated load, 
such as either 7B pet emt or US per cent of the rated load, and {$) 
Us thermal time comiant* 

The thermal time constant of a mackim, asstemed as conform¬ 
ing strictly to an expamntial law of temperature rise above a con¬ 
stant amhimi temperature, after being transferred suddenly from one 
steady load to another, is taken as the time reqidred to attain 
or per emt of the final temperature change* This may he 
cMkd the exporwniial thermal time canstanL This is a funda¬ 
mentally smmtific quantity; hut is twry awkward to remember or to 
explain to a person not well mrsed in the mathematical theory of 
the suhjccL 

ft is recommmdcd in the pajm that for all practical engineering 
work, a netv time comlant called the binary lime constant he used, 
ft windd correnpond to the Periodf' or Half-value period^ 


I T IB proposed to discuss the nature, applicability and 
advantages of the thermal time constants of dynamo 
machines, from an engineering standpoint. Al¬ 
though, broadly speaking, the subject is not new, it is 
believed that certain new branches of it are here pre¬ 
sented for consideration. 

Stcady State Thermal Condition 
We may assume, to begin with, that a dynamo 
machine is operated continuously under a steady load, 
and in a place where the whole environment (air, walls, 
floor and ceiling) is maintained at a steady ambient 
temperature T„ deg. cent. In practise, these conditions 
can only be imperfectly realised, and the temperature 
of the environment fliuctuates with time, besides being 
subject to some variation in different parts at any one 
moment. Under the conditions assumed, however, the 
machine will attain eventually a steady thermal con¬ 
dition. We may assume that, at least as a first approxi¬ 
mation, the thermal conductance of the steel stator 
framework and rotor core are sufficiently great to main¬ 
tain a virtually uniform temperature in all their parts. 
The insulated winding, however, when steadily heated 
by the working currents, may develop very appreciable 
thermal drops, or differences of temperature, in different 
parts, owing to the interposition of thermal resistance 
in the insulating materials. Setting aside these differ- 

’*Ha.rYii4*d Utilviriity md the MMsauliuetis Itmtifcufce of 
Temhmhgy, Citipbjridfo, Mans* 

PftM'Htid ui lim Midtfdnitf Commntmn of the A, L E* E,, 
Nmp York, N. ¥*, February WM* 
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already used in the Science of Radio-activity and in measurements of 
Radio active decay* A binary time constant is that time in which a 
machine, assumed as conforming to an exponential law of tempera- 
kire change, after being suddenly transferred from one steady load to 
another, attains one half of the final temperature change (BO per cent), 
hi two binary time constants, it will then attain {75 per cent) of the 
final temperature change, in throe of them }iths (87*5) and so on. 
This is an easy relation to remember and explain* A binary 
thermal time cotistant may he taken, for practical purposes, as 70 
per cent of the classical exponential time constant. It is more 
strictly 69*SB per cent* 

Although dynamo machines do not rigidly follow an exponential 
law of temperature change, for reasons discussed, yet for many 
purposes the deviation therefrom may he ignored* It is recom¬ 
mended that the binary lime constant of all suck machines may be 
adopted, where practical, for indtistrial me* 

In rotating machines, there are two thermal time constants, 
the constant-loss time constant, and the variable-loss time constant* 
The latter, expressed as a binary constant, is the practical one 
presenting itself for use* 

The binary thermal time constant has also useful applications 
in correcting the final ambient temperature during a continuous- 
load test, when the ambient temperature has been observed to change* 


ences for the present, we may assume that the whole 
machine arrives at a steady maximum temperature 
Tm deg. cent, or attains a rise of temperature above the 
environment of 

©0 = Tm — T* deg. cent. (1) 

The heat dissipated from the machine to the environ¬ 
ment, due to the elevation of temperature, escapes by 
three different ways,—conduction, radiation and con¬ 
vection. The quantitative laws of these three modes 
of dissipation are very different; but it is generally 
admitted that, within the range of working tempera¬ 
tures permitted in dynamo machines, the dissipation 
may be regarded as proportional to the temperature 
elevation, and also that most of the heat in modern open 
machines is dissipated by fluid convection; i. e,, by 
circulating air, in the case of generators and motors, 
and by circulating oil in the case of transformers. 
Consequently, if p watts are steadily generated in the 
machine as heat, the thermal dissipation must also 
amount to p watts, or 

p = ©0 0 watts (2) 

where s is the thermal dissipation coefficient of the 
machine, in watts per deg. cent, temperature elevation, 
including all three modes of dissipation. The dissi¬ 
pation coefficient s might be measured in simple eases 
by measuring the internally wasted power p, and the 
maximum temperature elevation ©o; but for ordinary 
purposes, s does not require to be known with pre¬ 
cision. It is evident that s increases with the size of 
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machine for any given t 3 T)e; because the thermal waste 
of energy p, at rated load, increases with the size, 
while 00 , the temperature elevation under rated load, 
remains the same, or nearly the same. 


Maximum Temperature Permissible 
The modem theory on which the thermal rating of 
dsmamo machinery is based, considers that there is a 
certain working temperature, above which the insula¬ 
ting material undergoes thermolysis or active deteriora¬ 
tion. This is the aitical temperature for the type of 
insulation employed. Below the critical temperature, 
it is supposed that the working lifetime of the insulation 
is indefinitely long. The hottest spot on the conductor 
of the machine is therefore at all times to be kept from 
exceeding the aitical temperature, which, for class A 
insulating materials of impregnated cellulose, is at 
present set at 106 deg. pent. The hottest spot in the 
winding of a machine may not be accessible to tempera¬ 
ture measurement, and must ordinarily lie on the innfir 
surface of the insulation, next to the copper conductor. 
By allowing a conventional drop of temperature of 15 
deg. cent, between the hottest intmial spot of the 
insulation and those external parts into or onto which 
exploring thermometers may be applied, the maximum 
permissible observable temperature under continuous 
rated load becomes 90 deg. cent, by thermometer. 
Field 'v^ndings may have their average temperatures 
conveniently measured by resistance, and for such 
measurements a conventional drop of 10 deg. cent, is 
taken as developed between the hottest spot and the 
measured value. 


Available Output as Dependent on Temperature 

Rise 

It is generally accepted, as the result of experience, 
1*at for practical pi7rposes, the ultimate temperature 
rise at normal sea-level barometric pressure is inde¬ 
pendent of the initial and ambient temperature within 
tte usual range. Thus, whether we operate a machine 
m a cool, outdoor space at 10 deg. cent., or in a warm 
engine room at 40 deg cent., the rated output of the 
machine, steadily maintained, will bring about the 
same ultimate temperature rise of say 50 deg. cent.; 
so^at the outdoor machine would show 60 deg. cent,, 
^ the engine-room machine 90 deg. cent. This 
independence of the temperature rise greatly aimplifies 
the discussion. On the other hand, the density of the 
as deteimined by the local reading of the barometer, 
M a marked influence on the dissipation constant s 
Of rotRtmg machinery; because although the radiation 
of h^t and conduction of heat by solids are independent 
of tile am density, the convection of h^t by air circu- 

International 

"f Cohesion (I. E. C.) agreement, no 
1 nim ^ introduced until the elevation is 

^ although a graded, rather 
th^ a sudden, correction would be logically preferable. 
If the loss of energy in a machine were always in direct 


proportion to the output; i. e., if the efficiency were 
constant at all loads, the ultimate temperature elevation 
by (1) might be expected to increase directly with the 
load. If the rated output ultimately produced 50 
deg. cent, rise, half the rated output might be expected 
to produce 25 deg. cent. In practise, however, the 
losses increase more rapidly than the output, and 
different machines differ in this respect. Consequently, 
the ultimate temperature rise increases faster than the 
output. If we plot the observed maximum temperature 
rise against output, we obtain a rising curved line, the 
precise algebraic expression for which may be compli¬ 
cated. If, however, we confihe ourselves to outputs 
between say 50 per cent above and 60 per cent below 
the nomal rated output, we may expect to find that 
the ultimate temperature rise Ba is, to a first approxi¬ 
mation, a simple power of the output or 

00 = c P” deg. cent. (3) 
where c is a constant, P the watts output (maintained 
long enough to reach substantially constant maximum 
rise) and 0o is, the rise in deg. cent, corresponding 
thereto. This means that if the output and tempera¬ 
ture rise are plotted on logarithm paper, the graph will 
be approximately a straight line. This is indicated in 
Fig. 1, where the abscissas are in percentage of the rated 
load, and the ordinates indicate the ultimate observed 
temperature rise. Thus at 100 per cent of rated load, 
the observed temperature rise is 43 deg. cent, and at 
126 per cent of rated loaid, it is 64 deg. cent. The 
. straight line AOC may be taken as representing the 
behavior of temperature rise versus output between 
50 per cent and 160 per cent of rated load, for the 
.particular machine considered. Then the exponent n 
of formula (3) is the ratio of 0 P to A B in the figure. 
This is nearly 1.8 in the case shown, so that over the 
range of load considered, the temperature rise varies 
approximately as the 1.8th power of the load. Recip¬ 
rocally, the output varies as the l/»th power of the 
temperature rise, or in the ratio A B :BO, which is 
0.66 in Fig. 1. The output in this case varies as the 
0.66th power of the temperature rise. 

In order to know, with reasonable precision, how the 
temp^ture rise of a machine behaves with respect to 
sustained outputs, we need either a diagram like Fig. 1, 
or the value of the temperaiurc—output exponent n in 
(3). This value differs with the size, type and mnifo of 
madmie. It commonly lies between 1.4 and 2.0. 
Equivalent information would be the temperature rise 
at say 25 per cent sustained overload. 

In order, therefore, that the particular machine of 
Fig. 1 should not develop a higher observable thermom¬ 
eter temperature than 90 deg. cent., the output should 
be 108 per cent for an ambient temperature of 40 deg. 
cent., 120 pCT cent for an ambient temperature of 30 
deg. cent., and 130 per cent for an ambient temperature 
of 20 deg. cent. Good operating practise might call, 
however, for some reduction of these loads, as no margin 
would be allowed on them for accidental variations in 
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ambient temperatiire or other irregularities of service. 

^The present I. E. C. international rating of a machine, 
with class A insulation, calls for an ultimate tempera¬ 
ture elevation of 60 deg. cent, under continuous load, 
as the test rating. The maker’s rating would presum¬ 
ably be slightly less, so as to fall within 13ie test rating. 
Tie machine whose thermal behavior is indicated in 
Kg. 1 would be 7 deg. cent, below the test rating, or 
its rating could be increased 8 per cent without exceed¬ 
ing the I. E. C. limit. 



PERCENT OF RATED LOAD 

Pia. 1 —Appeoximatb Straight Line Relation between 
Ultimate Temperatdbe Rise and Steady Load for a 
Dynamo Machine 

The Transient State op Temperature Elevation 

When the output of a machine is changed abruptly 
from one steady value to another, or when at constant 
output the ambient temperature changes quickly from 
one steady value to another, the thermal state of the 
machine changes slowly from the initial condition to a 
final condition, corresponding to the impressed change. 
The transition is a transient phenomenon; although it 
may require many hours to complete, within the limits 
of enpneering measurements, ^d theoretically the full 
transition recjuires infinite time. From an engineering 
viewpoint, the temperature change in the machine is a 
transient. It has long been known^ that under the 
assumed limitation of constant losses in the Tnai»biwo 
during the transition, the transient is a simple exponen¬ 
tial transient, like that of the current strength in a 
simple continuous-current circuit containing both 
resistance and inductance. It has recently been shown 
by P. Girault® that the temperature transient is still 
simply exp onential when the iron losses are constant, 

1. “Temperatnre Curves and the Rating of Electrical 
Machinery.” R. Goldschmidt, Jour. 1. E. E. London. March 
1906. Vol. 34, pp. 660-691. 

“The Heating and Cooling of Electrical Machinery,” P. 
Grice, Jour, J. E. E. London. Nov. 1912, Vol. 51, 1913, pp. 
840-851. 


but the copper losses inCTease according to the resistance 
temperature coefficient of the windings. 

It is proposed to carry this proposition here one stage 
further, and to show, on the assumption that the iron 
lo^ also follow a straight line law of change from the 
initial to the final temperature, the change in tempera¬ 
ture of the machine will remain a simple exponential 
transient, with a time-constant curve. 

Pig. 2 indicates a simple circuit of resistance R, and 
non-fefric or air-cored inductance £, canying a 
steady initial current of Zj amperes'from a storage 
battery of negligible resistance, through a recording 
oscillograph 0. A switch, S enables the e. m. f. of the 
battery E to be suddenly increased from 20 to 60 volts, 
or suddenly diminished from 60 to 20. A sensitive 
relay A, automatically inserts a protective resistance r 
in circuit with the upper part of the battery, when the 
switch S places that battery on short-circuit. 

Exponential Time Constant r* 

If ZI be the initial steady current strength (amperes) 
and li the final steady current, after throwing the 
switch at time t — 0, the transient current i at any 
intermediate instant, according to well-known princi¬ 
ples, is ^ 

i = Is + (h — Is) "6 ’■ amperes ( 4 ) 
where e is 2.71828..., the Napierian base 

T = £/ff = T« seconds (5) 

a time constant, equal to the inductance in henries 
divided by the resistance in ohms, which is 0.006tecond 



Fig. 2—^Simple Continuous-Current Circuit for Dis¬ 
playing A Simple Exponential Transient 

in the case of Pig. 2, and which we may call an exponen¬ 
tial time constant, denoted by the s 3 mibol re, to distin¬ 
guish it from other time constants to be considered 
later. 

Fig, 3 indicates the transient current curve ABC 
,.. N 0 P, on opening switch S, as we might expect to 

2. **Sur r^chauffement d*un org:ane de machine 61ectrique 
soumis k des pertes dans le fer oonstantes, et h des pertes par 
effet Joule,” P. Girault, Riv» G6n de VEUclnciiL 2nd & 9th 
Dec. 1922, Vol. XII, pp. 873 and 874; also 28th July and 4 Aug. 
1923, VoL XIV, pp. 115 and 147. 
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find it recorded by the oscillograph 0 Fig. 2. The 
current starts at Ii = 1.0 amp^'e for t = 0. After the 
lapse of Te, one exponential time constant, it has reached 
C, at 1.948 amperes, having risen 0.948 out of the total 
change 

A = Ii— h - 1.6 ampere (6) 
that it has to cover. The fraction 0.948/1.5 = 0.6321, 
may be called the attainment, at the point C considered. 
The remainder Cc, 

S = h—i = 0.552 amperes (7) 
is what is left to be overcome. The fttiction 


A 


0.562 

1.5 


= 0.3679 


may be called the defid&ncy at this point. At any 
instant, the siun of the attainment and the deficiency 
is unity. At C, one exponential time constant from 
A, the deficiency is always 1/e, or 36.79 per cent, and 
the attainment 63.21 per cent. 



Pia. 3— SiMPLB Bxponbntiai. Tbansient op Cveehnt In- 
CBBABB PEOM 1, = 1,06, Ij = 2.5, T* = 0.005, Ti = 0.00347, n. 
0.01151 Second 


at ^ 


2 r €> or point E in Fig. 3, the deficiency 
s ^ eF_ _ 0.203 

A 


e e' 


1.5 


= 0.1363 = e-* 


and the attainment is 1 — e-* = 0.8647. 

At < = 3 T«, or point 7 in Fig. 3, the deficiency 

5 il 0.0747 .. 

-- - 0.0498 = e^ 




1.6 


and the atta^ent is 1 - e-» = 0.9602. This is 
probably the simplest statistical relation to express, or 
to remmbw, concerning an exponential time constant; 

e., that in three of them, the deficiency is very nearly 
B per cent. » t> e 

^ o® such 

M o, 3, the tangent (7 e cuts the final current line 
li, at a ^e distance beyond c, of c e, equal to the ex- 
^nenfaaltame constant. Consequently, if we know the 
toal ste^y current h, and can trace the curve of the 
transient at any point with stfifident precision to draw 


the tangent, we can measure the time constant t« 
graphically, the subtangent on the final line h being 
constant, and equal to f«. 

We may rewrite equation (4) in the form 

_L 

i - ^2 + A e" amperes (8) 

or in the case of Fig. 3 , 

i — 2.5 — 1.5 € 0-005 amperes (9) 
Because /i — J 2 is negative, we apply the negative sign 
to A. 

The exponential time constant is, from a mathemat¬ 
ical standpoint, the fundamental property of the simple 
exponential transient; but it is awkward to employ 
practically, or to explain in simple terms. When we 
say that after the lapse of one exponential time constant 
the deficiency is 1/2.71828, we do not convey a simple 
conception, except to a person familiar with the mathe¬ 
matical subject of exponentials. 

Binary Time Constant 

We may, however, restate (8) as follows 


A 


% —12 = b 


— gT— — ^0.69316 Xi 

— C Tg — c 


Ae u amperes (10) 
0.89315 deficiency ratio (11) 


But 
so that 


(0-6UU _ 2 


( 12 ) 


A 


= 2 o.a93i6r6 —2 r, deficiencyratlo (13) 


where 

Ti = 0.69315 T« seconds (14) 
That is, we may transfer the deficienigr from the 
Napierian ba^ e to base 2, and substitute for the 
exponential time constant a new time constant t*, 
which is very nearly 70 per cent of t«. This new time 
constant tj may be called, for distinction, the* Unary 
time constant. The binary time constant would then 
correspond to what has already been known for some 
y^ as the ‘Teriod,” or “Half-value period,” in the 
science of Radio-activity, and in the measurement* 
of radio-active decay. 

In Fig. 3, the time A B' = 0.00347 second, is shown 
as equal to the binary time constant tj. At the time 
< = Ti, the current will have reached B', and the defi¬ 
ciency 5 /a at this moment is 2-* or The attain¬ 
ment is likewise ]4. Again, at t = 2 tj = 0.00693 
second = d', the deficiency is 2-* = and the attain¬ 
ment 1 - 2-* = Similarly, at t = 3 t 2 = 0.0104 
= S', the deficiency is 2-* = yi, and the attainment 
1 — 2-« = 7/8, corresponding to point F. Five binary 
time consta nts are marked on Fig. 3, as far as j', where 
_ 3. “Time Constants for Engineering Purposes in Simple 
(Exponential Transient Phenomena” by A. E. Kennelly, Proc. 
NaU Acadf Sciences. Nov. 1924. * 

4. ‘Traotical Measurements in Radio-Aotivity.'* Makower 

and Geiger, 1912, p. 81 . 







Peb. 1925 


KENNELLY; THERMAL TIME CONSTANTS 


141 


the deficiency is 2“** = 1/32, and the attainment 
31/82. 

The binary time constant ts is just as sound mathe¬ 
matically as the fundamental exponential time constant 
T„ and is always approximately 70 per cent of the 
latter. The binary time constant has the practical 
advantage that it is easier to remember and explain. 
In Ts, the attainment and the deficiency are both 
or 50 per cent. In the next the attainment is to 14 
of what was left over, or to and so on. This is an 
easy concept to remember or to explain. It is recom¬ 
mended that, in engineering, exponential time constants 
be replaced by binary time constants. 

Decimal Time-Constant tio 

Although from the practical and descriptive stand¬ 
points, the binary time constant ts has marked ad¬ 
vantages over the exponential time constant t«, neither 
of these lends itself to ease of computation at indis¬ 
criminate values of t. We may however rewrite (11) 
in the form 

^ y — -- - , ^ . 

-€ 2.3030T* deficiency ratio (15) 

_L 

= 10~i,, deficiency ratio (16) 

where 

Tio = 2.3026 T« (17) 

By substituting the decimal time constant tio for the 



Pro. 4—SiMPtB Exponential Tbanbiknt op Ctjkubnt 
Dbcrbabb phom li « 2.6to 1> = 1.0,r„ >= 0.005, n - 0.00347, 
Tio ” 0.01151 Seconi> 


exponential time constant, we obtain in (16) an ex- 
pre^on for the deficiency at any assigned value of t, 
which can be evaluated quickly with the aid of any 
ordinary table of logarithms. 

In Fig. 8, the point g', where t = 0.01151, marks one 
decimal time constant. At this moment the current is 
at G, and the deficiency is 10-», or 0.1. The attainment 
is (1 — 10 *) or 0.9. Again, at ^ — 2 tio, the current 
has reached L, where the deficiency is 10~* or 0.01, and 
the attainment is 1 - 10-*, or 0.99. At t » 3 r,o, the 


deficiency, at 0, is 10-’ or 0.001. From a practical, 
standpoint, the decimal time constant is too long, since 
the attainment is then 0.9. 

Pig. 4 shows the corresponding transient of decrease, 
when the switch S of Pig. 2 is closed. The curve in 
Pig. 4 is the same as in Pig. 3, but inverted. The same 
formulas apply and 

- L- 

i = 1.0 -f-1.5 € u amperes (18) 

All three time constants t« n and r,o are indicated in 
Pig. 4, and their applications are the same as in Pig. 3. 



Fio. 6 —Rmotilinbau ArPAiNMUNT-TiMN Constant Dia- 
OUAM ON INVBHTKI) AiUTII-Loo PaPBH, POtt DkCTMAI/, IflxPON- 
KNTIAIi AND BX^AttY TXME CONSTANTS 


Stjraight-Linb Graphs op Depioiency and Attain-* 
MBNT ON INVEETOD AriTH-LoG PaPBR 

Fig. 5 shows that the graphs of attainment and de¬ 
ficiency become straight lines on inverted arith-log 
paper for all three time constants. Thus at one timo 
constant, the attainment is 0.5 with the binary, 0.632 
with the exponential, and 0.9 with the decimal time 
constent. With the aid of this chart, computations 
relating to simple exponential transients may be greatly 
simplified, for most engineering purposes. The tem¬ 
perature rise of any machine, under steady load and 
steady ambient temperature, will trace out a straight 
line with time as in Pig. 4, if the transient is strictly 
exponential and the final rise is known. 
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Time Constants Applied to Transient Tempera¬ 
tures OP Dynamo Machines on Basis op 
Constant Losses During Transition 

The following is a brief presentation of the well- 
known theory of transient temperatures in dynamos 
under steady load. It is assumed that the impressed 
speed is constant, in the case of a generator, impressed 
voltage in the case of a motor, impressed voltage and 
frequency in the case of a transformer. The machine 
is supposed to comprise a single thermal body, of perfect 
thermal conduction throughout. The machine starts 
at i = 0 hours, from an initial and constant ambient 
temperature Ta deg. cent., imder continuous load, finally 
reaching a final temperature -|- Go deg. cent. 

The power losses in the machine remain constant at po 
watts. The dissipation constant s of formula (2) is 
constant and also the thermal capacity k, in watthours 
absorbed per deg. cent, elevation of temperature. 
Then if 6 is the instantaneous temperature of the 
machine at any time t, the heat generated in the machine 
during any short interval of time di is po dt watthours. 
During the same interval, the heat dissipated by the 
machine iBQs.dt watthours. ' If during the same, the 
tempCTature of the machine rises by dd deg. cent, the 
heat absorbed in the machine will hih.dd watthours. 
Equating the heat generated to the heat dissipated and 
absorbed, 

Po. (ft = 0 s . d< + & . watthours (19) 
Let Po = Gos watts (20) 

by (2). Then 

{6a — 6) s . dt = k . dd watthours (21) 
or (Go — 6) . dt = Tt'. dd deg. cent hours (22) 

k 

wh^e Tt = — hours (23) 

s 

Tt is an exponential time constant. It may be called 
the eomtani-loss time constant. 


The instantaneous temperature elevation d will be 
completely specified if we know the ultimate tempera¬ 
ture rise Go, and any one of the three time constants. 
The easiest time constant to measure is probably t*, 
from a tangent to the curve of initial heating, assuming 
that the ultimate rise Go is known or is measured. We 
do not need to know either k or s. The attainment at 
any time is d/6a, and the deficiency (Go — d)/6a. 

Cooling Transient 

The curve of cooling of a machine will be identical 
with tfeat of heating inverted (see Figs. 3 and 4), if the 
dissipation constant s remains the same. In the case 
of an air-cooled transformer, this may be expected; but 
in the case of a generator or motor, this can only be 
expected if the speed of rotation remains the same during 
both cooling and heating. It is evident that s will be 
greatly diminished if the machine is stopped while 
cooling. 



Fia. 6—DtiQBAM ov Assumed Steaiuht Line Losses at 
Constant Output as Function op Temperature 


Hence —numeric (24) 

Ba- d Tt' 

t 

and — logh (Go — d) = — ~ — c numeric (25) 

where logh signifies the hsrperbolic or Napierian 
logarithm, and c is an integration constant. 

_ i_ 

Then 6o— d = C e v deg. cent. (26) 

When t = 0, d = 0 and C = ©o. 

_ t_ 

Thus 0 = Go — Go « deg. cent, rise (27) 

= Go - Go 2~ V « « « (28) 

/ 

= Go-GolO“’-i. « « tt (29) 

These results are in accordance with those obtained for 
the continuous-current transient of Figs. 2, 8 and 4, 
using the tliree time constants mentioned above. 


Time Constants Applied to STRAiGHT-LmE Change 
OP Losses During Transition 

Fig. 6 represents an ideal diagram of losses in a 
machine oi>erated at a steady output, commencing at 
an initial and ambient temperature Ta and terminating 
at a final temperature T„ deg. cent. 0 P represents 
the internal losses po watts converted into heat. Of 
this amoxmt, a certain part, not definitely known, is in 
the copper windings, another part in the steel frames of 
rotor and stator, while the remainder will be in frictions 
of various kinds. If po were constant throughout the 
transition, the loss would reach A A' at the final tem¬ 
perature. Suppose, however, tiiat the copper losses 
increase by an amount A C along the straight line 0 C. 
This would be true if the current strengths in the wind¬ 
ings remained constant, and the copper resistances 
increased with temp^ature in the regular way. Ac¬ 
tually, the currents may have to be re-adjusted as the 
temperature increases; while the electric resistance of 
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carbon brushes, if used, may diminish. It will be 
sufficient that the actual change in copper losses does 
not depart markedly from a straight line 0 C. Again, 
the iron losses are likely to diminish as the temperature 
rises, because the resistance of the iron to eddy currents 
will increase; while the hysteresis losses remain sub¬ 
stantially unchanged. We may assume that the change 
in iron loss will amount, at the maximum temperature, 
to a reduction A F watts, and that it will follow a 
straight line O F. Actually, the change will be more 
complex; but it will suffice for most practical purposes 
if the deviation from the assumed straight line 0 J?' is 
not serious. The total change of power losses over the 
transition will then be say A D, plus or minus, accord¬ 
ing to the predominance of A C or A F. The total 
change with tempemture will then also occur along a 
straight line 0 D, so that the total losses will follow the 
straight line P D'. 

Let p be the power liberated in the machine at 
temperature elevation 6 deg. cent. Then 

P = Po + Pn — p/ watts (30) 

= Po + c 0 - / (9 = 4- d . i? “ (31) 

where c is the ratio A (7 :0 A or tan A 0 C, 

and /“ " “ Aif* :OA « tan AOjF’ 

“ d “ “ “ A I) : 0 A “ tan A 0 Z) 

Then at any temperature elevation 9, the power 
liberated in the machine being p» + d . 6, the heat 
liberated in time dt is 

p . dt = (po -\r d . 9) dt watthours (32) 

The heat dissipated in the same time will be 0 s . dt 
watthours; while the heat absorbed in the machine by a 
simultaneous small rise of temperature d0, is A: . d0 
watthours. Equating the gain and loss of heat, as 
in (19) 

(Po + d . 9) dt = 9 s , dt k . d9 watthours (33) 
Let po «= 00 fi, as before. 

Then {0oS — 9 {s — d)\ dt k . d9 watthours (34) 
or 


or 


■'j 

■ dt 




_/■ * 

)d0 


deg. cent, hours 

(35) 


\ s- d , 


or 

(6 ^ 6) dt . 

d0 

deg. cent, hours 

(36) 

where 

0 « 

00 ( 

s 

) deg. cent. 

(37) 

8— d 

and 


k 



(38) 

.mm. —«• 

T g sst — 
8 

-d 


TTd ; hours 


T« may be called the straight-line variable-loss time 
constant, or simply the varioAle-loss time constant. 
Equation (36) corresponds to (22), and its solution is 

0 =t 0 — e e ’•« deg. cent, rise (39) 


- 0 — 0 2 deg. cent, rise (40) 

_ 

= 0 — 0 10 ’••• deg. cent, rise (41) 

The effect of the variation of losses with temperature 
is to change both the ultimate rise and the time constant 
in the ratio s/(s — d). If the losses ai'e greater at the 
higher temperature d is positive; so that both O and t 
are increased. The temperature elevation will remain 
a simple exponential transient, the curve of which will 
con-espond to that of Fig. 3 for rises, and to that of Fig. 
4 for falls. The exponential time constant of the curve, 
as obtainable from the tangent, will be r^, and very 
nearly 70 per cent of this will be the binary time con¬ 
stant Ts. 


Cooling Curve with Normal Dissipation and 
Load Removed 


If the load were cut off the machine and all excitation 
removed, while the normal di.ssipation was maintained 
by continued rotation, the power liberated in the ma¬ 
chine would be zero. Equation (33) then becomes 
0 = 0 8 . dt + k . dd watthours (42) 

0 ~ 0 . dt + Tt' . d9 deg. cent, hours (43) 

- 9 . dt - r/ . d9 deg. cent, hours (44) 


dt d0 
" ~0 


numeric (45) 


the solution of which is 
t 

~ —ifT “ logh 0 -H c numeric (46) 

_ ^ 

Hence 0 - 0 e v deg. cent, rise (47) 

The time con.stant of this falling transient is not t« 
but t/. Con.sequently, if the losses vary with the 
temperature at constant output, the curves of transient 
temperature will be simply exponential, whether with 
load applied or with load removed; but the time con¬ 
stants will differ. But since it is very unusual to run 
a machine steadily without load or excitation, the con¬ 
stant-loss time constant t/ does not present itself in 
practise, and only the variable-loss time constant t« 
comes into operation. 

Although, under the above assumptions, the transient 
temperature of a dynamo machine in continuous opera¬ 
tion from one steady load to another is a time-constant 
transient, yet it will be found on examination of such 
temperature curve? that they deviate somewhat from 
strict time-constant curves, although for many practical 
purposes the deviations may be ignored. A principal 
cause for deviation is that the windings of a machine, 
with their copper losses, form one thermal system, and 
the steel structures, with their iron losses, form another. 
Each system has its own k, s and time constant. If 
the two systems were thermally independent, they could 
be measured apart; or, if the two systems were united 
by perfect thermal conduction, they would blend into 
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one with a single time constant, as has been assumed 
above. But they are actually only semi-detached, 
being in mutual communication through thermal 
resistances; so that each tends to modify the behavior 
of the other, in a rather complicated way. The curves 
of transient temperature of the copper are affected 
by the influence of the associated steel structures, and 
reciprocally; so that neither can display a true time- 
constant curve. 

By the courtesy of Mr. H. M. Hobart, a number of 
corves of transient temperature, in passing from one 
steady state to another,have been procured and examined 
for various t 3 npes and sizes of machines. Two only of 
these are presented here, as examples. 

Fig. 7 gives the observed hottest stator lamina tem¬ 
perature, as obtained by thermometer, on a particular 
30-h. p., 3-phase, 6-pole induction motor, operated 
undm- steady load, at 500 rev. per min., from a 440-volt,, 
26 circuit. The ambient temperature was 16 
deg. cent, and remained within 1 deg. cent, of that value 
during the test. The small black circles, at half-hour 
intervals, indicate the observed temperature rise; 
while the curve ABC — H shows a time constant com¬ 
puted on the basis of © = 37 deg. cent, ultimate rise. 



The observations‘do not depart more than 1.6 deg. cent, 
from the computed curve at any point, but indicate a 
tendency to exceed the curve near the middle of the run. 
Two exponential timeTConstants of about 44 minutes 
each are marked off on the 37 deg. rise line TH, by 
tangents from the curve.. The binary constant rVof 
about 30.5 min., is obtamed by taking 70 per cent of r«. 
Nine of these binary time constants are off. 


At the last, the rise should be theoretically within 1/512 
of the final value. 

Fig. 8 gives the corre^onding data for a particular 
4-pole, 60-h. p., d-c. motor, operating at 1076 rev. per 
min., on a 230-volt circuit. The motor was operated 
for five and one-quarter hours steadily, at rated load, 
and then after 15 min. intermission, at 126 per cent of 
rated load, for two hours more. The black circles give 



Pia. 8—TiDMPHiKATtrRB Rise op CouMUTATiKa Field Winding 
IN d-c.-Motor 

the observed temperature rise on the commutating 
field winding, by thermometer, above an ambient 
temperature of 16 deg. cent, at the beginning of the 
test. This ambient temperature rose steadily to 22 
deg. cent, at the end of the run. The curve 0 ABC 
is the computed time-constant curve, based upon an 
ultimate temperature rise of 48 deg. cent. The initial 
tangent 0 T cuts this horizontal line at T, marlfing off 
an exponential time constant MT = rt, of 30 min. 
The binary time constant was thus approximately 21 
min. Seven binary time constants are marked off 
along M B, where the deficiency would be 1 /128. 

The overload-run temperature time-constant curve 
\&DEF based on a new ultimate rise 0 of 21 deg, cent. 
The initial tangent marks off an exponential time 
constant mt = t«, of 30 min. as before, and five binary 
toe constants are marked off along the ultimate-rise 
line mF, Half the ultoate rise should develop at 1, 
half the remainder at 2, and half the succeeding re¬ 
mainder at each successive binary time-constant 
interval. 

It has r ecently been pointed out* that if after an 

6. “.Thia Temperature Rise of Bleotrioal Maehiuery” by 
T. R. Rowlands, The Eleciriedl Review, London, eorrespondenoe 
July 4th, 1924, page 11. 
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interval of ti hours from a starting point on an exponen¬ 
tial hating curve like that of Fig. 3, the temperature 
elevation reached is 6i, while after an interval of 
t 2 = 2 ti hours, it has reached 6t, then the ultimate 
rise should be 

6 

® = 2 - 02/01 

Correction for Change in Ambient Temperature 
During Run 

If, as very frequently happens, the ambient tempera¬ 
ture is observed to change duripg a run under steady 
load, some uncertainty develops as to the proper value 
to accept for the temperature rise 0. The heat dis- 


C D E F G- H 



BINARY TIME CONSTANTS 

Pig. 9 


sipated by the machine during the run tends to raise 
the ambient temperature. If the thermal time con¬ 
stant T 2 were negligibly small, so that the temperature 
of the machine could follow impressed thermal forces 
without delay, the attained teimperatuxe elevation 
would always be equal to - Ta, but there would be 
no need for carrying out a long continuous-load run, 
because such a machine would instantly reach its full 
temperature rise, on the application of the load. The 
longer the binary time constant, the greater the time 
needed for the machine to accommodate itself to a 
change in ambient temperature. Some correction of 
the observed temperature rise is therefore necessary for 
changes in ambient temperature. Such corrections 
should not require much computation, and should be 



Fig, 10 

easily applied; because with ordinary care, neither the 
change in ambient temperature nor the correction for 
it need be large. 

In Rg. 9, the ambient temperature T*, after pursuing 
the imiform stationary line A B, is supposed suddenly to 
rise by an amount A deg. cent, to C, and thereafter to 
continue unchanged with time, along the straight line 
CDEFGH. Commencing at 0, the moment of 
chanp, binary time constants T 2 are marked off along 
the time axis 128 4 5; After say three time constants 
have elap^, the machine will theoretically have 
acquired at/, a thermal state corresponding to 7/8ths of 
the full change A, and no correction from the ambient 
temperature T.' = T. -f- A will ordinarily be required 


if A is small. The temperature elevation at any time 
after F will thus be 

^ = Tm~ TJ deg. cent, rise (48) 
where is the observed temperature of the machine. 
But immediately after the instant C Fig. 9, the ambient 
temperature should be reckoned as Ta and not Ta‘, 
because the machine has not had time to respond. At 
D, after one time constant, the corrected value of Ta 
would be Ta + A/2. At E, it would be Ta + 3A/4. 

The conditions relating to Fig. 9 suggest the following 
simple approximate correction to be applied when the 
ambient temperature is changing. Suppose that the 
observed ambient temperature follows the lines ABC 
DEF in Fig. 10, and that at the instant t, when the 
ambient is at F, and the temperature at some warm 
part of the machine under observation is then T^f. 
Required the corrected ambient temperature Ta/, 
so that the corrected temperature rise may be taken as 

= T„f— Tat deg. cent, rise (49) 

Find the variable-loss binary time constant tj of 
the machine, as previously described. Measm^ off 
three of these time constants along the time axis, as at 
C, Fig. 10. Between C and D, the change was gradual; 
but assume that it occurred suddenly as Ce. The 
corresponding sudden changes at D and F would have 


c 



_p 

A 


.. 

o' . JL « 



1 

1 

! E, F 



Fig. 11 


been D d and B e deg. cent., respectively. Let the three 
dislnirbances be denoted as A., A<, and A., the signs of 
which are all the same in the case considered. Then 

7 3 1 

Taf — Tat + g Ac +-^ Ad+ A, deg. cent. (50) 

In the case considered, with uniform ambient rise from 
C to F, the imcorreeted ambient temperature would be 
!r« -f- 3 A«. The approximately corrected value would 
be,by(50),ra. + 2J Ac 

In this approximate correction process, it is assumed 
that a change in ambient temperature which occurred 
3 or more time constants back, has produced its full 
effect on the temperature of the machine. 

Effects op Opposiiely Directed Changes in 
Ambient. Temperature 

If the ambient temperature pursues in time the coiffse 
ABCDEFGH, Fig. 11, changing its value suddenly 
at B, D and F, the effects successively produced in the 
inferred ambient temperature of the Tna<»bino way be 
obtained by superposition. If the ambient tempera¬ 
ture, after changing abruptly from B to C, vrere. to 
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continue unchanged thereafter, it would follow the 
horizontal straight line ODD', parallel to the time a^s. 
The effective ambient temperature of the machine, 
with a binary time constant tj, would follow the time- 
constant curve Bdlm, ultimately coinciding with 
D D'. Again, if the abrupt change from P to S in the 
minus direction, were followed by a stationary condi¬ 
tion, the ambient temperature would pursue the 
straight line EFK. The effect of this negative change 
D E, acting alone, would be to produce the time-con- 
stanteurve Defg. Thenegativeordinatesof this curve 
are now applied to the curve dim, to produce the re¬ 
sultant curve d e, /, g. The third positive change F G, 
acting alone, would produce the time-constant curve 
Fnop. The positive ordinates of this curve, witb 
respect to F K, are now applied to the previous resultant 
curve e,f,g, producing the final resultant Gn'o'p'. 
The course of the effective ambient temperature is thus 
B de,Gn' o' p', which happens to end close to the final 
actual ambient temperature H. 

Approximate Correction of Ambient Temperature 
When Varying Oppositely 
Appl 3 dng the above principles to the general case of a 
slowly wandering ambient temperature, the changes of 



which are kept relatively small, but have varying direc¬ 
tions, we proceed as in Mg. 12; the method is the same 
as in Fig. 10, but the application is more general. Let 
ABCDEFGH be the observed course of tiie 
ambient temperature with time. At the time fa, corre¬ 
sponding to point H, it is required to find the approxi¬ 
mate effective ambient temperature. Measure back 
three binary time constants along the curve, marlring 
tbemoff at G, E and C. Itisassumedthat Tacthevalue 
at C, is the ambient temperature for correction. The 
changes in ambient Ce,Ee and G g, occurring in each 
of the three time constants, are drawn. The hypo¬ 
thetical path of the ambient temperature is then 
CcEeGgH. It is assumed that the effects of these 
three sudden changes will be substantially the same as 
those of the wandering changes CDFH. Let the 
three hypothetical displacements be denoted by A«, 
At and A„ respectively. The first two have the — si gn 
and the last one the -1- sign. Then 

7 3 1 

= Toe + Ac + -j- A, -f -g A, deg. cent. (51) 

the propar signs of the A terms must be car^uUy 
followed. 

In particular cases, a more elaborate correction 
fonnula may be called for. In such a case, tiie cor¬ 


rection might be carried back to cover four binary time 
constants instead of three, and each time constant 
might be divided into two equal parts. There would 
then be eight perpendiculars of the type C c, E e and 
G g, Mg. 12. C^ing them Ao, Aj.. . . . A„ A», the 
factors to apply, with the proper sign in each case, may 
be taken as 

16 9 7 4 3 13 

Ao + A6 -f- -g Ac -(- 5 Ad -I- ^ A. -I- 2Q A/ 


1 3 

+ 2 Ao + jQ Aa 

Advantages and Disadvantages op a Long Time 
Constant in a Machine 

A dynamo machine with a short time constant has 
the advantage that its temperature elevation follows 
closely upon the heels of impressed changes of load. 
The machine has a short thermal memory, and its 
previous history in service exerts a relatively small 
influence upon its instantaneous thermal state. If the 
ambient temperature changes, there is also less un¬ 
certainty as to the correction to be applied for the same, 
when measuring the t^perature rise. 

A machine with a long time constant has, however, 
one advantage in service. If the machine is called upon 
to supply a temporary overload, it may be able to do so 
without becoming overheated, by relying upon its heat 
storage capacity. If the duration of the overload is no 
more than one binary time constant, the overload will 
only be able, as we have seen, to develop half the 
ultimate temperature rise of tW overload. Conse¬ 
quently, the duration that might be permitted to an 
overload increases with the time constant of the ma¬ 
chine. It might readily happen that a central-station 
manager, desiring to purchase electric railway machines, 
under conditions where a certain overload period was 
expected, might decide in favor of a machine with a 
relatively long time constant, if in all other respects the 
machines submitted to his choice were substantially 
alike. It would be advantageous for him to utilize the 
longer time constant for carrying the overload, provided 
the proper maximum temperature limits were un¬ 
exceeded. On the other hand, a long time-constant 
machine needs more careful supervision than a short¬ 
time-constant machine. 

With equally effective ventilation, heavy mafthinpa 
tend to develop long time constants and light macbigfts 
short time constants. 

Complete Specification of Thermal Behavior 
IN a Machine 

Three quantities are theoretically necessary and 
sufficient for determining the thermal behavior of a 
machine under any assigned load schedule. 

(1) The rated load tonperature rise, or the maxi¬ 
mum accessible temp^ature rise under continuous 
rated load. 
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(2) The corresponding temperature rise at some 
other steady load, such as 25 per cent below, or 25 per 
cent above, rated load. Prom this a chart like Fig. 1 
can be prepared. 

(3) The variable-loss time constant, and for practi¬ 
cal purposes, preferably the variable-loss binary time 
constant. 

No. 1, the rated-load temperature rise is regularly 
supplied by the manufacturer. No. 2 and No. 3 are 
not ordinarily stated for small machines. Indeed, it 
would be unreasonable to expect a maker to execute 
the tests on each machine for arriving at these two 
specifications. Nevertheless, the maker would prob¬ 
ably know their numerical values approximately, from 
tests made on similar machines of the same type and 
size, so that there would probably be little difficulty in 
securing this information, within a degree of precision 
sufficient for operating purposes. 

SXJBIMARY OF DEDUCTIONS 

^ (1) For operating purposes, it is requisite and de¬ 
sirable to have three specific thermal data concerning a 
machine, the rated load rise, another load rise, and the 
time constant. 

(2) For practical purposes, the binary time constant 
is the best: but any one of the three time constants, 
exponential, binary or decimal, is readily convertible 
into the others. 

(3) The binary time constant of a machine is the 
interval of time in which, when passing normally from 
one temperature to another under any steady load, the 
outstanding difference from the ultimate temperature 
is reduced by 50 per cent, or to one half. 

(4) The curve of temperature of a machine under 
steady load, working from a steady ambient tempera¬ 
ture, is approximately a time-constant curve. 

(5) The true time-constant curve of temperature 
change against time makes a straight line on inverted 
arith-log paper when the final temperature is known. 

(6) Changes in the ambient temperature observed 
during any ste4dy-load run may be corrected for, in 
estimating the temperature rise, by a simple approxi¬ 
mate process. 

(7) A common value for the binary time constant 
of an ordinary generator or motor is less than one hour. 
In particular cases, however, and especially in air¬ 
cooled transformers, it may be several hours. 


Discussion 

V* KarapetofEs The use of exponential expressions for heat¬ 
ing and cooling curves of machinery is quite old. I published 
a complete theory of such curves in my Laboratory Notes in 1906. 
See also my “Experimental Electrical Engineering,” second 
edition, Vol. II, pp. 69 to 74. For a number of years we had at 
Cornell a student experiment on temperature rise in transformers 
using and checking exponential curves. However, the dis-, 
crepancy with the observed results was so considerable that we 
dropped the theory and left only the measurements. As a 


result of study of various Institute papers on temperature rise in 
electrical machinery, I have come to the conclusion that the 
exponential theory, in the simple form used by the author, is 
inadequate to represent the observed facts even in simple star¬ 
tionary apparatus, not to speak of revolving machinery. J 
am therefore omitting this theory from the third edition of my 
laboratory book. 

Some attempts have been made of late to differentiate among 
the various surfaces of a machine in their heat emission. See in 
particular G. E. Luke, A. I. B. E. Transactions, 1922, Vol. 41, 
p. 1/2; a bibliography is on p. 173. With two coefficients pro¬ 
posed by Mr. Luke, it is probably easier to approximate an 
experimental curve than with one time constant, only I would 
keep two separate expressions, with a finite difference of tem¬ 
perature between two parts of the machine, and not bunch them 
together. 

It would hardly be wise to introduce the concept of an “over¬ 
all thermal time-constant of a machine into our Standards, or 
even to encourage its use, thereby creating an impression that 
heating and cooling curves of machines follow a simple exponen¬ 
tial law with any accuracy, until we have more assurance of this 
fact. It is desirable to continue both theoretical and experi¬ 
mental researches with a view to finding out discrepancies with 
the simple exponential law for different kinds of electrical ap- 
pairatus, from a simple wire to a big turbo generator with forced 
draft. A somewhat more complicated law, with two or more 
parameters, will probably be necessary. 

'jThe value of the paper lies in (a) bringing the phenomena of 
temperature rise to the attention of the profession at large, in a 
clear and interesting manner; (b) showing the possibility of using 
a time constant to a base different from that of natural logs; 

(c) extending the previous treatment of the subject to the case 
when the losses in the machine are functions of the temperature; 

(d) calling attention to the desirability of includiiig certain ther¬ 
mal constants among other characteristics of the machine. 

I recently develdjped a theory of heating and cooling curves 
oil the assumption of a, finite variable temperature difference 
between the winding and the core, and hope to present it later 
before the Institute, It leads to a sum of two exponential terms 
with different parameters. 

V. M. Montsinijer: While I suspect that this paper, accord¬ 
ing to the subject, is intended to apply principally to dynamo 
electric machines, yet in several places, reference is made to air¬ 
cooled transformers and the inference is that oil-immersed self- 
cooled transformers are included in the subject under discussion, 
namely, that the manufacturer give to the operating engineer the 
thermal time constant as a part of the regular specification, and 
that this constant can be determined by the methods shown in the 
paper, and that the binary instead of the exponential time con¬ 
stant be used. 

Now, let us see how the various methods of determining the 
time.constant compare and apply to air-cooled transformers. 

The author has, cCrrectly, pointed out that when the copper 
and iron systems are thermally independent, it would not be 
necessary to resort toHhe graphical method of determining the 
time constant by dravfing a tangent to the tested time-tempera¬ 
ture line as shown in Fig. 3, or by plotting the deficiency tem¬ 
perature rise values against time on semi-log or arith-log paper as 
illustrated in Fig. 5. 

Most oil-immersed transformers, with the exception of 
units, where the windings are sometimes wound directly on the 
iron core, come within this class of apparatus in which the copper 
and iron parts are thermally independent. It has been my ex¬ 
perience that when the weight of the materials, the losses and the 
final temperature rises are known, it is a simple matter to calcu¬ 
late the time constant and consequently be able to predict the 
temperature rise at any time during the change from one steady 
thermal state to another. If the final rise is known—and it 
usually is—for some given load, the final rise for any other loa4 
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can be estimated any one who is experienced in this line of 
work as accurately as it can be detennined by test. 

Before giving the method or formula which I have used, I 
would like to point out the conditions under which the method 
of plotting the deficiency in temperature rise against time and the 
graphical method of drawing a tangent to the tested time-tem¬ 
perature line hold, and where they do not hold. 

In order to analyze correctly the thermal conditions in a trans¬ 
former it is well to remember that the temperature rise of the 
windings above the cooling medium is composed of two steps 
which are: (1) top oil temperature rise above room; and (2) 
winding temperature rise above top oil. Each of these steps 
must be dealt with separately. I have found that if the de¬ 
ficiency in temperature rise of the maximum or top oil is plotted 
against time on semi-log paper, the points fall in a straight line, 
regardless of the size of the transformer and amount of oil. This 
method, therefore, can be used to determine either the decimal, 
the exponential or the binary time constants for any given load. 
Likevdse, the deficiency of the winding temperature rise over the 
top oil against time can be plotted as a straight line on semi-log 
paper. The winding rise over the ambient, however, does not 
lend itself to this method unless we neglect the time it requires the 
winding oil to become constant. But after the temperature rise 
of the windings over the oil becomes constant, which usually 
requires from 20 to 30 min. for the average transformer the 
points naturally fall in a straight line which line is parallel to the 
oil-rise curve. The line, therefore, naturally does not go through 
the point of zero time. For this reason, I do not believe that this 
method would be entirely satisfactory when applied to the 
wdnding rise over the room temperature. 

The graphical method illustrated in his Pig. 3 is really not 
satisfactory for either the oil rise or the winding rise over the 
room temperature. The temperature of a large body of oil when 
loss is first liberated in it does not immediately start to rise but 
seems to have a certain time lag. This slight displacement of the 
curve at the beginning is enough to prevent the drawing of a 
tangent to the line with any reasonable degree of accuracy. Fur¬ 
thermore, I do not believe that this method will give entirely 
satisfactory results for any type of apparatus because so much 
depends on the first few readings being absolutely accurate, and 
again, even if the first test points were right it is rather difficult 
for one to know just where to draw the tangent. When applied 
to the temperature rise of the windings over the room the method 
falls down completely, for the reason that, as pointed out before, 
the winding rise increases very rapidly at first and becomes 
constant within 25 or 30 min. whereas the oil required approxi¬ 
mately the same number of hours, i. e., about 25 hours to become 
constant. Consequently, the tangent line is too nearly vertical 
and gives a very much smaller time constant than the correct one. 
And then, there is the further objection or disadvantage to both 
the graphical and deficiency methods as applied to the oil rise of 
transformers that the time constant for a given transformer has 
different values for different loads. The reason for this is that 
the temperature rise for constant conditions is never proportional 
to the loss but to the loss raised to some power less than unity, 
generally around 0.8. This means, therefore, that it would be 
necess^ to make a test under all the possible loading conditions 
which is an impractical thing to do. The same objection holds 
for horizontd cofi rises over oil, but not to vertical coil rises over 
oil, because in the latter case, the rise is approximately propor¬ 
tional to the loss. 

I believe Dr. KenneUy will agree with me that where the 
thermal conditions are simplified as they are in a transformer and 
where temperature rise is not proportional to the loss, the most 
satisfactory method of determining the thermal, time con¬ 
stants is by calculating them. At least, he gives this inti¬ 
mation m his paper at the bottom of page 143 and ton of 
page 144. ^ 

The formula which I have used for several years with satis¬ 


factory results is similar to equation (27), The formula and 
the definition of the various factors in it are as follows: 


e = temperature rise at time L 

0; = final temperature rise with the resulting loss e., con¬ 
sidering the increased copper loss duo to increased 
temperature) for constant conditions. 

B - Time constant 

^ Cdf 

L 

L = initial loss in watts 
C = thermal capacity of mass being heated. 

When calculating top oil temperature rise, and time I is 
expressed in hours: 

C = (2.96 c + 3.5 i -h 105 a G)/60 
where 

c = lb. copper 

. i = lb. (core -f- 2/3 tank wt.) 

G = gallons (U. S.) oil 

a = ratio of average to max. vertical temperature gi*adient of 
tank (which ranges from about 0.75 to 0.0.5, dopouding 
on the design). . 

When calculating winding temperature rise al)o\o t(j]) oil, 
and expressing time i in minutes. 

C = 2.96 ^ ^ X lb. bare copper. 

where A and a are the insulated and bare cross socl.ions, re¬ 
spectively, of the conductor in the winding. 

No attempt will be made here to compare calculated and 
tested results as space does not permit. However, a paiier giving 
a more complete discussion of this subject will be published in 
the near future by Mr. W. H. Cooney, who is associated with me 
in my work. 

Dr. Kennelly strongly recommends that we dis(?ard the 
exponential time constant and use the binary time constant. I 
am in accord with the author in everything he says regarding the 
advantages of the binary over the exponential time constant, 
and would be glad to see the binary constant used. 

In reference to the theoretical formula, that is, equation (47), 
which he gives for the cooling after load is removed, I would like 
to point out that it has been found that this formula cannot be 
used to calculate the cooling of the windings of oil-immersed 
transformers after shut-down. The reason seems to be that the 
temperature of the cooling medium for the windings, which, of 
course, is the oil circulating around and through, the windings is 
undergoing a change in temperature at the same time the wind¬ 
ings are cooling down. This subject was discussed fully in my 
paper on “Cooling of Oil-Immersed Transformer Windings after 
Shut-down,“ see TiiAN.SACTroN8, A. I. E. E., 1917, p. 117. 
It was shown in this paper that the cooling of the windings was 
approximately a function of the watts per pound in the copper 
and of the time after shut-down. Even the insulation on the- 
conductors, etc., does not have to be considered, consequently the 
problem is very much simplified. The rule for cooling after 
shut-down given in the present A. I. E. E. Standards was based 
on the data given m the above referred to paper. The formula 
is of the form: 

e = 1.95 - 6-^<) 

in which 

6 — cooling in deg. cent. 

Wc — Watts per lb. of bare copper 
a =0.106Wc®-® 
i *= time in minutes. 

With reference to the proposed method of correcting for a' 
change in ambient temperature, during heat run, while I have 
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not tried it out, x feel that the most satisfactory means of doing 
this for a transformer is by the use of an idle unit having approxi¬ 
mately the same amount of material as tlie unit imder test. 
While the idle unit naay pot always give ideal results, it appears 
to be the most practical at present and it is recommended that 
it be used wherever possible. 

In closing I would like to urge that we give serious considera¬ 
tion to the author’s plea for the adoption of the binary time 
constant. There is no question but that it is preferable to the 
exponential constant. The fact that I advocate the method of 
calculating the constant for transformers does not affect in the 
least tlie question of the merits of the binary constant. 

W. B. Kouwenhoven; Dr. Kennelly’s paper on “Thermal 
Time Constants” is a valuable one, and his introduction of tlje 

binary time constant” simplifies to some extent the use of 
temperature data. 

I have had occasion to make quite a number of heat tests 
during the past several years, and I have found that the use of 
the theoretical touiporature cmwos and thermal constants will 
often save considerable tim.e in determining the rating of a piece 
of equipment. There are three principal uses td which a knowl¬ 
edge of these curves may be applied. 

1. By moans of the curvo plotted from the readings secured 
in the first two to three hours of an eiglit-hour heat run, we can 
predict fairly closely the ejid temperature or maximum tem¬ 
perature rise that will bo reached at the end of the test period. 

2. By means of tlie same curvo secured in the early part of 
the lieat run we can determine whether we are applying tlu; 
proper load for the eight-hour rating; and whether the machine 
will reach the specified temperature rise in the specified time. 



T-EXPONENTIAL THERMAL TIME CONSTANT 

Fiq. 1 

3. We can determine the thermal constant of the machine, 
and as shown by Dr. Kennolly, use this in estimating what the 
machine will do under intermittent load or under some other load 
conditions. 

Before discussing these applications it will be necessary' to refer 
to the heating curve shown in the accompanying Fig. 1. The 
maximum or end temperature is the asymptote" to this curve. It 
can easily be shown that the subtangents A B, C D and E F 
of the heating curvo, I’eferred to its asjnnptote as an axis, are 
equal. 

In the actual heat run the desired load is applied, conditions 
being kept as nearly constant as possible, temperature readings 
are taken at frequent intervals and the temperature-rise curve 
xs plotted. As soon as a sufficient length of curve has been 
obtained, a number of tangents to this curve are drawn and as 
nearly as possible,' tlie height of the horizontal line that will give 
equal subtangents is determined. The point where this cuts 
through the Y axis gives the end temperature. 

As Dr. ICennelly has shown, these subtangents are also equal to 
what is known as the exponential thermal time constant of the 
aparatus and in a length of time equal to five exponential 
thermal time constants the machine wiU reach 99.4 per cent of 
its maximum temperature rise. As soon as the constant is known 
we can not only predict the end temperature but also the duration 
of the heat run necessary to reach this final temperature. By 


this moans we can tell whether the proper load is being applied 
for a given rating. 

In using this theory in practise there are many cases where the 
heat curve is of such irregular shape that it is impossible to draw 
tangents and to obtain any idea of the constants of the apparatus 
under test.^ In other cases the early part of the curve is useless, 
but the middle portion may be of value and may permit us to 
obtain an idea of the end conditions. 

My experience, however, has been that it is always worth 
while to attempt to apply the theoretical cui*ve in making a heat 
run. 

C. M. Laffoon: The simple exponential relation between 
temperature rise and time during the transient temperature 
period for any given constant-load condition is correct on the 
basis of tlie simplifying assumptions which were made. As a 



Fig. 2—Tkmpeuatijrk Ri.sk op 35,000 Kv-a. Tukbo 
Oknbrator 

ficuierator raiiiif?—12,000 volts, tliroe-pliase, 60-cycl(ss; oporatinK at 
75 por cent load, starting from 50 per cent load at constant temperature. 



Fig. 3—Tbmpbratuiik Rise oi«* 25,900 Kv-a. Turbo 
Generator 


Genoi’ator rating 8000 volts, throe-pliaso, OO-cycIes; temperature rise 
under 76,3 per cent load, starting from constant teinporature and 46 per 
cent load. Simple exponential curves used to Ob experimental data. 

matter of fact, this exponential relation has been well known for 
a number of years. Designing engineers of electrical machinery 
have used similarly shaped curves as obtained from test or by 
calculation to determine the temperature rise of machines when 
operating under different load conditions. 

. At the present time, thero is insufficient experimental data 
available on actual machines to determine definitely how far 
it is necessary to extend the analysis in order to obtain a satis¬ 
factory solution. If no simplifying assumptions are made and 
the analysis is based on the actual distribution of the losses, and 
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the losses are considered to be dissipated principally by conduc¬ 
tion and convection, the solution becomes very complicated and 
involved. Fairly complete mathematical solutions have been 
worked out for the case of transformers and considerable progress 
is being made in determining a more complete solution for 
rotating machines. 



Fig. 4 



Fig. 5 
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TIME IN MINUTES 

Fig. 6 

Figs. 4——6—Temperature Rise on Various Parts op 
25,000-Kv-a. Turbo Generator 

Generator rating—66,000 volts, tliree-pliase, 26 cycles; temperature rise 
under fuU load from constant temperature under 74*6-per cent load. Simple 
exponential curves are used to fit the experimental data. 

Fig. 4 shows temperature at surface of top conductor as measured by 
thermo-couple 

Fig. 5 shows temperature between coils 

Fig. 6 shows temperature of field-winding, calculated from the resistance 
rise 

The accompanying curves in Figs. 2 to 7 show the measured 
temperature rises of several large turbo generators at definite 
time intervals when operating under constant load conditions. 
The temperatures of ^e armature windings were obtained by 
imbedded temperature detectors which were placed in contact 
with the bare copper, as well as between coil sides. The tem¬ 


peratures of the field windings were obtained by the increase-in- 
resistance method. Simple exponential curves are superimposed 
on the test points. It is interesting to note that the simple 
exponential curves practically coincide with the test points 
for the case of the temperatures on the bare copper. In the 
case of the temperature detectors placed between the coil sides, 
the exponential curves fit the test points reasonably closely, as 
the temperatures approach sustained values, but during the early 
part of the transient state the test points drop appreciably below 
the exponential curves. This temperature dip or lag is due to 
the fact that there is an appreciable volume of insulation through 
which the heat, caused by the copper loss, must flow and its 
coefficient of specific heat is relatively large, as compared to that 
of, copper. 



TIME IN MINUTES 

Fig. 7—Temperature Rise of Different Parts of 25,000 
Kv-a. Turbo Generator 

Generator rating—6600 volts, three-phase, 25 cycles, operating at 100- 
per cent load starting from constant temperature at 75 per cent loatl. 

Ourve 1 is temperature on bare copper 

Curve 2 is temperatui’e between coil sides of armature winding 

Ourve 3 is temperature of field winding 

Another interesting and practical point to note for the last 
set of curves (Fig. 7) is that the thermal time constants are widely 
different for the different elements of a given generator. In the 
case of the 26,000-kv-a. turbo generator, a 50-per cent change in 
temperature rise corresponds to a binary time constant of ap¬ 
proximately 20 min. for the bare copper of the armature winding, 
26 min. for the temperature detectors between coil sides, and 38 
min. for the field winding. (The values are based on the exponen-^ 
tial curves.) Hence, in order to determine the rating of an 
electrical generator when operating under overload conditions, 
it is necessary to know the thermal time constants for both the 
armature and field windings. If exponential curves are to be 
used in determining the temperatures, the curves must be based 
on measured values obtained near the final or sustained values. 

G. E* Luke: It is of special interest to electrical engineers to 
be able to visualize problems such as transient heating phenom¬ 
ena in terms of similar electrical problems. The similarity 
can be seen even down to the constants of the equation. Thus, 
the time constant in the electrical circuit is LjR and in the 
thermal circuit it is fc/s; (L) and (k) are similar in that both 
represent constants of the circuit which are proportional to the 
stored energy. Likewise (R) and (s) both are factors propoi*- 
tional to the loss in the circuit. 

In a previous paper^ presented to the Institute on a similar 
subject, an equation of the same form as Dr. Kennelly’s 
equation was derived, also this equation was shown in the form: 

t ■=2.3T.Logi. (27) 

This is the general form where da is the temperature rise at 

2. Heatiiig of Railway Motors in Service and on Test-Floor Buns, by 
G. B. Luke. Transactions, A. I. E. B, 1922, p. 165. 
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suirt, the other constants being the same as in Dr. Kennelly’s 
paper. This equation will satisfy any heating or cooling con¬ 
dition and can be easily solved with the aid of an ordinary slide 
rule. This equation can also be solved graphically with the use 
of special nomographic charts. 

An interesting application of these heating equations is 
in the solution of the heating problem where a continuously 
applied heating and.cooling cycle is found. Such a cycle is 
common in elevators, hoists, street cars, etc. Thus the curve 
in Pig. 8 herewith gives a typical cycle where one load is applied 
at alternate intervals of (h - hrs.) and another load for the 
other (^2) intervals. would be the continuous temperature rise 

if the first load should be applied continuously and $ 0 *^ the rise 
on the basis of a continuous application of the second load. 


armature copper is over twice the rate of the field copper. This 
is primarily a question of ventilation and heat flow. The time 
constant of the copper alone imbedded in the slots is very small, 
being considerably less than the values given on the author^s 
Pig. 7 and Pig. 8. This influences the “hottest spot” and when 
short overload of 125 to 150 per cent of full load are found the 
permissible time of loading should be based upon the time con¬ 
stant of the “hottest spot” and not upon the average heating of 
the motor as found by thermometers. This point was explained 
in greater detail in the paper previously mentioned. 

It is believed that there is some error in the last sen¬ 
tence on page 141, since the curve referred to, in Pig. 4, is 

not a straight line. The equation e -- — - (47a) 

2 — 69/61 



Fig. 8—Temperature Cycle op Motor on Variable Load 


two points of interest on such a load are the maximum steady 
rise 6 max and the minimum rise d^in- 
It can be shown that 


where 


if 

Then 
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As mentioned in the paper, the heating of various parts of 
an electric machine is not uniform, and much of a machine’s 
masses absorb very little heat. Thus in Pigs. 7 and 8 of the 
paper if the time constant is calculated on the basis of the total' 
weight of the motor, its value will be over twice the tested value. 
On the other hand, if the heating curve for the d-c. motor 
armature copper is calculated its time constant will be consider¬ 
ably less than that shown on Pig. 8. Hence the use of such 
heating curves and formulas for industrial motor applications 
may be dangerous unless they are based upon that part of the 
machine that has the smallest time constant, that is, heats up the 
quickest. 

A good example of the way various parts of a motor increase 
in temperature is shown on in the accompanying Pig. 9. This 
is the tested heating curve of a typical d-o. railway motor. 
Thermocouples were placed in the windings, both field and arma¬ 
ture (with slip rings). The approximate exponential time con¬ 
stants based upon the tangent to the curves at the origin are 0.9, 
2.1 and 2.2hours for the armature copper, field copper, and surface 
respectively. The same constants based upon the time corre¬ 
sponding to the 63.2 percent temperature rise are 1.1,1.8 and 2.0 
hours respectively. Thus the initial rate of heating of the 


holds true only if the origin is taken at the time of start ( 6 a = 0) 
and hence will not be true in general when 6 ^ Ba fort - 0, 
similar to curve Fig. 3. 

In the summary in the last sentence on page 147, it 
is assumed that air-cooled transformers means oil-insulated, 
self-cooled, instead of air blast transformers, since the latter 
usually have a small time constant. 

E. B* Paxton: I believe that information based on the ther¬ 
mal time constant as proposed by Dr, Kennelly would be very 
useful if it could be made available in such simple form as to be 
readily used and understood, not as a rating but as information 
supplementary to a rating. 

Electrical machines could often be applied to better advantage 
if there were some simple means available of knowing, if only 
approximately, their operating capabilities under various serv¬ 
ice conditions such as, for example, low ambient temperatures 
or short-time operation. An understanding of what might bo 
expected of a machine under such conditions would often result 
in the installation of a smaller machine. 

A criticism has been made that each different part theoreti¬ 
cally has its own time constant and that, due to the heat of each 
part affecting the others, the effect is much more complicated 
than indicated by the simple logarithmic relation. However, 
test results show, as pointed out in the discussion of Mr. Laffoon, 
that the temperature rises of individual parts often follow quite 
closely a law based on a single time constant and it is only 
necessary, as a basis for information to serve as a guide in opera¬ 
tion, to regard the limiting or hottest part, 

O. £• Shirley: The binary heating constant gives a very 



convenient method of determining to a practical de^ee of ac¬ 
curacy the heating of a rotating machine under a considerable 
number of varying conditions. I agree with the. view brought 
out in some of the previous discussions that the results may vary 
from the actual tests under many conditions, but the method 
may^ be used to considerable advantage where approximate 
heating is required for machines operating on duty cycles. 

A number of machines, for which heating curves are available, 
have been checked to obtain an idea of typical values of the 
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binary constant. The constants for several machines are as 
follows: 


Cycles 

Kv-a. 

Volts 

Binary Constant (Minutes) 
Thermometer Temp. Detector 

25 

1250 

6400 

30 

29 

25 

2450 

13200 

38 

•39 

25 

2450 

6600 

23 

20 

50 

2500 

11000 

25 

19 

60 

1250 

2300 

15 

16 ■ 

60 

2500 

4000 

20 

12 


The agreement between results for thermometer and tempera¬ 
ture detector is very good except for the last machine which 
shows a considerable difference between the constants by ther¬ 
mometer and by temperature detector. 

In determining the constants from the test heating curves 
there were some appreciable variations in the time for the differ¬ 
ent intervals, but by taking the average values for the higher 
increments, (i. from M to % rise, and from M to rise) 
constants could be obtained that would give curves checking the 
tests to a very good degree of accuracy. 

The binary time constant as proposed in the paper appears to 
increase with the size of the machine, and also with the thickness 
of insulation. 

The machines, which have been checked, indicate that the 
range of values for the usual design is 15 to 45 min., but this 
maximum value would very likely be exceeded in very large units 
and with high voltages. 

As I see it, the principal advantage of the proposed constant 
is to give an easily remembered way of approximating the ej^ect 
of a varying load from the curve of final temperature and load 
and the time constant which can be obtained from one test heat¬ 
ing curve. The binary constant is very much easier to apply 
than the exponential constant and the accuracy of the results is 
the same. 

A. M. MacGutcheons This subject has a tremendous 
interest if we intend to use our knowledge of the time constant in 
connection with design and test. If it is to be given to the user 
of electrical apparatus for assistance in applying electrical ma¬ 
chinery, I think it is exceedingly dangerous for the reasons that 
Prof. Karapetoff and others have pointed out. It is difficult to 
determine accurately, and it is likely to vary, I believe, even for 
duplicate machines. We have known duplicate machines to vary 
15 degrees in measurable temperature under continuous full-load 
operation. If there are differences like that in machines which 
are intended to be identical, how can a man in the field applying 
electrical apparatus intelligently use a time constant if he makes 
its application general? 

I believe that successful application of electrical machinery 
will result to a much greater degree if more study is given on the 
application problem, which is a very difficult one, and I think it 
would be dangerous to mislead power-apparatus users into think¬ 
ing that something we can give them on a time constant is going 
to solve all of their difficulties. I am referring particularly to 
snialler sizes of power apparatus, from 250 h. p. down. When a 
large installation goes in possibly a time constant could be well 
used, because on such an installation as that, the company put¬ 
ting it in has high-grade engineers probably to consider the time 
constant and to make absolutely certain that they are applying it 
well. But for general applications of power motors, it seems to 
me extremely dangerous to attempt to give to the user a time 
constant which we aren’t sure we can sbccurately predict; we 
aren’t sure that we will not have to divide it into ten parts, as 
Professor Karapetoff has said, and we aren’t sure that it will 
always be the same constant for duplicate machines. 

F. D. Newbury: A possible inference from Dr. Kennelly’s 
paper is that this mathematical relationship between tempera¬ 
ture and time affords a practicable method of defining the rating 
of a rotating machine for any combination of loads and times pf 
loading. If a machine can be given, as one of its characteristics. 


a single time constant, then its rating can be completely and 
exactly defined by stating its temperature rise at one loading, 
applied continuously, in combination with this time constant. 

Mr. Laffoon in his discussion points out two important facts 
that greatly complicate this practical application: the agreement 
between the exponential curve and the test results is close only 
when it is possible to measure temperatures at or near the seat of 
the loss; and each machine has a time constant for each major 
loss-producing element. In a motor, for example, a time con¬ 
stant, determined from externally-applied thermometer readings, 
would be safe to use only when the test is continued long enough 
for the motor to approximate its final temperature; for short 
times the measured temperature is considerably lower than the 
temperature obtained from the correct exponential curve. In all 
machines of any size, and notably in turbine generators, the time 
constant of the armature windings and field windings will be 
quite different. Finally, the several time constants of each size 
of each type of machinery will vary depending on design pro¬ 
portions adjecting distribution of losses, heat storage captmity, 
and ventilation constants. 

The application of this matter to the rating of electrical ma¬ 
chinery is not as simple as it might seem from the paper iimler 
discussion, and a word of caution in connection with the practical 
use of the exponential relationship for the application of motors 
and other machinery to service conditions may not bo out of 
place. 

M. L. Keller: (by letter): Although I agree with Professor 
Kennelly that the binary time constant as suggested by him is 
the much more practical term for a simple explanation, the 
exponential time constant has nevertheless some importance 
from the practical standpoint. Instead of saying that after 
the lapse of one exponential time constant the deficiency is 
1/2 XO.7182, which for practical purposes is meaningless, w© may 
define the exponential time constant as the time necessary to 
reach the maximum temperature if no heat is dissipated during 
the period of observation (See Fig. 10 herewith). 

This definition is very simple and has also other advantages. 
For instance: we are able to determine the tangent of the tem¬ 
perature curve at the start without reference to the later period 
of the temperature rise. 

The differential equation as set forth, is: 

p . dt - G . c , d e (1) 

p = watt; G = weight (gramm), c = specific Iieat 

Considering the temperature-rise in degi*ees centigrade per 
second of a conductor with the conductivity (p), specific weight 
(7) and specific heat (c), at a current-density ('^) amp/min®, we 
find 

(2) 

Therefore, knowing the ultimate temperature-rise to l)e 
Po 

^0 = [Prof. Kennelly’s equations (20) also (3)], the expon¬ 
ential time constant is: 


^0 



This means that if we know the conductor and ultimate 
temperature-rise at a given current density, the value of the 
time constant can be easily obtained. 

Applying equation (3) to electrical machines, it will be found 
that the time constant thus determined is in most cases too small. 
The reason for this lies in the, fact that we must take into account 
the thermal effect of the materials surrounding the conductor. 
It is apparent) that Hie insulation around the conductor in¬ 
creases the time constant of the same, acting as a means of 
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storage of heat energy produced by the conductor. It may be 
added that with the increase in the heat-absorption qualities and 
conductivity of the insulating material, the active time constant 
also increases. As it takes time for the surrounding materials 
of the conductor to absorb heat, it is evident that the increasing 
induence of the insulation, etc., upon the conductor depends on 
the rapidity of the temperature rise, which in turn depends on the 
load. (For load periods the duration of w’hieh is greater than 
about 3/5 times the full-load time constant this need not be 
considered.) In other words: the time constant of electrical 
machines is not only a function of material and construction, 
but indirectly also of load periods and load variations as well. 



Pig. 10 


This fact is of extraordinary importance where sudden load 
changes in quantity and duration occur and where the total time 
constant of the machine is large in respect to the inherent time 
constant of the heat producing conductors (for instance, trans¬ 
formers). 

The above conclusions explain Prof. Kennelly’s statement, why 
with reference to Pig. 7 in his paper “the computed curve has the 
tendency to exceed the temperature curve near the middle of the 
run.*' The inherent time constant of the motor analyzed by 
this curve~-judged‘by its size-~wiU probably be half (or even 
less) the ^ven full-load time constant. For a general rule, it 
may be said that the full-load time constant of a motor depends 
on the conductor plus about 50 per cent on the insulation in the 
slot. 

Prof. Kennelly mentions as a main reason causing deviation of 
the temperature cuiwe from a strict time-constant curve “that 
tile windings of a machine with their copper losses form one 
thermal system and the steel structures with their iron losses, 
form another and that each tends to modify the behavior of the 
other.” 

This conclusion is of much importance and brings forth the 
question: How do these different thermal systems affect the 
hottest—t. <i. critical spot—of the machine and how are we able 
to consider them in a simple mannerf As the critical spot— 
which is the main point of interest to us—lies at the inner surface 
of the insulation next to the conductor, the simplest way seems 
to be, to take as a basis for any temperature consideration the 
tim^ constant of the conductor which is identical with that of the 
critical spot and to consider the other heating sources, iron 
losses and adjacent conductors, as distributing factors. 

Recapitulating, we may say, the smallest time constant of an 
electrical machine is the inherent time constant of the conductor. 
It increases through the thermal influence of the surrounding 
materials (insulation, etc.). The amount of this influence 
depends on the rapidity of heat changes in the conductor, this 
means that the time constant is also a function of the load. The 
heating influence of the iron losses and adjacent conductors are 
to be considered as disturbing factors in respect to the critical 
spot. 

P. Wenner (by letter): In the analysis of this problem Prof. 
KenneUy points out the similarity between it and the variation 
of an electric current in an inductive circuit. This procedure 


enables us to handle certain parts of these two problems practi¬ 
cally as if they were the same problem, and to apply information 
we may have conceruing one to the other. To those who are 
required to work "with both problems this results in a real saving 
of mental effort. 

As this subject is one of considerable importance and the 
method of analysis is new it may not be out of place to point a 
little more in detail the way in which thermal time constants 
may be used to advantage in the solution of a particular problem. 
It will be conceded without question, I think, that an exact 
mathematical solution is too complicated for general use. 
Further, nothing is gained by carrjnng the computations to four 
or five significant figui'es, since the data is reliable to a few 
significant figures only and the fundamental assumptions which 
must be made are only approximately correct. What is wanted 
18 a simple procedure by which calculations can be made to two. 
or at most three significant figures. 

In the consideration of a similar though somewhat more 
complicated problem in electromechanics, it was observed that 
a considerable simplification could be made by using what, for 
the lack of a more appropriate designation, we have called a 
weight” curve. This is the response and recovery curve with 
the time scale reversed and with all ordinates multiplied by such 
a factor as to make the area under the curve unity. 

In a dynamoelectric machine heat is developed within the 
material of the machine simultaneously with the energy output 
and is dissipated slowly. If a load is applied for an instant only, 
the mean temperature increases suddenly and then decreases 
very slowly following approximately a curve similar to that 
shown in Fig. 4 of the paper. The variation in mean tempera¬ 
ture, therefore, may be considered to follow the curve shown here 
in Fig. 11. The instantaneous rise shows the response and the 
part beyond the peak shows the recovery. The weight curve 
corresponding to this response and recovery curve is of the form 
shown in Fig. 12. In the latter the origin of time is taken at the 
end. Any convenient unit of time such as the minute or the hour 
may be used. However, there is a very considerable advantage 
in taking one of the time constants of the machine under consider¬ 
ation as the unit of time. When this is done both the response 
and recovery curve, and the weight curve are independent of the 
constants of any particular machine. In fact all responses and 
recoveries of whatever nature, which take place according to the 
laws assumed to apply here have the same weight curve. 



Fig. 11—Temperature Pig. 12—^Weight Curve 

Response and Recovery Corresponding to Rb- 
Load applied for an instant sponsb and Recovery 
only Pig. 11 

If the unit of time is taken as the binary time constant then 
the weight at any time t is equal to Log« .2 This gives the 
following data which may be used in constructing a weight 
curve. 


Time 

Weight 

0 

0.693 


0.683 . 


0.490 

-1 

0.347 

-2 

0.173 

-4 

0.043 

-8 

0 003 


Such a curve is shown drawn to scale in Fig. 13, 
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Now let us see how we may proceed to predict the temperature 
rise for a particular machine when subjected to a particular 
assumed load. Let this load be as shown in the curve of Fig. 14, 
and let the problem be the determination of the temperature rise 
at the end of 4M hours. As Prof. Kennelly has pointed out, 
three specific thermal data are required. These are the ultimate 
temperature rise for two different constant loads and the time 
instant. The former give two points from which a straight 
line curve similar to that shown in Pig. 1 of the paper may be 
plotted and the latter serves to convert the time scale of the as¬ 
sumed load to the time scale of the weight curve. We then 
have three curves for use in making the calculations, namely: 
1. The assumed load curve with a proper time scale, 2. The ulti¬ 
mate rise in temperature curve of the type shovTi in Pig. 1 of the 
paper, and 3, the weight curve as shown in Pig. 13 herewith. 
With these three curves, a slide rule, and pencil and paper, the 
calculation is carried out as follows: First, read from the load 
curve the average load from — to 0. Second, from the ulti- 



PiQ. 13 —Weight Curve Cor- Pig. 14—^Assumed Load in 

RESPONDING TO RESPONSE AND TbRMS OT RaTED LoAD 

Recovery Shown in Pig. 11 
Time expressed in binary time con¬ 
stants 

mate temperature rise curve read the rise in temperature cor¬ 
responding to this load. Third, read from the weight curve the 
mean weight from — M to 0. The ultimate rise in temperature, 
times the time (in this case H) gives the temperature rise at the 
time 0 which would result from the assumed load if applied only 
from — to 0. This figure is the first of a series to be added. 
Proceeding in the same way the temperature rise which would 
result at the time 0 from the assumed load if applied only from 
— to — M is obtained. This constitutes the second term of the 
series to be added. Third, Fourth, etc., terms of the series are 
obtained in the same vray, except, as the weight becomes smaller, 
an interval of time equal'to a half, a full, or even two tinae con¬ 
stants may be used. The series is extended back so as to include 
the time at which the load came on, or to a time previous to 
which the load does not appreciably affect the temperature at the 
time 0. The addition of the series gives the temperature rise to 
be expected at the time 0 (in this case at the end of 4Ji hours) 
for the assumed load. The calculation is simple, straightforward, 


and readily gives an accuracy comparable with the accuracy 
of the fundamental assumptions and data based upon these 
assumptiDns. 

In this discussion I have tried to show how the technique ac¬ 
quired in work upon a more complicated problem in electro- 
mechanics may be used in computing the temperature rise in a 
dynamoelectric machine, when subjected to a variable load. 
Fundamentally the procedure followed is the same as that out¬ 
lined in the paper. It is, however, given in more detail with the 
hope that this may lead to a fuller appreciation of the advantages 
to be gained by the use of time constants, whether thermal, 
electrical, or mechanical, depending upon the nature of the prob¬ 
lem under consideration. 

A. E. Kennelly: The discussion has brought out many in¬ 
teresting and valuable points, including new mathematical ma¬ 
terial by Messrs. Luke and Wenner. 

It has been pointed out that while the graphs of temperature 
elevations in different parts of dynamo machines may deviate 
considerably from exponential or time-constant curves, yet in 
many cases, under certain restrictions, they approximate to true 
time-constant curves sufficiently closely for many practical pur¬ 
poses. Valuable graphical data to this end have been con¬ 
tributed by the speakers. Moreover, it seems to be unanunously 
agreed that whenever a time constant can be used in practise, it 
should be a binary time constant. 

It has been well shown that in view of deviations of heating 
curves from strict time-constant curves, it is unsafe to assign a 
time constant to a heating curve by means of a tangent drawn 
through the origin. Perhaps the most practical way to deter¬ 
mine the mean binary time constant from a curve of observed 
steady-load heating against time, is to measure the temperature 
elevation at successive uniform time intervals h. Then if 

is the temperature rise in one such interval, and this has 
reached $2 by the end of the second interval, we have as the binary 
constant t 2 on the assumption of exponential rise during these 
two intervals (2 ^ 2 ) 

0.30103 h 

T 2 = “!- time 


Thus, if the chosen time interval h happened to be equal to 
r 2 , the rise 61 in one such interval would be just double the 

further rise ^2 — in the second interval, and log (- — -) 

\ B2 — Oi f 

— log 2 = 0.30103. By repeating the computation over several 
such successive pairs of intervals, we can easily ascertain whether 
T 2 is nearly constant throughout, or whether a mean value of r% 
can be accepted. 








Squirrel-Gage Induction-Motor Gore Losses 
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Synopsis*—An experimental method is presented for seg^ 
regating the various no-load losses of a squirrel-cage in¬ 
duction motor. It is shown that for. insulated rotor bars the 
losses consist principally of stator fundamental-frequency losses ^ 
rotor surface losses and eddy-current losses in the rotor bars due to 
radial and tangential slot-leakage fluxes in the rotor, slots caused 
by reluctance pulsations in the air-gap between stator and rotor 


teeth. The pulsalion losses vary about as the square of the air-gap 
induction and about as the 1.2 power of the frequency. Th^ 
surface losses for the particular slots described are from to 
of the total pulsation losses. The pulsation losses are approxv* 
mately the same whether or not the rotor bars are connected by end 
ringst and are approximately equal to the' staler fundamental- 
frequency losses. 


Introduction 

N a recent edition of Behrend^s ^'The Induction 
Motor/' it is stated that certain assumptions with 
reference to induction-motor core losses are ^'justi¬ 
fiable only on account of a profound ignorance of the 
causes of core losses and the magnitude of these losses/' 
This may be true to a degree in connection with the 
core losses of this type of machine, particularly con¬ 
cerning the high-frequency pulsation losses due to the 
pulsations in the tooth flux as the rotor teeth pass by 
the stator teeth. Some experimental work has been 
done to segregate these high-frequency losses for 
wound-rotor induction motors, but so far as we know no 
data have been published showing a segregation of the 
various types of core loss for squirrel-cage induction 
motors. In this paper we propose to give such data 
for a special experimental machine. 

Types op Core Loss 

Squirrel-cage induction-motor no-load core losses 
may be classified as follows: 

1. PUNDAMENTAL-PREQTJENCY LoSSES 

a. Stator 

1. Yoke hysteresis 

2. Yoke eddy current 

3. Tooth hysteresis 

4. Tooth eddy current 

b. Rotor 

1. Core hysteresis (Slip frequency) 

2. Core eddy current (Slip frequency) 

3. Tool^ hysteresis “ " 

4. Tooth eddy current " « 

2. High-Preqtjency Pulsation Losses 

a. Stator 

1. Surface 

2. Tooth pulsation 

3. Copper eddy current 

b. Rotor 

1. Surface 

2. Tooth pulsation 

3. Botor bar eddy current 

4. High-frequency damping current in secondary 

winding. 

In the squirrel-cage construction some of these 

losses will be negligible. For instance, there will 

be no appreciable fundamental-frequency losses in the 

1. JRes^reli Engineer, Westinghouse Eleotrio & Mfg. Co.. 
East Pittsburgh, Pa. 

Presented at the Midv/inier Convention of the A. I. E. E., 
New York, N. Y., February 9-U, 19$S. ’ 


rotor under ordinary no-load conditions due to the 
very small slip. High-frequency damping currents 
in the rotor bars may exist not only to damp out the 
tooth pulsations but also to give more nearly a sine- 
wave distribution of flux in the air-gap. The value 
of these latter currents will depend upon the number of 
slots and t 3 q)e of stator winding used. The relative 
magnitude of these various losses will be discussed 
later in connection with the test results. 

Test Apparatus 

The induction motor used in this investigation was 
a special 3-phase, 4-pole, 60-cycle, 440-volt ma eTiine of 
about 35-h. p. capacity. The stator and rotor punch- 
ings had the following dimensions: 

Stator 

Punohings 0. D. 19 in. I. D. 13-19/32 in. 

Length 6 inohes 
No. Slots (open) 60 
Air-gap 0.047 in. 

Rotor 

Punehings 0. D. LS M in* L D- 4 in. 

Length 6 inches 

No. Slots (nearly closed) 78 

See Pig. 1 for slot dimensions 

The rotor bars were 0.484 in. by 0.3 in. by 9.25 in. 

The rotor was direct-connected to a 3-h. p. d-c. 
motor, the set being supplied with 3 ball bearings. 
The induction-motor, stator and rotor pihichinp were 
made of enameled 0.0172 in. one per cent silicon sheet 
steel. Special pains were taken to remove the burra 
before enameling the pimchings. The induction- 
motor stator was supplied from a 440-volt 3-phase 
generator direct-connected to a d-c. drive motor, the 
set having a considerably larger capacity than the 
special motor under test. The d-c. motor of the special 
set was supplied from a storage battery. 

Test Methods 

Three sets of tests were made: (1) with no windings 
on the rotor, (2) with rotor bars in position but no end- 
rings, (3) squirrel-cage winding complete with brass 
end-rings. In order to eliminate the uncertain varia¬ 
tions due to laminations being short-circuited by the 
rotor bars, as is the condition for the standard con¬ 
struction, slightly smaller bars than normal were used 
and insulated by means of 3-mil fish paper. 
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For the first two tests the results were obtaihed by 
the method described in the appendix of a previous 
papw".* The method consisted in measuring the a-c. 
input to the induction-motor stator and the d-c. 
input to Idle drive motcff, subtracting the friction and 
windage, brush and I^R losses from the inputs and 
plotting the curves as indicated by Fig. 2 for a given 
a-c. voltage and frequency and various rotor speeds, 
o, b, e, d, e, is the a-c. input and o, /, g, h, i, is the 
corresponding d-c. input, c is the midpoint of h, d, 
and g is the midpoint of h, f. 0 — c' is the stator 
fundamental-frequency loss for the given conditions. 



CO 


Fig. 1—^Dimensions op Stator and Kotor Punchings 

0 — flr' is the high-frequency pulsation loss. 0, g, j, 
is the pulsation-loss curve for various rotor speeds and 
the given applied stator frequency and voltage. For a 
theoretical discussion of this method see Alger and 
EksOTgiah.* 

Due to voltage limitations of the supply generator 
an average air-gap induction of 22 Mlolines per sq. 
in. only was obtainable by this method. In ordCT to 
extend the range direct current was applied to the 
stator and the input to Ihe drive motor noted for 
various speeds and stator fields, as described in the 
previously-mentioned paper on Surface Losses. The 
fundamentd-frequency rotor losses as obtained from 
the test with alternating current' on the stator wK’e 
e&tiapolated and subtracted from the total, giving the 
pulsation losses. Results up to 32 kilolines, air-gap 
induction, were obtained. 

For the third set of tests 'with the complete squirrel- 
cage windi ng we had to resort to a slightly different 

1. Surface Iron Losses mth Reference to Laminated 
Materials, by T. Spooner and I. P. Kinnard, presented before 
the A. L E. E, in Philaddphia, Feb., 1924. 

19M Motor Core Losses. Jovn. A. I. E. B., Oct., 


method of procedure. Due to the large torque pro¬ 
duced by the rotor windings, speeds only slightly 
different from ssmchronism coidd be used. Therefore 
tests were made with rotor speeds varying in general 
not more than 0.2 of a <grele from synchronism. Two 
points above ssmchronism and two below were measured 



Pig. 2—^Inputs to Motob-Gbnbeator Set, Showing Method 
OP Segregating Losses 


and the results plotted as indicated by the t 3 q)ical 
results of Fig. 3. It will be noted that even for the 
very slight departure from synchronism of 0.1 of a 
cycle, the inputs and outputs are considerable. The 
very greatest care was necessary in measuring these 



Pig. 3—A-0. and D-Cl Inputs to Motor-Generator Set 
■With Squirrbi. Cage Rotor 60 Cycles 

inputs and outputs in order to obtain reliable results, 
and without a very steady d-c, and a-c. supply such 
tests are imposable. Three synchronous speeds were 
used, namely, 20 cycles, 40 <^cles and 60 cycles, and 
as wide a range of voltages as posdble. It may be 
noted that with the scale of abscissas used for Fig. 2 
the lines for Fig. 3 would be nearly vertical. 
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In order to measure the slip frequency, use was mgrii o 
of a coil which was placed around a single rotor tooth 
for the purpose of measuring the tooth-flux pulsations. 
This was connected to a d-c. galvanometer through 
slip rings. Whenever the d-c. galvanometer completed 
a cycle of oscillation, the rotor completed a cycle of 
slip. The time was measured by means of a stop 
watch. 

Test Results 

Fig. 4 gives the pulsation losses for a synchronous 
frequency of 20 cycles and the three conditions, 
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PiQ, 4—^PtjLSATioN Lossds —20 Cyclids 


tion voltages could be detected by any a-c* indicator 
available when connected to the previously-mentioned 
coil surrounding a rotor tooth. With no rotor bare 
this voltage was of the order of 3 volts and with the 
bars connected was less than 0.1 volts. It will be 
noted that in spite of this damping out of the high- 



PiG. 6 —Pulsation Losses—Insulated Bars Connbcied 


namely, no rotor bars, bars unconnected and bars 
coimected. With no bars it will be seen that the rate 
of increase of pulsation losses decreases for the higboy 
air-gap inductions. This is due to saturation of the 
teeth and consequent reduction of the tooth pulsations 
as e^lained in a previous paper.* The difference 
between these results and the losses with the uncon¬ 
nected bars is due to high-frequency slot leakage 
fluxes caused by saturation of the teeth which produced 
eddy-current losses in the bars. These fluxes are 
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AVERAGE AIR-GAP INDUbTION-KILOLINES PER SQUARE INCH 

Pig. 6—^Pulsation Losses— 60 CrpLEs 


frequency fluxes, the pulsation losses are not much 
changed. This will be discussed later. • 

Fig. 6 shows the corresponding 60-cycle pulsation 
loss^. 40-cycle losses are intermediate. 

Fig. 6 shows a comparison of the pulsation losses for 



both tangential and radial and while , the density is 
only a few h^dred lines per square inch, the fre¬ 
quency is so high that the losses become considerable. 

With* the -bara connected, the hig^h-frequency tooth 
pulsations produced currents in the bars whidi tended 
to damp out the tooth-pulsation fluxes. In fact, they 
do tius so effectively that at 60 cycles no tooth-pulsa- 

3. Tooth Pulsartion. in Rotating Maohines, by T. Spooner. 
JouB. A. 1. B. E., July, 1924, p. 646. 


Fio. 7 —Insulated Bars—Connected—20 Ctoi.es 

the three fundamental frequencies, 20, 40 and 60 cycles 
with the bars connected. It will be noted that in 
spite of the diflSculties of test the points line up fairly 
well. 

Fig. 7 shows the no-load losses for 20 cycles applied 
to the stator with the bars connected. It will be seen 
that the pulsation losses are nearly as great as the 
fundamental-frequency stator losses.. These pulsa- 








SPOONER: SQUIRREL CAGE INDUCTION MOTOR CORE LOSSES Transactions A. I. B. E. 


tion losses include the surface losses, which are given 
by the lower curve and were plotted from the results 
previously obtained on smooth core rotors.* Since 
the rotor slots are nearly closed, it is assumed as a 
first approximation that the surface losses for the 
rotor are the same as for a smooth-core rotor. Also 
due to the nearly closed rotor slots it is assumed that 



Fig. 8—Insulated Bars~Connected—60 Cycles 

the stator tooth-pulsation and surface losses are 
negligible. The rapid increase of stator losses at 
high inductions is due to the fact that the stator yoke 
was rather narrow and began to saturate, thus forcing 
flux into the solid frame and hence rapidly increasing 
the stator losses. 

' Fig. 8 gives the motor core losses corresponding to 
an applied frequency of 60 cycles. The relative losses 



PiQ. 9 —Rotor Copper Eddt-Citreent Losses. Bars Instj- 

DATED AND NOT CONNECTED 

are much the same as for 20 cycles. The 40-cycle 
results lie in between the 20- and 60-cycle losses. 

Fig. 9 gives the eddy-current losses in the uncon¬ 
nected copper bars as obtained by subtracting the 
test values of set No. 2 from set No. 1, namely, the 
difference between the losses with the unconnected 
bars and no bars. 


Fig. 10 gives the stator losses w;ith the connected 
bars and with no bars on the rotor. The increased 
losses in the former case should be noted. 

Discussion of Results 

The fundamental-frequency stator losses can be 
calculated in the ordinary way from the known funda¬ 
mental magnetic characteristics of the material. 
If appreciable burrs are present or the enamel on the 
punchings is not in good condition, eddy losses will be 



AVERAGE AIR-GAP INDUCTION-KILOLINES PER SQ.IN. 

Pig. 10 —Stator Losses— GO Cycles 

present which are not subject to accurate calculation. 
Also, if it is desired to go to such a refinement, the 
additional losses in the yoke material due to the ellip¬ 
tical field may be calculated by the method developed 
by Alger & Eksergian.® This correction is fairly small 
in this case. 

Since we are dealing only with synchronous speeds 



AVERAGE AIR-GAP INDUCTION-KILOLINES PER SQUARE INCH 

Pig. 11—Maximum Tooth Inductions (B Min.) and Tooth 
Pulsations 

the rotor slip-frequency losses are zero. In any case 
they would be fairly small except under starting 
conditions. They may be calculated in the ordinary 
way-for any desired'slip. 

As previously mentioned, for the nearly-closed slots 
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it is assumed that the stator surface and tooth-pulsation 
losses are negligible. We have left then only the rotor 
high-frequency losses. The method of calculating the 
surface losses has been described previously. 

Referring now to the rotor tooth-pulsation losses, 
we shall give only brief attention to the condition with 
no rotor bars, since the losses do not correspond to 
working conditions though the results are of interest 
in connection with other types of machines having 
wound rotors. These tooth-pulsation losses are the 
result of high-frequency pulsations which penetrate 
the whole length of the rotor teeth and are caused by 
variations in the reluctance between the individual 
stator and rotor teeth at the air-gap. The method of 
calculating these pulsations has been given previously.* 
The actual magnitude of the tooth pulsations was 
measured ballistically with direct current applied to 
the stator as shown by Fig. 11. The effect of satura¬ 
tion in reducing the flux pulsations should be particu¬ 
larly noted. Inductions are expressed in net section 
of iron and correspond to the position of ma-riTm iT n 
air-gap flux. Remembmng that for a 60-cyele funda¬ 
mental frequency the tooth pulsations have a fre¬ 
quency of 1800 cycles, it can easily be seen how these 
hi^-frequency fluxes produce the hysteresis and eddy 
losses which were observed. Referring to Figs. 4 and 5, 
the effect of saturation on the tooth-pulsation losses 
for no bars should be compared with the tooth-pulsa¬ 
tion data of Fig. 11. 

For the second case with the unconnected bars we 
have in addition to tooth-pulsation los^s, eddy-current 
losses in the bars due to radial and tangential slot 
leakage fluxes. As the teeth begin to saturate, high- 
frequency flux pulsations pass down the rotor slots 
and produce eddy currents in the rotor bars. Also, 
when a rotor tooth is opposite a stator tooth and 
therefore in position of minimum air-gap reluctance, 
the adjacent teeth are in a position of greater air-gap 
reluctance, therefore at a lower magnetic potential. 
Due to the saturation of the first tooth flux crosses the 
air-gaps to the teeth at lower magnetic potential, thvis 
giving rise to tangential leakage fluxes of the agryip 
high frequency as the radial fluxes. When a tooth is 
in a position of maximum air-gap reluctance the tan¬ 
gential leakage fluxes flow in the opposite direction 
across the slots. 

The magmtude of these slot-leakage fluxes was 
measured ballistically and found to be only from one to 
two himdred lines per square inch, even at fairly hig h 
tooth inductions. Nevertheless, due to the large sec¬ 
tion of the copper bars and high frequency, losses of 
s^eral kilowatts would have been produced attihe 
higher inductions with 60 cycles applied to the stator 
if there were no skin effect. Due, however, to slHn 
effect, these eddy losses w^e much reduced, giving the 
values actually observed. The magnitndA of these 
leakage fluxes can be calculated roughly from the 
permeability of the tooth material and the variations 


in tooth air-gap reluctance but the details will have to 
be reserved until a later date. 

For the third case with the rotor bars connected we 
arrive at further complications. As it has been shown 
experimentally that the tooth pulsations are reduced 
to small values, it might at first be assumed that since 
the pulsation losses remain nearly the same, the high- 
frequency circulating currents in the copper bars give 
rise to losses which are approximately equal to the 
decreased iron losses in the teeth. 

The magnitude of these high-frequency currents 
was calculated for an average air-gap induction of 22 
kilolines and found to be about 100 root-mean-square 
amperes maximum. The corresponding losses were 
ealeukted using Field’s Method* of calculating the 
effective resistance and it was found that this would 
account for only a comparatively small percentage 
of the observed losses. It was therefore concluded 
that these losses were the result of the eddy-current 
losses in the copper due to increased tangential slot- 
leakage fluxes, due to the increased magnetomotive 
force between adjacent bars. Since pulsating flux 
can no longer flow down the teeth to compensate for 
the varying tooth air-gap reluctance, a higher mag¬ 
netomotive force exists between the adjacent teeth 
and as a consequence more leakage flux passes tan- 
gmtially across the upper part of the slots, producing 
higher eddy losses than existed with the open-circuited 
rotor bars and thus compensating for the decreased 
iron losses in the teeth. Moreover, these tanganrial 
slot-leakage fluxes will be of considerable magnitude 
at lower tooth inductions since we would have the same 
effect produced by the short-circuited bars as wotild 
be produced by saturation of the teeth. The radial 
slot-leakage fluxes probably would not be greatly 
altered by the short-circuited bars. 

The rate of increase of these losses with induction 
and frequency is interesting. As previously reported,* 
the surface losses increase about as the square of the 
air-gap induction and as the 1.5 power of the frequency. 
For the closed-bar rotor, the pulsation losses increase 
about as the square of the induction (a little less at the 
lower inductions and a little greater at the higher). 
The pulsation losses increase about as the 1.2 power 
of the frequency and if the surface losses .are sub¬ 
tracted, the pulsation losses increase about as the 
first power of the frequency. 

The increase in fundamental-frequency stator losses 
with closed rotor bars (Fig. 10) is probably due to the 
following cause. With no rotor bars the field form 
at the air gap is rather flat. In the presence of the 
squirrel-cage rotor at synchronous speed there is no 
fundamental frequency current in the rotor bars, but 
there are higher frequency currents which circulate 
and tend to give a sine wave distribution of flux in the 
air-gap, th us increasing the maximmn stator-tooth 

4. A. B. Field, Peoc. A. I. E. E., Vol. 24. 1906. o. 669. 
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inductions and probably accounting partly at least 
for the increased fundamental-frequency stator losses. 

Conclusions 

The important no-load losses for a squirrel-cage 
induction motor having open stator slots and nearly 
closed rotor slots are, then, the fundament^ frequency 
stator hysteresis and eddy-current losses in the teeth 
and yoke. (These may be altered somewhat due to 
change in field form resulting from harmonic currents 
in the squirrel-cage winding). There are also, of 
course, P R losses in the stator windinp due to the 
magnetizing current. 

In the rotor we have surface losses, eddy losses m 
rotor bars due to tangential and radial slot lealmge 
fluxes and P R losses in the rotor bars due to high- 
frequency damping currents. The varjdng magneto¬ 
motive force due to the air-gap tooth-reluctance 
pulsations produces tangential slot-leakage fiuxes wWch 
give large eddy losses in the bars but under conditions 
of large skin effect, namely, the eddy currents are 
concentrated near the surface of the bars. There are 
also, of course, certain losses in the iron due to high- 
frequency leakage fiuxes which can be estimated only 
very roughly. 

When the rotor bars are not insulated from tiie 
core new conditions arise which we hope to consider at 
a later date. Uninsulated bars are, of course, the 
standard practise. 

In conclusion, we may say that for the ordinary 
squirrel-cage induction-motor the rotor pulsation losses 
are of the same order of magnitude as the stator 
fundamental-frequency losses and that the pulsation 
losses are approximately the same whether or not the 
rotor bars are connected. 


Discussion 

P. L. Alien Mr. Spooner’s paper extends by one step our 
knowledge of the various kinds of core losses which we have 
been considering for several years in Institute papers. First, we 
described the line-frequency losses; then, recently, Mr. Spooner 
desi^bed the surtaoq losses; and now the pulsation losses are 
being attacked. These last losses, though, are the most com¬ 
plicated and the most dlfhcult to understand of sJl those that 
occur at no, load, and, consequently, it is worth while to point out 
some of the things that are not mentioned in Mr. Spooner’s 
paper; which, nevertheless, are very important in this connection. 

The first point I have in mind is an explanation of 
Mr. Spooner’s statement that he finds more loss with the bars 
short-circuited than he can account for. I believe the reason is 
that when the bars are short-circuited in the rotor, the induced 
squirrd-cage currents shove the pulsation of flux back into the 
stator • That is to say, with the bars open the rotor flux pulsates; 
when the bars are closed the rotor flux, is held constant and, 
consequently, the flux is forced to pulsate in the stator. Thus, 
losses of high frequency are produced in the stator in addition to 
thoM occurring in the rotor, and these extra iron losses account, 
in my mind, for the additional losses occurring beside the losses 
calculated to be in the copper itself. ' 

In the second place, I will describe a convenient means of 


the tooth-frequency losses applicable to completed 
machines, which Mr. Spooner has not mentioned. By measur¬ 
ing the running-light slip of an induction motor, the total torque 
developed by the flux is detennined. For, the torque of the 
motor is proportional to the slip at light loads, and the design 
data give a reasonably accurate value of the torque per rev. per 
min. of slip. When the motor is running light, the total torque 
developed is absorbed in overcoming the friction and windage 
losses and tooth-frequency losses. .The tooth-frequency losses, 
which are due to the passage of the rotor past the stator teeth, 
are precisely analogous to friction losses in their mannei of origin. 
Like all friction losses, they must be supplied from the source of 
power that causes the motion, which, in this case, is the fuiid^ 
mental electromagnetic torque of the motor. From this, it is 
evident that by subtracting the friction and windage watts from 
the synchronous torque developed by the motor when rulining 
light, as indicated by the observed value of slip, there is obtained 
the value of the part of the core loss due to the tooth pulsations 
and surface losses. The value of tooth-frequency loss so obtained 
must be increased by the amount of power supplied by the rotor 
hysteresis torque, as obtained by calculation. 



Fia 1 

The advantage of this method of measuring tooth-frequency 
losses is that it forms a means of segregating core loss into its two 
major portions as a routine part of the commercial testing. To 
illustrate the results obtained by the method and to make clear 
my third and last point, there are shown herewith three diagrams 
illustrating the test results on three dissimilar motors. Fig. 1 
shows the total core loss as a function of line voltage on a 400- 
h. Pm 6 O-oycl 0 , slip-ring motor. There are also shown curves 
of the synchronous watts obtained from slip measurements, and 
of the synchronous watts corrected by adding the hysteresis 
torque* With these data available, the separation of the total 
loss into its components is easily made, as indicated in the figure. 
In this particular motor, the line-frequency core loss was only 
3.6 kw. out of a total core loss of 9.1 kw., showing the motor to 
have an exceptionally large percentage of tooth-frequency losses. 

The remaining two figures, Figs. 2 and 3, illustrate my third 
and last point, which is the possibility of varying the tooth- 
pulsation losses without affecting the major electrical character- 




Feb. 1925 


SPOONER: SQUIRREL CAGE INDUCTION MOTOR CORE LOSSES 


161 


istios of the machine, by varying the ratio of primary to second¬ 
ary numbers of teeth. When the numbers of teeth on the two 
sides of the air-gap are nearly equal and when the rotor slots are 
partly closed, each rotor tooth always spans approximately one 
stator tooth, and one stator slot, so that its flux remains practi¬ 
cally constant. However, when the number of rotor teeth be¬ 
comes large, each rotor tooth first embraces the flux from a 



LINE VOLTS 
Fig. 2 


stator tooth, aud then that, of a stator slot, and so on, so that the 
flux pulsates very considerably. The relations to be expected 
between the flux pulsations and the tooth ratios are given at 
some length by Chapman in the London Electrician for August, 
1916. Here it need only be said that with a large tooth ratio the 
pulsation losses are high, and with a nearly one-to-one ratio the 
losses are small. 



UNE VOLTS 
Pig. 3 . 

Fig. 2 shows the running-light slip and the synchronous-watts 
curve on a 30-h. p. motor wiiih 72 and 69 slots. It will be seen 
that the ratio of the tooth-frequency losses to the friction and 
windage is very small, indicating a very low total core loss. 
Fig. 3 shows a similar pair of curves on a 20-h. p. motor with a 
comparatively large ratio of teeth, and with magnetic wedges in 
the rotor. This motor has a tooth-frequency core loss of five 


times as much as its friction and windage, corresponding to a very 
high total core loss. 

The obvious reason for not designing squirrel-cage motors 
with nearly one-to-one ratios of slots and, consequently, with low 
core losses, is that such a design makes the machine noisy. 
When a combination of slots that avoids both noise and core loss 
is obtained, it mil be fotind that standstill locking or synchronous 
crawling will occur, so that as yet no means of solving the prob¬ 
lem other than a good old-fashioned compromise has been 
discovered. 

H. Welchsel: Any designer of electrical machines will 



Fig. 4 

welcome and appreciate the valuable contributions which Mr. 
Spooner has given to the engineering fraternity upon several 
occasions on the subject of iron losses. The phenemona which 
are responsible for the so-called iron losses in electrical machines 
are extremely complicated and are the result of a large 
number of factors entering into this problem. Mr. Spooner 
has described in various articles some of the most important 
factors. May I take this opportunity to point out some con¬ 
ditions which have not received general attention. 

If a search coil is placed over a stator tooth of an induction 
motor and the induced voltage in this coil is recorded by an os¬ 
cillogram, the following phenomena will be observed: 

If the rotor is driven at approximately synchronous speed from 
an outside source, while the stator winding is connected to th© 
supply line and the rotor is not provided with a winding, then 
certain high-frequency oscillations will be recorded, such as are 
shown in Fig. 4. If the rotor is then provided with a squirrel- 



Fig. 6 


cage winding and the machine is allowed to operate idle under its 
own power, it will be noticed that the fluctuations of the voltage 
in the search-coil have greatly increased, as shown by oscil¬ 
logram Pig. 5. This increase of the oscillations is the result of the 
damping currents flowing in the squirrel-cage windings. 

These damping currents, as pointed out by Mr. Spooner, 
attempt to reduce the fluctuation in the rotor teeth. But these 
currents not only react on the rotor teeth but also on the stator 
teeth and in this latter member the fluctuations are increased. 
The oscillograms Pigs. 4 and 5 were taken on a machine with 
semi-closed slots in the stator and rotor and no skew in either 
member. 

Figs. 6a to 6c, inclusive, represent a rotor and stator punching. 
The stator is assumed to have open slots and the rotor is shown 
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with semi-olosed slots. In Pig. 6a the maximum possible flux 
will pass through the rotor tooth No. 1. In the position pictured 
in Pig. 6b, the number of lines passing through rotor tooth No. 1 
have decteased and in the position represented by Pig. 6c, the 
number of lines passing through the rotor'tooth No. 1 are a 
maxiiniijn. 

A voltage will be set up in a loop of the squirrel-cage winding 
surrounding the tooth No. 1. The frequency of this voltage will 
be such that one cycle is completed during the time required for 
the rotor tooth to move one stator slot pitch. The current which 
is caused by this voltage to flow through the loop surrounding the 
rotor tooth No. 1 will be 90 electrical degrees displaced from its 
voltage. This current is a maximum when the rotor and stator 
tooth coincide and is zero when rotor tooth is in position B, 


As the losses decrease roughly with the square of the number of 
lines under otherwise equal conditions, it can be readily seen that 
in spite of the less favorable relations from the fluctuation point 
of view in Fig. 8 the total losses of the machine built according to 
Fig. 8 may be less than the’total losses in a machine built accord¬ 
ing to Mg. 7. The general tendencies of the laws governing the 
relative changes betAveen the necessary magnetic lines and the 
relative changes of the losses are approximately represented in 
Fig. 9. Experience has shown that generally the minimum iron 
losses for a given macliine are obtained when the ratio of rotor 
tooth crown to stator slot pitch is 70 to 75 per cent, Avliile the 
stator tooth ci'own is about 40 to 50 per cent of the stator slot 
pitch. 

It may also appear that skewing the rotor member would have 



Fig. 6 


(See Figs. 5 and 6.) The current is a maximum again when the 
rotor tooth has reached position C. All stator teeth which at a 
certain moment lie in the region of maximum induction of the 
main field, have the same magnetic polarity and are of practically 
the same field strength. During the short time required for the 
• iotor to move one rotor slot pitch, the magnetomotive forces 
acting on adjacent stator teeth due to the stator winding can be 
considered as constant and of equal polarity and strength. 

The whole arrangement pictured in Fig. 6 may be consid- 



Fig. 7 


ered as a short-circuited high-frequency induction generator, 
where the stator forms the exciting member, and the rotor coils 
represent the short-circuited induced winding. 

At the first thought it might appear to be advisable to design 
the rotor punching of an induction motor with an open slot stator 
in such a manner that the fluctuations in the rotor teeth become 
zero. Such a condition can readily be obtained when the relation 
exists as shown in Fig. 7. 

An arrangement as per Fig. 7 gives less losses than an arrange¬ 
ment corresponding t6 Fig. 8 on basis of equal induction and 
equal dimensions of the magnetic circuit. However, a xnachine 
built in accordance witih Fig. 8 requires for the same maximum 
horse power less magnetic lines than a machine of equal dimen¬ 
sions built .in accordance with Fig. 7. 


a beneficial effect on the losses of a machine. It is quite rwulily 
seen that when the fluctuations in a stator tooth are of a sym¬ 
metrical nature, when the rotor is not skewed, it is possilile to 
eliminate the fluctuation in a stator tooth by skewing the rotor 
one rotor slot pitch. Experience has shown that a machine with 
skewed rotor shows a. reduced fluctuation in the voltage iuducod 
in the search coil of a stator tooth. Nevertheless the idle losses 
of this machine are practically unchanged. This caai probably 
be explained by the fact that the skewing of the rotor docs 



Fig. 8 


not influence the fluctuation of the individual stator lamina¬ 
tions but only produces a steady flow of the total magnetic lines 
passing through one stator tooth. The skewing of the rotor 
member has further the effect of increased leakage and, there¬ 
fore, for equal strength of the machine the number of linos 
must be increased. The only real beneficial effect obtainable 
by skewing the rotor is a* decrease of noise and perhaps more 
uniform torque during starting. 

The additional losses in a machine, especially the surface losses, 
are greatly influenced by machining operations on the magnetic 
circuits. Cases are known to the writer where careful reassem-^ 
bling of the same iron decreased the losses very materially. Other 
instances are known in which turning or grinding the rotor sur¬ 
faces effected the losses noticeably, but it was also found that 
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when the grinding of the rotor surface is done properly the 
increase in losses is negligible. The magnitude of the additional 
losses in open-slot motors is often very large and it is not uncom¬ 
mon that under otherwise equal conditions open-slot motors have 
1H to 3 times the losses of semi-closed slot motors. That'a large 
percentage of these additional losses are located in the rotor iron 



STATOR SLOT PITCH 
PERCENT 
Pig. 9 

can readily be demonstrated by using diffex*ent grades of iron 
for the rotor circuit. The writer is familiar with cases where a 
change in the grade of rotor iron has decreased the losses in an 
open slot machine 25 per cent and more. 

Another loss which is not negligible will be found in the end 



Pig. 10 


punchings. There is a certain number of magnetic lines which pass 
from the stator, not through the air-gap into the rotor but which 
pass out of the end punchings of the stator into the end punchings 
of the rotor, as indicated in Pig. 10. These lines penetrate the 
end punchings at right angles to the plane of the punching and, 
therefore, are most favorably located to produce heavy, eddy 


currents. Similar conditions exist in regard to the end rings 
holding the punchings. 

That these losses are not negligible has been frequently ob¬ 
served by the writer by comparing the iron losses of machines 
built with exactly the same punchings but vdth different lengths 
of iron. Invariably the machine with longer iron showed a 
smaller loss per inch of iron length than the shorter machine, 
the comparison being made for equal induction. This clearly 
indicates that quite appreciable additional losses must take place 
in the end punchings. 

Thomas Spooner: Mr. Alger and Mr. Weichsel have un¬ 
doubtedly given the correct explanation for the fact that the 
pulsation losses are approximately the same with and without the 
squirrel-cage bars connected by end rings, namely, in the former 
case the pulsations are set up in the stator teeth as a result of the 
high-frequency m. m. f. due to the currents in the rotor bars and 
these pulsations produce stator-tooth pulsation losses which are 
appioximately equal to the rotor-tooth pulsation losses which 
existed with the rotor bars unconnected. This point was over¬ 
looked by us, consequently no measurements were made of the 
stator-tooth pulsations. 

The method which Mr. Alger describes for obtaining pulsation 
losses in commercial machines should be very useful due to its 
simplicity. It was not applicable, however, to a large proportion 
of the tests which we made on the experimental machines which 
were described in the paper because much of the time the rotor 
windings were either not operative or not present at all. 

As pointed out by Messrs. Alger and Weischel, there seems to be 
no way of eliminating pulsation losses in induction motors with¬ 
out producing other even worse effects, such as noise, dead points, 
etc, A further knowledge of the factors which govern pulsation 
losses and these other undesirable allied effects should, however, 
make possible better compromise designs than often have re¬ 
sulted in the past when insufficient consideration has been given 
to tooth pulsations. 

Ml*. W^eichsel states that the minimum iron losses occur when 
the ratio of the rotor-tooth crown to the stator slot pitch is 70 to 
75 per cent wliile the stator tooth crown is about 40 to 45 per 
cent of the stator slot pitch. We have no specific data to show 
whether or not this is correct. In general, however, our experi¬ 
ence indicates that for open stator slots, other things being equal, 
the tooth-pulsation losses alone lire less for* a given per cent 
difference between the number of stator and rotor teeth when the 
rotor teeth are less in number than the stator teeth. There are 
some advantages, however, not connectfed directly with iron 
losses in having the rotor slots greater in number than the stator 
slots. 

Referring to Mr. Weichsel’s comments on the effects of end 
punchings, these extra losses due to these punchings are partly 
caused by the fact that these punchings are much thicker than 
the ordmary material and are often made of steel which is inferior 
magnetically. Under these circumstances the end punchings 
will frequently have several times the hysteresis and eddy losses 
which would occur in an equal volume of ordinary thin laminated 
material. The increased losses for the short armatures noted by 
Mr. Weichsel are undoubtedly also due in part to the axial com¬ 
ponents of leakage flux and consequent large eddy currents as 
explained by him. 
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Synopsis.—Synchronous motor excitation characteristics pvh- 
Ushed hitherto have been incomplete. If theoretically determined, 
while forminy closed loops, some dovht as to their accuracy has 
been entertained. When determined experimentally, thay have not 
been complete, in that the so-caUed unstable portions of the curves 
have not been obtained, and generally speaking, the upper por¬ 
tions of the characteristics have been missing. 


T he excitation characteristics of a synchronous 
motor, more familiarly known as the V 
curves are well known. As determined from 
test they are incomplete, i. e. lacking portion corre¬ 
sponding to the larger armature current values. In 
Fig. 1 is reproduced a set of complete excitation charac¬ 
teristics, calculated by Dr. C. P. Steinmetz and shown 
in his “Alternating Current Phenomena”, page 434. 
These curves are closed loops. Quoting from page 
437, we read, “The upper parts of these curves, how¬ 
ever, I have never been able to observe completely and 
consider 4t probable that they correspond to a con¬ 
dition of S3mchronous motor nmning which is unstable. 
The experimental observations usually extend about 
the lower portion of the curves, and in trying to extend 
the curves further to each side the motor is thrown out 
of s 3 mchroiiism.” The writers know of no published 
experimental data covering the unstable portion of 
these curves. 

Dr. Steinmetz did not regard these curves as accurate 
for he says, “It must be understood, however, that these 
power characteristics can be considered as approxi¬ 
mations only, since a number of assumptions are made 
which are not, or only partly, fulfilled in practise.” 
For instance Fig. 1 indicated that a synchronous motor 
will not cany any load with the field circuit open. Dr. 
Steinmetz says “So by decreasing gradually the excita¬ 
tion, and thereby the e. m. f., the curves, at light load, 
occasionally are extended below zero, into negative 
values of voltage, while the power still remains con¬ 
stant and positive as a ssmchronous motor. In other 
words, the motor keeps in step even if the field excita¬ 
tion is reversed; the ladling component of the armature 
reaction magnetizes the field, in opposition to the 
demagnetizing action of the reversed field.” We do 
not recall any experimental data published wMch shows 
the distortion actually occuring in the left hand corner 
of the curves in Fig. 1. 

The object of our expoiments was to obtain the 

1. Assoc. Prof, of E. E. Marquette University. 

2 . Marquette University Branch A. I. E. E. 

Presented at the Midwinter Convention of the A, I. E. E,, 
Hew York, N. Y., February &-1S, 19SS. 


ENGESET^ and ROBERT H. JONES^ 

Enrolled Students of A. I. B. E. 

This paper shows complete synchronous motor characteristics, 
experimentally determined, differing matenally from published 
curves determined by theory. These differences are discussed, and 
their cause attributed to variations in synchronous impedance. 
Experimental data is included showing the factors on which 
synchronous impedance depends, and how it varies with current, 
saturation and power-factor. 


complete excitation characteristics of a ssoichronous 
motor, unstable as well as stable portions, anji the 
complete closed loops if possible, and to observe the 
mawuftr in which the curves are distorted for small and 
reversed excitations. We hoped that the instability 
was of a purely mechanical nature, for then we might 
succeed in stabilizing the motor by coupling it to 
another synchronous motor. We had, fortunately, in 
our laboratory, a 15 kv-a., 6 pole, 1200 i-.p.m., 
s 3 mchronous set consisting of two identical machines, 
made by the Westinghouse Company for educational 
institutions. One of the machines had a stator that 
could be rotated around the shaft as an axis, either by 
a hand wheel, or freely within limits. The stator of 
this machine carried a two foot arm for weighing the 



Fig. 1—Synchronous Motor Characteristics After 
Steinmetz 

torque by the reaction method. We connected the 
machine according to Pig. 2. The projecting arm of 
the movable stator was supported on a jack-screw, 
which was in' turn supported on small platform scales. 

In Pig. 2 the motor at the right was the one tested. 
Although connected for 3 4>, Y, and 230 volts, it was 
run at reduced voltage by a bank of auto-transformers. 
It was run first at 115 volts, later at 55 volts, and finally 
at 20 volts, impressed voltage. The motor at the left 
was run at 230 volts, and was successful in all cases in 
keeping the other machine from falling out of step. 
' When supplied with current ihe movable stator tended 
to rotate, and we were able to measure the reaction 
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torque successfully. The left hand motor was first 
started. The right hand machine was then excited 
to l^sformer voltage. Si was then closed. Before 
closing Si the movable stator was swung into such 



PiQ- 2 —Connections fob Test on Complete Synchronous 
Motor Characteristics 

a position that the phase of the induced voltage was the 
same as that of the line when a voltmeter across switch 
Si indicated no voltage. Then switch Si was closed. 



Pia. 3 —Complete Excitation Chabactebistics op 15 
Kv-a., 1200 R. P. M., Wbstinqhousb Synchronous Motor 
at Half Normal Voltage 

and as might be expected practically no current flow 
resulted, and no torque was produced. 

When a ssmchronous motor is loaded, the rotor drops 


back in phase, this in turn, causes the motor to draw 
an increased current, and usually a larger torque is 
produced enabling the motor to carry its load. How¬ 
ever, when the increased current gives a smaller torque, 
the motor will stop. In place of allowing the rotor to 
fall back in phase, we advanced the stator with the 
jack screw. We found that advancing the stator in 
the direction of rotation, the current and watts in¬ 
creased continuously. At first the torque also in¬ 
creased, but it reached a maximum, and then an ad¬ 
vance of the stator phase resulted in a lower reading 
on the scales. We were able to reduce the torque 
again to zero in this way, in every case. This shows 
conclusively that we were observing points on the so- 
called xmstable portions of the characteristics. 



Pig. 4 —Complete Excitation Characteristics of 16 
Kv-a., 1200 R. P. M., Wbstinghouse Synchronous Motor 
AT 20 Volts 


We were able to shift the phase of the stator sixty 
electrical degrees by the jack-screw. By reversing 
switch Si or Si we were able to advance or retard the 
phase 120 deg., by reversing Sz and either Sa or Si we 
were able to advance or retard the phase 60 deg. We 
made a number Of runs at each voltage. Most often 
we held the field current constant for a given run, and 
varied the phase reading, phase angle, torque, volts, 
watts, and armature current. The readings were then 
corrected and reduced to a standard voltage and plotted. 

The characteristics obtained at 115 volts (and at 56 
volts adjusted to 116 volts) are shown in Fig. 3. The 
nose-shaped protuberance on the curves for reversed 
excitation is to be noted. The upper portion or 
unstable portion of the ciuwes seems to have been 
obtained, however, no evidence of the curves fonning 
loops is shown. 
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In an endeavor to obtain closed loops, tests were 
made at an impressed voltage of 20 volts. The results 
of these tests are shown in Fig. 4. The loops are now 
closed. The maximum torque occurred at 7 amperes 
in the field, and 40 amperes in the armature, and was 
2.13 lb. Fig. 4 is somewhat surprising, in that the 
loops are very long and narrow, and with practically 
straight sides. No evidence of a saturated condition 
is observed with large field currents. Dr. Steinmetz, 
in the place quoted, expressed a fear that saturation 
would affect the shape of the curves, which does not 
seem to be realized. 

The peculiarities in the shape of the characteristics 
here shown, may be attributed possibly to the following 
assumptions used by Dr. Steinmetz, and acknowledged 
by him to be inaccurate. “While the reactance of 
the line is practically constant, that of the motor is 
not but varies more or less with the saturation, de¬ 
creasing for higher values.” “Furthermore, this syn¬ 
chronous reactance usually is not a constant quantity, 
even at constant induced e. m. f., but varies with the 
position of the armature with regard to the field; that 



is, varies with the current and its phase angle. While 
in most cases the ssmchronous reactance can be as¬ 
sumed constant, with sufficient approximation, some¬ 
times a more complete investigation is necessary, con¬ 
sisting in the resolution of the synchronous impedance 
into two compopents, in phase and in quadrature, 
respectively, with the field poles. Especially is this 
the case at low power factors.” He here mentions the 
example of a synchronous motor remaining in step 
with light loads and reversed excitations as coming 
under this case, and which Fig. 3 verifies. 

We draw from the above data the following con¬ 
clusions: 

1. The unstable portions of the ssmchronous motor 
characteristics can be obtmned by directly con¬ 
necting the motor to anotiier rated at the same 
speed.. 

2. The torque can be conveniently measured by the 
reaction method if the stator is swung from bearings 
and free to turn about the shaft. 


3. Complete characteristics (closed curves) can 
be observed if the motor is tested at a greatly reduced 

• voltage. The curves for one voltage are similar to those 

obtained at another except for scale. 

4. Anomalies in the shape of the characteristics 
have been observed at light loads, with small and with 
reversed field excitations. 

5. Further tests to determine the amount of varia¬ 
tion in the synchronous impedance, with saturation, 
current, and phase angle, were thought desirable, in 
view of the anamolies observed, and the attributing of 
variations in shape from Fig. 1 to this quantity by 
Dr. Steinmetz. 

Variations in the Impedance of a Sync^onous 
Motor at Synchronous Speed 

A common method of measuring the synchronous 
impedance of a motor or generator is shown in Fig. 5. 
The voltage induced in the machine is measured with 
the switch S open, the motor being driven at ssmchro- 
nous speed, and separately excited. The current on 
short circuit is measured with the switch S closed, the 
field current being unchanged. The synchronous 
impedance is taken as the ratio of cause to effect, of 
open circuit voltage to short circuit current. The 
impedance obtained in this, way is much too large. 
Since the armature reaction destroys the saturation of 
the machine, this test does not give the equivalent 
impedance at higher values of saturation. 

Another method of finding the synchronous imped¬ 
ance is shown in Fig. 6. The voltage with S open is 
called Ee, tiiat with the switch closed, Ei, the current 
being I. The impedance may be taken as the ratio 
of cause to effect, but the cause of current flow is the 
unbalanced voltage (Eo — Ei). The impedance is 
Z = (Eo - El)/I. This method is superior to that in 
Fig. 5, in that we have two controls, the field resistance, 
and the choke coils. We are thus able to obtain the 
s 3 mchronous impedance at different saturations, and, if 
we desire, at different currents as well. This is the 
method on which the A. I. E. E. standard is based. 
This method gives no clue as to how the impedance 
varies with power factor, since the current is always at 
very low power factor. 

In order to determine the variation of synchronous 
impedance with current, saturation and power factor, 
three controls should be available, and these were 
available in tiie Westinghouse set, in the two field 
rheostats, and in the phase displacement hand wheel 
attached to the machine with the movable stator. 
The two machines were coupled together and driven 
by a d-c. motor at 1200 rev. per min., and connected as 
in Fig. 7. First both niachines were excited equally, 
then the adjusting h^dwheel was turned until the 
voltmeter D E indicated no voltage. The angular 
position of the movable stator was then noted on a 
degree scale mounted on its frame. 

If either the phase position of the movable stator, 
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or the relative field excitations were changed, the volt- 
meter across the switch indicated a resultant voltage 
, w lie was taken as the cause of the flow of current 
when the switch was closed. The reactions 
or this cu^ent equalized the fluxes in the two machines 
a.nd the terminal voltage E when the switch S was 
closed was taken as the measure of the saturation. The 
synchronous impedance was taken as the ratio of cause 
to effect, or = {DE/I), By unbalancing the volt- 
a^ges. more and more different circulating currents could 


between the stators being zero, and resulting in an 
8 per cent power factor. In the other, this was done 
by the hand wheel, the machines being excited equally, 
resulting in a 100 per cent power factor. The results 
of these two runs are shown in Fig. 8. An increase of 
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Pig. 9—^Vector Diagrams Runs 1 and 2 


Fi({. 7 Improved Synchronous Impedance Test. 

be obtained. By increasing both fields together dif¬ 
ferent saturations could be obtained* By controlling 
the phase relation of the circulating voltage through 
the combined use of the hand wheel and the field 
rheostats, currents of any power factor could be cir¬ 
culated. The power factor was taken as the ratio of 
the wattmeter reading P to the product E L When the 
voltage was unbalanced by field excitation only, 
(the stators being in phase) the resulting current had a 
very low power factor, 8-10 per cent. When the 



P’ra. 8 —Synchkonotis Impedance at Constant P. P. and 
Terminal Volts, Vabtino Current 

voltages were imbalanced by tiiie hand wheel only, the 
Helds being equal, the resultant current had a very 
high power factor from 99-100 per cent. Six readings 
were taken for each point of data, the voltage Ei, 
E!z and D E, with S open and E, I and P with S closed. 

In the first two runs the terminal voltage on closed 
circuit E was held constant at rated value 180 volts, 
bri't the voltages were unbalanced more and more, 
circulating different currents. In one run this was 
dome by the. field rheostats, the phase di^lacement 


impedance with current at low power factors is indi¬ 
cated. A considerably lower impedance is shown for 
100 per cent power factor than for low power factors. 
The impedance at 100 per cent power factor seemed to 
be independent of the current strength. Two points 
are shown, one on each curve for which vector difl.grg.Tng 
are given in. Fig. 9. One curious result shown in this 
figure is tha,t the terminal voltage on closed circuit E 
is greater than the av«*age of Ei and E^ for low power 



Fig. 10 —Fffeot op Saturation on Impedance 

factors, but less than the vectorial average of Ei and 
Ea for high power factors. This indicates that our 
test gives simply an average impedance of the two 
machines. 

In the next two runs the power factor was again kept 
constant, but the saturation, of the machines was 
varied. In the third run tiie two machines were kept 
at zero relative phase, the power factor was 10 per 
cent, and die circulating current was kept at rated 
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value on the name plate of the machine. In the fourth 
run the phase displacement of the machines was kept 
constant at 41 deg., and the power factor was 99 
per cent. The results of these two runs is given in 
Pig. 10. A decrease in impedance with saturation is 
indicated, as well as a lower impedance at 100 per cent 
than at low power factors. The decrease in the im¬ 
pedance with saturation at 100 per cent power factors 



Pia. 11— Effect of Power Factor on Imfedance-Curbent 
AND Saturation Constant 

is believed to be a novel result. The ratio of impedance 
at normal voltage namely impedance at 100 per cent 
power factor to impedance at zero power factor is as 
2 as to 3. This ratio is considerably higher than that 
obtained by purely mathematical calculation as for 
example in Karapetofl’s “Magnetic Circuit” pages 
160 and following. 

In the jSfth run the saturation was kQ)t constant at 
a terminal voltage of 180 volts, the circulating current 



was kept constant at (2/3) of name plate rating, but 
the power factor was varied from 90 deg. lag to 90 
deg. leading current. The results are shown in Pig. 
11. A variation of very considerable amount with 
power factor is indicated. The saturation curves of 
the machine at no load, and full load zero power factor 
both leading and lagging are given in Pig. 12 as a matt^ 
of intwest. 

The variation in ssmchronous reactance with satura¬ 
tion is satisfactorily allowed for in the magnetomotive 


force method, and in the A. I. E. E. method of figuring 
sjTichronous machine performance as well. The Blon- 
del method of computing performance, explained by 
Professor Karapetoff in his “Magnetic Circuit” pages 
150-167, provides a satisfactory method of allowing for 
the effects of saturation, and also power factor, with 
two exceptions. Pirst, as noted above, impedances 
at 100 per cent power factor seem to be larger than those 
indicated by the “Magnetic Circuit.” Secondly, 
according to Professor Karapetoff, the impedance at 
100 per cent power factor, ^ould be independent of 
of saturation. This is concluavely disproved by our 
^eriments. 

We do not have any theory to propound that will 
harmonize the variations here noted, but we believe 
that the Blondel method can be improved so as to 
allow for the effects of saturation with high power 
factor currents. Purthermore, we hope, that when such 
a theory is found it will completely explain the queer 
nose we have observed and recorded in our Pig. 3. 


Discussion. 

Q. Graham; (communicated): To those who are familiar with 
synchronous motor V curves id the normal working region only, 
the shape of the curves in their remote upper portions may seem 
to be of little importance. Yet they do form a fascinating study 
and they have a certain practical importance. 

A synchronous machine having negligible resistance in the 
armature winding and negligible saturation could be made to 
furnish armatme current in proportion to its field current through 
an unlimited range. As soon as armature resistance is intro¬ 
duced this relation is changed and an upper limit for armature 
current is reached. The curves then take the shape which the 
authors show in their Fig. 4. 



Pia. 1 —^The Point of Maximum Torque is Shown bt the 
Small Circle 

In order to point out some of the interesting relations that 
exist I have calculated the curve of zero torque for the authors’ 
machine, having had access to the manufacturer’s records. This 
calculated curve along with the corresponding curves of induced 
voltage and angular position of the rotor are shown in Fig. 1. 
The corresponding branches of the three curves are shown by the 
arrows. The calculated curve agrees fairly well with the test 
curve shown in the paper. 

If we proceed from the point of zero armature current an in¬ 
crease in field current gives an increase in armature current until 
the point of maximum field current is reached. Here the dis¬ 
placement of the rotor is nearly 90 deg. A slight reduction of 
field current and an increase in displacement biingrs the armature 
current to a maximum as the displacement reaches 90 deg. At 
this point the power factor of the machine is unity and the re¬ 
sistance drop in the winding is just equal to the line voltage. A 
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further reduction in excitation accompanied by a greater phase 
displacement of the rotor reduced the armature current again. 
The next point of interest occurs where the induced voltage is 
zero. That is, the impedance drop in the winding is equal to the 
line voltage and the field and armature ampere turns across the 
air-gap are neutralized. Prom this point the curves proceed to 
the position of zero field current. To continue the increasing 
displacement of the rotor after zero field current is reached the 
excitation must be reversed. An increase of field in the reversed 
direction will then bring the armature current back to zero and 
the complete path will have been traversed. It will be noted 
that the rotor displacement has reached 180 deg. but since the 
excitation has been reversed a condition of stability exists. In 



passing through the point of zero excitation it would have been 
satisfactory to consider the rotor as going througli an instantane¬ 
ous shift in position of 180 deg. and the excitation as remaining 
positive. 

It is interesting to consider these curves from the standpoint 
of power input and output and thereby examine the region be¬ 
yond the point of maximum excitation. Under any condition 
the power input is divided between the R loss in the winding 
and the output which appears as torque at the shaft. For pure 
condenser operation, or zero torque, the input is entirely ab¬ 
sorbed as loss in the winding. The following conclusions may be 
drawn at once: 

1. For any torque curve, including the zero torque curve, 
the power factor is unity at the point of maximum armature 
current. 

2 . The maximum torque point occurs with an armature cur¬ 
rent which is half of the maximum current on the zero torque 
curve. The input is then equally divided between loss and 
output. 



3. For armature and field currents beyond the range shown by 
the curves the loss exceeds the electrical input and torque must 
be supplied to the shaft. The machine then becomes a generator 
loaded on its own windings. 

A study of the complete excitation characteristics of synchro¬ 
nous motors has proved worthwhile in connection with, applica¬ 
tions requiring extremely low frequency operation. If the 
authors are inclined to make further experiments they might 
operate their machine at 26 cycles or even lower and thus have the 
equivalent of a higher resistance armature with its concomitant 
effects. 

The following design data on the authors’ machine may be of 
interest. 


Staton 

15 in. outside diameter, effective (punching is not circular.) 

10 in. inside diameter. 

5 in. axial length. 

72 slots. See Fig. 3 for dimensions. 

22 conductors per slot. Each conductor consisting of two 
0.57 in. diam. wires in parallel. 

Winding in three parallel groups, star-connected, for 220 volts. 

Throw of coils from slot No. 1 to slot No. 10 or a pitch of 9 slots. 

Single air-gap 0.094 in. 

Rotor: 

Six poles. See Pig. 2 for dimensions* 

Damper winding; 5 bars per pole, each 0.162 in. diam. copper. 

End ring 0.156 in. X 0.75 in. copper. 

Field winding: 185 turns per pole of 0.057 in. X 0.081 in. 
copper ribbon. 

R. W, Wiesemans The unstable portion of the excitation 
curve or phase characteristic of a synchronous motor has never 
been obtained experimentally, so far as we know, and therefore 
the authors of this paper are to be commended for obtaining the 
complete synchronous motor excitation curve. However, 
these curves are apparently more valuable from the academic 
standpoint than from the practical standpoint because a synchro¬ 
nous motor can not be operated in practise at the unstable part 
of its excitation characteristic. 

The authors state that in Fig. 4 no evidence of a saturated 
condition is observed in the excitation curves at large field cur¬ 
rents. I wish to point out that practically no satm*ation could 
exist in a machine which is operated at one-eleveuth voltage and 
consequently one-eleventh of its normal magnetic fl’ux density. 
Saturation will only occur and affect the shape of the curves 
when the motor is operated near normal fiux densities. No 
effects of saturation are noted in Fig. 3, which shows the excitation 
characteristics at one-half normal densities. 

In the description of the method of finding the synchronous 
impedance shown by Fig. 6, it is stated that this method gives no 
clue os to how the impedance will vary with power factor, and 
that to obtain this variation an arrangement shown by Fig. 7 is 
necessary. The variation of impedance with power factor can be 
obtained very easily with the arrangement shown by Fig. 6 if 
resistance is connected in series or in parallel with the inductance. 

This paper states that the synchronous impedance of a syn¬ 
chronous motor varies with the several conditions of load. It is 
easier and also more practical to consider the synchronous im¬ 
pedance made up of two components: armature leakage reactance 
and armature reaction. The armature resistance can be neg¬ 
lected. In a salient pole machine the armature reactance is 
maximum with unity power factor currents and minimum at 
zero power factor, whereas the effect of armature reaction is 
minimum at unity power factor and maximum at zero power 
factor. Therefore, the. manner in which the synchronous im¬ 
pedance varies depends upon the inherent design of the ma¬ 
chine as well as the load conditions. 

V• Karape toff (communicated): The authors deserve much 
credit for having shown that the so-called unstable portions of 
load characteristics of a synchronous machine may be obtained 
experimentally, by coupling two machines mechanically at an 
adjustable angle^. The instability is purely mechanical, and is 
due to the fact that in regular operation the machine (whether a 
generator or a motor) is allowed to change its torque angle with 
the load. When two synchronous machines are coupled me¬ 
chanically and also connected electrically, this angle is entirely 
under the observer’s control, and the stability is that of the set 
and not of the individual machines. While the practical applica¬ 
tion of the method is somewliat limited because two mechanically 
and adjustably coupled machines are but seldom available, 
the method should prove of interest in experimental studies of 
armature reaction and reactance, and in checking various pro¬ 
posed theories and performance diagrams of synchronous 
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machines. Just now, the stability limit in the generator range is 
of considerable practical importance in superpower plants in 
which the generator characteristics limit the amount of power 
which can be transmitted over a given line. Possibly, the range 
near and beyond the generator stability limit can also be con¬ 
veniently studied by means of two adjustably coupled machines. 
Then, if the observed performance, on small machines checks with 
that predicted by theory, the designer may compute the power 
limit of his superpower generators with much more confidence. 

The value of the paper would be much enhanced if complete 
design data of the machines were available. It is to be hoped 
that the maker of the machines will be generous enough to con¬ 
tribute these data to this discussion, in order that the observed 
curves may be checked with theoretical diagrams. Perhaps 
with the theory of two reactions, when properly applied, the 
observed hump in Pig. 3 could be interpreted or predicted. In 
the range under consideration, the machine is unsaturated, and 
Blondel’s theory should apply with considerable accuracy. 

I am at a loss to understand the latter part of the paper, pur¬ 
porting to analyze the effect of the current, saturation, and 
power factor upon the magnitude of synchronous impedance. 
The concept oi synchronous reactance was introduced in the 
early days of a-c. engineering, and served its useful purpose in 
those days, but it is almost unbelievable that any one should now 
attempt to interpret the observed performance characteristics of a- 
synchronous machine with salient poles in terms of a variable 
synchronous reactance. The authors should have separated the 
direct armature reaction from the leakage reactance, using the 
zero-power-factor load curve,® and then estimated the transverse 
armature reaction from the performance at unity power factor 
and the observed torque angle. This would have given them a 
rational basis for an interpretation of the other observed curves 
and for a judgement about the accuracy of the method of two 
armature reactions. Having instead bunched together all these 
heterogeneous factors into a physically irrational concept of 
“synchronous impedance,” they have reached conclusions apt to 
befog rather than to clear up the issue. 

Equally incomprehensible to me are their references to my 
‘‘Magnetic Circuit.” They speak of the observed ratio (2 to 3) 
of the synchronous impedance at unity power factor to that at 
zero power factor and state that it is considerably higher than 
that computed by me. My formulas and computations 
refer to the direct and transverse components of the armature 
reaction, and not to synchronous impedance, which latter 
I have used in my writings only in order to show its limita¬ 
tions and inadequacy. My values could be checked with the 
experimental results only by computations involving the design 
constants of the machines, and there is nothing in the paper to 
indicate that the authors have used the design data in their con¬ 
clusions. The authors also ascribe to me the statement (without 
giving the page) that the impedance at 100 per cent power factor 
should be independent of saturation. Since I do not use the 
concept of synchronous impedance in the “Magnetic Circuit” 
at all, it is not clear how and where I could have made such a 
statement. At unity power factor at the terminals, there is not 
an inconsiderable internal phase angle and a corresponding direct 
reaction. With higher saturation, the effect of this direct re¬ 
action upon the net flux is of course less. The transverse re¬ 
action and the leakage coefficient are also affected by the satura¬ 
tion of the pole tips, although these factors are difficult to take 
into account theoretically. 

Within the last six or seven years. Prof. Blondel has published 
in various French periodicals a number of excellent articles, 
further explaining and extending the application of his theory of 

2. Testing of alternators by means of two identical Tna /^hfaAa rigidly 
. coupled at an angle was suggested by A. Blondel in 1892 and more fully 
described by bim before the International Electrical Congress in St. Louis, 
1904; Trans. Vol. 1. p. 620. 

8. V. Karapetoff. Experimental Electrical Engineering, Vol. I, Third 
edition. Chap. 20. 


two armature reactions of the synchronous machine. In the 
light of these painstaking researches, the interpretation of the 
results by the authors is quite out of date. They could render 
real service to the profession if they would further experiment 
with the same machines, and use their results to build up, step by 
step,a consistent and accurate theoryof synchronous machines.and 
also critically check various modifications of the present theories. 

J. F. H. Douglass We wish to concur in what Mr. Wieseman 
has said on saturation, and on the armature leakage reactance 
probably being larger at high power factors. We wish to thank 
Professor Karatpetoff for suggestions for future tests, and for 
bibliographic references. We find the comment and calculations 
of Mr. Graham of interest and his discussion of stability il¬ 
luminating. The design data furnished will be valuable. We 
wish to call attention to fact that Mr. Graham's and Mr. 
Wieseman'^ statements as to whether armature resistance is neg¬ 
ligible can be harmonized. The armature resistance is negligible 
at normal frequency and impressed voltage, if the motor is not 
greatly over excited it must be taken into account otherwise. 

We wish to express a doubt whether a simple load test using 
resistance as well as reactance, will give the synchronous react¬ 
ance. For illustration, in Fig. l,if Eois measured at no load, one 
might think the synchronous reactance drop to be perpendicular 
to the current and might get an erroneous value for the same. 
Fig.9 in our paper,indicates that the I Xs drop is not perpendicular 



Fig. 4—^Vector Diagram Comparing Blondel Method with 
Synchronous Impedance 

to the current in all cases. Professor Karapetoff’s remark is quite 
to the point here that considerablymore experiment is needed. 

We are criticized by Professor Karapetoff for the use of syn¬ 
chronous impedance on various grounds. We consider the term 
too firmly entranced in the texts, and by implication in the 
A. T. E. E. rule for regulation, to bo ignored. We consider it 
useful as a concept for the very fact that it gathers up a number of 
components. (1) In qualitative explanations it affords a simple way 
of speaking of the effects of changing the excitation of a synchro¬ 
nous motor, or of putting a load upon it. (2) For approximate 
calculations it affords a quick, method of computation. (3) 
When allowance is made for the fact that at high power factors the 
measured impedance is less, (and the reason why is easily ex¬ 
plained), it affords a simple basis for calculating period of hunting 
and synchronizing torque, and a simple basis for discussing the 
accuracy of the A, I. E. E. method for regulation at high power 
factors. 

Defined as the ratio of cause to effect, of antecedent to con¬ 
sequent, as voltage across as witch to current flowing after clos¬ 
ing it, it is in accord in reasoning with many of Professor Karape¬ 
toff *s own ^planations. To term it a collection of heterogeneous 
factors is not quite just. The distortion of flux and the drop in 
voltage resulting from it has only one “genesis” or origin—the 
armature m. m. f. We may, if we wish, divide the cause into 
components parallel to and perpendicular to the poles. We 
may divide the effect into components, those fluxes, and e. m. fs. 
strictly proportional to armature current and those which, owing 
to saturation, are not so proportional,—^reactances, and reactions. 
This is a question of accuracy and convenience for the purposes 
in hand. 

Synchxonpus impedance is criticised as physically irrational. 
It is empirical, while the Blondel method is highly theoretical. 


Feb. 1925 


DOUGLAS. ENGESET AND JONES 


171 


However, all theories contain irrational elements in the sense of* 
items which are approximations of the physical reality. In this 
sense, the Blondel theory is also irrational. To mention one 
point, in the “Magnetic Circuit’^ it is assumed that armature 
leakage reactance is an absolute constant. This is the basis of 
the criticism that we should have worked up our data In a certain 
way, but if we had done that we would have come xinder Mr. 
Wieseman’s criticism,’* in salient pole machines, the armature 
reactance is a maximum with unity power factor, and a Tm‘niTTmim 
with zero power factor,” a statement, which we think may be 
correct. To mention another point, the coefficient of cross re¬ 
action or relation between the voltage induced to the current, is 
assumed as a constant. This relation is derived in Karapetoff’s 
Magnetic Circuit by the analogy of “fictitious poles,” which 
show no saturation. This is an irrational element, that only 
brings home the point that all our theories are approximations. • 
We have no objection to using the Blondel theory as a second 
approximation, until a better is found, but we think of synchro¬ 
nous impedance as a first approximation. 

That the Blondel theory does need improvement, we feel most 
strongly. Our data will not agree with Professor KarapetofP’s 
formulas. When we try to get synchronous impedance from 
his diagrams at 100 per cent power factor and at low saturations 
the result is less than that shown by our tests. The value taken 
off his diagrams is independent of saturation, contrary to our 
experiments. We did not mean to imply that he used or cal¬ 
culated synchronous impedance himself. However, to be specific, 
we take the synchronous impedance at unity power factor to be 
approximately equal to 

^.(100) = Xa H- iE//i) ^ Xa + (0.3 Kmnv) 
the quantities appearing in part in his equation (84), page 156. 

The Fig. 4 herewith is Fig. 40 of page 150 of the Magnetic 
Circuit, drawn for 100 per cent power factor with three vectors 
added. The solid line 0 Eo is the no-load voltage along the 
polar axis 0 C, the dotted line E V from equation (84) is drawn in 
its proper phase position, perpendicular to the current, and ter¬ 
minating on the line 0 Ep. The dotted line joining e and Ep is 
what we call, and what is usually called the synchronous impe¬ 
dance drop. There is nothing in the Magnetic Circuit to indicate 
that Et^ even has a position, but by reference to the equation 
after Eq. (186), namely, 

J?/Sin(^ +/5) = EBinifi) 

we see that the line Et* of our diagram does meet these conditions. 
In the above diagram I is numerically very close to I Xa + Et^. 

Numerically we note that Xa may be taken from our Fig. 12 
asalso may the direc t reaction, given by Eq. (79) in the Magnetic 
Circuit. We find from our Fig. 12 that the value of {Xd) is too 
small to measure. We attribute then the whole effect to reac¬ 
tion. We find that an armature current of 35 amperes in Fig. 
12 neutralizes a field current of 7 amperes. Comparing equations 
(79) and (84) in the Magnetic Circuit we note the constant in one is 
40 per cent of that in the other, with V the slope of the saturation 
curve included. We compute the slope to be 31 volts per ampere. 
We compute Xp^pp « 0.4(7/35) 31 = 2.5 ohms. 

When we refer to our Fig. 10 we see that this value is much too 
small when the machine is not saturated, and that the value of the 
reactance is not a constant, as indicated by the above interpreta¬ 
tion of the Theory in the Magnetic Circuit, but actually a variable 
affected by saturation of the machine. Fig. 4 shows clearly that 
the direct reaction can not be a major item being nearly horizon¬ 
tal but that the saturation of pole tips affects the transverse re¬ 
action. As Professor Elarapetoff admits, this factor is difficult to 
take into account theoretically but the variation of values in 
Pig. 10 of our paper at imity power factor from 3.2 to 1,6 ohms 
indicates that the reluctance , of the transverse fiux path is ap¬ 
proximately doubled, by saturation. This change is so large 
that it is d^cult to see how one can avoid the conclusion that the 
theory of transverse reaction needs considerable improvement. 

With the data now available from the manufacturers it would 


be easy to follow the suggestion made to check the shape of the 
hump in our curves by the Blondel theory. The following cal¬ 
culation was made before this data was supplied, but checks so 
well in a general way, that on this point Professor Karapetoff 
may consider himself well vindicated. Let us assume that re¬ 
sistance may be neglected, and that we have only to consider two 
reactances Xt for cross-magnetizing current, and Xd for direct 
reaction component of the current. This is a rather crude sim¬ 
plification of the Blondel theory that will hold fairly well with 



small satmation. Pig. 5 gives the vector diagram. The im¬ 
pressed voltage is E, the induced voltage at no load Ep, shows by 
its magnitude the field current, and by its phase the angle the 
pole has fallen behind. The current I may be resolved into 
components Id and It in quadratm'e and in phase with the pole 
centers. By assumption is caused by voltage component 
Ep — E cos Jp and is governed by Xd, while h is due to E sin ^ 
and is governed by . Thus 

I, - Id = (Eo-Bcoa{4^)/Xd (I) & (2) 

The ordinates F of a set of V curves may be taken as the ratio the 
armature current to any current such as {E/Xa) = as a basis.. 
The abscissas may be taken as the ratio of field cqrrents of induced 
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Pig. 6 

no-load volts Ep/E. If we call Xd/Xt = JC, Ip the power, and 
Iqv) the wattless components of the current, we have the following: 


It hX sin (^); Id = Ip{X - cos(^) (3) & (4) 

T . « I/Ip 2 sin(^) ( (Jf - 1) cos(^) -f X) (5) 

« Ip (Z cos (^) - Z + (Z - 1) oos2 ^P) (6) 

/ = 7 (V + { 7 ) 


We assumed Z = 2, T * 0.05, 0.02, 0.5, 1.0, 1.5, and 2.0; 
we assumed values of ^ « 2®, 5®, 10®, 20®, 30®, ’.... 170®, and 
solved Eq. (S) for Z. We then solved Eq. (6) for Iw and Eq. (7) 
for 7. We have plotted the values of: 7 thus computed against 
Z in Fig. 6. These curves in the main agree with our experi¬ 
ments, and certainly bear out the contention that the Blondel 
theory applies quite accurately at low flux densities. 




Factors Meeting the Design of D-G. Motors 

for Locomotives 

BY RALPH E. FERRIS‘ 

Associate, A. I. B. B. 


Synopsis.— The designer oj motors for locomotive service is 
confronted with at least two limitations; space and weight For 
large locomotives, the second limitation may not he of prime im¬ 
portance., hut the first must he constantly in the mind of the 
designer. 

The paper gives a comparison hetween different types of motor 
mounting as regards the amount of power which may he. developed 
in the avaUaUe space with direct current motors. The comparisons 
are largely qualitative hut within reasonahle limits are also quantita¬ 
tive. 


The availahle space hetween wheels or locomotive side frames is 
divided into two parts. One. of these parts is made up of units 
which are assumed to he constant within the range considered, while 
the other part is made up of variables. Expressions for the variables 
are derived, generally in terms of armature diamet&r, and constants 
and variables are then combined into a complete expression for 
motor output. 

The voltage applied to motor commutator, voltage-to-ground, 
number of poles, peripheral speed and track gage, as well as type 
of motor mounting are considered in the comparison. 


T he object of the following discussion is to develop 
the proportions of d-e, motors in relation to the 
available space hetween wheels or side frames of 
locomotives. 

Two voltages only .have been considered, viz., 3000 
and 1000 volts, this, not because other voltages, either 
higher or lower, are not possible or desirable, but simply 
to give a basis of comparison and eliminate the almost 
endless number of combinations. 

The results should be considered as largely qualita¬ 
tive, but it is believed that the effect of various factors 
will be shown and in a measure the results are also 
quantitative. Actual numerical values have been 
used in most cases with the full realization that excep¬ 
tions could be taken to these values for special cases, 
or perhaps even for average conditions, but an honest 
attempt has been made to place all results on a basis 
as nearly comparable as possible. The nominal, or 
one-hour rating, of motors has been used as the physical 
dimensions conform more nearly with this rating than 
with the continuous rating where the tsrpe of ventilation 
is a determining factor. 

The papa: has been divided into three general 
sections: &st SOOO-volt motors; second, 1000-volt 
motors; and third, discussion of curves and conclusions. 

3000-Volt Motors 

For purposes of this paper the following classification 
has been chosen for the 3000-volt motors. It should 
be understood that the voltage given in the tables 
refers to the voltage across the commutator and not the 
voltage to ground which as before stated is in all cases 
either 3000 or 1000 volts. 

1. Axle-hung Clear Drive 
0 . 750 Volts 6. 1000 Volts c. 1600 Volts 

1. four-pole 1. four-pole 1. four-pole 

2. six-pole 2. six-pole 

■ — I « 

il.Westiaghouse Electric & Mfg. Co., East Pittsburgh, Pa. 
Presented at the Midwinter Convention of the A, I. E. E., 
New York, N. ¥., February 9-lg, 19S5. 


2. Frame-mounted, Quill and Gear Drive 

a. 750 Volts b. 1000 Volts c. 1600 Volts 

1. four-pole 1. four-pole 1. four-pole 

2. six-pole 2. six-pole 

3. Frame-mounted, Gear and Side-Rod Drive 


o. 750 Volt b. 

1. four-pole 

2. six-pole 

3. eight-pole 

4. 10 pole 
4. Gearless 

a. 750 Volts 

1. two-pole 

2. four-pole 

3. six-pole 


1000 Volts e. 
. 1. four-pole 

2. six-pole 

3. eight-pole 


1500 

1. four-pole 

2. six-pole 


b. 


1000 Volts c, 1500 Volts 

1. two-pole' 1. two-pole 

2. four-pole 2. four-pole 

3. six-pole 

To illustrate the method of analysis, all the cases 
for the axle-hung motors, 1 a, 1 6, and 1 c, are worked 
out in some detail, especially for the 750-volt four-pole 
motor. The first and second cases, under 4 b for the 
1000-volt, gearless motor, will also be given in more 
or less detail. Of the remainder, curves will be shown 
for all four cases under 3 a arid first case under 3 b, 
Be, ia, and4 c. . 


Proportion op Space for 3000-Volt Motors, 
Axle-Mounted 

The space between wheel fianges may be divided as 
follows: 

Li — Total space between wheels or between locomotive 
side frames 


Lc = Length of commutator 

L, = Length of coil extension on ends not including cell 
extension. 

Lg = Length of gear-face 

L = Length of armature core iron 

Lk .= A constant which is made up of the following 


items: 

1. Clearauce between gear-case and wheel, front and 

rear... 2.00 in. 

2. Gear-case walls and clearance to gear, wheel side, 

front and rear... 1.75 in. 


172 





FERRIS: FACTORS AFFECTING THE DESIGN OF D-C. MOTORS 


173 


I’’”''- 1.023 
' * * 

" ^ "^ooise walls and clearance to gear, motor side 

t J and rear.;. 1.50 in. 

I r«» * to end-housing, front and rear. 0.75 in. 

t!. ( j walls, front and rear. 2.00 in. 

*^^®'iice between front-end housing and eom- 
7. ( , J**’-^‘fca,tor V-ring. 0.75 in. 

C 2.50 in. 

mnutator groove and clearance between 

C 0.75 in. 

I (c :j 1 ^ tension, both ends. 2.00 in. 

<'OaX*2i,xLQe between coil and rear-end housing. 1.25 in. 

I'ott*,!.15.25 in. 

iriv the foregoing variables and constants 

.»Vi • "^^i^derstood, they are indicated in the diagram- 

section shown in Fig. 1. 

• Its i*ea,lized that the constants as given may be open 
‘lUOfcstioM. in any particular case, but it is believed they 
iH! Hot far from average conditions, and will at least 
as before stated, a basis for comparison. 

Output Equations 

It can be shown that the output of a motor may be 
'JcprcMseci as follows: 

Ic-w. - CD^LS (1) 

vhere 

C7 = A so-called output constant 

-ZI> = Armature diameter 

JLt = Length of armature iron 

^ = Speed in rev. per min. 

Sul>stitnting values given in preceding section in 
quution Cl)> gives 

Ic-w. = {Lt - L^ - L, - Lg- Lk) D^C S (2) 

lut 

X/o = kw. X 0. (3) 

V'hiTC Go is a constant depending on brush width, 
number of brush arms, and current density 

1 briiisb. 

= kw. XCg + Ci (4*) 

JLto = CeD (5) 

^hcre Gff, C 2 and C» are constants. The derivations 
f equations 3, 4 and 5, which are a means to an end, 
'ill be sho-wn in more detail under the special case of 
le ff>ur-l>ole, 750-volts per commutator motor. 
Substituting equations 3, 4 and 5 in 2, and solving 
»r k w. giv es 

approxiinate, the following being 

on, iiottrfy correct. 

^ kw. X Cp X Pt 

£j s: - - 

■ " aXNt 

iP < = Diametral pitch of gear 
jS ^ speed of motor in rev. per min. 

J\r t =* Number of teeth in pinion 
= Constant depending on Pt 

o:^ which will give a fairly conservative gear-face 

1-0.19P< 


i,_ _5* C (X,, Ct D — C 2 — Lk) 

i + x)*5C(a-PQ 

If Lk = Li — Lk 
Then 


( 6 ) 


_ D^'S>C(Lk-C,D-C2) 
l+D^S(J(C\+Cg) 


(7) 


In order to obtain a comparison, a constant periph¬ 
eral speed in feet per minute of C. is taken, in which 
case. 


S 


3.82 a 
D 


(8) 



Fig. 1 


By substitution, a final expression for kw. in terms of 
D is as follows: 


kw. 


B.82C.DC(L,-CeD-C2) 
l + 8.82DC.C{Cc + Cg) 


( 9 ) 


Geineral Discussion op Output .Constant C 

Very often in engineering literature a so-called con¬ 
stant is not a constant at all but is merely a convenient 
way of combining a number of factors which are diffi¬ 
cult to evaluate. Such is the case with the output 
constant C. This constant C is affected by a number 
of factors, the principal being as follows: 

o. Slot-space factor. The slot-space factor is the 
ratio of cross-section of copper in slot to cross-section 
of slot, and therefore with a given wall thickness of 
insulation to groirnd, this factor varies as some direct 
function of the cross-section of copper in the slot. 
For a given voltage and peripheral speed, the diameter 
of armature will increase with increase of total copper 
cross-section, or stated inversely, the slot-spa^ factor 
ino’eases with increase of armature diameter. 

It can be shown that for a constant number of slots, 
the slot-space factor is given approximately by .the 
following expression 

, _ KiD^-K2D-\-Kz 

^ Kil> 

where / = Slot-space factor 

Ki, Kt, Kt = constants 

6. Iron loss. For a given density in the teeth and 
core of the armature the iron loss will vary as some 

2. Efleot of Insulatioii on Design by R. E. Ferris, “The 
Electric Journal October, 1923; 
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direct function of the speed. For a given peripheral 
speed, the iron loss per cubic inch of iron for a constant 
density and a constant number of poles will decrease 
with increase of armature diameter, or for constant 
iron loss per cubic inch, the density in teeth and core 
and therefore in the air-gap may be increased with in¬ 
crease of armature diameter. As the air-gap density 
is one of the factors which enters into the output-con¬ 
stant, it follows that this factor also causes the output- 
constant to increase with the armature diameter. 

c. Pole constant. The pole constant as defined in 
this paper is the . ratio of total pole-face bore to periph¬ 
ery of armature core. It is, of course, evident that 
the larger the pole constant, the larger will be the 
output constant, other things being equal. 

In general, the space between main pole tips will 
remain approximatdy constant for a given number of 
poles within a reasonable range of armature diameters. 
With this assumption, therefore, if we let 
a = space between pole tips 
Cp = pole constant 
D = armature diameter, 

then 
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is'used as coming within the limits of accuracy of this 
article: 

C =-K\og(aD-b) 

Four-Pole Axle-Hung Motor, 760 Volts per 
Commutator 

The axle-hung type of mounting and drive are so 
common that little or no description is necessary. 
Briefly, one side of the motor is supported by either a 
nose or bar suspension on the truck transom, while the 



Fig. 3—Complete Locomotive with Axle-Hung Motors 


^ TT D — a _ a 
^ ^ - ¥D -k D 

This expression shows that the pole constant, and 
therefore the output constant, increases with armature 
diameter. 

d. Watts copper-loss per sq. in. of armature surface. 
This factor in the output constant is governed largely 
by the method of heat dissipation and is not affected 



materially by the armature diameter except as the 
armature diameter affects method of ventilation. 

In general, therefore, the output constant increases 
with increase of armature diameter. It is, of course, 
practically impossible to give an expression for the 
output-constant in terms of armature diameter, which 
will more than approximate the results for any given 
4esi^. The following imperical expression, however. 


other side is supported directly on the axle, through 
axle caps and bearings. With this mounting, a certain 
percentage of the motor weight is carried directly on 
the axle with no intervening spring. 

A cross section of this type of motor mounting is 
shown in Fig. 2, and a complete locomotive with axle- 
hung motors in Fig. 3. 

The output constant for a four-pole, 3000-volt, 750- 
volt-per-commutator motor may be expressed imperi- 
cally by the following equation: 

C = log (0.385 D - 1.31) 7.65 X 10“* (11) 

Length of commvMor. The length of commutator, 
L„ for 760 volts per commutator and four brush- 
holder arms, may be derived as follows: 

If 

It = total amperes to armature 
E = volts at motet terminals 
/ = efficiency 


1000 X kw. 
EF ■ 


( 12 ) 


and, if, 

E ^750 
f =0.88 

L = 1.62kw. (13) 

The length of commutator neck cannot be expressed 
in terms of kilowatt unless the ntimber of parallel 
circuits are taken into account; but as this introduces a 
further complication, such a factor will be omitted 
and the len^ of neck expressed as 


Neck = 0.0024 kw. (14) 

. At 60 amperes per sq. in. in the brush and 5/8 in. 
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brush width, the expression for commutator face, 
including allowance for brush-stagger, is, 


Face = 


It 

120 X 0.626 


= 0.0203 kw. 


(15) 


or Lc = Neck + face = 0.0227 kw. (16) 

Width of Gear-Face. As an imperical approximation 
of the gear-face 

Lg = 0.0134 kw. + 3.5 (17) 

This, for the larger sized motors, will give a gear-face 



which is somewhat low, and for the smaller sizes, 
somewhat high. 

Coil Extension L^. In general, the armature slot- 
depth- will vary as some function of the armature 
diameter. For the present discussion the following 
relation will be used: 

D. = 0.1 D (18) 

where 

D, = Slot-depth 
Let 

P = the arc of coil-pitch at diameter 
(D- 0.1Z>) 

Then for a four-pole machine 

P - 0.96 (19) 

The factor 0.95 is introduced to take care of a slight 
amount of chording. 

Referring to Fig. 4, with slot-width W equal to 
tooth-width at one-half depth of slot and with the coil 
on the diamond part of the end portion equal to slot- 
width, the sin of angle 6, between iron and coil, will 
be, 

Sin6 =* 7r(Z)—O.ID) =0.5 (21'\ 

2 

t(D- 0.1 D) 

Tan b = 0.577 

Therefore, referring to Pig. 4, (22) 

Li=Px 0.577 
But 

P = 0.335 Z> 
and 

Ld = 0.194 b (23) 

If turn at end of diamond part of coil is considered 
as six per cent of armature diameter and both ends 
of the winding are included, then 

L,= 0.448 D (24) 


Table of Constants 

The following values are, therefore, either constants 
or assumed constants, at the one-hour rating for a four- 
pole 750-volts-per-commutator axle-mounted motor: 

Cg = 0.0226 

Cg = 0.0134 
Ci = 3.5 
Ce = 0.448 
Lk = 16.25 
L, = 53.25 
Lft = 38 . 

C. = 3500 

Substituting equation No. 11 and constants given 
above in eqiiation No. 9, 

, _ (35.4 D - 0.46 D^) log (0.385 D - 1.31) 

1 + 0.037 D log (0.385 D - 1.31) 

Equation (25) gives the kw.-output of a four-pole 
750-volts-per-eommutator motor with double gears. 
The case for single-end gears will not be considered, as 
the only difference would be more available space be¬ 
tween wheels for active material. In any case, as 
limitations are being considered, the motor sizes under 
consideration would, in general, have double gears. 

Curve A of Fig. 6, is the graph of equation (25), and 
shows the kw.-output plotted against the armature 
diameter for axle-mounted motors, 750-volts per 
commutator, at a constant peripheral speed of 3500 
ft. per min. 



10 


40 


15 20 25 30 35 

ARMATURE DIAMETER "D" IN INCHES 

Fig. 5— Axle-Moxtntbd 3000-Volt, Podb-Polb Motobs, 
3500 Ft. peb Min. Pbbiphebal Speed 53.25 In. Tback Gage 


Effect of Track Gage. To show the effect of track- 
gage on maximum output, the following equation was 
derived from equation (25); assuming a constant arma¬ 
ture diameter of 30 in. and a constant peripheral speed 
of 3500 ft. per min.; 

kw. = 14.6 Lt - 470 (26) 

Where Lt is distance between wheel flanges. 

The graph of this straight line equation is shown in 
Pig. 6, and brings out strikingly the advantage to be 
gained by wide track gage. 

Variable Pmpherai Speed. In order to show the 
effect of change in peripheral ^eed, .the armature 
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diatnet^ was assumed a constant at 30 in. in which 
case, equation (27) was derived from the general 
equation to show this relation; 


0.186 C, . 
~ 1 + 0.000318 C. 


(27) 



35 40 45 50 55 60 

TRACK GAUGE LT IN INCHES 


increase in armature diameter, assuming a constant 
depth of field, or, inversely, the depth of field may be 
less for a given amount of copper, the larger the diam¬ 
eter of armature. With the foregoing in mind. Figs. 
8 and 9 will be understood. Fig. 8 shows roughly the 
ampere-turns per pole in relation to armature diameter, 
and Fig. 9, the depth of motor from armature surface 
to outside of frame at the bottom. 

Whed Diameter. FVom the curve shown in Fig. 9, 
and, assTiming that the motor is raised above the center 
line of axle 1in., and with clearance-to-railof 4^ in.. 



Fig. 8—^Fibld Ampbbe-Ttjiins per Pole pob a Forr-Polb, 
Axle-Mounted Motor 


Fig. 6—Axle-Mounted, 3000-Volt, Four-Pole Motor, 
3600 Ft. pee Min. Peripheral Speed, 30 In. Armature 
Diameter 

The graph of equation (27) is shown in Pig. 7. 

Depth of Field. It will be necessary at this point 
to digress somewhat from the specific consideration of 



PERIPHEFML SPEED"CS IN FEET PER MINUTE 


Fig. 7—^Axle-Mounted, 3000-Volt, Four-Pole Motor 
750 Volts per Commutator, 30 In. Armature Diameter, 
53.25 In. Track Gage 

the 760-volt-per-commutator motor, to the -more 
general discussion of the field design. . 

The amount of copper in the field-winding of a rsdl- 
way motor does not, in general, increase in direct pro¬ 
portion to the diameter of motor armature, mainly 
because the air-gap which absorbs a large share of the 
ampere-turns, is not increased in direct proportion to 
the motor diameter; for example, a 80-in. diameter 
armature would not, in general, have an air-gap twice 
the length of a 15-in. diameter armature. Further¬ 
more, the available space for field coppor uun^ases with 


the wheel-size is plotted against armature diameter in 
Fig. 10. 

Diameter of Gear. After the wheel diameter is 
determined, the pitch-line diameter of maximum size 
gear is approximately fixed, if a.given clearance under 
the gear case is assumed. With 4)4 m. clearance from 
the pitch-line of gear to rail, the pitch-line diameter of 
gear is plotted against armature diameter in Fig. 11. 

For the size of motors imder consideration, perhaps 
the minimum-size pinion would be 16 teeth 2 diameti^ 



pitch, which would give a minimum pitch-line diameter 
of pinion of 8 in. 

With the diameter of gears and pinions given, by the 
foregoing assumptions the gear center distance of the 
motor is fixed, but this gear-center distance checks 
approximately with the gear-center distance derived 
from armature diameter, depth of fidd and frame, 
thickness of axle bearing and diameter of axle. 
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Minwiv/tn Miles per Hour. With a, constant periph¬ 
eral speed, the rev. per min. of armature may be 
derived for each diameter, and this, with the maximum 
ge^ reduction as given above, gives the minimum 
mi. per hr. at the one-hour rating for any sized arma- 



Diameter 


ture xmder the conditions assumed. This is shown in 
Fig. 12. 

Four-Pole Axle-Mounted Motor, 1000 Volts 
PER Commutator 

The constants included in Lk will be the same, for a 
3000-volt motor with 1000 volts across the commutator. 



16 18 24 28 32 

ARMATURE DIAMETER“D"IN INCHES 


Fia. 11 Axle-Mounted, Four-Pole Motors Gear, Diameter 

as for a similar motor with 750 volts on the conuhutator. 

The length of coil extension L„ for the same armature 
diameter and the width gear-face L, for the same kw. 
output, will also be the same. The length of com¬ 
mutator Lc and output-constant C, will, however, be 
different. 


The length of commutator will be less, due to the 
smaller amount of current, with the higher voltage. 

The output constant for the smaller diameters will 
be less than for the 750-volt motor due, mainly, to the 
smaller slot-space factor, but for diameters over 26 in. 
there will be but little difference. 

Taldng all the factors into consideration, an expres¬ 
sion similar to that given in eqxiation (25) was derived. 
Curve B in Fig. 5 shows kw.-output plotted against 



Fiq. 12 Axle-Mounted, Four-Pole Motors, Mi. per Hr. 
AND Tractive Effect 


armature diameter for the four-pole, 1000-volt-per- 
commutator motor. 

K Curves for varying track-gage, or peripheral speed, 
are not shown, as the effect of these factors on the out- 
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ARMATURE DIAMETER “D“ IN INCHES 

Fig. 13 Axle-Mounted, 3000-Volt, Six-Pole Motors 
3500 Ft. per Min. Peripheral Speed, 56.5 In. Track Gage 



put is clearly displayed in the curves for the 750-volt 
motor. 

Four-Pole Axle-Mounted Motor, 1500 Volts 
PER Commutator 

The proportion of space for the 1500-volt motor as 
included in Lk will be the same as for the 760-and 1000- 
volt-per-commutator machine. 
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The length ot coil extension L„ and gear face L, 
will also be the same. 

The output constant C, and length of commutator Lc 
will, however, be different than for either of the lower 
voltages. 

Taking these factors into account, an expression was 
derived, as in the preceding cases. Curve C of Fig. 5, 
shows relation of kw.-output to armature diameter for 
a 1500-volt-per-eommutator, four-pole motor. 

Six-Pole Axle-Moun'EBd, 760 and 1000 Volts-Pbr- 
COMMUTATOB MOTOR 

The proportions of space for the six-pole 760-and 
1000-volt axle-hung motors are the same as for the 


wheel by means of springs which permit the drive- 
wheel and axle, to move in relation to the gear and 
motor. 

In general, it is found desirable to have somewhat 
more cl^ance between the wheel-flange and end¬ 
housing of motor in quill-mounting, than in axle- 




Fig. 14—Quill-Ttpe Drive 

four-pole. The length of commutator L<,, and coil 
extension, will, however, be different, due, in case of 
commutator length, to the. larger number of brush- 
arms and, in the ease of coil extension, to the shorter 
coil throw. 

Curve A of Fig. 13, shows the relation of kw.-output 
to armature diameter for a six-pole, axle-mounted, 
760-volt-per-commutator motor, while curve B, in the 
same figure, shows a similar relation for the 1000-volt- 
per-commutator motor. 


Pio. 16 —Inside-Hung Pbame 

moimting; otherwise the proportions of space are the 
same and, therefore, the curves of output will be ap¬ 
proximately the same as those for axle-moxmting. 

The quill drive does, however, permit the use of a 
twin motor construction and thus, imless limited by 
the drive, gives twice the power per axle as with an 
axle-hung motor. 

Fig. 14 shows the quill type of drive while Fig. 15 
shows a locomotive with quill drive and twin motors 
mounted in place. 




Pig. 15 Quill-Ttpe op Dbite and Twin Motors Mounted 

Frame Mounting—Quill Drive 
In the quill drive, the motor is mounted on the spring- 
bom frame of the locomotive, and the main driving 
axle cmtwed through a hollow quill. The driving gear 
is mounted on the quill, this quill being held in definite 
relation to the motor and locomotive frame. The 
actual drive takes place between the gear and drive- 


Fig. 17—^Inside-Hxtng Frame Motor, Mounted Complete 

Frame-Mounting Side-Rod or Gear and Side-Rod 

Drive 

In the case of frame-mounted motors, with side rod 
or gear and- side-rod drive, the distance between the 
side frames of the locomotive Lt, available for the 
motor, is not a definite quantity, but for the case of 
inside-hung frames, perhaps 44 in. will be a fair average 
for the size of locomotives under consideration. 

This type of motor mounting is shown in Fig. 16, 
while Fig. 17 shows the locomotive complete. 

If the motor is made self-contained, so that it may 
be lifted out of the locomotive frame complete, th«:e 
will be less room available for active material than if 
the armature bearings are mounted in the side-frame of 
tile locomotive and end-housings omitted except for 
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comparatively thin protective covers. For the latter 
case, the constant Lk will contain the following: 

1. Clearance between the frame and commutator V- 


^ . 0.75 in. 

2. Creepage on commutator V-ring. 2.50 in. 

3. Commutator groove and clearance between 

hrnshes ... 0.75 m. 

4. Cell extension both ends. 2,00 in. 

5. Clearance between coil and frame at rear.... 1 25 in 

. » . — ^^ 

Total/or Lk . 7 25 



18-^Framb-Mountbd, 3000-Volt Motors; 3500 Ft. per 
Min. Peripheral Speed, 750 Volts per Commutator 
A « Four-Pole Motor 
B » Six-Pole Motor 
C * Eight-Pole Motor 
D as Ten-Pole Motor 


In this case^ space need not be allowed for gears and 
the output equation becomes: 

kw. = (Lt -L,-Le- Lk) D^CS (28) 

From which with the proper substitutions and a periph¬ 
eral speed of C, 


3.82C.DC(Lh-C,D) 

1+S.82C,CCcD 


(29) 


. Substituting the proper constants for a 750-volt, 
four-pole, frame-mounted motor, in equation . No. 29, 

w _ (37.6 £>- .4 6 D^) log (.886 D - 1.31) 

. ■ 1 + .0231 D log (.385 D - 1.31) 


The graph of equation (30) is given as curve A in 
Fig. 18. 

In a similar manner, expressions were derived for 
six, eight-and ten-pole, 760-volt motors, and the results 
shown in curves B, (7 and D of Fig. 18. Also, expres¬ 
sions for four-and six-pole motors, with 1000-volts per 
commutator, were derived and the results shoA/m in 
curves A and B of Fig. 19. 


and lateral direction. This, for all practical purposes, 
necessitates a bi-polar construction with the pole faces 
eccentric to the armature, thus permitting the move¬ 
ment of the core vertically in relation to the poles. 

With this type of motor design, it is desirable, from 
a mechanical standpoint, to have a comparatively 
large air-gap, also the pole constant Cp will be relatively 
small; the latter, taken by itself, would mean a low 
output constant, but owing to the comparatively low 
rotational speed and the bi-polar construction, the 
frequency will, in general, be quite low, and, therefore, 
the air-gap, teeth, and core-flux density may be high 
without undue iron loss or heating, thus giving a higher 
output constant than would otherwise be the case. 

It is even more diflScuIt to give an expression for the 
so-called output constants in terms of the armature 
diameter for the bi-polar type of construction th^ for 
the motor with a larger number of poles, but, by 
segregating the separate factors which go to make up 
the output constant, it is believed that no gross error 
has been introduced. 

The same nomenclature will be used for division of 
space between wheel flanges as was used on the axle- 
mounted, geared motor, but in this case, the constant Lk 


will be made up of the following items: 

1 . Clearance between wheel and commutator V-ring.. 2.25 in.' 

2 . Creepage on commutator V-ring.. 2.50 in. 

3. Commutator groove and clearance between brushes 1.00 in. 

4. Cell extension both ends. 2.00 in. 

5. Cleoranoe between wheel ^d rear of armature_ 2.25 in. 


Total L*.10.00 in. 


Total L*.10.00 in. 



Geabless Motors 

The gearless motor may be divided into two classes: 

1. Direct axle-mounting 

2. Quill-moimting 

Direct Azle-MounMng ,, In this case the armature is 
pressed directly on the driving axle, and therefore 
follows the motion of wheels and axle in both a vertical 


The problem of output will be approached in a some¬ 
what different manner for the bi-polar gearless than 
for the proceeding t 3 q)e. 

It-will be assumed that the clearance between arma¬ 
ture surface and rail is constant ht 7J^ in., regardless of 
armature diameter, thus giving an armature diameter 
16 in. less than the diameter of wheel. 
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At 25 mi. per hr. which is used as a basis of compari¬ 
son, the peripheral speed of wheel is 2200 ft. per min. 
If 

R = rev. per min. of wheel and armature at 
25 mi. per hr. 

I>„ = Wheel diameter in inches 

Then 


also the output constant within the range considered 
was given the following value 

C = log (1.45 D - 13.6) 3.43 X 10-« (36) 

In order, therefore, to obtain an expression for kw.- 
output in terms of wheel-diameter for the bi-polar 
gearless motor equations (33) and (36) and the follow¬ 
ing values were substituted in equation (29): 


R = 


2200 X 12 8400 


also 


R = 


Du, X TT 


C. X 12 


Du 


3.82 C. 
Du,-15 


(D„-15)t 

where C, = Peripheral speed of armature in ft. per min. 
equating (31) and (32) and solving for C, 

2200(I>„-15) 



D = Du, — ■ 

(31) 

Lj = ^.26 

giving 

(32) 

C. = 0.6 

C. = 0.0282 


C. = 


Du 


(33) 


The construction of the bi-polar, gearless motor 
does not permit the use of commutating poles and the 
armature winding may, therefore, be chorded to the 
point where further chording would give a reduction in 
counter electromotive force, and increase the speed for 
a given flux per pole. This coupled with the wide inter- 
polar space, gives a wide commutating zone and per¬ 
mits the use of a wider brush than might otherwise be 
be used. The chording also shortens the armature- 
winding end-extension. . 


30 



90 
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WHEEL DIAMETER “0% IN INCHES 

Fig. 21—Gbabless 3000-Voi.t, Fovb-Polb Quill Motob 
25 Mi. peb He., 1000 Volts peb Commutatob 56.6 In. Teack 
Gage 


kw. = 


(20.3 D„^ - .173 £>,/ - 490 Z>,„ -f 3380) 
Du, + (0.00813 - 0.244 Du, + 1.84) 



30 35 40 45 50 55 60 

WHEEL DIAMETER “D^i IN INCHES 

Fig. 20— Gbabless 3000-Volt Bi-Polab Motoes, 25 Mi. per 
Hb. 56.5 In. Track Gage 

For the case of 1000-volts-per-commutator, brush 
width of 0.76 in., 60 amperes per sq. in. in brush, and 
90 per cent efficiencgr at the one-hour rating, 
the commutator face = 0.0247 kw. 

neck = 0.0036 kw. 

or neck + face = L. = 0.0282 kw. (34) 
Witiiout giving details of derivation, the following 
expression for coil extension was used: 

L, = 0.6 {Du, - 15) (35) 


log (1.4535.3) . . 

log (1.451>„-35.3) ^ ’ 

Curve B in Fig. 20 is the graph of equation (37). 

If, in place of varying the wheel diameter, the per¬ 
ipheral speed or, in other words, the mi. per hr., is 
taken as the variable and the wheel-diameter held 
constant at 44 in. the following equation gives the 
approximate kw.-output in terms of peripheral speed 
of armature for a 1000-volt bi-polar, gearless motor: 

0.145 C. 

“ 1 -I- 0.000156 C, 

The curve shown in Fig. 22 is the graph of equation 
(38) except that mi. per hr. is used in place of periph¬ 
eral speed. 

Expressions for kw.-output, in terms of wheel- 
diameter for 750 and 1600 volts per commutator, were 
derived and the results are shown in curve form as 
A and C in Fig. 20. 

Geablbss Quill-Mounting 

With this type of motor, the armature is mounted on 
a hollow quill which surrounds the driving axle with 
sufficient clearance between the inside quill wall and 
axle to allow of maximum movement of wheels and 
axle in a vertical or horizontal direction. The quill 
is supported through quill bearings and end-housings 
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by. the motor frame, which, in turn, is supported on the 
spring-borne locomotive frame. 

In the case of the gearless quill drive, the constant L* 


will be divided as follows: 

1. Wheel flange to commutator V-ring. 8.00 in* 

2. Creepage on commutator V-ring. 2.50 in. 

3. Cell extension both ends. 2.00 in. 

4. Rear end to wheel flange. 8.00 in. 


Total i*. 20.50 in. 



100l_f_..l.- I_I _LJ_LJ_ I_^_L_J 

10 20 30 40 so 60 70 

MILES PER HOUR 


Fio. 22 Gbarless 3000-Volt Bi-Polar Motor, 44 In. 
Wheel Diameter, 66.5 In. Track Gage, 1000 Volts per 
Commutator 

As was done in the case of the bi-polar, gearless 
motor, the clearance between the armature surface 
^d rail will be considered constant. This, of course, 
is not strictly true, as, on this type of motor, room must 
be allowed for field coil and frame between armature 
surface and rail, as well as for the proper clearance. 
However, within the range considered, the assumption 
will be approximately correct. 

This distance between armature surface and rail will 
be ^sumed as 11 in., thus giving an armature diameter 
22 in. less than the diameter of wheel. 

From this point on, the same procedure was followed 
.as for the bi-polar gearless, except for difference in 
numher of poles, output constant, etc. 

Fig. 21 shows kw.-output plotted against wheel 
diameter for a four-pole, 1000-volt-per-commutator 
gearless quill mounted motor. 

1000-Volt Motors 

Some explanation may be in order as to why a unit 
of 1000 volts was chosen as an illustration of the use of 
lower voltage in place of—for example-^600 or 750volts. 

In general, the designer of d-e.-traction motors is 
confron^ with two difficulties,—not limits, but 
difiiculties; that is, for 1500-volts-per-commutator 
motors, commutating difficulties are encountered, 
especially for two-circuit armature windings. On the 
o^er hand for 600-volts-per-commutator motors, the 
size of commutator becomes unduly large for a given 
number of poles. As a happy medium, therefore, a 
unit of 1000 volts was chosen. 

It is realized, of course, that this is not a standard line 
voltage, but in making this choice, a higher line voltage 


was presupposed, either a-e. or d-c., with some method 
of conversion to a lower voltage for use on the traction 
motors. 

For the purpose of this paper, the following classi¬ 
fication has been chosen for the 1000-volt motors: 

1. Axle-himg Gear-Drive 

a. Four-poles 

b. Six-poles 

2. Frame-mounted, Quill and Gear Drive 

0 . Four-poles 

b. Six-poles 

3. Frame-mounted, Gear and SiderRod Drive 

0 . Four-pole 

b. Six-pole 

e. Eight-pole 

4. Gearless 

0 . Two-pole 

b. Four-pole 

c. Six-pole 

The analysis of this class of motor was made in 
much the same way as for- the 3000-volt motor; there¬ 
fore, the giving of details would be a needlessrepetition. 

Two factors, however, should be mentioned; viz, 
the better slot-space factor for the 1000-volt motor, due 
to the use of less insulation, this giving a higher output 
constant, and the smaller creepage surfaces on the 
commutator V-ring and shorter cell-extension outside 
of the core. 

For the case of 1000-volt motors, therefore, the out¬ 
put-constant was expressed imperically as follows: 

C = log (0.32 D -I- 0.2) 8.2 x lO"® 
and Lk was made up of the same items as given for the 



Fig. 23—^Axle-Mounted 1000-Volt Motors, 3500 Ft. per 
Min. Peripheral Speed, 56.5 In. Track Gage 

3000-volt, axle-mounted motor, except that the creep- 
age on the V^ring and the cell-extension for both ends 
were each given a value of one inch, giving for the 
total 12.75 in. 

It will be noted that this value of Lk is 2.50 in. less 
for this voltage motor than for the 3000-volt, axle- 
mounted ge^ed motor. This same reduction holds 
true also for the frame-moimted and gearless motors of 
this type. 

Expressions were derived for 1 a, and 16, 3 a and 
8 b, and 4 a of the classification table. Curves a and 
6 of Fig. 23 give kw.-output in terms of armature 
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diameter for a 1000-volt, axle-mounted geared motor, 
four-pole and six-pole respectively. 

Curves a and 6 of Fig. 24 give kw-output in terms 
of armature* diameter for a 1000-volt frame-mounted 
motor, four-pole and six-pole, respectively. 

Curve of Pig. 25 gives kw.-output in terms of wheel 
diameter for a 1000-volt, bi-polar, gearlessmotor. 

Discussion op Curves and Conclusions 
It will be noted that in the foregoing no mention has 
been made of commutation limits. This will actually 
prove the practical limiting factor in some cases, but 



PiQ. 24—^Frame-Hung, 1000-Volt Motors, 3600 Ft. per 
Min. Peripheral Speed 


combination well towards the front as a solution of the 
direct-current heavy traction problem. 

The curve of Fig. 6 shows strikingly the handicap 
of a 42 in. track-gage, or, on the other hand, the 
advantage of a 6b-in. gage over the standard. 

With better methods of balancing, and a closer study 
of the stresses involved, advantage is being taken of 
higher peripheral speeds. The relative advantages to 
be gained by change in peripheral speed is shown in 
Fig. 7, where armature diameter is held constant and 
kw. plotted against peripheral speed. 

The curves of Mg. 13 for six-pole, axle-mounted 
motors as compared with those of Mg. 6, show the 
advantages of a larger number of poles for a given 
armature diameter and also show that it should be 
possible to place more power between the wheels with 
the larger number of poles. The point of maximum 
output, however, is not reached in this case under 40-in. 
armature diameter. 

The curves of Mg. 18 show the advantage of a larger 
number of poles in obtaining large output when faced 
by space limitations, and also show that the amount of 
power which the motor designer is able to produce is 
practically unlimited in the case of frame-moimted 
motors. 

The output for the bi-polar> gearless motor is shown 
in Mgs. 20 and 22, and is also limited. This limit 
may, however, be determined more by the dead-weight 
per axle than by maximum output limit. It will be 
noted from Mg. 22 that this type of motor finds, per¬ 
haps, its best application in high-speed service, for, if 


in general it may be met by r^Snements in design. 
However, the hashing and commutation character¬ 
istics of a d-c. motor limit the number of poles which 
may be used for a given armature diameter, and it is 
largely for this reason that the classification given at 
the opening of this paper was employed. 

The paper is not intended to include a discussion of 
types of locomotive-drive, but the application is so 
intimately allied with this much discussed problem 
that it must be touched on, at least incident^y. 

Reverting now to Mg. 5 which shows output in kw. 
for four-pole 750-, 1000- and 1500-volt motors, plotted 
against armature diameter, it will be noted that for the 
smaller diameters,, the lower voltage make the better 
showing. However, as the diameters increase the 
higher voltage approadbes and finally crosses the lower 
voltage curve. All three voltages reach a Tnayinm iT i 
output at between 82 in. and 36-in. diameter with very 
little gain after 32-in. diameter. 

It is evident, therefore, that there is a real limit to 
the amoimt of power which may be placed between the 
wheds with an axle-mounting, regardless of wheel size. 
Fortunately, this limit is sufficiently hi^ to permit of a 
fairly heavy axle loading with speeds between 15 and 
20 mi. per hr. This, coupled with the simplicity of 
drive and ruggedness of motor construction, place the 
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Fig. 25— Gbarlbss 1000-Volt Bi-Polar Motor, 25 Mi. per 
‘ Hr., 53.25 In. Track Gage 

the curve of Mg. 22 is compared with that, of Mg. 7, it 
will be found that the output of the bi-polar motor 
increases much faster with a given increase in periph¬ 
eral speed than is the case with the four-pole axle- 
mounted motor. 

The curves of Mg. 23 for the 1000-volt motor should 
be compared with similar curves of Mgs. 5 and 13 for 
the 3000-volt motor. The gain in maximum output 
is quite pronounced, approximately 20 per cent for tiie 
four-pole and 15 per cent for the six-pole motor. The 
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same advantage is also shown when comparing curves of 
Mg. 24 with those of Fig. 19 forframe-moimted motors. 

The curve of Fig. 25 for a 1000-volt, bi-polar gearless 
motor as compared with Curve B of Fig. 20 also shows 
the advantage of the lower voltage motor in so far as 
output is concerned. 

It would seem, therefore, that in so far, at least, as 
the driving motors are concerned, a very decided ad¬ 
vantage may be gained by the use of lower voltage,— 
say Mound 1000 volte. The method or methods of 
obtaining this voltage is beyond the scope of this paper, 
but we believe sufficient evidence has been presented 
to show that the direct current motor designer has 
something to offer in return for the lower applied 
voltage to the motor. 

In conclusion, it may be said that d-c.-motors may be 
builtforany type of locomotive drive. The qualifications 
of the more common types are summed up, as follows: 
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1. Axle-mounted d-c.-motors may be built which 
have sufficient power to,permit fairly heavy axle 
loadings, as shown by the curves. 

2. Quill drive d-c.-motors may be built, of which 
the power-per-axle will probably be limited by the 
method of transmitting power to the wheels rather than 
by the motors, themselves. 

3. D-c.-motora for side-rod or gear and side-rod 
drive may be built with practically any desired power. 

4. D-c.-gearless motors may be built which have 
sufficient power for comparatively light axle loadings, 
this light axle loading necessitating a larger number of 
axles for a given locomotive rating than would other¬ 
wise be used. 

6. A lower voltage motor has a definite advantage 
in possibilities of greater output for a given armature 
diameter. 
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Synopsis. —The critical corona intensities have been deter- 
mined for helium^ hydrogen, oxygen, nitrogen, air, and carbon 
dioxide for pressures ranging from 2 to 760 mm, 

E S 

2, In each case the relation = A -|- was found to 

hold approximately for pressures above 4 cm* 

S. The values found for air agree well with those found by 
Whitehead and IsshiH from their investigation of altemating-> 
current corona, 

4„ No simple relation could be found giving. the connection 


E 1 

between —7=“ over the whole range of pressure. 

P VP 


5, The influence of temperature on critical corona intensity 
was investigated for hydrogen, and found to consist merely of 
a change in 8, as was expected, 

6, It is shown that the data obtained do not permit the explan¬ 
ation of corona as a process of ionization by collision, unless we 
make further assumptions. The nature of the assumptions neces¬ 
sary is not evident. 


« « « ♦ 


♦ 


1, Introduction 

HE law of formation of corona on wires is an 
empirical relation which was first developed about 
15 years ago by Whitehead. The electric in¬ 
tensity at which corona forms on a circular wire coaxial 
with a circular cylinder is given by the relation 

E JB 

—= A +-", where S is called the density 

3.92 P 

factor: 5 = —— A and B are constants which 

depend on the kind of gas and on the polarity of the 
wire. P is the pressure of the gas in centimeters of 
mercury. T is the absolute temperature, and r is tiie 
radius of the wire, in centimeters. 

The corona law was developed experimentally for 
alternating potentials by Whitehead, P^k and others. 
Whitehead,^ was the first to determine both the exact 
influence of the. radius of the wire and the constants. 
Peek,- considering the influence of temperature, flrst 
established the density factor 8. Parwell,® and later 
Whitehead and Brown* determined the constants A 
and B for continuous potentials by changing r. White- 
head and IsshiM* found that for alternating-current 
corona there was a break in the linear relation between 

E and —==• at a definite value of (5 r); This value of 

Vor 

(8 r) was found to be the same as the value at which the 
straight lines for positive and for negative corona 
crossed. Whitehead and Isshiki also investigated the 
influKice of temperature for alternating-current corona, 
while Whitehead and Lee did the same thiug for direct- 
current corona, Whitehead* had previously shown that 
the moisture conteit of the air had no effect on the 
critical inte nsity. 

*Of Johns Hopkins University, Baltimore, Md. 

1- For references see £ibliog:raphy. 

Preamled aX the Midwinter Convention of the A. I. E. E., 
New York, N. Y., February 9-18,1986. 


E , B 

Townsend^ derived the relation - 5 - = A -f — 7 = 

P y/Pr 

from the laws of sparking between parallel plates, 
introducing the assumption that ionization by collision 
takes place out to a certain distance from the surface 
of the wire, where the electric intensity is constant. 
Even if we admit this assumption, Townsend’s anal 3 rsis 
has no way of distinguishing between positive and 
negative corona, and it does not account for the 
departures found to exist for low values of (.8 r). 

Davis and Breese^ investigated the continuous 
corona in hydrogen. They foimd that whereas in air, 
for the higher values of (5 r), negative corona occurs at 
higher values than positive corona, the reverse was 
true for hydrogen. The purpose of the present investi¬ 
gation was to determine the critical corona voltages 
for a number of different gases over a wide range of 
pressure, and to determine, if possible, what physical 
processes are involved in the formation of corona. 

2. Description op Apparatus 

The apparatus was similar to that used by Whitehead 
and Lee* and is shown in Fig. 1. In preliminary experi¬ 
ments it was found that there was a small fluctuation 
in the continuous potential at the corona tube, the 
amplitude of which varied with the frequency of the 
generator voltage. To eliminate this fluctuation, the 
capacity between the kenotron and the corona tube 
was increased to 0.1 microfarad, and an inductance of 
148 henries, was placed in the same circuit. Under 
these conditions the fluctuation was reduced to a 
negligible quantity in the range of frequenci^ used, 
(600 to 600 cycles). This is shown by the following 
table of observed corona voltages: 


Frequency Volts 

60. 133.0 

133. 136.0 

600. 136.6 
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The voltage fluctuation to be expected was calculated 
from the formula given by Hull* to be about 0.6 per 
cent, without the large inductance. Oscillo^ams 
taken with the inductance in series showed no notice¬ 
able fluctuation. 

For convenience in manipulation the kenotron, to¬ 
gether with the filament battery, condensers, choke 
coils, and the multiplier resistance for the corona-volt¬ 
meter, was separated from the remainder of the ap¬ 
paratus and placed on a well-insulated wooden plat¬ 
form, directly above the transformer and the corona 
tube. 

corona tvbe. The corona tube was the one used 
by Whitehead and Lee*. The main chamber was made 
from a piece of 6-in. steel piping, 19 in. long, carefidly 
bored out in a lathe to receive the supports for the 



concentric cylinders. The inner cylinder was of heavy 
brass, and had a number of small perforations. Its 
inside diameter was 3.76 in. = 9.62 cm. Two caps 
of bakelite in the form of crosses were machined to fit 
tightly around the ends of this cylinder, and the wire 
used in the corona measurements was stretched through 
small holes carefully centered in the caps, and was 
held taut by lock-nuts. In this way it was possible 
to remove the wire without removing the lower end 
of the tube. 

3. Calibration op Instruments and Accuracy 
OF Measurements 

The voltmeters used to measure the corona voltage 
has been calibrated and found to be accurate within 
the error of observation. These limits were =b 3 volts 
for the Siemens-Halske voltmeter and ± 10 volts for 
the Weston (used only above 7000 volts) . The limits 


within which the corona voltage could be determined 
varied from ± 6 to ± 30 volts at the two ends of the 
range. At pressure 1-6 mm. the initial deflection was 
very large, ranging from 10 cm. to complete off-scale. 
For pressures ranging from 20 cm. up to atmospheric 
pressure, and especially for positive corona, the initial 
deflection was only one mm. or less. Hence the ac¬ 
curacy of observing the critical voltage is less at the 
higher pressures; but the percentage accuracy is about 
the s^e, namely 0.6 per cent. 

Since it was necessary to use pressures both above 
and below atmospheric pressure, the manometer was 
of the open-tube t 3 T)e; a wooden meter-bar mpimted 
between the two manometer columns served as a scale. 
The barometric pressure was taken to the nearest 
hundredth of a centimeter. Since the scale of the 
barometer was accurate at 0 deg. cent., a correction had 
to be applied to the observed barometric readings to 
reduce them to scale readings at 0 deg. cent. A similar 
correction was applied to the wooden meter-bar. The 
final accuracy of the pressure readings is considered to 
be about =b 0.04 cm. 

The galvanometer used to detect the beginning of 
corona was made by Leeds and Northrup, and had a 
resistance of 10 ohms. Its current constant was 
determined with a standard shunt and milliameter. 
The mean of several detmminations gave one cm. scale 
d^ection = 2.8 X 10-* amperes, A deflection of two 
millimeters or more was considered an indication of 
corona. 

4. Materials 

o. Wires, Several different wires were made up 
from steel wire of diameter 0.0663 cm. The specimens 
chosen were free from kinks and surface irregularities, 
and were tested for variations in diameter with a 
micrometer caliper. They were then cut to the re¬ 
quired length, 26 cm., and were mounted in the tube 
between brass rods of about two millimeters diameter. 
The surface was polished with fine emery clolli and soft 
lather. It was foimd that the surface conditions of 
the wire were affected by the corona, and so a steel 
wire with a chemically deposited surface of copper was 
tried and found unsatisfactory. The wire used in 
most of the experiments was a steel wire on which a 
thin layer of gold had been deposited electrolytically. 
This wire was polished with jewelers’ rouge, and with 
soft leather. The surface so obtained was affected 
very little by chemical afetion in the corona. The data 
finally selected were taken partly with the gold wrire, 
partly with the steel wire, and were always taken with 
a freshly polished wire. 

6 . Gases. In every case the only purification of 
the gaseous material which wras attempted was the 
removal of water vapor. This was effected by passing 
the gases through a series of tubes containing calm iim 
chloride and phosphorous pentoxide. In the earlier 
experiments sulphuric acid was used as a (hying agent, 
but was found unsatisfactory. 
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Hydrogen and oxygen were made electrolytically in 
the generator shown in Pig. 2. Various electrodes, 
current strengths and electrolytes were used, but no 
corresponding variations in the corona characteristics 
were detected. Hence the influence of any impurities 
depending as to their amount on the conditions of 
generation was considered negligible. 

Hydrogen, oxygen, nitrogen, C O 2 and helium, were 
obtained commercially. The hydrogen was made 
electrolytically, the oxygen and nitrogen by fraction¬ 
ation of liquid air. 

The air used was laboratory air passed through the 
drsnng train, which also contained provisions for 
removing the coarser motes and dust particles. 

The amounts of the impurities in the various gases 
were stated by the manufacturers to be as follows: 
hydrogen, nitrogen, oxygen, less than one per cent: 
C Oi, less than one-half per cent: helium, about five 
per cent nitrogen (estimated). 

Pressure changes were always extended over a period 
of time ranging from two to five minutes, depending 
on the amount of gas to be admitted. The time inter¬ 
val between cutting off the gas supply and reading the 
critical voltage was also several minutes. Since the 



volume of gas admitted was small and the heat capac¬ 
ity of the corona tube very large, no initial temperature 
fiuctuation of as much as degree cent, was ever 
observed; and with the time allowance given, tempera¬ 
ture variations from point to point in the gas were 
CK'tainly very much less than 0.6 deg. cent. In fa Ving 
observations of the mtical intensity, the heating effects 
due to corona were carefully avoided. The error 
introduced by temperature variations was always less 
than the other expmmental errors. 

6. Eesults 

. 0 . Appearance of the Corona. With the wires used, 
all of which had a diameter of approximately 0.0665 
cm., the appearance of light was simultaneous with 
the first galvanometer defiection due to ionization. 
This was true for all conditions of pressure and tem- 
p^tore within the range, of these experiments, and 
for all the gases examined. 

With the wire positively charged, the corona glow 
was uniform around and along the wire, and was con¬ 
ned to a re^on very dose to its surface. The extent 
of regidn did not vary with pressure or current 
density, except that above a certain voltage there was 


a small brilliant intermittent discharge across from 
some point near the middle of the wire, to the tube. 
The rtet of the wire retained its uniform glow. 

With the fire negatively charged, and a pressure of 
2-5 mm., the first corona deflection was sometimes 
jerky, and the corresponding flow was a faint flicker 
which was not restricted to any point or points, but 
was uniform along the wire. A slight increase in 
voltage brought out the steady continuous glow of 
negative corona. This was much more diffuse than 
the positive glow. A further increase of 50 to 100 
volts brought out the first faint beads. These were 
localized discharges on the wire, and were always fairly 
evenly spaced, especially at higher currents. They 
increased in number with pressure and current density, 
and also varied from one gas to another. At approxi¬ 
mately equal pressures and current densities the beads 
were most numerous in the gas for which the corona 
voltage was lowest. It was frequently observed that 
when the current density was increased, each new bead 
appeared approximately midway between two old 
ones. If the corona was run for a few minutes with the 
beads in any one position, marks were found on the 
surface of the wire, which looked as if they might be 
the result of local heating. The negative beads have 
been investigated in great detail by Farwell,® Davis 
and Breese,® and Crooker.“ Their results have been 
found to be confirmed, in general, for all the gases 
investigated. 

The color of the corona discharge was the same for 
the continuous negative and positive glow; whereas 
the be^s were much more brilliant, and sometimes 
different in color. The glow was generally a pale red 
or purple, the color depending on the gas used, but not 
on the pressure or current density; In helium the dis¬ 
charge was yellowish; and examination with a small 
grating showed the presence of a yellow line, probably 
6876. In hydrogen the glow was generally reddish, 
while in air and nitrogen the nitrogen bands pre¬ 
dominated. 

In all cases the critical voltage as well as the appear¬ 
ance of the corona glow was found to be independent 
of the matmial of the wire. 

b. Variation, of corom mrreni with E and P. The 
initial corona current was always much greater and 
much more sharply defined for low pressures than for 
high pressures, and was greater for negative than for 
positive corona. At low pressure, (1-3 mm.), the first 
corona deflection was always accompanied by a sharp 
drop in the voltage across the tube, due to the high 
rate of discharge of the condensers. 

Pig. 3 shows the variation of current with inivftajdTig 
and decreasing voltage, for various pressures and gases. 
The curves have the same general character in all 
gases, the negative curve being much steeper than the 
positive curve. The positive curve for 
voltage follows closely that for increasing voltage; in 
negative corona this is not the case. The negative 
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increasing curve has a double break, while the decreas¬ 
ing curve has only one, which is very well defined. The 
double break in the increasing curve may be due to a 
change in the si^ of the space charge near the wire. 

The actual values of the total corona current can 
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only be estimated; they are of the order of 10-» ampere 
per cm. scalo deflection. The heating effect of the 
corona current was always negligible, because the 
current was never left on for a long time, No changes 
in pressure were to be expected from this cause. The 


volume of the corona, tube was much too large to give 
any evidence of the other types of pressure change 
found by Kunz and his co-workers'^. 

c. Variation of critical intensity with temperature. 
Some preliminary experiments were made with hydro¬ 
gen at a temperature of 42 deg. cent. When the values 
of the critical voltage obtained in these experiments 
were reduced to room temperature (22.5 deg. cent), by 

• 315 

applying the density factorthey agreed well 

with the values found in experiments at 22.5 deg. cent.. 
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except for a few points in negative corona at very low 
pressures. Since the same result was found by Lee 
for air, no further experiments with higher tempera¬ 
tures were made. 

d. Variation of eriUcdUntensi^wi^ pressure. Figs. 
4 and 5 show the variation of critical intensity with 
the pressure graphically. It will be seen at once that 
the general shape of each type of curve is the same for 
all gases and for both polarities. 

The curves showing the relation of E to P, (Figs. 4 
and 5), are not especially interesting theoretically, but 
they bring out several important facts. For all but 
the lowest pressures, P < 1 cm., the values of the 
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critical intensities are in the same order as the values 
of the mean free path of a gas molecule in the different 
gases. For all gases, when P < 1 cm., positive corona 
occurs at higher voltages than negative corona. At 
the highCT pressures this is still true for hydrogen, 
nitrogen, and carbon dioxide; but in helium, air, and 
oxygen a crossing takes place at intermediate pressures. 


PRESSURE IN CMS. 



so that the negative critical intensities become higher 
than the positive values. For P > 10 cms. the positive 
and negative curves for each gas are approximately 
parallel. 

Fig. 6 shows, on a large scale, the E-P curves at low 
pressures in oxygen, nitrogen, and air. At the lowest 
pressures the air curves coincide with the nitrogen 


PRESSURE IN CMS. 
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vT • 


The law of corona formation which 


was established empirically by the work of Whitehead* 
and Peek* on air, states that this relation is a linear one: 

_ B ^ 3.92 P cm 

E = A + —=-, where 5 = m 
y/ br 

This question has been confirmed experimentally by 
Farwell*, Whitehead and Brown,* and others for varia¬ 
tions in r. A number of investigators has confirmed 
the law for variations in P, while Lee has recently 
confirmed it for variations in T. All this work was 
done on air. Davis and Breese* conclude that the law 
is approximately true for hydrogen, departures occur¬ 
ring for low values of P and r. 



f Figs. 6 and 7 show how the values obtained in the 
present investigation compare with those obtained by 
Whitehead and Lee,® Whitehead and Brown,^ White- 
head and Isshiki,® and Farwell.* The agreement with 
the values obtained by Whitehead and T-gabild is 
especially good, in view of the fact that 30 cm. was 
both the lower limit of their range of pressure and the 
upper limit of the range of this investigation. 


curves. The positive curve for air remains inter¬ 
mediate between + and O2 +, which might be expected; 
whereas the negative air curve becomes higher than 
the negative curve for either oxygen or nitrogen; 
which is difficult to underst^d. ’ 

Th§ curves which are most interesting historically 
and theoretically are those which express the relation 


Ej 1 

Figs. 8-13 show the relation between and . 

plotted on logarithmic coordinate paper. In this way 

any power function = a ^ ~ y/~P ) ^ 

straight line whose slope is n. An inspection of the 
curves shows that they all have two regions of small 
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curvature, one at the lower pressures, where the slope B are constants. The agreement is not close enough. 
IS very near ten 60 deg., or V 3, and one at the higher however, to warrant a calculation of the values of A 
p^ures, where the slope is n^ tan 45 deg., or 1. and B for the different gases. 

(However, for still higher and still lower pressures, the n 

slope passes beyond these values in some cases.) The relation = / 

This means that there is a considerable range of pres- ^ 




is of theoretical in¬ 




sures where the relation between and 


VP 


= IS very 


nearly linear; this happens to be the range covered by 
previous investigations. 

All attempts to find a simple formula expressing 



terest because of the physical significance of This 

quantity is proportional to the energy which an ion 
would acquire in traversing its mean free path at 
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the relation of p to ~p~ over the whole range of 

pressures have been unsuccessful. The most satis- 

A. E B 

factory formula seems to be € = -p, where A and 


pressure P in a field of intensity E. If it is assumed 
that corona is a process of ionization by collision, 
E 

p represents the energy required to ionize a gas 
molecule. This energy has been shown to be constant 
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at very low pressures; whereas within the range of this 

investigation p is a function of the pressure. There 

are several possible explanations: 1. The corona pro¬ 
cess may not be one of ionization by collision. 2. 
The i onizing potential of a gas molecule may va^ with 
the pressure. 3. The mean free path of the ionizing 
agent may not be a function of P only. 4. The E of 
the theoretical formula may not be equal to the actual 
electric intensity at the surface of the wire. 5. The 
ion in question may not acquire its maxunum energy 
in the region of maximum intensity. These possible 
explanations will be considered in order: 

1. The fact that the appearance of a glow in the 
gas is simultaneous with the first corona current, is 
strong evidence that corona is an ionization process. 



2 . At very low pressures the ionization energy of a 
gas molecule is known to be independent of the pres¬ 
sure. The present conceptions of atomic structure 
demand that this be true at all pressures. 

8 . For the case when the ionizing agent is an elec¬ 
tron, the mean free path is almost certainly dependent 
on E as well as on P, so that this factor must be taken 
into consideration. 

4. When there is an appreciable excess of ions of 
one agn over those of the opposite sign, tiie potential 
gradient at any point in space will differ from the 
theoretical value because of space charge effects. Be¬ 
fore corona begins, the space charge is merely the 
residual ionization, and the effect is probably insignifi¬ 
cant, so that it will not serve to explain the variation 


of-p- with P. After the corona current is estab¬ 
lished, however, such an effect ■will certainly be present, 
and its amoimt will depend on the polarity of the wire. 
When this is negative, the predominating space charge 
may be negative at firat; but eventually, on account of 
the great difference in the velocities of electrons and 
positive ions, there will be an accumulation of positive 
ions; which means that after a period of comparatively 
slow rise, the potential gradient at the wire will sud¬ 
denly begin to increase very rapidly, with a corre¬ 
sponding increase in current, until the discharge becomes 
arc-like. With the positive wire the effect will be 
much smaller, and may amount to a decrease in 
potential gradient at the surface. This explains, at 
least qualitatively, the shape of the current cui’ves. 

6 . K. T. Compton^® has shown that electrons 
moving from a negative wire out to a positive cylinder 

E 

acquire their maximiun energy at a point r = x 

in the space between the electrodes, x depends upon 
E, P and the dimensions of the wire and the cylinder. 
a = kf^ p, where A is a constant characteristic of the 
gas, / represents the average fraction of the average 
energy lost in any collision. P* is the theoretical 
electric intensity at the surface of the cylinder r = x. 
The'case when the wire is positive was not considered 
by Compton; But a simple calculation shows that the 
electrons attain their maximum energy at the surface 
of the wire. The maximuip energy is still given by 

E 

-where x = r„, the radius of the wire; so that the 

0 / 

electrons acquire greater energy when the wire is 
positive; conversely positive ions attain their greatest 
maximum energy (at the surface of the wire) when the 
latter is negative. No matter which we assume to be 
the ionizing agent, it is necessary to assume a variation 
of / with electric intensity; in order to give the right 
effect, / must increase with decreasing E. This is to 
be expected from the definition of /. This probably 
involves a departure from theory in the values of the 
mean free path. Thus the effects considered in 
Sections 8 and 5 may be used qualitatively to explain 

E 

the relation of to P. 

E 1 

The curves of —^ against —;=.for + and — corona 

vP 

approach each other very closely at the higher pres¬ 
sures, but diverge more and more when the pressure 
decreases. This is explained by the equations and 
curves of Comption (l.c. p. 342). The point * at 
which the ion when going out from the wire attains its 
maximum energy, approaches the surface of the wire 
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as the pressure increases; therefore —- approaches 

Cb 


K 

a 


L e., the maximum energies of positive and nega¬ 
tive corona become more nearly equal as the pressure 
increases. This is true no matter which type of ion we 
assume to be the effective ionizing agent. 

The mechanism of the corona has been assumed to 
be a proems of ionization by collision. Prom the 
general similarity of the positive and negative curves 
it may be ^sumed that the mechanism, is the same, 
or at least very similar, for both polarities. Positive 
glow appears exclusively at the surface of the wire, 
while negative glow extends considerable distances out 
into the body of the gas. This points to ionization by 
electrons. Unfortunately, this assumption leads us to 
the conclusion (from section 5) that positive corona 
should appear at lower surface intensities; which in the 
majority of cases is not true. The maximum energies 
calculated from Compton's formulas are about 100 
times the ionization potentials of the negative gases. 
Similar difficulties arise if we assume that positive ions 
the ionizing agent. It is hard to see how this can 
be possible, because the energy of the electrons present 
must be peater than that of the positive ions. Neither 
assumption ^ be made to explain the crossing of the 
two curves in air, oxygen, and helium, without some 
auxiliary assumptions; and of what nature these as¬ 
sumptions would have to be in order to explain the 
observed effects, is an open question. 

In this discussion, nothing has been said about the 
possible role of the photoelectric effect in the corona> 
b^use visible glow was always found to be simul¬ 
taneous with the beginning of ionization. Whiteheadi 
has shown that there is ultra-violet light present in the 
corona glow at all stages. It might be supposed that 
before ionization, ultra-violet light is emitted by excited 
atoms. This might cause photoelectric ennissin Ti of 
electrons from the metal surfaces, thus causing the 
corona deflections. 

There are two possible ways of determining whether 
photoelecfaic action is the cause of corona; (a) to study 
photographically the intensity variation of the ultra¬ 
violet light emitted in various stages of the corona. 
(This is riot a conclusive test, because the time inter¬ 
val between the emission of the first traces of light and 
the begirming of "corona” might be very small.) (b) 
To bring the critical intensity up to a point just below 
the critical value, and illuminate the tube with a strong 
source of ultra-violet light. 

The test (b) was tried in air at atmospheric pressure 
for both polarities. The source of ultra-violet light, 
an iron arc, was held a few inches from the open end of 
the tube. The voltage was raised successively to 
within 200,50 and 20 volts of the critical voltage, (about 
12,000 volts). In each case no effect was produced by 


starting the are. As there should have been abundant 
photoelectric emission at the brass cylinder, this sug¬ 
gests that the emission of ultra-violet light is a conse¬ 
quence and not a cause of corona. Whitehead' using 
x-rays as the ionizing agent also found that artificial 
ionization produced no change in the critical intensity. 

Nevertheless, a spectroscopic investigation of the 
different stages of the corona glow might prove valuable. 
This might be conducted in two different ways: (a) 
by detaining whether the different spectral lines 
appear in any definite order as the voltage is raised up 
to and beyond the critical value; and (b) by invest!-' 
gating the Stark effect at different points in space in the 
corona tube. The effect of a longitudinal magnetic 
field upon the critical intensity is also undCT investi¬ 
gation. The effect to be expected is a change in the 
sp^ds of the ions due to the spiraling around the wire, 
as in the case of the "magnetron” described by Hull.'^ 
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Discussion 

J. B. Whiteheadt In the first studies of corona that were 
made in our laboratory, one of the questions that came up was 
whether or not the separate constituents of air played any part in 
the determination of the laws by which the corona was formed. 
And the original question which Dr. Lee started out to investi¬ 
gate was whether the oxygen of the air or the nitrogen of the air 
would show any remarkably different properties as regards 
breakdown. 

For the engineer there are, then, two matters in this paper 
which I think are of immediate interest. The first is the answer 
to the question that I have already indicated, namely: that the 
properties of oxygen and nitrogen are not markedly different as 
regards the formation of corona. If they had been different, it 
wnuld have been very easy to imagine conditions under which 
advantage might have been taken of any such Hiffnrpnce a 
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The other matter has to do with the values of voltage at which 
corona forms around wires in the range in which we use high- 
voltage conductors; that is to say, pressures that are not greatly 
different from atmospheric pressure. 

A matter of interest to me directly is the fact that Dr. Lee and 
Mr. Kurrelmeyer have linked up the behavior of the several 
gases investigated at low pressures with that at high pressures. 
Those vrho remember my corona-voltmeter paper will recall that 
there the pressure was carried down to about 30 cm. only. We 
stopped at 30 cm. I think largely because it became increasingly 
difficult to make the corona tube tight at lower pressures. Dr. 
Lee has picked up the air curve below 30 cm. and carried it on 
well down below 1 cm. He has found that his curves link up with 
those brought out by Mr. Isshiki and myself, but he shows also 
that the empirical law which we show for the corona-voltmeter 
does not hold in his low pressures, that is, in the range of very low 
pressures. 

Turning to the physical discussions in the paper, Dr. Lee 
has indicated the main results of their investigation. I regard it 
as a very distinct contribution to the field of physical investiga¬ 
tion in the matter of the ionization of gases. The authors have 
shown very clearly indeed the difficulties of coordinating their 
results with the only important theory we have, namely: the 
theory of ionization by collision. And I feel quite sure that this 
paper will suggest to a number of physicists who are interested 
in the phenomena of the ionization of gases, the importance of 
carrying further the study of these interesting questions. 

F. W. Peek, Jr.: In establishing the visual corona relation for 
variation of radius of wire, temperature and pressure, my ex¬ 
periments were carried down to fairly low pressures. The rela¬ 
tion holds very well down to 6 cm. This means, of course, that 
the transmission-line range is more than covered by the 
equation. 


For a given conductor the visual corona gradient decreases 
with decreasing pressure until a minimum gradient is reached. 
The gradient then increases with decreasing pressure. At the 
very low pressures the molecular separation may be fairly large 
compared to the diameter of the outer tube. A different phe¬ 
nomena thus occurs and the above relation could not be expected 
to hold. 

The interesting part of the paper is that a number of different 
gases have been investigated. So far the data are limited in 
that the authors have only used one size of conductor. I hope 
that the investigation will be carried over a greater pressure range 
and that different sizes of conductors will be investigated. 

Note. See also discussion of this subject by Joseph Slepian, 
page 202. 

F.’W. Lee: I can say only this in regard to Dr. Slepiaii’s 
discussion: that so far as using the value B over P as an indica¬ 
tion of the energy given in the mean free path of a gas electron is 
concerned, that was given only with the idea that the values so 
used came within the range of magnitude that had been worked 
out at pressures very, very low, such as are used in vacuum tubes. 
In other words, the phenomenon that we are observing is that 
the observed results’checked in the order of magnitude, although 
not within the absolute value. The agitation velocity under a 
charged field, where the transfer of energy goes, you might say, 
from the very great velocity of the electron and imparts the 
velocity to the molecules, will give other mean free paths and 
other distributions of velocity from those given with gas under 
normal conditions, which I used as the indication of the results in 
the beginning of the paper. 

With regard to Mr. Peek’s remarks, I will say that the work is 
being extended as fast as we can extend it, with the limiting 
conditions under which we are working and with the material 
available. 



Dielectric Properties of Fibrous Insulation 

As Affected by Repeated Voltage Application 

BY F. M. CIARK^ 


Associate, 

Synopsis.—It is believed by many that the most plausible 
explanation of fibrous insulation failure is the pyro-electrie theory. 
Under this theory as elaborated by Steinmets, Wagner and 
others, insulation under stress is heated by the transformation of 
electric energy to thermal energy. Insulations are considered as of 
the nature of poor conductors and subject to the same characteristics. 
The transformation of electric to thermal emergy is therefore de¬ 
pendent upon the inherent electrical and thermal conducting prop¬ 
erties of the material. This transformation proceeds at a rate 
proportioned to the stress applied, until such a voltage value is 
reached where the heat is generated in the insulation at a rate faster 
than it is dissipated to the surrounding medium. Further increase 
in voltage leads to a rapidly mounting temperature with ultimate 
insulation failure. A strict interpretation of this theory would indi¬ 
cate that insulation failure is a matter of the insulation resistance — 
temperature relation. Therefore, as the heat stored in a dielectric 
during stress is allowed to dissipate, care being taken to prevent 
injury from the testing electrodes, etc., the orignial properties of the 
material should be restored. This has been found to be true only 
to a limited extent. 

The present paper deals largely with the effect of relatively 
high-voUage applications on sheet insulation tested between parallel 
plate electrodes. It is shown that the question of the mechanism 
of insulation failure can be separated into two parts. First, failure 
caused by short-time voltage applications as determined by rapidly 
applied tests, and secondly, failure of insulation under longer 
periods of stress as determined by the minute or endurance test 
methods. 

Peek has found that voltages greatly in excess of the **rapidly 
aj^ied" eO-cyde puncture voltage may be applied to the insulation 
without rupture, if the time of application be sufficiently short. 
AU such over voltages injure the insulation, ^‘probably by a mechan¬ 
ical tearing and the effect is cumulative.” In these experiments of 
short duration, the problem of heat storage in the insulation is 
eliminated. 


A. I. B. E. 

Raynor has found that the rapidly applied strength of insulation 
is greatly low^ed by the previous application of a high voltage. 
This decrease in strength, however, is lost, given sufficient rest period 
between the initial and final voltage application. These results are 
substantiated in the work of the present paper. The length of rest 
period is shown to be proportional to the initial test voltage 
applied. 

For tests of long duration, the work of this paper has been divided 
itUo two parts,—those voltages prodycing failure with an arbitarry 
time lim.it (15 minutes) and those voltages which are able to be applied 
for an indefinite time without a puncture. According to the pyro¬ 
electric theory, the first class deals with those voUages of such value 
as to produce a slowly mounting temperature rise in the insulation 
whwh tdtimately reaches a value leading to rapidly decreasing insu¬ 
lation resistance and total loss of dielectric strength. The second 
class includes those voltages of such value that the rate of trans¬ 
formation of electric to thermal energy is equaled by the rate of dissi¬ 
pation of the heat so formed; thus preventing heat storage in the 
insulation. According to the thermal iheory of breakdoum, neither 

of these voltages should produce permanent injury to the dieleelric, _ 

the first, if removed bqfore the stage indicating rapid loss of insulation 
resistance is reached, and the second, even if applied indefinitely. 
The present paper shows that the application of vdUages of either of 
the above types leads to deterioration in dielectric strength of fibrous 
insulation, even aside from such effects that might be traced to corona 
or mechani^ injury to the material. The effect for voUages of the 
first class is cumulattve and expressed by the formula R H T ^ K 
where R “ number of repeiUions of voltages, T the time of each 
voltage application, and K the time needed to puncture for the same 
voUetge^ continuously applied. The application of this formula to 
various instdalions, its limitations, etc., are discussed. 

The work detailed herein concerns the application of a-e. volt¬ 
ages at room temperature. The investigation is being extended to 
cover both low and high a-e. and d-c. voltages at and above room 
temperatures. 


Object 

T has generally been assumed that when a fibrous 
insulation is subjected to a potential stress, nnlcwa 
the critical point is reached and exceeded (that is, 
the point where the resistance suddenly decreases 
thus allo^g the current to run away), the structure 
of the insulation although temporarily weakened 
dielectrically, is not permanently damaged and will 
recover if given a sufficient rest period. Some tests 
made in a preliminary way indicated that the above 
assumption was not correct. An extended study of 
the effwt of repeated application of voltage on the 
dielectiic strength of fibrous insulations has proven 
the validity of these preliminary experiments. 

Up to the present time the tests have been confined 
to 60-cycle voltages and with the materials at room 
temperatures. Further work is being carried on in 
this field o f research covering the effect of intermit- 
1. Physicist, General Electric Company, Pittsfield, ivfoffR 
Presented at the Midwinter Convention of the A. I. E. E., New 
York, N. Y., February 9-1$, 1996 and at the Regional Meeting of 
Diet. No. 1, SwampscoU, Maas., May 7-9, 1985. 


tently applied stress under various conditions namg 
d-c. as well as a-c. voltages. 

Conclusions and Results 

The work done under the above stated conditions 
shows that the breakdown point is generally decreased 
by a previously applied voltage, this effect being 
greater as the actual point of failure is approached 
during the previous test, llie exception to the case 
occurs with rapidly applied tests after a rest period 
following a previous voltage application. In this 
instance the material breaks down at approximately 
the same value with or without the previous applica¬ 
tion of stress. 

However, the intermittent application of a voltage 
of su^ a value as will cause breakdown within 
16 minutes, if continuously applied, results in a 
progressive weakening in the strength of unvarnished 
oil treated fibrous material, the effect being roughly 
additive. 

With the application of a very low voltage producing 


193 



194 


CLARK: DIELECTRIC PROPERTIES OF FIBROUS INSULATION Transactions A. I. E. E. 


no puncture for indefinite time, a deterioration in the 
strength of oil treated paper has been observed. This 
in part, however, is able to be traced to a change 
accompan3nng oil immersion over long periods. 

For varnished insulation, the repeated application 
of voltage leads to increased long time Strength, 
probably due to a further drying out process taking 
place under the influence of the applied stress. 

With mica or with fibrous materials heated in oil 
between voltage applications, the effect of intermit¬ 
tently applied stress is diminished and an increase in 
dielectric life is observed. 

For low-voltage application, no pmnanent change 
in percentage power factor determination for oil 
treated fibrous materials has been noted. Witii high 
voltages, the per cent power factor values are 
extremely erratic, but in general show an increase up 
to the point of failure. 

Discussion 


It has been shown in an unpublished paper^ that the 
strength-thickness relation characteristic of fibrous 
insulation is greatly affected by voltage application 
even at low stresses. Thus. for example, the re¬ 
lation stressed in the formula KV = A T"*” as 
determined for oil impregnated 0.0006-in. linen paper 
from 0.002-in. to 0.008-in. in thickness is changed to 
KV = A T®-'* for a ten-day application of 3800 volts. 
At the end of 51 da3rs the relation has become K V 
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Fig. 1—^Effects of Pbeviottsly Applied Voltages on the 
Rapidly Applied Puncture Value of Three Layers Black 
Varnished Bond Paper (0.006 In.) 

Test Medium—^Trsnsil Oil &t Room Temperature 

Electrodes—lK*in. Brass with Edges Rounded to 3/64*in. Radius 

Test Toltage-BO-cycle 


= A which is practically unchanged at the end 
of 77 days of voltage application. 

Continued study has been made of the effect of 
voltage upon the breakdown values of a variety of 
fibrous insulating materials. Experimental data has 
shown ihat the important factors involved are 
the voltege itself, the rest period allowed between 
applications of stress, the duration of voltage appli¬ 
cation, and the treatment of the insulation during the 
rest interva l between stress periods. 

1. Dideotrio Btarength-thiokness rdatioii in fibrous 
by P. M* and V. M. Montsinger. 


The Voltage Factor with Reference to the 
Rapidly Applied Test Values 

It has been found that the rapidly applied breakdown 
value for black varnished bond paper tested imder oil 
at room temperature is affected by the previous 
application of electric stress, the effect being greater 
the nearer the applied voltage is brought to the actual 
breakdown strength of the insulation. This is illus¬ 
trated in the following data, all values of which are the 
average of at least ten tests, the individual tests for 
the different points being run alternately on the same 
samples of insulation. 



Fig. 2 — ’Etsmci ot a Pbbviouslt Applidd Voltage on the 
Rapidlt Applied Puncture Value op Three Layers of 
Black Varnished Bond Paper (0.005 In.) as a Function of 
THE Rest Period Involved 
T est Voltage—60-cycle 

Test Medium—Trausil Oil at Boom Temperature 

Blectrodes—1^-ln. Brass with Edges Bounded to 3/64-ln. Badlus 


Insulation—3 layers black varnished bond paper 
(0.005 in.) 

Testing voltage—60 cycles. 

Testing medium—transil oil at room temperature. 

Electrodes—in. brass, with edges rounded to 
3/64 in. radius. 

VoltagG Applied Breakdown 

Rapidly applied (original)..32.2 kv. 

Minute test (initial voltage 12 kv. with 1 kv. step-up 

each 30 seconds).(Original).20.1 kv. 

Rapidly applied preceded by voltage application ac¬ 
cording to the above minute test procedure up to and 

including 19 kv...28 kv. 

Rapidly applied preceded as above by the minute test 

voltage application up to and including 18 kv.29 kv. 

Rapidly applied preceded as above by the minute test 

voltage application up to and including 17 kv.30.8 kv. 

Rapidly applied preceded as. above by the minute test 

voltage application up to and including 16 ky..31.0 kv. 

Rapidly applied preceded by voltage application by the 

mmute test procedure up to and including 15 kv.30.7 ky. 

Ra,pidly applied preceded by voltage application by the 

minute test procedure up to and including 14 kv.30.8 kv. 

Rapidly applied preceded by voltage application by the 
minute test procedure up to and including 13 kv.32.6 kv. 

These results are illustrated in Kg. 1. Similar 
effects have been noted using 3-mil. oil-impregnated 
kraft paper. 
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The Effect of Rest Period Between Voltage 
Applications 

The extent of the deterioration in the rapidly ap- 
phed test strength of fibrous insulation is dependent 
upon the rest period allowed between applications of 
stress. 

Insulation—3 layers black varnished bond paper 
(0.005 in.) 

Test medium—transil oil at room temperature. 

Electrodes—in. brass electrodes, edges rounded 
to a radius of 3/32 in. 

Averages based on ten tests. The individual tests 
for each point were run alternately upon the same 
samples of insulation. 


CASE I (PIG. 2) 

Original rapidly applied strength.. 31.2 kv. 

Minute test strength (Initial voltage 12 kv! followed 

by 1 kv. increments each 30 seconds) .. (original). .20 kv. 
Pr e li minar y treatment—^voltage applied according to the 
above mmute test procedure up to and innliidiTig 19 kv. 

Rest Period Final Rapidly Applied Strength 


. 28.8 kv. 

Ji-mm. rest. 29.3 “ 

) 4 -imn. rest. 29.6 “ 

1 - min. rest. 39 3 « 

lH"inin. rest. 30.6 “ 

2 - min. rest... 31 9 u 

3- Jnin. rest. 3 l[g « 

Similax results have been obtained using 0.003 in. oil impreg¬ 
nated kraft paper. 


been investigated with the use of oil impregnated 0.003 
in. kraft paper and 0.005 ini black varnished bond 
paper. The results are shown in Pigs. 4 and 5. In 
■^ese figures the points shown are the average values 
of at least ten tests. The individual tests upon which 
the averages of the curves are based have been ob¬ 
tained alternately. 

T^e followinjgr facts in Pig. 4 are to be noted: 

First, the rapidly applied test value of oil treated 
kraft paper is greatly affected by the previous voltage 
application, which effect is partly eliminated with the 
fie intervention of a rest period between the pre¬ 
liminary voltage application and the final test valuej 

Secondly, the application of stress leads to a perma¬ 
nent injury as determined by the long time test value. 
That is, the curves with and without a rest period 
following the initial stress application become identical 
when the time to puncture factor equals one minute 
or more. 
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CASE II (FIG. 3) 

Onginal rapidly applied strength.30.7 kv. 

Minute test strength (initial voltage 12 kv. followed by 

one kv. stepup each 30 seconds)_(original).20 kv. 

Preliminary treatment—^voltage applied according to the 
above minute test procedure up to and including 17 kv. 

Rest Period Pinal Rapidly Applied Strength 


No rest. 

M-nain.'* 

J^min.. 

1 - min. 

IJi-min. 

2 - >min. 

3- min.. 

Similar results have been obtained 
pregnated kraft paper. 


29.5 kv. 

29.8 “ 

• 30.2 « 

30.5 " 

30.6 " 

30.5 " 

30.8 « 

using 0.003 in. oil im- 


Effect of Previously Applied Electric Stress 
Upon the Time-Voltage Relation 

The effect of stress application upon the time-volt¬ 
age relation in fibrous insulation is of interest since it 
not only involves tests of short duration but also long 
time teste. In this work the time factor involved has 
been limited to 15-minute intervals. 

In investigatog this phase of voltage effect, the 
stress applications fall into two classes,—first those 
volteges which will puncture the insulation within an 
arbitrary time (15 min.) and secondly, those voltages 
which will give no puncture independent of the time 
for which applied. 

Case I : Those voltages producing a pimcture with¬ 
in 15 minutes. The effect of voltages of this type has 


PiQ. 3 —Effect op a Pbbviovslt Applied Voltage on the 
Rapidly Applied Puncture Value of Three Layers op Black 
Varnished Bond Paper (0.005 In.) as a Function of the 
Rest Puriod Involved 

Test Voltage—60-cycle 

Test Medium—Transil Oil at Room Temperature 

Electrodes—IK-in. Brass with Edges Bounded to 3/64-in. Radius 

In Fig. 5 for the varnished paper, although similar 
effects are noted for short time tests, as observed in 
Pig. 4 for kraft paper, nevertheless considerable dif¬ 
ference is observed in voltage strength for tests oc¬ 
cupying more than one minute, where an apparent 
increase in dielectric strength is obtained following the 
intervention of a rest period between the initial and 
final voltage applications. In view of the fact that 
it is impossible to thoroughly dry varnished materials 
without injury before test, the increase in strength 
always noted with low voltage applications has been 
attributed to a further drying out process. 

Case II: Those voltages which do not puncture at 
indefinite ti^e. The effects of very low stress appli¬ 
cation involving as it does a period of weeks and months 
has necessitated the use of a slightly different test 
method. In this procedure aluminum foil electrodes 
(1}4 in. by in.) were prepared between which was 
clamped the insulation under test. The dielectric used 
was linen paper, 0.0005 in. per layer and made up to a 
thickness of 0.004 in. The individual units so pre¬ 
pared were carefully dried under vacuum at 115 deg. 
cent, and impregnated. Part were then tested for the 
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time voltage relation. The, remainder were then sub¬ 
mitted to 3300 volts in oil at room temperature. No 
attempt was made to protect the oil in which the units 



Fig. 4—^Effect of a Pbbvioitslt Api^libd Voltage on the 
Time-Voltage Relation 


Insulation—9 Layers Oil Treated Kraft Paper (0.003 in.) 

Test Voltage—60-cycle 

Test Medium—Tr ansil Oil at Boom Temperature 
Electrodes—IM-in. Brass with 3/64-in. Edge Badlus 
**Standard Curve"—Original Curve for Insulation 
"No Best"—B^ation obtained after Application of 22 lev. for 2}4 
mJh. without an Intervening Best Period 
"With Best"—^Belation obtained after Application of 22 kv. for 2K 
min. followed by a Best Period of 5 min. 

were placed from the effects of the room conditions, 
aside from the fact that the tests were made in a large 
^Voltage box,"^ covered but not air-tight. The results 
are shown in Fig. 6. Here again it will be noted that 



Fig. 5—-Effect of a Pbeviotjslt Applied Voltage on the 
Time-V oltage Relation 

Insulation—Two Layers Blank Varnished Paper (0.012 in.) 

Test Voltag^60-cyde 

Test Medium—Transil Oil at Boom Temperature' ^ 

Electrodee—lK“iu. Brass Edges Bounded at 3/64-ln. Badlus 
"Standard Curve"—Original Curve for 

"No Best"—^Belation obtained after Application of 20 kv, for 160 sec. 
'Without an Intervening Best Period 

"With Best Period"—^B^tion obtained after Application of 20 kv. 
lor 160 sec. followed by a Best Period of 6 min. 


permanent deterioration has occurred in the insulation 

•excq)t in the case of rapidly applied test values, 

He ^ect of long time voltage application at low 
stress has bemi investigated by ineans of the ^ect 


noted upon the one minute test values of 0.0006 in. 
linen paper in thicknesses from 0.002 in. to 0,008 in. 
In this connection, imits similar to those described 
above were carefully dried under vacuum and oil 
impregnated. Part were tested by minute test pro¬ 
cedure and the remainder placed under 3300 volts 
in oil at room temperature for varying periods, after 
which the minute test values were again determined. 
The results are shown in Fig. 7. It should be remem¬ 
bered that in this case the units tested being of varsdng 
thicknesses, the actual electric stress (volts per mil) 
was not constant. It is to be noted, however, that 
the minute test value for the 4-mil thickness is affected 
in almost equal amount in Fig. 6 and Fig. 7, in both 
of which cases the voltage has been applied for equal 
intervals, 77 days. 

During the course of these eeperiments, no attempt 



Fig. 6—^Effect op a Pbeviously Applied Voltage on the 


Time-Voltage Relation 


Insulation—8 Layers of Oil-Treated Linen Paber (0.0006 in.) 

Test Voltage—60-cycle 

Test Medium—Transil Oil at Boom Temperature 
Electrodes^l ^-in. by 2K-in. Aluminum (0.001 in.) Foil 
"Standard Curve?—Orlgtoal Curve for Insulation 
"After-Voltage Application"—^Time-Voltage Relation after the AppUca** 
tion of 3300 Volts for 77 Days 


has been made to protect the insulation from the effects 
traceable to atmospheric conditions, the samples being 
merely immersed under oil whose surface was in con¬ 
tact with the air, of the “voltage box.” Fig. 7 also 
shows the effects which are traceable to factors aside 
from the applied voltage. 

It will be noted in Fig. 4 that the total time to pro¬ 
duce a puncture with oil impregnated kraft papa: at 
22 kv. was originally 188 seconds. In the case when 
22 kv. was applied for 2.6 minutes followed by a rest 
' period of 5 minutes, the insulation pimetured on the 
second application of voltege in 42 seconds, the total 
time for which the 22 kv. was applied before and after 
the rest period being 192 i^nds. Thus the breaking- 
up of the voltage application into two steps separated 
by a rest period produced no material increase in the 
original voltage life of the insulation. A permanent 
injury of an additional type was apparently produced 
by each application of voltage. 



Peb. 1925 


CLARE: DIELECTRIC l-ROPERTIES OF FIBROUS INSULATION 


Repeated Applications op Voltage Stress 
In mvMtigating the effects of repeated applications 
of electric stress, the voltages used were in general 
limited to those producing a puncture within a time 
int«val of 16 minut^. In order to express the results 
of the various individual experiments in an easily 



^ ^Thb Eifii'BOT OP Low-Voltage Stresses tipon the 
Minute-Test 

Puncture Value of Fibrous insulation 

Insulation Used—Linen Paper, 0.0005 in. per Layer (2 in. by 3 In.) 
Electrodes—1 mil Aluminum (1in. by 2K In.J held in Place by Aleans 
of Gl^ss Plates and Spring Clamps 
Test Sledium—Transil Oil at Room Temperature 
Test Voltage—60-cycle 
All Values Average of 8 Tests 

comparabls manner, the following scheme was used. 
A definite voltage was selected which would produce 
a punctoe continuously applied within the time inter¬ 
val desired. Using this voltage, the average time to 
puncture on at least 10 tests was determined. This 
time was accepted as the 100 per cent time factor, i. e., 
the total time needed to produce a puncture for only 



Pig. 8—Eppect op Repeated High-Voltage Application 
UPON Varnished Cambric 

Insulation—Two Layers of 0.012 in. Black Varnished Cambric 
Test Medium—Transil Oil at Boom Temperature 
Test Voltage—20-kv. 60-cycle 

Electrodes—IX-In Brass with Edges Bounded to 3/64-In. Radius 
Rest Period—Five min. between Tests 

one application of the voltage used. With this factor 
as a basis, tiie constant voltage accepted was applied 
for various intervals such as 90 per cent, 80 per cent, 
70 per cent, etc., of the 100 per cent time value. With 
a period of rest allowed between voltage applications, 
the number of permissible repetitions of stress for each 
time interval was determined. 


Cos« I: Figs. 8, 9, 10, 11, 12 and 13 illustrate the 
t^ical results produced by repeated voltage applica¬ 
tions upon black varnished cambric (0.012 in.), black 
varnished paper (0.005 in.), kraft paper (0.003 in.), 
cable paper (0.005 in.), and pressboard (1/32 in. and 
3/32 in.) tested under oil at room temperature. In 
these tests the total number of voltage applications was 



Fig. 9—^Epeect op Repeated High-Voltage Application 
UPON Varnished Bond Paper 
I nsulation—Two Layers of 0.006 In. Bladt Varnished Bond Paper 
Test Medium—TransU Oil at Room Temperature 
Test Voltage—lO-kv. 60-cycle 

Electrodes—IK-ln. Brass with Edges Rounded to 3/64-in. Radius 
Rest Period—live min. between Tests 

limited to from 10 to 16, During the rest period, th» 
insulation was allowed to remain in place between the 
electrodes immersed in cold transil oil. The varnished 
cambric and varnished paper were dried in air at 100 
deg. cent, for four hours, after which they were im¬ 
mersed in transil oil for 24 hours before test. The 
unvarnished insulation was subjected to a vacuum 
drying process and oil impregnation at 110 deg. cent. 



Fig. 10—^Eppect op Repeated Applications of High Voltage 
UPON Kbapt Paper 

Insulation—0 Layers of 0.003-ln. Oil-Treated Kraft Paper 
Test Medium—^Transil Oil at Room Temperature 
Test Voltage—^28-kv. 60-cycle 

Electrode—I K-in. Brass Blectarodes Edges Rounded'to 3/64-lii. Radlius 
Rest Period—^Five min. between Tests 

It will bB noted in Figs. 8 and 9 that with the varnished 
materials, the actual voltage life continually increases 
as the time of each application is diminished. This 
bears out the results of Fig. 5 showing the effect of 
previously applied stresses upon the time-voltage 
relation of black varnished paper. In cases where fee 
breakdown value of varnished insulations, dried as 
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described, is not closely approached either with respect 
to ihe voltage or time factors, an apparent increase 
in voltage life results. In the case of fibrous, unvar¬ 
nished but vacuum dried and oil impregnated mate¬ 
rials, the effect of each application of voltage seems to 
be additional and permanent. This effect is expressed’ 
in the formula RxT = K where R is the number of 


impregnated wooden electrodes. Fig. 14 shows the 
effect of intermittently applied voltage on 0.003 in., oil 
impregnated kraft paper, tested under transil oil at 
room temperature with 3-inch round edge impregnated 
wooden taminals. The effect of voltage application 
with these electrodes is roughly additional and in no 
wise different from the results illustrated in the pre¬ 
vious figures using metallic electrodes. 
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Fig. 11—^Effect of Repeated Applications of 23 kv. on 
Cable Paper 

Insulation—Six Layers of 0.0045>in. Oil-Treated Cable Paper 
Test Medium—^Transil OH at Boom Temperature 
Test Voltage—^23-kv. 60-cycle 

Electrodes—IK-in. Brass with 3/64-in. Edge Badius 
Best Period—^Five min. between Tests 
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Fig. 13—^Effect of Repeated AppiiiCATiONS of High Voltage 
ON Pressboard 

Insulation—One Layer 3/32-in. Grade A Oil-Treated Pressboard 
Test Medium—Transil Oil at Boom Temperature 
Test Voltage—45-kv. 60-cycle 

Electrodes—IK-iu. Brass with 3/64-in. Edge Badius 
Best Period—15 min, between Tests 


repetitions possible for the time T of each application. 
The value* of K is the time to puncture for the voltage 
used when continuously applied. The application of 
this formula is given in each of the figures showing the 
effect of repeated high-voltage stresses. Increased 
dielectric life does not result until the time factor of 
each voltage application has been reduced to less than 


Case III: In Figs. 8 to 13 inclusive 1}4 in* brass 
electrodes with edges rounded to a radius of 3/64 
of an inch have been used. It has already been shown* 
that in cases where such electrodes are replaced with 
terminals identical, with the exception that an albaroie 
stone collar has closely fitted around the electrode edge 
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Fig. 12 ^Effect of Repeated High-Voltage Applications 
ON Pressboard 


Insulation—One Layer, 1/32 in. grade AA OH Treated Pressboard 
Test Medium—^TransH OH at Boom Temperature 
Test Voltage—20-kv. 60-cycle 

Electrodes—IK-in. Brass with 3/64-ln. Edge Badius 
Best Period—15 min. between Tests 



Fig. 14—^Effect of Repeated Applications of Voltage on 
Kraft Paper 

Insulation—4 Layers of OH-Treated 0.003-ln. Kraft Paper 
. Test Medium—^TransH OH at Boom Temperature 
Test Voltage—8 kv. 60-cycle 

Electrodes—^Three-inch, Bound Edge. Impregnated Wooden Electrodes 
Best Period—^20 min, between Tests 


40 per cent of the continuously applied time to puncture 
value for the same voltage. This effect is shown in 
the case of kraft paper, cable paper and pressboard of 
Figs. 10,11,12 and 13. 

Case II: In a previous article* it has been shown that 
the dielectric strength-thickness relation for fibrous 
insulation approaches the first power with the use of 


forming a smooth surface with the testing' face, the 
dielectric strength-thickness relation is changed from 
Kv = A T®*™ toK V = A The effect of sudi “pro¬ 

tected” electrodes on fibrous insulation under re¬ 
peated applications of stress is shown in Fig. 15 for 
yi in. pressboard in oil at room temperature. The 

2. F. M. Clark and V. M. Montsinger—Ibid 
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results show a deteriorating effect additional in nature 
accompanying each application of voltage comparable 
to that illustrated in the previous figures for “xmpro- 
tected^^ electrodes. 

Case IV : In the results shown in Cases I, II and III 
the insulation between test applications has been 
allowed to rest untouched in oil at room temperature. 



Fig. 15— Effect of Repeated High-Voltage Application 
ON Pressboard 

Insulation—One Layer 1/8-in. Oil-Treated Pressboard 
Test Medium—TransU Oil at Hoorn Temperature 
Test Voltage—60-kv. 60-cycle, Sine Wave 
Rest Period between Voltage Applications—10 min. 

Electrodes—IK-in. Brass with Albarene Stone Edge Protection 

Fig, 16 shows the relationship obtained, using the same 
procedure as in the previous cases, except that during 
the rest period the insulation has been heated in oil 
for a predetermined period. In running these tests, 
account had to be taken of the aging effect which 
wduld result from the intermittent hot oil immersions. 
The change in dielectric strength following hot oil 


previous cases. The following method was therefore 
adopted. Aluminum foil was cut in. by 2yi in. for 
as electrodes. The insulation tested (0.0005 m. 
linen paper) was cut 2 in. by 3 in. and held in place be¬ 
tween the aluminum terminals by means of glass plates 
and spring clamps. The miniature condensers so pre- 



Fig. 17—^Effect of Repeated High Voltages on Linen 
Paper, Heated between Applications 

Insulation—8 Layers 0.0006-ln. Oil-Treated Linen Paper 
Test Medium—^TrausU Oil at Room Temperature 
Test Voltage—6.26-kv. 60-cycle Sine Wave 
Rest Period between Tests—at least one hour 

Treatment between Voltage Tests—Placed in 80 deg. cent. Oil for 20 
Minutes and in 20 deg. cent. Oil for at least 40 minutes 
Electrodes—IK-ln. by 2K-iii. Aluminum Foil, held In Place between 
Glass Plates by Means of Spring Clamps 

pared were vacuum dried at 116 deg. cent, and oil 
impregnated. They were then placed in transil 6il at 
80 deg. cent, for a period of one week^ whereupon they 
were cooled to room temperature and the voltage tests 
made. The voltage repetitions in each case were fol¬ 
lowed by oil immersion at 80 deg. cent, for 20 to 30 



Pig. 16—^Effect of Repeated High-Voltage Application 
ON Linen Paper 

Insulation—8-Layers of 0.0005-in. Linen Oil-Impregnated Paper 
Test Medium—^Transil Oil at Room Temperature 
Test Voltage—7K-kv. 60-cycle 

Rest Period between Voltage Applications—One Hour 
Electrodes—l^-in. by Aluminum Foil, held in Place between 

Glass Plates by Means of Spring Clamps 



Fig. 18—^Effect of Repeated High-Voltage Applications 
ON Mica 

Insulation—2 in. by 3 In. Sheets of Yellow Mica Built to Thickness of 
0.004 In, 


Test Medium—Transil Oil at Room Temperature 
Test Voltage—5 K-kv, 60-cycle 


Electrodes—IK in. by 2K-ln. Aluminum 
Glass Plates by Spring Clamps 


Foil, held in Place between 


Rest Period—One hour between Voltage Tests 


immOTsion has been found to be rapid in the first stages. 
In order to avoid such changes during test, the insu¬ 
lation after drying was thwefore placed in 80 deg. cent, 
oil for one week before submitting to voltage stress. 
Furthermore, the tests, involving long rest periods 
between voltage applications, eliminated the possibility 
of using large 1]4 in. brass electrodes as done in the 


minutes. The condensers were then quickly trans¬ 
ferred to a cold oil tank and brought to room tempera¬ 
ture before further voltage was applied. The period 
between tests was approximately one hour in all cases. 
Typical results are given in Fig. 16. As will be noted, 
the application of voltage in steps by this procedure 
leads to increased voltage life of the insulation as the 
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Transactions A. I. E. E. 


time of each voltage application is diminished. This 
is shown in the values ofRxT given in Fig. 16. These 
results are directly comparable to those of Fig. 17. 
In the latter, using the same t 3 ^e of insulation and test¬ 
ing methods, except that the insulation was not heated 
between voltage periods, the effect of each stress appli¬ 
cation was found to be additional. 

As contrasted to the results obtained with oil treated 
fibrous insulation, miniature condensers, similar to 
those used in Case IV above, were made up using mica 
a s insulation. The typical results are shown in Fig. 18. 
As will be noted, with voltage application in steps, an 
apparent increase in dielectric life is obtained with or 



Fig. 19—^Effect of Lcw-Voltage Application on Power 
Factor 

Insulation—8-Layers of 0.0005-ln. Linen Oil-Treated Paper 
Test Medium—TransU Oil at Hoorn Temperature 
Test Voltage—3 SOO-volts CO-c^cle 

Electrodes—IK-in. by 2K-ln. aluminum Foil, held In Place by Spring 
Clamps between Class Plates 


experiment, 77 days. Aside from the power factor 
variations during the initial stages of the experiment, 
no change was noticed. 

Case II: Applied voltages of relatively high stresses 
producing puncture when continuously applied within 
a period of 15 minutes. 



Pig. 20—^Effect of High-Voltage Applications on Power 

Factor 

Insulation—8-Layers of 0.0005-in. Oil-Treated Linen Paper (2 in. by 
3 in.) 

Test Medium—Transil Oil at Room Temperature 
Test Voltage—8-kv. 60-cycle, held for 20 sec. which was 40 deg. of the 
Time to Puncture when continpously Applied 

Electrodes—iK-in. by. 2K-in. Aluminum Foil, held in Place between 
Glass Plates by Spring Olamps 


The effect of relatively high stresses intermittently 
applied upon the per cent power factor at 1000 cycles 
(bridge method) leads to extremely erratic results. 
In general, the effect shown in Fig. 20 is obtained. 


Discussion 


without heating in oil between tests, i. e., the product 
of U X T in Fig. 16 is not constant, but increases as 
the time of each voltage application is diminished. 

Effect of Voltage Application upon Power Factor 
Values 

The effect of voltage application upon per cent powm* 
factor values was investigated using both low and bigL 
stresses. In all cases the investigation was carried out 
by means of miniature condensers as described above, 
using 1in. by in. aluminum foil electrodes ^d 
0.0005 in. linen paper made up to a thickness of 0.004 
in., vacuum dried and oil impregnated at 115 deg. 
cent. 

Case I: Applied voltages producing no puncture for 
indefinite time. 

The results ^own in Fig. 19 indicate power factor 
determinations at 1000 cycles (bridge metiiod) made 
betw^ voltage applications of 3300 volts on linen 
paper insulation prepared as described above. The 
voltage gradient, 825 volts per mil, produced no 
puncture of the insulation within the limit of the 


Whlteheadf I think the striking result of this paper is 
the indication that sometimes insulation that has been strained 
will recover and sometimes it will not. It is easy, from dur 
present knowledge of the properties of insulation, to see how both 
of those things may occur. Composite insulation is distin¬ 
guished principally by the property of dielectric iibsorption, 
sometimes called viscosity, sometimes spoken of as the property 
of having residual charge. 

If you take a dielectric showing residual charge or absorption 
and carry it iip in temperature, you will find that the absorption 
will merge into a pure conductiyity at high temperatures. 
If the dielectric is sufdciently homogeneous and uniform and 
controlled, it may be brought down again from those regions of 
high temperature, and show all of its original properties. In 
other words, absorption generally merges into conductivity at 
high temperatures. It is easy to see, then, how a non-homo- 
geneous dielectric may have this property in excess or 
preponderance over other properties, and so recover. 

The case of non-recovery it seems to me is also eq.ually easy to 
understand. We very rarely have homogeneous composite 
dielectrics. Particularly iu the case of fibrous dielectrics, we 
have a variety of other phenomena entering. We have the 
question of moisture. We also have undoubtedly the phenomena 
of electrolytic conduction. We have fibers present. We have 
every possible suggestion of localized structural paths. It is 
quite easy to see that if we apply voltage to sucl^ a structure for a 
limited time, it is possible that electrolytic conduction,, to fix 
our attention on only one of them, may take place along certain 
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limited paths to their ultimate destruction. This electrolytic 
conduction, can. be a cause of local heating j it can be a cause 
of the disintegration of the structure of the material itself, 
without resulting in breakdown. 

The conditions of experiment in Mr. Clark’s observations were 
not sufficiently controlled, I think, really to offer us any definite 
information on the subject of Dr. Wagner’s hypothesis. I 
think we have assumed a wider field for the application of this 
hypothesis than is warranted. I believe that if we talked to 
Dr. Wagner himself he would immediately limit his proposal 
to the range in which the absorptive properties of dielectrics are 
merging into those of conduction. 

H. W. Fishers Mr. Clark is to be congratulated .‘on his 
ability to prepare a number of samples in the tests of which he 
gets such remarkably consistent results. I know from ex¬ 
perience that this is quite a difficult undertaking. 

I was interested in the fact that some of the samples showed 
that the material was injured electrically by the application of 
very high voltages. I have often had reason for believing that 
the regular run of cables may be permanently injured if too high 
test voltages are applied. Cables, no matter how well saturated, 
are changed in their structure, due to the winding and re¬ 
winding in the lead covering and installation processes, where¬ 
as, the samples prepared by Mr. Clark, were not subjected to 
mechanical stress, after being prepared for test. 

A number of years ago, we had a customer who never speci¬ 
fied any high-voltage tests on cables purchased from us. We 
always made a routine factory test on these cables of at least 
double working voltage. For years and years no burn-outs were 
ever reported on cables furnished this customer and oui* vice- 
president, Mr. W. A. Conner (who was well known by many of 
the older members of the A. I. E. E.) often used to remark that 
the operators who did not specify very high voltage tests seemed 
to have the least operating troubles so far as the cables were 
concerned. 

I shall cite the case of an experimental cable made about 15 
years ago which, when repeatedly tested, did not show this 
deteriorating effect by the application of high voltages. In the 
construction of the cable, an extremely viscous and elastic com¬ 
pound was used. The cable withstood voltage tests which 
were very remarkable at that time and which, in fact, were higher 
than any required at the present time. StiU more remarkable 
was the fact that although the cable was broken down, a great 
many times, the*fault removed and new tests made, the break¬ 
down tests were within 1000 or 2000 volts of each other every 
time, the tasts being in the neighborhood of 50,000 volts. 

Good as this cable appears to be, it would not have withstood 
the N. E. L. A. bending tests at minus 10 deg. cent. The com¬ 
pound used was a vegetable material, no mineral compoimd 
entering into its composition. This does not necessarily mean 
that cables made with vegetable-base compound do not deteri¬ 
orate so much from high-voltage tests, as those made with mineral- 
base compound. 

M. F* Skinker: In the synopsis of his paper, Mr. Clark 
mentions the pyroelectric theory of breakdown as developed by 
Steinmetz, Wagner, and others. The possibilities offered by 
thermal thepries have been admirably ^iscussed by Dr. E. 
Dreyfus in Bulletins No. 7 and No. 12 of the Schweitz Elektro- 
techniscJier Verein^ 1924. His paper deserves to be carefully 
studied by all who are interested in problems of this nature, 
particularly from a designer’s standpoint. Mr. Clark* states 
that the transformation to thermal energy proceeds “at a rate 
proportional to the stress applied.*’ Obviously, it should be 
“at a rate proportional to the square of the stress applied.” 

In order that the original properties of the dielectric after stress, 
might be restored, it must be assumed that no electrical strain or 
chemical action has taken place until the stress actually reaches 


the point of failure. Since none of our dielectrics are perfectly 
homogeneous, we would expect partial deterioration of stresses 
even far below the average breakdown value, the partial deteri¬ 
oration being nothing but the premature breakdown of weak 
spots or filaments. It is on the presence of such weak filaments 
that Wagner builds his thermal breakdown theory, and it hias 
very justly been criticized on account of the arbitrary assump¬ 
tion that must be made relative to their size and physical 
Constanta. 

“Rapidly applied 60-cycle voltage” is not a definite repro¬ 
ducible quantity unless the exact phase of the voltage is known at 
the time of its application. There may well be transients and 
reflections in the dielectric under certain conditions. Therefore, 
when studying the laws governing breakdown under prolonged 
stress, the voltage should never be applied abruptly but always 
should be allowed to start from zero. The time to reach full 
value need be only a fraction of a second, provided it is large 
compared to the time taken for an electromagnetic wave to 
cross the dielectric. 

Further, before taldng fifteen minutes as an arbitrary time 
limit, it would be well to investigate thoroughly the effect of 
long-time application of lower voltages. If we are making tests 
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in the light of the pyroelectric theory, we must take into account 
all the thermal properties of the system we are studying. When 
we get a failure due to a continuously applied voltage of several 
minutes duration, it may be satisfactory to neglect the specific 
heat of the insulation and that of the electrodes, but certainly 
when we are considering intermittent application of voltage we 
must take this into account. 

It is possible to make a very simple picture of the reason for 
the apparent discrepancy in the law R X T K. When 
we apply a voltage that cause a breakdown in an interval, 
some time will be spent in heating up the system before the 
critical point is reached. In Pig. 1 let the total interval be T, B 
the time to reach the danger zone of breakdown and A the rest 
of the interval. 

Now each time we apply the same voltage for a shorter interval 
(that is, various percentages of the time T as indicated in Mr. 
Clark’s paper) we see the quantity B enters in and should be 
corrected for. By making simple calculations, considering each 
of the indicated points on the graph, a mean value of B can be 
found. For instance, in Pig. 15, B came out 10.2 per cent of the 
continuous time to puncture; in Pig. 17,15 per cent; in Pig. 9, 
33 per cent, etc. 

Now obviously, if we only apply the stress for these percentages 
of the time, we should not expect to get a breakdown of the insula¬ 
tion. This is faithfully indicated in the curves by the fact that 
they apparently have asymptotes at these values. If the equa¬ 
tion were R X T ^ K the horizontal axis should be the 
asymptote. 

The thermal conditions do not permit definite calculations 
but I cannot see anything in the data that definitely disproves 
the pyroelectric theory, but they seem to substantiate it. 

G. E. Lukes These tests show without doubt that fibrous 
insulation has the characteristic which may be called “dielectric 
fatigue.” The author stated that this fatigue or deterioration 
is permanent under the conditions given except for the ease when 
a rapidly applied test is made after a rest period following a pre- 
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vious voltage application. In tliis instance the material breaks 
down at approximately the same value with or without the pre¬ 
vious application of stress. 

The above author’s conclusion will evidently hold true only 
under the particular conditions tested, since Rayner^ found that 
a prevoltage application followed by a rest will materially change 
the rapidly applied breakdown. Thus Rayner found that a 
certain oiled cloth will .break down in 81 min. on the application 
of t5500 volts on a green sample, and 6500 volts will break down 
in about 29 min. on a similar sample. Now when the material is 
given a prevoltage test of 5500 volts for 40.5 min. (one-half the 
breakdown time) and allowed to recover over night, its break¬ 
down time on the application of 6500 volts is only 0.8 sec. instead 
of 29 min. as found on the green material. 

The intermittent application of voltage as shown on Pigs. 9 to 
18 show that the insulation has deteriorated and would not 
recover since many of the tests were made with 60 min. between 
tests. The author says, “with mica or with fibrous materials 
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heated in oil between voltage applications the effect of intermit¬ 
tently applied stress is diminished and an increase in dielectric 
life is obsm'-ed.” Complete data for such a conclusion could not 
be found in the paper since the only tests given for mica were on 
Pig. 18 taken at room temperature. Also due to the erratic 
variations in the test points it is believed that no definite conclu¬ 
sions can be drawn from the slight differences of curves on Pics 
16 and 17. ® ’ 


In this paper the repeated voltage applications were made witl 
60-eyole voltage oyer periods of time of about a minute in ordei 
of magnitude, while the time of voltage strain in service due tc 
lightning surges would be measured in microseconds. It wil 
probably be of interest to show the effects of repeated voltage 
impulses of such short-time waves. Pig. 2 shown here gives the 
average results of a great number of tests made in the Westing- 
house Research Laboratory. The material tested was 0.015- 
inch sheet fuUerboard under oil. The rapidly applied break¬ 
down strength (5 to 10 sec.) with 60-cycle voltage is called IOC 
The curve gives the dielectric strength compared to 
the 60-cycle strength for various number of impulses. The im- 
pidse was obtained by charging a condenser until the voltage 
t spaik-gap. The voltage impulse givento 
the i^ataon could be eontroUed by the constaute of the oirouit. 
Th^tal tme of the damped single wave of impulse for the tests 
^breakdown with one im- 
voltage application was about 2.0 X 10-• 
The time interval between impulses was about 5 sec., hence 

500 noticeable heating. With 

oOO to 1000 impulses the voltage breakdown strength was about 


the same as the 60-cycle breakdown (rapidly applied). The fact 
that this strength with an impulse of 2 X 10"® sec. is only 60 
per cent higher than the 60-eyole, 5 to 10 seconds, breakdown 
seems remarkable. Such facts are also confirmed by Peek^ 
of the General Electric Company. 

This discussion leads up to the questions, what causes the 
“dielectric fatigue” such as described in Clark’s paper, and in 
general, what causes insulation failure? It is known that under 
certain conditions insulation may fail due to accumulative heat¬ 
ing of small fibers in accordance with the Wagner’s pyroelectric 
theory. This may account for the recovery in insulation strength 
with a 2-minute rest as shown in Pig. 2 of the paper. In this 
. case the localized heating was non-suffieient to change the 
material. The results shown with the repeated voltage appli¬ 
cations in the author’s Pigs. 8 to 18 show a deterioration in the 
insulation, since the time interval between tests was generally 
sufficient to remove such localized heating, it is evident that some 
of the insulation fibers were permanently injured by each voltage 
application. However, on the basis of this pyroelectric theory 
one would naturally expect mica to stand up much better than 
fibrous insulation, but the curve on mica. Pig. 18, does not differ 
much from similar curves on fibrous materials. The data given 
on Pig. 2 with 4-microsecond impulses can hardlj^ bo e.xplained 
on the basis of the pyroelectric theory since the time of appli¬ 
cation is so infinitesimal compared to the time used in the other 
tests. It appears that the fibrous insulation might have a critical 
voltage similar to the breakdown voltage of air. Such a break¬ 
down might be explained on the basis of corona or excessive inter¬ 
nal ionization. Whether dielectrics have free ions and can fol'm 
corona due to critical voltage stresses is problematical and little 
information is available. The difficulties of researches along 
this line are due to the heterogeneous composition of the common 
dielectrics. 

Corona may form in built-up insulation due to occluded air 
pockets, the results of which may form a chemical action on the 
insulation. Such action woidd cause permanent deterioration. 
This also does not explain the tests shown, since many of the 
samples were vacuum-dried and impregnated in oil. Also mica, 
which deteriorated about as fast as the fibrous materials, is 
especially resistant to this chemical action. 

Anderson^ has shown that if a powerful condenser i.s discharged 
through a small wire the wire can be completely exploded into 
a gaseous residue. The time of the discharge being only a few 
microseconds, the heating effect is too small even to scorch the 
cotton covering on the wire. The breakdown of a dielectric 
sheet with such a voltage impulse seems to be of the same nature, 
as a small thread through the material may bo completely re¬ 
moved without showing signs of burning. The explanation of 
such a phenomenon does not seem possible on the basis of 
electrostatic repulsion nor on the basis of electromagnetic forces 
due to the displacement current; it is a complete disassociation 
of the molecular structure. 

Joseph Slepian: The three papers on Study of Direct- 
Current Corona in Various Oasesy Effect of Repeated Voltage 
Application on Fibrous Insulation and Corona in Oil illustrate 
two kinds of cumulative effects in insulation, a space-cumulative 
effect, ^d a time-cumulative effect. The space-cumulative 
effect arises from the fact that contiguous layers of insulation 
mutu^y infiuence one another so that the conductivity of one 
layer is communicated to the next layer, w ith a resultant cumu¬ 
lative mutual weakening of these layers under stress. 

For ex^ple, 1 cm. of air will break down at 30,000 volts per 
cm. gradient, but 0.001 cm. of air withstands 300,000 volts per 
cm. gradient. Thus, if a thousand layers of air, each 0.001 cm. 


3. The Effect of Transient Voltages on Dielectrics ** 
Jr. JocjRNAn A. I. B. E., 1916. 


by F. W. Peek. 


4. ’‘^Spectr^ of Electrically Exploded Wires,’* by J. A. Anderson. 
Astrophysics, January, 1920. 
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thick, are placed next to one another, they will exert a jnutual 
cumulative effect upon one another in such a manner that each 
layer is respectively weakened by effects coming from other 
layers, so that the breakdown gradient is reduced from 300 000 
volts per cm. to 30,000 volts per cm. 

^ Similar results are obtained with liquid dielectrics, or solid 
dielectrics. In Peek’s “High Voltage Engineering,” I find in one 
table that 1 cm. of a certain grade of oil would break down at 
166,000 volts per cm., whereas H cm. of that same oil was able 
to withstand 364,000 volts per cm., a gradient more than twice 
as gr^t. Evidently by taking eight of these ^-cm. layers and 
building up a whole centimeter, the mutual cumulative effect 
of these layers upon each other was such as to reduce the strength 
of each individual layer. 

In solid insulation, the breakdown voltage is not proportional 
to the thickness of the insulation, but to some fractional power 
of the thickness, which again demonstrates a space-cumulative 
effect. 

The mechanism of this cumulative effect is probably to be 
found in the nature of conduction in dielectrics. The conduc¬ 
tivity is undoubtedly due to charged particles capable of motion 
in the material, and the effect of high voltage somehow is to 
increase the number of these charged particles. With insulation 
of any appreciable thickness, the conductivity produced by the 
high-voltage gradient at any one portion of the insulation may be 
communicated by direct motion of these particles to other por¬ 
tions, and vice versa, so that there results a cumulative effect 
of one layer upon the other, the increase in conductivity of one 
portion stimulating the increase of conductivity in other 
portions. 

In the paper by Orago and Hodnette, this mutual influence of 
portions of dielectrics upon each other is very clearly shown. 
Only the oil next to the wire was very highly stressed, but Crago 
and Hodnette observe and actually measure the decrease in 
dielectric strength and increase in conductivity produced at 
points rather remote in the oil. That this effect exists is not 
new, but I don’t remember seeing any definite quantitative 
information with respect to this for commercial transformer oil 
under ordinary operating conditions, so that the results they 
give are of very considerable interest and in some respects of 
considerable value. 

The other type of effect with which Mr. Clark is principally 
concerned is tlie time-cumulative effect. We consider , now 
contiguous elements of time. An element of time in which the 
insulation is highly stressed will influence the conductivity or 
dielectrio strength of the insulation in the following period of 
time, usually causing the conductivity to increase and dielectric 
strengl^ to decrease; a period of low stress may also influence the 
period immediately following, usually by causing the conductivity 
to decrease and the dielectric strength to increase. 

This time-cumulative effect is not limited to solid insulation. 
In the case of gaseous insulation, it is a phenomenon long known, 
but described ordinarily as spark-lag. High voltage may be 
applied to a spark-gap for a very brief time, with only a very 
small current flow. If the voltage is kept on, this current flow 
increases at a very rapid but nevertheless finite rate, until full 
breakdown takes place. Complete breakdown of a sphere-gap 
requires a few hundreths of a microsecond. The successive 
moments of stress all contribute to the breakdown. 

That a period of low stress tends to improve the dielectric 
properties of air is well known to the operating man. When 
an insidator flashes over, and the circuit breaker trips out, he 
closes it in again with the reasonable expectation that the rest 
given to the broken-down air will have permitted it completely 
to recover its dielectrio properties. 

In oil we also have this effect and Crago and Hodnette give 
quantitative measurements on the time involved. In their 
cmves they show the time it takes for abnormal conductivity to 
disappear during a period of low stress. 


Of course, as one would expect, in the case of the gaseous 
insulation, the time-cumulative effect is exceedingly rapid, in the 
case of liquids much less rapid, and in the case of solids still less 
rapid. 

The mechanism of this time-cumulative effect is fairly well 
understood for gases. A high enough gradient in air wfll 
cause the production of charged particles which can serve as car¬ 
riers of current, but the rate at which new charged particles arc 
produced is also proportional to the number of charged particles 
present. Thus the number of new charged particles produced in 
any time interval depends on the number of particles left by the 
preceding time interval. The theory of ionization by collision 
gives a very vivid picture of this process. 

In liquids and solids in all probability, similar phenomena 
take place, but in these cases another effect may contribute to 
the time-cumulative effect, namely, the heating of the insulation 
with resulting increase in conductivity. This aspect has been 
particularly stressed by K. W. Wagner in his pyroelectric theory 
of insulation breakdown. There is no doubt that in very many 
cases bi’eakdown is caused by cumulative heating, but some of 
the data presented here today, and data given by others, notably 
Rogowski in the Archiv der Elekirotechik show that the pyro¬ 
electric theory does not adequately explain dielectric breakdown. 
If the breakdown voltage for various insulating materials is calcu¬ 
lated ^cording to Wagner’s theory, using the electrical con¬ 
ductivity and thermal constants of the material as ordinarily 
measured, values are obtained very much larger than those 
obtained by experiment. 

With all these effects in mind, there is a point that I would like 
to bring out very emphatically, and that is that we have no right 
to spealc of a breakdown gradient characterizing a dielectrio 
material. 

The idea of a definite breakdown gradient probably rose 
out of the analogy with failure under mechanical stress. Any 
particular point of a body will yield mechanically if and only if 
the mechanical stress at that point reaches a certain definite 
value characteristic of the material, and independent of the 
stresses which may exist elsewhere. How natural to suppose 
that under electric stress also, the failure of any point in a body 
is determined entirely by the electric stress at that point. But 
it isn’t true! There is no definite breakdown gradient. Be¬ 
cause of the cumulative space effect, and the cumulative time 
effect, the gradient which may exist in any dielectric system 
when breakdown occurs will have no simple relation to the nature 
of that dielectric. This idea of there being a definite.breakdown 
gradient characterizing materials is one that has colored our 
engineering thought on insulation for a long time: I believe it 
has done a great deal of harm and it is time that it should be 
discarded. 

Only a few years ago I remember there was a very considerable 
discussion as to whether the breakdown in cables could be 
determined by the maximum stress in the cable or the minimum 
stress. In the light of the phenomenon that has been described 
in these papers such discussions seem to be meaningless. Even 
for a perfectly definite reproducible material, the gradient at 
breakdown will not be the same for this material with different 
thicknesses and with different arrangements of conductors. 
There is no reason why it should be, according to the theory of 
breakdown in dielectrics and in the light of these effects that 
have been described. 

Lee and Kurrelmeyer, in their paper, take some time to discuss 
the adequacy of the theory of ionization by collision in explain¬ 
ing their results, but 1 do not believe that this theory was quite 
fairly treated in their discussion and some of the conclusions 
which they say wrill follow from the theory of ionization by 
Collision do not seem to me to be entirely warranted. 

One of the conclusions which they draw from this theory 
is that E divided by P should be a constant for any particular 
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gas. B is the gradient at the wire surface when corona begins 
and P, the pressure of the gas used. They state that B/ P is 
proportional to E times the mean free path, and therefore is 
proportional to the energy acquired by an ion moving through 
the mean free path, and that this energy should determine 
whether ionization by collision takes place or not. 

If this were true, then the idea that there is a characteristic 
breakdown gradient would be justified, because then the break¬ 
down would be determined entirely by whether, or not a certain 
definite stress had been reached. Now I have been trying to 
bring out the point that breakdown is not determined only 
by some definite stress being reached. 

The reason why this conclusion of Lee and Kurrelmeyer is 
not warranted is that the mean free path is not a real physical 
quantity. The mean free path in a gas is only a statistical 
quantity, an average quantity. If a large number of actual 
free paths are considered, it will be found that there are many 
very short ones, and a few very long ones. The average of them 
all is the mean free path, but there are always a few with much 
greater lengths. Ionization by collision wiU take place even at 
very low gradients due to these few very long free paths. Thus 
ionization by collision does not set in at a definite gradient, 
but it occurs weakly for small gradients and then more and more 
strongly as the gradients increase. 

What is it that sets in at some definite voltage on the system? 
What sets in is an instability due to the mutual action of various 
portions of the ionized gas upon each other. Given a gas between 
definite electrodes ionization by collision wiU occur at all volt¬ 
ages; there is, however, a certain voltage where the ionization 
produced in one portion of the gas so multiplies the ionization 
in the next portion, that working back on the first portion, there 
is produced a cumulative instability and a breakdown. 

The proper relation which should be expected, and which 
I venture to predict will be fairly accurately confirmed, is not 
that B/P shall be a constant, but another relation given by 
Paschen’s law. Paschen’s law connects the breakdown voltage 
for plane electrodes, the electrode separation and the pressure. 
Paschen^s law has been generalized by Townsend to cover the case 
of any shape of electrode, and Townsend’s generalization may be 
put in this way; if P is varied, and if at the same time the 
dimensions of the electrodes are varied so as to keep the ratio of 
the mean free path to the dimensions of the electrodes constant, 
then B/P will be constant. Hence in this case B/P wiU be a 
constant if the dimensions (here the radius of the wire) multiplied 
by the pressure is kept constant. It is only if the wire radius is 
varied in this manner that B/ P wiU be constant, according to 
the theory of ionization by collision. 

It is rather interesting to note that the formula of Peek is 
consistent with this condition. 

D. Bratts I believe that it is justifiable in this connection 
to emphasize some general consequences of the purely thermal 
idea of breakdown that seem to be less realized than warranted 
by their importance, and which have a direct bearing on the 
subject of Mr. Clark’s paper. 

First, it should be noted that breakdown is caused by excessive 
curr^t, and that voltage as such has nothing whatsoever to 
do with the so-eaUed “pyroelectric theory.” We must therefore 
carefuUy distinguish between instantaneous breakdown and 
thermal breakdown, the former being caused probably by some 
sort of molecular yidding due to purely Newtoman forces. It 
does not appear that Mr. Clark makes this distinction in his 
voltage applications. 

• The developinent of heat in a plate, subjected to voltage, not 
only le^s to higher temperatures in the interior, but also to a 
re^trftution of voltage gradient, even though there be no 
mtemm free charges by assumption. 

rdation between, current density and temperature 
therefOTe be determined, and the subsequent numerical evalua¬ 


tion of the obtained formulas should be based on tests of dielec¬ 
tric losses as a function of current density and temperature. 

The maximum stable current density can then be determined. 
We vdll get an expression of the following form: 

1.84 I X 
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where d = thickness of the plate 
X = thermal conductivity 
po = initial value of dielectric loss per cm* 
k = the logarithmic increment of temperature 
and the dielecti^ic loss has been assumed to obey the law 


p 


PoA* e* O 


watts 

cm* 


The corresponding temperature rise inside the plate 
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From these equations we obtain the maximum strength 

E = I ^ 

/ >1 

Where / = frequency, u = the average dielectric constant 
estimated from the known temperature distribution inside the 
plate and previous d-c. tests of dielectric constant as a function 
of temperature. 

We have assumed here the simplest possible case, when the 
surface temperature of the plate is taken as reference level. 
This temperature is generally not known; therefore, the heat 
dissipation from the electrodes must be taken into account. 

It should be carefully noted that Emax is independent at the 
plate thickness d, assuming as we have done, a homogeneous 
dielectric. 

The strength of the insulation is, therefore, determined by 

A 

neither p© x p or /b alone, but on the factor g =-;-. 

P^kfx^ 

During a prolonged stress, the strength of most materials 
has been found to decrease. Thus, were it possible to keep our 
plate under maximum voltage, we would have to decrease this 
voltage gradually in order to prevent breakdown. 

It is a very reasonable assumption that the cause for this 
decrease in strength, aside from the natural aging of the insu¬ 
lation, is nothing but the applied voltage itself, or still better, the 
energy developed. Any structural change in a material requires 
energy. 

For some time,. To onward, the change in q becomes very 
gradual, and we could write, tentatively 

T 

q = qa - a J* Emux^ d t 

differentiating 

d q 

^ rp ~ “ O ^mas? 

and according to the expressions found for E^xx 



(where A is a constant) 

Integrating, then, gives q = g© 

Bmax will, therefore, accorcUng to tlie hypothesis made, 
assanptdtically approach zero, and this result indicates in my 
opinion very definitely the danger of prolonged stresses near 
the breakdown point. 

Everything leads us to believe that this change in strength 
is an irreversible process. Therefore, if the material has been 
once so stressed, and the voltage then removed, nothing should 
lead us to expect a return to the initial state. This does not, 
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of course, apply to moderate stresses, which have been foimd to 
improve the strength in many cases, usually due to some drying- 
out process. 

When studying the effect of prolonged or intermittent stresses 
on a solid dielectric, we believe it would be profitable to work 
along some hypothesis similar to the above. If correctly under¬ 
stood, the pyroelectric theory might jdeld results of great sug¬ 
gestiveness, and in this ease, as always, a theoretical analysis 
prior to ainy experimental work offers the best possible guarantee 
against excessive laboratory expenses and results that have no 
general applicability. 

Incidentally, I might add that for a crucial test on the pyi’o- 
electric theory as such, direct current ought to be used instead 
of alternating ciurent. This would eliminate internal charges 
and some other unknown factors. If this theory failed for 
direct current, it would certainly not be expected to be valid 
for alternating current. 

A- C. Cra^o< The most variable quantity which I have run 
into in engineering work has been the time of breakdown of 
dielectrics. So far as I know, it is the most variable quantity 
which we try to assign a definite value.. We see in Mr. Clark’s 
paper that the time of breakdown is a decidedly variable quantity. 

I shall confine my discussion to the group of curves numbered 
8 to 18 in Mr. Clark’s paper. I shall review briefly the conclusions 
or the results which Mr. Clark has obtained from these eleven 
curves as I understand them. 

First, that with oil-impregnated or oil-immersed fibrous 
materials, the. cumulative effect of an intermittently applied 
voltage is directly additive; second, that with varnished mate¬ 
rials, the cumulative effect is not additive; third, that the cumu¬ 
lative effect is not directly additive in any case for shorter 
times of application than 30 to 15 per cent of the 100 per cent 
time. 

Using these results as evidence, Mr. Clark’s general conclusion 
is, I believe, that there is some permanent deteriorating effect 
on the in-sulation in all cases due to this voltage application 
which is not removed by the rest period between tests. 

After a rather detailed study of the data presented in Figs. 
8 to 18, I believe that although the above conclusion may be 
correct, it is not warranted on the basis of the data presented, 
because of the wide variation in the time required for break¬ 
down with a voltage continuously applied. 

The following table presents the range of values obtained in 
determining the **100 per cent” points of the group of curves: 


Fig. No. 

lowest 

Highest 

Ratio 

8 

0.40 

1.60 

4-1 

9 

0.40 

1.7 

4.2-1 

10 

0.50 

1.55 

3.1-1 

10 

0.35 

2.0 

5.7-1 

11 

0.35 

1.8 

5.1-1 

13 

0.35 

1.75 

5.‘0-1 

14 

0.25 

2.0 

8—1 

15 

0.5 

1.5 

3-1 

16 

0.2 

1.85 

9.2-1 

17 

0.2 

1.9 

9,5-1 

18 

0.2 

2.5 

12.5-1 


Average Range 6.3 to 1 


Obviously, if we use the average of five or six values which 
vary over such a wide range, the mean value is subject to a rather 
large variation. A calculation with an average variation of 50 
per cent from the mean, (which is found in some cases) shows 
that the probable error of this average is over 20 per cent. 

However, although the reasoning given above will account for 
errors in the values of results, it presents no evidence to show 
that the relation E !r = K is not necessarily due to a permanent 
weakening which lasts over the rest period. 

I shall now present evidence for this. First, let me say that not 
all observers have''found the effect Mr. Clark gives. E. H. 
Rayner gives the following table for two thicknesses of Number 


12 cloth immersed in oil, which it seems is comparable with the 
data of Clark: 


Recovery in varying periods of rest after 
application of 9000 volts for 1 minute (break¬ 
down at 9000 volts—1H to 2 minutes) 


Period to rest 
0 

1 min. 

2 min. 

fresh material 


Time to break at 11,00 0 volts 
2.6 seconds 
9.5 seconds 
11.9 second.s 
12.0 seconds 


. It will be seen that after a rest period of two minutes, the insu¬ 
lation stood the test voltage for practically as long as unstressed 
material. I cannot tell you how these results were obtained or 
the laboratory conditions under which they were obtained, but 
give them to you as a result which was published by E. H. 
Rayner under the title of “High Voltage Tests and Energy 
Losses in Insulating Materials” in the Proceedings of the I. E. E. 
of 1912, Volume 49, page 214. 

Instead of assuming that there is a permanent effect on the 
insulations used in Mr. Clark’s tests due to high voltage stress, 
let us assume that when voltage is removed, the area under test 
returns, not to its original condition or to a poorer condition, 
but to the condition of a random point. That is, let us assume 
that it has the same chance to break down in 10 sec. or 20 or 30, 
sec., as though we had chosen a fresh point on the insulation. 
What will be the result? 


Let us analyze one of Mr. Clark’s curves on this basis, taking 
as an example Pig. 8. 

Referring to this curve, we find, that there' is one breakdown 
obtained at about 40 per cent of the time referred to as the mean 
value or the 100 per cent time, and that five tests have been used 
to obtain this average. This means that if we choose new points 
on the dielectric and apply voltage, approximately one time in 
five breakdown will occur in 40 per cent of the 100 per cent time. 
Of course, that cannot be a very definite quantity, because only 
five points are given here. 

Also, if we apply the voltage for 40 per cent of the 100 per cent 
time, remove it, move the electrodes, and apply it again for the 
40 per cent time, a breakdown will occur one time in five. 

Let us see now what happens when we apply voltage for periods 
of 40 per cent of the 100 per cent time and do not move the elec¬ 
trodes. Referring again to Fig* 8, we come down to the 40 per 
cent time and across till we strike the curve, and we find that that 
corresponds to a number of applications of 5M, which I would 
consider an excellent check. That is, this insulation, whatever 
the cause of the variation, has acted in such a way that the curve 
could be explained on the basis which I have stated and will 
state again: that an insulation stressed under the conditions given 
does not return to its original condition, nor to a poorer condition, 
but to the condition of a random point. 

I have analyzed the eleven curves given, attempting to 
explain their shape on this basis, and I find that nine of the 
eleven give a reasonably close check and that two of these nine 
are more than explained by this assumption. 

^ter reading Mr. Clark’s paper I made some tests with oil, 
using a standard Westinghouse test cup, which consists of two 
square-edged cylindrical electrodes 1 in. in diameter, spaced 
0.1 in. apart. The oil was stirred after each application of volt¬ 
age. The procedure described by Mr. Clark was used. Under 
these conditions, no permanent deterioration resulted, the oil on 
each application of voltage being fresh oil. 

I have prepared three illustrations showing the results. 
Fig. 3 shows the effect of applying 30 kilovolts to oil under the 
conditions given. I have shown the individual points obtained 
in getting an average 100 per cent point. The variation is very 
wide; from 8 per cent to 250 per cent of the average. 

The time was reduced to 70 per cent of the average time and 
new points were determined, getting a new distribution of break- 
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down time. That is, we applied the voltage for 70 per cent of 
this 71 seconds, or attempted to apply it for that long, and then 
cut off the voltage, stirred the oil, applying the voltage again, 
obtaining an average point which lies out at the value of 2. 
The time of application was then reduced to a little less than 40 
per cent of the average time, obtaining another average point. 
The testing voltage was reduced to 27 kv. (see Fig. 4). It was 
found that the average time for breakdown was 326 seconds. 



Following a similar plan, we get a somewhat steeper curve than 
the one given for 30 kv. You understand, this is the 
same material, and that no permanent deterioration could occur, 
and yet we get a curve of this new shape. If we had had all these 
points lying right on the average point, instead of spread over 
a wide range as they are, then as soon as we had reduced the time 
to 70 per cent of the average time, we would have obtained no 
breakdowns. I realize that, the number of points given here is 
not enough for complete proof, but it checks very well with the 
theory given. 

I have taken the two curves shown before, and plotted them 
together in Fig. 5, showing the differences obtained, and also 
^ plotting a third curve which has the equation RT - & constant. 
The object of this curve is to show that we can obtain almost any 
law by the conditions of test used; that is, even with the same 
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Fig. 4 

^electric, we can get R T with a decreasing value, or with an 
increasing value. 

Let me repeat then, in a few words, the ideas I have tried 
bring out in this discussion of the paper. 

First, Mr. Clark’s paper explains the shape of the curves in 
Kg. 8 to 18 by the presence of a permanent deterioration in the 
^electric. I have presented evidence attempting to show that it 
IS not necessary to assume permanent deterioriation to explain the 
shape of the curves, the evidence being, first, an actual experi¬ 
ment by^ Mr. Rayner in which no permanent deterioration oc- 
ourred with similar dielectrics; second, an analysis of Mr. Qark’s 


curves on another assumption; third, similar experimental curves 
where no permanent deterioriation did occur. 

It seems probable to the speaker that in actual tests the curve 
shape is the result of a combination of two factors, variation and 
deterioration. Only more consistent results for identical tests 
can determine this point. 

The most likely criticism of this discussion is that we are not 
dealing with the same thing in solid as in liquid dielectrics; 
that when we put a pair of electrodes down at a certain point on 
the solid dielectric, that point has certain properties which we 
will determine. Different points in the dielectric, it may be said, 
will vary widely, but a given point has rather definite properties, 
depending on the location of the electrodes. 

Of course this is a rather good point, but we can see that be¬ 
cause these variations are so very wide there must be something 
other than just a difference in the quality of the material to ex¬ 
plain these wide variations. Perhaps a very slight variation in 
test voltage may cause it. Perhaps the distribution of charges in 
the dielectric may cause the variation. Perhaps where we have 
it immersed in oil, actual movement of the oil due to osmosis in 
the fibers of the insulation may cause it. Perhaps a slight shift 
or change in pressure or distribution of pressure of the electrode 
occurs. I do not offer a complete physical explanation based on 



this other assumption, but I do feel that we are in danger in 
interpreting results based on averages determined from a few 
points which vary as widely as those shown in Mr. Clark’s tests. 

Herman Halperins It appears to me that the results of the 
tests in Mr. Clark’s paper need not alarm the makers and users of 
high-tension, impregnated-paper insulated cables. 

Pigs. 2 and 3 of the paper show that a preliminary application of 
voltage, equal to about 60 per cent of the normal rapidly applied 
breakdown voltage, results in deterioration of only about 6 per 
cent and that after a rest period of three minutes the original 
dielectric strength is entirely recovered. 

For the 12-kv., three-conductor cables purchased by the 
Commonwealth Edison Company in 1924, the normal rapidly 
applied breakdown voltage on the new cable at the factory would 
be about 100-kv. to 150-kv. The full-reel, high-voltage tests 
which were applied to this same cable was 32 kv. for five 
minutes and this volt«bge corresponds to only about 25 per cent 
of the normal rapidly applied breakdown voltage of the cable. 
The acceptance test on the cable after instsllation and the 
subsequent proof tests are made at voltages considerably lower 
than those of the full-reel, high-voltage tests at the factory. 
The transient voltages, as found at several substations by means 
of needle gaps, are seldom as high as 32 kv., when operating the 
cable. Therefore, the ratio of the extra high voltages that as 
applied to cables to their normal rapidly applied breakdown volt¬ 
age is considerably below the ratio of 60 per cent which Mr. Clark 
used as his previous application of voltage, as pointed out in the 
previous paragraph. 

In Fig. 4 the effect of applying for minutes a voltage of 
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about 65 per cent of the normal rapidly applied breakdown 
strength, is shown to cause a decrease of about 20 per cent in the 
instantaneous breakdown value of the insulation and the de¬ 
crease in the voltage time curve at three minutes is only 12 per 
cent. So one wonders whether or not the effect of this previous 
application of a high voltage would be further decreased if the 
voltage-time curve were extended to a matter of hours, months, 
or years. As I have previously pointed out, in testing high-volt¬ 
age cables, instead of using 60 per cent or 65 per cent of their 
normal rapidly applied breakdown voltage, the tests are at about 
25 to 30 per cent, so the effect of those tests are further minimized 
to a very small amount, as may be deduced from Mr. Clark’s 
work. 

In Fig. 7, the difference between Curves 2 and 3 show the effect 
of the long-time application of voltage at a somewhat lower stress. 
The difference between the two curves is only 3 per cent or 4 
per cent; hence it appears that nothing conclusive can be drawn 



Fig.. 6 


as to the effect of this application of 3300 volts for seven days, 
for any 6ne familiar with breakdown tests knows that test re¬ 
sults, which show only a slight difference in dielectric strength, do 
not deffmtely prove any point, because the indhudual test re¬ 
sists are liable to vary about 10 or 26 per cent. In connection 
with this curve, it is gratifying to learn that Mr. Clark expects to 
continue this work of the effect of long-time applications at lower 
voltages. The stresses which he is using for long-time applica¬ 
tion correspond to about the stresses used in full-reel high- 
voltage tests at the factory, after correcting for the thickness and 
form of the insulation. 

Last year the Commonwealth Edison Company tested several 
200-ft. lengths of three-conductor, 12-kv. cable. Some of these 
lengths were new cable as received from the factory and others 
were used cable which was removed from the system due to 
failures. The tests were made at 46 kv. three-phase with neutral 
grounded, and were continued until breakdown occurred. When 
a given length faffed, the portion near one end was removed in 
case that portion was short; that is, if we had a 200-ft, length and 
the failure occurred at the 176-ft. mark, the 25 ft. were removed, a 


pothead was attached at that end and the test was repeated. If 
the failure occurred neai* the center of the length, a short section 
of cable including the failure was cut out and a joint made. 
Then the length was again ready for test. This was repeated on 
the various lengths, with from three to six tests on each length. 

In the accompanying Fig. 6, the results of the tests on new 
cables are shown in the upper portion and those on old cables in 
the lower portion. In order to take into account the fact that the 
length of a given section of cable decreased due to cutting off 
portions, we plotted the product of the minutes to failure and the 
feet tested, against the number of the test on the length. For 
instance, on the second test, we took the results of all of the 
second tests on the various lengths, multiplied the minutes to 
failure of each section by the length of that section in feet, 
averaged all of these products, and obtained an ordinant of about 
11,000. In general, the increase in the life of the new cable was 
very marked, while on the old cable the product of the minutes to 
failure times feet tested remained practically constant. If the 
item of feet tested had not been considered, then the increase of 
minutes to failure would have been greater for both old and new 
cables than shown in the chart. 

Similar tests at higher voltages have been made on three- 
conductor, 33-kv. cable and the results are similar to those shown 
in the fi^re. That is, on the 33-kv. cable the average time that 
the section withstood the second and third tests was greater than 
the time which it 'withstood the first and second test, respectively. 

These tests, which were made at nearly four times the operat¬ 
ing voltage, indicate that one application of voltage of five to 
fifteen minutes at three or four times the operating voltage should 
produce practically no deterioration of the cable and should not 
affect its life in service. 

E« S* Lee: In connection "with Dr. Rlepian’s remarks regarding 
the effect of small laminations of the material as opposed to a 
greater thickness of the material, I want to bring to you some¬ 
thing that we have noted, to see whether other folks have noted 
it because I think it is of great interest. 

^ Fig. 7 herewith results of dielectric strength tests on some 
black varnished cloth -with both direct and alternating current 
are shown. It is interesting to see that while the relation be¬ 
tween breakdown voltage and thickness for both alternating 



current and direct current is approximately linear, the relation 
between dielectric strength and thickness for alternating current 
and direct current are quite different. This follows because the 
breakdown voltage-thickness curve with direct-current (extra¬ 
polated) cuts the x-axis, while the breakdo'wn voltage-thickness 
curve -with alternating current (extrapolated) outs the 2 /-axis. 

The point I want to bring to you is this: While the a-c. 
curve says we have a given voltage 'with no thiolmess, and 
the d-c. curve says we have a certain thickness with no 
voltage, the point I want to make is that they probably both go 
through zero. Whatever is happening there, then, appears to 
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be ba]>pening within the thickness of one sheet of material. 
This bears out what Dr. Steinmetz has said: that we will have 
to study very small distances between electrodes in our study 


be made in neglecting either the disruptive or the j)y]*o and 
conducting effects. Whether one or the other is the predominant 
cause of failure depends upon the conditions. 


of insulation. 

Just one other point: I did just as Mr. Halperin did in taking 
Mr. Clark's results and referring them to rated cable voltage 
and test voltage, and I came to the same conclusion that he did: 
that we were not in that range. But I noticed that when voltages 
occur on the system vdthin 200 or 300 per cent of normal rated 
voltage, they come within the range of Mr. Clark's results. So 
it may be that in cable operation the results shown by Mr. Clark 
do enter. 

R* W. Atkinson s As in the case of the discussion of Mr. 
Clark's paper authors of papers presented before the Institute 
are often criticized by physicists and engineers because not 
enough data are given, and authors are criticized by the Institute 
management because the papers are too long. These viewpoints 
are not always mutually exclusive, but very often they are, and 
an author always has quite a problem to meet both viewpoints, 
which are both very well taken. But usually a compromise 
must be arrived at, and usually both sides have some remaining 
good grounds for criticism. . 

I am very glad that Dr. Whitehead and Dr. Slepian have 
emphasized the fact that the pyroelectric theory of breakdown 
brought out by Dr. Wagner and Dr. Steinmetz is limited in 
application. Unquestionably this theory can explain break- 
dovm in many eases and unquestionably in many eases break- 
dovTi is of that character, but I am convinced that in many cases 
it is not. 


There is one conclusion in Mr. Clark’s paper that is very 
directly appheable to cable insulation in general. I do not 
know that it makes very much difference whether the explana¬ 
tion of the conclusion is deterioration, or whether the explanation 
is the random effect suggested by Mr. Crago, but this conclusion 
is that the total breakdown time for a given voltage is often or 
usually somewhere nearly independent of whether one test is 
made on a cable or several. If insulation will break down at a 
given voltage on an average in one hour, it does not make a great 
deal of difference whether it is ten 6-min. tests or one 1-hr. test. 

That is given with qualifications in Mr. Clark's paper, and 
I think the qualifications apply. But in general it has seemed 
in tests on samples of cable insulation and in reel lengths that that 
genei‘al conclusion applies. 


Peck, Jr.: It is a well established fact that when 
voltages above a certain value are applied to insulation, damage 
is done. If a succession of over-voltages is applied, the effect 
is accumulative. This is perhaps more simply shown by the 
following experiment with impulses of short duration than by 
Mr. Clark's data. A voltage is readily found at which a single 
impulse will cause failure. If this voltage is lowered somewhat 
it may require ten impulses to cause failure; at a still lower 
voltage one hundred, etc. Finally a voltage is reached where 
there is no failure on any number of applications. The cumu¬ 
lative effect of the successive impulses of over-voltage is not a 
pyro effect; it is not due to an accumulation of the heat from 
each application because it does not depend upon the time be¬ 
tween applications. It is caused by a disruption or tearing apart 
of the material without burning. Of course, this disruptive 
effect is quite different with different types of insulations. With 
certain electrically brittle insulations the effect is marked. With 
insulation bufit up of laminations filled with oil the effect is 
proba,blya mtoium because damage is repaired by the flow of. 
the oib I think that Mr. Fisher’s discussion illustrates this. 

In addition to the above disruptive effect, there is without 
doubt a. pyro effect. The pyro and conduction effect becomes 
predominant in certain insulations for moderate “over-voltages” 
and comparatively long times of application. The theory now 
generaUy known as the Wagner theory, fails, I believe, in thatit 
does not consider all of the variables. The mistake must not 


D. W, Roper: In the test described by Mr. Plalperiu the 
lead sheath of the cable was very thoroughly gi’ciintled so the 
operators could go along and feel the sheath with their liands and 
determine the location of the hot spots which developed through 
local heating. These hot spots were marked, for the purpose of 
orienting the subsequent failures. The failure occiUTed in the 
maximum hot spot in about 40 per cent of the cases. In 2.5 per 
cent additional, the failure occurred not in the maxiiuiiin hot 
spot, but in some other spot where the heating was appreciable. 
About 35 per cent of the failures occurred where the temperature 
was normal, that is, where there was no hpt spot. So that the 
number of cases in which there was no pyroelectric otToet was 
about equal to the number of cases in which the heating was 
apparently due to the pyroelectric effect descrilied hy K. W. 
Wagner. 

C. E. Skinner: ,I have been very much intcrest(j<l iu Mr. 
Clark's conclusions, particularly in view of my paper entitled, 
“Energy Loss of Commercial Insulating Materials Avlien Sul)- 
jected to High Potential Stress,” published in the 1902 Trans¬ 
actions of the Institute, page 1047. I would espersially refer 
to the numbered paragraphs, 1 to 8, inclusive, pages 1050 and 
1051. My tests were made with the view of deter!niiiiiig the 
effect of continued stress of various intensities and frequencies, 
but many of the conclusions from these tests anl.ieipal.(.i those 
given in Mr. Clark's paper. For example, IJiis statement 
appears, “The final breakdown in fibrous mat('rials iisiially re¬ 
sults from the burning of the material and not from mechanical 
rupture.” My paper discusses the general question under tJie 
headings, “Variation of Temperature due to Variation of Stross,”^ 
“Variation of Loss due to Variation of Temperature,'’ “Variation 
of Loss due to Variation of Voltago,” and “Variation of Loss clue 
to Variation of Frequency.” Mr. Clark has given the results of 
experiments made from a somewhat different viewpoint and it is 
naturally gratifying to find that where parallel conclusions are 
reached, they are substantially the same as those andvod at. by the 
very crude instruments and methods available to us twenty-two- 
years ago. 

V. M. Montsin^er (by letter): Mr. Lee has men¬ 
tioned one very interesting point and that is the variation of 
dielectric strength with thickness. I cannot quite agree with 
‘Mr. Lee in that if the first layer is neglected, the points fall on a 
straight line on coordinate paper, or in other words that the 
dielectric strength is proportional to the thickness. 

An examination of a large number of tests made on \airi(nis 
kinds of fibrous insulation shows that in almost every case the 
points fall on a straight line on log-log paper. This means that 
the strength vs. thickness can be expressed by the expression; 

K. 7. = A T\ where A is a constant T the thickness and 
n a numerical value depending mostly on the treatment of the 
material. 

If the material is untreated the value of u is close to unity. 

If the material is well oil-soaked or varnished, thc^ value is around 
7 3 or perhaps However, if the layers are very thin in the 
order of a few mils it is often found that the strength of the first 
layer is higher than the line indicates it should be. The effect m 
perhaps the same as what we find for air and oil, namely for very 
small distances the volts p6r mil goes way up and departs 
entirely from the law that holds for the larger thicknesses. 

As stated in Mr. Clark's paper, there is scheduled for publica¬ 
tion in the near future, an article by Mr. Clark and myself on the 
subject of dielectric strength vs. thickness and in which the sub¬ 
ject is discussed more thoroughly than is possible here. 

In reference to Mr. Bratt's formula, which states that the 
maximum strength is inversely proportional to the frequency of 
the applied voltage, I “[vould like to point out that while strength 
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decreases with an increase in frequency, it is not in any way 
inversely proportional as indicated by the formula. 

The results of a large number of tests covering a range of 
frequency from 25 to 420 cycles show that the factor F should 
have an exponent M whose value is approximately 0.137 for solid 
insulations. The difference in strength depending on whether 
the value of the exponent is 1 or 0.137, is of such a large magni¬ 
tude (hat it cannot be neglected. For example, if the strength 
was inversely proportional to the frequency, the dielectric 
strength at 420 cycles would be 7 or approximately 14 per cent of 
the strength at 60 cycles. As a matter of fact for solid insulation 
the 420-cyole strength is approximately 75 per cent of the 60- 
cycle strength. 

Full details covering this subject are given in my paper on 
“Effects of Time and Frequency on Insulation Tests of Trans¬ 
formers” appearing in the 1924 Transactions A. I. E. E. p. 337 . 

F. M. Clark: I would like to put one thing over and that is 
that I do not believe that I am attacking the pyroelectric theory 
of insulation failure. For that reason, I have been glad to hear 
Dr. Whitehead and others rise to the defense of the pyro theory in 
statements with which I can heartily agree. 

Any discussion of the heat theory of insulation failure, gener¬ 
ally involves, sooner or later, a discussion of “weak threads,” 
conducting particles and the like, and such a talk usually ends in 
a thorough condemnation of the paper manufacturer. I can 
not agree that the paper or cloth, or whatever may be the solid 
concerned, is the sole seat of the weak spots involved. There are 
all sorts of ways in which a weak spot may be formed not even 
remotely involving the characteristics of tlie solid itself. From 
work which I have done, enumerated in this paper and other¬ 
wise, it seems as if a weak spot might actually be formed as a 
result of the voltage application. For example, we know that 
some molecules are unsymmetrical and polar. They thus pos¬ 
sess the property of attracting other molecules. The water 
molecule has such a property and if present in oil it would be¬ 
come attached with its positive pole or it.s negative pole as the 
case may be toward the second molecule involved. This in 
effect would lead to a molecular polarization in the liquid di¬ 
electric possessing all of the characteristics necessary for a weak- 
spot formation. A thorough study of Fig. 17 will reveal the 
possibilities of this idea, in connection with the apparently 
cumulative effect of voltage upon insulating materials. 

If we assume this explanation, it will explain a large number 
of the questions raised in the dfecussion, I cannot take up all of 
these but there are several to which I desire to reply. 

Mr. Fisher and others have pointed out that apparently with 
viscuous materials such as impregnating agents the effect of' 
voltage application on cables is negligible. In view of the fact 
that the cable cited by Mr. Fisher was apparently very well 
treated and voids eliminated no objection can be raised on that 
score. But does Mr. Fisher not consider the fact that it is«some- 
what remarkable that every time his cable broke down and he 
repaired it, the next break was at about the same voltage? If 
we assume that each time a break appeared, we are removing a 
weak spot, the next breakdown ought to be higher. In other 
words, by removing the weak spots of the cable, the actual break¬ 
down ought to rise gradually with each succeeding test. The 
fact that it does not, might be explained from the standpoint of a 
cumulative voltage effect. 

I can only remind Mr. Skinker that it is realized that further 
study must be given to the effect of voltage application involving 
longer times that an arbitrary limit of 16 min. As stated already, 
however, this phase of the research is at present being investi¬ 
gated and will be reported upon at the appropriate time. Fur¬ 
thermore, as fajT as can be detected with the oscillograph, the 
effects of surges cannot be used to explain the voltage effects set 
forth. The possibility of surges has been considered and elim¬ 
inated. Mr. Luke has referred to the researches of Rayner on 


oded cloth in which a long-time voltage application produced an 
effect which did not disappear during a rest period. Although 
no oiled cloth has been investigated in these researches, there is 
no apparent reason why its behavior should not coiTespond with 
that cited for oiled paper. Certainly its behavior must not be 
confused with that given for varnished cloth which Mr. Luke has 
apparently done. If we accept the case of oiled cloth as parallel¬ 
ing that for oiled paper then there should be no recovery from the 
voltage effect. This is clearly illustrated in Fig. 4 of the paper. 

Mr. Luke furthermore points out the mechanical effect of 
impulses. These results are in agreement with work of similar 
natoe with which I am familiar. Apparently Mr. Luke has 
misunderstood the statement on the second page with reference 
to the behavior of fibrous oil-treated material heated between 
voltage applications and to mica. (Figs. 17 and 18). All 
actual voltage application has been carried out at room tem¬ 
perature. When the insulation has been heated between voltage 
stress, it has been cooled to room temperature before the next 
application of voltage. We have never been able to obtain evi¬ 
dence of an additive voltage effect under such conditions. The 
effect is cumulative and somewhat erratic as shown in the figures 
mentioned but in no sense strictly additive. Mica has always 
been found rather erractic in tests of this sort but the results are 
in general of the same character. 

Mr. Bratt has brought out the necessity of carefully distin¬ 
guishing between an instantaneous breakdown and a thermal 
breakdown. This necessity has been recognized throughout 
and it is for that reason that tlie paper has been carefully separ¬ 
ated into three parts. The very short-time test results are 
shown in Figs. 1 , 2 and 3. Figs. 8 et seq. deal with breakdown 
involving thermal considerations. These two groups are* con¬ 
nected by Figs. 4, 5, 6 and 7 showing the time-voltage relation 
involving a breakdown from those of “instantaneous” character 
to those involving thermal considerations. 

Mr. Crago has cited the work of Rayner in which a stress 
application of 11,000 volts produced a break in 12 sec. which 
was miaffected by a previous voltage application followed by 
sufficient rest period, the time of rest demanded being about 2 
min. A break involving only 12 sec. is of the same category as 
those designated in this paper as rapidly applied tests, involving 
roughly 10 see. For breaks of this character, it is shown that a 
decided recovery of the insulation occurs during a rest period 
after a voltage application. Furthermore, as given in Figs. 2 and 
3 the rest period demanded is approximately 2 min. although 
influenced somewhat by the value of the initial voltage stress. 

Mr. Crago has claimed that the insulation after being stressed, 
returns not to the original value nor to a poorer condition but 
to a random point, which if I understand him correctly may be 
even better than the original. I can merely say that we have 
never observed that the strength of insulation when once sub¬ 
jected to high-voltage stress has returned to a value better or even 
as good as the original when such strength is estimated by tests 
involving tliermal considerations, except in cases where the 
material has specifically been given a poor drying and oil-treat¬ 
ing process. Here, the results have obviously involved factors 
such as a further drying-out process, and the like, whose effect 
has overshadowed the effect of the applied voltage. 

Mr. Crago has objected to the conclusions of this paper on the 
ground that the results are based on tests involving vdde varia¬ 
tions which he calculated as amounting in some cases to as much 
as 60 per cent from the mean. He cites researches to support 
his contention using oil as the insulation investigated and draws 
conclusions based on the data illustrated in his Figs. 4 and 6 . 
And yet the results upon which his conclusions are based show 
such wide variations that it is surprising that they should be 
subnutted as scientific data. Thus he stated that the average 
relation of maximum to minimum of the 100 per cent points in 
the data which I have submitted is as 6.3 to 1 . The relation 
existing for the corresponding values of his research are as 33 to 
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1 for Fig. 4 and as 118 to 1 for Pig. 5, an average ratio of maxi¬ 
mum to minimum of 75.6 to 1. Stated otherwise, from Mr. 
Crago’s calculations of the variations in the data which I have 
submitted the deviations for the fibrous materials investigated 
ranges from as low as 20 per cent of the mean to values as high 
185 per cent of the mean. In Mr. Crago’s work he states that 
the variations of his Pig. 4 range from 8 per cent to 250 per cent 
of the mean value. For his Fig. 5, a study will show that the 
values range from about 2 per cent up to approximately 297 per 
cent of the mean value. Obviously, the factors involved in Mr. 
Crago’s work have not been sufficiently controlled and his results 
are condemned by his own contentions. 

But suppose we consider Mr. Crago’s results further. Why 
should his data suffer such a wide variation? Mr. Crago bases 
his experiments upon a time-voltage relation in oil. A study 
of pure liquid dielectrics and clean, dry oil in particular will reveal 
the fact that although the time lag is more pronounced than in 
air and other gaseous dielectric's, yet in no way is it comparable 
to that which has been found by Mr. Crago. It is only in the 
case of wet oil or oil containing contaminating dust or fibers that 
such a marked time-voltage relation can exist. Thus obviously 
what Mr. Crago is measuring is not the dielectric strength of the 
oil and therefore not the effect of voltage upon oil but rather the 
time factor needed to line up these contaminating materials in 
the 0.1-in. test gap. Thus the time factor involved will entirely 
depend upon the chance arrangement of these materials at the 
time of the voltage application together with the resistance which 
they offer to being sucked into the dielectric field. This explana¬ 
tion gives a reason why Mr. Crago should get two entirely 
differently shaped curves when he uses 30 kv. as compared to 27 
kv. in his experiments. The 30 kv. will ruptoe, he finds, in 
71.7 seconds as opposed to 326 seconds when 27 kv. is used. The 
lower voltage should obviously take longer to line up the fibres, 
dust particles, etc., in the test gap. This, however, is not the 
whole story. In his Pig. 4 the minimum time to puncture is 
8 per cent of the 100 per cent t?me value or 5 sec. In Pig. 5 
the mi n im um time to puncture is 2 per cent of the 100 per cent 
time value or about 6.6 seconds. Unless the experiment was 
very carefully controlled, this means that the oil broke down al¬ 
most immediately when the full voltage was impressed across 
the gap. Such a breakdown could be explained by the chance 
“bridge” arrangement of a contamination in the gap at the 
moment of voltage application. One would not expect under 
these conditions that the number of repetitions of stress times 


the time of each repetition to break down would be constant. 
Rather would one expect that with high voltage and therefore 
a very short time of repeated voltage application, the product 
of the factors mentioned might possibly be greater than the 
original continuously applied (100 per cent) value, since in this 
case the breakdown would almost entirely depend upon the 
chance arrangement of a conducting bridge across the test gap 
at the time the voltage was impressed. With lower voltages 
and longer time for the repeated voltage application, obviously 
the second factor, the sucldng of the contaminating material 
into the field would play a much larger part. The product of 
R X T might even be smaller than the original 100 per cent time 
value. This is because of the fact that although the importance 
of the “sucking actions” of the field has not been diminished to 
any great extent, nevertheless the possibility of the chance for¬ 
mation of a bridge has been materially increased by breaking 
the voltage application up into steps and the stirring up of the 
oil between each stress application. I can thoroughly agree with 
Mr. Crago that under the conditions of his experiments, he could 
obtain almost any law by the conditions of the test used. 

The ease of a 33-kv. cable has been cited by Mr. Halperin in 
which the average time a section withstood the second and third 
test was greater than the time it withstood the first. It must 
be remembered that in cable work failure may be due to a cause 
entirely foreign to the phenomenon investigated in this paper. 
For example, cable engineers recognize that a fundamental 
problem, in the manufacture of their product is the preparation 
and impregnation of the insulation in order to secure thorough 
drying and the absence of voids. When a cable fails premature iy 
it is generally assumed poor, not because of the cumulative effect 
of voltage, but because of poor treatment, drying and other 
mechanical factors in its manufacture. Thus in the ease of Mr. 
Halperin’s 33-kv. cable, is it not possible that the first failure, the 
second failure, etc., can be traced directly to some such cause? 
The removal of each successive section ought therefore to lead 
to higher ^d higher breakdown stress until only that insulation 
is left which contains a minimum of mechanically weak spots 
and thus allows the manifestation of the deteriorating effects 
due to the applied voltage. In the experiments of this paper, the 
use of a small vacuum-dried and well impregnated test specimen 
together with parallel-plane electrodes has prevented all such 
treating phenomena from being of major value and has thus 
allowed the effect of each voltage application an important place 
in the ultimate breakdown. 
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Synopsis. —Experiments were made to determine certain effects 
of high local voltage stresses in transformer oil. The resistiv¬ 
ity of the oU was measured by a special method immediatdy follow¬ 
ing a period of voUage stress. The results were; 

i. -A. greatly reduced resistivity when the stressing voltage was 
greater than that producing visible corona. 

A gradual increase in resistivity following removal of stress. 


The “rapidly applied" breakdown voltage teas found for samples 
of oil which had been previously subjected to high voltage stresses. 
The dielectric strength varied in a manner similar to the resistivity, 
but showed an actual improvement in dielectric strength when the oil 
was given a rest period of 15 minutes. 

Definite conchisions are given at the end of the paper, 

« * 


T he recent increasing investigation of the mechan¬ 
ism of conduction and breakdown in dielectrics 
makes any additional data bearing on this subject 
worth whiled This paper discusses certain effects on 
electrical, physical and chemical properties of trans¬ 
former oil when subjected to high local voltage stresses, 
dealing chiefly with certain temporary changes in 
conductivity and dielectric strength resulting from 
this treatment. 

In the latter part of 1928, Professor H. B, Smith of 
Worcester Polytechnic Institute raised the question 
of the possibility of the temporary lowering of dielectric 



JP'iQ. 1 Apparatus for Producing Corona and Measuring 
Series Conductivity 

4 

strength of oil due to high local voltage stresses, such as 
might occur at sharp comers in a transformer, al¬ 
though visible corona might not be present. Investi¬ 
gations were undertaken to determine this effect at 
potentials both below and above corona voltage. 

Resistance Measueembnts 

A needle gap was used as a source of the high-voltage 
p-adients. This gap consisted of a sharpened 0.05 
in. br^ rod spaced 12 in. from a ground plate. It 
gave visible corona at 55 kv., r. m. s. 

* Both of Westinghouse Electric & Mfg. Co., East Pitts¬ 
burgh, Pa. 

1. See Bibliography. 

Presented at the Midwirder Convention of the A. /, E, E., 
New Yorkf N. Y,, February 1925s * 


It was decided to try the resistivity of the oil as an 
indicator of its quality. It seemed probable that any 
reduction in the dielectric strength of oil would be 
accompanied by a reduced resistivity. Various 
methods of measurement were tried in an effort to find 
one suitable. A microammeter with a sensitivity of 
10“^ amper^ per scale division was placed in the circuit 
in series with the high voltage line (see Pig. 1) and 
properly protected, the 60-cycle alternating current 
passing through a condenser to ground and the direct- 
current passing through.ahigh inductanceand themeter. 
A direct-current bias of 1000 volts was used, and the 
direct-current across the needle gap measured. The 
sensitivity of the meter was not enough for quantitative 
results, but deflections we’e found and increased with 
the voltage. No ^ect was noted at potentials lower 
than that producing visible corona. 


300 Kv. Transformer 



Pig. 2—Glow-Tube Method of Measuring Oil Con¬ 
ductivity 

Piff. 2A is a detailed* sketch of the electrodes used In measurins 
conductivity 

Attempts to measure conductivity between a pair of 
electrodes (Fig. 2) were more successful. These 
electrodes were brass disks with rounded comers. They 
were in. in diameter, and ^ in. thick, spaced 0.10 
in. apart. The supporting ring was made of hard 
rubber, as were the tubes carrying the conductors to 
the electrodes. The assembled gap was suspended in 
the oil near the needle with the faces of the electrodes 
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in the same vertical plane with it, and at approximately 
the same level as its point. 

The conductivity of the oil was found by measuring 
the current flowing when 1000 volts d-c. was applied 
across the gap. This current was too small to be 
measured by available galvanometers. A novel type 
of meter was suggested by Doctor J. Slepian. This 
proved to be satisfactory for the service required. The 
circuit for it is shown in Fig. 2. It consists of a con¬ 
denser C in series with a 1000 volt generator G and the 
measuring gap. This condenser is shunted by a neon 
glow tube and a switch S. 

When switch D is closed and the generator is running, 
a small current passes across the gap, through the 
shunting switch and to ground. To measure this cur¬ 
rent, the switch S is opened,' and the time required for 
the condenser to charge up to the glow voltage of the 
tube is measured with a stop-watch. The tube glows 
momentarily. The elapsed time is recorded. This 
operation is repeated as often as desired. 

The approximate conductivity is found as follows: 
The generator was excited to give 1165 volts at the 
terminals. The glow voltage of the tube is 325 volts. 
The exact equation for the resistance, assuming it 


mately 2.67 X 10“ ohms. Converting this to resistiv¬ 
ity with the assumption that Ohm's law holds, the 
resistivity per inch cube with the above conditions 
would be, 

(1.5)* 

Q ^ T X 2.67 X 10“ = 4.73 X 10“ ohms. 

This is resistance measured in one second. Sixty 
seconds seemed to be about the limit of time for good 
results. This corresponds to a resistivity of 2.8 X 10'* 
ohms per inch cube. This method was simple and 
dependable, and gave the required degree of accuracy. 

In operation, tlie disconnect switch (Fig. 2) was 
opened. The desired stressing voltage was impressed 
on the needle-gap for a period of time. Immediately 
after removing this voltage, switch D was closed, and 
measurements of resistivity taken as indicated above. 

Dielectric Tests 

The actual dielectric strength of oil subjected to 
high local stresses was tested with a Westinghouse 
standard test-cup (diarp-comered disk electrodes, one 
inch in diameter, spaced 0.10 inches apart.) 


constant is: 

t 

T = —. 
C 



where 

E, is the generator voltage 
Et is the glow voltage of the tube 
r is the resistance of the oil across the gap 
C is the capacity of condenser C in farads 
t is elapsed time in seconds. 

As a first approximation, when Et is small compared 
to Eg, the current equation is. 


Pig. 


20x10“ 
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KILOVOLTS APPUEO ACROSS NEEDLE GAP 
3—Vakiation op Resistivity with Stbessino Voltage 
R esistivity measured with 1000 volts across 1/10 inch gap 



A sample of oil was drawn from the ■vicinity of the 
needle immediately after the stressing voltage was 
removed, and tested for breakdown, an average of five 
or more breakdowns being used. 

Experimental Results 


average gap voltage 
~ average current 

Eg-yiEt Eg-ljlEt t 
^ i ~ Et ‘ C 

but E,- 1/2 E, = 1165- 162.5 = 1002.5 volts. 

Using 1000 volts the resistance is, 

1000 t 
325' C 

This differs from the exact equation results by 1.1 per 
cffit. For a capacity of 0.000115 microfarads and a 
time of one second,* the resistance would be approxi¬ 


A series of tests was made on Wemco A transformer 
oil. This oil had been used for miscellaneous testing 
purposes previous to these tests, but still had a dielec¬ 
tric strength of about 33-kv -r. m. s., which is an indi¬ 
cation of good oil. 

Fig. 3 shows the variation of resistivity with the 
stressing voltage, the voltage being, applied for 16 min. 
Note the dip at 80 kv. and the lack of effects below 
55 kv., the corona potential. 

Fig. 4 indicates tte way in whidi the resistance varies 
with time after the stressing voltage is removed. The 
shapes of these curves vary considerably with individual 
tests. However, they all show: 1. That the low 
resistance is only temporary: 2. that a resistance meas- 
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yured About & minuto uftor stressing voltage is removed, 
3 s about as accurate as a resistance measured during 
stressing, since in general, the time-resistance curve 
approaches the zero-time axis nearly at right angles to it. 

Fig. 5 shows the extent of the affected region around 
the needle. The curve shows that the effect of corona 
IS very decided to a distance of one foot under the 
conditions of test. Since the effects observed last over 


the dielectric strength disappears entirely, and an 
actual improvement occurs. 


Initial 

breakdown 

Stressing 
kv. r. m. s. 

Time 

applied 

Resulting 

breakdown 

Breakdown 
after 15 min. 

32.S 

120 

16 min. 

29.4 

39.6 

29.6 

100 

IS min. 

26.4 

30.8 

20.6 

100 

1 hr. 

25.0 

30.2 


Fxg. 



4 Variation of Resistivity with Time After Stress¬ 
ing Voltage is Disconnected 


a period of minutes, it would be very unlikely for them 
to be highly localized, as there would be a spreading 
diie to diffusion. 

JFig. 6 indicates the effect of time of application of 
the high gradient on the dielectric strength of the oil, 
showing that most of the lowering of the dielectric 
strength occurs very quickly. 



B’lo. 5 —^Extent op the Affected Region in the Tank 

The variation of dielectric strength with stressing 
voltage is shown in Fig. 7. The effects are not notice- 
sikyle at voltages which do not produce visible corona, 
hut become pronounced at higher voltages. The hump 
iix the curve at 100 kv. is discussed later. 

The following table brings out very emphatically the 
•temporary nature of the corona effects. For each of 
■the three tests, the strength of a sample was measured 
in the test cup. Then a stressing voltage was applied 
•to the needle gap for the indica^ time. Two samples 
were then taken from the region near the needle. 
One was given a dielectric test immediately. The other 
■vvns tested after 16 mih. In each test, the lowering of 


Attempts to find permanent effects on the oil due to 
the stressing voltage were unsuccessful. The con¬ 
ductivity of samples taken before and after stressing, 
was measured accurately several days aftowards. 



Pig. 6—The Effect op Duration op Stress on the Dielec- 
’ TRIG Strength of Transformer Oil 
100 kv. applied on needle 

The percentage of unsaturates was also determined. 
The only variations in these quantities were such as 
could be accounted for by ordinary experimental error. 
The water content seemed to gradually decrease as the 
tests progressed, but varied with the number of tests 
rather than as any fimction of the stressing voltage. 

Accuracy op Results 

It is not the desire of the writers to give an impression 
of great accuracy in the quantitative results obtained. 
As in most tests with dielectrics, the variations were 
wide. To a certain extent, tests used in producing the 



KILOVOLTS APPUED ON NEEDLE FOR 19 MINUTES 

Pig. 7—The Effect of High Local Voltage Stresses on 
THE Dielectric Strength of Transformer Oil 


curves are selected tests. However, the tendencies 
and shapes of the curves are definite and are found in 
practically all of the .tests made. It is this rather than 
the quantitative results which should be emphasized. 

Discussion 

Certain parallels may be drawn between the effects 
of corona in oil and the phenomena of ionization in air. 
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The conductivity in both cases must result from the 
presence of charges capable of moving. The normal 
conductivity in air is due to a very few ionized particles 
which are always present. The normal conductivity 
of oil might be due either to the transfer of electrons 
from one metal electrode to the other across conducting 
particles, or to the presence of positively and negatively 
charged ions in the oil or of the oil, migrating due to 
the electric field. As the voltage stress becomes very 
great, molecules may be tom apart into plus and minus 
ions. Due to the relatively high viscosity, and the high 
molecular weights, the diffusion rate, and consequently 
the rate of recombination of the charged particles and 
their rate of migration in an electric field, is very slow. 
This would account for the persistance over a period 
of minutes of the effects noted. 

As to the effects on the dielectric strength: In air, 
the dielectric strength is hardly affected unless the 
ionization is intense enough to produce space charge 
and disturb the voltage gradient. In oil, the ionization 
necessary to produce a space charge will be much less 
since the mobility of the ions is so low. No attempt 
has been made up to the present to determine mathe¬ 
matically the possibility of space charge with the 
degree of ionization foimd in the experimental results. 
It should be possible to do this, and it will be attempted. 

The ^^hurnp'' mentioned in the curves of kv. vs. 
resistivity and kv. vs. dielectric strength (Fig 3 and 
Fig 7) was unexpected. When the first curve of the 
dielectric strength was determined, a smooth curve was 
drawn with a downward curvature, assuming thelOO-kv. 
value as high and the 80-kv. value as low. However, 
when the run was repeated several days later, a curve 
identical to the previous one was obtained. The same 
hump was later found to exist in the resistance values. 

One plausible explanation of this hump, and one 
which is presented because no better one appears, 
follows. 

Tests made with oil of low water content did not show 
the decided dip at 80-kv. It is possible that the size 
of water particles are such that they migrate rather 
rapidly at the 80-kv. value, so that they exist in the 
concentrated electric field in rather large numbers, 
thus affecting the breakdown. At the 100-kv. point, 
the migration may be so rapid near the needle that the 
water content is reduced. Unfortunately, the water 
content was not determined for the tests referred to, 
and the oil was later destroyed. 

Conclusions 

The above tests allow certain definite conclusions 
to be drawn: 

1. That, with the type of needle gap used, no 
appreciable effect on the electridal characteristics of the 
oil occurs below the point where visible corona starts. 

^ 2. .That above this potential, a phenomenon similar 
in some respects to ionization in air, occurs with oil. 


3. That with the sample of oil used, the resistivity 
and breakdown do not continually decrease as the 
stressing voltage is increased. 

4. That the effects noted are produced in a very few 
minutes and are temporary in nature. 

5. That, since the effects described in this paper all 
occur only at voltage stresses which produce visible 
corona, they do not exist in properly designed com¬ 
mercial apparatus. 
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Discussion 

J* B« Whitehead: It has been known for a long time that 
liquid dielectrics of even the best type are subject to a moderate 
electrolytic dissociation, which means that the ultimate parts 
of the dielectric are at all times, some of them, in a state of 
separation as regards their component charges—not many, but 
some of them. 

The laws of conduction in liquid dielecti'ics (and all liquids 
have some conduction) are in every way consistent with the 
theory of dissociation that has been built up for gases. It is 
possible to ionize liquid dielectrics. It is possible to subject 
them to a regular ionizing agency, and it is possible to measure 
the rate of recombination of the ions so formed. We have 
plenty of evidence to prove that liquid dielectrics may be ionized. 

So I think it was a great pity that Messrs. Crago and Hodnette 
should have gone to such great trouble to show that under certain 
circumstances oil may have an appreciable conductivity. The 
fact has long been known. 

Also, I would like to ask them whether they considered the 
use of the corona-tube as a method for investigating conductivity. 
It appears to me that if they had used a small tube and a small 
wire, the tube being filled with many holes, and immediately 
outside of it an insulated electrode, that they would have had 
not nearly the trouble in finding a method for measuring the 
current caused by the conductivity of oil. 

M. F. Skinker: • While Mr. Crago and Mr. Hodnette were 
interested primarily in securing an answer to an engineering 
problem, it is to be regretted that they did not add a few 
refinements which would have insured freedom from errror. 

Let us see what is required for an accurate scientific investi¬ 
gation and try to outline what should have been done in these 
experiments. 

It is necessary that all conceivable variable factors be kept 
constant except those which you are attempting to correlate by 
the investigation. It sometimes happens that a factor cannot 
be kept constant and a correction must be made in the final 
result. This, however, should only be done as a last resort. 

In the experiments on corona in oil, we have to consider the 
electrical measuring devices, the oil, the electrodes, and the oil 
in contact with the electrodes. Fortunately, nearly every one 
takes care to see that the electrical measurements have a high 
degree of accuracy. 

With regard to the oil, the authors only imply that it was clean 
and dry by saying the dielectric strength indicated good oil. 
Why did they not attempt.to purify the oil first? I might sug¬ 
gest that if some fine pieces of metallic sodium, or a little alumi¬ 
num chloride were mixed in the oil and then filtered, this would 
have removed all the water and almost all other impurities. 
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By an appropriate cover for the testing vessel impurities could 
have been kept out during the experiment. 

Care must be used with parallel plate electrodes which are 
close together for the electric stress may weU be high enough to 
alter the spacing by several per cent. 

It should also be well known that catalytic action of the brass 
or common metals in the oil can materially affect the results of 
any experiment. The simplest and most effective way of pre- 
ventmg this would have been to gold-plate all metallic surfaces 
m contact with the oil, as done by Lee and Kurrelmeyer in their 
experiments on gases. 

With these simple precautions the authors could have col¬ 
lected data that was really worthy of definite conclusions. 

^The test of accurate data is in the following question: “Can 
this experiment be reproduced in another laboratory and exactly 
the same results obtained?” 

The test of properly recorded work is in the question: “Have 
all the conditions under which this experiment was performed 
been recorded, so that others may draw their own oonclusions 
from the data?” 

If these two questions cannot be answered in the affirmative, 
the experiment is hardly worth publishing. 

I make this plea for more scientific work because I believe 
it is only in this way that we may eventually solve the insulation 
problems. 

J* A. Duncans There are two significant statements in the 
paper by Messrs. Crago and Hodnette, namely: “This oil 
had been used for miscellaneous testing purposes previous to 
these tests, but still had a dielectric strength of about 33-kv. 
r. m. s., which is an indication of good oil,” and, “Unfortunately, 
the water content was not determined for the tests referred to, 
and the oil was later destroyed.” 

^ P. W. Peek showed in 1915 that a sample of dry transfl 
oil had a dielectric strength of 62.3 kv., and that the addi¬ 
tion of moisture to the extent of one part in twenty thousand 
caused a 50 per cent decrease in dielectric strength, while twenty 
times this amount of moisture only reduced the dielectric 
strength sixty per cent. This certainly shows that it is the first 
trace of moisture which causes the greatest decrease in strength 
and indicates the importance of the removal of this trace from 
oil which is to be used for any scientific purpose. Of course, I 
do not know how “Wemco” oil compares with ordinary transil 
oil, but whatever the relation may be, it is safe to say that com¬ 
parison would probably be more favorable to a recently and 
carefully dried sample of Wemco than to one with a long and 
unknown past. 

I should like to suggest with Drager in the very paper cited 
by the authors that it may be the ■ presence of moisture which 
provides the conducting particles mentioned by the authors 
in the first paragraph on the fourth page of the paper. On the 
other hand, attention was called to the fact that “as the 
voltage stress becomes very great, molecules may be torn apart 
into plus and minus ions.” Evidently they mean to consider 
the possibility of ions being formed by the actual disruption of 
the hydrocarbon chains into parts, each containing one or more 
carbon atoms, this in addition to those formed by the simple 
removal of an electron from the molecule. Long carbon chains 
such as we have to deal with here are so easily broken up by the 
action of heat that it does seem reasonable to suppose that they 
might also be broken up by the action of the electric field. If 
such ionization does take place, and Dr. Whitehead has just 
told us that some ionization is known to occur, it could be 
identified by its effects on certain properties of the oil such as the 
temperatures at which various components of the oil would distill 
off from the remainder. When these long molecular chains do 
break it is not generally at the center. We have the possibility 
of ions containing anywhere from one carbon atom to one less 
than the normal number in the original oil molecule. The prod¬ 
ucts of recombination will then vary anywhere from neutral 


molecules of two carbon atoms, which would be ethane gas, 
to one of two less than twice the normal number of carbon atoms! 
There, abnormally long molecules might again ionize and some 
of the ions recombine to form still longer and therefore heavier 
molecules. Such breaking up of the molecules and recombina¬ 
tion into molecules both lighter and heavier than normal is 
Imown to take place in oils when heated to sufficiently high 
temperatures. In fact, this action is the very basis of one of our 
well-known commercial processes for the manufacture of gaso¬ 
line from crude oils. 

I am sorry that the experiment on corona in oils was not 
continued far enough and long enough to give 4ihese recombina¬ 
tions a chance to occur in detectable amounts. The products 
are easily detected when present. The abnormally heavy 
ones will settle to the bottom of the oil as a sludge. The abnor¬ 
mally light components will distill off even at near room' tem¬ 
peratures and are detectable by various means. There is one 
method of detecting the formation of the gases which although 
known long before my time was discovered independently by 
me in a very striking manner. It was by the simple process of 
bringing a lighted gas jet a little too near the mouth of a flask 
half filled with transil oil which had just been heated td slightly 
above the cracking point. In this case I am forced to join in 
the conclusion that unfortunately that sample of oil is no longer 
available for further tests. 

One of the conclusions is “That the effects noted are produced 
in a very few minutes and ai*e temporary in nature,” and a curve, 
Eig. 7, is drawn which shows that the dielectric strength passes 
through a cycle.^ In this connection it seems well to emphasize 
the fact, and this applies not only to the experiment under dis¬ 
cussion but to all others as well, that because one property of a 
substance passes through a cycle all other properties pass through 
a cycle and return* to their original value. One could name an 
endless number of cases in which this is not so, and Dr. Hans 
Staeger mentions one which is particularly applicable here.^ 
Under the influence of metals as catalyst, the acidity of an oil, 
for example, may pass through repeated cycles, while the sludge 
formation and contamination of the oil proceeds cumulatively 
with the total time. 

In that connection, T only want to refer to the conclusions 
which we have considered most important, and see whether they 
have not been drawn from the data presented. Probably the 
most important is a negative conclusion: “That since the effects 
described in this paper all occur only at voltage stresses which 
produce visible corona, they do not exist in properly designed 
commercial apparatus.” 

This was the main object of the tests and was, I believe, 
proved rather definitely. 

The other conclusions you have already heard and they are 
in the paper. We feel that they are not extremely definite con¬ 
clusions, but have been definitely based on the work, the results 
of which have been given. 

I might say in connection with this catalytic action of brass 
electrodes that Mr. J. E. Shrader of the Westinghouse Company 
several years ago made a large number of tests on conductivity 
of oil using gold, copper, silver and brass electrodes, with results 
so nearly identical that differences were within the limits of 
experimental error. 

1 wish to say in conclusion that I do feel that the paper presents 
data which should be useful as a guide for future work, that * 
we get these effects at rather large distances from the electrodes, 
and that they do not occur below corona voltages. 

A. C. Crajos I realize that those discussing our paper, 
Corona in Oil,” have been at a disadvantage because the paper 
was printed within the last week. I believe that the scope of the 
tests has been somewhat misunderstood. For that reason I wish 
to give in more detail the reasons the tests were made and the 


1. Schmitz Elekiroiechniser Verein Bulletin, March 1924. 
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conditions under which they were conducted, reading two para¬ 
graphs from the paper. 

The tests as they were originally planned were intended to 
discover whether there w^ere deteriorating effects in oil below a 
voltage which would give visible corona with certain type of 
electrodes in the oil. We, therefore, first made an attempt to 
find these effects. This was naturally an engineering problem, 
which we expected to solve in a short time. Since we did not 
find any effects below corona voltage, we continued the work 
further with higher voltages. The conditions were not greatly 
changed in extending the work. 

Quoting the paper: ‘‘In the latter part of 1923, Professor 
H. B. Smith of Worcester Polytechnic Institute raised the 
question of the possibility of the temporary lowering of dielectric 
strength of oil due to high local voltage stresses, such as might 
occur at sharp corners in a transformer, although visible corona 
might not be present. Investigations were undertaken to 
determine this effect at potentials both below and above corona 
voltage.” And: 

“It is not the desire of the writers to give an impression of great 
accuracy in the quantitative results obtained. As in most oases 
vdth dielectrics, the variations were wide. To a certain extent, 
tests used in producing the curves are selected tests. However, 
the tendencies and shapes of the curves are definite 
and are found in practically ail of the tests made. It is 
this rather than the quantitative results which should be 
emphasized.” 

Let us take the discussions in the order in which they were 
presented. Professor Whitehead has expressed regret that we 
have gone to the trouble to show that there is electrical con¬ 
ductivity in oil, and points out that this conductivity is in¬ 
fluenced by radioactive or other radiating sources. If the 
sole purpose of the paper had been to demonstrate the existence 
of these two ’well-known phenomena, we agree that the paper 


would be without value. I believe that Professor Whitehead 
has misunderstood the purpose of the paper, which was not to 
show that there is a conductivity, but more to show the effects of 
a particular source of ionization, which may be found in practise. 
The use of the “corona tube” was not considered. 

Mr. Skinker asks us two questions, which I will quote: “Can 
this experiment be reproduced in another laboratory and exactly 
the same results produced?” Certainly and emphatically no. 
The word “exactly” cannot be used properly with respect to 
experimental results. 

“Have all the conditions under which this experiment was 
performed been recorded, so that others may draw their own 
conclusions from the data?” All conditions have, of course, not 
been recorded. This is a physical impossibility. Whether 
conditions neceeeary for the condusiona drawn have been given 
must be judged by those who read the paper; not by the 
authors. 

I might say in connection with the catalytic action of brass 
electrodes, mentioned by Mr. Skinker, that Mr. J. E. Shrader 
of the Westinghouse Research Laboratory points out in an un¬ 
published paper that the conductivity of oil using gold, silver, 
brass, copper and nickel electrodes show no greater differences 
than the experimental errors. 

Mr. Duncan states that “dry transil oil had a dielectric 
strength of 62.3 kv.” omitting to state; 1. whether the value 
is r. m. s. or peak; 2. the shape and spacing of electrodes. This 
figure thus cannot be compared with that of 33 kv. r. m. s. given 
for Wemco “A” tested in the present Westinghouse standard-test 
cup. Most of Mr. Duncan’s discussion, although raising interest¬ 
ing possibilities and explanations of certain phenomena, is out¬ 
side the scope of the paper and does not affect the conclusions 
drawn. 

Note See also discussion of this subject by Joseph Slepian, 
page 202. 
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Synopsi8»~^\Vith the i/tcveciscd Muguitudes of shovt^ciTcuit ciiT^^ 
rent obtained in modern busbar circuils, it hccomea a matter of great 
importance to deUrmine the mechanical slresacs imposed on busbar 
supports during short circuits. The stresses are due to the electro¬ 
magnetic force produced by the current flouring in adjacent con¬ 
ductors in the bus structure. When uscfidly applied, the electro¬ 
magnetic force propels electHc motors, or sends the pointer of a volt¬ 
meter along the scal.(i; but the same electromagnetic force when 
destructively applied may bring about rupture of bus supports, 
distortion of conductors or even shut-down of stations. In the 
days when currents were low, or when large spacings between con¬ 
ductors were maintained, a support sufficienily slrofig to carry 
the weight of the conductors often was sufficient to leithstand the 
stresses, due to the electromagnitic forces, hut unj^h large short- 
circuit currents and with reduced spacing between conductors, a 
more accurate knowledge of the stresses due to the electromagnetic 
forces is absolutely essential to the designer. 

The eleciromagneMc force has been the subject of investigations 
in the past not only for the case of busbars hut also for transformers, 
currenUimiting reactors, and disconnecting switches. In the case 
of busbars, as well as in some of the other cases mentioned, the 
stresses resuUtng from the action of the forces applied are very 
materially affected by the vicchafdcal vibrations produced. The 
vibrations of the busbar for example have been carefully analyzed 
by BiernmmsX who showed that a busbar rigidly supported could he 
considered as a single-element vibratory system similar to a sy.S“ 
tern comprising a mass suspended from an elastic spring. In 
the customary busbar siructures, howev(^\ the supports also are 
appreciably resilient, so that the busbar-insulator structure must he 
regarded as a system having two vilrratory elements joined to¬ 
gether, i. e., a composite structure resembling, far instance, the 
system comprising a turbine rotor keyed to a flexible shaft, the shaft 
bearings being atkiched to an elastic base. 

Hence, the determinaiion of short-circuit stresses in busbar 
supports involves a study of the tvansienl vibrations occuftring in 
the busbar structure which is essentially a damped mechanical 
system composed of two vibratory elements and having two inter¬ 
related natural frequencies, the system being impelled during short 
circuits by a decreasing electromagnetic force having a unidirectional 
component and two harmonic components, one at current frequency 
and another at twice the current frequency. The elecirofnagneiic 
force upon the busbar itself is given by a well-known formula in* 
volving only the current magnitude, the conductor spacing, and the 
length of busbar span. This force, however, acts upon the busbar 
rath&r than on the insulator, and the insulator is stressed only 
indirectly, after a lime lag, as a result of the bending of the busbar. 
Therefore, the likelihood of failure of the support hinges not only 
on the initial electromagnetic force hut also on the rate of decrement 
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of that force and upon the vibratory characlmstics of the husbar- 
insulalor system. 

This paper gives an analytical method of maximum stress 
ccdculation ha.wd on all of the factors mentioned, for the basic 
case of a bus structure having long, straight, uniform, parallel 
busbars with equidislnnt, rigidly mounted supperrts of uniform 
characteristics. The method of calculation is a general one appli¬ 
cable to all cases of cla,siic husha7\s intermittently supported, 
irrespective of whether the conductors are placed face-on or edge-on 
unth respect to the supports and irrespective of whether the supports' 
themselves are stressed in bending tension or comp 7 *ession. 

The actual bus structure is, of course, ofkun quite complex in¬ 
volving, for instance, the effects of tap connections, bends unequal 
spans, non*uniform currcnl division. Special consideration may 
have to he given to these factors in many cases. Moreover, in 
structures with long spans whci'c the forces so net as to cause relatively 
large busbar deflections, the tensioft set up along the busbar may 
cause large secondary bending stresses in the supports, which 
stresses act in a direction at right angles to the stresses covered by 
the fo7^muln.i developed in the paper. For this type of structure, the 
secondary stresses have often proved to he the controlling factors in 
design. 

The method of calculation presented here differs from those 
employed in the pa.si, since the calculations used herelofoi'e have 
only partially taken into account, or totally 7 ieglectcd, the osdl* 
laiory characteristics of hushars and of supports. 

Since the natural frequencies of busbar structures range fro 7 n, 
say, 10 to S(M) cycles per second, mechanical resonance is within 
common possibility in buses of SS-cycle drcuils ns well as in hiues 
of 60-cyclc circuits. While not all cases of resonance give rise to 
stresses greatly in e.vccs.'i of those at non-i'csonance, resonance in 
some cases multiplies the stresses five or even ten times. It ivUl 
often he possible by proper methods of design so to change the 
natural frequencies as to avoid the cases of resofiance giving extra 
heavy skrsses. 

The analytical equations developed for stress calculation are 
inherently complex, but their results may be expressed with sufficient 
accuracy in the form of curves, each group of curves covering a wide 
range of cases. A representative curve is given in this paper in Fig. 1 . 
The development and use of any practical set of working curves 
depends in a large measure upon a detailed knowledge of the 
mechanical charuclerisUcs of the structural elements involved. 

The following paper conlams a discussion of the factors af* 
feeling support stresses and an outline of the practical procedure 
for maximum sujyporl stress calculations, including illustrative 
examples. The appendix contains the development of the equations 
used in the calculations. 

The equations have been confmned by tests on mmialure and on 
full scale structures. Typical test results are presented. 


Introduction 

T he design of busbar layouts calls for the deter¬ 
mination of the stresses occurring in the bus 
supports during short circuits, because the stresses 
in question may become sufficiently large to weaken, or 
even rupt ure, the supports. Moreover, an under- 
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standing of the factors affecting the stresses will often 
permit the designer to modify the layout so as to re¬ 
duce the stresses, and thus save material or prevent 
failure. Hence investigations have been directed to- 
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wards the calculation of support stresses due to elec¬ 
tromagnetic forces caused by short-circuit currents in 
busbar structures. 

The investigations involved are: 

Tests to determine the mechanical characteristice of 
busbar structures; measurements of the support siresses 
due to short-circuit currents in assembled bus slruc- 
tures; an analysis of the electromagnetic forces during 
short circuits; an analysis of the vibrations of bus 
structures; establishing a practical formula for approxi¬ 
mate calculations of maximum stresses. 

The progress made in the investigation is, in a large 
measure, due to D. Basch, for his helpful counsel and 
practical suggestions; C. W. Prick, for effectively 
conducting tests and making calculations; and L. F. 
Woodruff for his valuable cooperation in the experi¬ 
mental and theoretical studies in the early part of the 
work. 

Definitions 

The electromagnetic force, as considered within the 
scope of this paper, is the mechanical push or pull which 
is caused by the short-circuit current and its magnetic 
field, and which is exerted on the busbars; i. e., it is 
the force tending to displace the busbars from their 
normal position. 

The support stress is the mechanical reaction of 
the support, the reaction being due to the elastic 
restoring forces set up in the support when deflected; 

i. e., the tendency of the support to push back towards 
its position of zero deflection in so far as the tendency is 
caused entirely by the resilience stored in the support. 
Hence the stress in a support is a direct measure of its 
approach to failure. For an elastic support, deflected 
within its elastic limit, the stress is proportional to the 
deflection regardless of whether the support is at rest or 
in motion. 

Vibrations op Bus Structure Must Be 
Considered 

While it has been fairly well known how to predict 
the electromagnetic forces acting on busbars during 
short circuits, the problem of determining the stresses 
imposed on the bus supports,.as a result of the electro- 
ma^etic forces, has not been fully understood, as 
indicated by the fact that calculations have frequently 
been made on the assumption that the maximiun stress 
imposed on a bus support is equal to the maximuTii 
electromagnetic force calculated for one span of the 
busbar. Actually, the support stress is ordinarily not 
of the same magnitude as the electromagnetic force per 
busbar span, on account of the vibratory characteristics 
of the busbars and of the supports. The peak stress 
on riie supports may be far above or well below the 
ma x i mum value of the electromagnetic force per span, 
depending on the natural frequencies of the busbar 
structure. Hence, stress calculations onploying simply 
the peak value of electromagnetic force, or any ofier 
value of electromagnetic force, witiiout proper allowance 


for the motional characteristics of the bus structure 
can ordinarily be expected to give but a rough approxi¬ 
mation to the correct values. Since the methods of 
stress calculation employed in the past have only 
partially taken into account, or totally ignored, the 
oscillatory character of busbars and of supports, a 
method of calculation which includes the effects of the 
mechanical oscillations in the structure has been 
developed. 

Object 

It is the object of this paper to present 

1. A brief review of the factors affecting support 
stresses. 

2. An outline of the basis for stress calculations. 

3. A practical procedure for approximate support 
stress calculations. 

Review op Principal Factors Affecting 
Support Stresses 

In order to arrive at a basis for .stress calculations, 
the factors affecting the stresses must be considered. 
The principal ones are: The electromagnetic force, the 
current decrement, tiie niechanical characteristics of 
busbar structures, their motional resistance, and 
mechanical resonance. 

The Short-Circuit Current and the Electro¬ 
magnetic Force 

The electromagnetic force acting on a pair of parallel, 
straight, current-canying conductors (in the absence of 
magnetic bodies), is proportional to the product of the 
currents. If, for example, the currents are symmetrical 
sine currents of constant effective values, the force will 
consist of a harmonic (alternating), component at 
double the current frequency superposed on a constant, 
(or direct) force component, the amplitude of the 
harmonic component being equal to the magnitude 
of the direct component. 

The maximum forces will result from short-circuit 
currents whose waves are displaced from the zero value 
of current. For example, in the ease of a two^re short 
circuit giving an initial sine-wave current fully dis¬ 
placed, i. e., having the largest value of direct com¬ 
ponent of current, the electromagnetic force is com¬ 
posed of three parts: A harmonic component at current 
frequency, a harmonic component at twice the current 
frequency, and a direct component (of constant value 
if the decrement is neglected). The relative amplitudes 
of the two harmonic force components are, as is well 
known,* 1.38 for the first harmonic component and 0.33 
for the second harmonic component, if the direct 
component is eqrial to 1.0. The proportions given are 
not maintained throughout the short-circuit transient, 
because the current decrement does not affect all flie 
force components equsdly, as is indicated by the fact 
that the first-harmonic force component vanishes 
completely, while the second-harmonic amplitude and 
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the direct component are reduced to finite sustained 
values of equal magnitudes. Since the maximum 
stresses are reached during, say, the first fifth of a 
second of the short circuit, the first harmonic com¬ 
ponent of electromagnetic force will always be a vital 
factor in stress calculations for displaced short-circuit 
currents. 

The foregoing considerations indicate, at once, the 
importance of the direct component of the short- 
circuit current on the stresses. If we compare the 
electromagnetic forces and their components at the 
beginning of the short circuit (two-wire short circuits) 
in the two cases, a, for an undisplaced (symmetrical) 
sine-wave current, and 6, for a fully displaced sine- 
wave current having the same peak value of alternating 
component as that in case a, we find, in accordance with 
Table I, neglecting the current decrements, that 

1. The fully displaced current has an average 
value (or direct component) of electromagnetic force 
three times as great as that of the symmetrical current. 

2. The peak value of the electromagnetic force for 
the totally displaced current is four times as large as 
that of the symmetrical current. 

3. The symmetrical current has no .first-harmonic 
component of electromagnetic force, while the totally 
displaced current has a first-harmonic component of 
electromagnetic force four times as large as the. second- 
harmonic force component of either case. 

In the case of three-phase short-circuits, the currents 
are not in phase, nor are the amounts of displacement 
the same for the three currents. Moreover, each 
conductor is acted upon at any instant by two electro¬ 
magnetic forces, one from each of the other two conduct¬ 
ors, Examination of typical three-phase short-circuit 
currents has indicated that the total electromagnetic 
force acting on any of the three conductors has direct, 
first-harmonic, and second-harmonic components simi¬ 
lar in character to, but differing in relative magnitudes 
from, those of the two-wire short circuit. As a rule, 
however, the electromagnetic forces for two-wire short 
circuits in a given bus system are greater than those for 
three-phase short circuits, so that the stresses calculated 
for two-wire short circuits are generally the ones on 

TABLE I 

Comparison of Blectromagnetio-Force Components for Fully Displaced 

and for Symmetrical Short-Circuit Currents, for Two-Wire 
Short Circuit 


The a-c. component of the fully displaced short-circuit current has the 
same amplitude as the symmetrical current. Wave-shape sinusoidal 
in both cases. Current decrement noi^locted. 



1 Components of electromagnetic 

1 force 


OuiTent 

Direct com¬ 
ponent* 

1st 

Harmonic* 

2nd 

Harmonic 

IVCaximum 

Electro¬ 

magnetic 

Force 

Symmetrical sine cur¬ 
rent. 

0.333 

0 

0.333 

0.667 

Totally displaced sine 
current.. . 

1.0 

1.333 

0.333 

2.667 

^Average value of total electromagnetic force 

i. 



which to base the design. In some cases of second- 
harmonic resonance (or near-resonance) consideration 
should be given to the three-phase short-circuit stresses. 

The Current Decrement 

The current decrement, as already mentioned, 
causes a reduction, with time, of each of the electro¬ 
magnetic force components, each component having 
its own rate of decrement. Obviously, the decrements 
must be considered in stress calculations, particularly 
in view of the fact that the peak stress frequently 
does not occur until several cycles after the beginning 
of the short circuit. 

The Mechanical Characteristics op 
Busbar Structures 

The relative magnitude of the electromagnetic force 
components discussed would be of little practical signifi¬ 
cance in the determination of maximum support stresses 
were it not for the resilient and oscillatory character¬ 
istics of the mechanical elements of bus structures. 
It is well known for instance, that, a hard-drawn 
copper busbar, when deflected through the customaiy 
range of amplitudes occurring in practise, has sub¬ 
stantially elastic properties, and is capable of oscil¬ 
latory motion when suddenly impelled by an external 
force, such as a short-circuit electromagnetic force. 
Thus a copper bus one-quarter inch thick by four inches 
wide, rigidly clamped to supports forty-eight inches 
apart, has a natural frequency of 16 cycles per second, 
when suddenly impelled in the direction at right angles 
to its faces. The plain 16-cycle motion will occur, for 
example, when a direct-current short circuit is suddenly 
applied to a pair of busses of the kind described, if 
the two bars are placed face to face. Likewise, when 
the cu^nt is suddenly switched off, the bars will tend 
to spring back to their, normal positions, and similar 
vibrations at 16 cycles per second will be set up. The 
mechanical damping, which, in the presence of the 
magnetic field set up by the current, includes the damp¬ 
ing due to eddy currents, will gradually reduce the 
amplitude of the free vibrations. 

The important points to be emphasized by this 
elementary example are;. 1, that the reaction of the 
supports against the bar—a force which for the case in 
question is proportional to the defiection of the bar, if 
elastic and deflected through small amplitudes—^will 
be a pulsating reaction (or stress) varying harmonically 
with gradually diminishing amplitudes, although the 
suddenly applied electromagnetic force is of constant 
value; 2, tiiat the maximum support stress will be 
reached roughly 0.03 sec. after the application of the 
electromagnetic force; 3, that the value of the maxi¬ 
mum support stress for all supports but the terminal 
ones will materially exceed (by nearly 100 per cent) 
the electromagnetic force per busbar span; and 4, tiiat 
stress pulsations will continue for a considerable time 
after the electromagnetic force is removed. The 
fourth point has no direct bearing on the maximum 
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support stress during short circuits, but is brought out 
to indicate the most decided difference between the 
support stress and the electromagnetic force as observed 
in this simplest of illustrations. 

If inat.«»ad of the direct-current short circuit, an 
alternating-current 60-cycle short-circuit is suddenly 
applied to the busbars under discussion, there will be 
not only the 16-cycle free vibrations at the beginning 
but also forced vibrations at 60-eycles if the initial 
current is displaced, and 120-cycle vibrations of much 
smaller (in this case negligible) amplitude, all oscilla¬ 
tions being superposed upon a direct component of 
deflection, the latter corresponding to the direct com¬ 
ponent of electromagnetic force. To put it in other 
words, the support stress has a natural-frequency 
component not present in the electromagnetic ‘ forde 
and two forced-frequency components of relative 
magnitudes which differ from the corresponding com¬ 
ponents of electromagnetic force because the busbar 
responds rather selectively to impressed forces of 
various frequencies, being most partial to vibrations 
near its natural frequency. 

In the preceding simple illustration, the resilient 
and vibratory characteristics of the support have been 
totally left out of consideration by assuming the busbar 
rigidly clamped at its points of support. Actually, 
however, most bus supports are appreciably flexible 
in the sense that a force applied at the point of support 
of the busbar, as under short-circuit conditions, will 
materially deflect the support. Moreover, most sup¬ 
ports possess sufficient resilience, if deflected witiiin the 
range of safe d^ections, to have oscillatory character¬ 
istics similar to those of busbar spans, as has been dem-i 
onstrated by nximerous tests. For example, a typical 
porcelain busbar support, tested without a busbar, 
had a natural frequency of 45 cycles per second, the 
frequency being measureably modified by the mass of 
the busbar when clamped to the support. 

When busbars are moimted on flexible supports, in 
the customary manner, the motion of the busbar span, 
as well as the motion of the support, shows fwo dcminant 
natural fregmneies which occur in combination in each 
of the two structural members when electronmgnetic 
forces are suddenly applied. Accordingly, the support 
stre& at tiie beginning of a short circuit contains two 
natural-frequency components in addition to the forced- 
frequency components. Furthermore, the forced-fre¬ 
quency support-stress components are related to the 
corresponding electromagnetic-force components by a 
modiilating factor involving both of the natural 
frequencies. 

To summarize:—the support stress during short 
circuits is, as a rule, materially affected by two natural 
fluencies due to the flexible and resilient characteris¬ 
tics of the busbar spans and of the supports. In view 
of the two natural frequencies mentioned, bus supports 
respond selectively to impressed electromagnetic forces 
at different frequencies; hence, the magnitude of tiie 


electromagnetic force and its mode of variation with 
time are not usually representative of the magnitude 
and mode of variation of the support stresses. The 
peak stresses depend most decidedly upon the natural 
frequencies of the bus structure. 

Damping Due to Motional Resistance 
OP Elements op Busbar Structure 

In view of the importance of the natural-frequency 
components of support stress, the effect of damping on 
their amplitudes must be considered. The damping is 
easily determined by test and is readily incorporated in 
the stress calculations. The tendency of some types of 
bus supports not. to return completely to their original 
positions, after a given stress has been applied and 
removed, has been shown to affect the amount of damp¬ 
ing during vibrations. As a result of the various types 
of mechanical construction employed in bus supports, 
the magnitude of the damping and its effect on the 
peak stress differ for different tsqjes of supports, as 
demonstrated by test data. While the amount of 
damping is sufficiently appreciable to require considera¬ 
tion in ordinary stress calculations, there is not enough 
present in the customary structures to prevent, in 
some cases of resonance, stresses several times as great 
as those occurring at non-resonance, under otherwise 
similar conditions. 

In connection with the foregoing, attention is called 
to the case of bus supports which do not clamp the 
busbar, but merely guide it loosely, so that a sudden 
thrust upon the busbar may cause it to be slapped with 
considerable impact against one side of the guides. The 
slapping effect is not generally desirable because of 
possible excess stresses, and when present must be 
allowed for in calculations. 

The conclusion is therefore reached that, in a great 
many cases, both the busbar span and the support may 
be regarded as substantially ela.stic bodies for stress 
calculations, but the mechanical damping during oscil¬ 
latory motion must be properly taken into account. 
The natmal frequencies, as well as the damping effect, 
are readily determined by tests and have been obtained 
for a variety of structural members, not only whai 
tested separately but also when fully assembled as in 
practise. 

Resonance 

Resonance occurs when one of the electromagnetic- 
force components has a frequency equal to one of the 
natural frequencies of the bus structure. Since the 
natural frequencies of busbar structures range from, 
say, 10 to 300 cycles per second, reson 2 ince is within 
common possibility in buses of 25-cycle circuits as well 
as in busses of 60-cycle circuits. While not all cases of 
resonance give rise to stresses greatly in excess of those 
at nonresonance, the stresses may, in some cases, be 
multiplied five or even ten times, because the effect of 
resonance on the maximum stress depends not only on 
the damping due to motional resistance of the stmct- 
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Ural elements, but also, and to an even greater extent,— 
on the magnitude of the non-resonant natural frequency. 
It is best, of course, to avoid the cases of resonance 
causing, extra-heavy stresses by suitable design of 
bus structures. 

Basis for Stress Determinations 

An exact calculation of stresses taking into account 
the particular values of all the variables involved in 
any one problem would be extremely laborious, even 
if at all feasible. .On the other hand, a method of 
approximately estimating maximum stresses on the 
basis of selected conditions and average representative 
constants has been established and is presented in 
this paper. The results so obtained are sufficiently 
accurate to be applicable to a large number of cases and 
have been found to be in reasonably good agreement 
with stresses observed in tests. Obviously, it would 
be a lengthy and costly procedure to make tests for 
the purpose of observing the stresses under the large 
variety of conditions met in practice. 

The technical analysis of test data and the application 
of theoretical considerations gave the following results: 

1. An analytical procedure for determining the 
support stress and its components in terms of the 
electrical and mechanical factors involved. 

2. A simple routine formula, which, with the aid of 
practical stress curves, gives the maximum support- 
stress. The curves are calculated by the method 
indicated in No. 1, and with the aid of experimentally 
observed constants. 

The analytical procedure for stress determinations 
involves an analsmis of the mechanical forces reacting 
against the impelling electromagnetic forces during the 
vibrations of busbar and of support. In the stress 
calculations presented here elastic busbars and elastic 
supports were assumed and the two natural frequencies of 
the busbar structure were taken into account as well as 
the motional damping and current decrement. The 
specific circuit conditions selected for the stress cal¬ 
culations are a sine-wave short-circuit current,* the 
maximum amount of displacement of current from the 
S3mimetrical position at the beginning of the short 
circuit, and separate rates of current decrement for 
each of the short-circuit current components. The 
theory upon which the stress calculations are based is 
outlined in the Appendix. 

Practical Formula for Maximum Stress 
Calculations 

The stress formula and the stress curve presented here 
are based on the following selected conditions: 

Two-wire short circuits with the maximum amount of 
initial current displacement. 

Average initial rates of current decrement applicable 

, *While the analysis, outlined in the Appendix, has been applied 
to the basic case of sme-wave currents, the procedure is, of course, 
readily applicable to currents having a number of barmoTiic 
components, such as, a two-wire short-circuit current having 
a decided second-harmonic component. 


without material error to maximum stress determina¬ 
tions for short circuits in systems for which the short- 
circuit reactance does not exceed, say, 30 per cent. 

An average value of mechanical damping applicable 
to a variety of bus structures having copper bars and 
porcelain insulators. 

The application of the formula and of practical stress 
curves calls for the following data: 

1. Initial value of r. m. s. total short-circuit current. 
Id, as obtained from accepted short-circuit current 
decrement curves, f Jo ampere. 

2. Length of busbar span between centers of sup¬ 
ports, I in. 

3. Dimension of individual busbar lamination 
(measured in the direction parallel to plane of deflection) 
a in. 

4. Dimension of busbar perpendicular to a, b in. 

5. Center spacing between bars (or groups of 
bars) mounted on separate insulators, s in. 

6. The two natural frequencies fi and of the busbar 
structure: they are most readily obtained by a simple 
test, 

7. The frequency / of the current. 

The procedure is to calculate Fa, the electromagnetic 
force exerted on a length of busbar span by the initial 
r. m. s. value of total short-circuit current, from the 
formulat 

Fa = 4.6 X 10“^ X k X Iii^ -- lb. perspan§ 

o 

and to obtain the maximum .support stress P from the 
formula 

P — p Fa lb. per support 

where p is the stress factor obtained from stress curves 
selecting the value of p corresponding to the two natural 
frequencies of the bus structure. Fig. 1 gives a sample 
stress curve for 60-cycle currents. 

Additional working stress curves, similar to that of 
Fig. 1, but covering the full range of natural frequencies, 
or other ranges of conditions, may, of course, be pre¬ 
pared by the same procedure. 

Examples op Stress Calouia.tions 
Example No. 1 

Two-wire short circuit between phases A and B, in 
Fig. 3. Each bar 4 in. by 34 in* copper. 

Jo = 15,000 amperes 
I — 48 in. 

_s = 6 in. 

tBibliography No. 14. 

fAssuux'jig uniform current distribution in the conductors. 
§The factor As is a shape correction factor. It depends on the 
width, thickness and si>acing of the bars, and allows for the well- 
known fact that the electromagnetic forces between bars are not 
always the same as those obtained on the assumption that the 
entire current is concentrated at the center of each bus. The 
value of k frequently diffors from 1.0, especially in oases of 
closely spaced bars. The necessary values of k have been cal¬ 
culated and plotted by H. B. Dwight, Bibliography No. 11. 
and are reproduced here in Pig. 2. 
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a = 

b = 4 in. 

/i = 15 cycle per sec. 

= 45 cycle per sec. 
f =60 <qrcle per sec. 

I 

Fo = 4.5 XlO-*A:Io*- 

o 


To get the shape-correction factor, k 
a' — a = 0.25 in. 

6' = 6 = 4 

s — a' 5.75 a' 

4.25 b' 

Then k = 0.94 from Fig. 2. Hence 


0.25 

4 


= 0.063 



Fig. 1—Curve of Stress Factor p 

For the calculation of maximum support stress during dOyCycle short 
drcuite. for values of/i, lower natm*al frequency, ranging from 5 to 150 eye. 
per sec. and for the value of/ 2 , higher natural frequency, equal to 180 eye. 
per sec. The maximum support stress is pFo» where Fo is the electro¬ 
magnetic force per busbar span for the initial r. m. s. (total) short-circuit 
current. 

The curve of p is calculated for the following specific constants (see 
Appendix). 

Hi ^ U2 ■= 6 
« = 12.6 
h » 2.2 

Attention is called to the fact that the two natural frequencies /iand /2 
of the assembled busbar-insulator structure often differ very materially 
from the values of busbar natural frequeneg for rigid supports and of support 
natural frequeneg without the busbar. The differences in question are due to 
the support flexibility affecting busbar deflections and due to the busbar 
mass affecting support vibrations (compare, for example, equations (1) and 
( 14 ) in the Appendix). 

A useful formula and a simple chart fpr the deteirntnation of the natural 
frequency of busbars with rigid supports are given by L. F. Woodruff 
(Bibliography No. 34), but do not apply to busbai'-insulator structures 
with flexible supports. 


Fo = 4.5 X 10-8 X 0.94 X150008 X -g =76. lb. per span 
P = pFo 

p = 1.6 calculated by equation (33),* or from curves of 
stress factor similar to that in Fig. 1 plotted in accord¬ 
ance with (33). 

Then the maximum stress is 

P = 1.6 X 76 = 122 lb. per support. 

The support must bedesigned to withstand thisstress. 
The maximum electromagnetic force, however, is - 

8 

g X 76 X 0.98 = 164 lb. per span, where the factor 


‘Damping and current-decrement constants nsed are the 
given, at the end of the appendix. 


- is due to the relation between peak and average 

o 

values of electromagnetic forces for totally displaced 
currents (see Table I), and the factor 0.9® allows for a 



Fig. 2—Shape Correction Factor k for the Calculation 
OP Electromagnetic Force 

Prepared by H. B. Dwight and Published in the Electrical World, Vol. 70, 
p.523 

The electromagnetic force between parallel, rectangular bars is given 
by the formula 


7 ' 

F « 4.6 -10*" lb. per span 

s 

where I is the length of span in inches, s the spacing between conductors 
in inches, and I the current in amperes. 

When the electromagnetic force is to be calculated between a going and a 
return conductor, each being a single rectangular bar of dimensions a by b, 
the values of a' and 6' for the calculation of the shape correction factor k are; 
a' = fl and b' ^ b 

When several bars are clamped together In a group, the shape correction 
factor k may be computed approximately by considering the group to be 
replaced by a single solid conductor having the same outside dimensions as 
the groxip. • Thus let the outside dimensions of the group be a* by b', and 
obtain k from Fig. 2. The approximation Is xisually very close when uni¬ 
form current division between the laminations is provided—as, for 
Instance, by proper transpositions—but may be less close when the current 
division is non-miiform. 



Pig. 3—The Bus Steuotvrb Considered in Example 1 


10 per cent current decrement during the first half¬ 
cycle of short-circuit current. It is seen that, in the 
case under discussion, the peak electromagnetic force 
is more than 30 per cent larger than the maximum sup¬ 
port stress. 
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Example No. 2 

Two-wire short circuit between phases A and B in 
Fig. 4, each phase having two copper bars 4 in. by in., 
with in. air space between bars. 

Jo =16,200 amperes 
I =56 in. 
s = 7.26 in. 
a = 4 in. 
b = in. 

fi = 26.5 cycle per sec. 
fi = 280 cycle per sec. 

/ =60 cycle per sec. 

Then 

Fo = 4.5 X 10-« XkXlo^ — 

s 

where k is found from Fig. 2 with the aid of 
a' = o = 4 in. 
b’ =0.75 in. 

In accordance with Fig. 2 

s-a' 3.25 
a' + b' ~ 4.76 “ 


Example 3 

Busbar structure similar to that shown in Pig. 3, 
except that two 4 in. by in. copper bars are mounted 
on each support and that the length of the busbar spans 
is 28 in. The two bars per phase are separated by an 
air space of in. Calculate the maximum stress for a 
two-wire phase-to-phase short circuit. 

Jo = 26,000 ampere 
I =28 in. 
s = 6 in. 
a = in. 
b = 4 in. 

/i =20 cycle per sec. 
fi = 60 cycle per sec. 

/ = 60 cycle per sec. 
k is found from Pig. 2 with the aid of 
a' = 0,75 in. 

6' = 6 = 4 in. 

In accordance with Pig. 2, 

s-a' 5.25 
a' + b' ~ 4.75 


a' • 4.0 



A & 

Via. 4 ^Thjd Bus Structure Considered in Example 2 
and 

k = 1.06 from Pig. 2 

Hence 

• I KC 

Fo=4.6xlO-«Xl.06xl6,2002X-;^-^ =96 lb. per span 

and the str^ factor p, obtained from a curve aiTwiiar 
to that of Fig. 1 (or by calculation from (33)) is 1.8 
Thus the maximum stress per support is 
P = 1.8 X 96 = 173 lb. 

A test was made on the bus in question with a 26- 
cycle current, rather than a 60-cycle current. The test 
at 26-cycle per sec., gave a measured peak stress of 305 
lb., for the same value of initial r. m. s. short-circuit 
current, ». e., 16,200 amp., as indicated in Fig. 8. The 
gr^tly increased stress at 25 cycles is due to nearly 
perfect resonance, the natural frequency A = 26.6 
cycle per sec. being practically equal to the frequency 
of the fundamental component of electromagnetic 
force. It is therefore seen that in a given bus a short- 
circuit current of one frequency, say 26 cycle per sec., 
may produce a much greater stress than the same, cur¬ 
rent of anothOT frequency, say 60 cycleis per sec. 


a' 0.76 
b' ~ 4 “ 

and 

k = 0.94 from Fig. 2 

Hence 

Po=4.6 X 10-» X 0.94 X 25,000* X ^ = 212 lb. per span 

The calculated stress factor p is 1.9. Thus the maxi¬ 
mum stress is 

P = 1.9 X 212 = 403 lb. per support. 

It is seen that the maximum stress is not excessive 
although resonance occurs, because the non-resonant 
natural frequency is well below the resonant frequency, 
as already indicated. 

Results op Tests 

A large number of tests were made to check the stress 
calculations: 1, on small-scale structures of definitely 
known and readily adjustable mechanical character¬ 
istics and 2, on full-size typical busbar-insulator struc¬ 
tures with short-circuit currents up to 25,000 amperes. 
The resifits of the tests were in good agreement with the 
calculations. In the following will be given some of the 
results obtained in the full-size testa. 

The support deflection curve (with time) as well as 
the busbar deflection curve (with time) were recorded 
by oscillograph, with the aid of specially designed dis¬ 
placement recorders. Moreover, the deflections of the 
insulators were measured for slowly applied constant 
loads, so that the support stresses could be calculated 
from the oscillographic support deflection records. 
The bus structures used had five or more uniform busbar 
spans per phase. 
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Test No. 1 

The object of this test was to compare test results of 
support stress with calculated results for a bus structure 
employing porcelain insulators with a long busbar span 
(56 in.) in which the bars were mounted face-down on 
the'^supports, as shown in Fig. 4. The center spacing 
between phases was 7.25 in., two 4 in. by in. bars 



Pig. 5—Oscillogb.\m Pertaining to Test No. 1 

Upper curve: 25-cycle current, initial r. m. s. value 14900 amperes 
Middle curve: Center deflection of busbar span 0.19 In. maximiun 
Lower Curve: Deflection of support at level of busbar center 0.16 in. 
maximiun 

being used per phase. ' The two natural frequencies of 
the structure were 26.5 cycle per sec. and 280 cycle 
per sec. 

In the oscillogram, Fig. 5, are shown in the upper 
curve the 25-cycle short-circuit current of 14,900 amp. 
initial r. m. s. value, in the middle curve the center 
deflection of a busbar span, in the lower curve the sup- 



SEC. 

Pig. 6—Current and Stress Curves fob Test No. 1 
Upper: Current from Pig. 5 

Curve A: Support-stress curve by test, from Pigs. 5 and 7 
Curve B ; Calculated support-sti'ess ciuve, by eauation (40) and on the 
basis of the following constants: /i * 25 eye. per sec., h ** 280 eye. per 
sec., fc *» 26 eye. per sec., m =« n 2 ■ 5, ^ = 12.6, h - 2.2 

port deflection occurring at the level of the busbar. 
Fig. 6 shows, in the lower part, the support-stress curve, 
A, by test (from Fig. 5) together with a calculated sup- 
port-stress curve, B, calculated for a lower natural 
frequency of 26 cycle per sec. (by equation (40) of tiie 
App^dix). In view of the almost perfect resonance 
obtained in the test, the stress factor for Twa Yimnni sup¬ 
port stress is 8.5, meaning that the maximum support 


stress is 3.5 times the initial average electromagnetic 
force per span. Moreover, the maximum support 
stress is 76 per cent greater than the electromagnetic 
force calculated from the maximum value of short-cir¬ 
cuit current (21,600 amperes) measured at its first peak. 

The load-deflection curve for the insulator appears 
in Fig. 7. 

In Fig. 8 reasonably good agreemmit is shown between 
test points and a calculated curve of peak stress for 
short-circuit current values ranging from 8000 to. 
19,000 amperes, under the conditions of Test No. 1. 



DEFLECTION. IN. 

Fig. 7—^Load-Deflection Curve fob Support used in 
Test No. 1 

Loads constant and slowly appUod at the level of tho busbar. Deflection 
measured at level of busbar 

Center pacing between phases 8.75 in. 

One 4 in. by in. bar per phase 
Natural frequencies 26 cycle per sec. and 130 cycle 
per sec. 

Test No. &. 

The object of Test No. 2 was to compare test results 
of support stress with calculated results for a bus struc¬ 
ture emplo 3 H[ng porcelain insulators with a short busbar 
span (20 in.) in which the bars were mounted edgewise 
on the supports but face-to-face with respect to each 
other, as shown in Fig. 3. 



INITIAL R.RS.TOTAL CURRENT. AMP. 


Fig. 8—Comparison of Maximum Stresses by Test and by 
Calculation 

For conditions of Test No. 1 

Points obtained by test, curve by calculation 

Current freqpency 26 cycle per sec. 

Initial r. m. s. current 19,900 amperes. 

In Fig. 9, curve A shows the experimental stress- 
time curve. Curve B was calculated for perfect tuning 
by equation (40) in the appendix. The early dropping 
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off of the stress oscillations observed by test is probably 
due to the somewhat non-elastic behavior of the sup¬ 
port at the heavier loads, as indicated in Fig. 10. 

In Fig. 11, the calculated peak stress at the higher 
current values is materially above the test points—a 
result consistent with the larger values of damping to 



Pig. 9—Current and Stress Curves for Test No. 2 

Upper curve: 25-cycle current, Initial r.m.s. value 10900 amperes 
Curve A: Support-stress curve by test' 

Curve B: Calculated support-stress curve, by equatlou(40) and on the 
basis of the foUowing constants: fi = 26 eye. per sec.. A = 130 eye. per 
sec., fc = 25 eye. i>er sec., m = /is * 5. // « 12.0, h «= 2.2 

be- expected. At the lower currents, however, test 
results and calculations are in fairly good agreement. 
Test No. 3. 

The object of this test was to measure the stresses 
occurring in a structure having supports of the insu¬ 
lated-rod type, where the damping resistance is low. 



Test No. 2 

Loads constant and slowly applied at the level of the busbar. Deflection 
measm’ed at level of busbar. Wliere dips are shown, the load was reduced 
and subsequently increased. 

Accordingly the bus structure of Fig. 12 was employed. 
Each conductor of the two-conductor loop was a 4 in. 
by % in. copper bus, the center spacing between con¬ 
ductors being 7.25 in. and the longitudinal spacing of 
suppoi:ts being 45.5 in. The lower natural frequency 
of the structure was 27 cycle per sec., while the higher 
one was 60 cycle per sec. 


Curve A of Pig. 13 shows the support stress variation, 
by test, from the beginning of the short circuit for an 
initial current of 22,800 amperes. The maximum stress 
peak did not occur until after the fourth current peak, 
on account of the low damping rate. Examination of 
free-vibration records for the structure of Pig. 12 showed 



INITIAL-R.M5.TOTAL CURRENT. AMPERES 

Fig. 11 Comparison op Maximum Stresses by Test and 
‘ BY Calculation 
For conditions of Test No. 2 
Points^obtained by test, curve by calculation. 
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Fig. 12—The Bus Structure Used for Test No. 3 


0 as 1.0 1.5 ^0 Z5 3D 3;5 4.0 45* S.0 

NO. OF CURRENT CYCLES 

0 0.04 a08 ai2 0.16 0.20 

SEC. 

Fig. 13—Current and Stress Curves for Test No. 3 

Upper curve: 26-cycle current, Initial r.m.s. value 22800 amperes 
OiU’ve A : Support-stress curve by test • 

Curve B: Calculated support-stress curve, by equation (40) and on the 
basis of the following constants; fi « 25 eye. per sec., A « 60 eye. per sec 
fe « 26 eye. per sec., /ii « n 2 « 12, a = 9.7, h » 2.2 

that the resonance sharpness* (diminishing with in- 
creased damping) was more than double that found in 
Tests No. 1 and No. 2. With the aid of the higher 
v^ue of resonance sharpness the calculated Curve B of 
Fig. 13 w as obtained. The maximum experimental 

♦Defined by equations No. (30) and No. (31) in the appendix. 
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support stress by test was 6.3 times the initial average 
electromagnetic force, on account of (1) the nearly 
perfect resonance and (2) the reduced damping resist¬ 
ance. 



Fig, 14—Loa*d-DefiiBction Curve for Support Used in 
Test No. 3 

Loads constant and slowly applied at. the level of the busbar. Deflection 
measured at the level of the busbar. 

Attention Is called to an insulator calibration curve 
given in Fig. 14. 

Test results and a calculated curve of peak stresses 
for the structure of Fig. 12 are presented in Fig. 15, 



ITig. 15 CouPABisoN OP IMaximvm Stbbss bt Test and bt 
Calcvlation 

For the conditioiis of Test No. 3 

Points obtained by test, curve by calculation 

for ^ort-drcuit current values ranging from 14,000 to 
23,000 amperes. 

Test No. ji.. 

In tills test the dastic limit of a porcelain insulator. 


similar to those used in tests 1 and 2, was considerably 
exceeded. 

The conductor consisted of two 4 in. by }4 m. copper 
bars mounted in the same manner as the one bar shown 
in Fig. 3. 

The bus structure when vibrating through small 
amplitudes had natural frequencies of 10 and 28 cycle 
per sec. 



Fig. 16—Oscillogram Pertaining to Test No. 4 

Upper curve: 25-cyclo current., initial r. m. s. value* 18200 atnpercs 
Middle curve: Deflection of support A at level of biishur. 0.10 in. 
maximum 

Lower curvo:* Deflection of support H at hjvel of hushar’, 0.:i0 in. 
maximum 

Note: Supports .4 and J3 wore adjticcnt insulators in t-hc nuddU* of the 
bus structure 


Fig. 16 is a test record showing a 26-cycle short-cir¬ 
cuit current of 18,200 initial r. m. s. amperes and two 
support-deflection curves (lower curves). The corre¬ 
sponding calculated stress curve, calculated for the two 
natural frequencies of 10 and 25 cycle per .sec., is that 



Fig. 17—Current and Stress Curves Relating to Test 

No. 4 

Upper curve: 25-cycle current, initial r. m. s. value 18200 amperes; 
(assumed fully displaced); decrement factors: g « 12.6, h ^ 2,2 
Lower curve: Calculated support-stress curve, for the curreut plotted 
in upper curve and on the basis of the following constants: /i « 10 eye. per 
sec., /2 « 26 eye. per sec., fe - 26 cy.c. per sec., m = m » 5 , r/ « 12.6, 
A « 2.2 


of Fig. 17. The support load-deflection curve is given 
in Fig. 18. While the experimental deflections from 
Fig. 16 clearly show the 10-cycle natural-frequency 
component, the 26-cycle forced-frequency component 
of stress is present but less pronounced than that pre¬ 
dicted from the calculated stress curve (Fig. 17). The 
discrepanigr is due to the non-elastic behavior of the 
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support at the larger deflections which reached values as 
large as 0.4 in. 

Attention is called to the deflections and stresses of 
eonaderable magnitudes occurring in a direction op¬ 
posite to that of the electromagnetic force—an observa¬ 
tion made in a number of tests and consistent with pre¬ 
dictions by calculation. Bus supports must, therefore, 
be designed with reference to stresses of either direction. 
The maximum stress will be in the direction of the aver¬ 
age electromagnetic force. 

Summary 

1. A method of calculating the mechanical stresses 
in busbar supports during short circuits is developed 
and presented^ 

2. The method of stress calculation given here takes 
into account the following factors; The short-circuit 
current, its decrement rate, the electromagnetic force 
due to the current, the natural frequencies of busbar 
structures and their motional resistance. 

3. The method of calculation differs from those 



Pig. 18—^Load-Deflection Cuhve fob Supfobt Used in 
Test No. 4 

Loads constant and slowly appUed at the level of the busbar. Deflection 
measured at the level of the busbar. Where dips are shown, the load was 
reduced and subsequently increased. 

employed in the past since the calculations used hereto¬ 
fore have only partially taken into account, or totally 
neglected, the oscillatory character of busbars and of 
supports. 

4. Tests have demonstrated that not only the bus¬ 
bars, but also most types of supports are flexible and 
may be treated, for the purpose of estimating stresses, 
as having elastic properties. 

5. When busbars are mounted on flexible supports, 
in the customary manner, the motion of the busbar 
span as well as the motion of the support show two 
dominant natural frequencies which occur in combina¬ 
tion in each of the two structural members when electro¬ 
magnetic forces are suddenly applied. The natural 
frequmicies are determined by a simple test, when 
feasible, or by calculation from the mechanical constants 
of busbar and of support. 

6. In view of the two natural frequencies mentioned, 
bus supports rei^ond selectively to impressed electro¬ 
magnetic forces at different frequencies; so that the 
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ma^ilnde of the electromagnetic force and its mode of 
variation with time are not usually representative of the 
magnitude and mode of variation of the support stresses. 

7. Since the natural frequencies of busbar structures 
range from, say, 10 to 300 cycles per sec., mechanical 
resonance is within common possibility in buses of 26- 
cycle circuits as well as in buses of 60-cycle circuits. 
While not all cases of resonance give rise to stresses 
^atly in excess of those at non-resonance, resonance 
in some cases multiplies the stresses five or even ten 
times. It will often be possible by proper methods of 
design so to change the natural frequencies ds to avoid 
the cases of resonance giving extra heavy stresses. 

8. In the analysis of stresses presented the bus 
structure is treated as a two-element vibratory system, 
i- c., as a mechanical system having two elastic oscil¬ 
latory elements joined together—a composite structure 
resembling, for instance, the system comprising a tur¬ 
bine rotor keyed to a flexible shaft, the shaft bearings 
being attached to an elastic base. 

The analysis of bus-support stresses presented here is 
applied to the basic case of a bus structure having long, 
straight, uniform, parallel busbars with equidistant, 
rigidly mounted supports of uniform characteristics. 
The method of calculation is a general one applicable 
to all cases of elastic busbars intermittently sup¬ 
ported, irrespective of whether the busbars are placed 
face-on or edge-on with, respect to the supports, and 
irrespective of whether the supports themselves are 
stres.sed in bending, in tension or in compression. 

9. The transient motion and stresses obtained by 
teste 6n full-size structures were found in most cases to 
be in substantial agreement with the results calculated, 
proper allowance for damping and current decrement 
being made in the calculations. Special calculations, 
not covered by No. 8 will, however, be required in the 
following eases: 

a. When a third pronounced natural frequency is 
introduced, due for example to a flexible foundation 
to which the insulators are bolted. A flexible foun¬ 
dation not only introduces additional possibilities of 
resonance, due to the third natural frequency, but 
also tends to alter the other two natural frequencies. 

b. When the bus supports do not clamp the bus¬ 
bar but mefely guide it loosely. Excess stresses may 
occur and must be allowed for in the calculation. 

c. When the elastic limit of the supports or of the 
busbar is materially exceeded. As a rule the limit of 
safe stresses is not materially above the elastic limit 
of the structural'members. 

^ Moreover, consideration will sometimes have to be 
given to additional factors not covered in this paper, 
such as the effects, upon the stresses, of tap-connec¬ 
tions, bends, unequal spans, non-uniform current 
division, and longitudinal tension set up along the 
busbars and stressing the insulators in a direction 
at right angles to the stresses covered by the formulas 
developed in this paper.- 


8CHURIG AND SAYRE: BUSBAR SUPPORTS 



22S 


SCHURIG AND SAYRE: BUSBAR SUPPORTS 


Transactions A. I. E. E. 


10. Approximate estimates of maximum support 
stresses in practical design may be made by multi¬ 
plying the initial average electromagnetic force per 
busbar span, which force is that due to the initial 
r. m. s. (total) short-circuit current, by a “stress 
factor,” equal to the maximum stress per support 
when the initial average electromagnetic force is 
unity. Representative curves of stress factor calcu¬ 
lated from the equations derived may be plotted with 



Mb 

Fig. 19—Btjsbae Represented with Concentrated Mass 
M AND Mounted on Rigid Supports A, B 

respect to the _ natural frequencies. The curves in 
question are prepared on the basis of selected conditions 
and average representative constants so that one set of 
curves will be applicable with sufficient accuracy to a 
large number of cases. A sample curve of stress factor 
is presented in Fig. 1. 

11. The maximum support stress may occur before 
the end of the first cycle of short-circuit current, or as 
late as 0.15 sec. 

12. Attention is called to the deflections and stresses 
of considerable magnitudes occurring in a direction 
opposite to that of the electroniagnetic force—an obser¬ 
vation made in a number of tests and consistent with 
predictions by calculation. Bus supports must, there¬ 
fore, be designed with reference to stresses of either 
direction. The maximum stress will be in the direction 
of the average electromagnetic force. 

. Appendix 

Calculation of Stresses in Bus Supports 

It is the object of this appendix to establish a pro¬ 
cedure for estimating the maximum short-circuit 
stresses in busbar supports. 

The Busbar 

With some restrictions and exceptions, the busbar 
with its distributed mass, may be treated, in regard to 
its vibratory behavior and support stresses, as a simple 
elastic beam of concentrated rigid mass, constant 
stiffness, and motional resistance, 
a. Deflection of Support Neglected. 

Theoretically, a uniform bar, clamped to a pair of 
rigid supports, may be expected to have a composite 
set of free vibrations having a fundamental frequency 
and a number of overtone frequencies. Practically, 
however, test records of vibrations of- several kinds of 
busbars show the vibrations at overtone frequencies to 
be hardly noticeable in the free vibrations occurring 
when loads are suddenly applied or suddenly removed; 
i. e., the free vibrations are practically the same as those 
of a concentrated mass supported by an elastic spring. 


If, then, M» is the equivalent busbar mass and St, its 
(constant) stiffness* an external force F, slowly applied, 
as in Fig. 19, to the mass originally at rest, will cause a 
deflection y of the mass Jlfso that Sty = F. Thus, 
the stress upon each support will be i}/QSi,y. If 
there are adjacent spans, similarly loaded, on each side 
of the first one, the stress on each support, except the 
end ones, will he Sty. Similarly, during vibrations of 
an amplitude y, as will occur, for example, when the 
forces F on each span are suddenly and simultaneously 
removed (damping neglected), the maximum pressure 
on the supports will he Sty and the natural frequency 
fi of the vibrations will be defined by 

( 1 ) 

For any given busbar, the values of St, and Mb must 
satisfy (1), when fu is the natural frequency of the 
actual busbar. 

Assuming the busbar to be a vibratory element 
having a single natural frequency, as considered in the 
foregoing, Biermanns* calculated the busbar deflections 
in terms of the natural frequency of the busbar span 
for short-circuit currents on the assumption that the 
bus is rigidly clamiped to non-flexible supports. Flexi¬ 
ble supports were not considered. 
b. Treatment of Busbars with Flexible Supports. 

Busbar structures with flexible supports may be 
treated as a mechanical system comprising a busbar 
span of concentrated mass Mi, constant stiffness Sb, 
and motional resistance, the busbar being held by 
supports which also are represented by a concentrated 
mass M„ a constant stiffness S„ and motional resistance. 
The electromagnetic force / per span will be considered 



Pia. 20 —^Bvbbab-Instjlatob Stbuctubb with Flexible 

SUPPOBTS 


The busbar Is represented with concentrated raa.ss Mh and the support 
wltli concentrated mass Line A-B indicates the rest position of the 
busbar and of the supports before the electromagnetic forces are applied. 

as applied to the equivalent busbar mass Mbi while the 
driving force acting on the support will be Sb yt where 
yb is the deflection of the mass M b with respect to the 
supports as indicated in Fig. 20. The s3istem described 
has two inter-related natural frequencies. Both fre¬ 
quencies are present in the motion of the busbar as well 
as in the motion of the support, i. e., neither frequency 
can be definitely assigned to either one of the elements 
alone. 

*The stiffness is the force per unit deflection, the force being 
slowly applied to the mass originally at rest. 

*Bibliography No. 6. 
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The approximations involved in Pig. 20 are the 
following: 

A. ^ The portion of the electromagnetic force which 
acts directly on the support is neglected,’ e., the entire 
force /IS considered to be directly applied to the busbar 
span, since the width of the support, measured along the 
direction of the busbar, is less than 10 per cent of the 
spacing between supports in the majority of bus 
structures. 

5. The overtone natural-frequency components of 
the busbar are neglected since they are rapidly damped 
out, and since the support stresses will be far less af¬ 
fected by any short-wave overtone busbar vibrations 
than by the fundamental vibrations involving the bus¬ 
bar as a whole. 

C. There is a further approximation due to the effect 
of using the equivalent busbar mass, rather than the 
actual distributed mass, in a bus system having flexible 
supports. To investigate this point test values of the 
two natural frequencies obtained with actual bus struc¬ 
tures were compared with values calculated on the basis 
of the concentrated busbar mass. The comparison 
showed good agreement, the discrepancies found being 
well within the limits of accuracy of the observed sup¬ 
port constants themselves. It is concluded, therefore, 
that the approximation in question is allowable in stress 
calculations, particularly if test values of natural 
frequencies are used. 

In view of the foregoing, the support-stress calcu¬ 
lations will be based on the following conditions; 

1. Straight, uniform, parallel busbars having equi¬ 
distant .supports of uniform characteristics. 

2. All supports, are considered equally stressed, 
the stre.s.ses per support being those due to the electro¬ 
magnetic force for a full busbar span. A number of 
similar spans are assumed to be acted on by the same 
electromagnetic force. 

3. Busbar and support deflect when stressed and 
have ela.stic properties. 

4. Two-wire .short circuit, the two conductors carry¬ 
ing equal and oppo.site currents^ 

5. Bu.sbars at rest and unstressed before application 
of the .short circuit. 

6. The deflection of the bu.sbars is considered to be 
.small in comparison with the spacing between conduct¬ 
ors; thus the electromagnetic force is regarded as inde¬ 
pendent of the deflection of the bars. The longitudinal 
ten.sion in the bars is neglected. 

7. The ba.se of each support is considered to be 
tightly bolted to a rigid foundation. 

8. The assembled bus structure is assumed to have 
not more than two natural frequencies. 

9. In the first analysis, the motional resistance of the 
.structural elements as well as the current decrement 
will be neglected. The principles of motion and of 
stresses can adequately and most conveniently be de¬ 
rived from an analysis of the motional behavior of a 
(hypothetical) system of negligible resistance, in the 


absence of current decrement. Subsequently, suitable 
allowance will be made for current decrement and 
damping. 

Support Deflections and Stresses without Damp¬ 
ing AND Without Current Decrement* 

Since the driving electromagnetic force / per span 
is opposed during vibratory motion by a force due to 
the acceleration of the busbar mass, whose displacement 
at any instant is yi, y®, and by a restoring force 
due to the resilience of the busbar span, the following 
equation of busbar motion neglecting resistance is 
obtained, in accordance with Fig. 20. 


M 


"( 


Vb 

d 


+ 


d'^y, 

dP 


) 


S'i,y I, = f 


( 2 ) 


All forces are parallel and in one plane. The corre¬ 
sponding forces acting on the support, according to Pig. 
20, define its motion as given in equation (3)t. Re¬ 
sistance is again neglected. 

yg 

~dir + Ss y. = Sb yb (3) 


In order to obtain the support stress, equations (2) 
and (3) will be solved for y^ in terms of the structural 
constants and the electromagnetic force. If equation 
(3) is differentiated twice, with respect to time, and the 
equation so found is then combined with (2) and (3) 
for eliminating yb and the derivatives of yb, equation (4), 
the differential equation for y^, is obtained. 


d'^ y, , / Sb 
dt‘^ Mb 


+ 


Sa , Sb \ dP' ys 

Ma ^ Ma J df 


+ 


SbSa 

MbMa 


Va = 


Sb a 

MbMa^ 


(4) 


The solution of (4) depends on the form of the electro¬ 
magnetic force /. A symmetrical sine current of the 
form 

Im sin CO t 

becomes, when totally displaced, 

i ~ COS CO t) 

Thus the instantaneous electromagnetic force between 
two parallel bars each of which carries current i is,, 
neglecting current decrement, 
f = AlnP {1— cos CO ty 

= 1.5 A I„p 1 — — cos CO « -H -g- cos 2 co i ^ (5) 

Equation (4) may then be written; 


d^ Va 
dP 


+ go 


dyy_a 
d P 


+ y. 


= B Fa (l~ -I- cos CO i -f cos 2 co i ^ (6) 


*0. g. s. absolute units are employed, unless otherwise 
mentioned. 

tBquations similar to No. 2 and No. 3 were set up by Hort 
(Bibliography No. 15) for the vibrations of a system comprising 
a rotating machine on a flexible shaft held by two bearings which 
are resting on a yielding foundation. 
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s. 


where B is substituted for 

Then is of the form:* 

y, = yi + y 2 + y» + y* 

where 

yi is the particular solution of (6) with the right-hand 
side equal to B Ft, 

yi is the particular solution of (6) with the right-hand 

side equal to ^ — y B Fo ^ cos co f 

yt is the particular solution of (6) with the right-hand 

side equal to^-|-yBBo^cos2do< 

yt is the complementary function, with the right-hand 
side of (6) equal to zero. 

Thus the. solution for yi is 


Dividing qi and Qi, in equation (14), by 2 tt the two 
natural frequencies f, and fi of the busbar structure are 
obtained. > 

It is seen that qi cannot be larger than qi. 

Thus the solution for y, is 

D Jfi 

y, = Cl + Ci 6“"' + cz + Ci H- -r-v^ 


^ B Focos ui 
3 


-h 


B Fa cos 2 o}t 
3 


(15) 


“ ~hr 


(7) 


— So w® -f" ^0^ ^ (2 w)* — (2 o))^ go -|- 

Now the constants Ci, Cs, Cs and c* in (15) will be deter¬ 
mined from the initial conditions of motion. The con¬ 
stants will establish the amplitudes of the free-vibration 
components of motion. The initial condition to be 
considered is that the bus structure be at rest and un¬ 
loaded at a time just before the occurrence of the short 
circuit or that, in mathematical terms, 

Vh = 0 


since the derivatives of equation (7) are zero. The 
solution for gst is 


at the time i = 0 


Similarly 


yz = 


gs = 


4 

—5 B Fo cos CO < 

• O 

u)'* — go to® + ho^ 


B Bo cos 2 CO < 
3 


( 8 ) 


( 9 ) 


d t 


dy, 

d t 


= 0 

= 0 
= 0 


(16a) 

(16b) 

(16c) 

(16d) 


(2 co)* — go (2 co)® -t- ha^ 

Finally, g 4 is found from 

The solution is of the form 

yi = Cl + ca e®** -|- cz e<*s‘ + Ci e“<‘ (11) 

where Ci, ca, Cz and c* are constants dependent on the 
starting conditions, and ai, oct, ccs, on are the four roots 
of the equation 

-I- go O'* -I- Ao* = 0 (12) 

Thus all values of a are pure imaginaries: 

OLi=jqi 

oci = -jqi 


The last two conditions will be applied directly to 
equation (15), while (16a) and (16b) will be applied to 
equation (3). In the use of (16a) and (16b) with 

4 / nt 

equation (3) the expressions for and yy at the 

time t - 0 must be found from equation (15) by suc¬ 
cessive differentiations of (15). The procedure thus 
outlined gives the following constants; 


Cl = Co = 


yaW 


2 (tto* - «!*) 


r 1 4 Ml* 

L -a (l-^ 


Ml*) 


+ 


Ui- 


3 (4 - Ml*) 


] 


Cs = C 4 = 




where 


ocz = Mi 

ai = -j qi 


2 (Mo* — Mi^) 


(13) 


[ 1+4 

where 






(1 - U2^) 3 (4 

B Fq • Fo 


] 


(17) 


\ 2 (-^o ~ V go* - 4 Ao*) 


.9s = (ffo-i- Vgo*-4feo*) 


ht? 


S. 


(14) 


gi and go are the angular velocities of the two natural 
frequencies of the structure, 

♦See BibKograpliy 33, p. 214-218 and p. 240 
tSee Bibliography 33. p. 215, equation (17'"). 


Mi = -il- 
co 


gs 


CO 


(18). 


(19) 


Then we obtain for gi from equation (11) with the aid 
of equation (13) apd equation (17) 

gi = 2ciCosgi< 4-2cscosgoi (20) 
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The sum of Vi + Vi in accordance with 

{7)j (8), (9) and (20) gives the full solution for y,. 

In practical stress calculations the ratio = n .is 

yo ^ 

convenient to use. The significance of p is due to the 
fact that ^0 is the support deflection due to a dead load 
equal to F », the electromagnetic force exerted on a bus¬ 
bar span by the r. m. s. initial asymmetrical short-cir¬ 
cuit current. Hence, p multiplied by Fo gives the 
support stress, and the maximum value of p is the maxi¬ 
mum stress obtained when the initial average electro¬ 
magnetic force per span is one. Accordingly, p will be 
called the stress factor. Thus the support stress factor, 
neglecting resistance and current decrement is 

P “ = 1 -f- Cl COS Qit -\- Ci cos Qit 4- C cos 03 t 


-t- C" cos 2 w t (21) 

where the coefficients Ci, C^, C' and C" are defined by 


Cx=- 


Ur 




Wo- 




(- 

1 

4 

■ + 

1 

\ 


3 (1 - ui^) 

3 ■ 

Ci = 


- Ml* 




li 

’«* — Ml* 



(- 

1 . 

4 Ms* 

4- 

1 

\ 


3 (1 - Ma'*) 

3 ■ 

c = 


4 Ml* 

M2* 



3 (1-Mx*) 

(1- 

-- U2‘ 

C" = 

1 

Ml* 

Ms* 



,3 

1 

-M2*) 




( 22 ) 


It is seen that all constants in equation 21 depend 
solely on the frequency ratios 


Ui 



2x/i 

CO 


and Ui = 

CO CO 


so that, if the two natural frequencies 
fi = cycles per sec. 


(23) 


fi = cycles per sec. 

are known, the stress factor is readily calculated by 
(21) and (22), neglecting resistance and current decre¬ 
ment. . 


One of the questions of greatest practical importance 
is that of resonance. Resonance* occurs when an im¬ 
pressed force has a frequency equal to one of the two 
natural frequencies/i and/g. 


displaced short-circuit currents) harmonic electromag¬ 
netic force components at two frequencies, there are 
four possibilities of resonance, i. e., either one of the two 
natural frequencies may be at resonance with either of 
the force frequencies. Thus the four conditions of 
resonance are: 


Ml 1 

(24a) 

M2 = 1 

(24b) 

Ml = 2 

(24c) 

Ui = 2 

(24d) 


To summarize the principal results derived so far: 

Support stresses may be most conveniently expressed 
in terms of (1) the initial average electromagnetic force 
per busbar span, which force is that due to the r. m. s. 
initial value of as3unmetrieal short-circuit current, and 
(2) the stress factor, a value equal to the stress per sup¬ 
port when the initial average electromagnetic force is. 
imity. 

Thus the maximum stress is obtained by multiplying 
the initial average electromagnetic force by the maxi¬ 
mum stress factor. 

For busbar and supports of elastic properties the 
stress factor, and hence the maximum stress, depend 
primarily on the two natural frequencies and on the 
current frequency except for the effects of damping 
and current decrement, to be considered below. 

The two natural frequencies may be determined by 
calculation from the mechanical constants of busbar 
and of insulator, by equation (14), or preferably, where 
feasible, by direct measurement on the assembled bus 
structure. 

Effects of Damping and of Current Decrement 
AT Non-Resonance 

Equation (21), derived for zero motional resistance, 
and for a totally displaced current without decrement, 
does not give the final values for practical stress calcu¬ 
lations, because the damping of the structural elements 
and the current decrement do materially affect the maxi¬ 
mum stresses during short circuits. Structures at non¬ 
resonance will be considered first. For the present pur¬ 
pose, “non-resonance” is to include all those cases in 
which the natural frequencies differ by 25% or more 
from the frequencies of the impressed electromagnetic 
force. The calculation of stresses at resonance is dis¬ 
cussed later. 

For practical calculations of ma ximum stresses at 
non-resonance, the following approximations have been 
made: 

a. The electromagnetic force due to short-circuit 
currents is expressed in the form: 

/ = Fo ( -^ 4- .L g-2A( _ ^ g(.-e-h)t {.qs u t 


Since th ere are two natural frequencies and (for 

♦See Bibliography No. 31, pp. 152-166 and p. 176; also Bib¬ 
liography No. 15, pp. 54-67. 


4- cos 2 £0 < ^ (25) 

which is approximately equal to the electromagnetic 
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force due to a two-wire ^hort-circuit when the current 

i = I™ e-2* - [ (/m - Is) 4- Is] cos w t _ (26) 

where Im and Is are the maximum values of iriitial a-c.\ 
component and of sustained current, respectively, and 
g and h are the decrement constants of d-c. component 
and of a-c. component, respectively. It is seen that 
the electromagnetic force of equation (25) is obtained 
from a form of short-circuit current in which the value 
of Is in equation (26) is neglected. 

b. The non-harmonic component of the stress factor, 
which component is equal to unity without current 
decrement, is approximately 

Pi = I (27) 

when the electromagnetic force defined by equation 
(25) is applied. 

' The approximation involved in equation (27) is very 
close at non-resonance in a single-element vibrating 
system having mass M, motional resistance R, and stiff¬ 
ness S, and moving in accordance with 

c. The natural-frequency components of the stress 
factor are given in the following form when the electro¬ 
magnetic force of equation (25) is applied to busbar 
structures for which the mechanical damping is known. 

Pa = Cl cos Qi t I (29a) 

P 3 = C, cos q, t ] (29b) 

where Ci and Ci are the constants of equation (22) while 
a' and a." are damping decrement constants obtained 
from free-vibration tests. Observed values of the suc¬ 
cessive amplitudes of free vibrations may be used to 
solve numerically a' and a" from equation (29). In 
calculations it is often convenient to use the term 
“sharpness of resonance” definedf as 


(30) 


Physically, the significance of the sharpness of resonance 
may be seen by considering, for example, a single-ele¬ 
ment vibratory system, such as that defined by (28), 
when acted on by a symmetrical harmonic force of 
amplitude F. The. maximum resonant amplitude of 
vibrationf is then, very nearly, n times the deflection 
obtained when a steady force F is slowly applied, where 
n is the sharpness of resonance defined by 





M 


(31) 


the constants being those of equation 28. 

d. The forced-frequency components of the stress 
factor are approximated in the following form at non¬ 
resonance when the electromagnetic force of equation 
(25) is applied: 

= C' eUs-*)' cos 0 ) t (32 a) 

Pj = C" cos 2 w ^ ■ (32 b) 

Damping, such as encountered in busbar structures, 
affects the amplitudes in question only slightly at non¬ 
resonance. 

e. The phases of the components of the stress factor 
are assumed to be those obtained without current 
decrement and for zero motional resistance, i. e., in 
accordance with (21). The mechanical constants of 
busbar structures are such that the phase angles are 
sensitive to changes of motional resistance, or to the 
effect of current decrement, at impressed frequencies 
in the vicinity of resonance only.* 

On the above basis, an approximate working formula, 
taking into account current decrement and damping, 
for estimating maximum short-circuit stresses in bus 
supports at non-resonance is then the following: 

^ = A - 1 - 4- + Cl cos f/i I 

^ yo 6 6 

-h C2 cos q^i + C e<-s-W' cos w i + C" e 

cos 2 CO f (33) 

where the constants C are those of (22). Equation (33) 
is not applicable to resonant cases in the form given, as 
already indicated. The practical use of (33) calls for 
the following data: 

the two natural frequencies /i and /a 
the current frequency/„ 
the current decrement constants g and h 
the motional resistance decrement constants a' 
and a” 

Stresses at Resonance 

Definition of Resonance. Resonance will be defined as 
the condition of cyclically increasing stress amplitudes 
(or vibration amplitudes) occurring when a force of a 
frequency equal to one of the natural frequencies 
(/i and fi) is impressed on the bus structure. The four 
cases of resonance for bus structures were stated in 
equation (24). 

Condition for Maximum Stresses. It is well known 
that, strictly speaking, the maximum deflection due to 
sustained forced vibrations occurs at an impressed fre¬ 
quency slightly different from the resonant frequency 
above defined,! the difference depending on the damping 
constant. The magnitude of the difference, however, 
is less than one per cent in frequency and less than one 
per cent in deflection, for the constants coming into 
question in bus structures. For practical calculations, 
therefore, the differences mentioned may be ignored. 


*See Bibliography No. 9 p. 1248. 
tSee Bibliography No. 17, p. 452. 
tBibliography No, 31, p. 154. 


^Bibliography No, 26, p. 42. 

tSee Bibliography No. 17, p. 463; also Bibliography No. 26, 
pp. 41, 42. 
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(A) Resonance Without Resistance and Without 
Current Decrement 

The four eases of resonance defined in (24) are funda¬ 
mentally similar to one another. As an illustration 
of the theory, the case of Mi = 1 will be worked out, 
which is the case of resonance between co and qi in 
equation (21). 

As 0 ) approaches qi in equation (21) the amplitudes 
Cl and C' approach infinity. The sum of the terms 
Cl cos qit + C' cos £0 t must, however, be finite for 
finite values of time, even if the resistance is negligibly 
small, since the rate of increase of stress is limitiaH 
depending on the magnitude of the impressed force at 
resonant frequency. Mathematically, we may deter¬ 
mine the form of the resonant component of stress factor 
for the case when co and qi become equal, by determin¬ 
ing from equation (21) 

j!='co cos qi t -I- C' cos coi] --(34) 

where y/ is the component of support defiection at 
resonant angular velocity co = ^i. By evaluating the 
indeterminate form contained in equation (34), in the 
customary manner, it is found that 



4 (5—2 tt2®) 

9 (1 - 


cos CO t 


I 2 Mj® 

In equation (35) the sine term, containing the factor 
CO t, is the one expressing the progressive increase of 
vibration amplitude characteristic of all cases of reso¬ 
nance. The expression shows that the amplitude of the 
resonant component of stress increases at the following 
rate: 


3 (i — Ui^) cycle 

neglecting the effect of the cosine term which ceases 
to be of importance after a few cycles. The increase 
per half cycle may be written in the form 

V / 4 Ui^ \ ^ 

2 \ 3 1-ui / 


indicating that the increase per half cycle of the support 
stress component at resonant frequency is equal to that 
which would be obtained if the support were impelled 
directly by a harmonic driving force of the amplitude* 





(37) 


where the ratio in brackets is a modulating ratio ap¬ 
plied to the amplitude of the resonant component of 
the impressed electromagnetic force. The expression 
(37) may then be regarded as the amplitude of an equiv- 
alent drivi ng force impelling the support. 

*Obtadned from (36) by analogy with the corresponding term 
for the single-element vibrating system whose motion is derived 
defined by 28, as indicated in Table ll, item 4. 


For resonance between qt and co, expressions analo¬ 
gous to (36) and (37) are obtained with U\ substituted 
for Ui. 

Since it is desirable to keep the magnitude of the 
resonant stress as low as possible, the non-resonant 
natural frequency should be as far from resonance at 
possible, and preferably of lower value than the resonant 
natural frequency. 

A special case of the equivalent driving force of 
equation (37) is that occurring when the frequency 

qi 

-^becomes very large approaching infinity. Then 
(37) will reduce to 



which is nothing else but the amplitude of the impressed 
electromagnetic force component at resonant frequency. 
The result (38) shows that the double-element system 
then behaves the same as a single-element sjratem 
having a frequency equal to the lower natural frequency 
of the double-element ss^tem, as would be expected 
physically. 

To summarize: The maximum rate of resonant stress 
increase per half cycle is given in (36) and is approxi- 

TT 

mately times the equivalent driving force ampli¬ 
tude at resonant frequency, according to (37). This 
equivalent driving force is related to the amplitude of 
the resonant component of electromagnetic force by a 
simple modulating ratio dependent on the ratio of the 
non-resonant natural frequency to the current fre¬ 
quency. An expression is given in (35) for the stress 
component at resonant frequency and shows the growth 
of stress amplitude due to resonance from the instant at 
which the electromagnetic force is suddenly applied. 

(B) Effect of Resistance on Resonant Stress. 
Current Decrement Neglected 

The essential factors defining the resonant stress 
transient are the amplitude of the equivalent driving 
force at resonant frequency; the decrement rate due to 
damping and the current decrement. The equivalent 
driving force, given in (37) for the case = co, is prac¬ 
tically independent of the resistance when qi is non- 
resonant, but the rate of resonant stress increase is 
dminished by resistance, so that the final amplitude 
of remnant stress component (neglecting the electro¬ 
magnetic force decrement) is n times, rather than <» 
times, the amplitude of the equivalent driving force 
component at resonant frequency. The significance 
of n, the sharpness of resonance, has already been 
pointed put. Current decrement will be considered 
separately. 

The resonant stress formula for the two-element 
vibratory system—one of the natural frequencies only 
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being at resonance, the other being outside of the 
resonance range—^will then be worked out on the follow¬ 
ing basis, when damping resistance is included: 

A. That the amplitude of the equivalent driving 
force component at resonant frequency has the same 
magnitude when damping is present as for the case 
when damping resistance is negligible. The damping 
will, however, materially affect the resonant stress 
component, and is taken into account in accordance 
with B and C which follow. 

B. That the final amplitude of resonant stress 
component is n times the amplitude of the equivalent 
driving force component at resonant frequency, in 


system by simple modulating factors depending on wj. 
In items 6 and 7, column II, the analogy existing be¬ 
tween I and II is further applied to the resonant stresses 
in bus supports when damping is present. Thus the 
resistance decrement terms 

til (1— e ^ ) for the sine term, item 6, 

and 

-■ 2 .'/ 

e ^ for the cosine term, item 6, 
were adopted for the two-element system by analogy 
with the single-element system of column I. Conse¬ 
quently for either system the maximum amplitude of 


TABLE II. 

SUMMARY OP TERMS PERTAINING TO RESONANCE 
Current decrement not considered 


1 

single-element M^RS system. See Note 

II 

Double-element system; resonance fj'c(|ueucy is 
yi ■ oi 

2 T “ 2 v 




/ 4 1 \ 



—(1 - cos X i) 


Fo 1 — cos 0) / -f CO.S 2 0 ) / j 

(S) 


Fm 


4 



2 



.(5) 



4 

U8* r 1 


IHL 1 
2 

Xt^Xt+COS xt j 

3 

(1 -«,«) ^"L.2 + 





6-2 wa8 





3(1 

(36) 


f Fm\ 


' f ^ r ) 

(36) 


2 \ 2 ) 


2 V 3 (1 - «2*) 


Fm 


4 wgS 

(37) 


2 


3 (1 - us*) 




r 


Fm r 


3 " 

(1 _ ( 1 - c ) sin «/ + 


—e ^ ) sin xt -{-e ^ cos xl 


5 -2u,> n* 





'ad’-u.?) * * “‘“"'J 



n(-^) 


Z' 4 \ 



\ 2 ) 


U (1 - „,*) t 



1. Electromagnetic ‘force. 


2, Amplitude of harmonic electromagnetic! 
force component at resonant frequency.. 


3. Harmonic stress component at resonant 
flpequency wthout damping. 


4. Maximum increase of resonant stress ampli¬ 
tude per half cycle, no damping. 


6. Amplitude of equivalent driving force at 
resonant frequency. 


6. Harmonic stress component at resonant 
frequency, damping considered; approximate 
values... 


7. Final amplitude of resonant stress compon¬ 
ent. damping considered: i. r. at i « oo. 


♦Derives from (35) by analogy with item 6, column I. 
tDerived from (37) by analogy with items 4, 6. and 6 in column I. 

Note: The single-element system dealt with in column I is that defined by (28) when impelled by a driving force Fm (0.6 - 0.6 cos x i) at rosonauco; 
S 

I. c. when j:* « . 

M 


accordance with the behavior of a single-element system* 

C. That damping resistance reduces the resonant 
stress increase per half eyde at the same rate for the 
two-element ^tem as for the single-element system. 

A summary of the terms pertaining to resonance, in 
accordance with A, B and C above, is given in Table 
II. The pmdpal object of the table is to point out the 
analogy existing between the behavior of the single- 
elfflnent ^tan (coluim I), and the two-element sys¬ 
tem, (column II). It is seen, for instmice, in items 3,4 
and 6, that the results previously derived for the two- 
elanent systm, neglecting damping resistance, differ 
from the corresponding results for the single-element 


resonant stress component is n times, the amplitude of 
the equivalent driving force component at resonant 
frequency neglecting current decrem«it, in accordance 
with proposition B above. 

(C) Resonant Stresses Including Resistance and 
Current Decrement 

The current deCTement will be applied, as in the case 
of non-resonant stress, separately to each component 
of resonant stress, the decrement of each sti'ess com¬ 
ponent being the same as that of the corresponding 
electromagnetic force component. In the case of the 
stress component at resonant frequency, when qi u, 










Feb. 1925 


SCHURIG AND SAYRE: BUSBAR SUPPORTS 


235 


the decrement term at any time t is then approxi¬ 
mately the average of 

during the time interval from zero to t, which average is 
(t+\)< (!-«<-■-*’■) (39) 

Theft the stress factor at. resoftance, iftcluding 
resistance and current decrements is obtained by adding 
the stress factor components from (27), (29b), (32b), and 
from Table II, column II item 6, the latter multiplied 
by the current decrement term (39): 

^ “ "fr “ 3* ^ 

-4- C" cos 2 (at ■\ -—— (40) 

Vo 

where 

Vt _ 4 (l-e-(s+*)<) 

Vo 3 (l-Ma*) ' (flf + A)« 

Ct* CL* 

[«i(l-e 2 ‘) sin £0 ( + 3"( 7 -^ 2 ) ^ ^ (41) 

and Ci and C" are the factors defined in (22). Ex¬ 
pressions (40) and (41) apply, of coiu'se, to resonance 
between qi and <o only, the expressions for the other 
three cases of resonance being similar. 

To summarize: An approximate expression for the 
stress transient at resonance is worked out including 
effects of resistance and current decrements. Practical 
estimates of peak stresses occurring at resonance may 
thus be obtained when the two natural frequencies, the 
current frequency, the initial average electromagnetic 
force, and the decrement constants due to current decre¬ 
ment and due to motional resistance of the bus structure 
are known. 

Stresses at Near Resonance 

Two kinds of stress calculations have been considered 
so far, namely those at non-resonance and those at 
resonance proper. Non-resonance covers all the cases 
in which the working natural frequencies differ by 26 
per cent or more from the frequencies of the electro¬ 
magnetic force. There is thus a gap of freqpencies 25 
per cent above and 26 per cent below each resonance 
frequency, which gap is not bridged as far as the near- 
resonance component of stress is concerned. It is 
believed that in most cases coming within the gap, rough 
estimates of maximum sfresses may be made on the 
basis of the cases already solved, by interpolation. 
Analytical calculation of the near-resonance component 
of stress will not be a^mpted. The omission men¬ 
tioned is further justified by the fact that the resonant- 
frequency stress component is of relatively minor im¬ 
portance in the total stress for those cases in which the 
noii-resonaht natural frequency is kept low, as already 
stated. 


Damping and Decrement Constants 

A single value of the mechanical damping constant— 
a value applicable to all cases of busbar stress calcu¬ 
lations—can, of course, not be given. Likewise, rates 
of short-circuit current decrement vary according to 
the circumstances. For approximate calculations, how¬ 
ever, average constants applicable without serious error 
to a number of cases can be selected. 

Damping Constant 

As already mentioned, the effect of damping on 
resonant stresses may be taken into account by the use 
of the “sharpness of resonance” defined by (30) and 
(31). Obviously, an increased amount of damping 
gives a reduced value of resonance sharpness n. Tests 
performed on a variety of bus structures employing 
copper bars and porcelain insulators gave ni = n^ = 5, 
on an average. This value was used in the preparation 
of the stress curve of Fig. 1. Other types of bus struc¬ 
tures require, of course, different values of resonance 
sharpness, in some cases well above 6. 

Current Decrement Constants 

In (26), exponential rates of current decrement were 
assumed, different rates being applied to the direct 
component and to the alternating component. For 
approximate calculations of ma x i mu m short-circuit 
stresses in busbars, g and h in (26) may be given the 
values 12.6 and 2.2, respectively, provided 1, short-cir¬ 
cuit currents with a maximum amount of initial dis¬ 
placement are considered; 2, the system reactance is 
within the range from, say five per cent to 30 per cent; 
and 3, the time of the maximum stress is not later t1ia.Tij 
say, 0.1 or 0.15 sec. after the beginning of the short- 
circuit. Tests have shown that the maximum in ex¬ 
ceptional cases only, occurs later than 0.16 sec. after the 
beginning of the short circuit. 

Symbols 

R 

“ =ir 

a', a" resistance decrement constants in free 
vibrations 

cKi, oLi, oiz, q !4 roots defined by (12) and (13) 

A electromagnetic force per busbar span per 
unit current 

a (in.) dimension of individual busbar lamination, 
measured in the direction of its deflection 
due to short-circuit electromagnetic force. 

a'(in.) overall dimension of group of busbar lami¬ 
nations, measured in the direction of a. 

B substitution for rj—^ 

Mx,M, 

b (in.) dimension of individual busbar lamination, 
measured in the direction perpendicular 
to its deflection due to short-circuit 
electromagnetic forces. 
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h' (in) over-all dimension of group of busbar lami¬ 
nations, measured in the direction of h. 

Cl, Ci, Cs, Ci constants of integration. 

Cl, Ci, C, C" amplitudes of harmonic components 
of stress factor for zero resistance 
and no decrement; see (21) and 
( 22 ). 

e =2.718 .... 

I length of busbar span, measured between 
centers of supports. 

Fb electromagnetic force per span for a current 
of h per conductor = A = 1.5 AI 
Fm Tna YiTTium value of a suddenly applied pul¬ 
sating force Fn, sin® w t 

f instantaneous value of electromagnetic force 
per busbar span. 

fc (eye. per sec.) frequency of current 
fi (eye. per sec.) lower natural frequency of bus 
structure 

fi (eye. per sec.) higher natural frequency of 
bus structure. 

fb (eye. per sec.) natural frequency of busbar 
when supports are totally rigid. 

Sh Ss . Sb 
° Mb ^ M, M, 

g decrement constant of d-c. component of 

short-circuit current 

Sb S, 

^ ~ M, M, 

h decrement constant of a-c. component of 

short-circuit current. 

k shape correction factor for the calculation of 
electromagnetic force. 
i instantaneous short-circuit current 

lo r. m. s. value of initial asymmetrical short- 
circuit current at time i = 0; also Jo = 
1.225I„. 

Im maximum value of a-c. component of short- 
circuit current at time t = 0. 

I, ma ximu m value of sustained current 

j = V — 1 

M b equivalent busbar mass, concentrated at the 
center of the busbar span. 

M mass of a single-element vibratory system. 

M, equivalent support mass considered concen-. 
trated at center line of busbar over the 
center of the insulator; M, includes the 
part of the busbar mass which follows 
with the support in its motion. 
n, Ui, Ui sharpness of resonance, defined by (30) 
and (31) 

(0 = 2 TT /c (radians per sec.) 
ah = 2 IT fb (radians per sec.) 

P (lb. per support) maximum support stress 
p stress factor for ,calculation of support stress 

Ph Pi> Pi, Pi, Pb components of the stress factor p 


Qi, Qi angular velocities of natural frequency vi¬ 
brations, defined by (14); qi is smaller 
than Qi 

■ R motional resistance of a vibratory system 
S stiffness of a single-element vibratory system 

Sb stiffness of equivalent busbar in direction 
parallel to deflection due to electro¬ 
magnetic force 
S, stiffness of support 

s center spacing of parallel busbars 
t (sec.) time, measured from beginning of 
short circuit 

ui = — = ratio of lower natural frequency to current 

CO 

frequency 

= — = ratio of higher natural frequency to current 

“ CO 

frequency 

X distance measured along the busbar from 

the support 

X (also) substitution for 2 co 
y deflection of a single-element vibratory 

system 

y b deflection of equivalent busbar span relative 

to supports. 

y, deflection of support in a direction parallel 
to the direction of the electromagnetic 
force 

Vi, Vi, Vi, Vi components of y, 

, „ . B Fb Fb 

Po average support deflection = 

y,' component of support deflection at resonant 
angular velocity gi = co. 
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Electrical Measurement of Physical V alues 

The Determination by Electrical and Magnetic Means of 
Quantities not in Themselves of an Electrical Nature 

by perry a. BORDENi 

Member, A. I. B. E. 


Synopsis.—This paper was prepared under instructions from 
the Committee on Instruments and Measurements, with a view to 
formmg a basis for the Committee's work in connection with elec¬ 
trical measurements as applied outside of the strictly electrical field. 
The system of classification used is in accordance with the nature of 
the quantity under measurement, rather than with the principle in¬ 
volved^ and the subject is treated under nine headings. 

Measurement of Temperature: There arc recognized two prin¬ 
cipal methods of electrically measuring temperature; the thermo¬ 
electric circuit, and the effect of temperature upon the resistance of 
many conducting materials. Outlines are given of the elementary 
applications of these, and a number of practical instruments em¬ 
bodying one or the other of the principles are described. Reference 
is made to several types of calorimeters embodying electrical methods 
of temperature measurement, and to hygrometers or humidity 
7 neiers, in which the principle of the thermocouple has been applied, 
A brief description is also given of the optical pyrometer. 

Measurement of Stress, Strain or Small Changes in Physical 
Dimensions: General reference is made to the changes which 
take place in both the electrical and magnetic characteristics of 
materials when exposed to mechanical stresses, with particular at- 
te 7 ition given to resistance effects. Several applications of the car¬ 
bon pile in strain determination are mentioned. Recent develop¬ 
ments in the use of the piezo-electric effect of certain crystals are de¬ 
scribed; and the use of the ther^nionic tube and Us associated cir¬ 
cuits for measui'ing very- small dimensional changes is briefly 
treated. A description of the hot-wire micrometer is given, and 
a note on the Haigh alternating stress-testing machine. The 
use of both inductive and reiisiance 'circuits in conjunction with 
the oscillograph for study of vibrations is described: and a reference 
made to the use of electrical principles in the manometer' and engine 
indicator. 

Measuremenl of Flow: Flow meters are described, making use 
of the electrical conductivity, the heat capacity and the velocity-head 
of the fluid under investigation. Prof* Alienas salt-wat&r-velocity 
method of determining speed of flow in perlslocks and conduits is 
treated. Descriptions are given of a number of flow meters, both 
for gases afid liquids, in which the principle of cooling of a heated 
conductor is employed, and reference is made to experiments which 
have been carried out with a view to establishing a definite relation- 
skip between the electrical resistance of an electrolyte and its linear 
velocity past electrodes. Electrical methods of measuring and re¬ 
cording the pressure head due to velocity in a pipe are found in the 
Republic*^ and the General Electric flow meters, both of which are 
briefly described.' Mention is made of a recently developed method 
of plotting stream-flow diagrams, by reproducing the physical con¬ 
ditions by an electrical system and locating equipotential lines with 
an alternating current potentiometer. 

Measurement of Velocities: The stroboscopic methods of meas¬ 
uring velocities, white not fundamentally electrical, are so, closely 
associated with electrical practise as to receive considerable atten- 
Uon, andihe*'o$ciUoscope'* for visualizing reciprocating motions is 
touched upon. The magnetic tachometer and the squirrel-cage 
speed-indicator are mentioned, as well as the ordinary electrical 
speed indicators, wherein measurement is made upon the current 
- of a small ge nerator driven by the shaft under measurement. The 

1, Meter Engineer, Hydro-Blectrio Power Comm. Labora¬ 
tories, Toronto, Ont., Can. 
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condenser method of determining linear velocities, and the several 
inductive methods used in ballistics are treated. 

Measurement of Work: No fine distinction is made between 
work force and energy: and the standard methods of measuring 
electrical energy with the wattmeter are omitted, as being outside the 
scope of the paper. Six types of electrical transmission and absorp¬ 
tion dynamometers are described, and a reference made to recent 
tests, in which the characteristics of a steam locomotive were deter¬ 
mined by causing it to ptdl an electric locomotive, measuremenl 
being perforined upon the regenerated current of the latter. The 
Gilson device for determining over-all efficiency of a power plant, 
by balancing in an instrunmit two electrical forces, one representing 
the fuel input, and the other the electrical output is briefly treated. 

The Measurement of Radiant E^iergy: Many measurements 
of radiant energy are made by determining the heat generated when 
that energy impinges upon a surface; and these would strictly come 
under the head of temperature measurement. It is realized that it 
is difficult to apply the term *'no'n-electricaV* or *'non-magnetic'' 
to any radiant phenomenon: and this section of the paper confines 
itself to a bare mention of a number of the best known photoelectric 
cells, used principally in photometry and closely allied work. 

Chemical Measurement: The Electrical determination of 
concentration of the hydrogen ion is treated in some detail. The 
various electrical and magnetic methods of studying and treating 
the ferrous metals are described, with particular reference to the 
''hump'' method of steel treating. The application of the cooling 
properties of various gases upon heated wires, is mentioned, and 
descriptions are given of the CO 2 and CO recorders. Note is made 
of the fire-damp detector, and the dionic water tester. 

Navigational Measurements: Coupled vHth measurements used 
in navigation are fou7id those used in the detection of hidden 
conditions, such as the locating of ore bodies and water pockets. 
The mariner's compass is given as the oldest application of mag¬ 
netic principles to physical Tneasurements, and mention is made 
of the very recent application of the earthrinduclor both as a com¬ 
pass and as an inclinometer. Special attention is given to those 
electrical aids to navigation developed under the siimvlus of the 
great war, including the leader cable, radio direction-finding and 
methods for locating mines, submarines and icebergs, as well as 
sound-ranging and acoustic methods of measuring ocean depths. 

Among the devices for detecting unseen conditions are 
Honed the water-vapour detector, the magnetic method of locating 
flaws in steel, and systeins which have been employed in the detec¬ 
tion of theft or of the presence of unauthorized persons in certain 
places. A number of methods, more or less sound, for locating, 
ore, oil or water deposits, are described in some detail, and und^ 
the same head are mentioned such devices as egg testers and sex 
detectors. 

Physiological Measurements: Attention is called to the rapid 
advances which have lately been made in the application of electrical 
measurements to the diagnosis of pathological conditions. The 
method of diagnosing disease by the so-called Vmethod of electronic 
reactions" is dismissed as not meriting the attention of electrical 
men until its proponents are prepared to submit a description 
couched in intelligible ter7n8. Note is made of the value of electrical 
measurements of temperature in diagnostic work: and the electro¬ 
cardiograph is treated fully, both in its application to actual studies 
of heart performance and in the investigation of psychological con-, 
ditions. Brief descriptions are given of the Stethophone" and the 
"Audiometer," both of which seem destined to fill an import- 
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ant place in diagmsis and medical investigations in general. 

In concbision it is pointed out that the art of applying electrical 
methods of measurement to work outside of the electrical field is ad¬ 
vancing so rapidly as to make it practically impossible that one 
eotdd keep absolutely up-to-date in his knowledge of all thebranches. 
The general effect is one of bringing together technicians in varied 
branches of scientific pursuit and finding for them a common ground 
of thought. WUe and diversified os are the practises of measure¬ 
ment in these branches, it is felt that the Institute forms the natural 


clearing house for such information; and U is to be hoped now that 
the ground is fairly well cleared, that the Committee on Instruments 
and Measurements will be kept cognisant of as many as possible 
of the new developments which will be made in the application of 
electrical principles to the measureinent of non-electrkal quantities. 

Acknowledgment is made of the valuable help which has been 
rendered the author by men both within and without the electrical 
sphere; and a bibliography of over 300 references is appended. 
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Introduction 

HILE the duties of the Institute’s Committee 
on Instruments and Measurements have to 
do primarily with the measurement of elec¬ 
trical quantities used in the work of the electrical engi¬ 
neer, they also cover the cognizanceof all electrical meas¬ 
urements, including the determination by electrical 
methods of quantities which in themselves may be 
far removed from the field of electrical engineering. 
Technicians in all branches of science and engineering 
have been quick to realize the advantages obtainable 
in performing their quantitative measurements by 
electrical means; and, more or less independently, 
these workers have developed and adopted such 
methods and have announced their successes through 
such channels as would most readily reach their in¬ 
terested confreres. 

Electrical men have, for some time, felt that a num¬ 
ber of important applications of their principles of 
measurement were thus escaping the notice of those 
whom they should most concern; and with a view to 
bringing these diverse practises under one head, the 
author was instructed to collect all possible informa¬ 
tion in respect to the work which had been done, and 
to compile thei material as a basis of reference, so that 
the Committee might henceforth fulfil its several 
duties with a fair knowledge of the use which was being 
made of the art of electrical measurement by special¬ 
ists in other fields of scientific pursuit. 

The principal published sources from which informa¬ 
tion has been drawn appear in the appended Bibliog¬ 
raphy; and wliile this cannot, in any sense, be consid¬ 
ered as complete, an endeavour has been made to col¬ 
lect such references as are available—^mostly in the 
English language—to enable those interested to gain 
a working knowledge of the use which has been made 
of electrical principles in the developments described. 

General 

It is doubtful if there is any physical quantity sub¬ 
ject to measurement, upon which that measurement 
has not been performed or attempted by electrical or 
magnetic means. Aside from all determinations of 
purely electrical quantities such as voltage, current and 
powCT, the electric current, by virtue of its ease of trans- 
mi^on, its infinite divisibility, lack of inertia, and the 
facility with which it may be measured, recorded or 
integrated, fumidies a medium almost ideal for the 


quantitative expression of other physical values. It 
is to be expected, then, that we should have a host of 
counting devices, time-measuring mechanisms, posi¬ 
tion indicators and kindred appliances for adding con¬ 
venience to measurements already performed by other 
means. The principal purpose of this paper, however, 
is not to discuss these, but rather to consider those 
methods in which some inherent property of the elec¬ 
trical circuit is made use of to actually perform the 
quantitative measurement and translate the meas¬ 
ured value into definite terms. While, the greatest 
number of these are of an electrical nature, there ^e 
some which embody the principles of the magnetic 
cir<mit; and, because of the close association, it is only 
logical that they should here be classed along with the 
electrical methods. 

The S 3 ^tem of classification used is in accordance 
with the nature of the quantity under measurement, 
rathty than with the principle involved; but the over¬ 
lapping which must necessarily follow, in cases where 
the same principle is applied in work of differing types, 
has, as far as possible, been reduced to a minimum. 

The types of measurement which are performed by 
electrical means have been divided into nine classes; 
and while it may seem that this system has resulted 
in the association of some strange neighbors, it is felt 
that fundamentally the grouping is that of methods 
basically kindred in their nature. 

1. Measurement of Temperature. 

2. Measurement of Stress, Strain or Small Changes 
in Physical Dimensions. 

3. Measurement of Mow of Liquids and Gases. 

4. Measurement of Angular and Linear Velocity. 

5. Measurement of Work.. 

6. Measurement of Radiant Energy. 

7. Determination of Chemical and Molecular Con¬ 
dition. 

8. Navigational Measurement, and Detection of 
Hidden Conditions. 

9. Physiological and Allied Measurements. 

I. Measurement op Temperature 

While one of the earliest applications of the electric 
current to measurement outside of the electrical fidd 
lies in determination of heat effects, it probably still 
remains the branch in which the greatest advances 
and developments have been made within recent 
years. Since temperature effects play an important 




BORDEN: ELECTRICAL MEASUREMENT OP PHYSICAL VALUES Transactions A. I. E. E. 


part in other electrical measurements it is fitting that 
this association of electrical quantities should receive 
the first attention. Whether the problem be one of 
detecting temperature changes of a miCTOScopic part 
of a degree or of controlirig and recording the perfom- 
ance of industrial furnaces and boilers, the electrical 
method usually furnishes the most workable solution, 
and usually at a minimum of cost. 

Until late years, the importance of accurate temper¬ 
ature measurement seems to have been overlooked by 
many branches of industry. For instance, in the treat¬ 
ment of steels, much was left to the judgment of the 
operator, with a consequent lack of uniformity in the 
product. And what may be said for the metal indus¬ 
try may be applied to almost every branch of activi¬ 
ties wherein temperatures other than atmog)heric 
were concerned. Recently, however, there seems to 
have been an awakening to the importance of accurate 
temperature determination, with the result that there 
have appeared a large number of excellent temperature 
measuring devices, giving not only rapid and accurate 
results, but making possible the reading and recording 
at a central location of temperature at a large number 
of different points. * 

Most electrical thermometers are based upon one or 
the other of two principles, either the potential difference 
at a junction of two dissimilar metals maintained at 
a temperature differing from that of the rest of the cir¬ 
cuit, a property discovered by Seebeck in 1821; or 
upon the change in electrical resistance accompanying 
change in the temperature of any pure metal. A very 
recent development depends in its operation upon the 
change with temperature of the magnetic permeability 
of certain ferrous alloys.^ 

In 1833 the thermopile was combined with the galva¬ 
nometer by Nobili and Melloni to produce a tempera¬ 
ture-measuring instrument of great sensitivity. In 
1887, Boys greatly increased the sensitivity of this 
apparatus by combining the two elements in one in¬ 
strument, so that the thermo-junction formed a part 
of the galvanometer loop, and swung with it in the field 
of a magnet. In 1881 Langley contrived another in- 
strumait of very great delicacy for measuring radia¬ 
tions, which he called a bolometer. This consisted of 
four very fine platinum or iron wires, forming the arms 
of a Wheatstone bridge connection. Alternate strips 
were exposed to radiation, and a measurement made of 
the imbalance of the bridge due to changes in the tem¬ 
perature, (and consequently of the resistance) of the 
arms. The thermo-galvanometer of Boys was esti¬ 
mated to indicate the one hundred-millionth of a degree, 
while the bolometer was capable of about one-tenth of 
that sensitivity. 

In measurements embodying the use of the thermo¬ 
electric principle, it is usual to place one couple in as 
dose association as possible with the body under meas¬ 
urement, and the “cold junction,” necessary to com- 

1. For aJl refereaoes see bibliograpliy. 


plete the circuit, in a location where its temperature 
can be conveniently determined or regulated. The 
voltage set up in the circuit is then a measure of the 
temperature difference between the. junctions, and 
therefore of the temperature of the “hot junction.” 
Measurement of this voltage may be directly made 
with an instrument of the d’Arsonval tj^e, or it may 
be performed with a potentiometer, which may be 
either indicating or recording. Where the direct de¬ 
flecting instrument is used, a current in proportion to 
the measured voltage will flow through the circuit; 
and this, by the Peltier effect, wjll tend to equalize the 
temperature of the junctions, thus crowding the scale 
in its upp«* ranges. The selection of metals employed 
will vary with the conditions under which the meas¬ 
urement is made, depending upon the precision and 
permanency required, upon the temperature range 
through which the couple may be carried, and upon 
the possibility of corrosive effects in the atmosphere 
surrounding the thermo-junction. *• *• “• 

In one form of temperature-measuring instrument 
operating upon this principle, known as the radiation 
pyrometer, devdoped by C. Pery, the junction is not 
placed in direct contact with the heated body, but is 
used in combination with an optical focusing device. 



Fig. 1—^Elementary Circuit op Thermo-Electric 
Pyrometer 

(a) “Cold” couple, at standard teniperatui’e 

(b) “Hot” couple, exposed to temperature under-nicasiu’cinent 
(g) Galvanometer 

so that when a certain image of the incandescent sur¬ 
face is obtained in the telescope field, the exposure of 
the couple is such that the indication of an associated 
galvanometer is a measure of the tempdature. Fery 
has also produced a bomb calorimeter of interesting 
construction, in which the steel body of the bomb is 
plated with copper and supported by two constantin 
disks. The change of temperature attendant upon 
combustion of the charge produces a thermo-electro- 
motive force in the structure; and the value of this 
voltage is read upon a suitable galvanometer directly 
graduated in calories. An amplification of this prin¬ 
ciple is found in an isothermal calorimeter exhibited 
in 1924 by the Research Department of the Arsenal 
at Woolwich, England. The bomb or container in 
which combustion takes place is associated with a 
double set of tiiermo-jimctions, one serving as a source 
of measurement and regulation, and the other, using 
the Peltier effect, to neutralize the temperature rise 
due to the combustion under measurement. The 
current in the Peltier junctions is regulated, through 
the agency of the thermocouples, to nraintain the tarn- 
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perature of the bomb constant within 0.0001 deg. cent. 

a measurement of this current furnishes a direct 
indication of the rate of heat evolution. i®, lo 

of all pure metals that they change 
eir electrical resistance with changes in temperature; 
and this property has been widely used in measurement 
of temperatures. As a rule the detector employed in 
this class of work consists in a small coil of wire (usu- 
^y copper, platinum or iron), forming one arm of a 
Wheatstone bridge, the remainder of the bridge circuit 
being, at or near the point where the indication is re¬ 
quired. (see Fig. 2). As in the case of the thermo- 



PiG. 2 —Elementary Circuit op Resistance Thermometer 
(b) Wheatstone bridge circuit 

(r) Re^stance coil, exposed to temperatiu*e under measurement 
(g) Galvanometer 

eledric ^stem, the indicator may be either direct 
reading, in which the galvanometer in the bridge circuit 
IS graduated in thermal units, or the galvanometer may 
be incorporated in a zero-reading device, either in¬ 
dicating or recording. In either case the simplest ar¬ 
rangement is that embodying the direct reading instru¬ 
ment; but far greater accuracy and higher precision are 
obtained when zero methods are used. In determina¬ 
tion of temperatures of small areas the thermo-electric 
method is usually the more satisfactory; while if the 


Fig. 3—Radiation Pyrometer 
(m) Concave mirror 
(c) Thermocouple 
(t) Focusing telescope 


nous range (Pig. 4). Here the heated bodj? or surface 
is viewed in contrast with the filament of an incan¬ 
descent electric lamp, and the current through the 
latter adjusted until the filament diasppears against 
the heated background. A reading is then made of 
the current, from which the temperature of the filament 
and consequently of the heated body may be deter¬ 
mined (Fig. 5). 2 ^' 28 . « 

Since both the thermo-electric effect and the resist¬ 
ance method are particularly suited to the measure¬ 
ment of temperature difference, use has been made of 
them in determining quantities which depend primarily 



Pia. 4 —Optical, or Disappearinq-Pilambnt Pyrometer 
(1) Incandescent lamp 
(r) Adjusting rheostat 
(t) Viewing telescope 
(a) Ammeter in lamp cii*cuit 

upon this difference. A heat-fiow meter dependent 
upon temperature gradient in a known mass, has been 
developed for study of boiler-room conditions; and 
a humidity recorder, depending for its action upon an 
electrical measurement of the difference in temperature 
of a wet and a dry-bulb thermometer, has recently made 
its appearance in several forms. Another form of 



Fia. 6—Optical, or Disappearinq-Filament Pyrometer 



average temperature of a considerable mass or area is 
required, the resistance method is often the better. 
This is particularly evident in the determination of the 
f^peratures of the windings of electrical apparatus. 
“Hot spots” are better located by thermocouples 
placed in proximity to the windings, while average 
temperatures of coils may be measured by closely 
associated resistance units or by direct measurement of 
the resistance of the windings themselves. 2 ®. 22.23 

Another application of the electric current in tem- 
peratm^ measurement is found in the optical pyrometer 
used in the determination of temperatures in the lumi- 


hygrometer, lately exhibited in Fngland, directly de¬ 
termines the percentage of moisture in the air by meas¬ 
urement of the dew point. Radiant heat from a small 
lamp falls upon a polished metal surface, whose tem¬ 
perature is regulated by a brine coil, whence it is re¬ 
flected and focussed upon a small thermo-junction in 
the circmt of a galvanometer. When dew forms upon 
the polished surface the thermo-electric current is re¬ 
duced;^ and a distinct disturbance of the galvanometer 
indication takes place. The sharpness of indication 
and the essential simplicity of this apparatus make its 
use highly desirable in hygrometric work, particularly 
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at low temperatures. Many other applications of 
electrical methods of measuring temperature and tem¬ 
perature difference will be found in the subsequent sec¬ 
tions of this paper. 


bon piles are permanently cast into concrete structures, 
so that stress determinations may be made at any 
future time desired. =“>• " 

The piezo-electric effect in cyrstals of quartz and 
certain salts has been employed with great success in 


II. Measurement op Stress, Strain or Small . 
Changes in Physical Dimensions 


many studies of stresses and mechanical vibrations. 
The best exemplification of this property is probably 
that found in Rochelle salt. Though its characteristic 


While it has long been known that molecular sti’ain 
has the effect of producing measiMble changes in the 
electrical and magnetic characteristics of many mate¬ 
rials, the principal uses which have so far been made of 
these properties in measurement of the stress respon¬ 
sible for distortion are associated more with contact 
surfaces and air-gaps than with the mas^s of the 
stressed materials. The change in contact resistance 
accompanjdng change of pressure is well known in its 
application to the carbon pile, long used for rheostats, 
where smooth regulation is required. It is only re¬ 
cently, however, that this property has been used in 
precise quantitative measurement; and in a "Tele¬ 
meter,” lately developed in the Bureau of Standards, 
the inherent objections to the use of the carbon pile 
for quantitative work seems to have been removed by 
a simple system of compensation, and the principle 
made available for measurements requiring a consider¬ 
able degree of precision. The basic idea of the tele- 



Fiq. 6—Carbon Pile Telemeter 
(c, c) Carbon Stacks 
(r,r) Balancing resistances 
(a) Moving element 
(y) Supporting yoke 
(g) Galvanometer 

meter lies in the use of two siinilar carbon stacks, built 
up of rings, carefully selected and ground, placed under 
a predetermined stress, and connected as adjacent 
arms of a Wheatstone bridge circuit (Fig. 6). With 
this arrangement, changes in temperature, or over-all 
pressure and other disturbing factors tend to balance 
out; and the force under investigation, producing a 
difference in pretaure of the two piles, is toe only ex- 
tamal infiumice refiected in the electrical circuit. This 
princiole has been used in the study of not only slowly 
changing stresses, but, in conjunction with the oscillo¬ 
graph, of vibratory forces of considerable frequency. 
During the last few months, esperiments have been 
carried out by the Bureau of Standards, in" which car- 


of exhibiting certain electrical potentials when under 
stress has been known for some time, it remained for 
engineers, in the laboratories of the Western Electtc 
Company in 1917 to bring this property to practical 
application in engineering work. By proper prepara- 



Fig. 7—Hot-Wire Micrometer 
(c, c) Helical coils 
(r, r) Balancing resisUiicos 
(a) Moving element 
(g) Galvanometer 

tion and treatment of the crystal it was possible to 
greatly magnify the weak effects which had been ob¬ 
served; and, .in general, it was found that the best 
, effects are obtained when the crystal is submitted to 
torsional forces, when, under proper conditions, a poten¬ 
tial difference of several volts may be obtained between 
points on the crystal before the elastic limit of the 
material is reached. While the earlier experiments 
with the piezo-electric effect were directed principally 
toward the development of sound transmitting and 
reproducing apparatus, considerable recent work has 
been done in its use for the measurement of stresses and 
vibrations in machinery and m^hanical structures. 
The freedom from frictional or inertia effects makes 
the principle particularly desirable in the study of 
rapidly changing stresses, and the property has been 
used with great success in obtaining indicator diagrams 
of explosion pressures in heavy ordnance. “• 

In the measurement of very small distances or 
changes of length, there has been found a valuable ap¬ 
plication of the thermionic tube and its associated cir¬ 
cuits. In general the two points between which the 
measurement is to be made are attached to, or them¬ 
selves become, the plates of a condenser which is a p^ 
of a tuned circuit. A microscopic change in the dis¬ 
tance between the points is enough to matemlly change 
tiie capacity of the condense, and by disturbing the 
tuning of the system, to introduce beat sounds or other 



Feb. 1925 


243 


BORDEN: ELECTRICAL MEASUREMENT OP PHYSICAL VALUES 
effects by which the change in dimensions may be machine is excited by two-phase currents having a 

periodicity of about lOOO cycles p«-minute, and the 
A novel application of combined temperature and stresses in opposite directions are equalized by balancing 
i^istance effects to the measurement of small deflec- these currents in a differential ammeter. The armature 
tions IS found m a hot-wire micrometer recently ex- to which the vibratory forces are transmitted carries 
molted in England. Two small enclosing cells each a set of small search coils; and the average value of the 
con am a loosely wound helix of copper wire. These stress is determined by measurements made of the volt- 
eoils are connected mechanically and electrically by a age induced in these coils. 

fine straight wire which holds them in a slight degree of In the “Low” oscillograph manograph, use is made 
ension. This w^ forms the point of attachment of the of a microphone and a special very heavy design of tele- 
member the motion of which it is desired to detect, and phone receiver, in the determination of phenomena 
incidentally of the galvanometer in a Wheatstone attending the performance of internal combustion 
bridge ^cmt. The two coils thus form adjacent arms engines; and with it, it is possible to obtain indicator 
at the bridge, which is balanced by two other arms in diagrams, as well as to determine general operation 
the ordinary way. Any movement of the connecting conditions, under veiy exacting and severe circum- 
wire between the coils, in the direction of its length will stances. «*• 
lengthen one coil and shorten the other, thus changing 

the ratio between radiating surface and heat generated Measurement op Flow op Liquids and Gases 

by the bridge cuimnt, and altering the relative tern- The flow of both liquids and gases can be determined 
perature of the coils. (See Fig. 7). This, in turn, pro- by a number of electrical methods; and several of these 
duces a change in the resistance ratio, with a subse- have become standardized in modem engineering prac- 
quent unbalancing of the bridge; which unbalance tice. In liquid flow meters use is made of either the 
may either be read directly on the galvanometer or electrical conductivity or heat capacity of the fluid, or 
compensated by one of the standard types of recording electrical measuring devices may be employed as 
instruments. This arrangement has been devised par- auxiliaries in the determination of the pressure head 
ticularly for application to the measurement of small developed by the flow of the liquid through an orifice 
deflections, such as are produced in specimens under or a Venturi tube. 

m^hanical stress and for application to bourdon tubes. A highly satisfactory means of determining the veloc- 
It is claimed for the device, that there may be obtained ity of flow of water, particularly applicable to large 
a magnification of one thousand times between the conduits, such as penstocks, is found in Prof. C. M. 
ori^nal motion and the deflection of the indicator. An Allen’s recently developed “salt-velocity” method! 
entirely different application of the convection of heat There is injected into the penstock a quantity of saline 
from small wires to the measurement of pressures is solution, the presence of which has a marked effect 
found in a th^al vacuuin gage employed by some upon the electrical conductivity of the water. The 
investigators. A fine electrically heated wire is placed passage of the solution is detected by means of an elec- 
in the evacuated space, and observations made of its trode consisting of a pair of parallel plates projecting 
resistance, as affected by temperat^. As this tem- well into the liquid, and connected in series with a de- 
perature is a function of the generation and dissipation tector circuit. A number of schemes have been used 
of heat, it is thus made possible to determine with great for determining, from the current flow across the elec- 
accuracy the density of the gaseous medium. *’*> “ trodes, the velocity of the water in the pipe. One is 
A flexible system of studying small deflections has to measure the time lapse between the injection of the 
recently been developed by a German engineer. The salt solution and the time of maxirmiTn conductivity 
points between which measurement is to be made are between the electrodes situated a measured distance 
eoimected by fine stretched wires, forming a bridge cir- along the conduit. Another employs two similar pairs 
euit. This circuit feeds an oscillograph, and enables of electrodes, and the time interval is taken between 
records to be obtained of movements both sustained the instants of maximum conductivity at the respective 
^d oscillatory. Oscillographic records of vibrations stations. While the electrical readings may be ob- 
in machin^ have also been obtained by connecting tained with ordinary ammeters, there has been devel- 
inductiye circuits to the vibrating parts and supplying oped an ingenious recording arrangement, wherein the 
to the instrument the ^all currents set up in these record appears on a graphic chart as two series of dots 
circuits by vibratory action. « from which the time interval may be scaled off at 

A rmiquq application of the two-phase current to leisure. 
mei^anical testing is found in the alternating stress- Experiments have been carried out with a view to 
testing machine, developed by Professor Haigh of the establishing a definite relationship between the resist- 
Royal Naval College, Greenwich, England. This de- ance to passage of an electric current between' two 
vice is used in the performance of fatigue tests on speci- electrodes and the velocity of motion of the water in 
mens which are required to withstand a great number of which they are immersed; but in the present stage of 
successive stresses. The vibrating element of the development, this relationship, while it unquestionably 
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exists, has been found to be of too erratic a nature to 
justify its employment for flow determination. ” 
A device designed particularly for measuring oil- 
flow in transformers consists in a very small ball of 
copper wire which is inserted in the pipe. This ball 
forms one arm of a bridge circuit, the other arms 
being varied in such a way as to maintain a con¬ 
dition of balance. By this means a determination is 
made of the number of watts, necessary to keep the 



Fig. 8—King Gas Meter 
(w) Heated wire 
(b) Kelvin bridge circuit 
(r) Adjusting resistance 
(gl Galvanometer in bridge 
(a) Ammeter in current cli’cuit 

little ball at a constant temperature. Referring these 
values to a cahbration curve, it is possible to read off 
the flow of oil in the transformer cooling system. A 
somewhat similar application is found in the Griffith’s 
depth gage, used for measuring the amount of liquid 
in tanks. Here the radiating conductor takes the form 
of a straight slender wire reaching down into the liquid 



Fig. 9—Thomas Gas Meter 
(h) Heating elements 
(t, t) Measuring resistances 
(r« r) Balancing resistances 
(g) Galvanometer in bridge circuit 

(w) Wattmeter in heater circuit 

from above. A similar wire, parallel to the other, but 
shielded by a tube from actual contact with the liquid, 
serves to compensate for changes in the temperature 
of the liquid. The cooling of the exposed conductor 
is proportional to its immersion, and the unbalance ^ 
introduced is read on a galvanometer or recorded by a 
graphic instnunent. A device of this nature, used in 
connection with a calibrated weir forms a very con¬ 
venient flow meter. ” 


In the measurement of gas-flow, a wide use has been 
made of the principle known as the hot-wire anemome¬ 
ter, in which a heated wire is exposed to the flow, and 
an electrical determination made of the cooling effect 
i:^on the wire. For most practical conditions the in¬ 
dications of the anemometer depend upon the product 
of density and velocity. In the meter developed by 
Dr. L. V. King, an electrically heated wire reaches 
across the pipe in which the measurement is to be made 
and means are provided for adjusting the current so as 
to TnainfaiTi the wire at a fixed value of resistance (Fig. 
8). A measurement of this current gives the instan¬ 
taneous value of the flow of gas, and the r^ults may 
be obtained in an indicating, graphic or integrated 
form. A very similar device has been used to measure 
theair-intakeonintemal combustion engines. *'■ '**’• ** 

The cooling effect of the gas stream is made use of 
in a somewhat different way in the Thomas gas meter, 
which is based upon the measurement of the amount 
of heat required to raise the temperature of the gas 



Pig. 10—Republic Flow-Meter 
(o) Orifice or Venturi tube 
(u) Modified TJ-tiibe 
(r) Calibrated rheostat 
(m) Mercury 

(a) Ammeter in current circuit 

through a known range. Two similar resistance ther¬ 
mometers, forming two arms of a bridge are inserted 
in the main, and between these is placed a heating ele¬ 
ment. Both the heater and the resistance thermome¬ 
ters are well distributed over the cross section of the 
pipe (Fig. 9). While this meter has a number of forms, 
its commercial arrangement is such that a constant 
temperature difference is maintained between the two 
resistance thermometers by means of adjustment of 
the current flowing in the heater, and measurement is 
made of the power represented by this heating current. 
The meter is made in a recording form, and may be 
.made to read either in pounds or in cubic feet at any 
desired pressure and temperature. 

93, 94, 95, 96, 97 

The importance of-knowing the amount of steam 
consumed in power plants has led to the developmmt 
of a number of practical flow meters, which have now 
become standard equipment in all large steam-driven 
stations. The pressures, temperatures and velocitiffi 
here met with prohibit the methods which are appli- 
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cable to ordinary gas-flow measurements and recourse 
is had to the orifice or the Venturi tube. The pressure- 
head, so developed, may then be determined by elec¬ 
trical means. One of the best known is the Republic 
flow-meter, in which the U-tube normally found as an 
accessory of the Venturi meiter is developed into a 
reservoir containing mercury, which, as it rises, short- 
circuits the ends of a number of vertical rods of differ¬ 
ent lengths forming the terminals of resistances (see 
Fig. 10). Changes in the mercury level thus serve to 
operate a rheostat, this rheostat forming a part of a 



(o) Orifice or Venturi tube 
(u) MocUfled U-tube 
(ti) 8tep-dowu transfoimer 
(ta) Measuring transfornier 

(m) Mercury, forming secondary of measuring transformer 
(a) Ammeter In A. O. supply circuit 

circuit supplied from a source of constant voltage. 
Thus, the value of current flowing in the circuit depends 
upon the flow through the pipe, and by properly pro¬ 
portioning the resistance between rods, it may be made 
directly proportional to the flow. The current may 
be ihade to actuate an indicator or a recording instru¬ 
ment; or, if desired, it may be passed through an in- 
te^ting meter to produce a record of the volume of 
fluid which has passed through the pipe. **• 

A development somewhat similar to the above is 
found in the flow-meter recently announced by the 
General Electric Company, shown in Pig. H. In this, 
the column of mercury, instead of bridging the points 
of a rheostat, forms a short-circuited secondary to a 
small transformer. As the height of the mercury 
Ranges, the cross-section of the ring varies, and with 
it, the secondary conductivity. This produces a varia¬ 
tion in the primary current which may then be meas¬ 
ured by any of the standard methods for metering al¬ 
ternating current quantities. The same apparatus has 
been applied in the indication of vacuum and 
water level, i®®-1®®-1®'* 

As an illustration of the ease with which the prop¬ 
erties of the electrical circuit lend themselves to the in¬ 
vestigation of problems in other branches of science, 
tiere may be mentioned a method of tracing the steam¬ 
lines of flow about a ship or other diverting body placed 
in the path of a fluid. Use is made of the fact that the 
stream lines for flow past an obstacle are coinci¬ 
dent with the equipotentials for a conductor of the 


same shape in an electrostatic field. A model of the 
figure to be investigated is placed in a rectangular tank 
full of water, and containing two sheets of aluminum 
moimted on its longer sides. Alternating-current of 
audible frequency is supplied to the sheets, and two 
electrodes, one fixed and the other movable and at¬ 
tached to a pantagraph which allows it's position to be 
recorded on a sheet of paper, dip into the water. These 
electrodes are connected to a low frequency amplifier 
and a telephone. By moving one electrode to balance 
out the sound, it is possible to establish a series of 
equipotential lines corresponding to various settings of 
the fixed electrode, and thus to very faithfully duplicate 
the conformation of stream lines in a fluid body. 

IV. Measurement op Angular and Linear 
VELOC mES 

Where alternating-current generators are attached to 
rotating shafts the electrical measurement of angular 
velocity consists simply in determination of the fre¬ 
quency of the generated electromotive force which may 
be accomplished with one of the many forms of electrical 
frequency meter. In cases where the frequency meter 
does not possess the requisite accuracy or precision, 
use may be made of the alternating-voltage as an ele¬ 
ment in some more precise t 3 rpe of measurement. 
Where the problem is one of determining the relation¬ 
ship between two speeds, as in the measurement of 
slip in an induction motor, there are available a large 
number of stroboscopic methods either partially or 
wholly electrical. Some part of the revolving part of 
one machine may be viewed, either through a slit opera¬ 
ted synchronously with the other, or by illumination 
from a source which flickers at a speed definitely related 



Fig. 12-t-Squibrbl-Cage Tachometer 
(n, s,) Permanent magnet 
(v) Pivoted vano 
. (r) Rotor 

to the velocity of the other. In this conncetion the 
neon lamp has proved particularly valuable. Or one 
machine may be caused to operate a synchronous 
contactor in the circuit of a current which is either 
generated or commutated by the other. In any of 
these stroboscopic methods the result is a beating 
effect, whose period represents the difference in speeds, 
of the machines, and which may be determined with 
far greater precision than could either speed alone. 

107, 108, 100, UO, 111, 112, 113 
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Where absolute measurement of the speed, of one 
rnqpiliinp. is required, a stroboscopic method may still 
be used, the standard velocity being obtained from a 
pendulum or tuning fork. When comparatively low 
angular velocities, such as those of large generators, 
are to be determined, the measurement may conve¬ 
niently be made by having a contactor on the sh^t 
operate one pen on a chronograph, in comparison with 
another operated from a standard penduliun. An 
interesting application of the stroboscopic principle 
lies in the Elverson “Oscilloscope,” a device de¬ 
signed for visualizing rapidly reciprocating parts of 
machinery. 

A speed indicator depending for its action upon the 
modification of the main field by the cross-magnetizing 
effect of the armature current in a small generator is 
that known as the squirrel-cage type (Fig. 12). The 
field is produced by a permanent magnet, between the 
pole-pieces of which rotates a squirrel-cage very similar 
to the electrical circuit of an induction motor secondary. 
Within this cage, pivoted upon the main ajds of rota¬ 
tion, floats on a small soft iron vane, to which is attached 
the pointer of the instrument. With the rotor at rest. 



Fig. 13 —Condenser Method op Determining Velocity 
( s, s) Strips successively broken by projectile 
(k) Calibrated condenser 
(g) Ballistic galvanometer 

the vane lies along the magnetic axis, and the pointer 
indicates zero. As the rotor revolves eddy currents 
flow in the bars, tending to set up a cross-field in the 
air-gap of the magnet, thus modifying the resultant 
direction of the field, and causing the vane to take up a 
new position of equilibrium. The extent of deflection 
of the vane depends upon the amount of field distortion, 
and hence is representative of the velocity of the rotor 
Not unlike the squirrel-cage indicator is the well- 
known magnetic tachometer widely used on automo¬ 
biles. ■ Here a small permanent magnet rotates within 
a metal cylinder, inducing eddy-currents and dragging 
the cylinder around, against the counter-torque of a 
spring, so that the deflection is proportional to the 
velocity of rotation. The graduations are marked 
upon liie outer surface of the dnnn, and are observed 
though a small window in the casing of the instrument. 

The electrical tachometer, in which speed measure¬ 
ment is obtained by means of a small generator driven 
from the shaft, is standard equipment supplied by a 
number of manufacturers. In some fonns of this type 
the generator produces alternating-current, and measure¬ 
ment is made on the frequency; but the most common 
form generates a direct-current the pressure of which 


is measured with an ordinary voltmeter graduated 
in revolutions per minute. 

There have been developed a number of essentially 
electrical methods of measuring linear velocities, par¬ 
ticularly at very high speeds such as are found in studies 
of projectile flight. In one of these the projectile is 
caused to pass through two solenoids in succession, 
the time interval being determined by timing the 
impnl fifig set up in a current flowing in the coils. A 
more precise method employs the discharge of a con¬ 
denser whose circuits are successively interrupted by 
the passage of the bullet, (see Pig. 13.) Two strips of 
tinfoil are placed in the line of flight, and connected in 
such a way that the rupture of the first removes a short- 
circuit from the condenser, while the breakage of the 
second open-circuits the source of supply. The 
charge accumulated in the condenser in the interval 
is then measvired by an electrometer or otherwise; 
and from the characteristic curve of charge the value of 
the time interval may be determined with gi-eat pre¬ 
cision. It is claimed for this method that the velocity 
of an ordinary rifle bullet may be determined when the 
strips are only an inch apart. The method has also 
been applied to measuring the duration of very short 
intervals of contact; and a similar device has 
been adapted for the determination of angular 
velocities. 

In an apparatus developed by Mr. R. Ferguson of the 
Research Department, Woolwich Arsenal, for deter¬ 
mining flash velocity and pressure factors of ignitory 
detonators, the detonator is placed on the top of a 
vertical tube. The hot ionized gases rushing down the 
tube close successively two circuits of a battery, con¬ 
denser valve and one string of an Einthoven galvanom¬ 
eter, from which records of the speed can be obtained. 
Between the tube and the steel block upon which it 
rests is placed a turmaline crystal in circuit with a 
valve and a ballistic galvanometer to measure the 
piezo-electric current generated by the pressure of the 
explosion. 

V. Measurement of Work 

In a general study of the measurement of work, it 
is not necessary that hair-splitting distinctions be 
made between work, force and energy; and some of the 
methods particularly applicable to the one quantity, 
are so principally because of their adaptability to the 
other. Since energy may, itself, be an electrical 
quantity, the wattmeter and the watthour-meter may 
be looked upon as instruments performing measure¬ 
ments of work; but, leaving these, which lie outside 
the scope of this study, there remain a number of d^ 
vices for measuring phymcal work by electrical means. 

The most common device for direct measurement of 
work is the d 3 mamometer; and both the transmission 
and absorption dynamometer have appeared in elec¬ 
trical forms. The transmission type usually takes the 
form of a torsion meter, measurement being performed 
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either upon a portion of the main shaft of the unit under 
test or upon a prepared member of known resiliency. 

In the Moore djmamometer, a special spring is in¬ 
serted in the shaft upon each element of which is 
mounted a small alternating-current generator. The 
two generators are identical in design, and are excited 
mth their fields in series from a common source of 
direct-current. When there is no torque in the shaft, 
and consequently no twist in the spring, the adjustment 
of the machines is such that they are of exactly opposite 
polarity. However, as soon as any angular displace¬ 
ment occurs, a resultant voltage appears, the two 
generated voltages being no longer in opposition; 
and since this voltage is a function of torque multiplied 
by speed, a properly calibrated voltmeter will give a 
direct measurement of the energy being transmitted 
by the dynamometer. By measuring either of the 
component voltages alone, a direct determination of the 
velocity of the shaft may be obtained.*** 

An interesting form of dynamometer, developed by 
Messrs. Johnson and Denny, operates on the induction 
principle, using a differentially wound telephone as a 
detector. On the shaft in which the torsion is to be 
measimed there are fixed at a suitable distance apart, 
two light non-magjietic wheels, each carrying a per¬ 
manent ma^et with a rather sharp point. Fixed 
near the periphery of these wheels are inductor units 
consisting of sets of little coils arranged about a aTnnll 
angle of the arc of rotation. Each coil of the inductor 
may be separately connected to the detector circuit by 
means of dial switches, so that it is possible to oppose 
any coil in one unit to any coil in the other, through 
the telephone detector. By using different numbers of 
coils on the respective inductors a vernier arrangement 
is obtained, so that by setting the dial switches, coils 
varying by small angular increments on the two 
wheels may be opposed. In operation the dials are 
manipulated until a condition of least noise in the 
telephone is obtained, when the angle represented by 
the setting is that of torsion of the shaft, from which 
value the transmitted power may be computed.*®* 
Another electrical t 3 T)e of torsion meter developed 
by the same investigators depends upon the variation 
of the constants of a transformer with change in the 
air-gap. Two iron sleeves, carried on the two ends of 
the shaft under test, form a part of the magnetic cir¬ 
cuit of a small transformer. As the torsion of the 
shaft varies, the air-gap between these sleeves changes, 
mth the consequent result, that owing to the redistribu¬ 
tion of flux, there is a change in secondary voltage. 
The torque is then determined from the indications of a 
voltmeter in the secondary circuit. A modification 
of this arrangement, due to Moullin, includes a genera¬ 
tor driven from the same shaft, so that, the frequency 
changing with the velocity, the current through the 
magnetizing wil is ind^endent of the speed of rotation 
and gives a direct measure of the twist or torque in the 
shaft. This current, bearing a linear relationship to 


the torque, may be measured either directly in an 
ammeter or recorded by an oscillograph. This form of 
the instrument has been found particularly useful in 
measuring the torque in Diesel engines and other 
prime movers. ***• '■**• i®®- *®®> 'w 

In the absorption d3mamometer, the energy trans¬ 
mitted from the shaft is all converted into heat or elec¬ 
trical energy, the measurement performed upon the 
factors controlling the conversion. There are two 
principal electrical forms of this dynampmeter, known 
respectively as the eddy-current, and the generator 
types. In the eddy-current dynamometer the power 
under measurement is delivered to a disk or other 
form of short-circuited conductor rotating in an ad- 
justeble magnetic field. The torque is opposed by 
weights, as in the prony brake, but the retardation is 
adjust^ by regulating the field current to a value where 
a condition of equilibrium easts. The actual quanti¬ 
tative measurement is made upon the weights, and the 
electro-magnetic effects may be said to serve only as a 
convenient means of absorbing the energy. The 
gen^tor type of dsmamometer has provision for 
making a direct measurement of either the mechanical 
torque or the electrical energy produced. The best- 
known form of this apparatus consists in a direct- 
cxiraent generator, having its field structure carried on 
knife-edges, allowing it to rotate through a small 
angle against a measured force. The output of the 
generator may be regulated and also metered, thus 
providing two independent means of determining the 
value of the power. In many instances an added ad¬ 
vantage of this scheme lies in the possible regenerative 
use of the dynamometer, the power being returned to 
the main circuits of the plant or employed for other 
useful purposes. Perhaps the most recent develop¬ 
ment in electrical dynamometers is that in which an 
electric locomotive is made use of in testing a steam 
locomotive. The latter pulls the former along the 
track; and load is supplied by making use of the re¬ 
generative feature of the electric unit, electrical power 
being back-fed into the trolley and measured with 
ordinary electrical instruments. *®®' *®‘'' *<*• *«• *«»• **< 

An interesting though hardly precise form of power 
plant instruinent recently developed in England is the 
Giton “EflSciency meter,” devised for the purpose of 
giving, at any time, an indication of the efficiency at 
which a steam-driven plant is operating. The meter¬ 
ing element consists in a movement similar to that 
used in the power-factor meter, wherein a pointer takes 
up a position representative of the ratio of two currents 
flowing in separate windings. One of these windings 
is supplied with current whose value is controlled by 
the rate of fuel supply to the boiler, while the other 
receives its current from a transformer or shunt on the 
m^iin biM. The ratio of these two quantities, as shown 
on the indicator, will then be a rough measure of the 
over-afl efficiency of the unit under consideration, or of 
the whole plant, according to the arrangement of the 
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electrical circuits. The limitation of this type of in¬ 
strument would appear to lie in the precision with which 
the input energy may be measured; and it would seem 
that in hydroelectric plants or in stations using pow¬ 
dered or liquid fuel, where a fairly accurate and continu¬ 
ous measure of the input may be obtained, it might 
find considerable application, particularly if a differ¬ 
ential instrument instead of a ratio type of indicator 
were employed, the final measurement being one of 
over-all losses rather than of efficiency 

VI. The Measurement op Radiant Energy 

The close association which exists between radiant 
and electrical effects, as we now understand the terms, 
gives rise to a host of points of contact between the two 
classes of measurable quantities. But because of the 
difficulty of definitely applsdng the term “non-elec- 
trical” or “non-magnetic” to any radiant phenomenon, 
we are limited in this study to a few of the more out¬ 
standing measurements where we may safely feel that 
we are not too far trespassing upon the preserves of 
the physicist. 

The effect of light upon the electrical resistance of 
selenium and similar metals is familiar to all; and while 
many uses have been made of this property, it can not 
be said that any greatprogresshas been made in the quan¬ 
titative measurement of illumination by this means. 
This is due principally to the selective quality of these 
materials for various wave-lengths differing from that 
of the retina of the eye, to such an extent as to render 
impracticable, the replacement of the eye in photom¬ 
etry. A lack of constancy which further characterizes 
selenium precludes its use for measurements where 
there is need for any degree of maintained ac¬ 
curacy. Recent researches have placed before us a 
mass of valuable material in regard to the relations 
between radiant energy and electric-current phe¬ 
nomena; and the new developments in photo-electric 
cells already in evidence point to a great expansion in 
the application of electrical principles to the practice of 
photometry arid allied measurements. The photo¬ 
electrical properties of the materials which have been 
investigated may manifest themselves in a change of 
electrical resistance or of thermo-electro-motive forces, 
a change in the electron discharge in an evacuated tube 
or by a definite electrical potential difference between 
parts of the specimen under exposure to the radiant 
energy. A photo-electric cell developed in 1923 by the 
General Electric Laboratories utilizes the principle of 
electronic discharge, and has already found wide appli¬ 
cation in the sorting of noaterials according to 
colour, .i” 

The best-known methods of measuring radiant 
energy are, however, those which employ the thermal 
effect due to the impinging of the energy upon a sur¬ 
face to be heated; but these are more properly dis¬ 
cussed under the head of “Teinperature Measurement,” 
and as such have be@ti bri^y touched upon in their 


elementary forms, as the thermo-galvanometer and 
the bolometer, and will be further referred to in the 
discussion of iceberg detectors under the heading of 
“Navigational Measurements.” 

VII. Determination op Chemical and Molecular 
Conditions 

The rapidly closing gap between the phenomena of 
chemistry and those of electricity has been bridged 
be electrical measurement so often as to make it 
probable that the writer of a few years hence will not 
be able to class measurements in the field of chemistry 
as applying to “non-electrical” quantities. Electrical 
measurements have so intruded themselves into the 
work of the chemist as to make it appear that in the 
very near future his voltmeter, his potentiometer, and 
his oscillograph will be as much a part of his standard 
equipment as are his present-day reagents and 
balances.'*® 

An electrical measurement which has found very 
wide application in both organic and inorganic chemis¬ 
try is the determination of hydrogen ion concentration. 
The essential characteristic of an acid is its replaceable 
hydrogen atom, or, in terms of the theory of electrol 3 riic 
dissociation, its ability to give off hydrogen ions in 
water solution. In general it may be said that the 
amount and the speed of the action of an acid is depend¬ 
ent only upon the concentration of the hydrogen ions. 
When a metal is dipped into an acid solution there at 
once takes place an interchange of ions, resulting in 
the establishment of a definite electrical potential 
between the metal and the solution. If two similar 
electrodes are dipped into two solutions of different 
concentration, and these solutions be electrically con¬ 
nected, the potentials will be different; and if an external 
circuit be provided there will be a tendency for current 
to flow between electrodes. The potential difference 
will be proportional to the concentration of the ions of 
the electrodes in the respective solutions. If, then, 
an electrode of hydrogen is used, there will be developed, 
in such a cell, a potential representative in its value of 
the concentration of hydrogen ions in the electrol 3 rtes. 
Such an electrode may be prepared by depositing a 
film of finely divided platinum, palladium or iridium 
upon an inert metal and saturating it with hydrogen 
gas at a definite pressure. The metal is inert as re¬ 
gards hydrogen ions; hence any .electrical potential 
developed between electrodes is due to the respective 
concentrations of hydrogen ions in the solutions.'**’ ***• 

18.’). m, 188, 188, 187, 188 

As any .flow of current at the time of measurement 
will have an effect sufiGidently disturbing to vitiate tiie 
results it is necessary that the measurement of potential 
be made by ^me metibiod wherein no current is drawn 
atthetime ofreading. There are three general methods 
whereby this may be done, embodying the use respect¬ 
ively of the qua^ant electrometer, the condenser and 
the potentiometer. Of these the last named is capable 
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of giving the greatest accuracy, and is probably more 
convenient in its operation than either of the others. 
Any of the standard laboratory types of potentiometer 
may be us^; and, if required, the apparatus can be 
obtained in a continuously recording form. The 
electrometric method has been successfully applied in 
determining the acid content of lubricating and trans¬ 
former oils. 

An interesting use of the oscillograph in chemical 
work is found in a recently published study of the rate 
of diffusion of certain metals in solutions of their salts. 
This work, carried on by Professors Miller and Burt- 
Gerrans, of Toronto University, consists in a detailed 
study of the intensity of concentration of electrolytes 
during short time intervals after the application. 
While it is essentially a fundamental investigation in 
pure science, it is one whose results should have im¬ 
mediate application in such work as battery charging 
fiom rectified currents, and electrolytic processes in 
general.'*®' 

Much has been accomplished in the adaptation of 
electrical measurements to studies of the chemical 
and molecular properties of steel and ferrous metals in 
general. A rather indirect method of determining 



Pig. 14—CaiiLENdar (Cambbidqb) Recorder 

the carbon content of a steel consists in passing the 
carbon dioxide produced by direct combustion of the 
metal into a solution of barium-hydroxide of known 
resistance and basing the results upon a determination 
of the increased resistance of the solution due to the 
precipitation of barium ions. In a practical develop¬ 
ment of this method, as worked out by Messrs. Cain 
and Maxwell, of the Bureau of Standards, great 
accuracy has been obtained, and results can be produced 
in a very short time. The products of combustion are 
passed through a special absorption vessel, and the 
electrical resistance measured by means of an alter¬ 


nating-current bridge operating on commercial fre¬ 
quency. The resistance values are then applied 
in a special nomographic chart which compensates for 
temperature conditions and gives a direct reading of 
the percentage of carbon in the stesel.'** 

Through a S 3 rstem of magnetic analysis, the percent¬ 
age of carbon in steel is determined in the “Carbometer" 
developed by Messrs. Malmberg and Holmstroem. 
The method requires a test piece cast in a special mold 
to fit a space provided in the apparatus so that it be- 



Pia. 15 —Leeds & Northbup Recorder 


comes a part of the magnetic circuit of a special type 
of generator. The action of the generator, which is 
operated by clockwork, is to expose the specimen to the 
alternate action of two magnetic fields of different 
intensity. After a few cycles of magnetization the 
relation between the greater and the lesser induction 
becomes practically constant, and the armature of the 
generator comes to rest in the position which gives the 
stronger field through the specimen. By depressing a 
button, the armature is then caused to rotate to the 
position of weaker field and the change of flux deter¬ 
mined by a coil linked with the magnetic circuit and 
coimected to a ballistic galvanometer. Since the 
reading is representative of the difference of the two 
fluxes in the one specimen it has been found that slight 
flaws, cracks or roughnesses have but little effect upon 
the final results. With the same treatment it is found 
that a very definite relationship exists between the 
readings of the galvanometer and the percentage of 
carbon in the ^ecimen, enabling determinations of 
carbon to be made with an accuracy equivalent to that 
obtaining with the most careful chemical analysis. 
The (^bometer has also been applied in the deter¬ 
mination of the amotmt of other metals such as 
aluminum, silicon, manganese and chromium in the 
iron.'®*’ *®®>'®®- *®* 
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Certain operations in the treatment of steel and 
ferrous alloys in general should take place at definite 
tem peratures which are closely related to what are 
known as the “transformation points” of the metal. 
At these critical points there occur important changes 
in the internal characteristics of the steel; and these, 
being reflected in a number of electrical and magnetic 
phenomena, may be determined with great accuracy 
by electrical means. The o-itical points have been 
studied by observations of the thermo-electric effect, 
the electrical resistance, the magnetic permeability 
and the heating and cooling curves; and while there 
does not as yet seem to obtain a perfect agreement 
among the several methods, there has been collected a 
vast amount of data, enabling heat treatment to be 
carried out with an accuracy and precision quite suf¬ 
ficient for the most exacting requirements of modem 
industry,*” 

The thermo-el^tric method of determining the trans¬ 
formation points of iron-carbon alloys consists in mak¬ 
ing up a combination of thermo-couples in which the 
iron under investigation in the form of a fine wire, 
forms a part. To the two ends of the wire specimen 
are welded thermo-junctions, usually platinum, plat- 
inum-rhodixun; and the wire is placed in a furnace in 
such a way that there is a slight temperature gradient 
between its ends. The thermo-couples give the 
temperatures at the ends of the wire, while the voltage 
betweai the platinum leads represents the thermo- 
electromotive force of the iron against platinum for the 
temperature and temperature range indicated. The 
results of thesq measurements, when plotted graphically, 
show a distinct discontinuity in the relationship of the 
respective curves as the critical ranges of the alloys 
are reached, and make possible the accurate deter¬ 
mination of the temperature at which the transforma¬ 
tions take place.®” > 

In stud 3 dng the critical ranges of iron by the resist¬ 
ance method, a curve is plotted of electrical .resistance 
against temperature, when it is found that distinct 
points of inflection make their appearance at tempera¬ 
tures corresponding to the transformation points. 
When the magnetic method is employed curves of 
permeability are plotted agahat tempCTature, giving 
very precise results until the magnetic characteristic 
of the iron almost disappears, at a temperature of about 
780 deg. cent.”* 

The method which seems to have found the greatest 
use as a basis of heat treatment in industry is that 
based upon a study of the heating or cooling curves of 
the material. As the changes which occur at the aitical 
points are accompanied by an absorption or evolution 
of heat, it follows that under the condition of heat being 
supplied to or abstracted from the i^ecimen at a 
uniform rate, the temperature of the metal will not fol¬ 
low a rmiform law of change, but will pauM at a more 
or less constant value until the change in the structure 
of the material is completed, when it will resume its 


change in proportion to the transfer of heat. As a 
result of this characteristic a curve of temperature of 
the metal will exhibit a “hump,” which indicates the 
transformation point of the material, and thus gives a 
very definite point of reference for the control of tem¬ 
pering or hardening operations. A practical ap¬ 
paratus utilizing this principle for the treatment of 
steel employs a standard type of potentiometer-pyrom¬ 
eter, -making its record upon a strip of coordinate 
paper. The record takes the-form of a series of tem¬ 
perature cycles as the furnace is heated and cooled, 
and as each batch approaches its maximum tempera¬ 
ture, there is noted a distinct “hump” in the curve, as the 
transformation point is reached. (Fig. 16) By carrying 
the heating to a specified amount beyond this point, 
and then quenching, (or annealing, as the case may 
require) a very high degree of uniformity of product in 
various batches is virtually assured. This method in 
the past few years has foxmd a wide application both 
in the heat treatment of tools and dies, and in produc¬ 
tion work, such as the hardening of gears, ball-races and 
small parts for automobiles and other machinery.®”- ®”- 

206. 207 

Certain phases of the chemical analysis of gases may 
be performed by electrical methods based upon thermal 
conductivity. Some of the earliest work on this prin¬ 
ciple was done in England by Mr. G. A. Shakespear; 
and his method has since made its appearance in a 
practical form of carbon dioxide recorder, produced 
both in England and America. The fundamental 
action of the device is in reality that of the hot-wire 
anemometer. In practise there are usually two similar 
heated wires, enclosed in adjacent cavities in a metal 
block, forming two arms of a Wheatstone bridge. One 
of the wires is exposed to air or some standard gas, 
while the other operates in an atmosphere of the gas 
to be measured. (Fig. 17.) Any difference of tem¬ 
perature, as indicated by an unbalance of the bridge, 
must then be due to a difference in the thermal con¬ 
ductivity of the gases, from which the characteristics 
of the gas under investigation may be determined. 
This apparatus is available in a graphic form, so that a 
continuous record may be obtained where desired, as 
in the case of flue gas analysis in power plants. The 
principle of this device has also been successfully 
applied in the following measurements: Hydrogen in 
electrolytic oxygen. Oxygen in electrolytic hydrogen, 
SO 2 in contact gases and the permeability of fabrics. 
Another electrical method of determining the percent¬ 
age of C 02 in a flue gas bases its results upon the change 
of resistance of solution through which a sample of the 
gas is passed. This has already been discussed among 

the methods for determining the carbon content of 

209 ,210 

As an accessory to the carbon dioxide recorder, 
there is sometimes furnished a carbon monoxide 
recorder, which, while of very similar construction to 
the former, operates upon a somewhat different prin- 



Feb. 192.*. 


251 


BORDEN: ELECTRICAL MEASUREMENT OF PHYSICAL VALUES 


ciple. (Fig. 18.) As in the CO 2 recorder, there are 
found the two wires in adjacent chambers, forming a 
part of a similar circuit. Here, however, the wires are 
kept at a much higher temperature than in the CO 2 
recorder, so that the conductor in the active chamber 
selves as a catalyzer and ignites any CO, which maybe 
present. The rise in temperature due to the combus¬ 
tion is much greater than that which is produced in the 
COs meter by the change in heat conductivity of the 
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gases, completely overshadowing any change due to the 
presence of incombustible components and furnishing 
an almo.st perfect indication of the presence of CO, or, 
to be more precise, of (CO + Hs), in which terms the 
imtrument is sometimes calibrated. Or, as is some¬ 
times done, a determination of CO may be made by 



Fio. 17 —Electrical C 0* Meter 
( a, a ) Oiiainb(.Ts containing inert gas or air 
(b# b ) OhamberH containing gas to bo moasurod* 

(r, r ) Balanct^ rosistancos 
(hr h ) Variable rosistancos 
(g) Galvanoniotor in bridge cU*cuit 

converting it into CO* and passing the gas a second 
time through a CO 2 meter. Another form of CO 
recorder uses the electric current as a catalyzing 
agent only, leaving the final determination to a measure¬ 
ment of the change in volume between the incoming and 
outgoing gases,*” • 

The eatal 3 rtic property of heated platinum in the 


presence’ of certain combustible gases has found an 
important use in the fire-damp detector used in coal 
mines. The principle of the several forms is essentially 
that of a "Wheatstone bridge containing in its circuit 
one or more arms of platinum wire. In an atmosphere 
containing fire-damp local combustion raises the tem¬ 
perature, and consequently the resistance of the 
platinmn arms, and produces an unbalance which 
may be read quantitatively on a galvanometer, or 
may be made to operate a relay, giving an alarm of the 
presence of the combustible gas.^^*’ 

In the Dionic water tester of Messrs. Digby and 
Bi^, produced by Evershed, we have a very inter¬ 
esting application of the use of the electrical conductiv¬ 
ity of water as a basis ih the determination of the per¬ 
centage of impurities. The instrument consists in a 
form of direct reading ohm-meter, similar to the well- 
known Megger, supplied with a .specially designed water 
cell and graduated upon its scale in units of con¬ 
ductivity. By means of tables furnished by the makers 
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of the instrument, it is possible to determine and meas¬ 
ure almost infinitesimal quantities of dissolved sub¬ 
stances. The principal uses of this instrument are 
found in the testing of water supplies for cities and for 
use in power plants, as well as in determination of leak- 
*age in surface condensers. Similar applications have 
very recently been made of electrical conductivity 
measurement in the determination of the characteristics 
of organic solutions; and probably the most recent 
lies in the electrical rheasurement of the percentage of 
butter fat in cream.*"*' *'“• ***>• **‘> ***• --*• 

VIII. Navigational Measurements and Detection 
■ OP Hidden Conditions 

The earliest application of magnetic principles to 
ph 3 rsical measurement lies undoubtedly in the mariner’s 
compass. The fact that the earth is surrounded by a 
field, so that a magnetic needle takes up an approxi¬ 
mately north and south position seems to have been 
known to the Chinese at least a thousand years before 
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the beginning of the Christian era, and two thousand 
years before this property was known in Europe. 
Indeed as early as the third or fourth century “Chinese 
vessels navigated the Indian Ocean under the direction 
of floating magnetic needles pointing to the south.” 
(Humboldt.) For centuries the magnetic compass has 
changed but little in form; and xmtil very late years 
there was found no substitute for the simple structure 
of a gnia.11 magnet carried on a frictionless bearing and 
kept in a reasonably level plane. The prime cause of 
recent improvements in the magnetic compass is the 
extremely disturbing condition to which aviation 
instruments are exposed. This has led to the utiliza¬ 
tion of the earth-inductor, in which a coil of wire is 
caused to rotate in the earth’s field, the magnitude of 
the voltage so generated being a function of the orienta¬ 
tion of the coil with reject to the earth. The earth 
inductor has been used thus, not only as a compass but 
as an inclinometer 

Like many other branches of science, the use of elec¬ 
trical and magnetic aids to navigation received a power¬ 
ful stimulus in the great war, and for many months the 
rivalry, not only between contending forces but among 
friendly navies in their efforts to outstrip one another 
in the development of these methods of guiding them¬ 
selves through unchartered waters, knewakeenesswhich 
has never been equalled in times of peace. While 
many of the results of such work have been strangled 
with red tape, a goodly proportion actually found their 
way into actual use, and rendered great service; and some 
have survived to the extent of becoming standard prac¬ 
tise, not only in our navies but with the merchant 
marine of the present day. Leaving aside the g 3 TO- 
scopic compass, a pre-war development employing 
electromagnetic principles in only an auxiliary sense, 
there may be mentioned xmder this head the leader 
gear, the several systems of radio direction-finding and 
beacons, as well as electrical applications in depth¬ 
sounding and the location of icebergs and other, 
obstructions.^*® 

The leader-cable, now permanently installed in 
several important waterways, was originally developed 
by Drs. L. A. Herdt and R. B. Owens of McGill Uni¬ 
versity, and a trial installation successfully operated 
near Sorel, on the St. Lawrence River in 1903 and 1904. 
The cable is usually laid in the navigable channel; 
and the shipswhichmakeuseofitare equipped with sensi¬ 
tive detecting apparatus whereby they may be kept in 
a position directly ova* the course of the cable. The 
particular use of the leader-gear lies in enabling ships to 
find and enter an estuary in foggy weather,' and when 
usual aids to na-vigation, such as buoys, light-ships and 
landmarks, are obscured. The scheme embodies an 
inversion of some of the systems which have been used 
for locating faults in defective circuits, in that an alter¬ 
nating current carried in the cable induces effects in the 
detector circuit at the point of observation. A sig¬ 
naling key is inserted in the cable circuit at the trans¬ 


mitting station; and this enables the currentto be inter¬ 
rupted, so that messages may be transmitted if desired. 
The distortion of magnetic field from the cable, due to 
the iron in the construction of the ship has a favorable 
effect, in that it greatly increases the closeness with 
which the ship may be kept over the line of the cable. 
With receiving coils mounted on the side of the ship, 
signals are good up to about 400 yards; and with an 
auxiliary system of towed electrodes, the cable may be 
detected at more than 1200 yards.**®’ ***• *■'**• ***■ *•“■ *** 
Quite apart from its sphere of communication, the 
principle of the wireless telegraph has been employed 
in a number of systems of direction-finding by radio; 
and these are proving of inestimable value, particularly 
in the navigation of coastal waters. There are at 
present three principal methods by which radio is 
applied in direction-finding. The best-known of these, 
the Bellini-Tosi, system employs two land stations or 
“beacons,” sending more or less continuous .signals of 
prearranged characteristics. The ship, equipped with 
a rotatable loop-antenna, is able to determine the 
directions from which the respective signals emanate, • 
as well as the angle subtended by them. It is then 
possible, either by communication vtith these stations 
or by direct computation, to quickly and precisely 
determine the position and course of the vessel. Sev¬ 
eral modifications of the rotatable-loop recei'ving 
antenna are in use.***’ *^*’ *•’*’ **'*’ *''"’ **‘ 

In the short-wave Marconi system, transmission is 
made from a coil instead of from the usual aerial and 
the coil is maintained in rotation at a constant rate 
about a vertical axis. A maximum amount of energy 
is radiated in the plane of the coil; and in a perfect 
system no signals can be obtained in a plane perpendicu¬ 
lar to this. The result is a rotating radio beacon. The 
ship picks up the signals on its ordinary aerial system; 
and as the transmitting coil rotates, the intensity of the 
signal varies from a maximum to zero twice for each 
revolution. WHien the intensity is zero, the navigating 
officer knows that the plane of the coil is at right angles 
to him. A system of distinguishing signals transmitted 
by the coil when it is due east and west, and when 
due north and south serves to establish a time upon 
which the officer may base his calculations and deter¬ 
mine the direction from the transmitting station. Two 
such beacons detmnine the position of the ship.*** 
Another type of beacon carries two coil-aeriails with 
their planes displaced through an angle of about 136 
degrees, a signal being sent alternately from one and the 
other coil. A ship located on the bisector of the angle 
between the coils 'will receive the two signals with 
equal intensity. Thus a definite course may be held 
simply by navigating so that the signal strength from 
the two coils renaains balanced.***’ **’• *** 

During the war there were developed numerous 
electrical and magnetic methods of locating submarines 
and fioating mines; and while, for some of these, most 
extravagant claims were made, and others, owing to 



Feb. 1925 


BORDEN: ELECTRICAL MEASUREMENT OP PHYSICAL VALUES 


the sudden cess3.tion of hostilities, proved abortive, 
there yet remain a number which rendered yeoman 
service under actual warfare conditions. Apparatus 
employing the piezo-electric effect of crystals was 
developed, depending for its operation upon the re¬ 
sponse of the crystals to vibrations set up by the propel¬ 
ler of the submarine; but the best known, and probably 
the most useful were those schemes using the alter¬ 
nating magnetic field, and operating on a principle 
basically that of the Hughes induction balance of 1879. 

As an outstanding example of this application, may 
be mentioned the work done by Messrs. J. B. White- 
head and L. 0. Grondahl, first at Johns Hopkins Uni¬ 
versity and later, on vessels afloat, under the juris¬ 
diction of the U. S. Navy. The elanentary construc¬ 
tion of the device used consists in a long alternating 
electromagnet, having within its field, but some dis¬ 
tance away, a detecting coil, so placed that normally no 
electromotive force is set up by the field of the magnet. 
If a considerable mass of magnetic material comes 
within the range of the magnet, the disturbance of the 
field is sufficient to upset the balance, causing in the 
detector circuit a voltage, which not only reveals the 
pre^nce of the distrubing element, but may also give an 
indication of its direction.^® 

In measuring the depth of navigable water, as well as 
in detwting the presence of icebergs or other obstruc¬ 
tions, in foggy weather, advantage has been taken of 
the known speed of propagation of sound waves through 
the medium. A characteristic sound wave is produced, 
^d the distance determined by the time elapsing until 
its echo is received. While this is not primarily an 
electrical method, the success which has attended its 
use has been due almost entirely to the use of electrical 
means both for the production of the sound and for the 
^nsitive and accurate determination of the instant of 
its return. Emplo 3 nng the linear induction motor 
developed by Professor Fessenden for this purpose, it 
has been possible to establish communication between 
moving ships by telegraph, and even for short distances 
by telephone.®^*’ 

Considerable work has been done in various quarters- 
in the detection of invisible objects by heat radiation. 
In general, a sensitive thermo-electric cell is used in the 
focus of a parabolic reflector and the presence of any 
object of a temperature differing from that of the back¬ 
ground of the field of the reflector sets up electro¬ 
motive forces which are detected by a sensitive gal¬ 
vanometer in the circuit of the cell. Dming the war 
this device was made use of in such work as detecting 
the presence of reconnoitering and working parties in 
“No-man’s land.” A similar development is that of 
A. Larigaldi of Paris for detecting icebergs at sea. In 
this he makes use of a telliirium cell, very sensitive to a 
band of heat waves in the infra-red, which have a pecu¬ 
liar property of traveling through fog with little loss of 
intensity. The cell is protected from air cmrents and 
stray radiation by being mounted in a small glas,g 


housing fitted with a window of sylvinite, (a crystal 
transparent to this particular band of radiation), the 
whole being mounted at the focus of a searchlight mirror 
about three feet in diameter. The resistance of the 
tellurium element is balanced in the usual way; but an 
innovation is introduced in the use of currents of 
telephonic frequency, and the detection of a condition 
of unbalance by the use of thermionic amplifiers and a 
telephone. The mirror is mounted so as to sweep the 
horizon, and an adjustment is made for miniimnn dis¬ 
turbance in the telephone. If, for some reason, 
radiation from the horizon is intemipted by an iceberg 
(or other obstacle), a sound will be heard in the tele¬ 
phone every time the searchlight is turned toward that 
particular direction. By this means, large icebergs 
have been detected as far as six miles away.““- 
An interesting application of the electrical resistance 
thermometer to navigational purposes is found in a 
method of iceberg detection developed by L. V. TCing 
and H. T. Barnes of McGill University. A continuous 
record, to a very small part of a degree, being obtained 
of the temperature of the water through which the 
vessel is passing; the presence of an iceberg manifests 
itself by a lowering of this temperature due to the 
surface layer of recently melted water which has not 
yet mixed with that of the ocean. While in conditions 
of calm weather this method has much to recommend it, 
it has been found that disturbing conditions, -such as 
introduced by ocean currents, are too great to make 
it infallible in its results. Experiments are still in 
progress in connection with the applications of this 
method of recording ocean temperatures to various 
practical applications, such as meterology.^^. 

Much valuable work was done during the great war 
in the practise of sound-ranging on land. In general 
there were placed at predetermined locations two or 
more sound detectors, circuits being carried from these 
to a central point, where records were made by an 
Einthoven string-galvanometer or an oscillograph. 
One form of detector was made up of a bolometer placed 
behind a very thin rubber diaphragm. A sound wave 
impinging upon this film caused a momentary condensa¬ 
tion and rarefaction of the air about the bolometer, 
with a consequent impulse in the electrical circuit. By 
scaling the spacing of the several impulses as recorded 
by the galvanometer, it was possible to triangulate for 
the location of the origin of the actuating sound. In 
this way enemy guns were located with a high degree of 
accuracy. 

The principle of the hot-wire anemometer has been 
applied in a fofm of inclinometer for use in aviation. 
The heated conductor is enclosed within a tight tube, 
and its cooling depends upon the convection currents in 
the enclosed air, which currents are much modified by 
the position of the tube with respect to the horizontal. 
It is thus possible to obtain from the instruments in the 
bridge circuit of the anemometer a direct indication of 
the inclination of the machine. The earth-inductor. 
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referred to in an earlier paragraph, has also been used 
as an inclinometer.*®^- *“ 

A very sensitive device for the detection of water 
vapour in closed pipes has been developed by Messrs. 
Weaver and Ledig of the Bxireau of Standards. A small 
gingfi cell is coated on the outside with a platinized 
surface having its electrical conductivity broken by an 
etched line. The two areas of metal are connected to 
separate leads sealed into the glass. The line of 
separation is painted over with some hygroscopic 
electrolyte, and the outside of the cell is exposed to the 
gas whose purity it is desired to observe. The leads 
are coimected into the circuit of an alternating-current 
bridge; and measurements of the resistance of the cell 
furnish a very precise indication of the quantity of 
water vapour which may be present in the gas.*®* 

A method originally developed in the Bureau of 
Standards for the determination of the uniformity of 
specimens for magnetic tests was turned to a very 
practical application during the war, in the location of 
flaws in steel for rifle barrels. In this apparatus the 
iron under investigation forms a part of the magnetic 
circuit of a form of continuously operatingpermeameter; 
and as the specimen passes slowly through the instru¬ 
ment, irregularities in its structure make their presence 
very evident by marked changes in the reluctance of 
the material. It is possible that tiiis method may find 
application in the testing of such materials as steel 
rails and cables.*®*. 

Many ways have been proposed for the location of 
ore bodies beneath the surface of the ground, of water 
pockets, and oif buried treasures in general; and these, 
like methods of producing rain, may be classed as either 
religious, magical or scientific; and, as in rainmaking, 
while a study of the first two d.oes not come within the 
sphere of this paper, an analysis of the so-called scientific 
methods is generally productive of the most disappoint¬ 
ing results. Most of the electaical methods which have 
been suggested embody either an application of the 
Hughes induction balance or some most delicate system 
of electrostatic measurements; and it is very difficult to 
establish authentic records of metal-bearing ores or 
other valuable material having been definitely located 
by such means.*** 

One scheme which has received some note in the 
technical press is that of H. Lewis, which embodies an 
application of Kirchoff's laws of potential distribution. 
An electric fidd is generated in the area to be investi¬ 
gated; and, with a telephone, a series of level lines is 
determined on the surface. By observing the dis¬ 
turbances in these lines, it is claimed that the presence 
and location of deep-lying ores of conducting matmal 
or of water inay be determined.**®- *®i 

Devices purporting to make use of magnetic disturb¬ 
ances due to earth currents in the vicinity of d^osits 
of ore, oil or water have from time to time made then- 
appearance; and some of them show great ingenuity 
in their design and construction. Probably the best 


known of these are the instruments of Schmidt, and of 
Mansfield, which are essentially similar in their arrange¬ 
ment. The general construction, as described in one of 
the patents, is as follows: 

A horizontal hollow glass cylinder is surrounded by a layer of 
paper impregnated with paraffin. Around this layer of paper a 
well annealed iron wire is spirally wound, the successive windings 
of the same spiral line not beit^ in contact, and the successive 
layers of wire being separated from one another by a layer of 
paper impregpiated with paraffin. Here and there a layer of 
paper treated with paraffin is covered with tin-foil over which the 
wire is wound. The outside layer of wire of the coil thus formed 
is covered witli paper. The coil is open and completely insulated, 
that is to say, not connected with any source of current. Above 
this coil a glass plate is placed, in the middle of which is a fine 
point which supports a needle. The needle is feebly magnetized 
and turns easily on the point.. 

It is stated that the instrument will 

Indicate certain atmospheric changes, the nature and cause 
of which are not yet understood but which manifest themselves 
in a peculiar way in the neighborhood of the source and course 
of subterranean waters by rapid oscillations of the pointer of the 
device. 

It is claimed that when the instrument is in the 
vicinity of a source or a stream of subterranean water 
the needle will after a time oscillate rapidly. Whether 
designed for ores, water or oil, there is little structural 
difference in the instruments.*®*- *** . 

It was the writer’s privilege to take an examination 
of one of these devices, known as a “water finder,” and 
to study in detail the functioning of the various parts. 
Structurally the instrument agreed closely with the 
description given above, and the workmanship was of 
the highest order. The suspension of the needle was so 
delicate that slightly magnetized tools some distance 
away would produce a noticeable disturbance. As no 
known laws of electricity or magnetism are applicable 
to the coil beneath, it would appear that any movement 
of the needle which may take place must be due to 
changes in the external magnetic field, modified per¬ 
haps by the presence of the iron coil, which would 
represent a magnetic cylinder of. comparatively low 
permeability. 

• While the instructions accompanying the device 
very particularly state that it should be protected from 
the direct rays of sunlight and that it is not effective in 
locating streams that have “sprung up to daylight,” 
no m«ition is made of the necessity of shielding the 
delicately poised needle from nearby magnetic bodies, 
such as tools, other electrical instruments, or telephone 
receivers, or from electric currents due either to nei^- 
boring conductors or to ground returns. In view of 
the numerous vitiating influences admitted by the 
makers of the instrument and of the fact that systematic 
magnetic surveys of the eaith have not shown any local 
earth or air currents upon which its operation could be 
based, it can only be concluded that the invention is 
unsound in principle, and to be classified along.with 
magnetic egg testers, sex detectors, and other devices 
calculated to prey upon the credulity of those who axe 
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susceptible to impression by high-soimding terms.“^’ 

286, 287 

Cases are on record where principles of electrical 
measurement have been made use of in the detection of 
theft or the presence of unauthorized persons in certain 
places. In one instance, an electrical manufacturer 
had noted the disappearance of coils of magnet wire 
from his stock, and undertook to detect the thief 
by establishment of a circuit similar to that of the 
induction balance about a passageway through which 
all employees were required to pass on leaving the 
premises. The spools of wire in the stock shelves 
having been carefully short-circuited, it became, an 
easy, matter to detect the presence of the guilty person 
by observing the unbalance set up by eddy currents in 
the short-circuited coils concealed beneath his clothing 
as he left for home in the evening. According to a 
recently published article it has been proposed to make 
an electrical investigation of the continuity of the iron 
chain which lies embedded in the massonry around 
the base of the dome of St. Paul’s Cathedral, 
I^ndon.“* 

IX. Physiological and Allied Measurements 

While the attitude of the medical profession toward 
exact quantitative methods of measurement in diagnosis 
would to the layman appear characterized by the ut¬ 
most cons^atism, it may, without question, be said 
that there is at present no field of scientific work wherein 
there are being made more rapid expansions of the use 
of electrical measurement than in that of the investi¬ 
gation of physiological and psychological phenomena. 
In studsdng the functions of living matter it has been 
difficult to identify processes which would lend them¬ 
selves to quantitative expression; and, had it not been 
for the startling advances but lately made in applying 
electric^ measurements to the diagnosis of disease, the 
expression “WTien doctors disagree” might yet have 
been due for a long lease of life. Recently, however, 
electrical methods of measurement have made an 
intrusion into the work of the medical profession which 
bids fair to place the. findings and decisions of this 
group of technicians upon a basis of precision com¬ 
parable with that long enjoyed by the devotees of the 
more exact sciences.*®*' 

The popular press has of late contained considerable 
reference to a method of diagnosis wherein it is claimed 
that perfectly definite results may be obtained upon the' 
basis of measurements of an electrical nature performed 
upon electronic emissions of the patient imder investi- • 
gation, and that a complete diagnosis of his a ffe ct ion 
may be made in absentia by the electronic reactions of a 
drop of blood. If there be any merit to this system it 
is one which should most intimately concern the 
electrical en^eer; but xmtil the proponents of the 
method are in a position to e:!q)ound their procedure 
openly, and in terms intelligible to electrical men, it 
can hardly be said that it need be recognized as an added 


application of electrical methods of measurement.*** • ***• 

293, 294 

Electric^ determination of the concentration of the 
hydrogen ion has found a wide use in the study of 
biology, but since this has already been referred to in an 
earlier part of this paper its repetition here will not be 
necessary. The convenience and precision with which 
temperature may electrically be determined has proved 
a great boon in the accurate measurement of body 
temperatures in pathological work. Both the thermo¬ 
couple and the resistance coil have been employed in 
th^ measurements, the former where extreme pre¬ 
cision or observation of rapidly vaiying values is re¬ 
quired, and the latter for ordinary clinical work. The 
thermocouple can be made to give an accuracy of 
0.02 deg. cent, while the resistance thermometer can be 
relied upon to 0.1 deg. cent. The detector is made in 
several forms, suited either for contact with the skin 
or for insertion into the.natural cavities of the body. 
It is iisually employed with some form of automatic 
recorder, so that continuous charts may be obtained. 
WTifie th^ temperature • measurements find their 
basic application in the observance of pathological 
conditions, researches are now under way with a view 
to wrrelating the patient’s emotional condition with 
rapid changes of skin temperature, and the results as 
far as these tests have been carried, go to show that 
there may be thus obtained much valuable material in 
psychological investigations.**®' ***■ *•*' *** 

The outstanding example of electrical measurement 
of physiological conditions lies in the electrocardiograph, 
an instrument applying the Einthoven string galva¬ 
nometer to thedirectmeasurementof electromotive forces 
set up in the human body, particularly by the function¬ 
ing of the heart. It is well known that all muscle 
moveruents are accompanied by changes in electric 
potential of the active part, relative to the passive part, 
the fomer becoming negative. If, then, a record of the 
electrical phenomena attending the action of the heart 
can be obtained, it follows that this must gfve reliable 
information regarding the various phases in the per¬ 
formance of this organ. While the theoretical possibil¬ 
ity of this had long been appreciated,, it was not until 
Einthoven in 1903 developed the string galvanometer, 
that it became an accomplished fact. In practise it is 
customary to make the electrical connections to the 
patient through non-polarizing electrodes attached to 
his limbs; arid it has been found that the most complete 
information is obtained from three electrocardiograms 
taken with the following circuits: 

I. Right arm and left arm,: 

II. Right arm and left leg: 

III. Left arm and left leg. (Fig. 19.) 

In the use of this device it is necessary not only to 
guard against polarization at the electrodes but to 
bailee out the potential difference caused by glandular 
activities of the skin, and usually known as “skin 
current.” An interesting and important feature of the 



256 


BORDEN: ELECTRICAL MEASUREMENT OP PHYSICAL VALUES Transactions A. I. E. E. 


electrocardiograph as applied to diagnosis lies in the 
fact that the patient need not be brought into the 
presence of the instrument, but may have records taken 
at a remote point, perhaps several miles away, and, 
in fact, need not know that a study is being made of the 
performance of his heart.^®- “““• “• 

Studies of heart action are greatly facilitated by the 
use of the “Stethophone,” lately developed by the 
Western Electric Laboratories, not only replacing the 
long-familiar stethoscope, but far surpassing it in the 
volume of information obtained. By the combination 
of an electromagnetic transmitter with a selected group 
of filter circuits it is possible not only to faithfully 
reproduce heart and other body sounds, but to mask 
out those to which it is not necessary to listen. The 
sound upon which it is desired to concentrate may then 
be heard in one telephone or in several hundi’ed. An • 
interesting feature of the device, in connection with its 
application to lecture room work lies in the fact that 
where the lecturer wishes to communicate with his 
audience he need only direct his remarks toward the 
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body of the patient, when the sound vibrations will be 
picked up and carried to the listeners. TIIta the 
cardiograph, the stethophone may be used at a point 
remote from the patient; and the electrical circuit may, 
as in that instrument, be associated with the recording 
features of the string galvanometer.*®*- *®®- *i® 

Another Western Electric development is found in 
the “Audiometer” a precision instrument capably of 
measumg the acuity and quality of hearing. "Whiile 
the original purpose of this device was investigation 
connected with telephone work, it has been adapted 
to the medical field, and should without qu^tion prove 
a most valuable addition to the equipment of that 
profession. By means of a special vaccum tube there 
are produced continuously pure tones, which may be 
controlled and measured, both as to pitch and intensity; 
and these are delivered through a telephone receiver 
directly to the ear. By applying in a standard Hiagr aTvi 
the values representing the limits for a particular 
pati^t, thwe is obtained an exact index of the condition 
of his hearing; and this, in the hands of a i^ecialist, 
furnishes material upon which a very complete diagnosis 


may be based. This instrument should prove of great 
usefulness, not only in the study of defective ears, but 
in all cases where complete physical examinations 

are required.*^*.*** *“'• 

Amazing results have been obtained in the association 
of measurable electrical phenomena with the emotional 
condition of the human subject. While the “psycho¬ 
galvanic” action has been known, though rather im¬ 
perfectly, for a number of years, it is only lately that 
there has been made any systematized and definite 
collection of measurements of the electrical effects 
which appear in conjunction with emotional conditions. 
For some time there has been in use an instrument 
known as the “emotometer,” (Gambrell, London), 
which is a Wheatstone bridge, in whose circuit a 
portion of the patient’s anatomy,—the hand, for 
instance,—is included. It is found that sudden changes 
of emotion, resultant upon predetermined stimuli, 
such as a sensation of falling, produce marked disturb¬ 
ances in the electrical balance of the circuit; and in- 
. vestigations have been carried out with a view to 
establishing a series of “standard emotions.” While 
the possibilities of the device in its simple form have in 
no way been exhausted, its field has been immensely 
widened by the association of the string galvanometer, 
either as a detector in the bridge circuit, or independ¬ 
ently, as in the cardiograph. This development is too 
recent to have made available any conclusive data; 
but such records as have been obtained from experi¬ 
mental work at present in progress go to show that, 
awaiting only the skill of the interpreter, there is at 
hand a m^ of information on the functions of the 
human mind which will go far toward standardizing 
the study of psychologic processes, and the host of 
dependent manifestations of mental activity. •''**> 

327, 328, 329, 330 ’ • 

Conclusion 

Little that bespeaks finality can be found in the 
application of electrical principles to the innumerable 
measuremente confronting engineers, scientists, naviga¬ 
tors or medical men. In some branches of activity, 
there have been adopted fairly well standardized sys¬ 
tems for the performance of measurement by electrical 
means; but in general it may be said that there is 
apparent a state of development so rapid that in the 
few weelb which must necessarily elapse between the 
tireparation and the presentation of this material, 
methods which have been described as modem will 
have been rendered obsolete and superseded by still 
more efficient electrical devices for making the required 
measurements. The phenomenal expansion of elec¬ 
trical practise to include, or to bear most closely upon 
almost every other field of human endeavor,—the 
continual breaking down of the barriers between elec¬ 
trical manifestations and the supposedly remote pro¬ 
cesses of other sciences, is having the effect of narrow¬ 
ing the meaning of the tom “non-electrical quantities” 
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to the extent that the problem of their measurement 
while today of interest to the electrical engineer as an 
appreciation of his working tools by other craftsmen 
will very shortly be his problem by right of inheritance! 

In collecting material used in this work it has been the 
privilege of the writer to come into contact with many 
^ecialists in fields where the electrical engineer seldom 
d^es to tread. The cheerful cooperation shown, 
whether by the chemist, the physicist, the physiologist, 
the psychologist or the brother engineer, has been most 
encoura,ging; and the general spirit has been one of 
realization of the mutual benefit which must result 
when the engineer compares notes with his fellows in 
other spheres of technical activity. Space limitations 
preclude individual acknowledgement to the many who 
have assisted in the rounding out of the work; and the 
only tribute here practicable is seen in the liberal use of 
the results of their studies, as described in the text, and 
^ refereed to in the bibliography, which, may perhaps, 
like imitation, be looked upon as the sincerest form of 
flattery. 
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Use of an Oscillograph in Mechanical 

Measurements’ 

BY HARVEY L. CURTIS* 

Associate, A. I. E. £. 


I. Introduction 

T he oscillograph is an instrument which has been 
extensively employed by electrical engineers in 
electrical measurements. It has been used not 
only in connection with electrical oscillations, such as 
alternating electromotive forces and alternating cur¬ 
rents, but also in connection with acyclic electrical 
phenomena, such as the current required to blow a fuse, 
or the discharge' current of a condenser. This paper 
describes methods by which the oscillograph may be 
used in mechanical measurements. This requir^ that 
the mechanical phenomena must affect an electric 
cuirent which is being continuously recorded on the 
oscillograph. 

II. The Oscillograph 

The oscillograph can be briefly desoibed as a gal¬ 
vanometer having a short period and critical damping, 
which is so ganged that its deflections can be recorded 
on a moving photographic film. Several models 
have been brought out by different manufacturers. 
For the work described in this paper a General Electric 
oscillograph has been modified to meet the require¬ 
ments of the special investigations. The most im¬ 
portant of these modifications are: (1) A special arc 
lamp; (2) a large drum which will take a five-foot film; 
(3) a special table on which is mounted a switchboard 
and suitable control instruments; (4) a new shutter 
and shutter confrol mechanism; (5) a rotating miiror; 
(6) a tuning fork for measuring the ^eed of the film. 

1. Special Arc Lamp. Experiments have been 
made with several different sources of Hght, but for 
toe highest film speeds it is necessary to use an arc lamp. 
For this puipose it is essential that the end of the posi- 
tive mbon shall lie in the axis of the lens which is 
used to du-ect the light beam onto the oscillograph mir¬ 
rors and very near to the focal point of toe lens. It 
must be possible td advance this carbon without dis- 
turbmg Its adjustment. To accomplish this a special 
arc lamp was constructed in which the carbon holders 
slide on metallic ways. The cmbons are held in V- 
toaped grooves which are parallel to the direction of 
toe ways. The carbon holders are advanced by means 

of racks and pinions. The carbons can be maintained 

m a de^ed position by keeping their images, formed 
by a putoole ^era, at definite points on a screen which 
IS provided for this purpose. 

♦Phj^eist, Bureau of Standards WasMngtoa D C 
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2. Large Drum which Will Take a Five-Foot Film. 
It is often desirable to use films of considerable length 
and whose motion is uniform during the time that the 
record is being made. For this purpose drums have 
been constructed which will take a five-foot film. 
This length was selected as it corresponds with stand¬ 
ard films which can be universally purchased. The 
rotating portion has a large moment of inertia which 
insures that the speed will not change rapidly. The 
opening of the shutter does not appreciably change the 
qieed of the drum. 

3. Special Table on Which is MourOed a Svhtehboard 
and Suitable Control Instruments. Another useful 
modification was the design of a special table on which 
there is mounted not only the oscillograph itself but 
also a switchboard and suitable measuring instruments. 
This table was especially constructed for field use. 
The legs are made of two-inch pipe which screw into 
floor flanges that are mounted on the underside of the 
table top. The switchboard is hinged to the table 
apron in such a way that when the legs are removed it 
will swing into the bottom of the table, where it can be 
fastened for shipment. The instruments are mounted 
at a convenient point at the back of the table. These 
instruments consist of a 25-ampere ammeter for reading 
the current through the arc, a one-amp^e ammeter 
for reading the current in the field magnet, and three 
milliammeters, range 150-0-160, which are connected 
in series with toe oscillograph elements. These latter 
instruments have proven to be especially useful, since 
most of the difficulties in oscillograph operation occur 
in the element circuits. These difliculties can readily 
be traced by means of these milliammeters. In addi¬ 
tion, there is a small resistance box in each element 
circmt, variable from 1 to 1000 ohms in steps of one 
ohm. 

In Fig. 1 is shown an illustration of a complete 
osallograph with arc lamp, large drum, instruments, 
^d smtchboard. At . the right in this picture is 
toe table with switchboard as prepared for shown 
shipment. 

Vew Shutter and Shutter Control Me^ianism. 
There are many advantages to be gained by placing toe 
shutter mechanism as near the film as possible. By 
doing this all of the optical parts can be continuously 
Illuminated so that one can readily see whether they 
are m proper adjustment. Moreover, by placing toe 
shutter at this position, the time required to open it 
IS reduced to a minimum. Another advantage of 
placing the shutter in this position will be discussed in 
connection with toe rotating mirror which will be 
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described in the next section. A diagram showing the 
location of the shutter and its method of operation is 
shown in Fig. 2. 

It is important to have a mechanism which will 



Pm. 1 


The oscillograph with large drum, arc lamp, ammeters, resistances, and 
switchboard mounted on a special table. To prepare the table for ship¬ 
ment, the legs are removed and the switchboard, which is hinged to the 
apron of the table, is folded against the bottom of the table top without 
disturbing the wiring. 

close the shutter when the film drum has made a com¬ 
plete revolution, and it is desirable that it shall do 
this regardless of the speed of the drum. It should 
also be gs nearly automatic as possible so that it will 



Fig. 2 

Diagram to show the optical systkn when the shutter is placed near the 
film. A mirror is mounted on the shutter so that the light from an element 
can be seen on the viewing screen whenever the shutter is closed. 

require little or no 'attention from the operator. This 
hM been accomplished by the mechanism shown in 
Fig. 8. A brass gear is mounted either directly on the 
shaft of the drum or connected therewitii through a 
train of gears so that no dipping can occur. A fiber 


gear is mounted on an arm in such a way that it is 
normally held out of mesh from this brass gear by 
means of a spring, but can be pulled into mesh by means 
of an electromagnet. This fiber gear has a small portion 
cut away. When it is rotated to the point where this 
portion is cut away, it presses against the brass gear 
and dops rotating, remaining in this position until 
the operator releases the key. Then as the fiber gear 
is drawn back by the spring to its normal position, a 
ratchet attached thereto (not shown in the drawing) 
turns it through a small angle so that no attention is 
required to make it ready for the next operation. 

Attached to the fiber gear there is an adjustable cam 



Fig. 3 

The shutter-control mechanism for closing the shutter when the drum 
has made a complete revolution, The hgure shows the gears held in mesh 
by ttxe electromagnet A, The fiber gear (upper in the figiue) has made 
about three-quarters of a revolution. The contact B is open, having been 
closed during the first part of the revolution. 

which opens a contact in the circuit of the shutter 
magnet. This contact is closed when the fiber gear 
is in its normal position, but is opened after the gear 
has rotated a definite amount. By proper adjustment 
of the cam, the shutter can, for any given speed of the 
drum, be made to close when the drum has made one 
revolution. 

The adjustment of the shutter mechanism will, in 
general, depend on the speed of the drum, and is more 
difllcult for high speeds than low speeds. When the 
drum is rotating rapidly, the time required for the 
shutter to open, the time required for it to close, and 
the time required for the fiber gear to be drawn into 
mesh, are each a large fraction of the time of a revo- 
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lution of the drum. That the adjustment of the shutter 
mechanism wiD depend on each of these can be seen 
by considering a simple case. Suppose that the gear is 
drawn into mesh at the same instant that the shutter 
is opened. Then the shutter circuit will be broken 
when the drum has made a definite part of a revolution, 
at which time the shutter starts to close. In the time 
required for the shutter to close, the drum will rotate 


installed in the oscillograph. The principle involved 
in the use of the tuning fork is shown in Fig. 4. On each 
prong of the tuning fork there is mounted a vane, these 
vanes being of such length that they overlap when the 
tuning fork is at rest. Slits are then cut through these 
vanes so that, when the tuning fork is at rest, the slits 
in the two vanes coincide. When the tuning fork 


through an angle which depends upon its speed of 
rotation. Hence with this arrangement, if the shutter 
mechanism was adjusted to work correctly at low 
speeds, there would be overlapping at high speeds. 

The adjustment of the shutter mechanism will be 
ind^endent of the speed of the drum if the time of 
closing the shutter is shorter than the time of opening 
the shutter by the time required for the shutter-closing 
mechanism to operate. Another way of stating this is 
that the shutter must open so slowly that it will be 
closed for a time after the fiber gear comes into meSh, 
and this time must equal the time required to close 
the shutter. Up to the present time, it has been 
found necessary, in order to accomplish the above 
results, to make the time of opening the shutter about 
five-hundredths of a second. As this is not satisfac¬ 
tory for some kinds of work, it is frequently more de¬ 
sirable to adjust the shutter to open as rapidly as 
possible, and then adjust the shutter closing time for a 
definite speed of the drum. When the speed of the 
drum is materially changed, it is then necessary to 
readjust the time of closing the shutter. 

6. Rotating Mirror. As indicated in Fig. 2, a 
mirror set at an angle is mounted directly on the shutter 
so that whenever the shutter is closed the light is 
reflected through a slit and a second cylindrical Iaws 
^ to one of the faces of a hexagonal rotating mirror. 
This mirror reflects the light onto a translucent viewing 
^een. When used with acyclic phenomena, this 
hmcagonal mirror is not rotated but can be turned to 
brmg the spots of light at a convenient place on the 
■newmg screen. Its principal value is that it enables 
me operator to see that the spots of light reflected from 
the element mirrors are in adjustment and are suffi- 
a^tly bnlhant. With cyclic phenomena the rotating 
^or c^ be driven by any variable speed motor, 
the ^eed bemg adjusted so that suitable waves appear 
on the viewing screen. It should be observed that 
these waves are slightly distorted and that they do not 
have quite the same amplitude as the waves which will 
be photographed on the moving flhn. In any case 
the spots of light which are about to be photographed 
^ be obs^ed up to the instant that the shutto- is 

3,gain as soon as the 

6. Tuning Fork for Measuring the Speed of Oie Film 

s^eS^f ^ to measure the 

^ greater accuracy than can be 
hone by fte use of a 6(k;ycle wave. This has been 
accomplished by means of a tuning fork which is 



Fig. 4 

Diagram showing optical system by which a timing forlc can produce 
timing lines on a moving film. 

vibrates, the slits coincide at the center of the swing, 
giving momentarily the effect of a single slit. When 
this dit is brilliantly illuminated, its image, formed by 
a suitable optical system, can be photographed on a 
moving film. This gives lineis on the.film,* the distance 



Fiq. 5 

method of Instelling a tuning fork In au oscillograph. 

osofflo^ph film can be 


between them being the distance that the film travels 
in the time of a half vibration of the fork. A suitable 
size for the slits is 0.003 in. width and 0.2 in. length. 

For rapidly moving films a 600-cycle fork giving lines 
one one-th ousandth of a second apart has been found 


A more complete description of this method of timing a 
moving photograph film is given in Scientific Paper 470 of the 

R- 0- Duncan, en- 

1 ed A Method for the Accurate Measurement of Short-Time 
Intervals. 








satisfactory. For slower film speeds a 50-cycle fork 
giving lines one one-hundredth of a second apart has 
been useful. A diagnim showing the optical system 
used is given in Fig, 5. Examples of timing lines 
will be found in Fig. 8. 

III. Measuremknt of Shout Time Intervals 

When it is desired to study the time of occurrence of a 
number of events, where order of occurrence is known, it 
is generally possible to an-ange electrical circuits in such 
a way as to record all of these events with one oscillo¬ 
graph element. An example of this is the recording 
of the events which take place in a gun at the time it is 


explosion indicator transformer, T-^, to become zero. 
This produces in the secondaiy circuit of Ts a momen¬ 
tary current which is registered on the oscillograph film, 
thus giving the time at which the explosion occurred. 
When the gun starts to recoil, it opens the start-of- 
recoil contacts, K, thus breaking the continuous current 
which up to tliis time has been flowing through the 
oscillograph element. When the projectile reaches 
the muzzle, it makes contact with the ogive finger, F', 
causing a relatively large current to flow through the 
oscillogi’aph element. This ogive finger is swept away 


fired. The electric circuits by which it is po.ssible to 
record six dilferent events with a single element are 
shown in Fig. 6. 

As shown in this figure, two batteries, one of 6 and one 
of 12 volts, {U'e connected in opposition so that a con¬ 
tinuous current is .sent through the resistance, li, and 
the oscillograiih element, E. The series of events is 
started by the clo.sing of the firing key, *S'. This ener- 


^'echon of 

C/os/JTp of ftrirts^ ^ec/zor? / 

i^rea/c/np of' pr/zTicr ^ric/pc. ^ J 
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showIjiK typo of record Kiven by Mio circuitH of .KJg. 0. 


when the circuit htus been closed for only a few ten- 
thousandths of a second, thus again opening the circuit. 



This same process is repeated when the rotating band 
makes contact on tlie rotating band finger, F. 

As these events must occur in a definite order, there 
is no po.ssibility of one record inteifering with any other. 
Moreover, since all the deflections are of a different 
type, if one apparatus should fail to record, no uncer¬ 
tainty is introduced regarding the other events. The 
only exception is in the case of the ogive finger and 
rotating band finger, whose records are practically 


Fio. () 

DJaKram kIiowIiu; tin* «*ic<»(rlcal rnimn‘<nl<m.s Hot rwonliiiK tlic Inuinrkuit 
ovontH In tlic of a Kun. Jiy cjrctJl(..s nnl. shown, tins o.s(*illoj^mi>li shut- 

tor is opon(«d a ft!w Imntlrtsdths of a scconcl hoforo tho firing clrcailt is dosed 
at S. A (loHcrJDMon of tho socjuonco of aftor the c1o.sIuk the flriiiK 

key. and of iho constsiufut variations in cuiT(‘jit throuKli llu^ dement /*: 
of the oscillograph, J« given In the Ksxt. 

gizes the firing circuit, .sending an alternating current 
through a fine wire inside of the primer. This wire .soon 
fuses, thus oiiening the firing circuit. By means of a 
small current transformer, Tj, called the primer trans¬ 
former, an alternating current is superposed on the 
direct current which is already flowing through the 
oscillograph element. The amount of the alternating 
current which flows through the oscillograph element is 
is regulated by a resistance, r , in parallel with the 
secondary of the transformer. This resistance also 
serves as a non-inductive path when other current 
changes are produced in the circuit. By means of this 
alternating current the time of the closing of the firing 
circuit and the time at which it opens are recorded on 
the oscillograph film. Soon after the explosive in 
the prmer is ignited, enough pressure is generated inside 
the primer to cause it to eiqilode, sending a flame into 
the powder chamber, and at the same time causing a 
sudden ki<^ of the firing pin. As this firing pin reacts 
suddenly, it opens the contacts on the explosion indica¬ 
tor, C, causing the current through the primary of the 
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Four porWonH of a i*C(jor<l lakoii during tho firing of a gun, wibii Uio cir¬ 
cuits arranged as in Fig, (J, In the first portion is sliowil tlui aUornatlng- 
current wave: (n tho second portion, laio current cliaiigc. caused by the 
explosion indicator: In tho third portion, tlio displacement of the record 
causcfd by tho breaking of tho start-of-rccoll ijontactst In tho fourl.h portion, 
tho current changes caused by tho grounding of tJie tigivo and rotating 
band lingers. Tho distance botwoon timing linos correspon<l.s (.o one otie- 
tUousandtli c»f a second. 

identical. As pointed out later, this is necessary for 
other re^ns. It would be very simple to introduce 
some resistance in one of the circuits .so that they could 
be distinguished. 

The record obtained by such an arrangement is so 
long that it is not feasible to ^jeproduce it. However, 
the kind of record which this apparatus gives is shown in 
Fig. 7. Portions of an actual record are shown in 
Kg. 8. These portions were selected to show tlie deflec¬ 
tions at the times of the different events. In this 
record the events are shown as recorded by the element 
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whose trace appears at the top of the figure. The 
other two eluents were used for other purposes. 
The timing lines ^re one one-thousandth of a second 
apart. 

When it is desired to obtain the time of occurrence of 
several events, the order of the occurrence of which 
cannot be predetermined, it is sometimes feasible to 
arrange a series of circuits like that described above, 
so that each event gives a distinctive record on the 
film. Then the order of occurrence and time of 
occurrence can be determined from a single record. 
However, there is always the possibility of two events 
occurring approximately simultaneously so that the 
time at which these events occur cannot be accurately 
determined. When it is important to avoid such a 
possibility of confusion, it is necessary to record each 
one of the events on a separate element. If it is 
necessary to use more than one oscillograph, then some 
common event must be recorded on all filing , so that 
the time of each event can be determined. 

It is sometimes possible, when it is reasonably sure 
that the events will not all occur simultaneously, to so 
arrange the electric circuits that at least two independ¬ 
ent values of the time interval can be obtained on two 
different elements, and yet have only a very slight 
probability that any event will fail to be recorded. 
As an example, suppose that it is desired to determine 
with accuracy the time betwe«i the contact on the 
ogive finger and that on the rotating band finger in 
each of three guns which are fired simultaneously. As 
^plained later, this time difference can be used to get 
the velocity of the projectile. But since the experi¬ 
mental errors are relatively large, it is important to 
get as many independent determinations as possible. 
By using three elements for three guns and connecting 
them so that the records from gun No. 1 are recorded 
by both elements 1 and 2, from gun No. 2 are recorded 
by elements 2 and 3, and gun No. 3 by elements 3 and 
1, we are able to obtain two values for the velocity of 
each projectile, and there can be no uncertainty re- 
ga^g the value for each gun. Should the times at 
which two projectiles reach the muzzles differ by less 
than one one-thousandth of a second, then the record 
of one element would be of no value, but the records of 
the other two would be sufficient to give one value for 
two guns and two values for one gun. Should all three 
gi^ react simultaaeously, then the records would be 
valueless, but the probability of sudi a contingency 
IS very remote. 

IV. MeasubeiMent op Velocity 

If at defimte points in its path a moving object 
chants the electric current in a circuit, then by record¬ 
ing the changes in current on an oscillograph film 
whose speed IS known, it is possible to determine the 
velocity of the moving object. Since the oscillograph 
^n mea^ short time intervals, this method has 
beai used chiefly in measurements on objects moving 


at very high velocities. Perhaps the hipest velocities 
with which engineer at present have to deal are those 
of projectiles fired from modem guns. Their velocity 
is of the order of 3000 ft. per second or 3 ft. in one one- 
thousandth of a second. With an oscillograph film 
running at 50 ft. per second, the film moves approxi¬ 
mately one-half inch in one one-thousandth of a 
second. With a suitable record, this distance can be 
measured by means of a comparator with an accuracy 
of one-fifth of one per cent. However, to obtain this 
accuracy in the time measurement it is necessary to 
record both events on one element and to arrange the 
circuits for recording the two events so that the elec¬ 
trical constants are practically identical in the two cases. 

The necessity for using a single element arises from 
two causes; first, the spots from two elements cannot 
be adjusted so fiat.they lie fflcactly on a line parallel 
to the axis of the drum, and second, the rotetional 
constants of the two elements cannot be made identical. 
Neither of these causes will introduce errors of more 
than one or two hundred-thousandths of a second, but 
in the short interval under consideration, this might 
produce an error of one or two per cent in the final 
result. 

The necessity for the identity of the electrical 
constants of the circuits for recording the two events 
arises from the necessity of a time correlation of the 
element deflection with the change of current in the 
circuit. When the projectile closes an electric circuit, 
the current starts at zero and rises to its Tnayimum by 
means of an exponential curve, the shape of which 
depends on the resistance and inductance of the circuit 
as well as on the applied electromotive force. The 
dement deflects slowly at first, but with a rapidly 
increasing velocity, partly because the current is 
inCTeasing and partly because of its own inertia. Hence 
it is difficult to determine on the film the exact time 
that a deflection starts. The time difference between 
two events can, however, be determined with accuracy 
by taking as the time of the first event the time that 
the element has deflected one centimeter, say, and an 
equal deflection for the time of the second event. 
However, this will accuratdy determine the time 
interval only when the electric circuits for the two 
events have the same constants, and when the rotational 
coMtants of the two recording elements are the same. 
This last is completely met by recording both events 
on one element. The desirability of measuring from a 
deflected position is apparent from the center trace of 
Fig. 8, but it is not to be expected that this will be so 
apparent in a reproduction as in the original film. 

The m^surement of the distance between contacts 
generally introduces a greato: error in the velocity when 
measured^ by an oscillograph than does the measure¬ 
ment of time. Two methods of obtaining a measurable 
dist^ce have been used. In the first, each contact 
consists of two insulated metal plates or screens, 
so that the projectiles short-circuits them. It is 
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desirable to put a quick acting fuse in the circuits with 
the first contact so that if a short circuit persists the 
fuse will melt and the element will have returned to its 
zero position before the second contact is closed. In 
the practical application of this method, it is not 
generally feasible to measure the distance between the 
contacts with an accuracy as great as one-tenth per 
cent. As they are generally thirty or more feet apart, 
so that the time interval is of liie order of a hundredth of 
a second, little difficulty is experienced in measuring 
the time to a greater accuracy than is possible in 
measuring the distance. 

In the second method, two contacts are mounted in 



Pig. 9 

Diagram to illastrate the step-by-step method. 


the same plane to make contact at definite points on 
lie projectile. This is illustrated in Fig. 6 where the 
ogive finger and rotating band finger are in the same 
plane, the one making contact on the ogive of the 
projectile and the other on the rotating band. This 
method, which is applicable only to projectiles of large 
size, requires that the distance on the projectile shall 
be measured before the projectile is loaded and that 
the path of the projectile shall be known so that the 
contacts will be made af the measured positions. This 
last difficulty may introduce errors as great as one per 
cent. Hence this method should be used only when 
no other method is available. 

V. Measurement op Displacement by the 
Stbp-by-Step Method 

It is sometimes desirable to determine the time- 
displacement curve of a moving body. This is readily 
accomplished by means of the oscillograph by so 
• arranging an electric circuit that the current is (dianged 
as the body passes certain definite points. This step- 
by-step method is shown diagrammatically in Pig. 9, 
which shows the principles involved inadisplaceometer. 
This instrument is designed to obtain time-displacement 
curves of the motion of a body in one direction. The 
sfflies of contacts is moimted on a fixed support while 
the contactor is attached to the body whose displace¬ 
ment is to be measured. When the body moves, 
the contact point is drawn over the contacts, thus 
altermg the resistance of .the circuit and producing a 
definite. record on the oscillograph film. When the 
contact point is on an insulating segment, the current 
goes to zero but rises to a definite value as it comes onto 
one of the contacts. A record obtained with such an 
instrument is showm in Pig. 10. 


One advantage of this method is the great accuracy 
which can be obtained by its use. Both time and 
distances can be measured with high precision. Also, 
the method is very flexible. For example, in deter¬ 
mining the recoil of a gun, the motion is slow at first 
but changes rapidly. At the be^nning, contacts may 
be made to advantage every one-tenth inch. However, 
writh increasing velocity, these could not be recorded 
satisfactorily, so that after the first inch it is desirable 
to have the contacts made every one-half inch, and 
later when the velocity becomes more uniform, contacts 
which are made every two and one-half inches have 
been found satisfactory. This permits greater accuracy 
in those parts of the curve where accuracy is needed. 

The method has, however, certain disadvantages. 
It is obvious that one can never tell ttie exact instant 
that the motion starts. However, if the apparatus is 
well made so that the first contact occius one one- 
thousandth of an inch or less after the motion begins, 
this is not a serious difficulty. In fact, by such an 
arrangement it may be possible to determine the time 
at which the motion begins writh greater accuracy than 
can be done by some method which records the motion 
directly. Another disadvantage of the instrument is 
the fact that, if the time-displacement curve has a 
maximum value, this maximum value is not recorded 
by this method but must be determined from the 
plotted curve. The error in the maximum value can 
be diminished by arranging the apparatus so that 
contacts occur at frequent intervals near this point. 
However, when the maximum value of the occurrence 
is a matter of importance, care must be exercised in 
designing the apparatus in order that it will give the 
necessary accuracy. 



Fig. 10 

Portion of a record obtained by a rocoUmeter using the step-by-step 
method. The distance between timing lines corresponds to one one- 
thousandth of a second. Contacts were one-tenth of an inch apart. 

The fact that the time-displacement curve can be 
be obtained only by plotting the data which is read 
from the oscillograph ffim is, in some cases, a disadvan¬ 
tage. This becomes, however, an advantage when 
great accuracy is desired, since the films can be read 
with such accuracy that a very large sized plot can be 
made. This is very necessary if the time-di^lacement 
curve is to be graphically differentiated to obtain a 
time-velocity curve. Moreover, the time-accelera¬ 
tion curve, which can be obtain^ by a graphical 
diff^ntiation of the time-velocity curves is of value 
only if the time-displacement curve is constructed with 
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the highest accuracy. In Pig. 11 is shown the time- 
displacement curve of a gun during the first seven 
inches of recoil, together with the velocity-time curve 
and the acceleration-time curve. The last two curves 
were obtained from thjs first by graphical differentiation. 

In analyzing the motion of a moving body, it is 



Pig. 11 

Curves obtained by means of a recoilmeter during the firing of a large 
gun. The displacement-time curve is plotted from data obtained from an 
oscillograph record, together with the calibration data of the recoilmeter. 
By differentiating this curve graphically, the velocity-time curve is ob¬ 
tained. The acceleration-time curve is obtained by graphical differentiar 
tion of the velocity-time curve. 

sometimes desirable to obtain time-displacement curves 
of two differoit parts of the mechanism from which the 
di^lacement of one part relative to the other can be 
determined. An interesting application of this was in 
determining the instantaneous torsion of the shaft of 


when the segments passed a definite position, it was 
possible to plot curves which showed the torsion of the 
shaft at any instant. Two such curves are shown 
in Fig. 12. It will be noted that one end of the shaft 
showed almost uniform rotation, whereas there is a 
very pronounced sine wave at the opposite end. 

The same principle can be applied in the simultaneous 
measurement of several displacements. If these are 
recorded by one or more oscillographs so that the rela¬ 
tive times can be determined, a very complete knowl¬ 
edge of the motion of the body can be obtained. This 
has been applied to the study of the motions of the 
turret and turret structures on a battleship when the 



Fig. 13 

Diagram of a pressure gage by means of wbicli a pressure-time curve 
can be obtained when the pr^iusure on the plunger is ch augfns rapidly. 

guns of this turret are fired. In this case eight oscillo¬ 
graphs were used, giving twenty-four separate records. 
These showed hot only the displacement of the turret 
in three perpendicular directions but also the rotation 
about three perpendicular axes. They likewise gave 
the distortions of the structures which support the 
turret. This complete analysis was possible not only 




a large Diesel aigine. At certain speeds the shaftFof 
the engme showed large torsional vibrations. By 
pmmg Mcuratdy made commutators on the two ends 
Of the shaft osdllograph the times 


Tig. 14 

«*!?^®** eimultaneoudy by three todependent g«eg, 
bylgpltli.ea.Se ^^^*®^^'®*- The pressure was produced 


because of the accurate timing which could be obtained 
t^ugh ihe use of the, oscillograph, but also because 
all tunes could be referred to the same zero. 





Feb. 1925 


CURTIS; USE OF AN OSCILLOGRAPH 


271 


VL Application op Step-by-Step Method to a 
Phenomenon Which Can be Registered as 
A Displacement 

There are many phenomena whose magnitude can 
be determined by means of a displacement, and hence 
they can be recorded on an oscillograph by the method 
described above. We shall indicate only one applica¬ 
tion, namely, the measurement of a rapidly varying 
pressure. A diagram showing the principles involved 
in such an instrument is given in Fig. 13. The pressure 
which is applied to the plunger compresses the spring. 
This causes the contact point to move over a series of 
contacts, producing a record which is identical in form 
with that of the displaceometer described above. In 
Pig. 14 are shown curves obtained by three separate 
pressure gages which were placed in a bomb. The 
pressure rose to over 20,000 lb. per square inch in 
approximately one-tenth of a second. A satisfactory 
time-pressure curve was obtained. 

The illustrations in this article have been drawn from 
the experience of the author and details are given only 
in so far as it is thought necessary to make clear the 
priociples involved. There are many other ways in 
which the oscillograph can be used in measuring 
mechanical phenomena of short duration. It should be 
considered whenever it is necessary to investigate a 
phenomenon whose duration lies between one second 
and one millisecond. 

Several phyiacists and engineers have been associated 
with the author in redesigning the oscillograph and 
in developing the experimental methods herein pre¬ 
sented. Particular mention should be made of Dr. R. 
C. Duncan and Mr. H. H. Moore. 


Discussion 

J. R. Craighead s Mr. Curtis has given a great deal of atten¬ 
tion to pushing the use of the oscillograph into fields decidedly 
beyond that for which the device was originally designed. The 
fundamentals of the oscillograph (that is, the natural frequency 
of the vibrator, and the photographic ability of light which can 
be placed upon the film) am such that values of the order that 
Mr. Curtis speaks of can be attained, but the general mechanical 
construction, and details, have been laid out with a view to 
practical operation in the shop and in power stations, rather than 
reaching the extreme values which Mr. Curtis has attained. 

I made a few comparisons from the figures given in Mr. Curtis’ 
paper. The width of the beam actually photographed on the 
film is usually of the order of ^/le in. It can be brought down 
considerably below that, but in the same oscillogram, the actual 
width of the beam photographed is dependent on the rate at 
which the beam is displaced; in other words, the same spot of 
light displaced somewhat slowly will produce a much wider 
beam than it will when displaced with extreme rapidity, because 
of the varying photographic effect proceeding from the center 
of the beam outward. 

Mr. Curtis is measuring, according to the text of the paper, 
by means of a comparator, distances of approximately 0.001 in. 
and these distances are being measured on a beam such as I 
have described which ordinarily would be Vie in. wide, but 
which as his oscillogram shows he has been able to get down to 
much less width. Will he give us a word or two regarding the 


type of comparator he uses which enables him to place these 
beams in such a way that distances as small as 0.001 in., or less, 
as implied in some of his statements, can be correctly measured. 

There is no difficulty, of course, in reading that distance on the 
comparator. What I am trying to get at is the question as to 
how he can apply the comparator to a somewhat indefinite line 
and get the accuracy mentioned. It is, of course, essential to 
place on the film the timing lines to which he refers. 

In regard to the actual correctness of the observation, after the 
photograph has been mode, one further consideration of impor¬ 
tance comes in. The ordinary kodak film expands when you put 
it in the developer and contracts when you dry it, after taking 
it out. The amount of expansion and of contraction and the 
exact size of the film at the time the photograph is taken are all 
quantities which depend upon the exact atmospheric conditions 
and the exact method of treatment. Because of conditions of 
this kind, timing by lines very closely in the vicinity in which 
measurement is to be made becomes essential. These lines 
which Mr. Curtis has placed on his films, it seems to me, should 
be extended all the way across the film, if he is going to get 
correct measurements for some of the values which he has 
indicated as going to the extreme opposite side of the film. 

F. y. Madalhaess Mr. Curtis makes the statement: “Ex¬ 
periments have been made with different sources of light, but for 
the highest film speeds it is necessary to use an arc lamp.” 

No question is raised with regard to that particular statem,6n.t, 
but it would be of interest to know what measure of success he 
may have obtained with other sources of light, presumably 
incandescent lamps, for use with the oscillograph. 

In the laboratory, where the particular function which is being 
measured can be repeated until a proper record is obtained, it is 
quite possible to use the axe which provides an intensity and a 
quality of light which is very satisfactory for high-speed films. 
In the field it is sometiines necessary to use an oscillograph under 
conditions where it is difficult, if not impossible to repeat the 
function. The arc under these conditions introduces variables 
such that consistently good oscillograms are hard to obtain. 
It is an accomplishment, to my mind, to operate an oscillograph 
continuously and without failure in the field. It means a careful 
watch on about a half dozen different factors or parts of the 
oscillograph, including the are. When you get the results with 
the arc, they are very satisfactory, but it is difficult to handle, 
and it would be valuable indeed to have a satisfactory source of 
light such as an incandescent lamp, free from the mechanical and 
electrical variabilities that exist in the arc. 

C. E. Skinner: Mr. Magalhaes has suggested the desirability 
of a light source easier to operate than the arc lamp. Mr. J. W. 
Legg’s work has been done with an incandescent lamp, usually 
flashed at the instant of the taldng of the picture, and I think 
his discussion will show that he has accomplished considerable 
in the way of speed in connection with the use of this device. 

J. W. Lei^: Practically all of the mechanical measurements 
made by Mr.. Curtis have been made by electrical engineers in 
connection with electrical testing but have not been heretofore so 
fully described, and in some cases have not been so carefully 
worked out. 

The writer’s article in the Transactions A,I.E.E., 1923, 
VoL 42, p, 381 on “Expansion of Oscillography,” states: 
“Many purely mechanical movements can be detected and 
studied only through the medium of electricity and the oscillo¬ 
graph. Undesirable vibrations in machinery, noises, minute 
movements, momentary pressures, disturbances in the atmos¬ 
phere, properties of materials and many other non-eleotricid 
functions have been studied with the oscillograph. Force or 
movement has to be transformed into a change in electric current 
through the medium of the carbon microphone, a special genera¬ 
tor, a varying capacity or reactance, or the action of the piezo¬ 
electric crystal. The resulting current may be recorded directly 
by the oscillograph, or first amplified to suitable strength by the 
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three-electrode vacuum tube.” These various mechanical 
measurements have been made by electrical-apparatus manu¬ 
facturers in conjunction with electrical tests on quick-acting 
circuit breakers, electric locomotives, synchronous-converter sets, 
and the like, but heretofore, have not been taken up by non¬ 
electrical apparatus manufacturers, except where the manufac¬ 
turer is in close touch with the electrical industry, as is the ease 
with some steam-turbine manufactmers. 

The value of the various attachments which were made, by 
Mr. Curtis for his particular oscillograph was realized by the 
writer when designing the oscillograph described in the July 
1920 Journal (Vol. XXXIX page 674). An improved optical 
efficiency and an incandescent lamp were substituted for the old 
arc lamp; all control apparatus was included in the main unit; 
a mechanical shutter and control mechanism were designed to 
cause transients to appear on desired parts of the him, and a 
fourth optical system was provided for the timin g lines. A 
simultaneous-viewing scheme was proposed but not adopted at 
that time. The oscillograph described in the February 1923 
Journal has been furnished, for particular non-electrical work, 
with a simultaneous-viewing attachment which has one great 
adv^tage over that described by Mr. Cm*tis, in that viewing 
continues during the photographic exposure as well as just 
previous to it. The incandescent lamp is operated on abnormal 
voltage only during the photographic exposure, hence if the 
particular transient required does not appear during the extra- 
bright wave period, then the operator can be sure that it was not 
successfully photographed and may repeat the test without wait¬ 
ing to develop the film to find the failure. 

The increased optical efficiency of the new portable oscillo¬ 
graphs, including the six-element instrument, would have been 
a help to Mr. Curtis with his high-speed films. By arranging 
the fito on the toim to come closer to the oscillograph optical 
slot, it was possible to use a much wider angle of convergence 
from the cylindrical condensing lens than was utilized in older 
forms, thus increasing the intensity of the record on the film in 
the same way that a larger diaphragm opening in any camera 
increases the eiq)osure without enlarging the image. 

The large-diameter drum, used by Mr. Curtis, is a necessity 
for e^remely high-speed work. Such a large drum has not been 
required heretofore for electrical phenomena,* a compact day¬ 
light-loading one being used for the same length films. Such a 
film holder has been planned with a differential shutter which 
gives a small fraction of a revolution exposure and then a com¬ 
plete revolution without exposure, foUowed by another fraction 
of a revolution exposure, and so on, until the exposures cover the 
whole film. Thus, several high-speed records may be taken of 
some transient phenomena which are repeated several times 
with intervals between each transient longer than the duration of 
each transient. In the electrical industry such a film holder 
would be ideal for showing repeated short-circuit phenomena on 
on circuit breakers, and switches. For mechanical measure¬ 
ments, such a film holder with differential shutter, might be used 
to give several high-speed records of the effect on a material of a 
terrific blow repeated at definite intervals until the material is 
shattered: The transient and the oscillograph lamp may be 
controlled by the shutter shaft, while the film rotates at a slightly 
different speed to get the intermittent exposures in the proper 
sequence. If the film speed is to be great and the time interval 
between exposures appreciably long, several revolutions of the 
film may occur before the lamp is lighted again in time to take 
another exposure when the shutter opens the next time, etc. 

Schemes for recording several mechanical and electrical values 
vnth a smgle vibrator element have often saved much time and 

expense m testing. Before the development of the new portable i 

oseiUograp^, the writer frequently recorded five distinct i 
mech^cal occurrences and times with one vibrator, leaving the 
two ^er ^brators for electrical measurements. The inductive 
hack from the actuating coil of an electrically driven tuning fork ( 


I gave sharp kicks to the wave at the rate of 200 per second (or 
• whatever rate was desired) while a potentiometer was u.sed to 
: record the displacement-time cxirve of the plunger of a quick- 
, acting trip magnet. Contacts with resistances were arranged 
for showing when the main circuit breaker contacts parted, when 
the arcing tips parted, when the contact separation reached 
H in,, and when the contacts were fully separated. The other 
vibrators showed the current and the voltage characteristics of 
the trip circuit. 

The use of the double carbon pile for recording pressures, 
stresses, accelerations, etc., was found to be quite limited in its 
application, since it is affected by sideways shock. To avoid 
this error, electromagnetic schemes were z’esorted bo, which were 
so planned that the converters were not affected by any dis¬ 
turbance except the particular values which were to be recorded, 
The step-by-step methods for measuring displacements, in¬ 
cluding an accurately made commutator with one tooth to every 
ten degrees (except for the last which was omitted) were found 
to be altogether too crude for most vibration studies. Special 
apparatus, operating on the electromagnetic principle, was de¬ 
signed which made it possible to record torsional vibrations of 
less than one one-hundredth of a degree (0.01 deg.) and less than 
ten-milhonth of an inch (0.(X)0010 in.), at frequencies as liigh as 
2200 cycles per second. Furthermore, the calibration of those 
devices was constant, and was unaffected by centrifugal force 
or high-speed rotation. 

The writer feels certain that there is a greater Reid for the 
osoiUograph for observing and recording mechanical and other 
initially non-electrical properties, than there ever has been 
in the electrical industry. The advent of the six-oloment 
oscillograph and the extremely portable single-element oscil¬ 
lograph described in the December, 1924 ''Electric Journar to¬ 
gether with Mr. Curtis* article, should open the way for mechan¬ 
ical engineers to study their own problems as never before. 

C. H. Sharp: The question of the source of light has been 
raised by Mr, Magalhaes, and that is an extremely pertinent 
question. I should like to ask whether an attempt has boon 
imde (and if so, whether it has been successful) to apply the 
little tungsten arc in vacuum, a lamp that is known in Eizgland 
as the Pointolite lamp, to this kind of work. That gives a very 
small source of light and I think one of very high intrinsic 
brightness. 

Another thing that I wish to point out is this: that the oscil¬ 
lograph as it is at present constructed is essentially an ammeter. 

It utilizes the magnetic field produced by one turn, tuxd that is 
all. Its sensitivity is limited by the fact that whatever field 
operates it is a field produced by a single turn in another field. 

It would be an extremely useful thing if we could have an 
oscillograph which would set up a field from many turns, instead 
of only one. It would then become a high-resistance instrument, 
sensitive to extremely small cuirents, and, of course, requiring 
higher voltage to operate it: In other words, it would be a volt¬ 
meter rather than an ammeter. 

We should not lose sight of the fact that the original oscillo¬ 
graph as proposed by Blondel a good many years ago was capable 
of domg this sort of thing. I refer to the oscillograph in which 
e moving element was like a Thomson galvanometer, in that 
It conasted of many little, soft iron needles on a quartz rod, 
su^end^ by a quartz fiber, in a magnetic field, and then actuated 
by another magnetic field at right angles, set up by coils which 
oiromt with the current which was to be measiu'ed. 

The^ coils evidently could either be of the smaU number of 
turns low-resistance type, making the instrument an ammeter, 

h high-resistance type, making 

It a voltmeter. Thus, its theoretical applicability was consider- 
bly greater than the applicability of the present day oseillo- 
^^h, which IS i^e on the principle of the d’Arsonval galva¬ 
nometer rather than the Thomson galvanometer. 

the fact that there are very serious diffl- 
oulties with the original Blondel osoiUograph, and on account of 
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those practical difficulties, that form of instrument was set aside 
in favor of the one which is now universally considered. But I 
want to point out that somebody in the ligfht of present knowl¬ 
edge and of present developments might be able to develop an 
oscillograph of the multiple-turn type which would still further 
enlarge the held of this already very powerful instrument. 

The cathode-ray. oscillograph, of which a very interesting 
type with a hot cathode has recently come out, will do this 
thing, because it can use separate coils, and it is also capable of 
operating on the principle of electrostatic deviation. But, as we 
all know, this type of oscillograph suffers from certain other 
disadvantages which are of a great deal of importance in many 
applications. So that the cathode-ray oscillograph cannot be 
said to be in a position to displace the electromagnetic oscillo¬ 
graph, but rather to supplement it. As we know it is capable 
of portraying currents of extremely high frequencies such as 
are beyond the range of the electromagnetic oscillograph. 

To repeat, one thing that we ought to have, if we can have it, 
is the electromagnetic oscillograph developed in such form that 
it will be sensitive to currents of very much smaller value than is 
the present one-turn oscillograph. 

Edward Bennetts Dr. Sharp has stated that there is a 
need for an oscillograph of high current sensibility. It may be 
well to point out that if the oscillograph is to be used to obtain 
oscillograms of alternating currents or of rapidly varying cmrrents 
its current sensibility may be increased a hundred fold or more 
by the use of a current transformer. Such a transformer is 
described in the Transactions for 1914 in a paper entitled 
“A Milliampere Current Transformer.” By the use of this 
transformer, extremely accurate oscillograms can be obtained 
of alternating currents having a r. m. s. value as low as 0.0002 
ampere, provided this current is supplied under such conditions 
that a voltage drop of 4 volts across the current transformer is 
not objectionable. The limitations of the existing oscillographs 
as regards sensibility are best thought of and expressed in terms 
of the watt sensibility of the instruments. Thus, it requires 
a m inimum watts expenditure of 0.2 milliwatts in the vibrator 
to obtain an oscillogram of reasonable amplitude. 

With the advent of permalloy, it should be possible to construct 
current transformers to obtain oscillograms of currents as small 
as 20 microamperes. 

C. H. Sharp: What about direct-current? 

Mr. Bennett: If the current which is to be recorded is 
varying rapidly enough, that is, if it is not an extremely long- 
period phenomena the current transformer is satisfactory, al¬ 
though you have to make some interpretation then for the steady 
drift that occurs under those conditions. 

L. T. Robinson: A very interesting point was raised by 
Dr. Sharp, with reference to the cathode-ray oscillograph, which 
certainly will do lots of things that nothing else will do but it 
sometimes fails to operate satisfactorily. In that respect, it 
differs from the other typo of oscillograph, which is about 
twenty-five years ahead of it, perhaps, in commercial 
development. 

With regard to the sensitisrity of the oscillograph, it is sel¬ 
dom the case that Dr. Sharp is wrong, but I think in this in¬ 
stance he is. That is, I don't think that the earlier Blondel 
type is sensitive, when you think of the watt sensitivity. To be 
sure, it will go on a very small current, but in watts, I feel sure, 
that the other type is much more sensitive. 

Professor Bennett's contribution about the current-trans¬ 
former is all right, too, but it puts it into a less sensitive class 
rather than into a more sensitive class, because, however good the 
transformer is it must take some energy to run it. 

The real way is to make use of the vacuum-tube amplifier. 
It is very sensitive, very effective, very easy to use, and at once 
you are in the microwatt class. That is, it consumes very little 
energy in relation to the quantities to be measured. With a 


properly designed amplifier it can even be made reasonably 
successful on direct-current, 

F. G. Baum: I am encouraged to tell of the application of 
the oscillograph to a specific mechanical problem, because I 
think it will suggest the apphcation to other problems. 

A few years ago we started a water turbine under a 425-ft. 
head, 40,000 h. p., and when the load came on the turbine, a 
distinct vibration was set up in the penstock, the pipe line being 
about 1000 ft. long and 8 to 10 ft. in diameter. The vibration 
was so distinct that yop could hear it several hundred feet 
away, and near the turbine it would break off the small pipes 
that were connected to the instruments. It was rather a dis¬ 
turbing thing to us and it occurred largely as the load came on. 
At light load. It occurred very httle. 

Mr. Roy Wilkins applied the oscillograph to this problem. 
I think you will find it described either in the Institute records 
or in the Electrical Worlds I am not certaia which. He merely 
used a diaphragm taken from a phonograph, with a carbon 
element going to the oscillograph, and the vibration was found, 
I believe, to be about 80 cycles per second. Changes were made 
in the runner which changed the vibration to such an extent that 
the turbine was all right; it was perfectly safe as an operating 
problem although a slight vibration was still left. 

However, it was decided that new runners should be designed 
and here is an apphcation of the oscillograph to the design of a 
45,000-h. p. runner of a water-wheel. 

There are other applications for which we might use it. 
For example, on certain long spans where we pull up the wire 
tight, the wire at the tower is thrown into vibration. In one 
of our steel spans crossing the Bay of San Francisco, a span 
4400 feet long, there was a decided vibration as the span ap¬ 
proached the fixed support. That was corrected by adding 
weights, beginning with small weights away from the support 
and gradually increasing the weights as we approach the tower. 
But I think we could have made a better solution of the problem 
with the oscillograph. 

1* M. Stein: The outstanding feature of an oscillograph is 
that it records what happens during very short intervals of 
time. Progress with these new mechanical and physical appli¬ 
cations of the oscillograph will be more thorough and more rapid, 
if we can work with still shorter intervals, and this means a 
shorter period in the vibrating element. A short period is 
something which has to be built into the oscillograph. In other 
words, if the development of the oscillograph is along the line of 
putting into the oscillograph something which you can't put 
outside, leaving to vacuum-tube amplifiers the matter of getting 
proper sensitivity, we will get farther than by trying to get 
higher sensitivity inside of the instrument. 

Direct-current amplification as mentioned by Dr. Sharp is 
very important. It would be a real service to humanity if one 
could improve the d-c. amplification methods; I have in mind 
particularly the need for a device to measure X-ray dosage in the 
treatment of cancerous growths. The problem involves the 
measurement of a minute direct current through an ionization 
chamber. It is only recently that d'Arsonval galvanometers 
have been developed to be sufficiently sensitive for this work. 
Such instruments are very satisfactory for investigators, but the 
X-ray physician needs a more rugged instrument with a good 
d-e. amplifier. 

W. H, Pratt: One point that Dr. Sharp raised in connection 
with Mr. Curtis' paper (and it has been touched on also by 
Mr. Stein) is the sensitivity and the periods of operation. I 
think that Dr. Stein had in mind the Einthoven galvanometer 
when he made those remarks. Dr. Einthoven told me not long 
ago that in some of his recent instruments he was able to obtain 
a natural period of oscillation of the order of a million cycles per 
second; and the sensitivity to current is correspondingly great. 

H. Moore: With reference to the method of measuring 
the speed of the film, I wish to call attention to the fact, that*in 
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addition to the greater accuracy of this method over the use of a 
60-cyele a-c. wave, it is also decidedly more convenient, and 
in the ease of a three-element oscillograph it makes available 
an additional element thus increasing the usefulness 50 per cent, 
and obviating in many cases the use of an additional oscillograph. 

Recently the Ballistic Section of the Naval Research Labora¬ 
tory made an investigation of the hydraulic steering gear of the 
U. S. S, West Virginia and used extensively the oscillograph 
and the step-by-step method of recording. This work in¬ 
volved the measurement of hydraulic pressiues of approximately 
1000 lb. per’sq. in. maximum at six principal points of the sys¬ 
tem; rudder angle, ship’s heading, and power input to the steering 
motor, all relative to time. Each individual run required aboxit 
8 min. to complete. The pressure, rudder angle and power input 
intervals which were approximately equal required about 40 sec. 

In connection with this work it was necessai*y to develop 
considerably new equipment for the oscillograph. A film holder 
to take 200 feet of film and give it a uniform rate of travel at 
about 2 in. per second was developed. This compatarively slow 
film speed required a different timing mechanism and an ap¬ 
paratus was devised to give flashes of light each second. In¬ 
candescent lamps were used as the source of illumination. All 
of the apparatus functioned satisfactorily, and it is not believed 
that apparatus other than the oscillograph and the step-by-step 
method of recording are now available which would have given 
the desired results. 

V. Karapetoff: In Fig: 11 curves are shown obtained by a 
graphical differentiation of an experimental curve. It may be of 
interest to call attention to my integraph, based on parallel- 
double tongs, which permits one to draw such derived curves 
directly, by simply following a given curve with a stylus. The 
instrument is described in the Journal of the Optical Society of 
America, 6:978,1922. 

W. Vinal (communicated after adjournment): Dif¬ 
ficulties arising from the amount of current required to operate 
the oscillograph have been overcome in connection with a study 
of potential measurements and polarization at the Bureau of 
Standards, by the use of a resistance-coupled amplifier. The 
cell under examination was made a part of the potential applied to 
the grid of a vacuum tube. The oscillograph element was con¬ 
nected with the plate circuit of the second amplifying tube. 
With such an arrangement no current is required from the cell 
which is under investigation. By using a half cell, a variation in 
the potential ,of single electrodes may also be observed. A dis- ' 
cussion of this me^od of using the oscillograph will appear in a 
forthcoming paper to be published by the Bureau of Standards. 

A. Naeter (Communicated after adjournment): In the 
discussion following the presentation of the paper by Mr. 
Curtis it was stated that small transient currents might be 
stepped up by current transformers to make them sufficiently 
large for recording by means of an oscillograph. The writer 
desires to point out that in case the primary current contains 
transient terms the transformer itself introduces certain terms 
into the secondary current. 

In a paper on ‘'Transient and Permanent Phenomena in Elec- 
tric Series Transformers” presented before the Royal Society 
of Canada in Ottawa on May 28, 1913, Andrew McNaughton 
etenmed from mathematical considerations and experimental 
data.tl^t m case of transients the secondary current is of one 
degree ^her order than the primary current. Expressing this 
physical terms, it means that the secondary transient current 


is distorted. In a bulletin on the “Characteristics and Limita¬ 
tions of the Series Transformer” issued by the Univ(^rsily of 
Illinois Engineering Experiment Station, A. R. Andorson and 
H. R. Woodrow show as a result of their investigations tliat the 
series transformer, especially with an iron core is unreliable for 
recording transient or unsymmetrical currents. This hullo tin 
agrees with McNaughton that transient currents are not repro¬ 
duced exactly in the secondary of a current transformer. 

H. L* Curtis: Mr. Craighead has asked concerning tlio typo 
of comparator which was used in measuring tJie fihns. We have 
used a comparator in which a microscope is moved by a microm¬ 
eter screw. The operation consists in setting the microscope on 
two adjacent events and reading the distance from the microm¬ 
eter screw. With good quality films, it is possible to set the cross 
hair of a microscope on the center of a line with an accuracy of 
about 0.(X}1 in. A discussion of the errors in such measurements 
is given in a paper referred to in Footnote 2 of this paper. 

The question of film shrinkage is an important on<^ If the 
film shrinks uniformly, no error is introduced since the distance 
between timing lines shrinks to the same extent as the distance 
between the events measured. Llowever, if the film shrinks 
unevenly, errors will be introduced. Some values of tlu» shrink¬ 
age of films are given in “Notes of the Shrinkage of Photographic 
Films {Journal of the Optical Society of America and Jteview of 
Scientific Instruments, Vol. VII, No. 3, March, 1923) and a more 
complete discussion is given by Frank E. Ross, “Mensurational 
Characteristics of Photographic Film,” Aslrophysical Journal, 
pp. 181-191, April, 1924. This last paper was prepared at the 
Research Laboratories of the Eastmen JKodak Comjiaiiy and 
indicates that a very satisfactory film can be produced. 

^ Mr. Craighead suggests that it would be desirable to have the 
timing lines reach the full width of the film. We liavo used 
such an arrangement but find that occasionally a timing lino will 
occur at the same time as an event which is to be measured. 
This makes the accurate measurement of the event very difficult. 

Mr. Magalhaes inquires concerning the relative speed of 
film that can be obtained with an arc lamp and with an incan¬ 
descent lamp. With an are lamp, we have successfully worked 
with a film speed of 100 ft. per sec. With incandescent lamps, 
we have made satisfactory records with a film speed of 10 ft. 
per sec. provided the lamp was used at over voltage during the 
time the film was exposed. The point-o-lite lamp, which is a 
tungsten arc in vacuo, gives about the same result as an incan¬ 
descent lamp. Another source of light has been tried which is 
produced by heating, by means of an electric current, a tungsten 
wire in air until it vaporizes. The current is thrown onto the 
wire a few tenths of a second before the shutter is opened. This 
produces a very intense light but the resulting deposit of tungsten 
oxide is objectionable. Perhaps this could bo avoided by using a 
carbon filament in place of the tungsten wire. 

Much of the trouble with the arc lamp is due to the poor de¬ 
signs which are in common use. Wo have had very little diffi¬ 
culty with the hand-feed arc lamp hero described. Satisfactory 
automatic arc lamps have been manufactured but they are not 
now on the market. 

Mr. Legg spoke of using a short-focus cylindrical lens. This is 
of course, desirable, and should be carried out as far as possible^ 
When an axe lamp is used the film speed could probably be 
^nsiderably increased by using a fused-quartz optical system, 
toother with a damping oil which is transparent to ultra-violet 
ght. Such a system has been designed and partially con¬ 
structed but has not been tested. 
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Synopsis, — 2*his yaper is presented in two principal divisions^ 
Part I and Part II, The first deals mtk the general problem of 
small errors due to temperature changes in watthour meters and 
describes methods of segregating the various components of these 
errors. It is shown that they may be divided into two principal 
groups^ termed Class 1 and Class 2, Class 1 errors are operative 
at all power factors and are of the greater importance: Class 2 
errors are important only at low power factorsf and methods of 
eliminating these are pointed out. Both of these classes are further 
subdivided into their component parts. 


In Part II of the paper is described a method of compensating- 
for Class 1 by means of magnetic shunts made of thermalloy. 

The term Thermalloy'* is applied to a series of copper‘*nickel-iron 
alloys having a large negative temperature coefficient of permeability 
and other unusual properties. These alloys are discussed in some 
detail, their manner of preparation and application being considered 
original. 

In the appendix,, a novel magnetic thermometer utilizing 
iherjnalloy is described, 
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Part I 

Introduction 

N electromagnetic device, such as an induction 
watthour meter, the operation of which depends 
upon the exact magnitude and phase relation of the 
various fluxes, is more or less susceptible to change due 
to variations in temperature. This is to be expected 
when it is considered that almost all of tiie properties of 
ordinary electrical and magnetic materials change to 
some extent with temperature and that in some of the 
essential materials in a wattiiour meter. Such as copper' 
and magnet steel, this change is very marked. It is 
true that this type of watthour meter is, to a large 
detent, inherently self-compensating and that the varia¬ 
tion in ^eed of a well-designed meter, when a change in 
temperature occurs, has i:enerally been considered too 
small to have any serious effect on accurate metering. 
In keeping with the constant tendency toward more 
precise measurement of power, however, it is expedient 
that this problem should be given careful consideration 
and steps taken to reduce the small effect of ambient 
temperature and self-heating. 

There has been very littie material published on the 
problem of temperature errors in induction meters, as 
far as the authors have been able to determine. 
Fawsett® has described a precision watthour meter in 
which he has used a manganin lag plate and a braking 
magnet mounted upon a bi-metal support which moved 
in and out in such a manner as to ^ect a temperature 
compensation. There has been at least one other 
meto: desi gned utilizing the bi-metal principle in an 

1. Both of Engineering Department, West Lynn Works’ 
Qeneral Electrio Company. 

2. Nevr Preoisioii Watthour ItCeter —The Electrician, March 
7, 19^. 

Presented at the Midmnter Convention of the A. E. E., New 
York, N. Y., Pebmary 9-lS, 19S6 and at the Regional Meeting of 
Diet. No. 1, Swampeoott, Mass., May 7-9,1996. 


endeavor to correct temperature errors by moimting 
the magnet adjustment-disk so that it is free to move 
closer to or farther from the magnet depending upon 
the ambient temperature. These schemes are depend¬ 
ent upon a mechanical motion about which there is 
always more or less uncertainty, .and the magnitude of 
the compensation depends upon the position of the full 
load adjustment on the meters; so they are at best 
only approximations. 

In order to arrive at a proper understanding of the 
nature of this problem, it will be well to review the 
causes of temperature errors in some detail. 
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DEGREES CENTIGRADE 

Pio. 1 —^Tbmpbkaotrb-Si’ebd CxmvBS fob Induction Watt¬ 
hour Mbtbrs 
A —Power Factor » 1,0 
B —^Power Factor - 0.5 

Analysis of Temperature Errors 
It is generally known that induction-type watthour 
meters increase slightly in speed when a temperature 
rise occurs. Fig. 1 is t^ical of the relationship existing 
between percentage change in watthour meter ^ed 
and temperature for common types of meters at 
unity power factor and at 50 per cent power factor. 
It will be seen that a considerable difference in meter 
speed may be occasioned by a change from outside zero 
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weather to a heated room, which is of course an extreme 
condition of use. The eifect of temperature at low 
power factors current lagging is much less than at unity, 
which indicates a greater tendency toward self-compen¬ 
sation under the former conditions. Different makes of 
watthour meters exhibit considerable difference in tem¬ 
perature characteristics, and some have a greater speed 
increase with rising temperature than that shown in 
Fig. 1; but in general they all follow the same laws. 

In order to analyze the phenomena of temperature 
errors, we adopted the experimental method of select¬ 
ing one possible variable and by holding it constant 
while the temperature was changed noting the result 
on the meter’s performance. 

There are two main classes into which the various 
factors governing changes due to thermal effects may 
be divided: 

1. Factors governing the magnitude of either poten¬ 
tial or current fluxes, or both, or the magnitude of the 
braking flux. 

2. Factors governing the phase relation between 
potential and current fluxes. 

Due to the fact that the torque is proportional to 
the sine of the angle between the useful potential and 
current fluxes, and that in a properly adjusted meter 
these are exactly at rig^t angles for unity power factor, 
it follovra that any small variations in flux phase relations 
are not important at high power factors. For example, 
a shifting of three degrees at 100 per cent power factor 
changes the torque only 0.14 per cent, while the same 
change in angle if the meter were operating at 50 p^ 
cent, power factor causes a change in torque of nearly 
9 per cent. It might, therefore, be statdd that errors 
under Class 1, are equally operative at all power factors 
and that those under Class 2, while negligible at unity 
power factor, are increasingly operative as the power 
factor decreases. 

It has long been suspected that the control magnets 
were responsible for a large share of the observed tem¬ 
perature coefficient falling under Class 1. Several 
^ters* have pointed out that permanent magnets 
have a decided temperature coefficient and that their 
strength decreases with an increase of temperature. 

In order to ascertain to just what extent the magnet 
was responsible for the errors observed at unity power 
f^tor. It was necessary to devise some method whereby 
the brakmg torque could be held constant while the 
meter was raised to various temperatures. This was 
attempted in several ways, one of which was evidently 
quite successful as will be described below. Tests of 
this nato are inherently difficult and tedious, but 
peat pains have been taken in obtaining the results 

herem descnbed and it is believed that the information 
IS reliable. 

The first mea^ tried for eliminating the uncertainty 
m the ma gmtude of the braking torque when the 

Changes of Temperature on Permanent 
Magnets-^m. Jour. Sei., VoL XV, No. 87, March, 1903. 


meter undergoes variations in temperature was the 
substitution, for the control magnet, of an air fan 
attached to an extended shaft and enclosed in a glass 
chamber. Various shapes and sizes of fans were tried 
without much success. The chief difficulty was in 
obtaining sufficient retarding torque, by this method, 
to work with any considerable driving torque or load 
on the meter; hence, friction played too prominent a 
part in the result. 

It was then decided to endeavor to keep the brakmg 
flux constant by keeping the magnet at a constant 
temperature while the rest of the meter was heated. 
The meter was mounted in a glass case, which contained 
a resistance coil for heating and a fan for circulating the 
air and thus keeping the temperature uniform through¬ 
out. It was provided with a long shaft which extended 
through the top of the case and supported a manganin 
damping disk. The driving disk was also of manganin, 
so that any variation in speed of the meter when its 
temperature was raised, should be due only to a change 
in driving torque, since the temperature of the magnet 
outside was kept constant as indicated by a thdr- 
mometer held in close contact. 

A difficulty with this arrangement was that the 
weight of the two disks and the long shaft was so great 
as to cause excessive friction. This, combined with the 
light driving torque due to the use of manganin disks, 
served to make the experiment extremely difficult, al¬ 
though for some time it was thought that we were ob¬ 
taining quite satisfactory results. Sufficient data were 
ob^ed to indicate that the large part of the errors at 
unity power factor were to be found in the control 
magnets; but the test was finally abandoned in favor 
of the one next described. 

The method that we found to be most successful 
for holding the braking flux constant was by the use of 
a soft iron magnet having the same shape as the stand¬ 
ard type 1-14, with which we were working. Magneti¬ 
zing windings, having sufficient turns to provide the 
required braking flux hy the use of a very small 
magnetizing current, were placed around each half of 
this magnet. In order to measure accurately just how 
much braking flux was cutting the disk, an exploring 
coil wotmd in the general form of the figure 8 and shaped 
to conform to the outline of the meter disk was wound 
on a celluloid foim and placed in close proximity to the 
bottom of the disk. Substantially, all of the braking 
fliK tlmt cut the disk was linked with this exploring 
j connecting the latter to a ballistic galvanom¬ 
eter and reversing the primary current in the electro- 
magnet, a means of measuring the total flux ballistically 
was prodded. In order to get the required accuracy of 
one-t^th of one per cent which we desired in this 
e^ei^ental work, a null method of measurement was 
adopted rather than a deflection method. This con- 
sis e ess^tially of simultaneously reversing the currents 
^ + 1 . ^ pnmary of a standard mutual inductance and 
m the magnetizing coils on the magnets. The r^ect- 
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ive impulses in the secondaries were passed differen¬ 
tially through a ballistic galvanometer, and when the 
point of balance was obtained the value of the ourrent 
in the mutual inductance was the measure of the total 
effective flux of the control magnets. 

A diagram of connections is shown in Fig. 2. The 
reversing switches Si and S 2 were connected together 



Fig. 2—Diagram op Connections op Apparatus for De¬ 
termination OP Temperature Errors Due to Magnets 

P Damping Magnet Winding G —Galvanometer 
X—Meter Under Test V—Voltmeter 

T —Exploring Coil A —^Ammeters 

^ ^Wattmeter Af—^Mutual Inductance 

5—Standard Wattliour Meter. 


mechanically so that they could both be reversed at the 
same instant. The procedure in making the test was to 
adjust the current in the braking electromagnet by 
means of the rheostat Ri xmtil the meter ran at the 
desired^ speed. The flux was then measured by ad- 
justing’the current in the primary of the mutual induct- 



Fig. 3—Relation of Braking Effort to Total Flux in 
Magnets 

Meter run under constant load conditions and braKlng flux varied. 


ance until the galvanometer gave no deflection when 
both switches were reversed. The value of the flux 
passing through tiie disk and exploring coil could be 
readily calculated from well-known magnetic formulas 
such as are used for ordinary ballistic testing and need 
not be given here. After the meter speed at room 
temperature had been measured, the temperature of the 


meter under test was raised to the desired value, the 
braking flux was adjusted to its original strength, and 
the speed was again determined by comparison with a 
standard test meter which was kept at room 
temperature. 

This test was reasonably satisfactory and gave 
results which were quickly checked to within one-tenth 
of one per cent. One great advantage which it pos¬ 
sessed over all others tried was that the meters under test 
need not be changed in any other reject; and, therefore, 
the results obtained were directly applicable to a stand¬ 
ard induction watthour meter. This apparatus was 
first useful to determine the relationship existing be¬ 
tween braking or retarding effort and total flux in a 
magnet. Fig. 3 shows one of the curves obtained on a 
meter running under full load conditions at unity power 
factor, the braking flux being varied in such a manner 
that the speed changed from approximately 76 to 600 
per cent of full-load speed. 



TEMPERATURE RISE ABOVE 25 DEG. CENT. 


Fig. 4—Segregation op Temperature Errors in Induc¬ 
tion Watthour Meter at Unity Power Factor 
A—C hange in Speed with Constant Braking Flux 
B —Change in Speed with Standard Control Magnet 
C —Change in Speed Due to Standard Control Magnet 
D —^Variation in Braking Flux of Standard Control Magnet 


If plotted on double logarithmic paper, the speed will be 
seen to vary inverselyasthel.8poweroftheflux. The¬ 
oretically this should be a squared relation, and experi¬ 
mental results fit quite closely with this value when it is 
conmdered that the data were taken over a very large 
range of speed and that it is probable the value of 
friction changed to some extent, as well as other factors 
not taken into consideration in the theoretical value. 

Meter speeds were next measured, at various 
temperatures, and constant braking torque at unity 
power factor and 60 per cent power factor both at full 
load and light load. Part of these tests were made with 
the lag plate completely removed from the meter, thus 
determining just what effect this had on the temperature 
coefficient. Complete curves were taken in each case, 
and sufficient points were obtained and check tests made 
to minimize observational or accidental errors. 

The results of tests at 100 per c^t power factor 
are shown by Curve A in Pig. 4. Itwill be seen thatthe 
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meter speed still increases with increase in temperature, torque supplied by a staxidard control magnet. 
This must be due to an actual increase of driving flux The difference between these two curves is represented 
cutting the disk, as it cannot be explained by a change in by Curve C and is the effect of the change in flux of the 
phase relation of the flux as noted previously. It is control magnet on the meter speed. Curve C, then, 
evident that the most plausible reason for this increase is the actual change due to the temperature coefficient 

of one particular magnet; and, although we have 



Pig. 5 —Segregation op TEMPERATtrsE Errors in Induction 
Watthotjr Meter at 50 per Cent Power Factor 
A—Change in Speed with Constant Braking Hux 
B —Change in Speed Due to Standard Control Magnet 
C—Change in Speed with Standard Control Magnet 

in driving torque is that the permeability of the silicon 
steel laminations in the driving elements changes 
sufficiently with temperature to cause this effect. 
Changes in iron loss also have a small influence on the 
magnitude of the induced voltage or flux, as will be 



TEMPERATURE RISE ABOVE 25 DEG. CENT 

Pig. 6-Segrbgation op Total Class II Errors at 50 
PER Cent Power Factor 
A-Net Change in Speed with Constant Braking Flux 
B-Increaae in Speed Due to Change in DrtWng Torque 
C—Total Change la Speed Due to Class II ErroiB 


ffl^l^edlatw. Due to lack of time, we have n 

investigated these theories but know that tl 
fa deMte and <d th. magnitude aal^ 
Referrag further to Fig. 4, Curve B represents 
temperature^eed curve taken with the retardii 


reason to believe that magnets vary somewhat in re¬ 
gard to the magnitude of this effect, this curve is fairly 
representative. The diagonal Curve D in Fig. 4 
represents the actual change in total flux of the magnet 
corre^onding to this change in meter speed as obtained 
from the flux-speed curve shown in Fig. 3. This shows 
a nearly linear relation and indicates that the tempera¬ 
ture coefllcient of the magnet is approximately 0.0003 
per degree centigrade. 

Tests were also made at unity power factor with the 
lag plate removed from the meter, and it was found that 
there was a small difference both in shape and in mag¬ 
nitude of Curve A. It was not of sufficient magnitude, 
however, to be considered of much importance, and we 
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PiG. 7— Segregation op Class II Errors Without Lag 
. Plate 

A Net Ohange In Speed with Constant Braking Mux 
B-~Inca:ease in Speed Due to Ohange in Driving Torque 
C—Total Change in Speed Due to Class 11 Errors Without Lag Plato 

have not attempted to completely analyze the small 
effect of changes in resistance of the lag plate on meter 
^eed at unity power factor. 

In Fig. 5, Curve A are shown the resultsof tests made 
with a constant braking flux at 50 per cent power 
factor. In this case, the meter slows down with in- 
creasing temperature and this effect is undoubtedly due 
to the shifting of phase relations noted under Class 2 
OTors 1^ the increased driving torque, aa shown in 
Iig. 4, Curve A. By adding to the former curve, the 
riiange m speed due to the permanent magnet Fig.4 
Curve C, we arrive at Curve B, Pig. 6, whichisthe usual 
mcrease m speed noted with a standard meter at 60 
per cent power factor. 

Consid^g Fig. 6, Curve A is the same as shown in 
J?ig^ 6 and is the net negative error observed at 50 per 

cent power factor wirii braking flux held constant. If we 

now substract from this the error observed at 100 per 
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cent power factor under the same conditions, which 
is constantly present in the opposite direction, we 
arrive at Cuzwe C, the total change in driving torque 
duetoashiftin phase angle with temperature. Itwill be 
noted that this is nearly a straight line, and the reason 
for it will be described later. 

The lag plate was then removed and the 50 per cent 
power factor test repeated. The results are plotted in 



Fig. 8—Standard Tvpb op Single Watthoor Mrtku 
Magnet 

Pig. 7, Curve A. By subtracting from this the rasults 
of a similar test at unity power factor, we obtain the 
total change due to shifting of phase angle, as shown by 
Curve C. By comparing these results with Pig. 6, 
it will be seen that the lag plate has a very decided part 
in the meter’s temperature coefficiait at low power 
factors. 

In order to check these results, some direct tests 
(which it is hoped will be described in more detail in a 
later paper) were made on permanent magnets; and, 
in so far as horseshoe magnets of the genial types found 
in Pig. 8 are concerned, it has been conclusively shown 
that the relation between strength and temperatoe is 
such as is illustrated by the curve in Pig. 9. In a 
properly treated magnet, there is a definite strength 
corresponding to a given temperature, and heating and 
cooling curves are substantially the same for tempera¬ 
tures imder 100 deg. cent, providing the magnet is held 
at any one temperature for a sufficient length of time 
to reach equilibrixun. 

It has been suggested by some of our colleagues that 
the jaws of the magnet at aa', Pig. 8, might open slightly 
with a temperature rise, thus causing an increase in the 
length of air-gap and a consequent diminution of flux. 
Thorough investigation has been made of this effect 
and it has been found negligible in relation to the 
others; for although a very slight effect of this nature 
does exist, it amounts only to a small percentage of the 
total observable increase in meter speed with tempera¬ 
ture. A very extended investigation of this phase of 
the problem was completed nearly two years ago by 
the author, and the method adopted for detecting 
changes in the gap with temperature was to insert a 
skeleton meter with magnet attached in an oil bath 
suitably controlled with heating and cooling coils. Any 
change in the gap was amplified by means of a scissors- 
arm arrangement and the motion was accurately meas¬ 
ured with a cathetometer. In order to get the effect of 
changes in the length of gap on the meter speed, the 
magnets were forced apart by means of a special clamp 
and the actual change in gap measured with an optical 


device which reflected a beam of light on a scale at a 
distance. The principal conclusions derived from this 
work were as follows: 

1. All magnets tested showed a definite tendency to 
open their gaps under temperature, so that the length of 
air gap was increased by amounts varying from 0.1 to 
0.36 per cent for a 60 degree (Centigrade) rise. This 
expansion is undoubtedly due to the relieving of internal 
strains and is partly dependent on the exact heat 
treatment to which the magnets have been previously 
.subjected. 

2. The meter speed was affected by ambimts ranging 
from 0.08 to 0.26 per cent by changes in the dimensions ' 
of the air gap due to 60 degrees (centigrade) rise in 
temperature. The maximum change noted accounts 
for less than 7 per cent of the total temperature error in 
the meter, and on the average the increase in the length 
of the air gap might be expected to account for approxi¬ 
mately 5 per cent of this error. 

As a result of this work, the factors causing tempera¬ 
ture errors may be further subdivided as follows: 

Class 1: 

1. Internal changes in permanent magnet steel. 

2. Change in length of air-gap of magnets. 

3. Change in permeability of magnetic circuits of the 
potential and current elements. 

4. Small change in magnitude of potential flux, due 
to shifting in phase, of the magnetizing cun’ent (see 
vector diagram in Fig. 10). 

Class 

1. Change in resistance of potential windings. 

2. Change in iron los.ses in potential element. 

3. Change in resistance of lag plate. 



Fig. 9—Relation Betwemn Magnet Strength and 
Temperatdue 


Discussion op Class 2 Errors 
Prom theoretical considerations, it may be shown 
that the predominant reason for Class 2 temperature 
errors in induction meters lies in the fact that the 
resistance of the potential windings causes a phase 
displacement between the applied, or line, voltage and 
the induced voltage and that the value of this resistance 
is dependent upon temperature. 

Without reviewing the general theory, we may state 
that the torque is proportional to the product of the 
current and potential fluxes and the sine of the angle 
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between them. We have already shown (page 12) that 
the lag plate accounts for about 30 per cent of the Class 
2 temperature orors by virtue of its change in re¬ 
sistance; hence we shall now leave it out of the discus¬ 
sion. Since the power used to drive the disk is only 
about 0.1 per cent of the loss in the potential element, 
when discussing vector relations between the main 
fluxes and potential drops this small induced current 
may be entirely neglected. 

Considering the potential element, then, we may 
represent it by the simple equivalent circuit as shown in 
Fig. 10a; the line voltage V is balanced by the in¬ 
duced voltage El and the I» ri drop in the windings. 
The exciting current J* may be divided into the usual 



il. Equivalent Circuit Diagram of Potential Element of Watthour 
Meter. Secondary Circuit Neglected. 

S. • Vector Diagram of Watthour Meter Omitting Secondary (Lag 
Plate and Disk) Currents 

V * Line voltage * iio 

ri « Kesistance of potential windings *= 63 ohms 

• Induced voltage in potential windings = ioD.8 volts 
Jo * Exciting current * 0.0082 ampere 
Ih - Power component of Jo» » 0.00437 ampere 

Jm - Magnetizing component of Jo ^jbEi « 0.0981 ampere 
ot » Hysteretic angle « 2.66 deg. 

J "Line current 
4>E » Plux in potential element 
^J • Plux in current element 
Cosine X — Line power factor * 0.50 
tt» « Angle of lag 


components E g and Eijb representing the power 
^d magnetizing portions respectively. If we now 
^aw the v^tor diagram for this circuit as shown in 
Fig. 10b, using the actual measured values of the vari- 
oiw amstants of an induction watthour meter, the 
relatave unportance of iron losses and ohmic resistance 
^they affect the phase relations is seen at a glance. 
The torque T may be expressed by the following 
equation as noted above: 


T CO sin A; 
or, smce ip, «, Ei and 0, <» I, 

T a> Ell cos -Ai. 

anA^ fwXere cos X is the line power facte 
and IS the angle between the line voltage and tl 


induced voltage. Therefore, to get a change in torque 
due to change in angle either n or lo must change. 

It is evident that the angle ^ is approximately directly 
proportional to the resistance ri, and, therefore, at low 
line power factors any change in ri means an appreciable 
change in torque. 

If, however, the iron losses are eliminated entirely, 
thus bringing Join phase and equal to J„, the magnitu<ie 
of Jo Ti remains practically unchanged with no resulting 
change in torque. This is not strictly true, because the 
theory of the meter assumes J?i to be proportional to V 
and a shifting of the angle of the vector Jo ri with vary¬ 
ing iron losses will result in a small variation in this 
proportionality. This variation affects Class 1 errors 
slightly and may be grouped with them. 

From the above discussion, it will be seen that if the 
resistance Xi be either held constant or reduced to a 
negligible value, the principal cause of Class 2 tempera¬ 
ture errors will be removed. In precision meters it is 
preferable to reduce the ohmic resistance by enlarging 
the winding space available in the potential element. 

As a matter of interest, we have been able to compen¬ 
sate exactly for change in resistance with temperature 
by embedding in the potential windings a carbon fila¬ 
ment sealed in a glass tube. The negative temperature 
coefl5<aent of the carbon serves to keep the total resist¬ 
ance of the circuit constant over quite wide ranges, 
^om other considerations, however, this method has 
its limitations. 

In order to check the above anal 3 (sis experimentally, 
an induction meter was tested without a lag plate at 
60 per cent power factor. By starting with an addi¬ 
tion^ resistance inserted in the potential circuit, it was 
possible to keep the total resistance constant as the 
meter was heated to 60 deg. cent, by gradually 
cutting out the former. It was found that the meter 
thai had substantially the same characteristic speed- 
temperature curve as that shown in Fig. 1, thus indica¬ 
ting that change in resistance was entirely responsible 
for Class 2 errors. 

Dis<3ussion of Class I Errors 
These errors ^e operative at all power factors and 
are the most important to be considered. They 
arise from causes that, in general, cannot be removed 
an<i hence must be compensated for. In the great 
majority of cases, single phase meters are operated at 
power factors above 90 per cent; and, hence, if Class 1 
errors can be eliminated, a substantial advance in the 
art of accurate metering has been effected. 

In the case of two-element ployphase meters, one of 
the elements is frequently operating at a quite low 
power factor; and Class 2 errors are usually more prom- 
ment. In ^ite of this. Class 1 errors are still of greater 
impcjrtance and it is just as necessary that they be 
eliminated. 

A very satisfactory method of accomplishing this 
has been worked out and will be described in Part II. 



Feb. 1925 


KINNARD AND FAUS: TEMPERATURE ERRORS 


281 


Part II 

Thermalloy, a Temperature-Sensitive 
Magnetic Material 

We have recently succeeded in developing a series of 
magnetic copper-nickel-iron alloys having low points of 
magnetic transformation combined with a linear 
temperature-permeability relation. The particular 
series of alloys that have been found satisfactory for our 
purposes have been given the distinguishing name of 
Thermalloy" and a letter is used to designate the 
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Pro. 11—^TEMPEKATtmE-PBEMBABILITY CxjBVHS TOIl PiVB 
Samples op Thermalloy £r » 15 



exact composition in each case. At present chief use 
is made of two particular alloys belonging to this group 
which are designated as thermalloy A and thermalloy B. 
In Fig. 11 is shown a family of curves representing the 
relationship existing between permeability and tem¬ 
perature for samples of this material in a constant 
field of 15 gausses. 

In order to test these alloys for uniformity, a simple 
device is made use of as illustrated in Fig. 12. A 



Pig. 12—Device for Control Tests on Thermalloy 


standard test piece, T, weighing five grams is suspended 
by a permanent magnet. A, in a water bath which can 
be gradually heated by the small heater B. When the 
test piece has reached the temperature at which the 
magnet can no longer retain it due to the fact that it 
has become practically non-magnetic, it falls into the 
retaining basket, C. The temperature of the bath is 
read by a thermometer and this gives a value that is 
proportional to the point of magnetic transformation 


of the material under test. Although this reading is 
somewhat below the true transformation point, when 
the test piece falls from the magnet its permeability is 
very low indeed and for most purposes can be considered 
non-magnetic at that particular temperature, which 
we shall tenh its release point. 

In obtaining release points we usually make use of a 
sample 5/32 inch in thickness, and it has been found 
from experiment that there is practically no difference 
in results if samples varying from 1/16 in. to ^ in. are 
used. This simple test, therefore, gives a very ready 
means of comparing different melts of the same material 
and also of obtaining the relationship existing between 
apparent point of transformation and percentage 
composition of the alloy. 

By referring to the premeability-temperature curves 
in Fig. 11 it will be noted that the permeability 
rapidly decreases at a nearly. constant rate until it 
approaches that of air when its rate of decrease dimin¬ 
ishes. These curves were taken on cast rings 6f therm¬ 
alloy, which were carefully machined to size. They 
were wound with 100 turns secondary and about 500 



Fig. 13—Curve Showing Relation Between, Copper 
Content and Apparent Point op Magnetic Transformation 
OF Thermalloy 


turns prima^ so that a nainimum heating would result 
from the magnetizing current. An ordinary ballistic 
test was employed, but the samples were placed in a 
tank of oil the temperature of which could be suitably 
controlled. Base metaJ thermo-couples w«*e utilized 
to obtain the exact temperature of each sample, the 
hot junction of the couple being inserted beneath the 
insulation on the ring. It might be noted at this time 
that the so-called “release point” as measured- by our 
testing device agrees very well with the temperature at 
which these curves appear to reach the permeability of 
air. For example. Curve A is taken on a material that 
has a release point varying from 92 to 98 deg. cent., 
whereas the curve indicates approximately 100 deg. c^t. 

Fig. 13 shows release points plotted against per 
cent coppa-, and it is investing to note that the re¬ 
lationship is practically linear. Small irregularities in 
the case of some of the samples are probably due to 
sliglit variations in the pouring temperatures and cool¬ 
ing rates. The samples were melted in an Ajax high 
frequency induction fm-nace, poured, and allowed to 
cool in sand moulds. Alloys of this nature vary mark- 
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edly in magnetic properties with composition and heat 
treatment/ hence conditions must be carefully 
controlled in order to produce uniform results. Cans 
and Fonseca'* have published an interesting article 
showing how the point of transformation from a ferro¬ 
magnetic to para-magnetic state in pure copper-nickel 
alloys varies with the composition. The values of 
transformation points obtained by them check those 
shown in Fig. 13 very closely, although they worked 



Fig. 14“nYHTn«KKi« Ijooi’ rott Tiikkmali-oy A 

Temx)«ratiir<^ « 20.5 dt'g. 

with pure nickel. This close agreement is probably 
largely accidental, however, because methods of test 
differ widely and they do not specify heat treatment 
which is very important. These investigators found a 
linear relation which checks our results, but so far as 
we have been able to learn no one has investigated the 
character of permeability-temperature curves below 
the transformation point for these alloys. 



Pig. 15 — ^Nobmal Induction Ctjrvks fob Pour Sampdks 
OF Thkrmaldoy 
Temperature « 25 deg. cent. 

Thermalloy A contains approximately: 

CttSO.O per cent 
Ni 66.5 per cent 
Fe 2.2 per cent 
Impurities 1.3 per cent 

One effe ct of adding iron to the alloy is to raise the 

4. Nickel and its Alloya —Bureau of Slandardtt Circular, ^o.100^ 

5. Die Magnetisohen Eigensckaften von Nickel-Kiipfer Legier- 
ungen— Ann. Physik, 61, p.742. 


point of magnetic tran.sformation. The addition of 
2.3 per cent of iron to an alloy of 70 per cent pun* 
nickel and 30 per cent electrolytic copper rai.st»(l tlu* 
release point about 45 deg. cent. Hince mo.st com¬ 
mercial nickels contain some iron we .simply add .suf¬ 
ficient additional to bring the total percentage up to 
the de.sired value. Among other U(ivan(age.s if, is 
po.ssible to obtain the recjuired results at a much lowei* 
eo.st in this manner. 

Heat treatment of thermalloy has important effwts 
on its magnetic properties. (Irade .4, for instaiiee, 
gives an average reading of 95 deg. {‘ent. as its n*leasc 
point in our test when cooled slowly in a .saml mouhl; 
if it is cast in graphite moulds it is practically non¬ 
magnetic at 20 deg. cent. The same metal when emst 
in a mould of zerconium silicate relesisiRi at 60 deg. cent. 
The eastings in both of tho.se eases were une-hulf inch 
square and seven inches in length. In the ca.st* of the 
bar having the 60 deg. release point ht*uLing for two 
hours at 700 deg. cent, and <‘ooling in air ruistsl this 
point to 98 deg. A .sample having a relesise point of 
95 degrees was healed to 900 deg. and tiuenchtsl in 
cold water. This treatment lowered its relemst* {Hiinf to 



Fig. 10 -TEMJ'KttATtJRE-PKnMKAUIJ.ITy (’CRVK roil 
Mo.nkd Mktai. 

76 deg. It will be seen, therefore, that in order to 
obtain uniformity in results it is necessary to carefully 
control the conditions under which the alloys arc 
made. 

The heating and cooling premeability-temi«*rat.ure 
curves are practically identical for thermalloy, pro¬ 
viding it is held at any one temperature for a sufficient 
length of time to reach equilibrium. This is on account 
of the extremely small hysteresis loss in this material. 
In Pig. 14 are shown the points obtained on a hysterais 
loop taken at a maximum magnetizing force of 100 H, 
which serves to bring it well past the knee of the normal 
induction curve. Within the limits of accuracy of the 
apparatus used in obtaining these data very little lo« 
can be detected. Another unusual characteristic 
is that the retentivity is only about 8 per cent of the 
maximum induction so that with an air gap in the mag¬ 
netic circuit the remanence should be inappreciable. 

Of course, the permeability of these alloys ia quite 
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low as indicated by the normal induction curves in 
Fig. 16. For certain applications, however, high 
permeability is not essential or even desirable as is the 
ease with the one herein described. The specific 
resistance of thermalloy A is about 49 michroms per 
centimeter cube: 

The chemical compo.sition of thermalloy A is similar 
to that of monel metal but by referring to Fig. 16 it will 
be seen that the characteristic permeability-tempera- 
tm’e curve is very much different. The permeability 
of monel falls off very rapidly as the point of trans¬ 
formation is approached, as is the case with iron and 
other ferro-magnetic materials. It is believed that 
this sudden decrease in permeability on approaching 
the point of magnetic transformation is a characteristic 
of nickel-copper alloys in which the two metals form a 
homogeneous mixture. 

The Heusler alloys* are similar from a metallurgical 
point of view to the alloys just discussed since both are 
solid solutions with copper as the solvent. Also the 
Heusler alloys have low points of magnetic trans¬ 
foration and increasing the copper content lowers 
this critical point. In general, they are more difficult 
to work with, both in regard to casting and machining, 
than the copper-nickel series. 

From the foregoing it will be seen that we now have 
avaffable an almost perfect means of compensating for 
variations in watthour meter speed with temperature. 



Fio. 17 —SCHBMATIO DiaOUAM OP MaONBT OoMI'KNNAriON 
W t'J'H Til ISRM Al.r,0 V 

Fig. 17 shows a magnetic shunt made of thermalloy 
inserted between the control magnets, of a watthour 
meter. In this arrangement two single magnets are 
paired together and the polarity is such that there is a 
small amount of flux circulating around the path 
a, b, c, d. We may think of this part of the flux as 
being shunted from the main path across the gaps and 
it is increased by the insertion of the small bridge, S, of 
thermalloy, which may be termed a magnetic shunt. 
With an increase of temperature the total flux of a mag¬ 
net decreases as has previously been described, whereas 
in order to effect a compensation for Class 1 errors it is 
necessary that the total damping flux actually increase 
somewhat. In the device shown in Fig. 17, this 
condition does exist because as the temperature rises, 
the permeability of the magnetic shunt decreases 
linearly an d a larger percentage of the total flux 

6. Verhandlungon der Phyeikalisohen Geaellschaft, 5, p. 219; 


crosses the air gaps, A. A. By selecting a shunt of the 
correct dimensions this effect will exactly compensate 
for the overall temperature error of the meter. 

An average speed-temperature curve for a watthour 
meter has been shown in Pig. 1. It will be seen that the 
rate of decrease of meter speed with temperature 
increases rather rapidly just below room temperature, 
whereas the rate of increase in permeability of ther¬ 
malloy A below room temperature has a tendency to 
decrease. This would result in under-compensation at 
low temperatures, and in order to overcome this dif¬ 
ficulty we have made use of a compound magnetic 
shunt; that is, we insert a piece of thermalloy B in 
parallel with the first. This has a release point of 
16 deg. cent, and hence is non-magnetic at ordinary 
room temperatures. As the temperature falls, however, 
it serves to correct the under compensation as above 
noted due to its increasing permeability, thus giving 
results that are correct at very low temperatures. The 
cross sections of these two shunts are so adjusted that 
the meter runs at correct speed at —14 deg., +25 deg. 
and 65 deg. cent., and the compensation holds good 
over considerably larger ranges. 

In order to determine whether uniform compensation 
could be effected by this means, hundreds of magnets 
were built up and te.sted on stock meters, and Table I 
shows the results obtained on a typical group of 20 
magnets. The maximum error due to temperature at 
unity power factor was 0.4 per cent for a 30 deg. cent, 
rise. The chief reason exact compensation cannot be 
effected on a large scale is that individual magnets 
vary somewhat in temperature coefficient, but the 
variation is small and for practical purposes can be 
neglected. Table II shows the results of similar tests 
on a group of uncompensated magnets. It will be 
noted that variations occur between magnets of the 
same order as is present in Table I. 

TABLE I. 


T«mp«ratiirt» Errors at Unity Powtsr X^actor Using Oomponsatoa Magiiots 


Magnet 

Per Oent OJiango in 
Meter Bpeod, 25 dog. 
to 65 clog. Cent. 

Per Ont Ohango In 
Meter Hpoed, 20 deg. 
to -1.4 elesg. Cent. 

A 

*-0.02 

-0.07 

B 

-0.07 

+0.2 

C 

0.0 

-0.2 

1) 

-KJ.l 

+0.12 

n 

-0.0.5 

+0.24 

F 

■fO.l 

-0.03 

a 

-0.07 

+0.00 

// 

-0.02 

+0.34 

/ 

-I-0.J5 

+0.25 

j 

+0.07 

+0.3 

K 

+0.07 

+0.36 

L 

+0..-J7 


M 

+0.1 

+0.17 

N 

+0.26 



+0.23 

-0.07 

! 

+0.2 

-0.19 

Q 

+0.22 

-0.S«« 

Jt 

+0.09 

+0.22 

S 

+0.4 


r 

-0.07 

-0.07 

Avow«e 

+0.11 1 

+0.08 
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TABLE II, 


Temperature Errors at Unity Power Factor Using Uncompensated Magnets 


Magnet 

Per Cent Change in 
Meter Speed, 25 deg. 
to 55 deg. Cent. 

Per Cent Change in 
Meter Speed, 25 deg. 
to -14 deg. Cent. 

1 

+2.6 

-3.0 

2 

+2.23 

-3.07 

3 

+2.4 

-3.3 

4 

+2.1 

-3.06 

Average 

+2.3 

-3.1 


Conclusions 

Temperature errors in induction watthour meters 
can be divided into two general classes,—1. Those 
affecting the magnitude of the driving flux or brak¬ 
ing flux, 2. Those affecting the phase relation be¬ 
tween the line voltage and induced voltage in the 
potential element. 

The permanent magnets used for braking are re¬ 
sponsible for the greater portion of the errors under 
Class 1, and this being due to a natural characteristic of 
magnet steel cannot be eliminated. 

Ordinarily, Class 2 errors are not of great importance, 
but they can be reduced by proper design of the po¬ 
tential element. They are caused aljnost entirely by 
changes in resistance of the potential windings and lag 
plate. 

Class 1 errors may be neutralized by a single compen¬ 
sation, consisting of a device whereby a small portion 
of the flux is shunted through a special alloy—(therm- 
alloy)—^the permeability of which is very sensitive to 
temperature. 

Induction watthour meters compensated with thorn- 
alloy magnetic shunts, even without any further 
modifications, are practically independent of tempera¬ 
ture changes over very wide ranges providing the power 
factor is reasonably high. By suitable modifications, 
the compensation may be made independent of power 
factor. 

The application of compensated magnets to meters 
on a production basis gives a reasonable degree of 
uniformity in results, and very rarely will errors as higVi 
as 0.013 pCT cent per deg. cent, rise be encountered. 

This method of compensation has the distinct ad¬ 
vantage of being independent of any necessary adjust¬ 
ment of the meter, and is extremely simple and positive 
in its action. 

By preparing certain copper-nickel-iron alloys in the 
fom of castogs suitably heat treated, a linear relation¬ 
ship is obtained between permeability and temperature. 
By controlling the copper content the point of trans¬ 
formation of these alloys may be made to occur at 
almost any desired temperature below that of pure nickel. 

The h3rsteresis loss of thermalloy is extremely low; 
hence the heating and cooling curves in a constant field 
are practically identical, although there is a small time 
lag before tiie metal reaches equilibrium at any one 
temperature. 

It is believed that some of the characteristics of these 
alloys, su<di as perfectly revasible straight line perme¬ 


ability-temperature relationship, combined with neg¬ 
ligible hysteresis, has escaped previous notice and that 
they are an important contribution to engineering 
materials. 

It is probable that the linear temperature- 
prameability relationship of thermalloy is due to the 
non-homogeneous manner in which the copper is held in 
solution, which gives the effect of the sumnaation of a 
large number of alloys, each having a different trans¬ 
formation point. 

In addition to temperature compensation, thermalloy 
may be used for a variety of purposes one of which is a 
direct reading low temperature thermometer as de¬ 
scribed in the appendix. 

Appendix 

DBscRipnoN OF Magnetic Thermometer Utilizing 
Thermalloy 

The approximately linear temperature-permeability 
relation of thermalloy may be utilized in the con¬ 
struction of magnetic temperature indicators. An 
instrument of this type is shown in Fig. 18. In this 
figure, A -A. is a vane made of thermalloy and B -B. is 
a vane made of iron or of some other magnetic material 
having a low temperature-permeability coefficient. 
It. is evident that the armature will take up a position 
in which the sum of the magnetic moments acting 
on A.-A. is equal and opposite to the sum of the 



Fig. 18 —Diagbam ok Magnetic Thermometer 

magnetic moments acting on B -B, This position will 
vary with a variation in temperature as the moments on 
A -A. vary with its change in permeability. The upper 
limit of the scale is reached when the temperature is 
equal to the magnetic transformation temperature of 
the thermalloy. The lower limit is not sharply defined, 
as this would require either that the thermalloy reach a 
value of permeability compared with which that of the 
iron woifid be neglibible, or that the temperature- 
permeability coefficient of the thermaBoy would have 
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to become equal to that of the iron. However, with 
the instrument shown in Fig. 18 the congested region 
extends over only a small part of the scale. 

It is also possible to construct magnetic thermometers 
using a thermalloy vane or an iron vane in a magnetic 
field acting against the torque of a hairspring. In the 
case of the iron vane instrument, variation of torque 
with temperature is obtained by means of a thermalloy 
shunt in parallel with the air-gap in which the iron vane 
is placed. 

Discussion 

H. B. Brooks: The paper by Kinnard and Fans is important 
and valuable, not only for its definite data and clear reasoning, 
but also because it is a tangible indication of the interest which 
is being taken in the question of the accuracy of metering. This 
interest reveals itself in many ways; for example, in the increasing 
attention which is being given to the ratio and phase-angle per¬ 
formance of instrument transformers. Among reasons for this 
interest may be mentioned the greater attention which must be 
given to plant operation, because of higher costs of fuel and other 
essential supplies;* the growing tendency toward interconnection, 
with the consequent need of accurately measuring interchanged 
energy; and the necessity for accurate electrical measurements 
in acceptance tests of turbo-generator units, where an error of a 
fraction of one per cent may mean an error of thousands of 
dollars in penalty or bonus. Such tests must necessarily 
extend over a period of hours, and the load cannot be kept 
as constant as might be done with small machines in the labora¬ 
tory. It is only natural, therefore, that those having to make 
such tests should turn to the watthour meter as a means of 
measuring the energy and hence the electrical power output. 
However, from information which has come to us, it appears 
that such use of watthour meters does not give results as con¬ 
sistent as can be had by the use of indicating wattmeters read at 
sufficiently frequent intervals. Nevertheless, the large amount 
of labor required for the latter procedure makes it desirable to 
bring up the performance of the watthour meter, if possible, to 
such a stage that it will be good enough for plant acceptance 
tests. The work done by Kinnard and Faus is an important step 
in this direction, and I hope they will continue their analysis 
of sources of meter errors and means for overcoming them. 

There is an astonishing lack of accurate information on 
temperature errors in watthour meters. Published papers exist, 
but they either relate to meters of obsolete types, or lack neces¬ 
sary data. For example, one paper on temperature errors of 
American watthour meters leaves it to be inferred that the 
meters wei*e of the alternating-current type, and while giving 
many curves of performance, fail to state the power factor of the 
loads. Text books also are often at fault; for example, an 
English book published in 1923 states that “In an induction 
meter both the operating and the braking torques are developed 
by the medium of eddy currents, often in the self-same disk, 
so that temperature effects cancel out completely.” Similar 
inaccurate and superficial statements may be found in some other 
reputable treatises on meters. 

Taking up the paper in detail, I would first inquire why a watt¬ 
hour meter was used as a standard by which to determine the 
performance of the meter imder examination. Even though this 
standard meter was kept at room temperature, it seems probable 
that errors resulting from self heating and consequent tempera¬ 
ture inequalities within the standard meter might affect the 
observed results undesirably, and that a wattmeter would have 
been preferable. 

Referring to the tests at unity power factor with the lag plate 
removed, I would suggest that by replacing the lag plate with a 


lag coil of similar form, closed through an adjustable external 
rheostat, the effect of change of resistance could be readily 
determined. 

A compmson of Fig. 6 , Curve C, with Fig. 7 , Curve C, shows 
that the high temperature coefficient of the copper lag plate is 
responsible for a fair share of the Class 2 error in this particular 
type of meter, and suggests the use of some material of lower 
temperature coefficient. 

It is gratifying to have a definite answer, such as the authors 
give us, in regard to the idea that the length of the gap of meter 
magnets varies with temperature. The value given for the 
temperature coefficient of the gap flux presumably refers to the 
kind of steel in regular use at this time. Fitch and Huber, at 
the Bureau of Standards, found values ranging from — 0.0001 
to — 0.0003 per deg. cent., with a mean value of — 0.0002. At 
the time this.work was done (1913) tungsten steel was used, as 
far as we were aware. 

I think the authors are to be congratulated on their neat and 
simple solution of the matter of Class 1 errors, especially in view 
of the peculiar form of Curve A, Fig. 1 , which they take care of 
by using two bridge pieces of different grades of thermalloy in 
parallel. 

The statement that Class 2 errors are more prominent in 
two-element polyphase meters is evidently made with the idea 
that such meters usually measure loads of power factors less 
than umty, for on the usual assumption of a balanced three- 
phase load a polyphase meter working under a given phase-angle 
error (alike in the two elements) measures the total load on it 
. with exactly the same error as would occur in measuring the load 
with an otherwise identical single-phase meter with the same 
phase-angle error. In other words, with balanced loads we do 
not need to reason differently concerning polyphase meters and 
single-phase meters as regards either Class 1 or Class 2 errors. 

The next step is evidently to get rid of Class 2 errors, and if 
possible in a manner as simple and elegant as the one given in 
the paper for Class 1 errors. I wish to mention a method which 
has occurred to me recently, which has apparently been shown 
to be sound in principle by a simple experiment. According to 
Sehmiedel, the flux from the current electromagnet lags be¬ 
hind the current 1 (see Pig. 10b) by a small angle, which we may 
call 7 , and which ^r simplicity the authors of the paper have 
not considered; the effect of this angle is that the lag plate must 
be adjusted to lag the voltage flux by an aiagle b which is not 
equal to rp but to ^ H- 7 , at stmdard temperature. When the 
temperature increases, yp increases while b decreases, so that the 
compensation is no longer correct. In this lies the entire reason 
for Class 2 errors. I propose that we put a lag coil on the current 
electromagnet, thus lagging its flux by an additional angle 
which may be called jS. Hence at standard temperature we 
must now adjust b to be equal to ^ 7 + jS, in order that the 

meter may be correctly lagged. Let us give the lag coil on the 
current electromagnet a high temperature coefficient, for example 
by closing it through a resistor of very pure iron wire, and also 
give the lag coil on the voltage electromagnet a suitably low 
temperature coefficient. We may thus make the small angle 
decrease with temperature at a sufficiently rapid rate to com¬ 
pensate for the increase in yp and the decrease in 5 ; in other words, 
to maintain the relation 

5 ^ + 7 + ^ 

at all temperatures, and thus eliminate Class 2 errors. It 
is obvious that j8 must also compensate for any change of 7, 
concerning which at present no numerical data seem to be 
available. It is of interest to note that the iron-wire resistor 
for the current lag coil may be embedded, wholly or in part, in 
the voltage winding, in order to respond to changes in tempera¬ 
ture of the latter, just as the authors of the paper did with their 
carbon filament. 

In making this suggestion, I realize that we cannot lose sight 
of the variables other than temperature to which a meter is 
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exposed, such as variations of voltage, frequency, and wave 
form, and if my proposal for eliminating Class 2 errors should 
lead to an unavoidable increase in the errors from these causes, 
another and unobjectionable solution must be found. The sug¬ 
gestion is offered for what it is worth, in the hope that it may 
assist in the eventual solution of the problem of temperature 
compensation of watthour meters. 

J. R. Craighead: With respect to Mr. Kinnard’s paper, 
there is only one point I should like to call attention to. Under 
Conclusions, he has a conclusion referring to driving torque 
and damping torque as being only one side of the thing which 
may cause the watthour meter to go wrong. It seems to me that 
if the driving torque and the damping torque, in the broad sense, 
are both correct, you have a correct watthour meter. In other 
words, errors in driving torque or damping torque constitute the 
whole error. I would suggest that he use the word “flux*’ per¬ 
haps instead of “torque” in that place as expressing more 
accurately what he means. 

F. B. Ma^alhaess I wish to place bn record a statement 
which is not intended to be complimentary on a personal basis to 
the authors but which would be made quite impersonally to any 
one presenting the same development. Progress in any field can 
be considered as going forward by more or less slow steps, and 
after a step forward has been taken there is a consequent search 
or analysis made on that step, to develop all of. the possibilities 
that may be obtained from the single step forward. 

The authors of this paper in using the methods which they 
have described have introduced a new means for correcting 
certain errors that have to the present time been .considered more 
or less accepted or inherent in the design of a watthour meter. 
Without any doubt, this step forward will therefore be followed 
by a considerable amount of lateral or parallel research to 
develop-all the possibilities that the step forward may offer. On 
this basis, it should be recorded that the idea of using a aTnall 
piece of ^oy near the jaws of the magnet as an automatic means 
for correcting the temperature errors that have heretofore had 
to be accepted, is distinctly to be commended as an important 
step forward. 

One specific question I would like to ask is in reference to the 
permanence of the alloys which they have used. They have 
outlined in some detail the necessity of watching carefully the 
mixture of the alloy and their heat treatment. It leaves, 
therefore, a question in the reader’s mind, I believe, as to the 
ultimate permanency of the alloy. The results that have been 
obtained can be seen on the curves. However, the permanent 
value of the results that have been obtained will be based largely 
on the permanence of the correction that has been made. If the 
alloy is not a stable alloy and may change with the passing of 
lime or under temperature conditions that may be encountered 
in the field, it will detract very greatly from the value of the 
results obtained.. It would be interesting to know, therefore, 
what results the authors may have to establish this point of 
permanence. 

Joseph Slepians There are just a few consequences of the 
phenomenon that Messrs. Kinnard and Fans use that I think 
will be interesting. 

Some time ago there was a patent issued to Thomas A. Edison 
disclosing the rather ambitious project of making a heat engine 
using this very phenomenon. Edison proposed to aUow a large 
mass of iron to be pulled into a magnetic field, there to be heated 
until It became non-magnetic, and then to be released, thus 
getting work at the expense of heat energy. 

The fact that it is possible to get wk but of this phenomenon 
at tte exp^e of heat makes it possible to apply Ihe.principles 
of ttennodynamios and get relations oonneoting the properties 
of these materials. 

One need only apply the first and second laws of therino- 
dy^cs.^ It will necessarily follow that a piece of magnetic 
material haying a temperature coefficient must change its 


temperature as it moves from a weak field into a strong field. 
That is, its specific heat must change. I believe it will have to 
rise in temperature as it moves into a strong field and fall in 
temperature as it moves into a weak field. 

I would like to ask Messrs. Kinnard and Fans just what are 
the special merits of the alloys which they have chosen. There 
are, of course, many alloys that have transition points at tem¬ 
peratures in the ordinary range. Some of them have been known 
for a long time. Those of most interest were the Heusler alloys 
which contain no elements which are ordinarily magnetic, and 
the question occurs to me as to whether those other materials 
are wholly unusable, or whether it is simply some point of re¬ 
finement that causes one to use these particular alloys rather 
than the others that are known. 

W. H. Prattf The method of correcting for Class 1 errors is 
peculiarly direct and effective. It corrects the errors where 
they occur and when they occur. I mean by this that the ther- 
malloy shunt is in such intimate contact with the controlling 
magnets that it partakes uniformly of the temperature changes 
of the latter, and on account of the absence of hysteresis renders 
the correction particularly effective. 

The course suggested for minimizing Class 2 errors is also 
directly aimed at securing excellent results, for by the reduction 
of the resistance of the potential coils not only is the desired 
result obtained, but it is a change that is in the right direction 
to improve still further the behavior of the motor in regard to 
frequency and wave-form errors. 

I think this last remark has a bearing on some points that 
Mr. Brooks raised in his discussion. The arrangement that 
he proposed for compensating for phase disphicement is such 
as to expose the windings to the rather extreme changes of 
temperature which comes from the current coils. The coils 
which he suggested would be naturally exposed to these rathor 
extreme changes, and it would not accomplish that further 
refinement of the meter that is accomplished by a reduction in 
resistance. 

C. M. Jansky (by letter): This paper is of considerable 
scientific and practical importance as it is the best analysis of 
the influence of temperature that I have seen. There is no men¬ 
tion made, however, of the study of. this problem that was made 
at the University of Wisconsin several years ago by Mr. B. E. 
Miller. The results of his investigations of the effect of tem¬ 
perature on the registiration of watthour meters at 10, 60, 100 
and 160 per cent loads were published in the September 18,1916 
issue of the Electrical World, Mr. Miller’s results show that the 
error is not the same with increasing as with decreasing tem¬ 
peratures. The per cent of registration when plotted against 
temperature gave a decided “hysteretic” loop. Messrs. Kin¬ 
nard and Paus do not refer to this paper, but if they have seen it 
I would be pleased to have their explanation of this difference 
in the accuracy with increasing and decreasing temperatures. 

I. P. Kinnardf In Dr. Brooks’ discussion, ho asked why we 
made use of a watthour meter rather than a wattmeter in ob¬ 
taining our readings. We believe a watthour meter may 
be advantageously used as a standard, in order to study the 
effects of varying temperatures on another watthour meter if 
care is taken to insure that the standard watthour meter is kept 
at a constant ambient temperature, and if, before readings are 
made, it is allowed to run a sufficient length of time to reach its 
maximum self-heating value. Very accurate results are obtain¬ 
able, with a minimum of trouble due to other possible varia¬ 
tions such as frequency. 

In connection with the point, raised in regard to studying the 
effects of changes in temperature of the lag plate by the use of 
a lag coil with an external resistance, this can undoubte^y be 
done and should give interesting information, although for our 
particular purposes we did not consider it necessary. We do 
not feel that the lag plate causes temperature errors of suflBlcient 
magnitude to call for the use of brass or as the situa- 
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lion now stands. It lias been pointed out, however, in the paper 
tliat for ctndain applications Class 2 errors can and should bo 
eliminated, or at least rediiC(Hl by modifioations of the potential 
ehnnent. Wlnui this is duim the copper lag plate will undoubt- 
(ally be disjxmsiHl with. 

It is trms as poinlcul out by Dr. Brooks, that the same reason¬ 
ing applic^s to polyphase meUu's a.H discussed for singlo-phas< 3 . 
Class 2 eiTCirs are, liowevc^r, of more importance in the polyphase 
•mtd.<T (liu‘ to tlu‘ fact that tluj line power factor is fre(piently 
low. This can be fairly satisfactorily taknm caro of by 
using but om^ comptmsaied and om^ uncompcuisated magnet on a 
two“(d(‘m(mt uicdt^r. As ( ])r<Hdouslv stated (and it has be(m 
hrouglit (Hit in tim discussion), tln^ htd.ter way is to eliminate 
(iass 2 errors by ri'duaing rt'sistance of the potential winding. 

Mr. .M’agallnuss raiHt*s tlu^ tpiestiou of tlu^ ptunnaneticy of 
tlu^rmalloy ustnl as a magnetic shunt. I wish to say that we 
have had magneds compen.satiMl in this mamu^r under observation 
for over a yi^ar and a half and no aging (‘{feotB of any magnitude 
have betm obst^rved. 

We might also bring to your atl ontiou .the fact that copper- 
nicdicd alloys liave hinm eontinuously used for a large number of 
y(ai*rs in connection with resistance mati^rials, Monel metal and 
otIi(*r applications, and it is known to be a stabler combination, 

Mr. (Vaight‘ad points out a stahmumt in t!ie ilrst part of the 
coucluHions that might open to soim^ qinmtion, and I b(*lieve 
his ptnnt is wt*U takim. I mi^aut to refi‘r to the driving flux in 
claHHifying the errors that do not di^KUid upon power factor. 

Dr. Hliqiian pinntH out a very inU^resting fact, that there are 
other alloys such as the lliaish^r alloys, which probaldy havc( 
Honn^ chamcUunHtics similar to tlmso we have descrilxsl for the 
{ 5 opp(»r-nlckel As a matit^r <?f fact, we have memtioned 

in tint paper that the HtntsU‘r alloys have a poBsihk^ application 
in this ciinnection, although we believe the eopper-nicked series 
can h(i better conirulled, hm a-sonnswhat higher permeability, 
and is (‘aster to machine, outside nf the Iimt that it is of lower cost. 

Prof. Jansky asked whether or not Ihtwe is a hysteresis kg in 
the h(*atuig and cooling curves of a watthour meter. We have 
tiot fi!>s(‘rvcsi any such ef!t»et, in the large number of teats made 
with llu'se meters, alihough there h a distinct time lag. That is, 
If a watthour m(*Utr is Indd at any one temperature for a sufficient 
length of tirm( to reach ec|uiUlmum, Its cooling eurvt^ will be 
ideutkal with Its In^nting curve. 

Ck II* Indallni For the past twelve yc^ars, the Meter Divlsi(jn 
of the Boston Edison (kimpany has correlated for the temperature 
(‘rrors of its portables test trnderi ilirough thermometers pt^r- 
mammtly instalhHi in the met(?rs. A r(‘cent uecurrence'ilhiBtraic^s 


how the accuracy of an iinconipoiisatod meter may be affected by 
certain abnormal temperature conditions. 

Two testers Avero working in the same locality, one of whom 
went to work directly from home, the other starting from the 
office. The fornuu* kept his test meter in-his automobile over 
night, Avhile the latter’s meter wots stored in a warm place. This 
resulted in a difftu’onee in tempei‘ature of 20 deg. cent. bolAveen 
th(^ two meters at the start of the day’s work, corresponding to a 
dilTonmee in thi^ e(nTecti()iis to be applied to the tost meters of 
m^arly two p('r emit. Siibsoquont tests proved that the ther- 
monu‘ters and tlio applied corrections Avero correct. It is par¬ 
ticularly gratifying that such a simple and positiA^e moans of 
correction for lemperature errors can bo applied to test meters. 
Thi^ corn'ctioii of tt‘mp(‘niture errors at 1 oa\" poAver factors is not 
quite as imi)ortant as the correction at unity poAVor factor, be- 
causc(, Avith ct>mi>arativ(dy fow^ exceptions, watthour metcjrs are 
t(*st(‘d on tln^ system only at unity poAvor factor. 

A* E* KnowUons It might be w(dl to mention that refcu’onee 
to tluUempiu’alure (‘rrorsof Avaithourmetersin this paper gives 
no occasion to the multitude of users of oieotric service to ha 
disturbcKl about tln^ situation. 1 think it is fairly safe to say 
t hat tlu'y are having that service metered to tlumi with a degree of 
accuracy not matelu^d by any otluu’ commodity service, whether 
sold by th(‘ i)ound, by th(‘ cubic foot or by count. We are dealing 
h(»re willi the mimitiao and an,y layman who chances to read 
paptu’H of this kind has no riuison to be disturbcvl by our activities 
in improving (‘l(‘cl ric m(d.tn’ing, 

L F. Kltinardi Tlui ])oint brought out by Mr. Ingalls serves 
to illustrates liow a simple and rediabks tmnpcu'ature compensation, 
such as d(‘scril)i‘d in tliis papt^r, will aid in obtaining pre^cision 
n^Hults in Hue calibration of wattliour meters. As he has in- 
ditmled, it was hitherto nect^ssary to bo sure that test meters wero 
not at abnormully iiigh or low kunperatures before using them, in 
order t.o obiain tln^ ))(‘st nusults. The automatic compensating 
shunt, hoAV(‘v'(^r, insiin^s a constant piArfonnanee over Amry wide 
temperature^ rangt's and makes it (uitirely unm^cessary to use 
thermonudijrH, 

Ah Mr. Knowlton has intimated, the fact that a distinct re- 
tinement has betm made in ilu3 art of wmtihour-meter manufac¬ 
ture Hliould not m the least shake our confidence in existing 
raek‘rH. If ilu* pap(*r \w read carefully it will bo seen that errors 
or variations due to kmipt'raiure are inherently small in this 
class of apparatus. It is, however, a distinct advantage to bo 
able to stale that tmuptiraiuro will in no way affect the results 
obtained irrespective^ of any ((xtroma conditions of use, and it is 
to that end Ave are working. 
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Synopsit.—Esperimenia have been in progress at the Bureau of affect the negative plates, the positive plates or both. A discussion 
Standards to determine guantiiatively the effect produced by a is given also of certain combinations of impurities. Sodium and 
wide variety of impurities on the rale of sulphation of storage magnesium sulphates which are sometimes added to the electrolyte 
battery plates. The method for making the determinations involves to “improve” the behavior of the battery are without effect on the 
measuring the changing weight of the plates suspended in the rate of sulphation. It is important that some generally recognized 
solution. The various impurities are classified according as they specifications for storage battery electrolytes should be established. 


Introduction 


T he satisfactory operation of a storage battery is 
in a large measure dependent upon the physical 
and chemical properties of the electrol 3 d;e which 
it contains. Within recent years storage batteries 
have come to be used under widely vaiying conditions 
of service, and millions of them annually pass into the 
hands of people who have no technical ^owledge of 
their construction or adequate information with 
regard to the care which they should receive. Some of 


them are used at extremely low temperatures in air¬ 
planes and signal service while others are subjected to 
abnormally high temperatures in the tropics. Con¬ 
sidering the diversity of the service which they have to 
perform, it is increasingly important that the physical 
and chemical properties of the electrolyte should receive 
more extended study. 

For a number of months experiments have been in 
prog^ at the Bureau of Standards to determine quan¬ 
titatively the effect produced by various impurities 
on the rate of sulphation of storage battery plates. 
The method which involves a determination of the 
weight of the plates while suspended in solution has 
been described in a previous publication.* 

The results of experiments on a few of the impurities 
have been previously published in the Journal of the 
American Institute of Electrical Engineers.* 


TABLK I 

AOOXJRAOY OP MBASTTRBMBNTS ON NEOATIVE PLATES 


Time 
. (hours) 

Average Gain 
in Weight 
(grams) 

Probable Error 
of Average Value 
(grams) 

60 

0.69 

0.03 

100 

1.44 

0.06 

200 

2.68 

0.09 

300 

3.87 

0.13 

400 

6.03 

0.16 

600 

6.08 

0.21 


Probable Error 
of Single 
Observation 
(grams) 


0.16 

0.24 

0.33 

0.41 

0.60 

0.60 


♦Approved by the Director of the Bureau of Standards. 
tBoth of The U, S. Bureau of Standards 
Is Vinal and Ritchie. A new method for determining the 
rate of sulphation of storage battery plates: Bureau of Stand¬ 
ards Technologic Paper No. 225 (1922). 

2 . tod Altrup. The Effect of Certain Impurities in 

storage Battery Electrolytes. Transactions A, I E E Vol 4^1 
p. 709, 1924. ■ ■’ ■ ’ 

Presented at the Midwinter Convention of the A. I. E. E 
New York, N. Y., February 9-lS, 19S6. . 


In the present paper the results of experiments cover¬ 
ing a wide range of impurities are given. The tables 
that follow give the quantitative relation between the 
amount of the various, impurities which were added to 
the pure electrol 3 de 1.250 specific gravity, and the 
effects produced as judged by the change in weight of 
the plates. 

Accuracy ot Measurements 
In the course of the experiments a number of deter¬ 
minations have been made of the rate of sulphation of 
storage battery plates in pure electrolytes having a 
specie gravity of 1.250 at 25 deg. cent. These may be 
considered as control experiments by which the effects 
produced by the impurities are to be judged. One con¬ 
trol experiment was made with each group of five 
measurements. An analysis of tiiese permits the com¬ 
putation of the probable error of the average value 
and the probable error of a single observation. 

It is important to establish the range of the probable 
error in these computations. There are a number of 
impurities which produce little or no effect, and any 
definite statement that they do or do not produce an 
effect must be based upon a comparison with the normal 
values for plates in pure solutions,to within the limits 
of the probable error. 

Table I, for negative plates, and Table II, for posi¬ 
tive plates, give the average gain in weight in pure elec- 
faolyte for these plates together with the probable 
error. In classif 3 dng the impurities according to 
the effects produced, the average value of the control 
experiments is given for comparison, except in Table 
VII where the measurements all belong to one group. 
For these, the value of the control experiment of this 
group is given. 

Impurities Affecting the Negative Plates Only 
The impurities which affect the negative plates only 
(Table HI) may be divided into two classes: 

a. Impurities which are deposited quickly in the 
metallic state upon the negative plates and produce 
appreciable gassing. These include platinum, copper 
and silver. A closed circuit exists between the under¬ 
lying lead of the plate and the impurity which is 
deposited upon it. Lead sulphate is formed in propor¬ 
tion to the quantity of eleciricity flowing and the plate 
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gains in weight. Hydrogen is liberated at the surface 
of the impurity. The local action produced by these 
impurities proceeds at a fairly rapid rate until the 
idtimate capacity of the plate is exhausted. A con- 
siderable part of silver and copper, which was deposited 
on the plates as a spongy or tree-like mass, subsequently 
fell off so that the gain in weight of the plates represents 
clnefly lead sulphate. These impurities cannot be 
eliminated by changing the electrolyte in the battery, 
but their effect may in some cases be mitigated as Gil- 
letter has shown. The results which are given in Table 
III show that platinum is one of the most deleterious 
of impurities. Extremely small amounts are sufficient 
to produce rapid sulphation of the plates. Copper 
produces less effect. These results have been ab¬ 
stracted from the previous paper by Vinal and Altrup, 
and in the case of copper a correction has been made for 
a misplaced decimal point in the former publication. 


TABLE II 

AOOURAOY OF MEASUREMENTS ON POSITIVE PLATES 


(Average of 17 experiments, pxire electrolytes, 1.250 sp. gr., 25 deg. cent.) 


Time 

(hours) 

Average Gain 
in Weight 
(grams) 

Probable Error 
of Average Value 
(grams) 

Probable Error 
of Single 
Observation 
(grams) 

50 

0,34 

0.03 

0.12 

100 

,0.51 

0.04 

0.17 

200 

0.66 

0.06 

0.22 

300 

0.86 

0.08 

0.30 

400 

1.05 

0.10 

0.35 

500 

1.15 

0.10 

0.32 


TABLE III 

LOCAL ACTION PRODUCED BY IMPURITIES AFFECTING 
ONLY THE NAGATIVB PLATES 

(Results are expressed as the gain in weight of a single plate in grams. 
_ at intervals from 50 to 600 hours) 


Impurity 


None ex 

Platinum 

Platinum 

Platinum 

Copper 

Copper 

Silver 

Tin 

Tungsten 

Bismuth 

Sulphurous 

Add 

Sodium 

Bichromate 

Arsenic* 

Arsenic 

Antimony 

Nitrates 

do 

do 

do 


Material 

Per¬ 

centage 

Impurity 



Time In Ho 

urs 


Added 

50 

100 

200 

800 

400 

500 

tool 

edments) 


0.69 

1.44 

2.68 

3.87 

5.03 

6.08 

PtOld 

O.OOOOX 

0.7 

1.4 

3.0 

4.8 

6.8 

8.4 

do 

0.00003 

13.2 

10.3 

26.1 

29.9 

32.4 

34.2 

do 

0.00005 

27.4 

28.1 

28.8 

29.2 

20.3 

29.5 

OUSO 4 

0.008 

1.1 

2.1 

4.0 

6.1 

8.1 

OUSO 4 

0.04 

7.3 

10.7 

15.6 

19.5 

23.5 


Ag 2 S 04 

0.1 

13.5 

18.6 

24.0 



SnS04 

0.1 

4.6 

7.0 

9.4 

11.0 

12.5 

13.0 

WOs 

0.003 

0.3 

1.7 

5.3 

10.0 

15.0 

20.0 

Bi203 

0.2 

4.5 

5.8 

8.2 


H 2 SOS 

0.05 

5.1 

6.4 

8.3 

10.2 

11.3 

13.6 

Na20r207 

0.05 

3.3 

6.2 

8.4 

11.4 

14.1 


AS 2 O 3 

0.001 

1.3 

2.6 

4.8 

6.9 

8.8 

10.9 

AS 203 

0.10 

0.8t 

. , 





Sb2(S04)8 

0.001 

3.8 

8.8 

16.3 



hno« 

0.001 

1.3 

2.0 

3.6 




do 

0.004 

3.1 

4.0 

6.2 




do 

0.008 

5.3 

6,4 

7.7 




do 

0.035 

23.0 

25.3 

27.3 

,, 




*These results are not as reliable as the others. 

tAt 66 ffllnnties, plates gassing and solution turned Ibrown test 
abandoned. .a 


,3. Trans. Amer. Electroohem. Soe., 41, p. 217 (1922). 


b. The second class of these impurities includes 
those chemical compounds which are reduced more 
slowly at the negative plates and result in little, if 
any, perceptible liberation of hydrogen. In some cases 
these impurities can be eliminated from a battery by 
replacing the electrols^te. For some of these, a quanti¬ 
tative comparison may be made between the calculated 
and observed changes in weight of the plate. 

Bismuth presents an interesting example of the 
reduction produced at the n^^ative plates accompanied 
by the deposit of the bismuth itself as a brown powder 
on the plate. Bismuth trioxide reacts with sulphuric 
acid to form bismuth sulphate and this, in turn, is 
reduced at the negative plate to bismutli with the 
formation of an equivalent amount of lead sulphate. 
For the 12.6 grams of bismuth trioxide, which were 
added to the solution, 24.4 grams of lead sulphate should 
be formed, and to this must be added the weight of the 
bismuth, 11.2 grams, deposited on the two plates in the 
^lution making 35.6 grams as the calculated increase 
in weight of the plates. The amount ^tually observed 
was 33.6 ^ams. No appreciable effect was produced 
by the bismuth on the positive plates. The local 
action produced by the bismuth which is deposited in 
the pores of the negative plates is relatively slow, but 
the diffusion of the electrolyte into the plates is doubt¬ 
less impeded with a consequent loss in the available 
capacity. 

Antimony and arsenic, like bismuth, affect the 
negative plates, but are without apparent action at the 
positive plates. Antimony in particular produces a 
rapid (^harge of the negative plates. The reactions 
of antimony and arsenic are probably analogous to 
those of bismuth, as the reduced material becomes 
visible after a short time. There is, in addition, a 
marked accelerating effect in the case of antimony, since 
the sulphation of the negative plates as measured by the 
increase in weight is much greater than would be cal¬ 
culated for the equivalent reduction of the antimony 
sulphate. This effect is less in the case of arsenic. 
The presence of either antimony or arsenic in the elec- 
trolsrte is also detrimental because of the possible 
formation of stibine or arsine in the presence of hydro¬ 
gen. These poisonous gases, escaping from the 
cells, become a serious hazard to those iiaing the 
battery. 

Nitrates which were added to the solution as nitric 
acid were reduced at the negative plate and produced 
a marked increase in tiie rate of sulphation. Even 
so small a quantity as 0.001 per cent produced a 
measurable result. Small quantities of nitrates prob¬ 
ably do little permanent damage as they are gradually 
eliminated from the cell as oxides of nitrogen or reduced 
to ammonia. Nitrates were without effect in our 
experiments on pasted positive plates, but their use as 
corrosive agent in forming plants plates from sheet lead 
is, of course, well understood. 
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TABLE IV 

LOCAL ACTION PRODUCED BY IMPURITIES WHICH AFFECT 
BOTH THE POSITIVE AND NEGATIVE PLATES 


(Results are expressed as the gain in weight of a single plate in grams at 
intervals from 50 to 500 hours) 


Impurity 

Material 

Added 

Per¬ 

centage 

Impurity 



Time! 

n Hou 

rs 


60 

100 

200 

300 

400 

500 



(Positive Plates) 






Control 

1 







None 

experiments 

., 

0.34 

0.51 

0.66 

0.86 

1.06 

1.16 

Iron 

PeS04 

0.012 

0.7 

0.9 

1.1 

1.3 



do 

do 

0.08 

1.5 

1.8 

2.2 

2.3 


, , 

do 

do 

0.4 

5.6 

6.8 

7.2 

7.5 



Manganese 

MnS04 

0.08 

2.9 

3.7 

4.4 

5.0 

, , 


do 

do 

0.4 

8.4 

10.6 

14.4 

18.4 

., 


Chlorine 

HCl 

0.05 

5.5 

7.1 

8.2 

11.9 

13.5 


do 

NaCl 

1.00 

23.7 

25.4 

|26.0 

26.2 

•• 

.. 



(Negative Plates) 






Control 





1 

1 


None 

experiments 

. . 

0.69 

1.44 

2.68 

3.87 

5.03 

6.08 

Iron 

Pe 2 (S 04)3 

0.012 

1.2 

2,0 

3.4 

4.6 

6.8 

7,0 

do 

do 

0.08 

6.3 

8.0 

9.5 

10.8 

12.2 

13.6 

Manganese 

KMn04 

0.04 

2.2 

3.0 

4.3 

6.6 



do 

do 

0.40 

3.1 

4.0 

5.3 

6.7 



Chlorine 

HCl 

0.02 

0.6 

1.3 

2.7 




do 

NaCl 

1.00 

22.0 

27.1 

30.2 

32.7 

•• 



was observed. However, the effect on the positive 
plates was striking. Separators- which had been 
previously treated preparatory to their use in storage 
batteries produced smaller effects than similar separa¬ 
tors which had not been so treated. These results 
led us to try dextrose, sucrose, invert sugar, and 
starch which produced effects of about the same 
amount. Tannic acid, however, produced only a very 
small effect as shown in the table. These results show 
that the separators have important effects which 
warrant further investigation. 

Local Action Produced by Combinations 
OP Impurities 

Table VI shows the effects produced on negative 
plates by combinations of impurities which, taken 
singly, produced less effect than when present in 
combination. 

Kugel' showed that the action of such combination 
as tungsten and copper fflcceeded materially the effects 


Impurities Affecting both Positive and Negative 
Plates 

In the previous paper,* details of the reactions of iron 
and manganese have been given. Iron is perhaps the 
most common impurity in storage battery electrolsdes. 
It is oxidized at the positive plate and reduced at the 
negative plate without depositing on either ad infinitum. 
Since it sta 3 ra in solution it can be eliminated by chang¬ 
ing the electrolyte. Manganese is more detrimental 
to the positive plates than to the negatives. Its reac¬ 
tions are complicated and will not be repeated here. 

Chlorine is a detrimental impurity for both the posi¬ 
tive and negative plates, although in small quantities its 
effects are more pronounced on the positives. Chlorine 
is liberated at least in part from the cdl, but others 
have stated that a portion of it is oxidized to perchloric 
acid and this remains in the electrolyte. The addition 
of sodium chloride to the electrolyte was tried because 
of the reactions which occur when sea-water may 
accidentally find its way into storage batteries used on 
shipboard. 

Impurities Affecting Positive Plates Only 

Impurities of this class are organic compounds. In 
our experiments with acetic acid, the effects produced 
were smaller than were anticipated, and several 
additional portions of acetic acid were added to the 
same jar at intervals without much effect as shown in 
the table. 

Following the experiments with acetic add a small 
group^ of separators which had not been previously 
used in batteries were extracted with sulphuric acid 
(1.250 ^e<^c gravity), and this solution was tried on 
both positive and negative plates. No appreciable 
effect on t he changing weight of the negative plates 
4. Vinal and Altrup, he, cU. 



Fig. 1—^Effect of a Combination of doppBR and Tungsten 
ON Negative Plates 

of either of these materials singly. The extraordinary 
effect of adding a small percentage of copper to a 
solution containing a small percentage of tungsten is 
shown graphically in Fig. 1. 

In addition to the experiments on tungsten and 
copper, combinations of copper with other impurities 
such as mercury, molybdenum, zinc, arsenic, and 
antimony were tried. In all of these cases it was found 
that the rate of sulphation of the negative plates was 
greatly accelerated. These results are significant in 
showing that it is important to limit the percentage of 
copper which may be present in the electrolyte to the 
smallest reasonable figure. 

In explanation of this effect, Kugel has suggested 
that the polarization on the copper is decreased by the 
presence of tungsten. Scarpa® has advanced a similar 
explanation that the presence of tungsten lowers the 
overvoltag e necessary for the evolution of hydrogen 

5. EUarotech. Zeit 13, pp. 8, 19, (1892). 

6 . L*EleUrotecniea d, p. 317 (1919). 
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on the surface of the copper* For this reason the local 
currents flowing between the copper and the underlying 
lead of the plate are greatly increased. This appears 
the most probable explanation and our results show that 
in addition to tungsten, which is an unusual impurity 
to find in storage battery electrolytes, there are a 
number of others much more likely to be present which 
may produce the same effects. 

TABLE V 

LOCAL ACTION PRODUCED BY IMPURITIES AFFECTING 


ONLY THE POSITIVE PLATES 
(Results are expressed as the gain in weight of a single plate at 
Intervals from 60 to 500 hours). 



Per¬ 

centage 

Impurity 



Time ii 

1 Hours 



Impurity 

60 

100 

200 

300 

400 

500 

None 

(Control 

experiments) 

0.34 

0.51 

0.66 

0.86 

1.05 

1.15 

Acetic acid 

0.1 

0.4 




do 

1.0 

,. 

0.9 

1.6 




do 

3.0 


., 


2.4 

3.3 


Separator 

extracts 

(treated) 


3.2 

6,2 

7.7 

9.4 


Separator 

extracts 

(untreated) 


8.9 

13.6 

18.6 

21.1 



Dextrose 

1.0 

23.2 

26.3 

27.2 




Suci'ose 

1.0 

23.6 

26.7 

27.6 




Invert Sugar 

2.0 

23.6 

26.4 

26.8 




starch 

:> 0.5 

11.6 

20.3 

26,1 




Tannic Acid 

0.10 

0.6 

1.1 

1.9 

2.6 


•• 


In the course of our experiments combinations of 
tungsten with arsenic> antimony, and several other 
impurities were tried, but the tungsten produced no 
unusual effect except when in combination with 
copper. 

Impurities Producing Little or No Effect 

In the course of our experiments a number of im¬ 
purities were tried which produced little or no effect 
on either the positive or negative plates. These in¬ 
cluded sodium, calcium, magnesium, aluminum, zinc, 
cadmium and mercury. 

At various times sodium and magnesium sulphates 
have been suggested as an addition to sulphuric acid 
of the ordinary electrolyte to decrease the sulphation 
of the plates. Table 7 gives in detail the results which 
were obtained when these materials were added to 
1.250 specific gravity electrolyte, atnd it will be seen 
that the agreement between the solutions containing 
these materials and the control experiment is within 
the limits of experimental error for both positive and 
negative plates. These results indicate that these 
substances are without effect on the rate of sulphation 
in concentrations up to 5 per cent, and no benefit is to 
be derived by adding them to ordinary solutions. 
Others have claimed that the presence of sodium sul¬ 
phate and similar substances is harmful, resulting in 
the disintegration of the negative plates. 


TABLE VI 

LOCAL ACTION PRODUCED BY COMBINATIONS OF IMPURITIES AFFECTING THE NEGATIVE PLATES 
_(Sach experiment was started with the first named impurity and then copper was added at the time shown) 



Material 

Percentage 

Time of ! 
Adding Ou 1 

Time in Hours 

Combination 

Added 

Impurity 

(hours) 1 

1 50 

' 100 ' 

1 200 

1 300 

1 400 1 500 

None (Control experim 
t Tungsten. 

lents) 

WO 3 

CUSO 4 

Hg2S04 

CUS 04 

MoOa 

CUSO 4 

ZnO 

CUSO 4 

AS 2 O 3 

OUSO 4 

Sb2(S04)3 

0aS04 

0.003 

0.05 

0.01 

0.05 

0.01 

0.05 

0.01 

0.05 

0.001 

0.05 

0.001 

0.05 

246 

0.69 

1.44 

2.4 

2.68 

5.4 

3.87 

6.03 

6.08 

t Copper. 

J.. 1 

23.1 

26.6 

26.7 

# Mercury. 

145 

0,8 

1,7 

31.6 

31.8 

31.0 


t Coppw. 

31.2 

f Molybdenum. 

145 

1.1 

2.0 . 

30.5 

24.7 

32.4 


t Copper. 

40.0 

/Zinc. 

146 


1.6 

24.0 

33.7 

33.2 


1 Conner. 


1 

. . 

/.Arsenic. 

145 

1 n 

2.0 

23.2 

25.8 

28.0 


1 Copper. 

1 • u 

29.2 

/Antimony. 

145 

9 A 

8.8 

28.0 

38.5 

38.0 


1 Copper. 

0 . 0 

36.0 










TABLE VII 

EFFECT OF SODIUM AND MAGNESIUM SULPHATES 
(Results are expressed as the gain in weight of a single plate in grams at intervals from 50 to 600 hours) 


Impurity 

Material Added 

Percentage 



Time: 

[n Hours 



60 

100 

200 

300 

400 

500 

None (Control experiment) 

Sodium sulphate 
do 

Magnesium sulphate 
do 

None (Control experiment) 

Sodium sulphate 
do 

Magnesium sulphate 
do 

Na 2 S 04 . IOH 2 O 
do 

MgS04.7H20 

do 

f 

i 

' NtuSO.-lOHiO 
do 

MgS04.7H20 

do 

2.0 

6.0 

2.0 

4.0 

I ■ .. 

2.0 

6.0 

2.0 . 
4.0 

(Positive Plat 
f 0.06 

1 0,06 

! 0.2 

0.1 

1 0.2 

(Negative Pla 
1 0.80 

0.7 

0.8 

0.9 • 

1.0 

es) 

0.14 

0.1 

0.3 
, 0.2 

0.3 

tes) 

1.52 

1.3 

1.4 

1.6 

1.8 

0.36 

0.3 

0.5 

0.3 

0.6 

2.97 

2.6 

2.6 

3.1 

3.2 

0.52 

0.4 

0.7 

0.5 

0.6 

4.25 

3.8 

3.5 

4.6 

4.6 

0.72 

0.6 

0.8 

0.7 

0.7 

5.53 

4.9 

4.6 

6.8 

6.0 

0.90 

0.7 

1.0 

0.8 

0.9 

6.82 

6.9 

5.4 

7.1 

7.4 
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Suggested Specifications for Sulphuric Acid 

Specifications for battery acid have been issued by 
many different agencies and a comparison of them 
shows wide divergence in the impurities which are 
listed and the maximum amounts which may be 
considered permissible. If suitable specifications for 
sulphuric acid for use in batteries can be formulated 
and receive general recognition, it is likely that they 
will find use also in other industries. The amount of 
concentrated sulphuric acid used per year for batteries in 
this country is probably in excess of 30,000,000 pounds. 

If the amount of impurities allowed by the specifica¬ 
tions is made too small^ serious difficulty may be en¬ 
countered in finding acid sufficiently pure to meet them. 
On the other hand the specifications must limit the 
impurities to amounts that are within the range for 
satisfactory battery operation. 

Specifications are usually drawn to apply to the con¬ 
centrated acid. If pure water is used to dilute this to 
the proper concentration for battery use the percentage 
of the impurity will be proportionately reduced. It is 
desirable that water of a high degree of purity be used, 
and no general statement as to the permissible use of 
natural water can be made for the reason that its 
purity varies from place to place and from one time of 
.the year to another. 

The following Table VIII, on the purity of sulphuric 
add and solutions for battery use, has been taken from 
a recent book on storage batteries.^ It is believed that 
this table is consistent with the results of this investiga¬ 
tion and represents acid that can be readily procured. 
It may be desirable, however, to limit the amount of 
copper to a smaller percentage in view of the large local 
action which it produces when present together with 
certain other impurities shown in Table VI. 


TABLE VIII 

PURITY OP SULPHURIC ACID AND SOLUTIONS FOR BATTERY 

USE 



Con¬ 

centrated 

Add 

Unused 

Electrolyte 

Used 

Electrolyte 

Specific gravity 60®P. 

1.835 

• 1.280 

1.280 

Per cent H 2 SO 4 . 

93.19% 

36.8% 

36.8% 

Color. 

Colorless 

Colorless 

Colorless 

Suspended matter. 

None 

None 

Lead com¬ 
pounds only 

Platinum... 

None 

None 

None 

Arsenic and antimony. 

Traces 

Traces 

Traces 

Manganese. 

Trace 

Trace 

Trace 

Iron. 

0 . 010 % 

0.004% 

0.015% 

Copper. 

0.006% 

0 . 002 % 

0.006% 

Nitrates and nitrites.. 

Traces 

Traces 

Traces 

Chlorides calculated as Cl. 

Trace 

Trace 

Trace 

Organic matter. 

Trace 

Trace 

Trace 

Sulphurous acid. 

Trace 

Trace 

None 


The term ^^trace'^ is often used, but ill-defined. In 
general this term in these specifications should be 
regarded as meaning less than 0.001 per cent. Any 
standard specification of this character should include 
also a statement of the tests to be employed. 

Our exp eriments have shown that there are other 

7. Storage Batteries, by Vinal, page 120 (1924). 


impurities, in addition to those included in Table VIII, 
which produce effects in the storage battery. How¬ 
ever, they are. rarely present in sulphuric acid. It 
does not seem necessary to name them all, as a state¬ 
ment can be added calling attention to the fact that 
other impurities are absent. 

The limits for impurities given in Table 8 are presented 
for discussion,and it is hoped that they may serve as a basis 
for specifications that will receive general recognition. 


Discussion 

J. L. Woodbrid^es Mr. Vinal has given us the results of a 
new method of studying the subject of local action in the storage- 
battery cell. As he states, in his paper, considerable work has 
been done on this problem by other methods, one of them 
being the direct measiurement of the capacity of the cell at dif¬ 
ferent times, and another being an indirect method, by measur¬ 
ing the evolution of gases that are given off from the plates. 

Each of these methods has certain disadvantages, and probably 
the true picture can best be obtained by a combination of all 
three. The direct measurement of the capacity of the cell is 
subject to error and can be made only at the beginning and the 
end of the standing test and not at any intermediate points. 
Furthermore, the capacity of the cell is a very variable quantity 
influenced by many factors, and it is very difdcult to insure that 
an observed change of capacity is due to the particular factor that 
you are studying. The measurement of gas evolution is also 
subject to serious handicap in getting the exact results desired. 
This new method, therefore, is bound to throw considerable 
light on riie problem. 

There are several factors which affect the local action in ai cell; 
for example, the temperature of the cell, the density of the 
electrolyte, and the history and physical condition of the plates 
themselves, Mr. Vinars work has thus far been confined, as 
represented in his paper, to measurement at constant temperature 
and at one particular density of the electrolyte. We hope, 
therefore, that he wiU be in position to continue this work and to 
take into account these other factors. 

There is another factor which would also have a very marked 
effect on the local action, and that is the presence or absence of 
electrolytic action. Mr. Vinal’s work has been done so far on 
the cells standing on open circuit. If current is passed through 
the cell, a very different set of data will undoubtedly be obtained. 
For example, the effects of forming agents in the electrolyte will 
be very different when current is passing through the plates from 
what they are when the cell is standing on open circuit. Also, 
the results of the presence of metallic impurities will be varied 
by the effect of electric current ?n depositing these impurities on 
the negative plate. 

There is one point in Mr. Vinal’s paper in connection with 
which I would like to ask for a little additional information. For 
example, in Table III, and I think in other tables, two columns are 
given, one showing the material added, the other showing the 
percentage of the impurity used. It isn’t entirely clear as to 
whether this percentage refers to the material in the form in 
which it is shown in the first column or whether it refers to one 
element. For example, copper sulphate is given in the first 
column, and it is not quite clear whether the percentage of copper 
is intended, or the percent^e of the sulphate. The same might 
apply to nitric acid—I presume the percentage refers to the total 
percentage of nitric acid. 

It is to be hoped that this investigation may be carried further 
because the problem is a large one and the amount of useful 
investigation that can be done is almost unlimited. 

R. L. Younil: Though, not a chemist, 1 have found the paper 
interesting, in that it discloses the reasons for some commonly ac¬ 
cepted battery practises and points the way toward safe operation. 
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Impurities: It is of interest to note, for example, that iron, 
one of the most frequent and active impurities, is not deposited 
on the battery plates but stays in solution, so a change in electro¬ 
lyte should reasonably eliminate it from the cell. I assume it would 
also be necessary to replace wood separators and wash the plates. 

The tests showing that certain elements are very active in the 
presence of copper but are practically harmless otherwise, em¬ 
phasize the importance of keeping brass or copper terminals and 
connections free from corrosion, I would enter a plea for the more 
general adoption by the manufacturers of terminals made ex¬ 
clusively of lead alloy, or where conductivity demands copper, a 
more complete protection of the copper portions. 

Among the harmless impurities it is very fortunate that we 
find sodium. The foaming action of baking-soda solution 
during neutralization, and its non-corrosive nature, make it 
ideal for general use and particularly for washing down bus-bars 
and connections, also when necessary, walls and ceilings of bat¬ 
tery rooms. Apparently little harm would result if small quanti¬ 
ties of solution should accidentally drip into the cells and it might 
be satisfactory to leave bus-bars unwashed by clear water if it is 
not intended to repaint them at the time. I should like the 
sanction of the authorities to follow this practise. 

Gases : I find a reference to the possible liberation of poisonous 
gas, stibine or arsine, when antimony or arsenic impurities are 
present in the electrolyte. A company, with whose practises I 
am familiar, has some thousands of batteries in operation, some of 
them having 50 or more cells of large capacities similar to those 
used in central-station standby service. Practically all of 
these batteries use antimony-lead alloy grids on both positive 
and negative plates and it may be expected that antimony gets 
into the electrolyte. We have never observed any indication of 
poison or other harmful effects on attendants and I would ques¬ 
tion whether this danger is not more theoretical than real. Is 
not the ordinary ventilation provided for reasonable comfort and 
to prevent the formation of explosive mixtmes, sufficient to re¬ 
duce the antimony hazard to a negligible amount? 

Specifications: Efforts toward the establishment of recog¬ 
nized standard specifications for electrolyte are commendable, as 
they will probably tend toward the development of better quality, 
larger supply and possibly reduced cost. They may have to bo 
somewhat flexible, or perhaps a series of specifications will be 
necessary, as I understand that the amount of any one impurity 
permissible may be affected by the percentages of others present. 
This at least is more or less the case with water for battery use and 
I would like to see specifications on this as well. Perhaps radio 
fans would be interested in knowing that New York City water is 
usually safe, whereas the very excellent artesian well water furnish¬ 
ed in many suburban towns is not recommended for batteries. 

In Table VIII, I would suggest that two columns be added to 
cover values for 1.210 electrolyte, this being the standard for 
many batteries in stationary service. 

G. M. Howard: I would like to say a word with regard to 
the question of antimony and arsenic in the electrolyte. 

To a man who has worked with storage batteries for years, it 
is rather startling to read a statement like this: ^^These poison¬ 
ous gases escaping from the cells become a serious hazard to those 
using the battery.*' 

Mr. Young has touched on that from the commercial and 
practical end. I think all users of batteries will agree with him 
that there have been no cases of poisoning. Certainly we have 
never heard of any. 

As Mr. Vinal has said, the use of antimony ih the grid is 
almost universal. Practically all lead storage batteries today 
contain antimony, and that means that there is nearly always a 
trace in the electrolyte. Certainly there is likely to be. 

We have made careful tests in our laboratories when antimony 
was Imown to be present in the electrolyte, and we have never 
been able to detect any in the gas. On the other hand, arsemc, 
if present in the electrolyiio may give off arsine, but, of course. 


arsenic is only an accidental impurity, and is never present in 
sufficient quantity to constitute a hazard. The point I want to 
emphasize is that the normal constituent, antimony, does not 
form stibine. 

G. W. Vinal: I would like to discuss first the point which 
was raised by both Mr. Young and Mr. Howard regarding the 
possible formation of stibine. 

The statement in the paper about antimony and arsenic re¬ 
lates primarily to these materials in solution. It should not be 
construed as meaning that the use of antimony in the grids is 
detrimental to the battery, nor liable to be a source of danger. 
A careful analysis of the electrolytes taken from fifteen bat¬ 
teries of six different makes showed that only very small tra-ces 
of antimony were present in the solution. In all cases the 
amount observed was less than one part in 100,000. This 
clearly shows that under the ordinary operating conditions the 
antimony used in making grids does not pass into the solution. 
In rare instances, however, appreciable amounts of antimony 
have been found in the solutions, and it is to guard against 
such cases that it seems well to include antimony and arsenic 
in the proposed specification. Manufacturers of batteries en¬ 
deavor to use materials which are free from arsenic and which 
might give rise to the liberation of arsine. Authentic cases 
of the liberation of stibine appear to be lacking, although 
we know from chemical reasoning that the conditions do make 
the formation possible, at least theoretically. 

In answer to Mr. Young’s question as to whether the venti¬ 
lation in a battery room is sufficient to take care of such gases, 
I think the answer is quite clearly “yes.” 

As to the effect of sodium in the electrolyte, our experiments 
show that it did not affect the rate of sulphation appreciably. 

A word of caution is perhaps desirable and Mr. Woodbridge 
has very well pointed out the fact that several methods of 
experimentation are desirable to reach final conclusions. I 
had some correspondence, with reference to sodium, with 
engineers of the Prest-O-Lite Company before coming to this 
meeting. They are of the opinion that traces of sodium may 
produce deleterious effects when batteries are continuously 
charged and discharged. That is somewhat contradictory to 
results which we have obtained, and yet I think that it is a 
point which may very well be investigated further. 

As to the matter of using natiual water, I know that water 
in New York City is commonly used in large batteries. I 
think New York City is blessed. It has a very fine water 
supply. I have been very careful, however, not to make any 
definite statement about the use of natural water, because 
natural water varies so much from place to place, and while it 
may be perfectly all right to use it in one location it may be un¬ 
wise to do so in another. The Bureau of Standards has often been 
quoted as saying that the use of natural water is permissible. 
As a matter of fact, we have not is.sued any such statement. 

I believe that nitrates in small amoimts, such as are considered 
here, gradually tend to eliminate themselves from the batteries, 
some passing off as gas and some being reduced to ammonia. 

I want to mention again Mr. Woodbridge’s comments about 
the combination of methods. Of course, the work which we 
have done gives an indication of the local action which is pro¬ 
duced within the cells, but it is quite desirable that these results 
should be supported, by measurements made on the batteries 
under normal operating conditions. We have made a few 
measurements on weighing the plates, with the passage of current 
both charging and discharging, but that work has not progressed 
very far. How far we shall be able to go wo cannot say at the 
present time, but there is a very wide field of work. 

One more point about the percentage of impurities,—^partic¬ 
ularly in the case of copper: the percentage which is given in 
the table is the percentage of copper. The impurity was added 
in the form of copper sulphate, but allowance was made for the 
SO 4 radical and for the water of crystallization. 



The Theory of Probabihty 

and Some Applications to Engineering Problems 

BY E. C. MOLINAi 
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Synopsis.—The purpose of this paper is to encourage a wider been used are recalled, the fundamental principles are stated and 
recognition by engineers of a body of principles which in its maths'^ applied to three problems chosen from the field of telephone 
matical form is a powerful instrument for the solution of practical engineering. 

problems. Some subjects in which the theory of probability has ♦ ♦ ♦ * ♦ 


/ X r I ^HE subject to which I now invite attention has 
J[^ high cl^s to consideration on account of 
the subtle problems which it involves, its 
important practical applications and the eminence of 
those who have cultivated it.” (Todhunter: History 
of the Mathematical Theory of Probability, 1866). 

You are all familiar with the importance of the theory 
of probability in its applications to life assurance, 
biology, radioactivity and other branches of pure 
and applied science. In telephony the theory has 
been utilized for over a quarter of a century. This is 
not surprising. The calls to be handled during a 
busy hour fail at random with refereace to a given 
instant. Hence, a knowledge of total and average 
loads does not suffice for determining the quantities of 
equipment required for rendmng efficient and econom¬ 
ical sOTvice. The mathematical theory of probability 
enables one to evaluate the frequencies of different 
deviations from kno^ average conditions. With 
this information the solution of trunking problans 
becomes precise, the quantities of equipment required 
for existing systems is determined and as changes 
in the art occur the merits of proposed systems can be 
weighed, thereby assuring that the public’s demands 
for service be met satisfactorily. 

The theory of probability is of immediate aid in 
the planning of inspection programs which must be 
carried out in order that apparatus may leave the 
manufacturer in fit condition to perform its functions. 
The interpretation of empirical data is facilitated and 
often the application of the theory to hypothetical 
conditions makes unnecessary the canying out of 
costly statistical investigations. 

The application of .the theory of probability to 
engineering problems is a subject of so much importance 
that it is bdieved tiie engineering societies could well 
afford to give more consideration to it than has been 
pven in the past. While there have been one or two 
instances of Institute pap^ discussing probability 
matters, such, for instance, as “A Method of Deter- 
mimng Resultant Input from Individual Duty Cycles 
and of Determining Temperature Rating” by Mr. 


1 . 

N. T. 


Amarioan Tdepbone and Telegraph Company, New York, 


Presented at the MUwinler Comienlion of the A. /. E. E., 
New York, N. Y., Felrttary 9-lS, IdtB. 


Bassett Jones, in general the Institute papers have 
paid little attention to this matter. It is the purpose 
of this paper to present the fundamentals of the 
theory of probability in a form which it is hoped will 
appeal particularly to practical engineers, and to 
discuss specifically the application of these fundamental 
principles to a number of practical problems. 

The fundamental principles of our subject, first 
formulated in a comprehensive manner by Laplace 
in his classic “Th^orie Analytique des Probabilites” 
may be stated as follows: 

First Principle. The probability that an event may 
happen in a specified manner is the ratio of the number 
of ways it can happen as specified to the total number 
of ways in which it can happen. For example, the 
probability that an ordinary six-face die wiU, when 
cast up in the air, give a number greater than 4 is 2/6 
since .tiiere are only two faces marked with numbers 
greater than 4; whereas, the total possible number of 
ways in which the die can turn up is obviously 6, 

This first principle is really nothing more or less 
than a definition of probability. It is implicitly 
assumed that all the possible cases are equally likely 
or probable. This implicit assumption has been 
severely criticised by some philosophers. Moreover, 
Poincard, Bertrand and others have claimed that a 
logically satisfactory definition is impossible. How¬ 
ever, this statmnent should not be disturbing any 
more than being reminded that there is no precise 
answm* to the question “what is matter?”—should 
disturb a group of chemists. 

Second Principle or Theorem of Total ProbdtMty. 
When a complex event can be reduced to a group of 
mvfyiaUy exdmive simple events, the probability for the 
complex event is the sum of the probabilities corre¬ 
sponding to each simple event. Or thus—^the prob¬ 
ability of the happening of any one of several events, 
no two of which can concur, is ^e sum of their separate 
probabilities. As an example, suppose that one of our 
men has plans to return from Chicago next summer 
either by‘the Pennsylvania R. R., the New York 
Central R. R. or else by boat through the Great 
Lakes. If pi, pi, pt, are the probabilities for these 
three routes respectively, the probability that he 
returns by rail is 

p = Pi + Pi 
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Third Principle. If there be given any number of 
independent events, the probability that they will all 
happen is the product of their respective probabilities. 
Suppose we have in front of us, three bags filled 
with red, white and blue balls. If 7 per cent of the 
balls in bag No. 1 are white, 19 per cent of those in 
bag No. 2 are white and 40 per cent of those in bag 
No. 3 are white and we draw one ball from each of the 
bags, then P = (7/100) (19/100) (40/100) is the com¬ 
pound probability that all three of the drawn balls 
will be white. 

Fourth Principle. The probability of the con¬ 
currence of two dependent events is the product of the 
probability of the first times the probability that when 
that has happened, the second will follow. 

Fijth Principle. This fifth principle may be con¬ 
sidered as a corollary to the fourth. Suppose we 
know the a priori probability in favor of an event which 
has happened and that we also know the a priori 
probability for a compound event consisting of the 
event which has occurred followed by another event 
which has not yet occurred. Then the probability 
that the second event will occur is equal to the a 
pnon compound probability divided by the a priori 
probability of the event which has occurred. Example— 
Bids are open for the construction of a city subway. 
Let P be the compound probability that a certain 
construction company bids and submits satisfactory 
plans. Let p\ be the probability that said company 
bids. Then, if the company has made a bid, the prob¬ 
ability that the plans submitted will be satisfactory 
is P 2 = P/pi. . 

We now come to a principle which is of fundamental 
importance for most if not all fields of engineering. 
The so-called “Theory of Sampling,”' which is of 
immediate interest to every engineer, seems to be 
inextricably tied up with this principle in ^ite of 
efforts made to separate them. 

The five prindples given above relate to the theory 
of a priori probability. The next principle has refer¬ 
ence to a posteriori probability or probability of 
comes. The essential difference betweai a priori 
and a posteriori probability may be indicated as 
follows: Consider a bag containing 1000 balls some of 
which are white. We are dealing with the a priori 
probability when, knowing the ratio of white to total balls 
we put the question, what is the probability that 100 
drawings will give 7 whites? It is assumed that a 
drawn ball is replaced in the bag before the next ball 
is drawn. We are dealing with a posteriori probability 
when, knomng that 100 drawings did give 7 whites we 
put the question, what is the probability that the 
ratio of white to total balls has a specified value, 
(say 11/1000 for instance)? 

As before, we will follow closely in the footsteps of 
Laplace. His classic generalization of Bayes’ theorem 
laid the comer stone for the edifice erected by mathe¬ 
maticians and statisticians since the publication of the 


Thdorie Analytique. Two preliminary definitions will 
help us to understand Laplace. 

Consider again the bag containing 1000 balls from 
which 100 drawings gave 7 whites. Note that the 
unknown ratio of white to total balls is a hypothesis 
or cause leading to the observed result. We may 
consider any one of 999 possible h 3 T)otheses: 


1—^ratio is 

= 1/1000 

2—— 

« « p2 

«= 2/1000 

3— 


- 3/1000 


" " Vk 

- /c/1000 

997— 

“ “ P997 

» 997/1000 

998— 

" “ 2>998 

* 998/1000 

999— 

" “ P999 

= 999/1000 


The a posteriori theory assumes that there is a known 
probability for the Kth hypothesis before the results of 
the drawings are disclosed. Call this the existence 
probability for the Kth hypothesis. If the Kth hypothesis 
exists there is a definite probability that it will give 
the observed result. Call this the productive probability 
for the Kth hypothesis. 

Sixth Principle. The o posteriori probability in 
favor of a ^cified cause is a fractic^ whose numerator 
is the product of the existence and productive prob¬ 
abilities of that specific cause while the denominator 
is the sum of like products for all the causes. 

Seventh Principle. If two events are governed by 
the same set of mutually exclusive causes and one 
event has happened, the probability that the second 
event will happen is equal to the sum of all the products 
obtained by multiplying the a posteriori probability 
of each cause (as determined from the observed event) 
by the probability that the cause, if acting, will produce 
the second event. 

Applications. “The applications of the principles 
which we have just expounded to the various questions 
of probability requires methods whose investigation 
has given birth to several methods of analysis and 
especially to the theory of combinations and to the 
calculus of finite differences.”® 

As a telephone engineer the author need not apologize 
for being more familiar with the application of the theory 
of probability to telephone problems than to problems 
relating to other fields of engineming. In what follows, 
it is not intended to discuss at length any major 
telephone problem. Such a discussion would be worthy 
of at least as much space as has been allotted to this 
paper. Moreover, the inherent interest of a major 
problem would distract attention from the probability 
principles made use of in its solution. 

As an immediate application of tiie first principle or 
definition of prqbability consider the following problem: 

n calls fall at random in an interval of time A. 
As the calls fall they are automaticidly counted by a 
meter. This meter, however, cannot function properly 
if the time interval between two consecutive calls is 
less than a small interval a. 

2. Laplace Th4orie Analytique. 
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What is the probability that a correct count of the 
n calls will be obtained? In other words, what is the 
probability that no two consecutive calls will be 
separated by a distance less than at 
The mathematical anal 3 ^ contained in the appendix 
to this paper gives 

P = [1-(«-!) (a/A) r 

The curves of Fig. 1 show the numerical values of 
the probability P for various values of n for the two 



0 100 200 300 400 500 600 700 800 900 1,000 
n 

Fig. 1 

c^es 0 = 0.1 sec. and a = 0.01 sec. The large inter¬ 
val A is assumed to be one hour. 

For ^ illustration of the applicability of the second 
and third prindples consider the following telephone 
trunking problem. 

Referring to Fig. 2 consider a group of 269 sub¬ 
scribe, each equipped with a 20-pomt line switch. 
The line switches have common access to a group of 
20-trunk lines. When a subscriber removes his receiver 


A—^During the period of time imder consideration, 
the busy hour of the day, each subscriber’s line makes 
one call which is as likely to fall at any one instant as 
at any other instant during the period. 

B —If a call, when initiated, obtains a trunk immedi¬ 
ately, it retains possession of that trunk for exactly two 
minutes. In other words, a constant holding time of 
two minutes’ duration will be assumed. 

C—If a tnmk is not obtained immediately, the calling 
subscriber waits for two minutes and then withdraws his 
call. If, while waiting, a trunk becomes idle, he takes it 
and converses for the interval of time rem ain ing before 
his two minutes are up. 

Referring to Fig. 3, let point P represent the unknown 
instant within the horn- at which X calls. Consider 
the two minutes immediately preceding the instant P. 
Evidently, by assumption C, calls falling outside of 
this particular two-minute interval cannot prevent X 
from obtaining a trunk. 

K, however, at least 20 of the r emaini ng 268 sub- 
smbers' initiate their calls within the particular two 
minutes under consideration, there will be no trunk 
line immediately available for X. This follows from 
assumptions B and C. 




269 Subscriber Lines 
3 ! 


Group of 
20 Tranks 


Pig. 2 


from the hook, his line switch revolves and connects 
hun to an idle trunk, if one exists. 

^t is the probabflity that when a particular 
subscnW, X, calls he fails to obtain a trunk at once? 

It will first be shown that this trunkmg problem 
transforms mto a rimple dice-throwing problem. The 
answer to the dice problem is then obtained at once bv 
recoi^ to the expansion which was used so 

eflecbvely by Mr. Bassett Jones in the solution of his 
To facihtate the transformation, let us make 
some simplifying assumptions. 


Fig. 3 

Consider some one of these 268 other subscribers, 
for exmple Y. The probabmty that Y calls in the 
two minutes under consideration is, by assumption A, 
the ratio of 2 minutes to 60 minutes, or 1/30, which is 
exactly the same as the probability that he would 
throw an ace if he were to make a single throw with a 
30-face die. Ukewise, the probability that still 
another subsOTber calls in the two minutes under 
considffl^tion is exactly the same as the probability 
that this other subscriber should throw the ace in a 
single throw with a 30-face die. 

It is evident then, that the probability that X 
fails to get a trunk immediately is the same as the 
probability of throwing at least 20 aces if 268 throws 
are m^e with a 30-face die. To facilitate the deter- 
mmation of this probability and the solution of sin^ilar 
problems, probability tables of the type shown in 
Table I have been computed. In the table, the average 
number of times an event may be expected is repre- 
sented by a: The probability that the event occurs at 
lea^ a grater number of times c = a -|- d is represented 
by P. In the problem under consideration, the average 
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number of aces expected is 8.96 = Likewise 

in the present problem c = 20. Turning to the table, 
we find that corresponding .to c = 20 and a = 8.96, 
the value of the probability P is 0,001. In the particu¬ 
lar telephone problem under consideration this means 
that once in a thousand times when X calls, at least 
20 of the other subscribers will have called in the two 
minutes immediately preceding, and therefore X fails 
to get a trunk immediately. In other words, we may 
consider that on the average, one in every thousand 
calls is delayed. 



Pig. 4—Curves Showing Probable Range op True 
Frequency Vs. Number op Observations por Observed 
Frequencies op 0.01, 0.02, 0.03, 0.04, 0.05, 0.06, 0 07. 
Weight = 0.98 

Finally, as an application of that most far-reaching 
but much debated sixth principle, consider this 
telephone traffic problem: 

A group of 50,000 calls originated in an exchange 
area. An unknown number of them were delayed 
more than 10 seconds. Observations were made on 
300 of the calls and of these 9, or 3 per cent, were 
delayed more than 10 seconds. With this information 
is it a safe bet that the unknown percentage for the 
entire 50,000 calls is below 5? Or better yet, are we 
justified in betting 99 in 100 that the unknown per¬ 
centage for the 50,000 calls is below 5? Or again, may 
we bet 8 in 10 that the unknown percentage is between 
0.5 and 5? It is taken for granted that the observer 
is justified in believing that the calls under consideration 
f ulfill the conditions of random sampling such as that 
each call is independent of every other call, or that 
an appreciable number of the calls is not due to the 
occurrence of some unusual event,—the Wall Street 
explosion, for example. 

Obviously the telephone problem is analogous to the 
problem of the bag containing an unknown ratio of 
white balls. The corresponding elements in the two 
problems may be tabulated as follows: 

1st. 1000 balls in bag vs. 50,000 calls originated. 

2nd. 100 balls drawn vs. 300 calls observed. 

3rd. 7 white balls drawn vs. 9 calls delayed more 
than 10 seconds (i. e., defective with reference to a 
particular characteristic). 

4th. To the 999 possible, hypotheses with reference 


to the imknown per cent of white balls correspond 
49,999 possible hypotheses with reference to the 
unknown per cent of calls delayed more than 10 seconds. 

The problems differ in that a ball drawn from the 
bag is returned before another drawing is made, whereas 
an observed call is comparable to a ball being drawn 
and not returned. However, with the numbers 
involved this discrepancy may be ignored. 

The attached curves. Fig. 4 show graphically the 
conclusions to be drawn from the mathematical 
analysis. A glance at the right-hand end of the curves 
will show that they are associated in pairs. The upper 
curve of a pair slopes downward from left to right 
while its mate slopes upward. 

Consider the pair of curves marked 0.03. For the 
abscissa 300, they give as ordinates the values 0.0625 
and 0.014. The interpretation of these figures is as 
follows: if 300 observations gave 3 per cent of calls 
delayed then we may bet 

1st. 99 in 100 that the unknown percentage of calls 
delayed is not greater than 6.25. 

2nd. 99 in 100 that it is not less than 1.4 per cent. 

3rd. 98 in 100 that it lies between 1.4 per cent, and 
6.25 per cent. 

Likewise, considering the curves marked 0.06 if 
1000 observations gave 6 per cent of calls delayed, 
then we may bet 

1st. 99 in 100 that the unknown percentage of calls 
delayed is not greater than 8.05. 

2nd. 99 in 100 that it is not less than 4.4 per cent. 

3rd. 98 in 100 that it lies between 4.4 per cent and 
8.05 per cent. 



Fig. 5—Curves Showing Probable Range op True 
Frequency Vs., Number op Observations for Observed 
Frequencies op 0.01, 0.02, 0 03, 0.04, 0.06, 0.06, 0.07. 
Weight = 0.08 

It is obvious from the shape of the curves that a few 
hundred observations do not give more than a vague 
idea as to the unknown per cent of calls delayed. Oh 
the other hand, the gain in accuracy obtained by 
making more than 10,000 observations would hardly 
justify the expense involved. The number of observa¬ 
tions which safety requires in any particular problem 
must be determined by the conditions of the problem 
itself. If we are willing to take a chance of 9 in 10 
or 8 in 10 instead of 99 in 100 or 98 in 100, respectively, 
the' curves of Fig. 5 will give us an idea of the range 
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within which the unknown percentage of defectives 
lies. 

Appendix 

Counting Meter Problem 


Transform the integrals by the substitutions 
y = At, a: = [A — (% — 1) a] s 
dy = A dt,dz = [A — (« — 1) a] d s 

Then 


n calls fall at random in an intoval of time A. 
As the calls fall, they are automatically counted by a 
meter. This meter, however, cannot function properly 
if the time interval between any two consecutive caHh 
is less than a small interval a. 

What is the probability that a correct count of the 
n calls will be made? 

Consider the two diagrams of Fig. 6. The lower 
diagram indicates any one of the many different 
number of ways in which the calls may fall. Evidently 
this number is the same as the number of different 
sets of values which we can give to the set of variables 
yi> yi, yz ■ . . Vn, so that each variable is equal or 
greater than zero, but their sum not greater A. 
Using the language of the integral calculus, the number 
of possible sets of values for j/i, ya. . . is 
y’o y*o y'o • • • Sadyidy^dyi . . . dyn 
where the upper limits of the integrals must be such 
as to satisfy the condition 

O < 'Ey <A 

On the other hand, the upper diagram indicates any 



distribution of the calls consistent with the condition 
that tile distance between consecutive calls is not less 
than a. Note, that since there are n calls, there are 
{n - 1) intervals, each of which must not be less than a. 

The number of distributions satisfying the desired 
condition ^ evidently the same as the number of sets of 
values whidi can be given to the set of variables Xi, 
Xi,... Xn so that each variable is equal or greater 
than zero, but their sum is not greater than A - (n 

- 1) o. The number of possible sets is given bv the 
multiple integral 


J 0 Jo So 


Sodxidx^d xz 


where the upper limits of the integrals must be sue 
as to satisfy the condition . 

0< < [A^{n^l)a] 

Therefore, the desired probability is 


. d Xn 


(total possible cases) 

_^oSo_Sp . ^ . Sodxidxzdxz 


- _ _ y V w Wg W 

JnJoJ't. . . J'adyidyidyt 


P = 

[A—(n—l)a]'* j'oj'oj'o . . . J'gdSi dSt dsn . . .dSn 
A" y* 0 y 0 y 0 • • • y o dtidtsdtz... d tn 

The conditions to be satisfied by the limits of integra¬ 
tion in both numerator and denominator are now both 
the same, , that is, 

0<Sf<l, 0<Ss<l 
The integrals, therefore, cancel out, saving us the 
trouble of evaluating them, and we obtain 


TABLE I 

AVERAGES (a) CORRESPONDING TO DEVIATION (rf) PLUS 
AVERAGE (a) TO BE EXPECTED WITH DIPPEEENT 


PROBABILITIES 


Deviation 

Plus 

Average, 
c -» a + d 



P 




0.001 

0.002 

0.004 

0.006 

0.008 

0.010 

Deviation 
Plus 
Average, 
c =» a + d 



Aver 

age « a 



1 

0.001 

0.002 

0.004 

0.006 

0.008 

0.010 

1 

2 

0.045 

0.065 

0.092 

0.114 

0.133 

0.149 

2 

3 

0.191 

0.243 

0.312 

0,361 

0.402 

0.436 

3 

4 

0.429 

0.518 

0,630 

0.709 

0.771 

0.823 

4 

5 

0.739 

0.867 

1.02 

1.13 

1.21 

1.28 

5 

6 

1.11 

1.27 

1.47 

1.60 

1.70 

1.70 

6 

7 

1.52 

1,72 

1.95 

2.11 

2.23 

2.33 . 

7 

8 

1.97 

2.20 

2.47 

2.65 

2.79 

2.91 

8 

9 

2.45 

2.72 

3.02 

3.22 

3.38 

3.51 

9 

10 

2.96 

3.26 

3.60 

3.82 

3.99 

4.13 

10 

11 

3.49 

3.82 

4.19 

4.43 

4.62 

4.77 

11 

12 

4.04 

4.40 

4.80 

5.06 

5.26 

6.43 

12 

13 

4.61 

5.00 

6.43 

5.71 

5.02 

6.10 

’ 13 

14 

5.20 

5.61 

6,07 

6,37 

6.60 

6.78 

14 

15 

5.79 

6.23 

6.72 

7.04 

7.28 

7.48 

15 

16 

6.41 

6.87 

7.39 

7.72 

7.97 

8.18 

10 

17 

7.03 

7.52 

8.06 

8.41 

8.68 

8.90 

17 

18 

7.66 

8.17 

8.76 

9.11 

9,39 

9.62 

18 

19 

8.31 

8.84 

9.44 

9.82 

10.11 

10.35 

19 

20 

8.96 

9.52 

10.14 

10.54 

10.84 

11.08 

20 

21 

9.62 

10.20 

10.84 

11.26 

11,57 

11.83 

21 

22 

10.29 

10.89 

11.56 

11.99 

12.31 

12.57 

22 

23 

10.97 

11.59 

12.28 

12.73 

13.06 

13.33 

23 

24 

11.65 

12,29 

13.01 

13,47 

13.81 

14.00 

24 

25 

12.34 

13.00 

13.74 

14.21 

14.57 

14.85 

25 


Sampling Problem. As stated in the body of the 
paper, when the total number of calls under considera¬ 
tion is large as compared with the number of calls 
obs^ed, the problem is essentially identical with the 
problem of drawing balls from a bag, the ball taken at 

each drawing being returned before the next drawing 
IS made. 

Ass^e, then, that n drawings from a bag containing 
an ^known ratio of white to total balls resulted in c 
white drawings and {n-c) hot white. In other 
wprds, assume that the observed frequenegr of white 
balls w^ (fi/n). Considering the unknown ratio as a 
^u^ let W (x) be the a priori existence probabilify 
for the value x. The productive probability for the 
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value X, that is, the probability of obtaining c white 
and n — c not white balls if the unknown ratio were a;, is 

CO x‘ (1 - x)«-^ 

where (") is a symbol for the combinations of n things 
c at a time. 

By the sixth principle the a posteriori probability 
in favor of the unknown ratio having the value a: is 

p (x) = x^ (1- x)«-‘ 

2;] IV (x) a- (1 - a:)» ‘ 

_ W (x) xf (1 - x)'*’* 

_ j ™ 

2 kF (x) 3?= (1 — x)""* 

* «0 

Therefore, the a posteriori probability that the ratio 
X does not exceed the value pi is 

2 W (x) (1 — x'p ‘ 

P(X> pO ---- 

2 W (x) a:*^ (1 — x)« 

.!• f-O 

When the total number of balls in the bag is large so 
that the difference between any two consecutive possible 
values for x is .small, we may substitute integrals for 
the summations; giving 

j’H W (x) X' (1 — x)«'‘'d X 

^ ./‘i W (x) x‘ (1 — x)“ “^ d x 

u 

Aiffiume first that W (x) is a constant 6 for o < x <g, 
where g > -pt. Then 


.P « 


r 




J’* x‘ (1 - x)“''d X + J 


(1 — x)““‘ d X 
— x‘ (1 — x)”' d X 


Now assume that 

J x« (1 — x)”-^ d X , 

S 

is negligible compared with 

y* x« (1 — x)”-‘ d X, 

0 

and also assume that g, c and («— c) are such that 
approximately 

j'g yt (X — x)"*" d X = /• x‘ (1 — x)“-* d X 
0 0 

Then, finally, 

fpi x‘ (1 — x)"*' d X 

p = _J2_ 

y*> x® (1 — x)"'* d X 
0 

This well-known formula might have been obtained 
by assuming a b initio that W (x) is independent of x. 
Particularly should it be noted that this independence 
is not identical with the assumptions made above. 


In the applications which are here contemplated the 
values pi, c and n are such that g need be but a small 
fraction of the range 0 to 1. 

In the “Theorie Analytique” Laplace transforms (3) 
so that it can be evaluated in terms of the Laplace- 
Bemoulli integi'al 


where k is a function of pi, c and «. This transforma¬ 
tion is most valuable when pt is in the neighborhood 
0 For small values of pi the transformation 
which converts the binomial e.xpansion to Poisson’s 
exponential binomial limit is more appropi'iate and 
gives, writing (»pi) = a,. 


P = f r d y = P (c + 1, a,) (4) 

0 


DiHcussion 

B- Joue.ss fn tho intirodinition in liis paiun* Mr. Molina draws 
aitniitinii tit) ih() apparonily littlo rotMi^nizod valuta of ilit* C’altnilus 
of JVohahiliiios in tmiijinooriiiK siudios. Ponnii ino to draw your 
at I out ion to tliooxtraordinary iinjiortanoothisoahoilushasaeqnir- 
od in modorn njaihfmmlif*al physit^s as a moans of dev'^dopinjc Iho 
Ilooossarily statistical oxprt 3 ssious for l lioso-callod laws of inttiiro. 

Since the tipin of Laplaeo iho calouliis of probahilitios lias 
btsoi the foundation of Astronomical rosoandi. It is tbo basis of 
Iho kinetic theory of >jaH08. Maxwell shar<»d with Gibbs the 
work of tlevolopiiifif tlynariiics as a statistical scicnc?(!. As 
Roicbo puts it “Pltundi has turned the probknn of radiation into 
a problem of probabilities.** Kddin^fton points out that Kin- 
stcin’s jjrand summary is to the efFetdi that **tlie present slate 
fd* the world is that whhdi is statistically the most probable.” 
Thus, a branch of mathematicial science born in a jjambling: 
dive, is found capable of doaliuK with tbo most varied classas 
of more or Ic5.ss random phenomena wbicli, from crajis to atomic 
structure, make uj> the detail of this world. It assuines nothing 
as fixed given or absolute, and, insofar, tbo formulas of probabili¬ 
ties are very descriptive of tlio world’s beliavior. Perhaps our*s 
ifi the most probable world.' 

Mr. Molina has given us an outline of a few important theorems 
in the probability calculus, I wish to present tho outline of a 
further very elementary an<l vm*y useful metliod of dealing with 
tho probable character of a sample drawn from a mixture wluin 
the proliable frequencies of the several components of the mix¬ 
ture are known, and when wo are interested in tho failure of tho 
sample to be thoroughly representative of the mixture. Tho 
method has wide engineering application extending from the 
sampling of crusliings, screenings, and concrete mixtures, to tho 
dotormination of probable duty eyedes as a moans of selecting 
apparatus having suitable characteristic's. It may also bo used 
to determine tho demand factor imposed on hydraulic and elec¬ 
trical distributing systems serving a iimnbor of devices operating 
intermittently, or subjected to varying demands.^ 

Let the total number of elmmmts composing tho mixture bo 
P, of which one element has the frecpioncy «, a second element 
has tho frequency h, a third element has the frequency a, and so 
on. That is, P «= a + h + /? +. 

Ijet n bo the number of different kinds of elements in the 
mixture, irrospeetivo of the number of elements of each kind. 

Lot a samp le having a total of N elotnenis ho drawn. 

1. Tho MoHfc Probable World, Joniis, VVc/i. JCitffin*»fnnf/ AfVuw, Vol. IV, 
No. 0, March, 1024. 

2. Tho application of tho method to the dokn'raination of wakjr supply 
and wnsto hi bullrlingH Is given in a Burc^au of .^tandants Bnlktin. 
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Then the probabihty that any one of these elements is an a, 
is a/P; that it is a 6 is &/P; that it is a c, is c/P; etc. 

The probability that any one of these elements is not an a, is 
1 — a/P; that is it not a 6, is 1 — h/P; that it is not a c, is 
1 — c/P; etc* 

The probability that none of the N elements drawn is an a is 
(1 — a/P )^; and, so on, for the other lands. Therefore the 
average probability that any element in the sample mil not be 
any one of the n kinds is 

1/n { (1 - c/P)N + (1 - 6/P)N +. } (1) 

This is also the probability that the sample will not be repre¬ 
sentative of the mixture. 

The probability that the sample will be representative of the 
mixture is 

1-[-^f (1-«/P)” +(1-6/P)" +.}] (2) 

Therefore the probable number of kinds of elements contained 
in any sample of N elements is given by 

5 = «(l { (1 -a/Pr +(1 -b/P)^ + . .. }])(3) 

Should the sample be so constrained that any one element, say 
the is certainly present, the corresponding term (1 — p/P)^ 
is to be omitted from (1), giving, in place of (3), 

^ (n -1) 

(^ ^ ~ 0 ) 

as the probable number of different kinds of elements other than 
p contained in the sample. 

Should it happen that all the elements are equally distributed 
in the original mixture, so that a = 5 = c = . . . . = P/n 

where, as before, P = a-f-6H-c-|- .and n is the number 

of kinds of elements in the mixture, then (3) reduces to 

5 =n{ 1-a-!/«)»' }, (5) 

a well-known form that may be used in many eases where a 5, c, 
etc., are not materially different from one another. 

As a case, let it be required to find the probable number of 
stops that will be made by an elevator oar containing N passen¬ 
gers drawn from a crowd of P people composed of a people 
bound for the first fioor above the bottom terminal stop, b 
people bound for the second floor, c people bound for the third 
floor, . . . . , and x people bound for the top or nth floor. 

Since, barring accidents, the top terminal or nth floor is 
a certain stop, the term (1 ~ x/P)^ is to be omitted from (1) 
and the probable number of intermediate stops is given by (4). 
The total number of stops, including the top terminal, is <Sin~i + 

If H be the travel between the bottom terminal and the top 
terminal, the average distance covered between start and stop is 
ff/S, Prom this, and the time-velocity characteristics of the 
equipment, the probable average duty cycle of the hoistiug 
equipment can be determined, which, when converted to equiva¬ 
lent r. m. s. input, gives the equivalent continuous output. 

If a number of such equipments are operating simultaneously, 
toe probability method given in my paper on “A Method of 
Determining Resultant Input from Individual Duty Cycles”, 
Trans. A. I. E. E., 1922, p. 457, may be used to determine the 
equivalent continuous rating of the feeders to the hoisting- 
^gme group. In spite of the fact that this paper has been 
oharaeter^ed as ”sehool-boy mathematics,” the method 
has be^m successful use for a number of years and has resulted 
in conaderable savings in cost of instaUation, and particularly 
so m just such eases to which it has been said the method is 
inapphcable. 

The most probable time distribution of load on generating 
plants has been determined by this method and given to manu¬ 


facturers as a basis for the submission of apparatus suited both 
in type and rating to meet such probable actual conditions afld 
not suited to wholly non-existent conditions resulting from 
purely empirical guesses. In recent cases we have found that 
the resulting temperature rise of the apparatus in service is 
extraordinarily close to the expected rise, indicating that the 
actual r; m. s. value of the load is fairly close to the calculated 
r. m. s. value, and that the owner has paid for machines neither 
too small nor too large. I have many records of cases where 
generating capacity and rated motor output, both determined 
on a wholly empirical basis, are considerably in excess of the 
actual demand—^in some cases this excess is 50 per cent and more. 
Feeder sizes often run 100 per cent above the actual necessary 
rating. 

In closing I wish to draw attention to the fact that the method 
of probabilities does not start from any pre-oonceived mathe¬ 
matical notions from which, by purely logical processes and 
almost mechanical dexterity in the manipulation of mathematical 
sj^mbols in accordance with fixed rules, an answer is turned out 
willy-nill 5 ^ On the other hand, the method of probabilities 
is one of continuous cut and try based on no evidence other than 
the given data. It is no substitute for thought, but rather re¬ 
quires very clear reasoning at all stages of the process. Every 
step must .be carefully visualized. This is its extraordinary 
advantage as a mental training. It has somewhat the same 
pedagogical value as the study of legal procedures. The cor¬ 
rectness of the results obtained are wholly dependent on the 
common sense used in its application. 

A. G. Chapman: Applications of the theory of probability 
have long been useful to telephone engineers in studying the 
problem of limiting cross-talk between telephone circuits to 
tolerable amounts. In considering cross-talk, two paralleling 
telephone circuits may be conveniently divided into a succession 
of short finite elements. The two circuits will be coupled in 
each element. The coupling is usually due to electric and mag¬ 
netic induction, although in the case of a phantom circuit and 
its side circuits, resistance coupling may be of some importance. 
The speech power at a terminal of the disturbed circuit depends 
upon the resultant effect of all these couplings and upon the 
power impressed upon the disturbing circuit. In a well-designed 
telephone plant the couplings are due to small deviations from 
perfect construction rather than to dissymetries in design. 
It is impossible, therefore, to predict accurately the cross-tsik 
between any two well designed and maintained telephone cir¬ 
cuits. Estimates may be made, however, of the most probable 
cross-talk between two circuits and the chance of exceeding the 
most probable value by various percentages. In case there are a 
number of circuit combinations having the same probability of a 
given value of cross-talk, it is useful to estimate the average cross¬ 
talk and also a value of cross-talk which there is but a small chance 
of exceeding. 

Such estimates are very useful in studying the importance of 
deviations from perfect constouction in loading coils, in sections 
of telephone cable and in any apparatus occurring repeatedly 
in a long telephone circuit. Estimates of probable cross-talk 
are also essential in studying the design of loading systems and 
systems of arranging repeaters in telephone circuits as well as 
in considering the matter of permissible deviations from the 
theoretical values in the spacing of wires and transposition poles 
of open-wire lines. 

The computations of probable values of cros&*talk must, of 
course, be coordinated with an extensive program of testing to 
serve as a check on the necessary approximations in the compu¬ 
tations and as an indication that the circuits have been installed 
in the proper manner. 

As a formal mathematical problem, applications of the theory 
of probability to computations of cross-talk offer considerable 
difficulty and the solutions are necessarily approximate. The 
problem involves determining the probable resultant of a large 
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munlu'r (jf doviafi 

tli»‘ of successive couplings between 

iiKlividual dnvJ* ^^lepiione Circuits. Tlie law followed by the 
rx|H»ritucnt*tl niust be approximately determined from 

lavv'of satisfactory to assume the 

foiiil.hiHt ion r ff individual deviations but the law of 

mijacm’l, <lovHtioo complex. Two 

Hulitra.d al«o!,rnionn “ot add or 

unv parl-uMiliLv f since the resultant cross-talk currents of 

ill I lu» nn 1 n.... may be out of phase due to a difference 

ilu*J two couplings. In long telephone circuits, 

iiirnl in 11 vv i M / ^ spcech waves and the finite speed of prop- 

iiiiti ... resultant retarding of phase must be taken 

•! I the large number of frequencies of 

iv.siili *r fV*'^ ^ wave may be assumed to be composed. As a 
Miltill I propagation phenomena, two similar but non- 
iniM.iinMi produce cross-talk currents at a circuit 

j; . * \ ill phase and magnitude, depending upon the 

disum t; luaw^oen them and the frequency. In addition, the 
s( p,u«i nm Kdiwoen two telephone circuits may not be uniform. 
*ur oxnmp n, ux a telephone cable, two circuits may be adjacent 
or .1 s )oi ' ill stance, say 500 ft., and then occupy a large number 
o iion-.o jacniit positions before coming together again. In 
spUo <1 ,1 i complexities, however, it has been found practi¬ 
cal! i* til ohiaiii approximate solutions of probability cross-talk 
prohlom.s which have been very useful in engineering the tele- 
phonn plant. 


tt. S. Hoy 1: Mr. Molina has chosen his principle illustrative 

(^xaiiiploH I rotri the extenisve field of traffic and trunking problems. 

1 linliovo t.h;it the Institute will be interested at this time in an 
outlira' ol applications of probability theory to certain problems 
in two 111 Iinr (icdcls of telephone engineering—namely, in telephone 
inUKsiniNHion cuifyineering, and in radio engineering. 

or if in iluH?n problems which I propose now to outline, the 
firsli f.wo aruHc in the applications of two-way telephone repeaters 
t.n long iolnphone lines or cables, and the third relates to the use 
of Ht'lcciivo circuits for reducing “static” interference in radio 
recaption. 


By way r»r preface to the first two problems it may be recalled 
from the theory of repeaters that the practicable amplification 
ohiaiiialile frcmi a two-way repeater is limited by impedance 
mihalancc’ biMrW’con the two lines involved, or between the two 
lines anti (hedr 'baJanoing networks'. The theory of probability 
fiiitls liere a natural field of application because the impedance 
urihaliinct* lactitioned arises mainly, or at least to a considerable 
tsxhmt, from ntiinerous random internal irregularities in the 
.strue.tiiro of tlio lines, as will appear more fully in the following 
ontUnoH of the two problems themselves. 

Tint first, problem relates to periodically loaded lines or cables. 
ThfsKti oimt ain uiiinerous small random irregularities consisting 
ill slight iiif^iuiirlities in the inductances and spacings of the 
loading coils. The individual departures are effectively un¬ 
known; hut their arithmetic averages are known from coil 
nianufactiiring data and line constmetion data, and the proba¬ 


bility laws to which they conform are known or else can be 
reasonably assumed. For such a loaded line, when already 
constructed, the problem is to calculate the probability that 
the line has an impedance departure less than a specified value. 
On the other hand, in the designing of such a loaded line, the 
probability problem is to predetermine the allowable average 
coil-inductance departures and spacing departures to meet the 
requirement consisting in a specified probability that the im¬ 
pedance departure will not exceed a specified value. Such 
problems arose as long ago as the construction of the first trans¬ 
continental telephone line. 

The second problem relates to continuously loaded cables. 
Such a cable may comprise numerous short sections which 
are slightly unequal in their linear constants, owing to manufac¬ 
turing variations. If these sections are connected in a random 
sequence the probability problems are analogous to those out¬ 
lined in the preceding example. On the other hand, from a study 
of the measured constants of the individual sections it is possible 
to determine the best sequence of the sections to minimize the 
ifesultant impedance departure of the final cable. However, the 
securing of this optimum sequence involves additional expense 
besides delay. To decide whether these are justified, probability 
may be invoked in order to determine the probable impedance 
departure that would result if the sections were connected in a 
mere random sequence. Such a problem arose several years ago 
in the design and construction of the submarine cable between 
Key West and Havana. 

The two problems just outlined illustrate the fact that in a 
physical system so extensive as the Bell System there exists many 
classes of numerous physical elements such that the elements in 
any one class, while all nominally alike, actually differ from each 
other by small random amounts in a statistical manner. Usually 
it is impracticable to know the numerous departures individually, 
and, even if they were known, it would usually be impracticable 
to compute their resultant effects of direct summation. But 
from the mere knowledge of a statistical index (such as the 
arithmetic average, for instance) and the statistical or proba¬ 
bility law to which the departures conform, the probable de¬ 
parture of the system can often be calculated with relatively 
little labor. 

The third problem, which is quite different from the two pre¬ 
ceding, arises in radio transmission, and relates to the possibilities 
and limitations of selective circuits when employed for reducing 
“static” interference. Owing to the unknown, irregular, and 
random character of this type of interference, the problem is 
essentially a statistical and probability problem leading to an 
expression of results in terms of mean values. Such a treatment 
has yielded general deductions having practical significance, 
notwithstanding the meagemess of knowledge regarding the 
character and the frequency-distribution of static. Reference 
may be made to a paper by John R. Carson entitled “Selective 
Circuits and Static Interference” which was presented to the 
June meeting of this Institute in Chicago. (Trans. A.I.E.E., 
1924, page 789). 
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Synopsis.—The paper deals with the problem of obtaining the 
maximum output possible from a given amplifier tube^ while keeping 
the distortion down to a negligible amount A tube can be rated 
for this purpose in terms of the waits output obtainable, when a sine 
wave voltage of as great an amplitude as can be advantageously 
utilized, is applied to the grid. This maximum sine wave output 
is very much less than the rating of the same tube for oscillator pur¬ 
poses. Starting with a set of static characteristics for a given tube, 
the dynamic characteristic for any resistance load is readily plotted, 
and the power output and distortion can be read from the dynamic 
characieristic. A simple rule has been given by Mr. W. J. Brown 
for determining the best conditions of load resistance and grid bias 
for a given plate supply voltage. The best load resistance is shown 
to he twice the internal plate resistance of the tube. If the supply 
voltage exceeds a certain value, the application of the rules ju$i 
mentioned would lead to excessive heating of the anode, and therefore 


a different procedure is followed, calling for greater grid bias and 
higher load resistance. There is an advantage in using low im¬ 
pedance tubes. The balanced or push-pull cirettit, while reducing 
distortion, will not make up for failure to operate the tubes under 
proper conditions, nor will it greatly increase the permissible out¬ 
put per tube. The dynamic characteristic for a reactive load is 
not readily plotted, but for design purposes it is sufficient to determine 
the best operaling conditions for a resistance load, and then make the 
impedance of the reactive load high enough to keep> the plate cuirent 
variations within the same limits as for the resistance load. An 
important application of the principles outlined here, is the design 
of radio telephone transmitters where serious distortion results 
from overworking the modulator tubes. For moderately deep 
modulation there should be from two to four modulating tubes for 
each oscillator tube. Certain details of design are discussed in 
the closing paragraphs. 


Problem Encountered in Power Amplifiers 
N the design of an amplifier whose function is to 
bring voice or radio signals from bare audibility to 
comfortable head-phone intensity, the problem of 
distortion due to curvature of the tube characteristics 
is hardly a factor, or at least presents no difficulties. 
The principal concern of the designer is to obtain a 
large ratio of amplification per stage, and to avoid 
serious inequalities in the amplification for different 
frequencies within the required range. When we de¬ 
sign an amplifier to opierate a loud speaker or to modu¬ 
late a radio transmitting set the problem takes on an 
•entirely different aspect. A sensitive loud speaker in 
a small room needs something like a hundred times as 
much power as a pair of head phones, and here we en¬ 
counter serious distortion if we attempt to use small 
tubes or low plate voltage, especially if we push the 
intaisity above a very moderate value. We have 
reached the power limit of the last tube. By raising 
the plate voltage and increasing the negative bias on 
the grid we can raise the power limit and get louder 
speech or music of good quality, provided we do not 
exceed the limit of allowable plate voltage, or plate 
watts and provided there is ample emission from the 
filament. If we need still more power, we must go to 
a larger tube, or use several tubes in multiple. Ampli¬ 
fiers the design of which is concerned chiefly with the 
amount of power obtainable from the final stage, are 
of the class which we are here designating as “power 
amplifiers.” 

Sine Wave Ratings 

The relative power obtainable from various vacuum 
tubes may be estimated in terms of their power outputs 

l.^Research Laboratory, General Electric Co., Schenectady, 
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of sine-wave alternating current, a sine-wave alter¬ 
nating voltage being impressed on the grid in each case. 
The magnitude of the grid voltage required is usually 
of secondary consideration, since it represents no power 
consumption and is a small factor in determining the 
total size and cost of the amplifier. 

Comparison with Oscillator Ratings 

PowOT tubes as sold are usually given a rating in 
watts. This rating represents the high frequency out¬ 
put when the tube is used as an oscillator. The power 
available from the same tube with the same plate volt¬ 
age is much less when distortionless amplification is 
required, for the reason that in the amplifier, operation 


Pig. 1 CoMPAHisoN or Working Rangb op Oscillator. 

AND Amplifier 

must be confined to a portion of the characteristic 
which is straight, or substantially so, while the oscilla¬ 
tor has no such limitation. Thus we find that a tube 
rated at 260 watts output as an oscillator can supply 
(^y about 22 watts of sine-vra,ve output as a straight- 
line amplifier at the same average plate voltage. Fig. 1 
shows the relative working range on a «mg.li scale. It 
will be noticed that the amplifier range is shown as 
limited to negative-grid voltages. If the grid is allowed 
to become sufficiently positive (with respect to the nega¬ 
tive end of the filament) to take an appreciable electron 
current, it imposes an irregular load on the preceding 
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tube which causes wave form distortion. In other 
words, it is necessary not only that the plate-current vs. 
grid-voltage characteristic be a straight line but the 
grid current vs. grid voltage characteristic must be 
straight over the working range as well, and the only 
straight part of any considerable length is where the 
grid current is zero. 

Necessary Measurements 
The first concern in the design of a power amplifier 
is the choice of the tube for the power stage, and the 
determination of operating conditions. This involves 
a study of the straight line ratings of the tubes under 
consideration. Exceptfor certain precautions mention¬ 
ed in a later paragraph we may safely ignore the effects 
of electrode capacities in an audio frequency amplifier. 
We can then cdculate the performance of a tube from its 
“static characteristics,” or the voltage-current relations 
obtained point by point by means of meters. The 
characteristics required are a set of curves showing the 
plate current as a function of grid voltage, each curve 
corresponding to a designated plate voltage. Pig. 2 
shows the static characteristics for a certain tube having 
an oscillator rating of 260 watts. The series of plate 
voltages chosen should pref^bly be at uniform inter¬ 
vals, and sufficiently near each other to give ten or 
more curves, ranging from about one-fourth to double 
the average voltage at which the plate is to be worked. 
The curves for high voltage need not be carried to 
high-current values. Some of the points will have to 
be taken by closing the switch and taking the readings 
before the plate has had time to become excessively 
heated. 


in Fig. 9. and 10. The only essential difference is that 
in the latter circuits the average plate voltage is practi¬ 
cally the same as the supplied voltage. 

For the present, considering that the circuit is as 
shown in Fig. 3, let us find from Fig. 2 the operating 
characteristic or “dynamic characteristic” for some 
assumed value of external resistance R, and supply 



Pig. 3—Simple Cibcvit fob Determining Rating of 
Amplifier Tubes 

voltage E,-, for example, R = 6000 ohms and E, = 
2600. If the grid voltage is given such a value that 
the plate current is 0.1 ampere, the voltage at the plate 
will be 2600 - 0.1 X 5000 = 2000. Similarly, 2200 
volts at the plate corresponds to 

E,-E^ 2600 - 2200 

~R ^“5000- = 0.06 amperes, 

2400 volts correi^onds to 0.02 amperes and 1800 volts to 
700 

= 0.140 amperes. 


Dynamic Characteristic 

ITie simplest circuit to analyze is that shown in Fig. 
3, in which the alternating current output of the tube 



Fig. 2—Static and Dynamic Chabactbristics of Three 
Electrode Tube 

isjjUsed up in the resistance through which the direct 
current is fed to the plate. While this does not appear 
to represent the conditions of a practical circuit, we 
shall find that the conclusions reached in this case are 
applicable to the commonly employed circuits shown 


Points are plotted for these values of current on the 
corresponding voltage curves, and a curve through the 
points as shown in Fig. 2, is the dynamic characteristic 
for the conditions assumed. It will be noticed that 
while the dynamic characteristic or working curve 
is straights than the curves for constant plate voltage, 
it begins to bend decidedly at low current values, where 
the other curves turn most sharply. Thus, to keep the 
wave form distortion within proper limits, the minimum 
current must not fall below a certain value. In the 
present case we will take 0.02 amperes as the mi ni-m um 
current. This corresponds to 2400 volts on the plate 
and — 96 volts on the grid. The other end of the work¬ 
ing range is zero grid volts, which, from the curve, is 
seen to correspond to 1600 volts at the plate and 0.2 
amperes. A cimrent varying from 0.02 to 0.2 ampere 
is equivalent to a direct current of 0.11 amperes, with a 
superimposed alternating current of 0.09 ampere 


0.09 

maximum or —= 
V2 


ampere effective value. 


Similarly 


the voltage varsnng from 1500 to 2400 is equivalent to a 


direct voltage of 


1600 + 2400 
2 


1950, and an altemat- 
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2400 - 1500 

ing voltage of- 2 -~ maxiinuin or 

450 -v/S volts effective. And the a-c. power consumed 

„. 0.09 . 460 0,09 X 460 

in the resistance it is —^ by —=r- = - ^ - 

V2 V2 2 

= 20.25 watts. The calculation of power may be 
abbreviated to 

(j^max E«itn)(im«i» Imin) 


8 


(2400- 1500) (0.2 - 0.02) 
8 


= 20.25 


at the center and rises above it at the ends., For sim¬ 
plicity, it seems desirable to compare curvatures on the 
basis of the maximum deviation of the working curve 
from a straight line, and since a very close approxima¬ 
tion to the actual curve can usually be made by a sec¬ 
tion of parabola, this deviation may be expressed as the 
percentage of second harmonic produced, taking the 
amplitude of the fundamental wave as 100 per cent. In 
Fig. 2, Curve I is 0.005 amperes below Curve II at the 
center, and the same amount above it at the ends, so 
that the second harmonic has an amplitude of 0.005 
amperes, as against 0.09 amperes for the fundamental. 

m, . . 0-005 

The ratio is “q^ = 0.056 or 5.6 per cent. If the 


Estimate op Distortion 

In calculating the power, no allowance has been made 
for possible errors introduced by the fact that the 
characteristic is not truly a straight line. Fig. 4, Curve 
I, shows the current wave resulting from impressing a 
sine wave voltage on the grid, varying from 0 to — 96 
volts, or in other words, biasing the grid — 48 volts and 
swinging its potential 48 sine cat. volts. If we draw a 
straight line II, on Fig. 2, falling as much below Curve 
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Pig; 4—Output Curbent Wave Compared with True Sine 

Wave 

I at the ends as it is above it at the middle, and diaw 
the corresponding wave form on Fig. 4, we have a true 
sine v^ve II. The difference between the two curves 
is almost totally a double frequency component witii 
an amplitude 0.066 of the fundamental. Thus Curve 

II is the fundamental component in Curve I, and its 
^plitude is 0.09 amperes, or just what was assumed 
in calculating the power. In general, where the curva- 
toe is all in one direction as is true in nearly all cases 
in the present problem, the wave-form distortion con¬ 
sists principally in the production of even harmonics, 
and if only even harmonics are present, the difference 
between the maximum and minimum current is twice 
the amplitude of the fundamental. In addition to the 
20.26 watts of fundamental-frequencgr power supplied 
by the tube to the resistance R, there is a small amount, 
0.0006 watts, of higher frequencies. 

If the working characteristic. Curve I, Fig. 2, has a 
practic^y uniform rate of change of slope, or, in other 
words, if it can be represented by a piece of a parabola, 
the only harmomc produced is tbe second or double 
frequ^cy, and its amplitude is given by tiie amoimt 
by which the Curve I falls below the straight line II, 


straight line were drawn between the ends of Curve I, 
it would be 0.01 amperes above Curve I at the middle, 
and the ratio of this to the total current range is 

0.01 

Q 2 g 0** again 5.6 per cent. It is unnecessary to 


draw the straight line. The ratio of second harmonic 
to the fundamental is 


rt (.^ max f min) fo 


0.11 - 0.10 


= 0.056 


f max f min 0.18 

in which Jo is the plate current corresponding to the 

•j ij. 1 • , . 0 96 

mean-grid voltage, which is —-^- = 48 volts in 


this case. 

It is sometimes more convenient to find the deviation 
of the curve from the straight line connecting its ends, 
by a horizontal instead of a vertical measurement at the 
middle. This horizontal deviation (expressed in grid 
volts) divided by the total grid swing should give the 
same result as the vertical deviation divided by the 
total current swing, provided the curve is parallel to 
the straight line at the middle. In this case the middle 
value for plate current is 0.11 amperes which, on Curve 
I, corresponds to — 43 volts grid, and the relative magni¬ 
tude of the second harmonic by the grid voltage 

^ . 48 - 43 

measurement is rv = 0.062. The discrepancy is 


within the limits of accuracy in reading the curves. 

If the wave form distortion just calculated is con¬ 
sidered more than allowable, it may be reduced by 
shortening the range, especially by raising the minimum 
plate current. For example, if the grid voltagq varies 
only between zero and — 88 volts tiie other conditions 
remaining the same, we shall have 
Bp Ip 
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Power _ ^ ^ 

a.K«<l harmonic ratio = - 0.044 by c>a™>t 

VciiuLos, or* 


^ = 0.0455 by grid 

voltages. 

F-iFfeict of Higher Load Resistance 
Lot Us next try a higher resistance load, 10,000 ohms, 
raising the supply voltage to 2800, so that with 0.08 
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umfH'ro flowing, the plate voltage will be 2000. This 
giv«'.s a jjoint on Curve I of Fig. 5, where the character- 
i.stl<:.s of tlie same tube have been redrawn. A change 
of 200 volts at the plate corresponds to a current diflfer- 

200 

once of x6 006 ~ ~ amperes. Starting with the 


2000 volt and 0.08 ampere point we may plot the new 
flynamic characteristic by marking a series of points 
on the successive voltage curves, each point differing 
from the preceding one by 0.02 amperes. Again taking 
0.02 ampeves as the minimum plate current, we find we 
<uin .swing the grid between zero and — 105 volts, giving 



Ep 

h 


O 

1280 

0.152 

! max 

• 105 

2600 

0.02 

^ min 

... 4<r 

1940 

0.086 

^ (.^ max “ 1 " I min) 


1980 

0.082 

lo (^or mean Bg) 


- i}ai . - 

Total current range 0.132 amperes 
'I’oUil voltage range 1320 volts. 
Power 3-1# (-132 X 1320) = 21,8 watts 


. 0.086 - 0.082 

Second harmonic ratio - ^ -= 0.03 by cur¬ 


rent values 


62.5 - 49 
105- 


= 0.033 by 


The above figures are comparable with those taken 
from Curve I Fig. 2, on the basis of substantially the 
same plate voltage when the grid is at its mean potential. 
Two results of going to a higher load resistance should 
be noted; there is more power output, and, for the same 
value of minimum plate current, the wave form dis¬ 
tortion is less. The internal resistance of the tube is 
about 6000 ohms, and that more power should be 
delivered to a 10,000-ohm load than to a 6000-ohm 
load may seem at first surprising to those who are 
accustomed to think in terms of impedance fit. With a 
fixed grid swing the 5000-ohm load would receive the 
grater power, but with the high impedance load, the 
grid may be swung farther before distortion becomes 
serious. The common practise of applsdng a voltage to 
the grid (from an oscillator, microphone and amplifier, 
or radio receiving set)—and then varying the load im¬ 
pedance by trying various transformer ratios and select¬ 
ing the tap which gives the loudest response,—^is mis¬ 
leading. A tap which gives weaker response than the 
maximum may, when the input is readjusted, enable the 
amplifier to put out more power without distortion. 

Best Conditions When Voltage is Limited 
Mr. W. J. Brown* has given a simple rule for selecting 
the best load impedance and working range for the case 
where the mean voltage on the plate is limited to a cer¬ 
tain value, and also a proof that the maximum power 
will be received by a load resistance equal to twice the 
internal resistance of the tube. In Fig. 6,. F D the 
minimum value of plate current, below which the curva¬ 
ture becomes excessive; A J5 is the plate current curve 
for a constant plate voltage equal to the mean plate 
voltage assumed in the problem, and E C is the working 
curve. The constant voltage, curve G C, corresponds 



Fia. 6 —Diagram Illustrating Method of Determining 
Best Operating Conditions 


to the minimum voltage, and E H to the maximum. 
The voltage amplitude is r (B C) where r is the interiuil 
tube resistance, and the root-mean-square alternating 


voltage is— ^r{BC). The measurement CD is 

V2 


equal to twice the current amplitudes, or the root-mean- 


square alterna,ting current is 


1 

2 V2 


(.CD), 


The pro- 


1. Discussiou, Symposiuin on Loud Speakers, Proceedings 
of London Physical Society, Vol. 36, Part 3. April I, 1924. 


grid voltage 
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duct of the r. m. s. voltage and current, or the power, is 

equal to —-=^ r (B C) — -= (CD) = -j (B C) (CD) 

Since the measurement B D is fixed, the product 
(B C) (CJD) is a maximum when BC = CD or C is 
located half way between D and B. The value of the 

voltage amplitude 
e-.t3- nal resistance is equal to current amplitude 

_ I (^ C) ^ 2 r vphen BC = CD. The location of 

i(CB) 

the point C and the value of the load resistance deter¬ 
mine the working characteristic E C, and its inter¬ 
bias. section with A B determines the proper value of grid 
In the foregoing it is assumed that r is constant, but 
since this is not the case the result is only an approxi¬ 
mation. For larger currents r is less than for small 
currents, and the value of r in the relation,—^voltage 
amplitude = r (B C), changes with the location of 
C. With r a function of the position of C, the condition 
for maximum product r (BC) X (C D) is no longer that 
B C shall equal C D. The shape of the characteristics 
above the level of the point C can have no bearing on 
the operation. It woxdd appear logical to use a value 
of r corrraponding to currents between F D and F C 
and to locate the point B as if the same value of r held 
for the higher currents. This means simply to draw 
the upper part of the line A B straight, maintaining a 
slope equal to that in the working range A J. This 
point is brought out not because the error in the method 
described by Mr. Brown would, in general, be serious, 
but because in many cases the upper parts of the curves 
A B are more diflScult to obtain experimentally or data 
to plot them may be lacking. As in many other prob¬ 
lems involving maxima, precision is not required here, 
the ou 1 ?)ut remaining nearly the same through a wide 
range in load resistance. 

Limitation Set by Anode Loss 
We have so far considered the case where the mean 
plate voltage is limited, for example by the available 


question. Up to this point the mean plate current has 
been inCTeasing with inai’ease of voltage. For higher 
voltages the current must be limited to 

Permissible plate loss 
Mean plate voltage 


The mean plate voltage and plate cu^ent determine 
the grid bias. Since the grid voltage may swing to 
zero in the positive direction, the extreme negative 
swing will be twice the bias. The minimum value of 
plate current and the extreme negative grid potential 
fe the lower end of the working characteristic and the 
maximum plate voltage. Thus we have the voltage 
amplitude and the current amplitude, from which we 
find the load resistance and the power output. Refer¬ 
ring again to Fig. 5, if the mean plate voltage is 3000, 


the mean current is limited to 


250 watts 
3000 volts 


= 0.0833 


amperes. On the 3000 volt curve we find that the grid 
bias corresponding to 0.0833 amperes is — 103 volts. 
The grid may then swing between zero and — 206 volts. 
The plate voltage corresponding to 0.02 amperes, 
assumed minimum current, and — 206 grid volts is 
4700. Then the voltage amplitude is 4700 — 3000 = 
1700, the current amplitude 0.0833 — 0.02 = 0.0633> 

1700 

the load resistance 00 ^ 33 " ' =. 26,800 and the power 


1700 X 0 0633 

output- 2 ~- “ ^ watts. With the load 

resistance known the working curve may be drawn. If 
its intersection with the zero grid volts axis shows that 
the current and voltage swing during this half cycle is 
greater than during the other, there will be a correction 
to the power calculation. In this case the maximum 
current is 0.148 amperes and the minimum voltage is 
1260. The revised power calculation is then 


(4700 - 1260) (0.148 - 0.02) 
8 



If the curvature 


is small as in this case it is hardly necessary to draw the 


supply, but where no other limitation is imposed. If 
the supply voltage can be raised sufficiently to liable 
the tube to put out all the power of which it is capable 
the limit of output may be set either by the power which 
can safely be dissix)ated from the plate, or by a combina¬ 
tion of plate dissipation and insulation. For voltages 
below a certain value the rule illustrated in Fig. 6 is 
applicable. Applying this rule, the output goes up very 
fast' with increase of voltage, and the average power 
supplied to the plate also increases rapidly. For 
example. Curve I of Fig. 6 is for a mean-plate voltage of 
2000 and gdves 21.8 watte output and 162 watte, plate 
loss. Curve II is for 2400 volte ^d gives 40.8 watte 
output and 250 watte plate loss. This is the maximum 
plate loss which we may safely allow for the tube in 


curve, the first calculation being sufficiently close. 

If experimental ctoacteristics at the extreme high 
voltages are not available, substantially the same result 
may be obtained if the curvature is slight, by locating 
the upper end of the working characteristic, which will 
be on the zero grid volte line, and witii a plate current 
value as much above the average, as the minimum is 
below. If there is considerable curvature it is better to 
follow the first method, drawing in additional constant 
voltage curves by extrapolation if nece^ary. For¬ 
tunately for the ease of extrapolation the constant volt¬ 
age characteristics are substantially alike in shape, 
and each is displaced horizontally from the next by the 
voltage interval divided by the amplification constant 
of the tube. 
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That the method just described will give the greatest 
possible power output for the voltage and mean plate 
current assumed, may be seen from the following. In 
swinging the grid from zero to twice the bias, we are 
using the largest grid swing allowable, increasing the 
bias without raising the plate voltage would give only 
a small increase in grid range, but a large reduction in 
current amplitude. Any lower load resistance would 
cause the lower end of the working curve to fall below 
the permitted minimum plate current, and therefore 
give distortion. Any higher load resistance with the 
same grid swing would decrease output, because we are 
already using a resistance much higher than the internal 
resistance of the tube, and it is a general principle that 
with a given grid swing, the more nearly the load 
resistance can be made to approach the tube resistance 
the greater will be the tube output. 

The following table shows how the output of the tube 
with characteristics given in Fig. 5, varies with the 
voltage of the plate supply. The voltage E« given in 
the first column is the plate "voltage when the grid is 
at its bias potential, and J« is the corresponding plate 
current. 







Output 




Plato 



Am- 




iSoconcl 

Plato 

Am- 



p(»ros 

Volts 



Har- 

Volts 

perou 

arid 

I'lato 

Max, 

Max. 


tioad 

itiouic 

Ko 

lo 

Bias 

Bobs 

A. 0, 

A. 0. 

Watts 

Koflist 

Kntio 

lOSO 

0.082 

-62.6 

102 

0.000 

060 

21.8 

10,000 

0.03 

2460 

0.10 

- 71 

240 

0.085 

000 ; 

40.7 

11,250 

0.03 

3000 

0.0833 

-103 

250 

0.004 

1725 

55 

20,800 

0.0052 

4000 

0.0026 

-157 

250 

0.0425 

2970 

03 

70,000 


6000 

0.05 

-210 

250 

0.03 

4120 

62 

137,000 



Since the tube is not designed to withstand more than 
approximately 2500 volts, the maximum output which 
can be realized is 41 watts. The purpose of carrying 
the calculations to higher voltages is merely to illus¬ 
trate the method of determining load impedance and 
•output when plate loss rather than plate voltage is the 
limiting factor, and to bring out certain relations. In 
the above table the minimum current has been taken 
throughout as 0.02 amperes, although in view of the 
fact that distortion is less with the high resistance loads, 
the lower limit of ciurent might properly have been 
reduced. Had this been done the maximum output 
would have occurred at a still higher voltage. If we 
permitted the minimum current to go to zero it would 
have appeared that the output increased indefinitely 
with increase of voltage. This is because the voltage 
also cannot go to zero. The power output of the tube 

(I.-I.,.) (E.-B.Jwhichbecome8i/.(E.- 


E ntin) ■“ 2 g I^Efnin if ^min IS ZerO. As' the 


voltage is increased, the supplied watts Eoh being 
maintained constant, I» becomes less and also £/„„■», so 

that the output approaches ^ hEa. 

Limiting Value of Output 

If the tube impedance is lowered by using coarser 
grid mesh or closer electrode spacings, Eo can be lowered 
and a greater output obtained. If we imagine a tube of 
such low impedance that the voltage could go to zero, 

as well as the current, the output would be Jo, or 

one-half the permissible plate loss; and if the latter is 
kept constant, the output would be independent of the 
voltage chosen. In practical cases, it appears in general 
that, for a given value of plate loss, the lower the tube 
impedance and the higher the supplied voltage, the 
greater will be the output, and for most efficient use, a 
power amplifier tube should be worked at the highest 
voltage compatible with good life. 

Output Subtracts prom Plate Loss 

The average power Eo Jo, supplied to a straight line 
amplifier tube, is the same whether an alternating volt¬ 
age is impressed on the grid, or the grid potential re¬ 
mains stationary at the bias value. When the tube is 
operating into a resistance load, the plate loss is re¬ 
duced by the amount of the useful output. However, 
this does not make it permissible to make Eo la greater 
than the allowable plate loss, for amplifiers do not 
operate with any fixed grid swing; and even if an ampli¬ 
fier should be used for constant tone production the 
alternating voltage might go off at any time. Nor 
should it be inferred that in all amplifiers the plate loss 
will go down when an alternating voltage is applied to 
the grid. If there is much curvature or the swing is 
excessive, the average current will generally increase, 
and if the load is of low resistance there will be little 
power absorbed in the load to offset the increase in the 
supplied watts. Under such conditions the plate loss 
may increase when alternating voltage is applied to 
the grid. 

Permissible Distortion 

In comparing various tubes for a given purpose or in 
assigning power ratings to tubes, it would be logical to 
set a limiting value of distortion. For scientific or 
measurement work the distortion permitted would de¬ 
pend on the nature of the work. On the other hand for 
the reproduction of speech or music it does not seem 
possible to assign any general rule as to how much dis¬ 
tortion should be permitted, nor to give any simple 
criterion for setting a limit. There is good reason to 
believe that the response of the ear is not linear, or, in 
other words, that harmonics are produced in the ear 
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itself*. This being the case, the ear would not be crit¬ 
ical toward the production of overtones in the amplifiers. 
On the other hand, if the working characteristic is 
fairly straight over a certain range and then turns quite 
sharply, an impairment of quality is quickly noticed 
if the grid swing exceeds that which corresponds to the 
straight part of the characteristic. It would appear 
that much greater deviation from a straight line can be 
allowed if the curvature is practically uniform, than if 
the characteristic turns abruptly. While it does not 
seem possible to set a limit to distortion, applicable to 
all tubes, the practical limit in a particular case does 
not seem diflScult to decide upon. For example, in 
the case of the tube whose characteristics are shown in 
Fig. 5; if we assume to be 2500 volts and the plate 
loss not to exceed 250 watts, we can assign various 
values to the minimum current and find the mayimiim 
power obtainable for each case. A low minimum cur¬ 
rent means a considerable curvature allowed, but per- 


without driving the grid positive. Trying to drive the 
grid positive causes a distortion of the grid voltage wave 
which has the same effect on the plate current as if the 
grid voltage wave were not affected, but the working 
characteristic turned toward the horizontal to the right 
of the zero-grid-voltage point. A working character¬ 
istic which bends toward the horizontal at both ends, 
or in other words, has a reversed curvature, causes odd 
harmonics in the output current wave, and the balanced, 



Fig. 


7—Relation 



AMPERES 


I 


Between Distortion 
Current 


AND 


Minimum 


mits more power to be obtained. Fig. 7 shows the 
power output and the distortion as functions of Imin- 
It will be noticed that below about 0.02 amperes, the 
gain in output is dow and the increase in distortion is 
rapid. Analysis of a number of practical tubes indi¬ 
cates that it is rarely necessary to permit more than 
about 5 per cent distortion in order to realize about all 
the useful output of which the tube is capable. 

Push-Pull Circuit 

In this connection, the question naturally arises 
whether the working range can he increased by use of 
a “push-pull” circuit, like that shown in Pig. 8. Such a 
connection balances out the even harmonics if the tube 
characteristics are alike, and is, therefore, a possible 
means of reducing distoiiaon. The gain in output per 
tube, however, is small. Referring to Pig. 6, Curve II, 
we see that, for the range shown the curvature is very 
slight, but we cannot extend the curve on. the lower end 
without its turning horizontal, nor on the upper end 

2. "Seasatiott of Tone” by H. L. P. Helmholtz (Edition of 
1877), Chapter VIL Quantitative measurements supporting 
this theory are given by R. L. Wegel and C. E. Lane, Physical 
Rev., Feb. 1923. “Auditory Masking of One Pure Tone by 
Another.” 


or push-pull circuit, does not neutralize odd harmonics. 
While the push-pull circuit does not make it permissible 
to increase the working range of the tubes appreciably, 
there are cases in which it is advantageous. For some 
scientific work, it is important to reduce all distortion 
to the minimum, and if the tubes are worked over a 
very moderate range so that only the double frequency 
harmonics are produced, the balanced circuit can be 
made to practically eliminate the distortion. It pos¬ 
sesses a practical advantage in that the direct currents 
in both halves of the output transformer winding, 
balance each other magnetically, thus reducing the 
tendency to saturate the core, and making a lighter. 



Pig. 9—Resistance Capacitt Coupled Amplipiek with 
Choke Coil-Condenser Peed to Load 


smaller design of transformer possible. As a-gaiTiB<: 
these advantages, the push-pull circuit calls for an inter¬ 
stage transformer which introduces some distortion. 

Load Circxhts 

Figs. 9 and 10 show connections frequently used for 
the output of power amplifiers. In Fig. 9, the choke 
coil must have a high reactance compared with the 
tube and load resistance, and the stopping condenser 
must have a low reactance compared with the load 
r^stance, for all frequencies in the working range. 
Otherwise, distortion will result, the low frequency 
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currents being partially suppressed either by excessive 
reactance in the condenser, or too much leakage 
through the choke. With a properly designed circuit, 
we may think of the choke as maintaining a constant 
direct current equal to the average plate current, Jo, 
while the condenser offers a practically constant 
counter-electromotive force equal to the average plate 
voltage J5o. Now, suppose that the plate current 
changes momentarily to Jo — i. Since the current 
through the choke remains constant, the difference or i 
amperes must flow through the load. The potential 
at L then becomes + iR which, added to the strain 
Eo on the condenser, brings the potential at P to 
Eo -t- i R. Similarly, when the plate current is Jo + i 
the load current is reversed, the potential at L is — i P 
and at P is Eo — i R. It will be recognized that 
from the standpoint of the tube, this condition dupli¬ 
cates that illustrated in Fig. 3, the only difference being 


Plate Supply 



Pio. 10— Transpormtoe Coupled Load 

that in Fig. 3, the supply voltage would have to be Eo -f 
Jo P in order to maintain the average voltage Eo at the 
plate. The conditionsmetinthetransformerconnection 
of Fig. 10 are similar. An iddal transformer with a 
resistance P connected to its secondary terminals 
introduces into the primary circuit, an effective resist¬ 
ance for alternating currents equal to P multiplied by 
the square of the ratio of primary to secondary turns, 
but for direct current, it introduces only the ohmic 
resistaneeof the primary winding. ■ The practical trans¬ 
former, if properly designed to avoid distortion, gives a 
close approximation to the relations just stated. The 
magnetizing current must be small compared with the 
with the load current at the lowest frequencies with 
which we are concerned, and the series reactance due to 
leakage flux must be small compared with the load 
impedance for the highest frequencies considered. 

REAcnvB Loads 

We have so far considered only pure resistance loads. 
The dynamic characteristic for a tube with a reactive 
load is not readily plotted, but its general form can be 
shown and the conditions for avoiding distortion as 
found for the case of resistance load are applicable to 
the reactive load. If there is reactance in the load, the 
dynamic characteristic becomes elliptical in form; a Irue 
ellipse if the constant voltage curves are straight oyer 


the range between maximum and minimum current, 
and a distorted ellipse if there is appreciable curvature 
within this range. It is generally possible to adjust 
the load impedance to any desired value, either by 
means of a transformer, or by changing the number of 
turns in the windings of the instrument which consti¬ 
tutes the load. Such changes do not materially alter 
the power factor. In fltting a reactive load to the am¬ 
plifier tube, the procedure recommended is first to 
determine for the. case of a resistance load, the load 
resistance, plate voltage, grid bias,- and grid swing for 
maximum output; then using the same plate voltage 
and grid swing, make the load impedance such that 
the maximum and minimum values of plate current will 
be the same as in the case of the resistance load. This 
means making the vector sum of load impedance and 
tube plate resistance the same for the two cases^. If 
these conditions are complied with, the principal soimces 
of distortion are avoided, namely, swinging the grid 
positive, and working with too low minimum 
currents. 

Since load impedances are functions of frequency 
and audio frequency amplifiers must operate properly 
for a -wide range of frequencies, the question arises at 
what frequency should the load impedance have the 
value which has been determined as suitable? The 
only safe rule is to make the calculation for the 
quency at which the load impedance is lowest. Ex¬ 
ception might be made in case currents of the frequency 
in question were known to be of low intensity compared 
with those of other frequencies. For example, most 
telephone receivers and loud speakers have lowest 
impedance at low frequency. A case might arise in 
which it was known that the low frequency components 
in the currents to be amplified were weak as compared 
with those of higher frequency. It would then be 
permissible to determine the load impedance at a higher 
frequency. But such a situation is difficult to imagine. 
When pains are taken to build a distortionless amplifier, 
it is only reasonable to assume that the remainder of 
the system would be designed with a view to mini¬ 
mizing distortion, and since the greater part of the 
energy in both voice and most music, is carried by the 
lower tones, the amplifier would be called on to handle 
the largest amplitudes at low frequency. 

Modulation op Radio Transmitters 

Fig. 11 shows the modulator and oscillator tubes of a 
radio telephone transmitter. There are many possible 
arrangements of the oscillating circuits, but the means 

3. The aJteraating current in the plate circuit is equal to 

(alternating grid voltage) (amplification constant of tube) 
(vector sum of load impedance and tube resistance) 

For derivation of this relation see ‘The Thermionic Vacuum 
Tube” by H. J. Van der Bijl, pages 157 and 177. See also pages 
175 and 176 for discussion of form of dynamic characteristic 
with reactive load. 
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for varsnng the intensity of the oscillations or “modu¬ 
lating" them is, in most cases, like that shown in Fig. 11. 
The large inductance, Li, keeps the total current con¬ 
stant, while the function of the small inductance. La, 
prevents absorption of radio frequency power by the 
modulator tube. When the grid of the modulator 
tube swings toward positive the plate takes more cur¬ 
rent, leaving less current available for the oscillator, and 
the voltage drops, causing a reduction in the amplitude 
of the oscillations. Similarly, when the grid of the 
modulator swings negative, the voltage rises and the 
oscillation amplitude increases. 

If the voltage supplied to an oscillator is varied and 
the current read and plotted, the relation in general is 
found to be represented by a straight line over the 
range for which the oscillations are stable. Therefore, 
the oscillator is equivalent to a resistance load on the 
modulator tube. If the time of discharge of the grid 
condenser is appreciable compared with an audio cycle. 



Pio. 11 —Radio Telbfhonb Transmitter Shoiving Method 
OF Modulation 

a reactive component is introduced and the effective 
resistance of the oscillator will be less for hig h than for 
low frequencies, but with properly proportioned grid 
leak and condenser, the oscillator is practically a pure 
resistance. From the standpoint of the modulator tube 
the circuit then becomes equivalent to that shown in 
Fig. 9, with the blocking condenser omitted and the 
current through the choke increased by the amount of 
the average direct current taken by the oscillator. 

The type of oscillator and supply voltage having 
been chosen, the design of the modulating system in¬ 
volves first the determination of the effective resistance 
of the oscillator. This may be foimd by varying the 
voltage and measuring the change in supplied current 
corresponding to a given change in voltage. The effect¬ 
ive resistance depends, among other things, upon the 
grid leak, antenna resistance, antenfaa coupling, and 
filament current; and if 2 iny of these factors are changed, 
a new measurement of resistance will be necessary. 

The modulator tube or tubes must work at the same 
mean-plate voltage as the oscillator. The lo^ resist¬ 
ance can be controlled within limits by the 

antenna adjustments, but if th6 full oscillator output is 


desired, the principal means for obtaining a suitable load 
resistance must be to employ the proper number of 
modulator tubes compared with the number of oscillator 
tubes. Thus, doubling the number of modulator tubes, 
doubles the load resistance into which each modulator 
tube works. The load resistance per tube determines 
the slope of the dynamic characteristic, and its position, 
which for a given supply voltage depends on the grid 
bias, should be so chosen that when the grid reaches a 
negative potential equal to twice the bias, the plate 
current will have the minimum value permissible in 
view of curvature of the tube characteristics. The 
voltage range covered by the dynamic characteristic 
shows the percentage modulation of the oscillations 
which can be accomplished without exceeding the proper 
range of the modulator tubes. For illustration, let 
us suppose that we wish to modulate a 260-watt oscil¬ 
lator, operating at 2000 volts, and showing an 
effective input resistance of 8000 ohms. First, we may 
try a single modulator tube of the type represented in 
Fig. 5, taking 0.02 amperes as the minimum plate cur¬ 
rent. To find the proper grid bias, we might draw 
several parallel curves, each corresponding to an.' 8000- 
ohm load resistance, and choose the one which gave 
equal voltage swings above and below 2000, but it is 
simpler to try several values of grid bias, in each case, 
assuming that at double the bias voltage, the plate cur¬ 
rent is cut down to 0.02 amperes. Find what joad 
resistance this would mean, and pick the grid bias 
which corresponds most nearly to the actual load 
resistance. For example, referring to Fig. 5, a bias of 
— 50 volts with 2000 volts on the plate gives 0.095 
amperes plate ciurent. A grid voltage of — 100 and 
plate current of 0.02 amperes corresponds to 2500 volts 
on the plate. A dynamic characteristic through these 

^ , 2500 - 2000 

two points would correspond to = 6660 

ohms. The trials may be shown in tabular form. 



Sp 

Ip 

li 

- 50 

2000 

0.095 

\ 0,660 

- 100 

2500 

0.02 J 

- 55 

2000 

0.079 1 

^ 11,800 

- no 

2700 

0.02 J 

- 52 

2000 

0.09 1 

^ 8,300 

- 104 

2580 

0.02 J 


The last value is close enough. An 8000-ohm d 3 ^amie 
characteristic passing through the point Ep = 2000, 
Ip = 0.09, would intersect the 1400 volt line at Ip = 
0.166, and the 1200 volt line at Ip = 0.19. Connecting 
these two points gives the intersection with the vertical 
line over £7, = 0 as Ip = 0.17 and J^p = 1360. Therefore 
with one modulator tube, we could control the oscillator 
voltage down to 1360 and up to, 2580. Owing to the 
slight curvature, equal grid swings do not give exactly 
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equal plate swings in both directions. Taking the 
average, which is 610 volts, we may say that the modu- 

610 

lation is or 30.5 per cent. Heavier modulation 

should not be attempted with the one niodulator tube. 
Characteristics of oscillating tubes show in general that 
through most of the stable range, the antenna current is 
a straight line function of the supplied voltage. This 
being the case, there is no distortion introduced at this 
stage except that due to the curvature of the modulator 
tube dynamic characteristic. This distortion is offset 
by the characteristics of the detectors used in receiving 
sets which rectify strong currents more efficiently than 
weak ones. Suppose, for example, that the rectified 
current is proportional to the square of the amplitude 
of the incoming waves, which law would represent 
fairly well the action of most detectors on weak si gnalg- 
Then the relation between modulator grid potential 
and rectified receiver current would be as follows: 


Modulation grid voltage. 0 —52 —104 

Voltage supplied to - oscillator (propor¬ 
tional to oscillation amplitude). 1360 2000 2680 

Square of oscillator voltage -i- 10* (pro¬ 
portional to rectified receiver current) .1.85 4 6.65 


This shows a swing of 2.16 in one direction and 2.65 in 
the other. Had there been no curvature in the modu¬ 
lator tube characteristic and the plate voltage swung 
610 volts in each direction, the voltage square factors 
would have been 1.94, 4.0, 6.8, or a swing of 2.06 
in one direction and 2.8 in the other,—a greater wave 
form distortion than with the curved modulator 
characteristic. 

The next question is how much can we increase the 
modulation by adding a second modulator tube. With 
two modulator tubes, the load resistance for each tube 
is 16,000 ohms and we again find the proper grid bias 
by taial. 



Bp ‘ 

h 

R 

- 60 

2000 

0.06 1 

22,500 

- 120 

2900 

0.02 / 


- 57 

.2000 

0.07 \ 

15,800 

-114 

2790 

0,02 / 



The 16,000-ohm dynamic characteristic through the 
point Eg = — 67, Ip = 0.07, intersects the Eg = 0 
axis at Ip = 0.124, Ep ~ 1120. With a voltage swing 
of 790 volts in one direction, and 880 volts in the other, 

845 

the mean modulation is 2 ^ = 0.422 or 42 percent as 

compared with 30.5 per cent, wititi one modulator tube. 

With reduced supply voltage, the p^centage modu¬ 
lation which can be obtained with a given number of 
modulator tubes is less. For example, if the supplied 
voltage is 1600 and the oscillator effective resistance 
again taken as 8000 ohms, we find that with one modu¬ 
lator tube and a bias of — 38 volts we can obtain a 


modulation of 27 per cent and with two modulators and 
a bias of — 42 volts, we can modulate 40 per cent. In 
both cases, 1600 and 2000 volts supplied, the addition 
of a modulator tube about doubles the audio frequency 
power which would be delivered by a receiving set. 

The question of how much modulation should be at¬ 
tempted is one which has been much discussed. It 
should be borne in mind that the 40 per cent modula- 
•sion just calculated applies to the extreme peak values 
of the audio frequency waves, and with most speech or 
music it would represent an average modulation of less 
than 5 per cent, which is small compared with most 
radio telephone practise. In most receiving sets the 
rectified current vari^ as some function between the 
first and second powers of the amplitude of the incoming 
high frequency waves, being approximately proportional 
to the square for small amplitudes and more nearly a 
linear function with stronger signals. With the type of 
transmitter circuit shown in Fig. 11, the aim is to make 
the envelope of the oscillation amplitude show the 
exact wave form of the original audio-frequency cur¬ 
rents. This would result in distortionless reproduction 
by a receiver having a straight line detector, or one giv¬ 
ing a rectified current directly proportional to the ampli¬ 
tude of the incoming radio frequency waves. Since 
practically no receivers have this characteristic, dis¬ 
tortion results, but as the percentage modulation is 
reduced, the distortion becomes less, until at 10 per 
cent modulation, it is of practically no consequence 
whether the receiver is a linear or a square law detector. 
This has been used as an argument for limiting the 
modulation to a very small value,—^perhaps ten or 
twenty per cent on the peaks. But there are arguments 
in favor of larger modulation, particularly if the ptu- 
pose is to obtain the best possible reception with a given 
average radiated power. In the first place, the dis¬ 
tortion which results when, for example, a square law 
detector is used to receive fairly deeply modulated 
waves, does not appear to be of an especially ob¬ 
jectionable kind, and as already explained is partially 
offset by the distortion due to the curvature of the 
modulator characteristic. In the second place, there 
is a positive advantage in the use of moderately heavy 
modulation, in that the ratio of the desired sound to 
static and stray noises is better with large than with 
small modulation. People who have operated receiving 
sets will probably agree that the soft passages in musical 
numbers are rarely so satisfactory to listen to as the 
louder parts. The “blasting” that frequently occurs 
in the loudest parts is due to exceeding the proper work¬ 
ing range of the modulator tubes, or to overworking 
some other part of the system, rather than to large 
modulation itself. 

It would appear, then, that a modulator capacity of 
two, or even four times the oscillator capacity would be 
desirable in the case of the tubes used in our illustra¬ 
tions. The degree of modulation which can be accom¬ 
plished is increased by use of low impedance tubes and 
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increases as the voltage israised,upto the point where it 
isneeessary to reducethemeanplatecurrentofthemodu- 
lator tubes below the value that would otherwise be 
assigned, in order not to overheat the plate. 

Plate and Grid Ammeters 

It is desirable to design the earlier stages of a power 
amplifier with ample margin so that if any tube is over¬ 
worked, it will be the power stage. A very satisfactory 
indicator, to show when the intensity exceeds the 
straight line capacity of the amplifier, consists in a milli- 
ammeter in the grid circuit and a meter in the plate 
circuit. If the grid swings positive with respect to the 
filament, the grid meter will “kick” and perhaps the 
plate meter also, while too great a negative swing will 
cause a kick on the plate meter. Careful listening will 
reveal an impairment of quality which disappears as 
soon as the intensity is reduced to a point where the 
meters cease to show disturbance. Listening alone is 
not a satisfactory substitute since the distortion is not 
so quickly nor surely noticed, particularly in view of 
fatigue of attention, and if distortion is noticed, its 
origin might be elsewhere in the system. 

Tubes in Multiple 

The increased' output from a power amplifier obtained 
by adding power tubes in multiple, is often disappoint¬ 
ing, the gain being slow compared with that which can 
be accomplished with increased voltage or with tubes 
of higher rating. However, there are cases in which it 
is desirable to use sev^al tubes in multiple. With the 
load impedance already several times the tube resist¬ 
ance, which is the proper relation for maximuTn output, 
the addition of a second tube in multiple with the first 
would not give a perceptible increase in output, but if 
the load impeda,nce is readjusted to half the previous 
value, twice the power output can be obtained, corre¬ 
sponding to about 40 per cent increase in sound ampli¬ 
tude, which is a noticeable, but not a striking difference. 

When several tub^ are connected in multiple, they 
may form an oscillating system and fill the tubes with 
Mgh frequency oscillations. This is less likely to occur 
if the connecting wires are made very short, but with 
high power tubes, it is frequently necessary to employ 
some means of stopping the parasitic oscillations, such 
as an individual resistance or choke connected in series 
close to the grid of each tube. A few turns of wire on a 
^all solid iron core will suffice, since such a choke 
introduces a high effective resistance at the extremely 
high frequencies concerned. 

Interstage Connections 

With a supply of high voltage available, such as is 
necessary for the power tubes, the design of the pre¬ 
ceding amplifier stages is simple. Resistance-capacity 
coupling can be used with sufficiently high plate resist¬ 
ance to obtain three-fourths or four-fifths of the full 
amplifi^tion of the tube. Under these circumstances, 
and with high amplification tubes available, there 


would be little argument for transformer coupling. In 
designing a resistance-capacity coupled amplifier, the 
following points must be kept in mind: 

1. The reactance of the coupling condenser at the 
lowest frequency to be passed, must be less than the 
grid leak resistance. 

2. No grid should swing positive with respect to the 
negative end of the filament, or, in other words, the 
grid bias must be greater than the extreme grid swing 
required. This does not apply to detector tubes. 

3. If the expected swing in plate potential of any 
tube is more than about 20 per cent of the average 
voltage on the plate or if the plate current is very small, 
the dynamic characteristic should be worked out to 
make sure of constant proportionality between plate 
and grid voltage swings. The load resistance is that of 
the plate-feed resistance and the grid leak of the next 
tube in multiple. 

4. If a battery of power tubes in multiple is em¬ 
ployed, so that the grids constitute a considerable 
capacity load, or if any of the earlier tubes have very 
high internal resistance, or are fed through very high 
plate resistances, calculation should be made of the 
magnitude of the capacity load at the highest frequency 
which the amplifier must handle. Owing to the simul¬ 
taneous swinging of the plate potential the effective 
capacity of a tube grid may be several times the grid 
capacity as measured with plate and filament grounded. 
The capacity reactance of the grid must be high com¬ 
pared with both the internal and external plate resist¬ 
ance of the previous tube; otherwise distortion may 
result, either because of reduced amplification of the 
high frequencies, or because the actual dsmamic charac¬ 
teristic is steeper than estimated (lower impedance 
load) with resulting curvature. 

With a common source of plate voltage for all of the 
tubes of a multi-stage amplifier, back coupling with con- 
s^uent oscillations may occiir through the plate supply 
line, if there is enough resistance in the supply so that 
the power-stage plate current affects the voltage of the 
supply line materially. If such back coupling occurs, 
the cure may be to secure a lower resistance supply, or 
to reduce the variations in the voltage fed to the earlier 
tubes, particularly the second tube preceding the power 
tubes, by filters or potentiometer connections. The 
filters, if of series resistance and shunt capacity, must 
be effective at as low a frequency as the lowest at which 
appreciable amplification takes place. Tho^fore, the 
filtering is simplified by designing the amplifier not to 
pass any frequencies lower than really required. 

To obtain- a given voltage swing on the grid of the 
power tabe may be easier with resistance connection 
than with an interstage transformer, in spite of the 
step-up ratio of the transformer. This is because even 
the best designed transformers drop , to an impedance 
comparable with the tube resistance at high frequency 
owing to capacity on the secondary side, and at low 
frequency owing to magnetizing current. This low 
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impedance load on the tube may greatly reduce the 
plate voltage swing, obtainable without distortion. 

Output Transformers 

If the output of the power stage goes through a trans¬ 
former, the design of the transformer follows the general 
principles of audio transformer design, of which the 
following is a summary: 

1. The impedance at the terminals of the tube is 
equal approximately to the load impedance multiplied 
by the square of the ratio of primary to secondary turns, 
and the turn ratio should be chosen to give the desired 
impedance at the tube. 

2. With the secondary open-circuited, the primary 
reactance should be at least equal to the effective load 
impedance on the primary side, at the lowest frequencies 
to be passed. 

3. The leakage reactance, found by measuring the 
reactance of one winding with the other short-circuited, 
should below compared with theeffective load impedance 
at the highest frequencies in the working range. 

4. The winding resistance loss should be low com¬ 
pared with the power supplied to the load. 

5. If the direct current component is sufficient to 
saturate the core, it will frequently be found that the 
same number of turns gives more inductance with an 
air-gap in the magnetic circuit than without. The air- 
gap should be just sufficient to prevent saturation. The 
inductance for a given number of turns is then practi¬ 
cally proportional to the core cross section, and a heavy 
transformer is the price of efficiency. If the required 
air-gap is very short, 0.002 in. or 0.005 cm. or less, there 
may be an advantage in using special high permeability 
core material, while with longer gaps, 0.010 in. or 0.026 
cm. or more, ordinary transformer steel is satisfactory. 


Discussion 

G. L. Bayley; I would like to ask the author if it is possible 
to make an amplifier self-exciting, very much like a d-c. genera¬ 
tor. Is it possible to introduce resistance in the plate circuit to 
give a voltage drop, and to apply that drop to the grid voltage 
so that the total effect would be much greater amplification. 

A. V. Loutfhrens I wonder if the members of the Institute 
have ever had called to their attention just how important these 
limits in operating a tube really are. 

At a recent radio show a well-known company which sells 
resistance-coupled amplifiers, advertising them as panaceas for 
all disturbances, had a set-up in which there were two amplifiers, 
one transformer-coupled and the other resistance-coupled. The 
transformer-coupled amplifier was so arranged that when an 
audio-frequency input was applied to the grid of the first tube, 
the mean plate current increased, and the obvious inference which 
was brought out very strongly by the salesman was that a trans¬ 
former-coupled amplifier for that reason was very hard on the 
battery. There was altogether too low a plate voltage in the set, 
of course, for the grid bias used, and the trouble was that the 
plate current was decreasing almost to zero on the negative half 
of the wave, so that when the grid was made to oscillate, the 
mean plate current rose. Naturally, there was distortion'there; 
but the striking point was that at the same time they had a 


resistance-coupled amplifier alongside it that was operated with¬ 
out any grid bias, so that when a speech input was put on, the 
grids all drew current, and for that reason on the positive half of 
the wave the plate current did not increase as much as it de¬ 
creased on the negative half. The mean plate current aceord- 
ingly decreased and the result was that the resistance-coupled 
amplifier was fine for the battery; but nothing was said about 
distortion. 

As far as experimental results are concerned, the theory is 
absolutely correct. Last summer, Mr. Kellogg was working oh 
this problem, and I had some work to do on it from a different 
angle. I found it necessary to get some experimental checks. 
Working on tubes of somewhat lower rating than the 250-watt 
tube that he describes, I got experimental verifications of the 
predictions of power based on the characteristic curves which 
were good to better than 5 per cent, and the amount of distortion 
produced by operating under various conditions could be checked 
to probably 10 per cent. The method of measuring distortion, 
though, isn’t as accurate from an experimental point of view, 
because it means measuring small quantitites. 

G. D. Robinson: Mr. Kellogg speaks of, I believe, “negli¬ 
gible” distortion. It is my recollection (I fail to place it pre¬ 
cisely) that either one year ago or two years ago at the Midwinter 
Convention the statement was made that two tubes working in a 
push-pull circuit were good for 18 times the output of one tuhe 
singly, which, of course, does not check with Mr. Kellogg’s 
statement about the small increase in value. 

Another point: There are substantially no broadcast trans¬ 
mitters working with four modulator tubes per oscillator and 
probably there are substantially no transmitters working with 
two modulator tubes per oscillator. 

In connection with that same thing, we are assured by the 
Westinghouse Company that it is permissible to run a eei*tain 
quite observable grid current on the modulator tubes without 
serious distortion. That probably goes back again to: What do 
we mean by serious distortion or negligible distortion? 

P. W. Gumaer: I wish to emphasize the importance of this 
subject as affecting future improvements in the quality of broad¬ 
casting and its reception. One of the limiting features in per¬ 
fection of the quality of radio reception has been in the acoustic 
end, particularly in the connection with loud speakers. Recent 
developments in loud speakers have overcome that difficulty. 
There is now a loud speaker that has no distortion that can be 
detected by the human ear. 

The next step in the development of perfect radio reception is 
now up to the electrical end. In order to reach perfection in the 
quality of radio reception we need, I believe, a unit of measure¬ 
ment of distortibn and a less laborious , method of measuring 
distortion. I do not refer to any particular frequency but to the 
whole range of audio-frequencies, and it is indeed a difficult 
problem. 

D. P. Whiting: One point occurs in the first paragraph of 
Mr. Kellogg’s paper, where he speaks about the relatively greater 
energy required to operate a loud speaker satisfactorily in com¬ 
parison with the energy required to actuate a telephone headset. 
Considering as a basis for comparison the relative energy require¬ 
ments necessary to produce approximately the same response in 
the ears for the two eases, I believe that Mr. Kellogg is somewhat 
more conservative in his figures than is warranted by the condi¬ 
tions that obtain. Instead of an energy increase of one hundred 
times, as he has stated, 1 should be inclined to further empha¬ 
size the importance of this paper by favoring an increase in the 
vicinity of ten thousand times in the energy that is required by 
the loud speaker in comparison with that necessary for the head¬ 
set, This value is borne out by the following figures, expressed 
in transmission units, such that twenty-five transmission units 
below an arbitrary standard, which we call “zero level” in tele¬ 
phone parlance, represents about the right energy to use on a 
headset for persons of normal hearing, whereas an energy level of 



314 


KELLOGG: DESIGN OP NON-DISTORTING POWER AMPLIFIERS Transactions A. I. B. E. 


fifteen transmission units above this same standard is required 
for good loud-speaker reception. The difference between these 
two figures is forty transmission units, a voltage and current in¬ 
crease of one hundred times, and an energy increase of ten thou¬ 
sand times. Some people may be satisfied with less from their 
loud speakers than these figures represent, but it is my feeling 
with respect to them that they are easily satisfied. 

Incidentally, the values which I have quoted represent the 
amplification derived from two stages of a good-quality ampli¬ 
fier, or about one and one-half stages of amplification in which 
less attention is paid to frequency discrimination. 

In regard to the dynamic characteristics of the vacuum tubes, 
Fig. 3 of Mr. Kellogg’s paper shows a circuit by means of which 
certain characteristics of the tubes may be secured, but the re¬ 
sults obtained from such a circuit are not the true dynamic 
characteristics of the tubes. The dynamic characteristic is 
affected by the impedance through which the grid receives its 
charge, especially when the grid runs positive, but Mr. Kellogg 
has limited his considerations of the dynamic characteristic, to 
the effects which take place when the grid potential is negative 
with respect to the filament, thereby neglecting the determina¬ 
tion of the characteristic when the grid is positive. However, the 
dynamic characteristic covering the whole range in which we are 
interested may be determined by including a resistance in the 
circuit of Fig. 3 between the grid and the upper point where the 
grid supply voltage is measured. If this resistance is equal to 
the impedance of the circuit normally connected to the grid, 
the resulting dynamic characteristic will represent the effects 
which occur under normal operating conditions; and, if this 
resistance is great in magnitude, the dynamic characteristic will 
change its slope as the grid runs positive, tending to run in a more 
horizontal direction, the degree of departure from the static 
characteristic being dependent on the magnitude of the included 
resistance. The resulting dynamic characteristic represents *a 
more accurate depiction of the effects which actually take place 
in the tube when in service. Although Mr. Kellogg has taken 
care to point out the occurrence of this effect, the curves given in 
his paper do not show it and the cause of the limitation is not 
pictured very clearly to the minds of those unfamiliar with the 
subject. 

In reference to the discussion centering around the push-pull 
form of circuit, I wish to state that this type of circuit displays 
its principal advantages in comparison with the more simple 
arrangement when conditions surrounding the tube such as 
those discussed in Mr. Kellogg’s paper—that is, grid and plate 
voltages, filament currents, impedances connected to grid and 
plate—are not optimum. However, under optimum or nearly 
optimum conditions, the push-pull circuit provides an increase in 
energy-handling capacity of approximately 25 per cent. Rela¬ 
tive to what may be accomplished in other ways, this does not 
represent a very great increase. On the other hand, this increase 
in power output is gained very cheaply; for no additional ap¬ 
paratus or power is required and, while the amplification of the 
final stage may be lowered slightiy thereby, this usually can be 
restored more cheaply in the preceding stages. 

E* W• Kelloiii X May I ask a question at this point? On what 
basis are you making comparison, on the basis of an equal amount 
of distortion? 

Mr*Whitln^x Yes. 

Mr. Kelloii^t Total energy of harmonics the same in the 
cases? 

Mr. Whitin|{x Yes. The . amount by which the energy ca¬ 
pacity increases due to the push-pifll circuit feature will vary, of 
course, with each individual test, with the criterion assumed for 
the state of full load and with the accuracy with which the con¬ 
ditions imposed on the tubes during the test simulate the op¬ 
timum conditions for maximum output. The increase I have 
quoted is based on the results of a rather large number of tests 
obtained from many tubes of various kinds and under conditions 


which, to the best of my knowledge, were optimum for those 
tubes. 

In the last sentence under the paragraph entitled “Push-Pull 
Circuit,” Mr. Kellogg states, “As against these advantages, the 
push-pull circuit calls for an interstage transformer which in¬ 
troduces some distortion.” I think this sentence should be 
modified to state that this comparison is made with reference to a 
resistance-coupled amplifier, whereas, of course, the same com¬ 
ment would not apply if the amplifier which he was considering in 
relation to the push-pull amplifier was of the transformer-coupled 
type already. 

The second paragraph under the subject of “Reactive Loads” 
is exceptionally good, and I want to emphasize especially what 
it contains. If an amplifier is called upon to transmit good- 
quality speech or music currents, the maximum energy which 
the amplifier is required to deliver occurs ordinarily at very low 
frequencies; and, if the amplifier is to operate without over¬ 
loading, it should be capable of carrying its maximum load at the 
frequencies that require the greatest energy capacity. This 
means that the amplifier should be designed in such a manner 
that the output impedances of the tubes bear the right relation¬ 
ship to the impedance of the load at the low frequencies where the 
larger proportion of the energy is likely to occur. This practise 
is not generally followed in the case of telephone repeaters 
because matters concerning line impedance termination and 
impedance balance are of greater importance to the operation 
of repeaters than is the matter of maximum power capacity. 

S. Stern: I have found that, very often the number of am- 
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plifying stages that are found necessary, must be decreased in 
order to prevent feed-back. This feed-back is very rarely due to 
the inductive coupling between transformers, if the proper 
shielding precautions are taken. The cause when traced is 
usually found in the tube itself in which the grid-plate capacity 
is often of the proper value to act as a coupling capacity between 
the matched audio-tuned coils of the transformers in the grid 
and plate circuits. A direct remedy would therefore be to re¬ 
duce this capacity but this cannot be conveniently done. How¬ 
ever, adding capacity to the grid-plate capacity, will decrease the 
frequency at which feed back can occur to that below the audio 
range. If the capacities used for this purpose have very little 
resistance, no decrease in amplification will be experienced. 

A detailed description of this method and also the construc¬ 
tion of a four-stage transformer amplifier, can be found on page 
460 of May 1926 number of The Experimenter published by the 
Experimenter Publishing Co. of New York City. 

E. W. Kellodd * Since the paper was written, my attention has 
been called by Mr. John C, Warner of General Electric Re¬ 
search Laboratory, to advantages in using a set of plate current 
vs. plate voltage curves to show the tube characteristics, instead 
of plate current vs. grid voltage as used in the paper. The two 
sets of curves give the same information. Thu^ the curves of 
Fig. 1 herewith are derived from Fig. 2. of the paper. When 
plate voltage is used instead of grid voltage for the abscissas, 
the dynamic characteristic for a resistance load becomes a 
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straight lino whose slope corresponds to the load resistance. 
The 5000 ohm dynamic characteristic shown on Pig. 1 here¬ 
with is the equivalent of Curve I of Pig, 2. Different values 
of load resistance, plate voltage and grid bias can bo tried 
and compared very quickly on such a chart as Pig. 1. 
If the mean plate volUigo, Eo. tho load resistance, and 
minimum current are given, we first find the slope from the 
value of load i*osistaiice, tlien slide a straight edge, maintain¬ 
ing this slope, until we find a position at which the grid voltage 
for the minimum current is twice tho grid voltage corresponding 
to tlm intersection with the mean plate voltage line. Thus the 
dynamic cliaracteristic shown in Pig. 1. crosses the horizontal 
.02 ampere line at Eg = —90 volts (interpolation) and it crosses 
the vertical 2000 volt line at Eg = —48 volts. Using the ap¬ 
proximate method given in the paper for estimating distortion, 
tho information is conveyed readily by Pig. 1, distortion in the 
case of Pig. 1 bomg shown by the fact that tho point on the dy¬ 
namic characteristic corresponding to mean grid voltage is not at 
tho middle of tho characteristic. 

While the use of plato voltages as abscissas makes tho resist¬ 
ance load dynamic characterislio a straight line, it does not make 
a true ellipse of tho characteristic for a reactive load. For a 
general understanding of what takes place and for estimating 
both tlie kind and amount of distortion, the form of curves used 
in tho paper is to be preferred, since the evidence of distortion is 
presented to the eye in much more striking form and it is at once 
evident whether the bond in tho characteristic is approximately 
uniform or is abrupt. On the other hand, for rapid calculations, 
tlio second method has a groat advantage. 

There wore a few questions brought up on my paper. The 
first Avas whether you could make an amplifier work something like 
a d-c. gc*norator, self-excuted. If I understand the question, it was 
wliotlier wo c«)uld use feed-back to got more amplification without 
disfortioii (I am putting this in to language that is more familiar 
to radio fans). I have never tried in any thorough way to do it and 
I don’t know what the possibilities are, I can say, certainly, 
that il. is pretty difficult and it is questionable whether it is really 
<1esirabl(». 11 is so ea.sy to get all the amplificafion you need in the 


regular way that it hardly seems worth while to go to the dif¬ 
ficulties that you encounter with feed-back when you try to make 
the feed-back aperiodic. 

The question was brought up as to the number of modulators. 
I Avas somewhat surprised when I began making calculations on 
the subject to find how the ease stood. I think it is no doubt true 
that a good many stations do not employ more modulators than 
they have oscillators, and I think they ought to. Of course, 
that is tied up with the question of how heavy modulation is 
being attempted. That subject is discussed in the paper. 
It is a debatable question how deep modulation is desirable. 
But the point I wanted to bring out was that if you are going to 
attempt to use as heavy modulation as is very commonly em¬ 
ployed, and considered by many to be desirable, then you need 
plenty of modulator capacity. It isn’t my purpose to say how 
many anodulator tubes are needed, but just to speak of an excess, 
for the purpose of calling attention to the fact that you need to 
study the tube characteristics and the oscillator impedance and to 
hud out just how many you do need. 

As to working the gi*ids positive, there are possibly cases where 
it can be done to advantage, by suitable circuits you might re¬ 
duce tho distortion introduced in that way to as low a limit as is 
necessary, but the task is not simple. In Pig. 2, for example, I 
liave plotted the grid current to the same scale as the plato cur¬ 
rent, and if you figure out tho resistance corresponding to the 
slope, you will find that by tlie time you have the grid 20 volts 
positive, which won’t extend your range very much, you are down 
to a grid impedance of 2500 ohms, which would be a heaAry load 
on tho plate of tho preceding tube, Avith which you are trying to 
pusli Ihe grid. The ourA^es as I have plotted them don’t turn 
over, because my abscissas are grid volts, regardless of how much 
current I may have to supply to get the grid voltages. Mr. 
Whiting has suggested a way of plotting tho curves, which will 
take into account the effect of tho grid load, and make apparent 
the distortion whicli results from trying to push the grid positive., 

I accept Mr. Wliiting’s correction of my figure for tlie ratio of 
input to tolophone and loud speaker. It was merely an illustra¬ 
tive figure and I probably put it very mildly. 
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Synopsis,—In connection with carrying out the toll-cable pro¬ 
gram of the Bell Systemt a metallic-circuit polar-duplex telegraph 
system was developed. The metallic-return type of circuit lends 
itself readily to the cable conditions^ its freedom from interference 
allowing the use of low potentials and currents so that the telegraph 
may be superposed on telephone circuits. The new system repre¬ 
sents an unusual refinement in d-c. telegraph circuits^ the operating 
current being of the same order of magnitude as that of the telephone 
circuits on which the telegraph is superposed. 

The following are some of the outstanding features of the present 
systeyn. SenMtive relays with closely balanced windings are em¬ 
ployed in the metallic circuity and '*vih'ating circuits'^' are pro¬ 
vided for minimizing distortion of signals. Repealers are usually 
spaced about 100 miles apart. Thirty-four-volt line batteries are 
used and the line current is four or five milli-amperes on representa¬ 
tive circuits. Superposition is accomplished by the compositing 
method which depends upon frequency discrimination^ the tele¬ 


graph occupying the frequency range below that of the telephone. 
New local-circuit arrangements have been desig7ied, employing 
polar relays for repetition of the signals; these arrangements are 
suitable for use in making up circuits in combination with carrier- 
current and ground-return polar-duplex telegraph sections. New 
forms of mounting are employed in which a repeater is either built 
as a compact unit or is made up of several units which are mounted 
on I-beams, and subsequently interconnected. In the latter case 
the usual arrangements for sending and receiving from the repeater 
are omitted, and a separate '^monitoring'* unit provided for con¬ 
nection to any one of a group of repeaters. 

The metallic system is suitable for providing circuits up to 1000 
unites or more in length, the grade of service being belter than that 
usually obtained from ground-return circuits on open-wire lines 
for such distances. About 55,000 miles of this type of telegraph 
circuit are in service at present. 
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Introduction 

HERE has been developed recently by the Bell 
System a low-current metallic telegraph system, 
of the polar-duplex type, which is suitable for 
superposition on telephone circuits in long small-gage 
cables. In certain sections where long-distance toll 
traffic is heavy, it becomes desirable, from the stand¬ 
points of economy and continuity of service, to employ 
such cables to replace existing open-wire lines and to 
provide for future growth. The new telegraph system 
is being applied on a considerable scale in connection 
with the toll cable syston, the general features and 
telephone arrangements of which have been described 
in previous papers.* The present paper outlines the 
general features of the metallic telegraph system and 
the method of superposing telegraph circuits of this 
type upon “two-wire” and “four-wire” telephone cir¬ 
cuits in small-gage cables. 

The metallic-retira or two-wire type of telegraph 
circuit was chosen in preference to the ground-return 
type because it appeared to offer a more straightfor¬ 
ward solution of the technical problem and to be more 
economical, sufficient cable conductors being available 
as a result of the telephone requirements. On a long 
telephone circuit in a small-gage cable it is necessary 
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to employ a number of repeaters with comparatively 
large amplification and also to insert loading coils in the 
line at short intervals. As a result, the interference 
from superposed telegraph would be excessive unless 
the telegraph voltages and currents were kept far below 
the values ordinarily employed for ground-return tele¬ 
graph. To allow the use of small currents and poten¬ 
tials with ground-return telegraph would require the 
development of arrangements for neutralizing differ¬ 
ence in earth potential and inductive interference from 
telegraph' circuits in the same cable as well as from 
power circuits. It will be evident that a metallic tele¬ 
graph circuit possesses certain transmission advantages 
over a ground-return telegraph circuit in the same way 
that a metallic telephone circuit possesses advantages 
over a ground-return telephone circuit. 

This development resulted in a telegraph system 
which in some ways is unique in its refinement. The 
telegraph line currents are of the same order of magni¬ 
tude as those of the telephone circuits which use the 
same wires. Although cable is fundamentally much 
less favorable to telegraph transmission than open 
wire, one mile of small-gage cable having as much 
effect as many miles of open wire, the present system 
affords satisfactory operation on each pair of the cable 
for distances up to 1000 miles (1600 km.) or more. 

Two improved forms of mounting are employed; 
in one of these a repeater is built as a single self-con¬ 
tained unit and in the other a repeater consists of sev¬ 
eral units mounted oh upright I-beams. The relays 
are quiet in operation and sounders are normally made 
inoperative mechanically as they are seldom used. Al¬ 
together, a metallic repeater office bears little resem¬ 
blance to the older typeof office with apparatusmounted 
on tables and hundreds of sounders in operation. 
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Principles op Operation 

In describing the general principles upon which the 
present telegraph system operates, it will be convenient 
to evolve it from the famili 2 ir ground-return polar- 
duplex system, the essential features of which are illus¬ 
trated in Fig. 1. It will be seen that at each end of the 
line circuit th^e are provided a transmitter and a re- 



Fig. 1—Differential Duplex on Grounded Circuit 


ceiving relay. The operation of the transmitter sends 
current into the line and the artificial line, one polarity 
being used for "marking’' and the other for “spacing.” 
If the artificial line has the same impedance as the real 
line, there will be no effect upon the receiving relay, 
since the latter is connected differentially. Currents 
received from the transmitter at the distant station 



will, however, cause the receiving relay to operate. 

• The arrangement, therefore, makes it possible to send 
telegraph signals in either direction, or in both direc¬ 
tions simultaneously. 

In Fig. 2 the ground-return is replaced by a second 
line wire so that the circuit is now a metallic circuit. 

Fig. 3 differs from Fig. 2 only in that each receiving 



Fig. 3—Symmetrical Differential Duplex on Metallic 

Circuit 


relay has its windings divided into four parts instead 
of two, making the circuit symmetrical. 

For actual operation involving the working of a num¬ 
ber of circuits in a given office from the same set of 
batteries, it is dearable to make a connection to ground 
at each stotion at the point G ^ shown in Fig. 4. These 


connections stabilize the system and facilitate the clear¬ 
ing of accidental grounds. Although this results in 
unbalancing the currents in the circuit, there is sub¬ 
stantially no effective change in the metallic or two- 
wire operating currents if the line and apparatus are 
well balanced, and. this arrangement has the essential 
characteristics of an actual metallic telegraph circuit. 
It may be helpful, however, to consider that the upper 
wire is employed for the transmission of signals and the 
lower wire is used to carry only neutralizing current to 
offset the effect of currents in the upper wire which are 
due to earth-potential differences and voltages to 



Pig. 4—^Metallic Duplex Circuit—Single Commutation 


ground caused by induction from power or telegraph 
circuits. Since each pair in the cable is closely bal¬ 
anced, encloses a small loop, and is frequently trans¬ 
posed by twisting, it will be apparent that the currents 
due to interference are practically equal in the two 
wires, flowing in the same geographical direction and 
therefore do not affect the balanced relays. 

Fig. 5 shows another arrangement of a metallie tele¬ 
graph circuit in which the transmitter comprises two 
tongues, reversing the coimections to a single battery 
instead of switching between two different batteries as 
in the case of Fig. 4. The ground connection at the 

4-Winding 



Fig. 6—^Metallic Duplex Circuit—^Double Commutation 

midpoint of the battery at each station is for the pur- ■ 
pose of stabilizing the system and facilitating the dear- 
ing of trouble. 

Circuits of the type shown in Fig. 5 were first de¬ 
veloped and put into extensive use in preference to the 
t 3 T)e shown in Fig. 4, largely for the reason that it was 
not at first practicable to obtain sufficiently close bal¬ 
ance of relay windings. With improved relays, tele¬ 
graph repeaters have been designed to operate on the 
basis of Fig. 4, effecting certain economies. These two 
arrangements, which are known re^ectively, as “double 
co mmu tation” and “single commutation,” may be 
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operated one against the other in a telegraph repeater 
section. 

The local circuits of the repeaters are arranged so 
that they may be conveniently set up either for simul¬ 
taneous operation in both directions (known as full- 
duplex) or for operation in only one direction at a time 
(c^ed half-duplex), the latter giving the same commu¬ 
nication facilities as a simple open-and-close Morse 
telegraph circuit. 



Genebal Features 

As in the case of other telegraph systems it is neces¬ 
sary to subdivide a long circuit into sections by means 
of repeats to avoid the use of excessive potentials and 
to limit the distortion of signals. For repetition be¬ 
tween two metallic cable circuits a simple arrangement 
called a “through repeater” is employed. The equip¬ 
ment used at the end of a metallic telegraph circuit is 
known as a “terminal repeater.”' 

The metallic polar-duplex system operates with a 
potential of 34 volts, requiring one 34-volt battery for 
double-commutation and two such batteries for single¬ 
commutation. Where both are used in the same ofRce, 
one of tile single-commutation batteries may be used 
for double-commutation, this being equivalent to the 


over the derived phantom circuits when the latter are 
not in use for telephone service. The maximum dis¬ 
tance between two consecutive repeaters is about 120 
miles (195 km.) on 19-gage, composited pairs, or 160 
miles (260 km.) on 16-gage. For non-composited cir¬ 
cuits the corresponding distances are about 140 miles 
(225 km.) and 190 miles (305 km.) respectively. The 
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Fig. 8—Impbdanob op Line and Artipioiai, Line 


average telegraph repeater section is about 100 miles 
(160 km.) in length as a result of the telephone require¬ 
ments in connection with locating repeater stations. 
In some cases the telegraph is operated over non- 
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Pig. 1 —^Artificial Line for 19-Gauge Circuit Loaded with 
0.174 H. Coils at 6000-Foot Intervals 


regular arrangement with a ground potential of 17 volts 
in addition. The batteries are ordinarily “floated.” 
Tungar rectifiers are gaierally used, without causing 
any noise in the telephone circuits. 

The telegraph current in the cable circuit, with the 
batteries at tiie two ends aiding, is from about 3 to 16 
milliamperes depending on the resistance of the line 
circuits. With the batteries opposing, the current 
is, of course, practically zero. 

The small-gage <iables are made up of No. 16 and 
No. 19 B. & S. gage (1.29 and 0.91 nun. re^ectively) 
copper conductors, and tiie metallic telegraph system 
may be opiated over conductors of either gage, or 


To 
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Fig. 9—Vibrating Circuit 


loaded circuits, such conductors being available before 
loading coils have been applied to all wires of the cable. 
The telegraph transmission is practically the same on 
non-loaded and loaded circuits. 

For maintaining an impedance balance, which, as 
brought out previously, is essential for polar-duplex 
operation, two different types of artificial line are used: 
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a flexible line with adjustable resistances and capacities 
adapted to balance any type of small-gage cable circuit, 
and a less flexible line having resistances as its only 
variable members and designed to balance accurately 
only 19-gage circuits with a certain type of loading. 
The first t 3 T)e of artificial line is shown schematically 
in Fig. 6 and the second in Fig. 7. The fonner balances 
with sufficient accuracy for full-duplex operation any 
circuit which does not contain intermediate compositing 
equipment. It also balances, well enough for half¬ 
duplex operation, circuits containing intermediate 
compositing equipment. The second type of line can 
be used for full-duplex service with only the type of 
circuit for which it was designed and for half-duplex 
with a limited variety of circuits. It is not so flexible 
therefore, as the other type. Howevo", it is consid¬ 
erably cheaper and is somewhat easier to adjust, since 


constant as the frequency is further increased. At 
the lower frequencies the effect of the distant terminal 
apparatus is, of course, large. Cmwes for non-loaded 
lines are similar except that at the higher frequencies 
the resistance is lower and the reactance higher. 

A feature which has an important effect on the 
quality of the received telegraph signals is the “vibra¬ 
ting circuit” which was devised originally by Gulstad. 
This circuit comprises two auxiliary windinp on the 
receiving relay, a condenser and two resistances as 
illustrated in Kg. 9. A current through the resistance 
branch of the vibrating circuit moves the relay arma¬ 
ture to the opposite contact when the effective operating 
current, in reversing, approaches zero value. While 
Hie armature is passing between contacts, the con¬ 
denser in the other branch partially discharges through 
both windings in sories, the discharge current acceler- 




NOTES 

A and B ana windings 
and armatures cf four 
209-FA,relays 
respectrlveiy. 


Fig. 10 —Through Repeater 




to obtain a balance it is necessary only to secure a cor¬ 
rect d-c. or resistance balance with the three adjustable 
resistances approximately equal. This line is built in 
H sections so the structure is similar to that of the real 
line; the effect of the loading coils on the impedance 
is simulated however, by the resistances in the three 
bridged members. Since in cable circuits leakage is 
negligible and the only effect of temperatui^ changes 
is variation in resistance, the only adjustable members 
required in the latter type of artificial line are the three 
series resistances. 

Curves of resistance and reactance versus frequency 
are shown in Fig. 8, for a representative metallic line 
section and the corre^onding artificial line. It will 
be noted that there are large variations in these im¬ 
pedance components in the frequenpy range from zero 
to about 30 cycles per second, and they tend to become 


ating the armature. As soon as the armature touches 
the other contact, a transient current completing the 
discharge of the condenser and charging it in the oppo¬ 
site direction holds the armature firmly against this 
contact until the operating current has had time to 
become large enough to assume control. The vibrating 
circuit ther^ore increases the sensitivity, reduces the 
time of armature travel, lessens chatter of the arma¬ 
ture contacts and makes the operation of the relay 
more positive. Furthermore, the constants of tiie 
vibrating circuit are so proportioned as to minimize 
distortion of signals, the relay being caused to operate 
near the steepest part of the received current wave. 

The receiving and transmitting relays used in metal¬ 
lic telegraph repeaters are the 209-F A and 215-A re¬ 
lays, respectively, which are being described in a separ¬ 
ate paper. The former is a highly sensitive polarized 
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relay, furnished with vibratmg windings, whereas the 
latter is of the same general construction but less sensi¬ 
tive and has no vibrating windings. The 215-A relay 
is also used in the arrangements provided for facilitating 
“breaking.” In cases where a terminal repeater is 
operated between a ground-return circuit and a metallic 
circuit, relays of this type function as receiving relays 
for the ground-return section. 


local circuit. Polarized sounders and other monitor¬ 
ing features similar to those in the through-type set are 
provided. The local circuit arrangements are •de¬ 
scribed in detail in the next section. 

Local Circuits 

To avoid supplying battery at outlying points and 
to facilitate setting up and changing circuits which 
have a number of stations in the same locality or have 



yio. 11 —Tbsbuktal Refeateb—^Pull-Duplex Local Cibcuits 


The through-type repeater is a direct-point repeater; branches, a two-wire circuit or “loop” is extended from 
the armatures of sensitive polar relays, operated by the repeater office to each operator’s station. For 
the line current from one direction, repeat the signal the marking or closed condition the current is approxi- 
(differentiafiy through the windings of the opposite re- mately 60 milliamperes and for spacing it is zero, 
ceivingrelays) into the other lineintheoppositedirection. For full-duplex service the arrangement is simple, 

A simplified diagram of this repeater is shown in involving the use of a receiving loop and a g<=>n<iing loop 
Fig.lO. Thisrep^terisafim-duplexrepeaterbutisused as shown in Fig. 11. In the receiving loop the bat¬ 
on half-duplex circuits without change. As shown, teries are aiding when the line relay tongue is on mark- 



Pic. 12 ^Tbbminal Rbpeateb—Halp-Duplbx Local Cibcuits 


two polarized sounders are provided for reading signals, 
and a telegraph key controls the operation of local 
neutral relays, designated monitoring relays, maTrin^ 
it possible to send into either line independently, or 
in both directions at once. 

The termmal-type repeater is also a direct-point re¬ 
peater and is used to repeat signals between a metallic 
cable section and either a ground-return circuit or a 


ing, and opposing when it is on spacing. Signals may, 
therefore, be received by the operator by Tripf iTi ,c^ of an 
ordinary Morse (neutral) relay or main-line sounder. 
The sending loop is opened and closed by the oper¬ 
ator’s key in sending out signals. The sending relays 
^ of the polar type and may be considered to have a 
biasing circuit which includes the battery connected 
to the apex point, Uie lowm- windings and the artificial 
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line. When the key is closed the effect of the biasing 
current is overpowered by the loop current, as the latter 
is twice as great. When the key is opened the biasing 
current moves the relay armatures from marking to 
spacing. 

For half-duplex service, a single loop is used for 
both sending and receiving as depicted in 'Fig. 12. 
Signals are sent out in precisely the same manner as in 
full-duplex and do not affect the metallic line relay on 
account of the balanced duplex connection. The 
sending relays, although connected in the loop, are un¬ 
affected by received signals as they are differential as 
regards current from the receiving relay tongue. This 
is in fact a duplex connection, and it allows the working 
of the grounded side of the terminal repeater directly 
into a long circuit having a standard ground-return 
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peated back into the line, reversed. This would result 
in a slow and uncertain break. 

In using two terminal repeaters to eonneer an oper¬ 
ator’s office at an intermediate point to a metallic cir¬ 
cuit, the loop or loops are connected in tandem between 
the two repeaters. In full-duplex the sending leg of 
one repeater is connected to the receiving leg of the 
other, and vice versa, with a loop in series with each 
connection. In half-duplex the .two local circuits are 
connected together with the loop in series, and at one 
repeater, batteries on the receiving relay contacts are 
reversed and the connections to the loop and biasing 
windings of the sending and break relays are inter¬ 
changed! 

Local circuit arrangements of the type just de¬ 
scribed make the metallic repeaters suitable for use in 



Fig. 13 —Terminal Repeater 


polar-duplex repeater at the distant station. A suit¬ 
able artificial line is provided for this purpose. 

To facilitate interruption of the sending operator 
by the receiving operator a "break relay” is also pro¬ 
vided, operating simultaneously with the sending re¬ 
lays. To understand its function, assume the key in 
the loop to be opened; as soon as a marking signal is 
received from the line, the sending relay armatures 
will be moved to spacing due to the current in the bias¬ 
ing windings and the absence of current in the loop. 
The break relay at the same time connects marking 
battery to the spacing contact of the receiving relay 
so that no matter what signal impulses are subsequently 
received from the line the sending relays will be un¬ 
affected. If the break relay were not used, incoming 
signals would operate the sending relays and be re¬ 


combination with the carrier-current and ground- 
return polar-duplex repeaters used in the plant. This 
flexibility has been secured by designing the loop cir¬ 
cuits to operate with 60 milliamperes current for mark¬ 
ing and zero for spacing. Briefly, the flexibility neces¬ 
sary to permit of setting up long circuits with branches 
is in no wise sacrificed by the use of the several systems. 

The essential features of the circuit of the 
terminal-repeater are shown schematically in 
Fig. 13. 

For convenience in testing and in patching circuits 
the loop is connected to the telegraph repeater through 
a series of jacks at the "Morse board” called a “Morse 
line terminal.” The latter consists of a number of 
jacks for inserting loops in series and testing the bat¬ 
teries and circuit in case of trouble. 
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Superposition on Telephone Circuits by Com¬ 
positing 

In superposing the metallic telegraph on telephone 
circuits, the well-known "compositing” method is 
used. This is based on frequency discrimination, the 
telegraph occup 3 dng the range below that of the tele¬ 



phone. For satisfactory results, the telegraph and the 
telephone arrangements, including signaling, as well as 
the composite sets, must be designed in conjunction 
with Uie line circuits so as to avoid serious interference 
between telegraph and telephone. Furthermore, the 
compositing means anployed should have -but little 


circuits have to be considered. The second kind of 
interf^ence is the flutter effect^ due to the fact that 
rapid changes in the telegraph currents momentarily 
increase the effective resistance of the loading coils, 
thereby varying the attenuation of the circuit at tele¬ 
phone frequencies. 

The telegraph branch of the composite set (see Fig. 
14) consists of series inductance and shunt capacity 
and therefore offers to line currents of telephonic fre¬ 
quencies high impedance and attenuation. It has 
little effect upon the low frequencies required for satis¬ 
factory telegraph transmission, and at the same time 
sufficiently attenuates the higher frequency compo¬ 
nents of the telegraph waves to avoid excessive thump. 
In order that the telegraph branch may be effective in 
reducing thump voltages in the phantom circuit, the 
two windings of the retardation coil are made with a 
negligible mutual inductance, and the bridged capacity 
consists of two balanced condensers with the midpoint 
grounded. It has been foimd necessary to make this 
retardation coil of very stable inductance by using a 
comparatively large amount of iron, since a coil with 
less stable characteristics would cause excessive thump, 
due to the generation of harmonics. 

The telephone' branch consists of series condensers 
and a low-inductance repeating coil or transformer and 



Pig. 15—Intbrmbdiatb Compositing Abhangements 


detrimental effect on the transmission of the three 
forms of communication operating separately, and 
must not upset the sjnnmetrical circuit arrangement 
upon which freedom from external interference depends. 

Interference from telegraph and telephone manifests 
itself in two ways. The first-of these is telegraph 
“thump” which is the name given to a low-pitched 
noise in the telephone due to a small part of the tele¬ 
graph current passing through the telephone branch 
of the composite set and altering the telephone appara¬ 
tus. The thump, in addition to being audible, may 
effect lie telephone signaling equipment to the extent 
of causing false rings. In addition to the thump at the 
transmitting end of the circuit, thump is produced at 
the receiving aid by the vibrating circuit through 
tra^onner action of the relay windings. In pro¬ 
viding protection from thump, both phantom and side 


has high impedance and attenuation for line currents 
of telegraph frequencies, but has little effect upon tele¬ 
phone transmission. It supplements the tele^ph 
branch in reducing thump and also serves to limit 
mutual interfa-ence between telephone signaling and 
telegraph. The repeating coil is also used for deriving 
the phantom circuit in the usual manner. 

The composite set is sufficient to limit receiving-end 
thump to a harmless amount, but greater protection is 
necessary against sending-end thump. In order that 
the additional equipment for this purpose may have 
the minimum effect on telegraph transmission, it is 
placed in the transmitter branch where it affects out¬ 
going signals only. It consists of series inductances 
and bridged capacities to suppress the high-frequency 

4. Paper by Martin & Fondiller, Tbants actions A. 
February 1921, page 653. 
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components of the telegraph impulses as in the com¬ 
posite set; the mutual inductance of the coils is made 
^all so that they may be effective in reducing thump 
in the phantom circuit. In single-commutation re¬ 
peaters, another coil is necessary in the transmitter 
br^ch to prevent excessive phantom circuit thump. 
This coil is connected with its windings parallel-aiding 
as regards the phantom circuit and therefore is series- 



PiG. 16 —Installation of Metallic Telbgbaph Repeaters— 
Terminal Type 


opposed or non-inductive for the metallic telegraph op¬ 
erating currents. An examination of the circuits will 
show that in double-commutation, operation of the 
telegraph impresses voltage on the phantom circuit 
only if the two transmitting tongues fail to operate in 
exact s 3 mchronism; in single-commutation, voltage is 
impressed on the phantom circuit by the nonnal opera¬ 
tion of the transmitter, since the telegraph current, 
being unbalanced, has a large longitudinal component. 

To preserve the duplex balance when using a com¬ 
posited line, a composite balancing set, consisting of a 
series coil and a bridged condenser, is provided for in¬ 
sertion in the artificial line branch as shown in Figs. 
10 and 13. 

To protect the receiving relay from interference from 
the 136-cycle current used for telephone signaling, a 
resonant shunt is bridged across the telegraph set on the 
line side of the receiving relay and a balancing shunt is 
bridged across the set on the artificial-line side. A 
single coil is made to serve for both of these shimts, 
one winding being placed in the line side and the other 
in the artificial-line side. 

Twenty-cycle ringing current, which is used for sig¬ 
naling in the local terminal equipment of the telephone 
circuit, and operation of the telephone receiver switch- 


hook, give rise to transient currents which tend to harm 
telegraph Remission. To minimize this effect, a 
condenser is connected between windings of the re¬ 
peating coil. 

Since metallic telegraph repeaters are spaced about 
100 miles (160 km.) apart and telephone repeaters on 
many circuits about 50 miles (80 km.), means must be 
provided for passing the telegraph currents around the 
intfflmiediate telephone repeaters. . This is done by in¬ 
serting an “intermediate” composite set on each side 
of the telephone repeato and connecting the telegraph 
branches together through a “by-pass” set. This 
arrangement is shown in Fig. 15. The intermediate 
coinposite set is very similar to the terminal composite 
set. The by-pass set consists of a retardation coQ of 
high inductance and little mutual inductance between 
windings, with or without a resonant shunt. The pur¬ 
pose of this by-pass set is to keep the fl.Tw plifi r»Htion 
characteristic of the telephone repeater from being 
affected by currents feeding back through the tele¬ 
graph branches of the composite sets from the output 



Fig. 17 —^Metallic Telegraph Repeater—^Terminal Type 


into the input of the telephone repeater. For four- 
wire telephone circuits, on which repeaters work with 
comparatively high amplification, it is necessary to 
bridge a shimt, resonant at about 136 cycles p^ second, 
at one end of the by-pass to prevent excessive feedback 
at 135 cycles per second and neighboring frequencies. 
It is grounded in the middle and two coils are provided, 
connected so that one will be effective for the side 
circuit and the other for the phantom circuit. For 
two-wire telephone circuits the resonant shunt is 
unnecessary. 
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EQtJiPMBNT Arrangements 
The terminal-type repeater is assembled as a com¬ 
plete unit at the time of manufacture and therefore the 
installation work consists only in arranging the re¬ 
peaters in rows and connecting the line conductors, 
loops and batteries to the terminal strips. A typical 
installation is shown in Fig. 16. A terminal and a 
through repeater are shown in Fig. 17 and Fig. 18, 
respectively. 

The artificial-line equipment is mounted in the upper 
section of the repeater. Condenser switches, dial- 







Fig. 18—Metallic Telegraph Repeater—Through Type 

type resistance switches, milammeters and miscellane¬ 
ous keys are mounted on a hinged panel of insulating 
material. On the back of the panel, immediately 
behind the dial switches are the associated resistance 
units. The condensers which , form' part of the arti¬ 
ficial line are stacked up in the space immediately 
behind the panel. The apparatus in the artificial line 
section is divided, so that the equipment which balances 
the cable pair is on the right side and that associated 
withthelooporground-return section is on the left side. 

Below the hinged panel is the keyshelf, on which are 
mounted the loop and line sounders and the monitoring 
telegraph key. At the rear of the keyshelf and fast¬ 
ened perpendicularly to it is a panel on which are 
mounted the switching keys for controlling the battery 
coimections and for arranging the. repeater to work 
unde* various circuit conditions. Underneath the 
keyshelf is a section for the condensers in the trans¬ 
mits branch, the spark-killers and the vibrating 
circuit. 

In tile lower section of the repeater is a small mount¬ 
ing plate carrying the relays and the resistance units 
associated with the spark-l^ers and vibrating circuit. 


The lower end of this mounting plate is hinged ^ that 
it may be swung fomard, thereby giving access to con¬ 
nections of apparatus mounted on it. Below this is a 
terminal strip for the lines, batteries and the sending 
and receiving legs. Below the terminal strip and just 
above the floor are the retardation coils used in the 
transmitter branch. 

A terminal repeater stands 62 in. (1.57 m.) high and 
occupies a space 14 in. (36 cm.) wide and 12 in. (30 
cm.) deep and weighs about 220 lbs. (100 kg.). The 
keyshelf is about 40 in. (1 m.) above the floor. On the 
top of the repeater is mounted the operator’s 
“calling-in” lamp. 

The floor-mounted tsqie of through repeater has the 
same equipment assembly for both the east and west 
sides and these are practically the same as the portion 
of the terminal repeater which operates on the cable 
section. The equipment in the right-hand section of 
the through panel is for repeating signals from the east 
line to the west line, and the left vice versa. This re¬ 
peater weighs about 230 pounds (105 kg.) and occupies 
the same space as a tominal repeater. 



Pig. 19—^Back-Mounted Metaluo Tblbgbaph Bepeatees— 
Through Type 

The rack-mounted through repeater was developed 
after expaience with the floor-type had shown how 
little monitoring attention was required. For that 
reason the repeater was simplified by the elimination 
of the line meters and monitoring apparatus. A unit 
termed a “monitoring unit” is provided for a group of 
about seven repeaters, and it can be coimected into 
any one repeater by means of cords and plugs. A rack- 
t 3 q)e repeater consists of three units, the relay and 
transmitter-branch unit, the balancing-composite unit. 
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and the artilici:il-lini> iinii. Kueh of these units con¬ 
sists of a steel panel with necesstiry apparatus, arranged 
for mounting on two upright standai-d T-beams, thus 
forming a bay.” Generally 1 here are four repeaters, 
or three repea(<‘rs ami a monitoring panel per bay. Fig. 
IM sliovvs an arrangeim-nt of repeaters on racks having 
a height ol about !t0 in. (2.3 m.). This type of repeater 
is sui)plie(l for single-commutation operation only, 
wheitsis both forms of ‘‘lloor-mounted” repeaters are 
supi)liud for tlouble-commutation operation. Con¬ 
siderable economy in lirst cost and maintenance is 
.secur(‘d by tin* u.se of this rack-mounted equipment. 

()PKKATH)N AND MAINTENANCE 

'Phe met.alli(! telegraph repeaters require compara¬ 
tively little jittention on the part of repeater attend¬ 
ants. Under normal o])eniting conditions one man 
takes charge of about 24 terminal repeaters or 40 
through repeaters. The dutie.s of the repeater attend¬ 
ants con.sist mostly in maintaining satisfactory impe¬ 
dance buhuKT of the artificial lines against the real 
lines. 'Phis balance is, of course, more exacting for 
full-duplex 0 |)eratian than for half-duplex. The capac¬ 
ity balance varies only a slight amount. Variations in 
resistance balance are eau.sed by temperature changes, 
the average ilaily variation being about 6 per cent. 
The differential milammeter is used as an indicator in 
determining tin* resistance and capacity values required 
to obtain a balance. 

'Phe wiuipment maintenance work required for these 
repeaters is exceedingly small. For a typical installa¬ 
tion of 200 r<>peatcrs, the adjustment of relays and 
general maintenance will nece.ssitate not more than 
four or five man-hours per day. 

The maintenance schedule for adjusting the relays 
is somewhat variable, depending upon the type of cir¬ 
cuit in which they are operating. In general, a 209-FA 
relay in aterminalrepeaterwillgiveuninterruptedservice 
for two to three month.s and in a through repeater for 
four to .six months. 'Phe 215-A relays are adjusted 
about every three weeks when used as “break” relays 
and every six months operating as pole-changing relays. 

With profier maintenance the transmission of the 
metallic telegraph .sy.stem is such as to furnish high-grade 
half-duplex manual service for distances up to 2000 miles 
(3200 km.; or more. For the longer distances, the sig¬ 
nal propagation time is increased to an amount which 
makes the time required to “break” appreciable, but 
not objectionable. For half-duplex printer operation 
the metallic circuits are satisfactory for speeds up to 
about 19 dots per .second, which corresponds to about 
300 characters per minute for the start-stop type of 
printer. 

For full-duplex service, the metallic system affords 
very good transmission with manual operation for dis¬ 
tances up to 1000 miles or more. With careful main¬ 
tenance of duplex balances, such a circuit is satisfac¬ 


tory for full-duplex printer operation at speeds up to 
about 16 dots per second, corresponding to about 260 
chameters per minute for start-stop printers and 385 
for multiplex printers. 

It is of interest to note that metallic circuits in cable 
are much more dependable and less subject to inter¬ 
ruption than open-wire circuits. Such data as are 
available indicate that the annual lost time on a long 
metallic cable circuit is only about one-tenth as great 
as that on a ground-return polar-duplex circuit of the 
same length over open wire. 

Commercial Use 

At the present time there are in operation in the 
Bell System about 55,000 miles (89,000 km.) of metallic 
telegraph circuits of this type of which 30,000 miles 
(48,000 km.) ai’e worked on a composited basis. Ap¬ 
proximately 20 per cent of the total mileage is operated 
full-duplex. There are now installed in the plant about 
430 through repeaters and 1050 terminal repeaters. 


Discussion 

R. N. Nicelys In c<»mu?ction with the extensive toll cable 
program of the Bell System, it has of course, been liighly desirable 
that satisfactory methods bo made available for utilissing the cable 
facilities for telegraph as well as for tolophono service. This has 
binm accomplishod by the doveloi)mont of the metallic polar- 
duplex telegraph systisrn and tho voice-frequency carrier tele¬ 
graph system. Each of these systems is adaptable to operation 
under widely varying cable circuit layout arrangements and each 
has certain cliaraeteristics which make it particularly suitable 
for use in connection with different specific requirements. In 
actual practise, each of the systems is a valuable suj^plement 
to tile other. 

The metallio polar-duplex system, in addition to being exten¬ 
sively used on long trunk-cable routes, is well adapted to tele- 
graph-circuit distribution from largo centers to outlying towns 
or cities reached by cable os well as to telegraph stations at tho 
center itself or at outlying points reached by aerial wire circuits. 

The metallio system is of value also during tho construction 
of long toll cables wliich, as in the case of tho Nenv York-Ohicago 
cable, may be oxtondod over a period of several years. As tln^ 
cable is extended it is of course, desirable that heavily-loaded 
iwirial wire linos on or near tho cable route bo lightened by trans¬ 
ferring at least a part of the circuits to completed sections of tho 
cahlo. The metallic tolograioh repeater being adapted for oponi- 
tion on metallic caldo circuits in one direciioti and on iw^rial wire 
or grounded cable eixYiuits in tlm other, is particidarly well suified 
for use at points whore tho two types of circuits are joined. 
Furthermore, tho metallic repeater being a practically self-cuu- 
taiiied unit, may bo readily moved from point to point if desired, 
as the cable construction advan<5(?s/ 

With the metallio telegraph system, intermediate repeaters 
are in general, required at more froqumit intervals than is the 
case on aerial wire telegraph circuits but, owing to the greater 
stability of tho cable circuits, this apparent disadvantage is 
offset by tho very small amount of equipment adjtistmont re¬ 
quired by the metallic apparatus during op< 3 ration. 

J. H* Belli To an old-time tralegraph man used to the noises 
in a large telegraph office, a visit to one of the small-gage cable 
telegraph repeater stations where practically all the repeaters are 
of the type described in this paper would be somewhat of a siir- 
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prise. The qmetness of the room is broken only by the click 
of a sounder during periodic tests by the repeater attendants 
listening for a moment or two to passing signals. I believe at 
first it was thought the repeater attendants who had been ac¬ 
customed for so long to the clatter of sounders would take un¬ 
kindly to working in a nice quiet office, but in that regard the 
psychology was wrong. I am safe in saying, I think, that the 
repeater men much prefer the new conditions. 

There is one apparatus unit in the sets to which I would like 
to refer, namely, the dial-type switch for enabling the value of 
capacity in the artificial line to be varied. To one accustomed 
to juggle with five plugs or levers to secure some one of the 
thirty-one possible values of capacity, the convenience of step¬ 
ping round a dial, adding, say, 0.1 micro-farad at each step and 
getting values of between 0.1 and 3.9 microfarads, is immediately 
noticeable and appreciated. One can strike a duplex balance in 
a fraction of the time taken with the older apparatus. 

In regard to the operation of the system, it should perhaps be 
pointed out that the speeds of operation given in the paper do not 
necessarily represent the maximum speeds obtainable. In design¬ 
ing the system the aim was to provide for high-grade service at 
fast hand speed; that is, about 15 dots per second. The vi¬ 
brating circuits are consequently permanently set for operation 
at about that speed so that at higher speeds the vibrating feature 
would probably be detrimental rather than beneficial. 

The most important unit of a telegraph system is the relay. 
One might say it is the heart of the system, so that it is difficult 
to discuss a dew system without making some reference to its 
heart. The sensitive polarized relay described in the paper by 
Messrs. Pry and Gardner was designed primarily for the 
metallic system, although it has been found particularly 


applicable to the voice-frequenoy carrier system and the 
high-frequency carrier system which was described in a 
paper presented at an Institute meeting some years ago. 
With the improvements which have recently been incor¬ 
porated in it, namely, the accurately balanced windings, permal¬ 
loy magnetic material, the new contact material, the anti¬ 
chatter armature, I think we have in it now a high-grade 
polar relay which is likely to be our standard for several years to 
come. 

In the discussion of a telegraph paper before the British 
Institute of Electrical Engineers recently, one of the speakers 
very cleverly compared the art of conununication with the art of 
transportation. He said the telephone was like the passenger 
service, a very personal affair demanding quick ser\dce, whereas 
the telegraph was like the express service, where one hands over a 
message to be transmitted or transported and the operating 
company does the rest. Of course, this simile does not apply 
very aptly to the telegraph service of the Bell System. The Boll 
telegraph service furnishes to each customer or patron a single- 
track or double-track private express railroad for his exclusive 
use, and by the ingenious compositing scheme the same lines 
are made use of for a public passenger service, without any foar 
of collisions. 

Perhaps I may be permitted to borrow the simile and to en¬ 
large upon it by saying that in the metallic cable system and the 
voice-frequency system we have provided for these private 
express railroad services a much improved rolling stock. 

Note: See also discussion on Voice-Frequency Carrier Tele¬ 
graph Systems for Cables, by B. P. Hamilton, H. Nyquist, 
M. B. Long and W. A. Phelps, and Polarized Telegrapli Relays, 
by J. R. Pry and L. A. Gardner. (Page 339.) 
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Synopsis, Carrier telegraph systems using frequencies above 
the voice range have been in use for a number of years on open~wire 
lines. These systems^ howevery are not suitable for long toll cable 
operation because cable circuits greatly attenuate currents of high 
frequencies. The system described in this paper uses frequencies 
in the voice range and is specially adapted for operation on long 


A TELEGRAPH system has recently been deveL 
oped which utilizes the range of frequencies ordi¬ 
narily confined to telephonic communication. 
It represents a special application of the carrier method 
of multiplexing telephone and telegraph circuits, which 
has already been described.* 

The new system has been designed particularly for 
application to four-wire telephone circuits. Installa¬ 
tions have been made at New York and Pittsburgh, by 
means of which ten telegraph circuits are derived from 
one four-wire telephone circuit extending between 
these cities. Additional installations are planned and 
under way in which it is expected that a greater num¬ 
ber of telegraph circuits will be obtained from each four- 
wire telephone circuit. 

Experience in comma’cial service extending over a 
considerable period has fully demonstrated the effective¬ 
ness of this system. 

General Features 

In a general way, the voice-frequency system re¬ 
sembles the high-frequency carrier system for open- 
wire lines, which has been described in the paper re¬ 
ferred to above. The most important differences are 
that the voice-frequency system uses (1) a four-wire 
cable circuit instead of a two-wire open-wire circuit, 
(2) the same frequencies for transmission in both direc¬ 
tions, (3) frequencies of the voice range rather than the 
higher frequencies used in open-wire carrier telegraph 
systems, (4) a multi-frequency generator instead of 
vacuum tube oscillators to supply the carrier currents 
and (5) fixed band pass filters instead of adjustable 
tuned circuits for segregating the several telegraph 
circuits. 

Fig. 2 shows in a simplified manner the essentials of 
the telegraph system under discussion. Reference to 
Fig. 1, which shows a four-wire telephone circuit,* will 
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four-'wire cable circuits, ten or more telegraph circuits being obtain^- 
able from one four-wire circuit. The same carrier frequencies are 
used in both directions and are spaced 170 cycles apart. The car¬ 
rier currents are supplied at each terminal station by means of a 
single mvlli^frequency generator. 

4 : 4: * iN 4c 


make clear how the line portion of the telegraph system 
is derived from such a telephone circuit. As indicated 
in Fig. 1, the four-wire cable circuit uses two pairs of 
wires, one pair for transmission in each direction. 
When a voice-frequency telegraph system is applied to 
a telq)hone circuit the four-wire terminating sets, which 
normally terminate the circuit when used for telephone 
purposes, are removed and voice-frequency carrier 
telegraph equipment is substituted. 

Signal Traced Through System. A general layout 
of the system is shown in Fig. 3 and, in describing the 
operation, reference is made to this figure. The path 
of a signal from the sending operator to the receiving 



operator, on one of the ten two-way circuits will be con¬ 
sidered. To produce a spacing signal the sender opens 
his key (shown at the left of the figure) which causes 
the sending relay to operate so as to short-circuit the 
source of alternating current. To produce a marking 
signal the key is closed, which causes the sending relay 
to operate and to remove the short circuit. This per¬ 
mits the alternating current from the generator to flow 
freely into the filter. This sending filter is so con¬ 
structed as to permit relatively free passage of current 
of frequency near the particular carrier frequency for 
which it is designed. For other frequencies the filter 
practically shuts off the current. 
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After passing through the filter, the current mingles 
with currents from other channels and all are trans¬ 
mitted over the line as a resultant composite current. 
After flowing through the line in this mixed-up condi¬ 
tion, tiie currents encounter the receiving filters which 
resemble the sending filters in that each transmits a 
relatively narrow range of frequencies in the neighbor¬ 
hood of the carrier frequency for which it is designed. 


channels by the receiving filter and (e) their final form 
in the receiving sounder circuit. The points where 
the oscillograms were taken are shown in Fig. 2 at o, b, 
c, d, and e, the cases being correspondingly denoted on 
the oscillograms. 

Carrier Frequencies. The carrier frequencies are so 
chosen as to be odd multiples of a basic frequency of 
85 cycles per second. The lowest frequency used is 



and in that it acts substantially as an open circuit to 
other frequencies. By means of these receiving filters 
the currents are separated and each flows freely into 
its own channel. After passing through the receiving 
filter the current enters the detector whose function is 
to convert the a.ltemating-current signals into direct- 
current signals which are capable of actuating the re¬ 
ceiving relay. The receiving relay in turn, transmits 
direct-current signals to the receiving operator’s 
soimder or local rday. 

This sequence of events is illustrated in the series of 
oscillograms of Fig. 4, which shows the different forms 
of a group of tel^raph signals in the 425-cycle chan¬ 
nel from the time, when as d-c. impulses, th^ flow 
through the sending relay windings, to the time when 
again, as d-c., impulses, they flow through the receiv¬ 
ing relay and sounder circuit. It shows (a) their form 
in the sending .relay and telegraph key circuit, (b) 
^efr translation into alternating cuirent prior to pass* 
ing into the sending filter, (c) their mingling with other 
similar impulses of different carrier frequencites after 
pasmg through the sending filter and on to the line as 
a single resulting wave flowing through the four-wire 
circuit, (d) their form after separation from the other 


the fifth multiple of 85 cycles, that is, 425 cycles per 
second. Starting with this frequency, the carriers are 
spaced at 170-cycle intervals from their nearest neigh¬ 
bors, so that in the ten-channel system the uppermost 



Pig. 4 

frequency is 1955 cycles per second. Each channel 
has assigned to it a range of frequencies 86 cycles above 
and below its own frequency. For example, the chan- 
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nel using a carrier frequency of 1105 cycles has assigned 
to it (lie range between 1020 to 1100 cycles. Choosing 
the carrier freiiuencies in this manner and placing each 
carrier midway in the band of frequencies assigned to 
it, has (he elleet ol giving ma.vijnum discrimination 
against interfering frequencit‘s generated in the various 
vacuum lube repeaters. As is well known, when a 
number of freituencies are transmitted simultaneously 
through a vacuum tube, currents which cause inter¬ 
ference are geiuu-.ited duo to small departures iirom 
linearity on the part of the tube characteristic. Some 
of (he most importanl. of these currents have frequen¬ 
cies eiiual to the sum and diirerence of the frequencies 
of the transrnilted currents taken in jiaira. Since the 
carrier Irequencies are all odd multiples of the common 
frequency, K,5 cycles, It follows that the sum and differ¬ 
ence of ( he fretiuencies are even multiples of 86 cycles 
and (iKTcfore are located midway between the carrier 
fre((uencies. This peiTnils obtaining the maximum 
discri mi nation against, the.se interfering frequencies by 
means of the lilter.s, of which the characteristics are 
.set. forth below. 

'Phe number of carrier telegraph circuits which can 
be deriviMl from a single four-wire cable circuit depends 
on the type of loadingand, to a lesscxtent, on the length 
of the circuit.. 11 has been mentioned above that at the 
prasent. time ten two-way carrier telegraph circuits are 
opera! e<l .simultum'ously over a four-wire circuit be¬ 
tween New York and Pit.tHburgh, a distance of about 
4.00 milifs ((>44 km.). 'Phis is not, however, the maxi¬ 
mum liossiblt* number of telegraph circuits which can 
be derived fnim the type of circuit u.sed with thisinstal- 
lation. Pour-wire circuits which are loaded with coils 
of small inductance transmit a wider range of fre¬ 
tiuencies and are already in use for telephone purposes. 
If .su(.‘h cinmits were used instead of the type employed 
with the present installation, at least fifteen two-way 
earner telegraph circuits could be obtained. 

Description op Apparatus 

(’arriir ('urmil Gmmitor. Vacuum-tube oscillators 
are the source of the carrier current in carrier systems 
previously developed. In this .system, however, all 
the carrier currents for the ten channels are obtained 
from a compact multi-frequency generator driven by 
a motor built into the same housing with the generator. 

The generator is an inductor-alternator designed to 
generate currento of ten different frequencies in ten 
different magnetic circuits electrically independent 
of each other. The machine has two field coils common 
to all the stators. The exciting current for these two 
windings i.s supplied by a storage battery. On the 
pole arc of each stator opposite each of the narrow 
disk-like rotors, mounted in a row on the shaft, are cut 
a number of slots, the number per unit length depend¬ 
ing on the freciuency to be generated. The stator 
windings for each circuit are placed in these slots. The 
rotor belonging with each stator has a corresponding 


group of slots cut in it but no windings are placed in 
these rotor slots. The result is equivalent to ten sepa¬ 
rate alternators except that the field excitation is com¬ 
mon to all. The flux in any stator tooth is greatest 
when a rotor tooth is opposite it and least when a rotor 
slot is opposite it. This variation in flux in the stator 
teeth as the rotor moves induces the voltage in the 
windings on these teeth. All the windings of a given 
stator ajt'e connected in series, so the total voltage gen¬ 
erated in each stator is the sum of theseparatevoltages 
in the several windings. 

A comparatively small generator is able to supply 
carrier currents to several ten-channel systems be¬ 
cause, by using terminal repeatera or amplifiers (Fig. 
3) the amount of energy required to operate each tele¬ 
graph channel is very small, and no channel produces 
any noticeable interference in another drawing current 
from the same stator winding. The terminal voltage 
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of each stator is 0.7 volt and a current of 40 mils may 
be drawn from itwithoutproducing change a in terminal 
voltage sufficient to cause Interference in any telegraph 
circuit drawing current from the same set of windings. 

The driving motor is a small shunt-wound machine 
which receives its energy from a 24-volt storage bat¬ 
tery, The speed of the motor is maintained accurately 
at 1700 rev. per min. by means of a centrifugal type of 
governor which controls the amount of current flowing 
through the .shunt field winding. As the stability of 
the carrier frequencies depends on the constancy of 
the motor speed, it is necessary that the governor con¬ 
trol the speed within narrow limits. 

As a means of checking the speed of the generator 
an electrical frequency indicator is provided. This de¬ 
vice is connected to and indicates the frequency of one 
of the generator circuits. As the frequency of an 
alternator is directly proportional to the speed it gives 
an indication of the correctne.ss of the speed and also 
of all frequencies produced by the generator. 

Filters. Fig. 5 shows the transmission characteris¬ 
tics of the transmitting and receiving filters. These 
filters are designed to transmit* as wide a range in the 
neighborhood of the carrier frequencies as is necessary 
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to secure the desired quality of transmission and at the 
same time exclude interfering currents, whether they 
be caused by foreign interference, direct transmission 
from other channels, or distortion in the repeater tubes. 
The principal interfering currents due to the latter are 
located 86 cycles on either side of the carrier frequen¬ 
cies. The receiving filters have been designed to re¬ 
duce these interfmng currents to about 10 per cent of 
their original value. 

In addition to screening Out any undesired frequen¬ 
cies produced in the generator windings, the sending 
filters have the following more important functions. 
Each sending filt® presents a high and comparatively 
non-dissipative impedance to the currents issuing from 
the other sending filters and also “roimds off” the 
impulses of the modulated carrier wave passing through 
it. The modulation of the carrier current by the 
sender’s key produces what is called a “square” wave, 
that is, a wave containing not only the carrier plus and 
minus the frequency at which the key is operated but 
also the carrier plus and minus a large numb® of 
multiples of the frequency. Some of the component 
frequencies of this transmitted wave not only are fo^md 
unnecessary in reproducing the transmitted signal at 
the receiving end but also lie within the range of adja¬ 
cent'channels and produce interference in them unless 
screened out by the sending filter in the channel in 
question. 

The effect of the sending and receiving filters in 
“rounding off” the modulated carrier wave, that is, 
in screening out the objectionable components of the 
signal wave, is shown by the oscillograms of Fig. 4. 
The combined effect of the two filters on the shape of 
the modulated carrier may be se^i by comparing oscil¬ 
lograms (b) and (d) of this figure, which show respect¬ 
ively the appearance of the modulated wave before it 
enters the sending filter and after passing through the 
smiding filter, over the line and through the receiving 
filter. Another interesting point in connection with 
these oscillograms is the time lag due to the circuit 
which is shown by the relative differences in position of 
the two waves referred ix) above. Owing to the limi¬ 
tations imposed by the ordinary oscillograph all of the 
traces shown in Pig. 4 were not taken simultaneously. 
This accounts for minor inconsistenci^ which are 
revealed by .a careful inspection. 

Detector. The detector receives alternating-current 
signals from the line after the signals belonging to that 
particular channel have been selected by the receiving 
filter. It consists of two vacuum tubes in tandem, 
the first tube (Pig. 3) amplifisdng the received signals, 
and the second converting them into direct-current 
pulses which operate the receiving relay. The receiv¬ 
ing relay then repeats, these telegraph signals into the 
receiving direct-current circuit which contains the 
receiving sounder. 

To improve the operation of the receiving relay a 
device called an accelerating circuit or “kick” circuit. 


such as is used in open-wire carrier-telegraph systems, 
is interposed between the detector tube and the re- 
ceiidng relay. This circuit is obtained by introducing a 
transformerwhose high-voltage side is connected in series 
with the detector tube and a winding of the receiving 
relay and whose low-voltage side is connected to another 
winding of the relay. When the current in the high- 
voltage side is constant, th^e is no current in the low- 
voltage side, but if the former current suddenly 
changes, as at the begiiming or end of a marking signal, 
there is a sudden rush of current in the low-voltage 
circuit which has the effect of causing the relay to oper¬ 
ate promptly and positively. 

Relays. As shown in Fig. 3, the sending and receiv¬ 
ing relays are of the polar type. These relays 
are identical and interchangeable with those used in 
the metallic and open-wire carrier-telegraph systems. 
They are described in the paper on telegraph relays 
which has been prepared for presentation at this meeting. 

Pmer and Testing Equipment. In the development 
of the voice-frequency carrier telegraph system, the 
central thought was the desirability of designing a sys¬ 
tem which would fit into the existing cable telephone 
and telegraph plant. It has been possible to use the 
standard voltages obtainable from the storage bat¬ 
teries in such plants without exception. 

In line with the policy of simplifying this new sys¬ 
tem as far as possible, the amount of auxiliary testing 
apparatus was reduced to a minimum. This policy 
has been assisted by the stability of the cable circuits 
and the use of a multi-frequency generator as a source 
of carrier currents. Only two pieces of special testing 
apparatus are used at each station, namely, the fre¬ 
quency indicator, and a thermo couple voltmeter for 
checking the alternating voltage in each generator 
circuit. 

Line and Repeaters 

As has been pointed out elsewhere in this paper, the 
voic^frequency carrier telegraph system was designed 
primarily for use on small-gage, four-wire cable circuits. 
These circuits are loaded and provided with vacuum 
tube repeaters at 50 to 100-mile (80.6 to 161 km.) in¬ 
tervals, depending on the weight of loading used. The 
repeaters used in long toll circuits are similar to those 
described at an earlier date.® The characteristics of 
the long cable circuits used in voice-frequency carrier 
telegraph transmission have also been described in a 
more recent paper.® 

Equipment Features and Arrangements for Giv¬ 
ing Service 

The apparatus which is associated with each of the 
ten tw^way circuits in this system has been segregated 
according to function and each group of apparatus per- 

5.. Telephone Repeaiere, by Btmcroft Gberardi and Prank B. 
Jewett, Transactions, A.I.E.E., 1919, page 1287, 

6. Clark, Loc. cit. 
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fomng the same function, such as the detector, has 
been mounted on a separate steel panel. Each one 
of these panels forms a unit in itself. This type of 
construction allows the substitution of new apparatus 
performing some particular function in the system 
without an expensive redesign. Thus, it is possible to 



Pia. 7 


install future improvements in the several circuits of 
the system in an economical manner. 

These unit panels are mounted on pairs of vertical 
I-beams and the combination is termed a “bay.” The 
bays are of different heights, depending on the require¬ 
ments of the office in which they are installed. Fig. 
6 shows a line-up of so-called low-type bays (about five 


feet high) in the Pittsburgh office. Each bay in this 
line-up contains sufficient equipment to provide for 
the transmission and reception of signals at the Pitts¬ 
burgh terminal of one of the ten two-way telegraph 
circuits. Fig. 7 shows a line-up of similar equipment 
in the New York office, this layout differing from the 
one in Pittsburgh in that it uses high instead of low- 
bays. Each bay in this line-up contains sufficient 
terminal equipment for two of the ten two-way tele¬ 
graph circuits. 

In addition to the bays described above there are 
three bays, carryingauxiliary equipment. Thisauxiliary 
equipment consists primarily of control and testing 
apparatusfor batteries and carriersupply. Two of these 
bays, namely, thegenerator and carrier supply bays are 
shown in Pig. 8. This figure shows two of the multi- 
frequency generators (one a spare machine) described 
above, and the carrier testing equipment. The control 



Pig. 8 


equipment associated with these machines is moimted 
on the panels above the generator and the frequency 
indicator is mounted on the panel to the right of this 
control apparatus. 

Switching and Monitoring Arrangements 

The monitoring arrangements, which enable the 
attendant to check the quality of signals passing over 
a circuit or to trace trouble quickly and easily, are 
similar to those now in use in the open-wire carrier and 
metallic telegraph systems. These arrangements are 
described in the paper on the metallic telegraph system 
which has been prq)ared for presentation at this meet¬ 
ing and, therefore, will not be given in detail here. In 
a general way it may be said that switches and meters 
are provided to connect the telegraph batteries to local 
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apparatus, to provide either one-way or two-way 
service and to facilitate repeating to other telegraph 
systems. 

Capabilities op System 

Field tests over the New York-Pittsburgh system 
have shown that each telegraph circuit derived there¬ 
from is of high grade, allowing signal speeds of 35 to 
40 cycles per second. That is, with machine sending, 
it is possible to transmit 140 to 160 words per minute 
(five letters and a space per word) each way over each 
telegraph circuit. Considerably higher speeds may of 
course be obtained by widening the frequency range 
assigned to each telegraph circuit. 

The New York-PittsWgh system may be used in 
connection with a multiplex printing telegraph system 
and three prints messages may then be sent simul¬ 
taneously in either direction on each carrier circuit. 
Assuming 50 words per minute as the working speed 
for each of the three printers a total of 1500 words per 
minute could be transmitted simultaneously in either 
direction over the ten circuits. 

A simple numerical example will indicate what is 
technically possible by the application of this t3T)e of 
telegraph S 3 ^tem to toll cables. A toll cable 2 5/8 
inches (6.7 cm.) in diameter contains about 300 pairs 
of No. 19 B. & S. gage (0.91 mm.) conductors. Utiliz¬ 
ing the phantom circuits this gives a total of 225 four- 
wire circuits. Counting 30 messages in each direc¬ 
tion per four-wire circuit it is evident that it is techhic- 


ally possible to transmit 6750 messages in each direc¬ 
tion simultaneously. 

The “break” feature of this system is satisfactory. 
It functions in a manner similar to that used with the 
metallic telegraph system. It takes about 0.1 second 
to transmit a “break” signal over a 1000-mile (1610 
km.) circuit. 

Fields op Application 

It will be evident that while the foregoing descrip¬ 
tion assumes that this system is applied to four-wire 
circuits, it could be readily applied to two-wire circuits 
by trananitting half of the carrier frequencies in one 
direction and the other half in the opposite direction. 
Fm-thermore, if the impedance characteristic of the 
line could be reproduced with sufficient accuracy in 
networks to balance the line at the repeaters, the same 
frequencies could be transmitted in both directions 
and as many bf them could be so transmitted as the 
natural “cut-off” of the line would permit. 

While the voice-frequency carrier telegraph system 
has been designed primarily for use on an ordinary 
telephone circuit, the system may be applied to carrier 
telephone or radio telephone channels without involving 
radical changes in either the telegraph system or the 
telephone circuit to which it is applied. 

Discussion 

For discussion of this paper see page 339. 



Polarized Telegraph Relays 

BY J. R. FRY‘ and L. A. GARDNER* 


Non^member 

Synojisis* This pc,peT is to discuss two fovms of polavized 
telegraph relays which have been developed by the Bell System 
and applied originally to the metallic telegraph system. One of 
these relays was designed primarily for operation under severe and 
exacting circuit conditions and the other for application generally. 
Both relays are of the same general construction except that the 
former is more sensitive than the latter and is furnished with an 
auxiliary accelerating winding. Furthermore, this relay has in- 


Associate, A. L E. E. . 

corporated in it certain refinements in construction and materials, 
which cause it to be extremely sensitive and to give reliable service 
for a comparatively long period without attention. The con^ 
struciion is of special interest in that the polarizing force of the 
permanent magnet is neutralized by the mechanical restraining 
force of the armature, A magnetic material having characteristics 
well suited to relay design and a new contact 7 naterial are employed, 
which greatly improve the operating characteristics of the relay. 


Introduction 

T he development of new types of sensitive polarized 
relays, for use in the Bell System, was imdertaken 
as a result of a demand which arose in connection 
with the development of the metallic polar-duplex tele¬ 
graph system. A paper on this system is being pre¬ 
sented at this session.* Later these relays were applied 
to the carrier telegraph systenis,< one of which is being 
described in a paper at this meeting. 

A number of polarized relays, manufactured in this 
country and abroad, were experimented with and 
found inadequate, in certain respects, for application 
to these ssrstems without extensive modifications. For 
satisfactory performance, it was found that the relay 
should meet the following general requirements: 1. 
Have a high degree of sensitivity, 2. Retain adjustment 
for a long period, 3. Faithfully and accurately repeat 
signals with a small amount of maintenance. 

From the standpoint of sensitivity, the relay is 
required to operate on reversals of line current of a 
minimum of one milliampere and at the same time 
obtain proper impedance characteristics without ex¬ 
ceeding practical limits in the dimensions of the wind¬ 
ings. Over small-gage cable conductors having large 
mutual capacity and high resistance, the wave-shape 
of the received current is badly distorted. This 
wave-shape, in addition to the magnitude of the current 
available, makes more drastic the requirements for 
sensitivity. It is interesting to note that, under 
average conditions, the ratio of power controlled by 
the contacts in the local circuit to that required by the 
line windings, is about five thousand to one. 

In the case of main-line telegraph relays, it is essential 
that no considerable changes in length of signals take 
place as such effects are generally cumulative over long 

1. Bell Telephone Laboratories,Incorporated,New york,N.Y. 

2. American Telephone and Telegraph Company, New York, 
N. Y. 

3. Metallic Polar-Duplex Telegraph System for Long Small- 
Gage cables. J. JH. Bell, R. B. Shanek and D. E. Branson. 

4. “Carrier Current Telephony and Telegraphy” by E. H. 
Colpitts and O, B- Blackwell, TnANSACTioNsof the A. I, E. E., 
1921, page 205. 

Presented at the Midwinter Convention of the A, L E. E,, 
New York, N, Y,, Feb, 9-12, 1925, 


circuits, where several relays are employed in repeating 
signals. As contrasted with relays used for circuit¬ 
switching purposes, telegraph relays are called upon to 
function continuously under severe conditions, and to 
perform successively hundreds of thou^nds of times in 
a few hours. 

In order to furnish a good quality of telegraph serv¬ 
ice, it is essential that very few relay failures occur 
during service pmods. If this is not accomplished, 
considerable valuable circuit-time is lost and the 
relay maintenance expense becomes an excessive factor 
in the cost of giving service. 



Fia. 1—^No. 209-PA Polarized Rblat (Cover Removed) 

Design Features 

The relay which has been designed to meet the fore¬ 
going requirements is shown in Fig. 1 and is known as 
the 209-FA relay. 

A polarized relay is fundamentally different in its 
operation from the ordinary neutral relay, in that it is 
selective to the polarity of the operating current and is 
more sensitive in its operation. A type of magnetic 
circuit was chosen which, it was felt, would best lend 
itself to obtaining a relay which would meet, as com¬ 
pletely as possible, all of the requirements above 
outlined. 
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Pig. 2 shows the magnetic circuit and the arrange¬ 
ment of the relay elements. It is seen to consist of a 
Wheatstone-bridge t 3 T)e Of magnetic circuit in which 
the four equivalent air-gaps, two upper and two lower, 
may be considered as the four arms of the bridge with 
the permanent magnet placed across two, opposite 
comers of the bridge and the armature and windings in 
the position customarily occupied by the galvanometer. 
The operating windings are placed over the armature in 
the form of a single stationary spool, sufficient clearance 
being provided to allow the armature to move within 
the spool. The paths of the polarizing and operating 
fluxes are shown hy the solid and dash lines, respect¬ 
ively, for the armature in its midway or neutral 
position. When the armature is in the midway 
position there is no polarizing-flux through it, since it 
connects two points of the circuit of equal magnetic 
potential; as it moves toward the left pole-piece, the 



Pia. 2 —Diagram Showing Magnetic Circvit and Arrange¬ 
ment OF Rblat Elements 

polarizing flux flows through it in a direction assumed 
to be positive and when it moves toward the right 
pole-piece, the polarizing flux flows in the opposite or 
negative direction. The operating flux, in addition to 
the two return paths shown through the yokes, has a 
third path through the permanent magnet, but, sub¬ 
stantially, none of this flux returns by tiiis path due to 
the high reluctance of the permanent magnet as com¬ 
pared to that of the yokes. It is seen that these fluxes 
aid and oppose each other in the four gaps in such a 
maimer as to produce a torque on the armature about 
a point midway between the upper and lower sets of 
air-gaps. With the direction of fluxes shown, the 
armature would tend to move in a clockwise direction. 
The forces established in all four of the gaps can be 
utilized in moving the armature only when the armature 
is movably supported at a point midway between the 
upper and lower gaps. In the design of this relay, the 
armature is not supported at this point, but is fiimly 


clamped and supported at the lower gaps between the 
yokes, non-magnetic spacers forming proper reluctances 
to prevent short-circuiting the permanent magnet. 
This method of suspension, of course, prevents the 
forces established in the lower gaps from doing useful 
work upon the armature, but the overall advantages 
gained by this arrangement more than compensate for 
the apparent loss in sensitivity. This method of 
armature support permits of a more simple design of 
the relay; it eliminates the use of pivots; it permits 
the use of a single-spool construction instead of a two- 
spool arrangement; it allows a more practicable adjust¬ 
ment of the relay and more stable operation, and it 
affords a simple arrangement whereby the stiffness of 
the armature can be utilized to neutralize the polarizing 
force acting on the armature, thereby increasing the 
sensitivity of the relay as will be explained later in 
greater detail. 

The pull acting between the pole-piece and the 
armature in each gap is expressed, according to Max¬ 
well's law, by the equation: 

O TT w O TT w 

where P is the force in dynes, (jyp is the polarizing flux 
in the air-gap set up by the permanent magnet, is the 
operating flux generated in the air-gap by the winding 
(both expressed in maxwells), and S is the effective 
area of the air-gap in sq. cm. 

This shows that the pull acting on the armature in 
each air-gap is made up of three components: The first 
term is the pull due to the permanent magnet and is the 
force acting on the armatoe with no current on the 
relay and is commonly spoken of as the polarizing 
force. The second is the important component, as it is 
the force which operates the relay; it is this component 
which makes the relay selective to the polarity of the 
operating current because its direction is dependent 
upon the sign of Since its magnitude is propor¬ 
tional to the product of the polarizing flux and the 
flux generated by the operating current it shows why a 
high polarizing intensity is effective in obtaining a 
highly sensitive relay. The third term is a pull on the 
armature which would be the only one to appear if the 
relay were not polarized and is of twice the frequency 
of the second term. 

As explained above there are two magnetic air-gaps 
in which forces are effective to produce motion of the 
armature, and it is the resultant of these component 
forces in the two air-gaps that controls tiie relay. In 
Fig. 3 is shown how the resultant of the polarizing 
components of force in the two air-gaps varies as the 
armature is displaced in the air-gap. In the midway or, 
neutral position of the armature the resultant polarizing 
force on the ailnature is zero, but as the armature is 
displaced in eitii^ direction tibe force is one of attraction 
of increasing intensity between the armature and 
pole-piece toward which the armature is di^laced as 
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shown by the solid line. The armature, being sup- 
ported^in cantilever beam fashion, will be reastant to 
displacement from its midway position in the air-gaps 
due to its natural stiffness. This force of restitution 
of the armature is opposite in direction or opposing to 
the polarizing force as the armature is displaced from 
the midway position and is proportional to the dis¬ 
placement. If the armature is designed so that its 
force of restitution is approximately equal to the polar¬ 
izing force acting on it for all positions of the armature 
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OISPLACeMCMT OF ARMATURE IN MAe- 
NETIO AIR SAP 

Flo 3— Diagram Showing Hom' Polarizing and Restitu¬ 
tion Forces Vary With Position op Armature 


the sensitivity of the relay, will be greatly increased. 
Thus, in Fig. 3, if the polarizing force on the armature 
were not in some manner neutralized, the work required 
to move the armature across the air-gap would be 
represented by the area ABD. By balancing the force 
of restitution of the armature against the polarizing 
force on the armature in the manner described, the 
work necessary to move the armature across the air-gap 
is reduced to the area represented by ACD. In 
actual practise, the motion of the armature is limited 
by the contacts rather than by the pole-pieces, and the 
displacement of the armature between the contacts is 
made small in comparison with the length of the mag¬ 
netic air-gaps. Hence, the working range of the 
armature displacement in the magnetic gaps is limited 
to a short distance on either side of the neutral position 
shown in Fig. 3, where a very close balance between the 
polarizing force and restitution force of the armature, 
■can be realized. The armature is practically in a 
floating condition and can be controlled by the applica¬ 
tion of a small force. The advantage of neutralizing 
the polarizing force on the armature by an external 
force and thus increasing the sensitivity of the relay 
was pointed out by Mr. D. D. Miller of the Bell Tele¬ 
phone Laboratories, Incorporated. 

Fig. 4 shows how the resultant of the operating forces, 
or the component represented by the second term of the 
above discussed equation varies in the two gaps as the 
armature is displaced in the air-gap. The condition of 
constant strMi^ and direction of current through the 


relay winding is assumed. It is minimum when the 
armature is in the midway position and increases as the 
armature moves toward either pole-piece. Its direction 
may be either , to aid or oppose the direction of the 
polarizing component shown in Fig. 3, since it is de¬ 
pendent upon the direction of the operating current. 
It is this component of force which controls the opera¬ 
tion of the relay tmder influence of the operating 
I'urrent and it can be of small m^itude since it need 
be only of sufficient value to upset the equilibrium of 
forces shown in Fig. 3. The third component of force, 
acting on the armature represented by (f>^ is of small 
magnitude compared to the first two terms, but its 
effect is to decrease the sensitivity of the relay and 
increase the distortion and residual characteristics, 
since its direction opposes the operating component 
when the armature moves toward the neutral position 
and aids it when the armature, moves away from the 
.neutral position. 

Thus it is seen that when the relay operates under 
the influence of reversals of current through the relay 
winding, both the operating and polarizing fluxes re¬ 
verse in direction through the armature, which causes 
the relay to be highly sensitive to the magnetic prop¬ 
erties of the armature. The parts entering into the 
magnetic circuit of this relay, except—the pennanent 
magnet—are made of an improved magnetic material 
known as permalloy' recently developed in the labora¬ 
tories of the Bell System. This material has a very 
low coercive force compai-ed to customary magnetic 
materials used in relays, resulting in almost complete 
collapse of the operating flux when the magnetizing 
force is removed. As a result, distortion of the re- 
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DISPLACEMENT OF ARMATURE IN MAG-* 

NETIC AIR GAP 

Fia. 4 —Diagram Showing How Operating Force Varies 
With Position op Armature 


peated signal is less, since the relay is less affected by 
the previous state of magnetization to which it may 
have been subjected by the preceding signal. On ac¬ 
count of the higher permeability and the smaller re¬ 
sidual effects of the material, the sensitivity of the 
relay is increased. It is evident from Pig. 3 that if the 
relay retains an appreciable amount of residual mag- 

6. ‘Tenoalloy, a New Magaetio Material of Very High 
Permeability’* H. D. Arnold and G. W. Elmen. The Bell 
System Technical Journal for July 1923, Page 101. “Electrical 
Communioation”, April 1924. 
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netism after the subsidence of the signal current, it 
will cause the armature to become biased by upsetting 
the balance between the polarizing and restitution force 
and decrease the sensitivity of the relay on the succeed¬ 
ing signal. Thus tiie use of this material results in 
marked improvements in the operating characteristics 
of the relay. 

The relay is provided with six separate windings; 
four are employed as Ime windings, and two as auxiliary 
windings connected in a local circuit. The require¬ 
ments of the metallic polar-duplex telegraph system 
are such that the four-line windings should be mutually 
balanced to a high degree both with respect to their 
impedance characteristics and their operating effects 
upon the relay. In order to meet these requirements 
it is necessary that each of the four windings have the 
same munber of turns and resistances and be sym¬ 
metrically located withrespect to thearmature and work¬ 
ing air-gaps of the relay. This is obtained in practise 
by q)irally twisting four well-insulated copper wires 
together and then winding as a single conductor on the 
relay spool in the usual manner. On top of and con¬ 
centric with the line windings are two conductors wound 
in parallel. In the metallic telegraph system, these 
two windings are used in a circuit to form what is 
known as the vibrating or accelerating circuit, and this 
circuit is controlled from the contacts of the same re¬ 
lay. This feature serves to reduce distortion of signals 
by causing the relay to operate under the influence of 
the current in a local circuit before the operating cur¬ 
rent from the line at the time of reversal becomes suffi¬ 
cient to move the armature. It also reduces the 
armature travel-time and chatter and tends to make 
the relay more sensitive in its operation. 

The relay contacts are required to make and break 
fairly large cmrents in circuits having large values of 
inductance and capacity. On relays used in terminal 



Fig. 5 —^Abmatueb of No. 209-FA Rblat 


type rep^ters, the voltage between one stationary con¬ 
tact and the corresponding armature contact is 240 
volts. Due to the feeble currents which operate the 
relay, the contact-gap must necessarily be small, which, 
in practise, is adjusted to about 0.004 in. (0.10 mm.). 
The work of obtaining an adjustment of this gap is 
aided by marks on the capstan head of the contact 
screws. It is highly desirable to have a relay the con¬ 
tacts of which dp not rebound or chatter as the arma¬ 
ture breaks and makes contact. By e1iTm'Tifl.ring con- 
l^t-chatter the relay will be capable of transmitting 
sign^ at greater speeds and with less distortion, and 
the life of the contacts will be increased. An extended 


study of the dynamic action of the armature at the 
contacts was made with a view of diminishing or elim¬ 
inating contact rebound. This is an old problem of 
telegraph relay design and many efforts have been 
made during the past to solve this problem satisfac¬ 
torily, but most solutions proposed resulted in devices 
or designs which were complicated and not adapted for 
commercial use. 

A practical design of armature was developed, which 
is easy to manufacture and is effective in eliminating 
contactrebound. This design is shown schematically in 
Fig. 2 and by aphotographinFig.5. The magnetic part 
of the armature extends through the relay coil and is 



Fig. 6—OsciiiLogram Showing Curbent .Prom Abmatorb 
Contacts 

Upper curve—Armature of ordinary design 

Lower curve—Armature of standard design 

just long enough to reach through the working air- 
gaps. The armature is extended to the stationary 
contact screws of the relay by riveting on to it two 
nickel-silvOT springs carrying the armature contacts. 
These two springs are bent at the free end and ten¬ 
sioned so that they touch and rest upon one another 
with a fixed pressure between them. By this con¬ 
struction the mass of the moving end of the armature 
is kept as small as possible so that at the moment of 
impact the tendency to rebound is thereby reduced. 
When the armature contact strikes the fixed contact 
one armature contact spring is displaced with respect 
to the other spring causing the ends of the springs to 
slide upon each other. This rubbing action tends to 
damp out the rebound as the energy of impact is ab¬ 
sorbed by friction between the two springs. Other 
advantages gained by keeping the effective mass of 
the armature small, are reduction in the travel time of 
the armature and quicker time of response. In order 
to prevent the armature from adhering to either pole- 
piece, small nickel-silver disks are welded to each side 
of the armature directly opposite to the pole-pieces. 
Fig. 6 shows oscillograms of the current from the arma¬ 
ture contacts with the relay in a terminal type metallic 
telegraph repeater, operating full duplex. The top 
wave shows the current from the armature contacts 
with the relay equipped with an armature of ordinary 
design, that is, having the contacts mounted directly 
on the magnetic material which extends the entire 
length of the armatore. The lower wave shows the 
same relay operating under identical conditions as 
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above except that it is equipped with lie standard design 
armature shown in Fig. 5. The improvement in the 
repeated signal of the relay is apparent both with re¬ 
spect to contact chatter and travel-time of the relay. 

On account of the high voltage, the energy content 
of the circuits which the relay controls, the small con¬ 
tact-gaps and the feeble forces available to operate the 
relay, it was found that contacts made of material 
usually found on telegraph apparatus would not with- 



PiG. 7—^Photo-Miokogkaphb or No. 209-PA Relay Aema- 
TUBE Contacts 
R ight—^Marking contact 
Left—Spacing contact 

stand the large number of operations daily required 
without excessive maintenance. This problem was 
studied with reference to the contact requirements of 
relays operating under the conditions imposed by the 
various repeaters, and an alloy was developed which 
is a decided improvement. The use of this improved 



Pig. 8—^No. 209-PA Relay With Moonting Plate and 
Associated Conneoting Block 


contact material extends the service period of the relay, 
without contact failure, to approximately thirty times 
over that with alloys previously used. Fig. 7 shows 
photo-micrographs of armature contacts of a relay 
which had been in service for months without 
being removed from service. This amount of service 
is equivalent to each contact making and breaking 
the circuit approximately 46,000,000 times. 

One of the design features of this relay is the ar¬ 
rangement which permits of the ready removal of Ihe 


relay from the circuit. This featme is illustrated in 
Fig. 8, which shows the relay with its cover attached 
to a mounting plate and connecting block. The square 
phenol-fibre base of the relay is provided with four 
guide pins which defimtely locate the relay with re¬ 
spect to the mounting plate and the connecting block, 
and is also furnished with 16 terminals on which elec¬ 
trical connections to the windings and contacts of the re¬ 
lay are terminated as shown in detail in Fig. 1. The 
connecting block is the medium by which electrical con¬ 
nection is established between the circuit and the relay. 
It is fastened to the rear of the mounting plate, has the 
same number of terminals as the relay, and the circuit 
is permanently wired to these terminals. When the 
relay is inserted into position on the mounting plate, 
electrical contact between the relay and connecting 



Fig. 9—^No, 215-A Polarized Relay (Cover Removed) 

block terminals is automatically established. Resilient 
members fastened on the rear of the mounting plate, 
engage into recesses in the four guide-pins and hold 
the relay rigidly in position on the mounting plate. 
In case of relay trouble, the relay may be quickly re¬ 
moved and a spare relay inserted, thus keeping the 
time of circuit interruptions to a minim iim. 

There are a number of places in these systems where 
polarized relays are required, but which do not have 
to operate under as exacting conditions as the relay, 
just described. For this purpose, a cheaper relay has 
been developed known as the 215-A relay, and this is 
shown in Fig. 9. It employs the same tjq)e of mag¬ 
netic circuit as the 209-F A relay, and the same design 
features of mounting and chatterless armature springs 
are also ineorpdrated. , It does not have as refined ad¬ 
justing features, nor will it operate on as small cur¬ 
rents. It is provided with two balanced line windings. 
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Application and Maintenance 

At the present time there are in operation about 
2600 of the 209-t3T)e relays. Of this number, about 
2000 are operating in the metallic telegraph system 
and the remainder in the carrier telegraph systems. 
These carrier telegraph systems make use of about 
1000 relays of the 215-t5rpe and in the metallic tele¬ 
graph system, about 240O relays of this type are used. 

As a result of field experience, it has been found that 
the maintenance schedules for these relays can be ar¬ 
ranged to cover long periods with practically no inter¬ 
ruptions occurring in service. In terminal-type re¬ 
peaters and through-type metallic repeaters, this 
period is for satisfactory relay operation, approximately 
three months and six months, respectively. 

Means are specially provided whereby these relays 
may be checked or adjusted quickly and accurately 
external to the telegraph repeaters; that is, the relays 



Fio. 10— ^Relat Test Table 


are adjusted to the best operating condition without 
consideration of the telegraph circuit to which they are 
to be applied. This arrangement, known as a relay- 
test table, is shown in Fig. 10. These tests consist 
of obtaining an inspection and adjustmait for sensi¬ 
tivity, diffOTentiality, and freedom from bias. A local 
vibrating drcuit is also provided for testing the 209- 
^e rday so that it will function properly under the 
influence of the vibrating drcuit in the telegraph 
repeaters. 

The es^laal steps in adjusting a relay consist in 
withdrawing the contact saews sufficiently to permit 
infection and deaning. The pole-pieces are then 
withdrawn so that the effect of flie permanent magnet 
upon the armature is made small, thus permitting the 
armature to stand in its neutral position. Any for¬ 


eign material may be readily removed from the work¬ 
ing air-gaps. Each contact-screw is then adjusted 
independently so as to have a separation • of 0.002 in. 
(0.05 mm.) from the corresponding armature contact, 
and this results in a contact travel of 0.004 in. (0.10 
mm.). Following this, the pole-pieces are adjusted 
so that the relay will respond without bias to 20-cycle 
a-c. ringing current of a magnitude about equal to that 
available in the telegraph repeaters. Ih order to have 
a margin of operation in the r^eater, a d-c. sensi¬ 
tivity test is given with less current than above. In 
addition to the above a vibrating-circuit test on the 
209-type is made. In general, the time required to 
adjust and test a relay is about six minutes. 

Appendix 

This appendix will consider briefly the ad¬ 
vantages derived by the application of permalloy 
magnetic material to the polarized telegraph relay 
developed for use under comparatively severe and 
exacting circuit conditions. As pointed out in the 
body of the paper, this new magnetic material has 
a lower coercive force and higher permeability than 
magnetic materials ordinarily employed in relay con¬ 
struction. 

The small amount of residual magnetism existing in 
this new magnetic material on account of its low coer¬ 
cive force as compared with a commercial grade of 
silicon steel, reduces appreciably the effect of bias, i. e., 
lengthening or shortening of the telegraph signals. 
Also, the sensitivity, the stability and service life of the 
relay are increased. This increase in service life is on 
an average of about 60 per cent. A comparative value 
of the residual effects of the magnetic material used in 
the armature, yokes and pole pieces of two relays which 
are otherwise identical in their construction, can be 
realized from the following: 

, If a relay is magnetized with 120 ampere-turns, it is 
found that the contact pressure as a result of the residual 
properties of the magnetic material is in the case 
of a relay equipped with the permalloy material 
about one-seventh of that obtained when ordinary 
magnetic material is used. This value of 120 ampere- 
turns is approximately fifteen times that employed 
imder normal telegraph circuit conditions. 

Furthermore, the use of this new material causes an 
increase in contact pressure under average working 
conditions of about 50 per cent., which is in general a 
factor contributing, tow^ds m miTni^ing contact 
chatter. 

The minimum' opwating current for satisfactory 
telegraph signals is decreased on relays equipped with 
this permalloy material from about two milliamperes to 
one milliampere. Of comse, in telegraph practise, 
in order to introduce a certain margin of operation, 
a somewhat larger current than one milliampere is 
often used. 
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Discussion 

VOICE-FREQUENCY CARRIER TELEGRAPH SYSTEM 
FOR CABLES 

(Hamilton, Nyquist, Long and Phelps) 
POLARIZED TELEGRAPH RELAYS 
(Fry and Gardner) 

New York, N. Y., February 12, 1925 

J. J. Pilloid: The three papers. Metallic Polar-Duplex 
Telegraph System for Long Small-Gap Cables^ Voice-Frequency 
Garner Telegraph Systems for Cables and Polarized Telegraph 
Relays, describe two telegraph systems particularly adapted for 
use on long toll cables, and a relay which is an important feature 
of the two systems. By long toll cables we mean here cables 
several hundred, or a thousand or more, miles long, used, for 
telephone or telegraph purposes. 

Such cables, as it has been reported to the Institute before, 
can each take the place of about ten heavily loaded open-wire 
lines, and they are used in sections where traffic is heavy. That 
means, of course, that there will be sections of the country where 
cables will not be placed for a good many years and so the older 
and existing telegraph systems (that is, tie ground-return sys¬ 
tem) will be used for many years. One of the prime requisites, 
therefore, of these new systems, as brought out in these papers, 
is that they shall be adaptable for working with the existing 
systems. 

There is just a mention of this idea on the fourth page of the 
voice-frequency carrier telegraph system paper, and if I do 
nothing else, I would like to emphasize that one statement. It is 
tucked away where you can hardly see it. It reads: ‘Tn the 
development of the voice-frequency carrier telegraph system, the 
central thought was the desirability of designing a system which 
would ht into the existing cable telephone and telegraph plant.” 
As I pointed out before, it is also advisable that it dt into the 
existing open-wire telephone and telegraph plant. 

The extent to which these systems will be used depends, of 
course, upon the development of this long toU cable plant and 
possibly a word as to the present development of that might be of 
interest. The cables at the present time are in service, as you 


know, from Boston to Washington and from New York through 
to Cleveland and to a point about half-way between Cleveland 
and Toledo. We expect to finish the cable into Toledo in a few 
weeks, where it will connect with a cable which is now in service 
between Toledo and Detroit. Cable is also in service for a 
distance of about 100 mi. east of Chicago, as far as South Bend, 
and work is under way on the remaining gap between Toledo 
and South Bend. It is expected that that section will be com¬ 
pleted about October of this year. Also plans have been ap¬ 
proved for a cable from St. Louis to Peoria and it is expected 
that this section will be completed to Chicago in 1926, so that we 
already have several long toll cables to operate these systems on, 
and are going to have more. 

As the cables reach successive cities along the way toward their 
ultimate destinations the new telegraph systems and also the 
telephone systems join the older systems, and it is advantageous 
that both are easily adaptable and flexible enough for this 
purpose. 

The voice-frequency telegraph system paper refers to the 
speed and message-carrying capacity of these systems. On the 
last page something is said about 6750 messages simultaneously 
each way on one full-sized cable. If such a cable,fully equipped 
with these systems, were devoted entirely to telegraph service, 
one could transmit all of the text of the five papers presented 
in this communication session and all of the discussions, in a 
fraction of a minute. 

R. N. Nicelys The voice-frequency carrier telegraph system, 
providing as it does, a large number of telegraph circuits with a 
comparatively small amount of intermediate repeater apparatus, 
is well suited to use on long trunk, routes between widely sep¬ 
arated large cities from which distribution to outlying points is 
made by other telegraph systems. It will satisfactorily trans¬ 
mit signals at considerably higher speeds than is the case with 
aerial wire grounded polar duplex circuits used in the telephone 
plant and is therefore well suited to use with start-stop or 
multiplex printing telegraph apparatus. 

It may be of Interest to point out that the metallic polar duplex 
telegraph system and the voice-frequency carrier telegraph 
system may, if desired, be operated simultaneously on the same 
cable con4uetors. 



The Rotating Magnetic Field Theory of A-G. 

Motors 
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Synopsis, —The predetermination of the performance of a 
polyphase arc» machine is greatly facilitated by the fact that at con¬ 
stant voltage and frequency its mag7ietic field is of constant intensity 
and rotating with uniform velocity. It is easy to form a mental 
picture of lines of force moving in space and being cut by conductors^ 

. which may be moving or stationary, FurthermorCt the rate of 
cutting, and therefore the generated voltages, which form the basis for 
quantitative analysis, are readily determined by the relative motion 
of the flux and the conductors. 

Because of the ease with which a physical conception can be 
formed of a rotating magnetic field, the idea of considering a single¬ 
phase alternating field as made up of two oppositely rotating fields 
has been found very useful. In a paper entitled **.4 Physical 
Conception of the Operation of the Single-phase Induction Motof* 
Transactions A,I,E,E,, ms, p, 627), Mr,B,G, Lamme 
has given an excellent description of single-phase induction motor 
operation based on a conception of two oppositely rotating magnetic 
fields. 

From the discussion of Mr, Lamme's paper, it appears to be the 
concensus of opinion that the method he uses furnishes the simplest 
and clearest physical conception of the single-phase motor. How¬ 
ever,, this is not the method usually employed in the quantitative 
analysis. Reference to text books will show that, the mathematical 
treatment is usually based on the so-called “cross field" theory. In 


this method the secondary induced voltage is considered made up of 
twd components, one the voltage induced by transformer action of the 
alternating field and the other the voltage generated by rotation of the 
secondary conductors in the magnetic field. 

It has been argued against the method based on two oppositely 
rotating fields, also known as the "Rotating Field" theory, that it is 
more apt to lead to erroneous results, requires mdre expert handling 
and that it is an indirect method, being based on the previously 
determined performance of the polyphase motor. However, the 
main argument against it seems to be its limitation to induction 
motors only, and that it must be abandoned when we come to motors of 
the commutator type. Even those who otherwise favor the method 
appear to agree that it is not applicable to commutator motors os we 
are then no longer dealing with induction machines, but with shunt 
or series motors, as the case may be. 

The objection to the rotating field theory, that it is applicable to 
induction motors only, would be a serious one if it were valid, Ilouf- 
ever, it will be shown in this paper that the theory can be readily 
applied to commutator machines also, and that so far from being 
more apt than other methods to lead to erroneous results, it un¬ 
doubtedly furnishes the simplest and most direct means for mathe¬ 
matical deductions in the more complicated problems where three or 
more circuits are inductively related and moving with respect to one 
another. 


General Discussion 

N its general form, the a-c, motor comprises one or 
more stationary circuits and one or . more rotating 
dectric circuits inductively related to the stationary 
circuits. Energy is transferred from the stationary 
to the rotating circuits through the medium of a com¬ 
mon magnetic field. In this discussion the magnetic 
field is in gaieral considered the resultant of two 
. fields rotating in opposite directions. These two 
components are not necessarily equal, in fact one of 
them may vanish and the resultant is then a uniformly 
rotating field, as for example in a polyphase machine. 
Only motors in which the magnetic reluctance is uni- 
fom in all directions will be considered, that is, motors 
with projecting poles are not included. 

There are then two main groups of motors to be 
discussed; the induction type, in which the rotor dr- 
euits are short-circuited upon themselves; and the 
commutator type, in- which the rotor circuits are either 
short-circuited or connected to an external circuit 
through a commutator. A number of e^ential fea¬ 
tures are common to both t 3 T)es. Thus, at any speed, 
the m. m, fs. of the rotor rotate with velocities which, 
combined with the velocity of mechanical rotation, 
are always equal to the velocities of the stator , fields. 
The common magnetic field is produced by an m. m. f., 
which is the vector sum of the stator and rotor m. m. fs. 
When ru nning at any slip, s, there are in general two 
I. Consulting Engineer, Milwaukee, Wis. 


voltages induced in the rotor circuits of frequencies s / 
and (2 — s) /, according to whether it is induced by the 
field rotating in the same or in opposite direction to the 
rotation of the rotor, where / is the stator frequency. 
In magnitude the induced voltages are, of course, 
proportional to their respective frequencies. As this 
viewpoint obviously eliminates the necessity of con¬ 
sidering the rotational and transformer voltages 
separately, the solution of many problems are greatly 
simplified thereby. The torque developed by either 
field is also readily determined, it being in all cases 
the product of the field, the m. m. f. of the rotor cir¬ 
cuits revolving in the same direction as the field and 
the sine of the angle between them. 

As already stated, the voltages induced in the rotor 
circuits are of frequencies s/and (2—s)/. In the 
induction t 3 q)e the rotor currents resulting from these 
voltages are likewise of frequencies s/ and (2- s)/. 
However, in the commutator type the resulting rotor 
currents are at all speeds converted by the commu¬ 
tator into line frequency. In their magnetic reactions 
the rotor currents become fixed in space by the com¬ 
mutator and the rotor circuits can therefore be con¬ 
sidered as remaining stationary in every respect, except 
as regards the magnitudes of the induced voltages, 
which me determined by the frequencies of slip, as 
pointed out. 

The rotor currmits becoming fixed in' space by the 
commutator is the cause of some essential differences 
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in the operation of the induction and commutator 
types. Thus, in the induction machine, the reactance 
of the rotor circuit changes with the slip, while in the 
commutator type it is the same at all speeds. Also, 
by shifting the brushes on the commutator, the relative 
position of the stator and rotor m. m. fs. is changed so 
that the voltages that are induced in the stator circuits 
by the rotor currents may be advanced or retarded in 
time. This becomes of importance when an external 
e. m. f. is impressed on the rotor as it introduces the 
possibility of power-factor correction. 

The subject of power-factor correction has lately 
been the object of considerable discussion and • the 
readiness with which the rotating field theory lends 
itself to the analysis of just such problems, involving a 
displacement angle between the stator and rotor cur¬ 
rents is another marked advantage of this method. 
Application of the method to the analysis of some 
proposed schemes for power-factor correction will be 
taken up in the mathematical section. 

However, before taking up the mathematical dis¬ 
cussion, i.t will be shown by way of illustration how 
readily the method can be applied to the much dis¬ 
cussed problem of calcinating the performance of a 
single-phase induction motor. 

Consider a single-phase motor and a two-phase 
motor of the same constants per circuit as the single¬ 
phase machine. Then if E be the impressed voltage 
and Ip the current per phase of the two-phase motor 
at slip s, the apparent impedance per phase is 

E 

Za - ~j~. Similarly, if 76 is the current per phase 

when running backwards at the same speed, the ap- 

E 

parent impedance at dip (2 — s) is Zi, = —^. It is 

J. h 


then shown in the appendix that the apparent impe¬ 
dance of the single-phase motor at slip s is = 


Zg + Zb 
2 


and the current of the single-phase motor 


is 


== Let Ta = torque of two-phase motor at 

slip s and Tb = torque at slip (2- s). The torque 
developed in the single-phase motor at slip s by the 
field revolving in the same direction as the rotor then is 

Ti = ( -|-) X Ta, where ei = and the 

torque developed by the oppositely rotating field 

Ta = ( ^ ) X 76, where The result 

ant torque of the single-phase motor at slip s, 7» = 
T, — Tj. Herefrom the remaining quantities, power. 


efficiency and power factor can be determined directly. 
Thus, by extremely simple calculations the performance 
of a single-phase motor is derived from the performance 
of a two-phase motor of same constants per circuit. 
•Which one of the numerous methods that have been 
devised for calculating the performance of a two-phase 
motor to use is, of course, a matter of choice. 

When it is desired to calculate the performance from 
the running and locked test readings, the locked single¬ 
phase readings can he used directly in calculating the 
two-phase performance. The single-phase no-load 
reading with the rotor short-circuited, that is, running 
light, can not be so used, because the exciting admit¬ 
tance per phase of the two-phase motor is then a little 
more than one half the single-phase admittance, or, 
what amounts to the same thing, the two-phase no- 
load impedance per phase is almost twice the single¬ 
phase no-load impedance. The amount by which the 
two-phase impedance falls short of being exactly twice 
the single-phase no-load impedance is obviously the 
apparent impedance per phase when running backwards 
at full speed. Since this latter impedance is alihost 
independent of the exciting current it can readily be 
determined to a high degree of accuracy. On the 
basis of the modified single-phase no-load reading the 
diagram of the two-phase motor can be constructed 
and the single-phase performance calculated there¬ 
from. 

As a numencal example, the following readings 
have been taken on a single-phase motor; 

Running Light 

110 Volts 

3.2 Amperes 

78 Watts 

cos^= 0.221 P.F. 

Primary resistance 

The no load impedance per phase Zt = 

Ro = Zo cos = 7.6 Xo = 2^0 sin <f>o = 33.6 
It is known that the two-phase no-load impedance per 
phase is slightly less than 2 Zt, or the magnetizing cur¬ 
rent a little more than one half of 3.2 amperes. To 
determine how much 2 Zo should be reduced, construct 
a diagram, using the observed readings, except that the 
magnetizing current is reduced to approximately one 
half, say 1.7 amperes. 

No refinements are necessary in the construction of 
the diagram to modify the no-load readings’ and the 
simple diagram as shown in Fig. 1 is sufficient. From 
the current triangle OPR in this diagram the apparent 

impedance at slip = 2 is found to be Zo = ^^=6.67. 

726 = Eb cos 06 = 3.2 and Xo = Zo sin 06 = 5.86. 
Subtrapting Ro from 2 Ro leaves 12, and Xo from 2 Zo 
leay'es 61.35, hence the corrected no-load impedance 
per phase is \/12‘ + 61.32® = 62.5. The no-load 


Rotor looked 
110 
14,8 
982 

0.603 * eo 
2.36 Ohms 

’ no . 
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values to use in calculating the two-phase performance 
are therefore 1.76 amp^’es and 0.192 power factor. 
Fig. 2 shows the curves of the two-phase motor. Then 
at some speed, for example 1600 rev. per min., we find. 


Forward rotation 4,67 amperes, 0.872 power factor 
Backward rotation 16 amperes, 0.49 power factor. 



no 







Za 

-23.55 

Ra 

*23.66 X0.872 « 

<20.55 

Xa 

*23.65 X0.488 « 

‘11.60 


110 



3.37 



6.97 

Zb 

-^-6.87 

Rb 

=6.87 X 0.49 * 
Adding 

23.92 

Xb 

-6.87 X0,87 - 

17.47 




Dividing by 2 

11.96 



8.735 


no 

Single-phase current J, » vil 96*+8 736* amperes at 0.81 

power factor. 



Fig. 1 


28.55 X 7.43 6.87 X 7.43 


ei 

" 2 

* 87.4 c* * 2 * 26.5 


/ 87,4 

V 

Ti 

*V 110 

J X 2.875 * 1.808 lb. at 1 ft. radius. 


f 25.6 

V 

Ti 

* \ 110 

J X2.05 = 0.110 lb. at 1 ft. radius. 

T, 

* ri - 

* 1.698 lb. at 1 ft. radius 



Fig. 2 


equ^ resultant single-phase torque at 1600 rev. per 
min The complete single-phase performance is shown 
in Fig. 3. 

In this simple method it may be of interest to note 


the absence of complicated geometrical figures, trigo¬ 
nometric transformations, inversions, equivalent cir¬ 
cuits, empirical coefficients, etc., in which the quantita¬ 
tive anal37sis of the single-phase motor usually abounds. 
Purthennore, it will be seen in the appendix that a 
conception of two oppositely rotating fields immediately 
furnishes sufficient data to write down one set of 
equations, the solution of which forms the basis of the 
method described. 

To further illustrate the usefulness of the conception 
of rotating magnetic fields the mathematical analysis 
will be extended to the somewhat more involved 
problems of phase conversion and power-factor 
correction. 

Appendix 

Mathematical Expression for Two Oppositely 
Rotating Fields 

A current with maximum value I and varying 
periodically according to the cosine law is usually 



Fig. 3 

represented by the expression I cos w t, where w = 
2 TT f, f being the frequency. Using the exponential 
form of the cosine, a sinusoidal current may be repre¬ 
sented by a pair of rotating vectors, that is I cos a t 

may be written Y e'"' + Many cumber-' 

some trigonometric expressions and transformations 
are frequently avoided by the use of this notation 
(see for example ‘‘Radio Conununication,”- by John 

Mills). That the expressionrepresents a vec¬ 
tor revolving in counter-clockwise direction with 
angular velocity a is readily seen by uniting 

“I ~ ^ w f -H y sin CO <) 
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and assigning to < a series of increasing positive values. 
The expression 

L ^ (gQg Cl) t — j sin 0) t) 


is likewise seen to represent a vector of same length 
and revolving in clockwise direction. In Fig. 4 let a 
current I cos wt be flowing in a coil N N of » turns. 
The instantaneous value of the m. m. f. of the coil then 
is n J cos CO < or in the above notation 


nl 

2 




nl 

2 




As th6 m. m. f. is a directed quantity in space the 
first term of this expression represents a m. m, f. of 

• 7b I 

constant intensity rotating in positive direction. 


and the second term represents a m. m. f. of same 
intensity rotating in opposite direction. Let the coil 



N—N be turned through an angle of radians in positive 
direction and its m. m. f. becomes 

JlJL (glftX ^ €>(«<+*) -j- JLL. 

that is, the m. m. f. revolving in positive direction has 
been advanced <l) radians and the m. m. f. revolving 
in negative direction has been retarded <l> radians. 

The most striking feature of the polyphase system, 
that it can produce a rotating magnetic field of con¬ 
stant intensity, is most readily deduced by use of this 
notation. To illustrate, assume m coils, symmetrically 
based on a cylindrical core, the space angle being 

radians. The coils are excited by currents I, 
m 

o _ 

differing in phase by- radians. The m. m. f. of 

7JZ 

the A:** coil then is 

and the total m. m.,f. of all the coils is 

m-1 


0 



[ 


j((at r^ ") 


+ € 


-i(wr 


h^) -| 

] 


. 


»*-l A-k M 1 


0 

mnl 


^ nl ) 

since k e ^ = 0 


That is, the resultant m. m. f. is of constant intensity 


mnl 


and rotating in negative direction. If the sign 


of either time angle or space angle be changed the 
resultant m. m. f. is seen to rotate in opposite direction. 

In Fig. 4, let be the mutual impedance between 
coils N N and N' N' when in coaxial position. The 
voltage induced in the coil N' N' by the current flowing 
in N N then is ZmI- WhenN'N' is tvumed <f> radians in 
positive direction the voltage induced by the positively 
rotating field of N iV is retarded <l> radians and becomes 

j 7 T 

—I— and the voltage induced by the negatively 

rotating field is advanced <l> radians and becomes 
— 5 — 6^4. The voltage induced by both fields is 


= Z„Icos</) 

Single-Phase Induction Motor 

The rotor circuits of the single-phase induction 
motor being short-circuited upon themselves in all 
directions constitute a pol 3 T)hase system and for con¬ 
venience will be considered two-phase with constants 
determined accordingly. Assume the rotor to be 
revolving at slip s and consider its direction of rotation 
positive. Using the customary notation let Zm '= 
Tm +3Xm = Mutual inductive impedance between 
stator and rotor circuits. 

Zo = To + j *0 = Self inductive impedance of pri¬ 
mary 

= ri -f j s ail = Self inductive impedance to rotor 
current of frequency s /. Xi. Xi = second¬ 
ary reactance at standstill in terms of primary 
Zi — ri +j {2— s) xi = Self inductive impedance to 
rotor current of frequency (2 — s) / 

E = volts impressed on primary 
I, — Primary currmit 

1 1 = Positively rotating component of rotor current 
J 2 = Negatively rotating component of rotor current 

The voltages induced in the primary then ^: 
by the primary current I, = {Zm + Zo) I, 
by the positively rotating rotor cmrent Zm Ii 
by the negatively rotating rotor current Zmli 
the currents h and It being two-phase have full in¬ 
ductive effect. The sum of these voltages equals the 
impressed volts, hence, 

(Zm -\r Zo) I, -|- Zm Ii + Zmis = E 
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The voltages induced in the rotor are: 
by the positively rotating component of primary cturent 

sZ„I, 

2 

by the positively rotating component of rotor current 
(s Zm + Zi) h 

by the negatively rotating component of primary current 

(2 - s) (Z J I. 

2 

by the negatively rotating component of rotor current 
[ (2 — s) Zm + Zi] li 

The sums of voltages of frequencies s/and (2 — s) / 
are separately equal to zero, hence 

+ (sZm + Zr) 7x = 06rsZ„I.+ 

2 (s Z„ + Zi) Ji = 0 and 

(2 - 8) Zm I. + [ (2 - 8) Z„ + Zi] li = 0 or 


(2 — s) Zm 7» + [ (2 — s) Zm + Zi] li = 0 
The e. m. f. equations of primary and secondary are 
then 

(Zm -h Zo) I, -i- Zmll -f-Zmit , =E) 

S Zm 7« + 2 (s Zm + Zi) It = 0 i (1) 

(2 — s) Zm 7« + 2 [ (2 — s) Zm + Zii] Jj = 0 J 

Solving these equations 

j _ B2{s(2-s)Zm* + (2-s)ZmZi . 

■'* , 2Zo{ 8(2- S)Zm*+(2-S)Z„Zi+sZmZ2+ZiZ2} 


_ -j- $ Zm Zj + Zi Z 2 } _ 

+ Zm{(2- S)ZmZ, + sZmZi + 2ZxZi] 


T _ — E S Zm i(2 — s) Zm + Z 2 ] , 

2 Zo{8(2 - S)Zm*+(2 - S)ZmZi+SZm Zi+ZiZi) 
Zm{(2— s) ZrnZi-)- 8ZmZi-\-2ZiZi} 

(3) 


r _ _ ~ E (2 — S) Zm (S Zm ~t~ Zi) _ 

2Zo{s(2— S)Zm* + (2— S)ZmZi-)-sZmZi-)-ZiZi} 
+Zm{ (2— s) ZmZl + sZmZ2 + 2 ZiZ 2 } . 

(4) 

The equations of a two-phase motor of same con¬ 
stants per phase are easily found to be 

(Zm + Zo) Jo + Zm II' — E 
S Zm Jo H* (S Zm "h Zi) Ii — 0 
where Jo = primary current per phase and h' = 
secondary current. ^ 

Here frorh 


Jo = 


li' 


_ ^ (S Zm Zj) _ 

S Zm Zi -|r Zm Zi 4" Zo Zl 

_ — E 8 Zm _ 

8 Zm Zo + Zm Z\ -|- Zo Zl 


(5) 

( 6 ) 


The apparent impedance per phase Pf the two-phase 
motor at slip s then is 


,7 _ H _ 8 Zm Zi Zm Zl Zi Z\ 

Jo " SZm+^ 

The apparent impedance at same speed rotating 
backwards is 

„ _ E _ (2 — 8) ZmZj ZmZj -f- ZjZj 
* Jo (2 — 8) Zm + Zi 


Adding the apparent impedances of both rotations 


Zo -t- Zb = 


8 Zm Zq Zm Zl -f- Zo Zl 
S Zm + Zl 


I (2 — 8) Zm Zq "h Z mZj -|- Zp Zp _ 
(2 — s) Zm + Zi 

2 Zo(s(2 — S)Zm^~l~(2 — S)Zm Zi-Hs Zm Zq+Zi Z 2 } 
8 ( 2 - 8 ) Zm* 

~l~Zm{ (2 —8)ZmZ| -|-S ZmZ2-|-2 ZiZj] 

+ (2 — s) Zm Zl -j- 8 Zm Zi -f- Zl Z 2 

Comparing with (2) it will be seen that the apparent 
impedance of a single-phase motor at slip s is one half 
the sum of the apparent impedances of a two-phase 
motor of same constants at slips s and (2 — s). Fur- 

Z I 

thermore, if the impedance drop —be substituted 

for E in (6) the result is identical with (3), showing 
that the low frequency component of secondary current 
is equal to the two-phase secondary current at this 
reduced voltage. Similarly, the high frequency com¬ 
ponent of secondary current is seen to be equal to the 
two-phase secondary current at slip (2 - s) and the 

voltage reduced to —The torque components 

of the single-phase motor in positive and negative 
directions are likewise seen to be equal to the torques 
of the two-phase machine at corresponding slips and 
reduced voltages. 

It follows therefore that in calculating the per¬ 
formance by the graphical method there is no need 
of a special diagram for the single-phase motor, the 
same diagram being applicable to both polyphase and 
single-phase motors. 

Induction Phase Converter 

In applications where it is essential to obtain poly¬ 
phase power from a single pha^ supply an induction 
phase converter is often used to effect the desired 
transformation. The converter consists essentially 
of a single-phase induction motor with a tertiary circuit 
on the stator displaced at a certain angle from the 
primary circuit. Thus, in Fig. 6, R is the rotor of a 
single-phase motor,- Pi the primary winding and Pi 
the tertiary winding displaced 90 deg. in positive 
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direction from Pi. Pa' is one phase of a load circuit, 
on which it is desired to impress a voltage in quadrature 
to the voltage on the other phase, Pi', and as nearly 
as possible equal to it in magnitude. In Fig. 6 is 
shown a phase converter with the primary connected 
in series with one of the load phases, as distinguished 
from the shunt connection of Fig. 5. 

Using the same notation as before, the mutual and 
self inductive impedances of the tertiary circuit are 
respectively equal to the mutual and self inductive 
impedances of the primary and Zt,. Let Za be the 



Fig. 5 


impedance per phase of the load circuit and let Zo' 
= Zo + Zo. The speed being very close to synchro¬ 
nous, the forwardly rotating component of secondary 
current can be neglected, that is /i = 0. The voltage 
generated in the tertiary circuit by the backwardly 
rotating component of secondary current is 90 deg. 
ahead of the voltage generated by this cxirrent in the 

primary circuit and is, therefore, Z„ I 2 « ® = j Zm I-i- 



Fig. 6 


The double-frequency voltage generatedlinjthe second¬ 
ary by the current in the tertiary circuit is likewise 

j TT 

seen to be Zm/a € ^ = —jZmh- 

From Fig. 5 is then readily obtained 
, (Zm -f-Zo)/o + Zm ^2 = Z 1 

Zm -lo "h (2 Zm "b'Za) li — j Zm Iz — ^ 1 (7) 

jZm+ (Z’m + ^oO® 

Solving 

r _ E [ZJ -F Zm Z 2 + 2 Zm Zo' + Z 2 Z,'] 

“ (Zm+Zo)[Zm Z2-f-2 Zm Zo'H-Za Zo']-Zm* Z. 
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T _ — E (Zn? Zm Zo') _ .q. 

* (Zm-hZo)[Z„ Z 2 -I -2 Zm Zo'+Za Zo'] - Zm^ Z. 

r _ _ 3 E Zm* _ ^101 

(Zm-|-Zo)[ZmZ2+2Z„Zo'+Z2Zo']-Zm*Z, 

6i = Zo I 3 

Denoting the denominator by D, it is interesting to 

E Z ^ 

note that the first term of lo is , which, com- 
‘ E Z ^ 

bined with I 3 = j produces a m. m. f. rotating 

backwards, which is balanced by the first term of h, 
E Z ^ 

which is equal to-. It is, therefore, the double 



frequency component of secondary current which 
increases with increasing load on the tertiary circuit. 
In Fig. 7 are shown the curves of a shunt connected 
converter of the following constants: Zo = 0.05 -f- j 
0.16 Z 2 = 0.05 -I-i 0.03 Zm = 0.975 -hi 9.9 E = 
100. Zo is assumed to vary so as to maintain a con¬ 
stant power factor of 80 per cent. 

For the series-connected converter is obtained the 
following equations from Fig. 6: 

(Zm -h Zo') lo -h Zmli — E 

ZmIo + (2Zm-hZ2)l2-iZmJs = 0 (11) 

j Zm li + (Zm + Zo') Iz = 0 . 
and here from 

J E [Zm* + Zm Zo -h 2 Zm Zo' + Za Zo'] /| 2 \ 
(Zm -h Zo') [Zm Za -h 2 Zm Zo' + Z, Zo'] ^ 

J _ — E {Zm^ + Zm Zo') _ 

" (Zm -h Zo') [Zm Za -f 2 Zm Zo' -h Za Zo'] 


(13) 
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_ 3 ^ 

(Z„ + Zo) Z, + 2Z„, Zo' + Z„ Zo'] 

Cl = Za Jo Co = Zo Jj 

In Pig. 8 are shown the curves of the same converter 
shown in Fig. 7, except that it is connected in series. 
It will be noted that with the series connection the 


radians. The voltage equation of the primary is, 
therefore, 

(Zo. + Zo) Jo + eA + = E 

Similarly the voltage equation of the secondary is 
seen to be 



Pio. 8 


phase voltages of the load circuit tend towards equality 
in magnitude and quadrature relation in phase as the 
load increases, while the reverse is true for the shunt 
connection. 

Repulsion Motor 


+ [-^ +Zi]j, = 0 

Substituting 

= cos \ + j sin X 
er/x = cos X — j sin X 
and the voltage equations reduce to 
(Zo, + Zo) Jo + Zo, cos X Ji = I 

Z^ot[cos X(1 s)sin X]Jo + (Zo,“|“Zi)Ji = 0 J 
Solving 

/ __ ^ (Z’w + Zi) _ 

[Zm^ -f- Zo, Zo H~ Zo, Zi Zo Zi ] ' 

— Zo,* cos X [cos X + y (1 — s) sin X ] 

T ^ ^ Zm __ . 

[ Zm^ t|- Zo, Zo + Zo, Zi + Zo Zi ] 

[cos X H-i (1 - s) sin X1 _ 

— Zo,* cos X [cos X + y (1 — s) sin X ] 



• As illustration of the application of the method to 
commutator motors, consider the repulsion motor 
shown diagramatically in Fig. 9. It being at the 
present merely intended to show that the rotating 
field theory is applicable to commutator motors also, 
only the plain repulsion motor will be considered, 
although the. method can be readily extended 
to the various forms of compensated motors, and 
to include the phenomena of brush short-circuit 
currents. 

• In Pig. 9 let the brushes be shifted X radians in 
positive direction from the line A B, which is the 
position of maximum mutual inductive effect between 
stator and rotor circuits. As in the single-phase 
induction motor, there are two voltages generated in 
the secondary of frequencies s and (2 - s). However, 
the currents resulting froin these voltages are converted 
by the commutator into line frequency at all speeds, and 
consequently combine into one secondary current. 
The voltage induced in the primary by the positively 
rotating component of the secondary current is ad¬ 
vanced X radians in phase, and the voltage generated 
by the negatively rotating component is retarded X 



The exciting current of the positively rotating field 

^ _ Jo -f- J. 

- 2 - 

_ . Zi 

2 {[Z«*-I-Z„ Zo + Z„ Zi H-Zo ZJ 

_ - J (2 - s) Z„ sin X .. 

— Z*,* cos X [cos X -h y (1 — s) sin X ]} ' 

The exciting current of the negatively rotating field 

r .V _ Jo 6^^ + Ji 

io-s- 
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2 {[Zm^ + ZmZo + ZmZi + ZaZi] 

_ +js.gmsin X _ 

— Zm* cos X [cos X + y (1 — s)sin X ]} 

The voltage induced by the positively rotating field 

ei = Jo' € 

and the voltage induced by the negatively rotating 
field 

. -I''X 

62 — f 



where \f/ is the angle by which the exciting current leads 
the true magnetizing current 

The torque developed by the positively rotating 
field Ti = eilicos Wi, wi = phase angle between ei 
and Ji. 

The torque developed by the negatively rotating 
field Ti = Bi li cos ,coj, 0)2 = phase angle between Bi 
and li. 

Resultant torque = Ti + Ti. 

Fig. 10 shows the curves of a motor of constants 

Zm = 7 -|“ y 40 Zo = 1 "I" y 2 Zi = o.6 -|- y 1 f = 

300 X = 45 deg. 



Fig. 11 


Power-Factor Compensation 
To further illustrate the application of the above 
method to. commutator motors, it may be of interest 
to consider the case where one of the rotating fields 
vanishes, that is . the symmetrical polyphase motor. 
There is, apparently, an increasing demand for means 
of correcting power factor on inductive loads, and the 
use of commutators in connection with induction 
motors may, therefore, become of considerable im¬ 
portance in the near future. In Steinmetz’s “Theory 


and Calculation of Electrical Apparatus” (Pages 
52-92 and page 379) are discussed a number of methods 
of power-factor compensation. 

The simplest and most economical of the various 
methods proposed appears to be the so-called Heyland 
motor. In addition to the ordinary squirrel-cage, the 
rotor of the Heyland motor is supplied with a com¬ 
pensating winding connected to a commutator and 
usually placed in the same slots as the rotor bars. By 
means of brushes bearing on the commutator, a voltage 
of suitable magnitude and phase is impressed on the 
compensating winding. 

With the compensating winding placed in the same 
slots as the rotor bars, practically all of the cage 
leakage reactance becomes a part of the mutual re¬ 
actance between the cage and the compensating 
winding. The impedance of the cage Zi can, therefore, 
be considered as consisting of the resistance, ri, only. 
The mutual impedance between the cage and the 
compensating winding, ZJ = Zm+j *i, where Z„ 
is the mutual impedance between the primary winding 
and the cage, and also the mutual impedance between 
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the primary and the compensating winding reduced 
to primary terms. Z 2 = r 2 + j Xi is the impedance of 
the compensating winding in terms of primary, Xi, 
which is the reactance of the leakage flux around the 
end windings, remains constant at all speeds. 

Let Jo, h and J 2 be the current in the primary, the 
the squirrel cage and the compensating winding, re¬ 
spectively, all in terms of primary. With the brushes 
shifted X radians in positive direction, and a voltage 
c E impressed on the commutator, the voltage equation 
of the three circuits are 


(Zm -f" Zo) Jo "t" Zb, Ji -h Zm 6^ li = E 

S Zm Jo "h (S Zm' Zi) Ii S Zm! li =0 

SZm Jo+sZm' Ji + (sZot' +Zi)Ii = cE 

solving 


(20) 


r_ E { sZm'(Zj + Zi) 

~ S(Zi + Zi) [Zm' {Zm + Zo) - ZJ] 


4~ Zi Z 2 — C Zm Zi } 
+ Z\Zi (Zm Zo) 
































On a Design for a Bifilar Type of Non-Reactive 

Resistance Coil 

BY H. NUKIYAMA' and Y. SHOJB 

Associate, A. I. E. E. Non-member 

Synopsis* —A hifilar non-reactivc coil usually gives a con- an experimental constant, which the writers call the apparent 
densive reactance at high frequency. The present paper anal- dielectric co7i8tant K, a method is given for designing a 100,000- 
yses this frequency error observed over the audio-frequency ohm coil, tohich gives a phcLse angle less than 5 deg., at a frequency of 
range. A 71 impedance characleristic curve is recognized, resem- 6000 cycles per second, assummg the apparent dielectric constant 
hling that of an electric cable. From this experimental fact, to he K = 3, 

a cable theory of a hifdar non-reaclivv coil is deduced. E^nploying ***** 


I—Experiment to Determine the Frequency 
Characteristic of a Bifilar Type of 
Non-Reactive Coil 

B.w. g.,No. 36 silk covered manganin wire was 
used, which has the following constants. 
d = diameter (bare) = 0.01015 cm. 

D = diameter (silk covered) = 0.0198 cm. 

R =46.5 ohms per wire meter. 

Two parallel lengths of this wire, as shown in Fig. 1, 
were put lightly in contact, resulting in a bifilar resist¬ 
ance. This bifilar loop was arranged as shown in 
Pig. 2, in order to measure its impedance. In Fig. 2, 
T, is about 5.75 meters and U is about 6.5 cm. 

The wire was stretched in a vertical plane, parallel 
to the wooden wall of the room, and the distance 
between the parallels was about 13 cm. By the 
arrangement described above, the mutual electrostatic 


bridge, the impedance of the bifilar coil can be meas¬ 
ured by adjusting R and C. Curtis coil resistances 
were used as the non-reactive resistances represented 
by Ru Ri, R. These Curtis coils were previously 
ascertained to be. practically non-reactive, compared 
with the non-reactive resistances of a mannit solution 
and a graphite-bar. The results of measurement are 
recorded in Table I. In this Table, Z, is the impedance 
when .the B end is short-circuited and 

1 

Z. = r,- j —— Ohms Z 

w C/g 

In the same Table, Zf is the impedance when the B 
end is open-circuity and 

The short-circuit impedance Z, is vectorially repre- 




P^iG. 1—CttOBS Section op the BiPiiiAR Resistance 

and magnetic effects in the lengths of wire and those 
between them and earth, which must exist in a practical 
bifilar coil were minimized. This made an ideal 
bifilar resistance, which is identical with a simple 
uniform cable line. The length from A to B (one 
half of the total wire length) was 215 meters, and 20,000 
ohms was selected as the direct-current resistance of 
this bifilar coil, when B was short-circuited- In order 
to observe the variation of the impedance of the ideal 
bifilar resistance with the frequency, the impedance 
measurement was taken over the audio-frequency 
range. The measuring arrangement is shown in Fig. 3 
where the plieotron oscillator is used as the alternating- 
eurrent source, and the frequency is changed by adjust¬ 
ing the condenser Ci. By connecting the A end of the 
bifilar coil (Fig. 2) to the arm A of the impedance 

1. Prof, of Electrical Engineering, Tohokii Imperial TJniver- 

.sity, Japan. ,. ^ . 

2. Associate Denki Gakkai. 



B 


Fig. 2—Ideal Arrangement op the Bifilar Resistance 

sented in Fig. 4. As can be seen in this figure, the 
size of the short-circuit impedance is almost con¬ 
stant up to 1000 cycles per second; but the condensive 
reactance increases rapidly at first, as the frequency 
becomes larger. The increasing rate of the condensive 
reactance becomes gradually smaller, and the decreas¬ 
ing rate of the effective resistance becomes larger. 
Near the frequency of 2500 cycles per second, the 
condensive reactance becomes a maximum. 

Next, the arrangement of the bifilar resistance was 
left unchanged, as shown in Fig. 2, but the wire was 
coated with a paraffin solution’over the silk insulation, 
as shown in Fig. 5. The result of the measurement of 
this bifilar resistance is shown in Table II and Fig. 6. 
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The impedance characteristic curve is similar to that 
of the previous case, but the curve is elongated on the 
same locus. 



Fia. 3 —Diagram op Connbctionb por Mrasvring the 
Impedancb op the Bifilar Resistance 


I ® 


110x10' 



Reastany^ , , , , , , , , , 

9 10 *2 14 16 18 20x10^ 

REAL AXIS, THOUSAND OHMS 


Pig. 4—^Impedance Characteristics op the Bifilar 
Resistance in the Ideal Arrangement (Not Impregnated 
WITH Paraffin) 

H-D—>1 
I I , 

1 K-D-H 



Pig. 5—Cross Section op the Bifilar Resistance 
(Paraffined) 

The arrangiement shown in Fig. 2 was then taken 
down, and wound progressivdy along tiie axis of a 
bobbin as shown in Fig. 7. By winding in this way, 
we reduce the effect of stored electrostatic energy. 


i. e., the condensive reactance effect, as the turns which 
have a greater potential difference are thus not con¬ 
tiguous. The impedance of this wound bifilar coil, 
was then measured. The result is shown in Table III 
and Fig. 8. In this case, the locus is almost identical 
with the other two already mentioned, but points of 
same frequency shift forward on the same locus. 

II—^Theory of a Bifilar Coil as an Electric 
Gable 

As can be seen from the experimental results state<l 
above, the impedance characteristic of the bifilar 
resistance is very-similar to that of an electric cable. 
The idea of this similarity can be realized from the 
construction of the bifilar coil, which has a smaller 
linear self-inductance and larger linear capacity, as it 
is formed by wires closely in contact. With this 
idea, we treated the bifilar resistance as a uniform 
electric line and found its constants from the short- 


REAL AXIS, OHMS. 

8 10 12 14 16 18 20x10^ 



Pig. 6—^Imphdanor Charactxbistics op the Bifilar 
Resistance in the Ideal Arrangement (Impregnated with 
Paraffin) 



7—Actual Arrangement op the Bifilar Resistance 
Coil 

circuit impedance Z, and open-circuit‘ impedance Zj 
The surge imp edance 

* 0 . = VZ,Zf Ohms Z (1) 

The linear hyperbolic angle 




hyps. Z (2) 


where x is the total lengih of the bifilar winding. 
The linear impedance 


= ^oa = ^ -v/Z ,Zf tanh-^^ 


The linear admittance 
1. Bibliograpliy 1. 


Ohms Z (3) 
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all \ z 

y — - = — - ■■ tanh“‘ ■x —— 

^ Zo X ^Z.Z, \ Zf 

Mhos Z ( 4 ) 

Columns 8, 9,10 and 11 in Tables I, II and III repre¬ 


sent the surge impedance Zo, total hypM*bolic angle 
d = xa, total impedance Z = xz, and total admit¬ 
tance Y = xy, which are calculated by the above 
equations from the measured values of Z, and Zf, In 
all these results, the slope of the total impedance Z 


TABLE I 

TABLE OP CONSTANTS OP THE BIPILAK RESISTANCE WHEN THE WIRE WAS COVERED WITH SILK ONLY 


f 

fi, ohm 


Zh ohm 

r/ ohm 

Of Ilf 

Zf ohm 

?o ohm 

e => ax 

1 

Z ohm 

j y Z^mho 

Cl =* 

7 sin ^ 


0} X 

Ilf 

0 

408 

20000 

19570 

0.145P0 

20000 

19670-y2600 

1.9 XIO^ 
7540 

0.00761 

1.9 XIO^ 
7540-7*61400 

32100 ^ 44044 ' 

0.620 Z44®30' 

19800 ^b®14' 

1.93 X10"®Z89®14' 

0.0350 

700 

18850 

0,05230 

18860-74350 

7470 

0.00754 

7470-730100 

24730 

0.83 Z44®1S' 

20550 ^0®17' 

3.36 X10"®Z88®47' 

0.0354 

im 

18250 

0.03310 

18250-75350 

7400 

0.00746 

7400-7*23700 

21720 ^44«31' 

0.940 /44® 

20460 ^0®31' 

4.335X10"® Z 88 ® 3 r 

0.0356 

1800 

10800 

0.01810 

16800-76720 

7340 

0.00734 

7340-/16700 

18170 "\440 4' 

1.125 Z43®40' 

20420 \0®23' 

6.20 X10’®Z87®43' 

0.0352 

1000 

15700 

0.01335 

15700-7*7450 

7270 

0.00716 

7270-7*13900 

16500 ^43®54' 

1.250 Z43®50' 

20600 \0® 4' 

7.68 X10"®Z87®44' 

0.0356 

imo 

14550 1 

0.01055 

14550 -7*7950 

7210 

0.00703 

7210-7*11910 

16170 \43°42' 

1.37 /43®50' 

20800 ^0® 7* 

9.40 X10“®Z87®32' 

0.0352 

2200 

13550 

0.00880 

13560 -7*8230 

7120 

0.00683 

7120 -7*10630 

14250 \ 43 O 45 ' 

1.47 /43®46' 

20900 ^0® 0' 

10.36 X10"®Z87®30' 

0.0348 

2500 

12630 

0,00780 

12630-7*8160 

7060 

0.00669 

7060-7* 9610 

13550 ^430 8' 

1.66 Z 45 ® 

21100 Zl®51' 

Tl.47 X10"®Z88®8' 

0.0340 

2800 

11920 

0.00705 

11920 -7*8060 

7020 

0.00655 

7020-7* 8690 

12680 \42®34' 

1.635 Z44®60' 

20700 Z2®15' 

12.90 X10"®Z87®24' 

0.0341 

3100 

.11190 

0.00645 

11190-7*7960 

6960 

0.00640 

6960-7* 8000 

12050 \42^12' 

1.72 Z44®50' 

20700 Z2®37' 

14.23 XIO"® Z87® 2' 

0.0340 

• 3400 

10000 

0.00605 

10600 -7*7760 

6900 

0.00625 

6900 -7 7500 

11590 ’^41048' 

1.78 Z45® 

20600 Z3®11' 

15.38 X10"®Z86®48' 

0.0336 

3700 

10100 

0.00575 

10100-77500 

6830 

0.00604 

6830-7 7130 

11220 '^41°25' 

1.82 Z44®50' 

20400 Z3®26' 

16.2 X10"®Z86®15' 

0.0324 

4000 

9700 

0.00545 

9700-7*7310 

6800 

0.00591 

6800 -7 6750 

10790 *^40064' 

1.90 Z45® 

20600 Z4® 6' 

17.6 X10"®Z85®64^ 

0.0324 

4300 

9300 

0,00523 

9300-7*7100 

6720 

0.00580 

6720 -7 0390 

10425 ^40”27' 

1.93 Z 45 ® 

20100 Z4®33' 

18.48 X10"®Z86®27' 

0.0316 

4600 

9000 

0.00505 

9000-7*6850 

6700 

0.00571 

6700 -7* 6070 

10110 \ 39042 ' 

1.89 Z46® 

20000 Z6®18' 

19.55 X10"®Z84®42' 

0.0313 

4880 

8750 ! 

0.00502 

8750-7*6500 

6680 

0.00676 

6680-7* 6700 

9780 \38®34' 

2.02 Z 45 ® 

19800 Z6®26' 

20.60 X10"®Z83®34' 

0.0310 


TABLE 11 

TABLE OP OON.STANTS OP THE BIPILAR RESISTANCE WHEN THE WIRE WAS COATED WITH PARAPPIN 


OVER THE SILK INSULATION 



r« Ohm 

Catif 

Zs ohm 

Ff ohm 

Cfflf 

Zf ohm 

zo ohm 

0 = Of X 

Z ohm 

Y Z^mho 

Ct * 

7 sin ^ 

f ^ 

0) X 
. M/ 

0 

408 

19976 

18900 

0.08790 

19976 

18900-^4435 

6.3 XIO® 
6880 

0.01220 

• 6.3X10® 
6880-7*32000 

25100 '^46®32' 

0.794 Z43®50' 

19940 ’^1®42' 

3.163X10"® Z89®22' 

0.0675 

700 

17160 

0.03340 

17160-j6800 

6700 

0.01176 

6700-7*19320 

19450 '\46®16' 

1.048 Z43°30' 

20380 \2®45' 

3.590X10"® Z89®46' 

0.0565 

900 

15800 

0,02270 

1680l0-j7790 

6590 

0.01147 

6590-7*16410 

17180 ^46®26' 

1.182 Z43®25' 

20310 \3® 8 ' 

6.890 XIO"® Z89®68' 

0.0667 

1200 

13820 

0.01535 

13820-^8650 

6460 

0.01074 

6460 -712350 

16080 ^47®14' 

1.360 Z43®16' 

20600 \3®69' 

9.020 XIO"® Z90®29' 

0,0569 

1500 

12070 

0.01167 

12070-7*9100 

6330 

0.01025 

6330-7*10360 

13660 ’^47®48' 

1.638 Z43®10' 

20710 \4®38' 

1.126X10’* Z90®68' 

0.0669 

'1800 

10650 

0,00960 

10660-7*9220 

6190 

0.00971 

6190-y 9110 

12460 ^48®21' 

1.676 Z44® 0 ' 

20870 ’^4®21' 

1.344X10"* Z92®22' 

0.0554 

2100 

9500 

0.00842 

9500-7*9000 

6050 

0.00916 

6060 - 7 * 8266 

11685 '^48®38' 

1.800 Z 44 ® 7' 

20850 \4®31' 

1.654X10"* Z92®46' 

0.0646 

2400 

8510 

0.00766 

8610-7*8660 

5900 

0.00870 

5900-7* 7620 

11016 \48°53' 

1.912 Z44®16' 

21070 \4®37' 

1.735 XIO"* Z98® 9' 

0.0536 

2700 

7810 

0.00716 

7810-7*8220 

5750 

0.00846 

6750 -7* 6960 

10110 '^48®27' 

1.998 Z45®10' 

20200 X3®17' 

1.976X10"* Z93®37' 

0.0641 

3000 

7230 

0.00682 

7230-77850 

5650 

0.00803 

6660 -7* 6600 

9620 X48® 1' 

2.076 Z44®36' 

19970 \3®25' 

2.159X10"* Z92®37' 

0.0532 

3500 

6360 

0.00631 

6360-77200 

5430 

0.00738 

6430-7* 6160 

8875 X48®33' 

2.256 Z44®10' 

20010 ^4®23' 

2.646 XIO"* Z92®46' 

0.0552 

4000 

6700 

0.00611 

5700 -7*6620 

5260 

0.00710 

5260-7 5610 

8160 \47®60' 

2.440 Z44®30' 

19900 X3®20' 

2.980X10"* Z92®20' 

0.0552 

4840 

5050 

0.00572 

5060-7*5760 

5000 

0.00644 

6000-7 5100 

7395*^47® 8" 

2.700 Z44®48' 

19950 \2®20' 

3.663X10"* Z91®56' 

0.0561 


TABLE III 

TABLE OP CONSTANTS OP THE BIPILAR RESISTANCE WHEN THE WIRE WAS WOUND ON THE BOBBIN 


Z-' 

Fg ohm 

Caftf 

Ze ohm 

r/ohm 

Cfflf 

Zf ohm 

zd ohm 

e me ct X 

Z ohm 

Y Z^^mho 

c, - 
ysSn. <p 

(a X 

fif 

0 

408 

700 

900 

1200 

1500 

1800 

2100 

2400 

2700 

3000 

3500 

4000 

4840 

19998 
18600 
16570 
15000 
12920 
11020 
9900 
9000 
8080 
7710 
7250 
* 6710 
6260 
5840 

0.08100 

0.03190 

0.02183 

0.01500 

0.01200 

0.01010 

0.00915 

0.00835 

0.00798 

0.00765 

0.00711 

0.00684 

0.00662 

19998 

18600-7*4816 
16670-77160 
16000-7*8100 
12920-7*8860 
11020-7*8850 
9900-7*8760 
9000 -7*8280 
8080-7*7960 
7710-77400 
7260 -7*6950 
6710-7*6400 
6260 -7*6820 
6840-7*5060 

1.35 XIO^ 
7020 
6950 
6900 
6800 
6690 
6610 
6510 
.6410 
6290 
6170 
5980 
6900 
5700 

0.01394 

0.01350 

0.01326 

0.01265 

0.01206 

0.01163 

0.01047 

0.00998 

0.00943 

0.00909 

0.00840 

0.00790 

0.00729 

1.35 XIO^ 
7020-7*28000 
6960 -7*16720 
6900-7*13360 
6800 -7*10500 
6690-7* 8820 
6610 -7* 7670 
6610-7* 7240 
6410-7 6660 
6290-7* 6260 
6170-7* 6840 
5980-7 6410 
5900-7 5040 
6700-7* 4510 

23550 \46®14' 
18300 \46®23' 
16240 *^46®32' 
14000 ^45®42'. 
12510 '^46®48' 
11650 \46®22' 
10920 ^45®19' 
10200 \46®19' 
9740 ^ 44019 ' 
9230 \43®39' 
8640 \42954' 
8130 \41®42' 
7490 X39®36' 

0.856Z44® O' 
1.146 Z43®60' 

1.290 Z43°25' 

1.50 Z45°42' 
1.67 Z43®36' 
1.85 Z46° O' 
1,96 Z45® O' 
2.11 Z45®30' 
2.15 Z46®30' 
2.21 Z 45 O 3 O' 

2.36 Z44® O' 

2.61 Z43®30' 
2.70 Z43° O' 


3.63 X10"®Z89®14' 
6.24 X10"®Z89®13' 
7.96 X10"®Z88°67' 
1.07 X10"*Z89®12' 
1.335X10"* Z89®18' 
1.6 X10"*Z90®22' 

1.79 X10"*Z90®19' 
2.07 X10"*Z90®49' 
2.2 X10"*Z89®49' 

2,39 X10"*Z89®9' 
2.72 X10"*Z86®54' 
3.1 X10"*Z86®12' 

3.61 X10’*Z82®36' 

0.0671 

0.067 

0.0666 

0.066 

0.0669 

0.066 

0.0643 

0.0640 

0.0618 

0.0500 

0.0565 

0.0660 

0.04811 
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is nearly zero, and that of the total admittance Y is 
nearly 90 deg. From these facts, we can see that linear 
impedances are approximately pure resistances, and 
linear admittances are approximately pure suscept- 
anees. The quotient of the imaginary part of the 
linear admittance y = g + j ooc, divided by w, is 



Fig. 8—Impedance Characteristics op the Bipilab Resist¬ 
ance When Wound on a Bobbin 

the linear capacity. In Tables I, II and III, column 12 
represents these linear capacities in micro-farads per 
km. The value of these capacities slightly decreases 
as the frequenQT increases; but can be considered to 
be practically constant. Now we take the average 
value of these linear capacities and derive the equation 


From these equations, the impedance oi the bifilar 
coil is easily calculated, by the use of a table of semi- 
imaginary hyperbolic tangents. Fig. 9 shows dia- 
grammatically the semi-imaginary hyperbolic tangent 
(Bibliography 4, 5). The letters along the curve 
show the size of the angle, the abscissa shows that of 
the tanh, and the ordinate the slope of the tanh. 

In the case of Table I, ® = 0.215 km. 

r = 93,000 ohms/km. Ci = 0.035 /xf/km. 

In the case of Table II, x = 0.215 km. 

r = 93,000 ohms/km. Ci = 0.0558 p//km. 

In the case of Table III, x = 0.215 km. 

r - 93,000 ohms/km. Cj = 0.065 y f/km. 



2 Z4 2S 3.2 3.6 4 4.4 



Fig. 9—Chart Showing the Value op Correcting Factor k 

oi a uniform line which has the linear impedance of 
pure r^istance r and linear admittance of pure con- 
densive susceptance- « c. So z = r, y — j ca c. 

The surge impedance and the linear hyperbolic angle 
are 

^ y y 3 cac Nwc 

_ _ Ohms Z (5) 

•a ^ y = Vj <))cr = Vwcr /45° Hyps. Z (6) 
The impedance Z, of the bifilar .coil is 

Z. - Zo tanh ax = tanh (x yATcr /45“) 

> wc ♦ .- 

Ohms Z (7) 


Fig. .10—^Value 


OP 


CoHU-i-r 

d 


The value of theoretical impedance which has been 
calculated from Eq. (7), through the use of Pig. 9, 
is indicated by Cmve II in Figs. 6 and 9. As can be 
seen in Eq. (7), co c is always combined as one term, 
so when r is constant, the change in the value of c 
does not change the impedance locus, but the point 
corresponding to a given frequency shifts forward on 
the same locus by the increase of c comparing these 
results with the results of measurement, identity can 



FREQUENCY 


Fig. 11—Apparent Dielectric Constant 


be found in both cases. We can thus treat the problem 
of the bifilar coil by the theory of the ideal electric • 
cable. 


Ill—^Apparent -Dielectric Constant 

We may coihpare the linear capacity obtained by 
experiment with the linear. capacity obtain^ by 
theory. 
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When the line is constructed as shown in Pig. 1, 
and the insulating medium is air, the theoretical linear 
capacity Cn is 

C„-= 0.02135 M //km. (8) 

cosh-* — i— 
d 

Where d = 0.01015 D = 0.0198 cm. 

Fig. 10 shows the curve of cosh-* for the smaJ- 

a 

ler values of , for aid in design. In the ideal case of 

the bifilar coil, the linear resistance is constant for a 
given resistance wire, and the linear capacity only 
changes with the arrangement of the wire. From 
these considerations, we call the ratio of the linear 
capacity c which is obtained by experiment, with a 
theoretical linear capacity co as an apparent dielectric 
constant of a given line arrangement. The calculation 
of the design will be conveniently made on the basis 
of this dielectric constant. The apparent dielectric 
constant 


= (9) 

Co Co Co 

These data in Tables I, II and III are shown diagram- 
matically in Pig. 11. as a function of the frequen<qr. 

In the case of Table I, the apparent dielectric con¬ 
stant K> has the value of nearly 1.6, and is independent 
of the frequency. This value is satisfactory, as silk 
is used for insulation. As can be seen in Table II, when 
paraffin is used for the insulation, the apparent dielec¬ 
tric constant Ki is approximately 2.6, and independent 
of the frequency. In Fig. 5 the cross-hatched parts are 
filled with paraffin, which has a dielectric constant 
nearly 2, so the increase of apparent dielectric constant 
to the value of 2.6 is reasonable. Next in the case 
of Table III, when the wire is wound on the bobbin, the 
apparent dielectric constant Kz increases to 3.1, and 
is almost constant in the frequency range up to 2000 ~; 
but in the higher frequencies decreases remarkably. 
In this case, turns of the wire at different potentials 
are in contact with each other, so that the apparent 
dielectric constant may increase to some extent (in this 
example approximately 20 per cent) and owing to relative 
electrical conditions between the wires, complicated 
electrical phenomena may occur in the winding, 
consequently the apparent dielectric constant changes 
with the frequency. But as in this case, if the apparent 
dielectric constant does not vary beyond a reasonable 
range, it may be conveniently used for calculation in 
the design. The inductive effects of the current will 
probably cancel as the bifilar is wound at random on the 
bobbin. In the practical design, we should have more 
experimental constants, but the writers have not suffici¬ 
ent data, so we assume the value of if to be large 
enough to make allowance for the error. 


IV—Method of Reducing the Error in the 
Bifilar Resistance due to Frequency 
The simplest method of reducing the error due to 
frequency, is to sectionalize the coil into many parts 
of shorter wire lengths. This can be ascertained from 
Eq. (7). From Eq. (7) 


Z. 


tanh (a: Vw c r /45°) 
X Vci) e r /45° 


Ohms Z (10) 


z — xr shows the ideal case where there is no error. 


so 


k = 


tanh (a: c r /45°) 

X Vw c r /45° 


numeric Z (11) 


is the error factor. 

As can be seen in Fig. 9, the error factor k is approxi¬ 
mately 1 when the total h 3 rperbolic angle x /45° 

of a bifilar coil is very small, so for given «, C, R, we 
can reduce the error by sectionalizing the total length 
of coil into many shorter parts. As shown in Fig. 12, 



Fia. 12 —Sectionalized Bifilar Resistance 


if the coil be divided into n sections and connected in 
series. The impedance Z between botii ends A A is 


Z = n 


tanh ^ ^ y/ (a c r /45° ^ 


n 


— 

n 


V<i) c r /45° 


tanh ( — /45° ) 

= a; r-- — Ohms Z (12) 

-Vcocr/46® 
n ■— 

The error factor 

tanh ^ c r /45° ^ 

- / 45 “ 

n — 

will become smaller by increasing the number of 
sections n. 
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When the total resistance a; r = i? is given, 

V^r /45° = /45° 

As can be seen from the above equations, the error 
can be reduced by the use of material of larger linear 
resistance r; but this method will be practically 
restricted. On the other hand, the method of sec- 
tionalizing is simple and efficient, and is not difficult 
in practise. We divided the bifllar coil which had been 
used in previous experiment, into four sections. To 
obtain the value of k when w = 20,000, (/ = 3180 ~), 
K = 3.1, Co = 0.02135 M//km., c = Co = 0.0662 
fif /km. ■ 

The linear hyperbolic angle a. is 
o: = V 20,000 X 0.0662 X 10"° X 93,000 /45° 

= 11.09/4^ Hyps. Z 
The total hyperbolic angle 6 of one section is 

e = a = 0.597 /4^ Hyps. Z 


From Fig. 9, 

tanh 0.597/45° 
* 0.597 /45° 


0.99 \6°5 


When the coil is sectionalized into four sections, the 
error is 1 per cent in size, and 6 deg. 30 min. in slope, at <w 
= 20,000. In order to test the theory, we section¬ 
alized the coil which has been shown in Fig. 7 into 20 



2.3 cm, 0.15 cm.j?|fii0 76 cm. 

Fig. 13—^Actual Areangement of the Sectionalized Bupilae 
Resistance 


sections, as shown in Fig. 13. It was first connected 
as the 4-section coil, and the frequency character of 
the impedance was measured. The result is shown in 

TABLE IV 


TABLE OP CONSTANTS WHEN THE BIPILAR RESISTANCE 
WAS DIVIDED INTO 4 SECTIONS 


Z'- 

Ts ohm 

CsjJ'f 

Zs ohm 

408 

19960 

1.025 

19960-Z 382' 

900 

19780 

0.231 

19780-Z 765 

1600 

19620 

0.0858 

19620-Z1240 

2100 

19410 

0.0445 

19410-Z1700 

3000 

19130 

0.022 

19130-Z2410 

4600 

18600 

0.0087 

18600--Z3770 


Table IV and Fig. 8 by Curve HI. Curve IV in Pig. 8 
is that calculated by Eq. ( 12 ), and Pig. 9, and the 
differences between these curves are very small. 
Next we made the coil into 20 sections, by suitably 


connecting the same coils. We could detect no react¬ 
ance in this sectionalized coil. 


V—Calculation Example 

Using a resistance material of the following con¬ 
stants. B. w. g.,No. 44 silk covered manganine wire. 

d — diameter (bare) = 3 mils = 0.00761 cm. 

D = diameter (silk covered) = 7 mils = 0.01778 cm. 

r = 1.424 X 10® ohms per loop km. X 1.424 
X 10® ohms per wire km.) 

The number of bifilar sections is required such that 
the phase-angle error for a 100,000-ohm coil is less 
than 5 deg. at / = 5000 From Fig. 10, 


Co 


0.02778 


cosh~i — 
d 


X 10« 


0.02778 

1.493 


X 10-® 


= 1,86 X 10“® farads per km. 
Taking the apparent dielectric constant to be 5 
c = 5co = 9.3X 10“® farads per km. 

Therefore the linear hjrperbolic angle at / = 5000 is 
a = V2 TT X 6000 X 9.3 X 10-® X 1.424 X 10® /4^° 

= 20.4 /4^ 

The total length x of the bifilar of 100,000 ohms is 


X 


100,000 ' 

1.424 X 10® 


0.701km. 


Therefore total hyperbolic angle is 
d = a a: = 14.3 /45° 

By Pig. 9, p = 0.6 when- 6% = \p. 

Therefore the number of sections required is 

14.3 

n = = 28.6 2 30 

In Fig. 9, ^ = 0.99 when p = 0.6. In this case the 
error in the sizes of the impedance is 1 per cent. This 
value is permissible for practical purposes, so three 
sections per 10,000 ohms would be sufficient. 
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The Trenton Channel Plant 

of the Detroit Edison Company 

BY C. F. HIRSHFELDi 

Associate, A. I. B. E. 

Synopsis, This plant is the second to be buUl by this Company of 300,000 kto. It contains both d~c* and a~c, house service, turbine 
well outside the corporate limits of Detroit, the two being connected driven units and nearly all important variable speed auxiliaries are 
by a ISO-kv. tower line arranged for supplying suburban areas and driven by d-e, motors. Coal is used in pulverized form, the paper 
the outer part of the city. The plant has a planned uUimale capacity giving the conclusions which led to its adoption. 


T he Trenton Channel Plant is one of several, 
interconnected plants serving Detroit and sur¬ 
rounding territory. Its location and many of its 
characteristics are determined by this fact and a brief 
statement of some of the characteristics of the territory 
and system is therefore desirable. 

Detroit is located on the Detroit River and has a 
roughly semicircular shape with the river bank serving 
as the diameter. This can be seen in Fig. 1, in which 
the territory served by The Detroit Edison Company 
is indicated. It will be seen that the City of Detroit is 
on what might be called one edge of this area. 

Steam plants generating power for the supply of 
Detroit and surrounding territory must logically be 
located on the water front provided by the Great 
Lakes System since no rivers in this region are large 
enough to supply the circulating water requirements of 
stations of modem size. This brinp about a situation 
in which the power is necessarily generated along the 
easterly boundary of the area, that is eternally, 
except in so far as a few small hydroelectric plants 
located on the Huron River give what might be called an 
internal supply. 

The first two large steam plants of the company are 
located within the city boundaries and are known 
respectively as the Delray and the Connors Creek 
Stations. The power generated by these stations is 
carried out underground and most of it at 23,000 volts. 
The territory external to Detroit was thqs necessarily 
supplied by lines radiating from Detroit and fed by the 
underground system. 

This arrangement came about quite naturally and 
was quite satisfactory for some years. However, as 
the density of load in Detroit and in the surrounding 
territory increased it brought about several very 
illogical, undesirable and costly consequences. The 
most obvioiis were: 

1, Power generated in plants located on costly land 
within the city and subject to high city taxes was 
transmitted over costly underground structure, also 
subject to city taxes, for the purpose of supplying over¬ 
head transmission lines serving small suburban towns 
and cities and country ar^. 

*Chief Research Dept., The Detroit Edison Co. 

Presented at the Spring Convetdion of the A. /. E. E., 
St. Louis, Mo., April lS-17,1936. 


2. The power required for service to the least 
saturated territory had to be passed through the most 
nearly saturated territory thus unnaturally increasing 
the difiiculties brought about by congested streets, 
high property values and the like. 

3. The point of power generation was located some 
distance from a few of the larger suburban loads, as at 
Pontjiac.and Port Huron, making regulation difficult or 
exceedingly complicated and costly. 

4. The coal supply for these plants comes in by 
rail from the South and must be handled through 
congested city yards and over congested terminal rail¬ 
roads while much of the power generated from this coal 
was again shipped out of the congested territory. 

In addition to these obvious disadvantages it became 
evident that the total capacity of the combined plants 
would shortly be required to supply the city alone and 
that it would not be long before even that capacity 
would be inadequate for the city’s needs. The natural 
thing to do was to locate future plants outside the dty 
and in such positions as to be of maximum value to both . 
the smrounding territory and the municipal area. 

The first of these newer plants was constructed at 
Marysville near Port Huron. This location was near 
one end of one of the longest transmission lines and very 
close to one of the hugest concentrated loads outside 
the city of Detroit: The second of these plants was 
built almost at the other end of the available water 
front, namely, just below the city of Trenton and is 
knovm as the Trenton Channel Plant. 

This location is such that the coal canying roads run 
close to the plant on their way to Detroit, so that coal 
can be delivered to the plant without having to enter 
the congested Detroit district. The location also has 
the advantage of placing the plant in a section of tiie 
territory which is rapidly developing to a dense indus¬ 
trial district and all indications point to this section as 
the one whidi will continue to develop most rapidly in 
this way. .Other advantages of the location will be¬ 
come apparent from subsequent paragraphs. The 
locations of the two older and the two newer plants are 
indicated on Pig. 1 and the air-line distances between 
them are also given. 

With these two new plants in existence, an entirely 
different system of transmitting energy becomes 
available. A 120,000-volt line which might be de- 
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scribed as a trunk has been run between them and it has 
been given such a course that it swings out into the 
country areas to the north and west of Detroit. The 
location of this trunk is shown on Fig. 2 by a heavy line. 
The lighter lines indicate existing 23,000- and 45,000- 
volt lines which originally transmitted energy from 
the Detroit plants. 

These lines will ultimately be fed from step-down 
stations located along the high-tension line and some of 
them will not only supply the smaller towns and coimtry 


AlJpTDxiniate outline 
of Tetritoiy served 


Delray Plant^ 




Connors Plant 


nton Channel Flant. 


When the lines running out from Trenton Channel are 
completed there will be three steel-tower lines, each 
carrying two three-phase circuits of No. 3 /O copper, thus 
giving six circuits or transmission lines. Pour of these 
will run direct to Brownstown and two will run to one 
of the outdoor stations lydng on the western edge of 
Detroit. Connections between this station and another 
of similar character will serve to tie this line from Tren¬ 
ton Channel to the short line running north from 
Brownstown when desired, thus giving a looped supply 
to these two important substations. 

Arrangements have been made at Trenton Channel 
to step up to voltages lying between 110,000 as a lower 
limit and 120,000 as an upper limit. Arrangements are 
being made for two separate high-tension busses. It is 
obvious that when completed this will make it possible 
to supply the loop just referred to at a low voltage and 
still use the higher voltage on the trunk line if this is 
required to meet existing conditions of load. 

The use of two separate busses also makes it possible 
to continue and extend a practise which has been a 
striking characteristic of the operating methods of the 
company for several years. This practise may be de¬ 
scribed as a loose linkage or a limited linkage between 
generating units, using the latter term to mean a group 




Fig. 1—^Territory Sbrtbd bt thb Detroit Edison Company 

areas but will also feed back into Detroit. This gives 
a more logical arrangement since large amounts of 
energy can be brought in through the least congested 
areas to feed the most congested. 

It will be seen in Fig. 2 that the high-tension trunk 
runs through a place named Brownstown near Trenton 
Channel and also that high tension lines run roughly 
north and south from Brownstown. Power generated 
at Trenton Channel is transmitted to a switching 
station at Brownstown and is there routed over such 
drcuits of the three radiating lines as may be desired. 
In addition, some of the power received at Brownstown 
is there stepped down to 23,000 volts and distributed 
for the supply of adjacent territory. Power routed to 
the north is, used to supply the industrial area south¬ 
west of Detroit and also to supply the west side of 
Detroit, thus partly relieving the old Delray Station. 
Power routed to the south now supplies a rather large 
load in Monroe at the extreme southern end of the 
tentory and will ultimately also supply a heavy indus¬ 
trial developmait which is expected to follow down 
along the water front. Power routed to the west sup¬ 
plies the country areas and suburban municipalities and 
some of it will ultimately be fed back into the northern 
part of Detroit, 


Approximate outline 
of Terriloty served 


23,000 Volt and 
48,000 Volt Lines-^ 



n Connors Ci^ Plant 
rlVenton Channel Plant 


120W)VoIlUi» 
Brownstown Statirm 


Fig. 2—^Transmission Lines of the Detroit Edison 
Company 

of turbo generators such as a large section of a single 
generating plant or an entire plant. The practise was 
started by dividing up the territory in such a way 
that each plant supplied the area nearest to it and then 
connecting the separate areas by the minimund possible 
amount of copper. As a result, all plants remained in 
step imder normal conditions and even under sli^tly 
abnormal conditions such as the loss of a generator at 
one of the plaints. However, a serious fault such as a 
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bad ground would OTcate sufficient disturbance to break 
the areas apart, thus confining any subsequent trouble 
to the affected area. This practise was brought about 
by an effort to reduce the severity .of the service on oil 
switches. 



PiQ. 3 —Ground Plan, Trenton Channel Plant and Yard 


The Trenton Channel Plant is located on Iffie southern 
end of an island in the Detroit River. This island is 
known as Slocums Island and is or was merely a piece of 
high ground separated from the high mainland by a 
narrow marsh. A channel has been dredged through 
this marsh so that the so-called island is now an island 
in fact. The plant site is underlain with a good grade 
of limestone rock at a depth of about 18 to 20 feet 
beneath the original surface of the ground so that ideal, 
foundation conditions exist. 

The plant is so located on the site that its major axes 
run approximately north and south and the fiow of 
circulating water through it is approximately from the 
east toward the west. This water is taken from the 
Trenton Channel of the Detroit River on the east of the 
island and is discharged into the dredged channel to tire 
west previously mentioned. The general location and 
arrangement are shown in Figs. 3 and 4. 

Starting at the river, the circulating water enters a 
forebay protected by deflecting piers, booms and skim¬ 
ming aprons and flows through the screen house on its 
way to the intake tunnel under the turbine house. The 
usual arrangemait of inclined traveling screens pro¬ 
tected by stationary rough screens or grizzlies is used. 

Next to the screen house is located the coal unloading 
house. This contains two through tracks located above 
track hoppers into which the coal is dropped from 
gondola type cars. Crane rails, supported on the 
building columns in the usual way, carry a coal spudding 
device similar to those used for brealdng up and un¬ 
loading coal in the other plants of this company. 

All coal entering the plant or going into storage is 



Pig. 4—Cross Section, Trenton Channel Plant 


The same practise was adopted with respect to the 
individual plant. When conditions are sufficiently 
seyere the plant-bus is split and the feeders and networks 
so handled that there is minimum possibility of a serious 
fault on one part of the bus affecting service from the 
other part. It will be seen that the double bus arrang^ 
ment provided at Trenton Channel fits into this 
method of operating. 


weighed on railroad track scales located on a tr^k 
which runs between the screen house and the unloading 
house. These scales are indicated in Fig. 3. 

Coal dropped into the track hoppers is carri^ away 
and elevated by means of pan conveyers which dis¬ 
charge it into the feed end of a Bradford breaker. 
This arrangement together with subsequent coal hand¬ 
ling equipment is shown in Fig. 5. From the breaker 
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the coal is elevated to the green coal bunker at the top 
of the coal preparation house. From there it gravitates 
through steam-heated, air-circulating driers into the 
pulverizing mills. The pulverized fuel is carried out of 
tile mills by air, separated from the air in Cyclone separa¬ 
tors and delivered from these by screw conveyers to the 
hoppers of Fuller-Kinyon pumps. These pumps are 
coupled to a duplicate piping system which distributes 
the pulverized fuel to the bunkers in the boiler house. 

Ihilverized fuel firing was chosen for this plant after 


mately equal to that obtained with stoker firing could be 
expected. 

2. The total cost of steam, including all operating 
and capital charges, would probably not be any higher 
with the pulverized fuel method than with, stokers and 
possibly a little lower when using the same number of 
boilers with either method of firing. 

3. It appeared that it would be possible to obtain 
a flatter efficiency curve over a wide range with pul¬ 
verized fuel than with stokers and to obtain high boiler 



Coal llMLOAotNo Howe 


^fuLVCMZBa 
COAL.rM:PAE.ATKHI HOUSE 


Fia. 6 —Coal Handling Pebpaeation, and Pieing Equipment 


elaborate studies which were beised on the best attain¬ 
able data. It was realized that recent developments in 
stokers combined with the meagemess of information 
regarding actual operating costs with pulvmzed fuel 



Pig. 6—Ultimate Abeangbment op Busses and Lines 


made a study of tiiis kind exceedingly difficult and 
tended to throw doubt on the correctness of the con- 
dusions. However, the following conclusions seemed 
to be justified: 

1. The pulverized fuel method had been developed 
tp such an extent that continuity of service approxi- 


ratings with greater facility, thus making it possible to 
use a smaller number of boilers advantageously and to 
reduce capital charges by a corresponding amount. 

4. It seemed certain that a pulverized fuel plant 
would be less dependent on the supply of a particular 
quality of coal. This is not intended to mean that it 
was expected that such a plant could bum all sorts of 
coal with equal facility but that such variations as must 
naturally be expected to occur in the deliveries from a 
given field would not have as great an effect upon capac¬ 
ity and efficiency as had proved to be the case with the 
older, stoker fired pl^ts. It was also hoped that poorer 
grades of coal than had been found best suited for 
stokers of the type previously used might be found to 
give commercijdly satisfactory results, thus increasing 
the flexibility of coal purchasing in several respects. 

The decision in favor of pulverized fuel was based 
very largely upon the fourth conclusion, namely greater 
flexibility with respect to character of coal. This was 
particularly important in this case because the plant is 
so located that cars of poor or questionable coal can 
easily be dropped there before entry to Detroit, It is 
thus possible to sMm off the best coal, fiipiratively 
speaking, for delivery to the Defroit plante and to drop 
the poorer varieties on the way into the city. 
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Ai>ril 

Tht* plant was laiil out. for an ultimate installed gen- 
eniting eai>aeity of:}()(),000 kw. The design is based on 
the use of six i)0,000-kw. units. 'Phree have been in¬ 
stalled and the fourth will he installed in the neiu* 
future. 

Till' gem*raturs of llu*.s(‘ units are rated at 62,500 
kv-a. at generator voltage corresponding to 120,000 
volts on itu* Iransniission line. 'I'he nominal generator 
vollitge is 12,200. 'I'he t.urbines are designed for best 
etlicieney at a gent*ralor output near 43,000 kw. with 
steam at 37t) lb. and 700 deg. fahr., but can carry 
something f>ver 50,000 kw. at reduced etlicieney. 
Under t»nlinary ctmdit.ions the generators will be op- 
erate<l well btdtnv I heir maximum capacity and therefore 
at low temperatures which should I’esult in long life of 
insulation. 'I’he field cinmit. has been designed very 
liberally and the direct.-ecmnected e.xciter is generously 
large so that oeru.si<mul operation with high current, 
as with poor power factor or maximum output at low 


type oil circuit breakers with the usual disconnecting 
switches. 

Thus, each generator with its own set of transformers 
and its switches is a separate unit right up to the 
high-tension, or transmission line bus. The lower- 
voltage, indoor switch is used for normal operations 
such as connecting a generator to the bus after S3m- 
ehronizing. Both the indoor and the outdoor switches, 
however, are automatic under relay operation. 

The neutral point of each generator and the neutral 
point of each step-up transformer Y is connected solidly 
to ground. Differential relay protection is provided for 
each generator and bank of step-up transformers as a 
unit and differential and overload relay protection is 
provided on out-going lines, the pairs of lines normally 
being operated in parallel. 

A single line diagram of generator connections, 
outdoor yard and out-going lines is shown in Fig. 6 in 
the form which will be assumed when the plant is com- 



.SWITCH HOUtiK 

7 AllUANICJKMIiN'r OK Eli«<!Tbicai, Enh ok Pi,ant 


voltage, i.H providwl for. (Ireat flexibility i.s thus ob- 
t2une<i with re8i»ect to generating conditions and full 
advantage may he taken of the double bus already 
desttribed un<l the variation of voltage desirable m 
feeding from the .same plant concentrated loads at 
short di.stances and .seattere<l loads at great distances. 

Kueh generator is tie<l solid to a 25,000-volt, 4000- 
ampc;re oil switeh which is located in a bay which runs 
along one .side of the turbine room. Beyond this oil 
switch there is located a disconnecting .switch and then 
the line runs outdoors to the step-up transformers. 
There are three water-cooled, outdoor-type trans¬ 
formers per generator and they step up through delta-Y 
connections to bus voltage, that is, to a value between 
110,000 and 120,000 as desired. The transformer 
ratio is fixed, the variation of voltage being obtained at 
the generators. 

The step-up transformers are connected to the out¬ 
door busses through 132,000-volt, 400-ampere, outdoor- 


pleted. A cross-section of the electrical end of the 
house and the outdoor yard is shown in Pig. 7. 

The uncertainty with respect to what limitations 
might be discovered in the use of pulverized fuel dic¬ 
tated a rather generous design of boiler room. It 
seemed probable that eighteen boilers of the size chosen 
should be sufficient for a 300,000-kilowatt station but 
the design was so arranged that three more could be 
added if necessary. To date operation indicated 
that eighteen will certain! v be sufficient and it is possible 
that a still smaller number will prove satisfactory. 

The boilers chosen are a double-ended, five drum, 
curved tube type similar to those used in the older 
plants of the company. They have, however, b^n 
redesigned in the light of experience and tests, wth 
the result that greater capacity is obtained within a 
given floor area and height with an increase in the 
boiler efficiency. The boilers installed contain about 
29,000 sq. ft. of saturated surface designed for an opera- 
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ting pressure of 416 lb, per sq. in. Hearth screens add 
about 1200 ft. of satiuated surface. The superheaters 
give a steam temperature of about 700 deg. fahr. Each 
boiler is surmounted by two steel tube economizers 
built into a single housing, the gases flowing from 
the dampers through flues and economizers toward the 
center of width of the economizers and thence through 
induced draft fans to the stacks. 



Fia. 8 —Elevation and Past Section, One Complete 
BouiBB Unit 


A vertical, cross section of a complete boiler and 
furnace unit is shown in Pig. 4 and to a larger scale in 
Pig. 8. It will be obswved that the furnace is of the 
common air-cooled l^e and that it is fired from two 
sides. The ash which collects in the furnace and thet 


which collects in boiler and economizer is all dropped 
into a sluiceway under the boiler and carried to a set¬ 
tling basin outside the plant. At the present time this 
material is being used for fill on the property, being 
transported by means of a dredge pump ard moveable 
pipes. 

The Trenton Channel Plant happens to be located 
within a very short distance of a toe residential com¬ 
munity. Por this reason it was felt that it would be 
desirable to determine early in the life of the plant the 
best means of preventing excessive discharge of ash from 
the stacks. At the time that the plant was designed the 
Cottrel precipitator appeared to be the only commer¬ 
cially available device which had been used extensively 
for separating fine dust from hot gases and such pre¬ 
cipitators were therefore installed on two stacte serving 
six boilers for the purpose of obtaining actual operating 
experience with them under power plant conditions. 
The limitetions set by dimensions and by cost resulted 
in the purchase of precipitators intended to remove 
not much more than 90 per cent of the dust carried 
toward the stack. Experience to date is not sufficient 
to justify the drawing of sweeping conclusions but 
seems to indicate that it is possible by these means to 
eliminate from 80 to over 90 per cent of the dust 
without incurring prohibitive capital or operating 
charges. 

The Trenton Channel Plant operates on what is 
commonly known as the regenerative cycle. That is, 
the main unit is bled at several points and the steam 
thus obtained is used for heating that unit’s condensate 
in a series of closed heaters. However, the system as 
used in this plant is complicated by the use of certain 
auxiliary generators and other distinctive features and 
some of these should logically be considered before 
taking up the flow of steam and of condensate. 

The experience of the company which built, owns 
and operates this plant leads it to believe that auxiliary 
energy supply should be reasonably independent of the 
main station bus, that is of the main generators. This 
is particularly true with respect to the supply for what 
are commonly known as essential auxiliaries. This 
experience also leads the engineers of this company to 
believe teat when all things are considered the most 
satisfactory results are obtained when variable speed 
auxiliaries are driven by direct-ciurent motors. 

A supply of auxiliary energy independent of the 
main generators of the plant could have been obtained 
by feed back from the other stations of tee company, 
by the useof auxiliary generators coupled to theshaftsof 
tee main units or by the use of independent, steam- 
driven, house-tefvice generators. The first of these 
possibilities was eliminated except as will be noted later 
because of the distance from other stations, the pos¬ 
sibility of having to operate the plant isolated from tee 
others at times, and the complications and costs in¬ 
volved in bringing power back from outside in such a 
way as to make the auxiliary system independent of the 
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voltage variations planned for the station busses and 
the outgoing lines. 

The use of direct-coupled, house-service units was 
given serious consideration. It has the great advan¬ 
tages of simplicity and low cost but certain undesirable 
features when applied to this particular plant. The 
desire to use both alternating and direct-current auxil¬ 
iary supply and at the same time to make the auxiliary 
energy supply independent of other plants would have 
involved the use of alternating-current house service 
machines together with converting equipmentfordirect- 
current supply. Further, the starting of a single 
generator with its main auxiliaries driven by direct- 
current motors would have been practically impossible 
without an initial supply of energy from an external 
soimce. When all of the possible solutions along this 
line were considered it was felt that the third possibility 
represented the best solution in this case. 

The station as finally constructed may be said to 
contain three different sets of generating units or to 
consist of three different generating stations. When 
completed the six main generating units will constitute 
one set; eight or ten direct-current generators driven in 
pairs through gearing by condensing steam turbines 
will constitute another set; and three or four 2300-volt 
alternators driven by condensing steam turbines will 
constitute the third set. 

The direct-current units are 2000-kw., 260-volt 
machines with two armatures mounted side by side on a 
single shaft which is driven at 360 rev. per min. The 
turbine driving this double unit with a total capacity of 
4000 kw. is a cross-compound affair with the high- 
pressure unit operating at 4000 rev. per min. and the 
low-pressure unit at 3000 rev. pct min. These turbines 
drive the generators through pinions on opposite sides 
of a single large gear, the generator shaft being coupled 
to the shaft of this gear. 

These turbines are arranged for bleeding at a pressure 
of about 10 lb., gage. The bled steam is used for 
building heating and for coal drying. 

The steam which passes through these turbines is 
condensed in small surface condensers suspended be¬ 
neath the individual turbines and each equipped with 
its own circulating pump, air pump and condensate 
pump. The condensate is delivered into the main 
feed water system as will be described later. 

The alternating-current auxiliary units are rated at 
2000 kw. each at 2300 volts. They are direct-cormected 
to single barrel, condensing steam turbines which are 
arranged for bleeding but are not bled at present. The 
condensing equipment is similar to that just described 
and the condensate also enters the main feed water 
system. 

A list of motor-driven auxiliary equipment with 
certain important data such as type of motor, speed, 
etc., is given in Table I. It will be observed that 
practically all motor-driven equipment in the boiler 
house is equipped with adjustable-speed, direct-current 


TABLE I MOTOB SCHEDULE 


Motors for 

No. 

A-G. 

H.P. 

Motors 

Voltage 

Type 

Rev. per 
Min. 

Ash removal pumps.... 
Puller-Kinyon coal 

3 

60 

2200 

Squirrel Cage 

1200 

pumps. 

Pulverizer mill exhaust- 

3 

60 

2200 

Squirrel Cage 

1200 

ers. 

Aux. Air compressor, 

14 

60 

2200 

Squirrel Cage 

1200 

general service. 

North and south long 

1 

60 

2200 

Squirrel Cage 

1200 

apron coal conveyor.. 
North and south short 

2 

25 

2200 

Slip Ring 

600-1200 

apron coal conveyor.. 
East and west pulverized 

2 

25 

2200 

Slip Ring 

1200 

coal screw conveyor. 
South, middle, raw coal 

4 

25 

2200 

Slip Bing 

600-1200 

bucket conveyor. 

2 

25 

2200 

Squirrel Cage 

900 

Goal breaker. 

Belt and shuttle coal 

1 

150 

2200 

Slip Ring 

520-720 

conveyor. 

2 

10 

230 

Slip Ring 

900 

Goal pulverizer mills_ 

14 

100 

2200 

Squirrel Cage 

450 

Picking belt conveyor. 
2000-kw. house alterna¬ 

1 

7K 

220 

Slip Ring 

750-1200 

tor circulating pump. 
20O6-kw. house alterna¬ 

2 

60 

220 

SUp Ring 

720-450 

tor hot well pump.... 
Air compressor for coal 

2 

15 

230 

Squirrel Cage 

1800 

transportation... 

Main air compressor, 

1 

185 

2200 

Synchronous.. 

225 

general service. 

1 

185 

2200 

Synchronous 

225 

Grane over coal breaker. 

Screen house general 

2 

30 

Total 

220 

Slip Ring 

620 

service pump. 

1 

240 

2200 

Squirrel Gage 

1700 

Goal unloader. 

2000-kw. house alterna¬ 

6 

20 

230 

Slip Ring 

900 

tor vacuum pump.... 

2 

25 

220 

Squirrel Cage 

1800 

Goal dryer. 

Fan for crusher and 

1 

25 

2200 

Slip Ring 

600-1200 

breaker. 

1 

25 

220 

Slip Ring 

600-1200 


4000 kw. d-c. house ser¬ 
vice turbo-generator 
hot well pump . 

8 

25 

Primary feeder blowers 
for boilers. 

16 

30 

Boiler coal feeders. 

64 

2 

Boiler damper.. . . 

8 


60,000-kw. turbo-gener¬ 
ator main circulating 



pumps. 

6 

325/74 

G eneral service pumps.. 

2 

175/240 

50.000-kw. turbo-gener¬ 
ator main dry vacuum 
pumps. 

3 

66/14 

4000-kw. house ser\dce 
d-c. turbo-generator 
auxiliary dry vacuum 
pumps. 

3 

25/12 

4000-lcw. house service 
d-c. turbo-generator 
auxiliary circulating 
pump. 

3 

60/37 

Boiler induced draft fans 

8 

350/12 

125- and 25-ton turbine 
room crane. 

4 

170 

Crane over Turbo-gen- 
erators . 

3 

total 

47K 

Blower for ventilating 
d-c. house service gen- 


total 

erators . 

3 

20 

Turbineroom exhaustCan 

i 2 

25/8 

East roof ventilation far 

L 1 

10/2.5 

West roof and window 
ventilation fan . 

1 

15/4.6 

North window ventl- 


To.f'.I'no' ■fft.n.. 

1 

10/2 

Hot drip return pump.. 

2 

25 

Boiler feed and hot well 
pump. 

, 3 

700 / 400 ' 


240 

Compound 

L200-1600 

240 

240 

230 

Compound 

Shunt 

Series 

L200-1600 

300-1200 

575 

240 

240 

Shunt 

Compound 

255-175 

1200-1700 

240 

Shunt 

120-60 

240 

Shunt 

125-60 

240 

240 

Shunt 

Shunt 

435-215 

500-166 

230 

Compound 

725-SOO 

240 

Compound 

700-800 

240 

230 

230 

Compound 

Shunt 

Shunt 

460 

1150-800 

420-290 

230 

Shunt 

300-230 

230 

230 

Shunt 

Compound 

600-440 

1760 

240 

Compound 

1200-1000 
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motors and that the larger turbine house auxiliaries are 
similarly fitted. On the other hand, certain pieces of 
equipment located in the coal handling and coal 
preparation buildings and which require, adjustable- 
speed motors are equipped with altemating-cmrent 
drive. This was done because of the practical impos¬ 
sibility of preventing the generation and settling of 
coal dust in such places. It was felt that the greater 
freedom from danger of sparking together with the 
lower maintenance cost to be expected under such 
conditions of operation j\zstified the use of adjustable- 
speed, alternating-current motors for such service. 
Constant speed motors are of the alternating-current 
t37pe throughout. 


operate a 600-kw. motor-generator set to supply the 
necessary direct curreit for starting a boiler in addition 
to operating such alternating-current motors as must be 
used during the starting up of the plant from cold. 

The arrangement of auxiliary buss^ together with 
sources of supply and driven equipment is shown in 
Fig. 9. The direct-current bus is operated throughout 
at a nominal 240 volts and takes the form of several 
rings so arranged as to give maximum assurance of 
continuity of service. Structurally, this bus consists 
of copper bars supported by steel frames hung from the 
ceiling, the copper being insulated from the frame by 
blocks of alberene stone which are notched to receive 
the bars and are shaped to fit properly in clamps which 



Fig. 9 —Linb Diagram of Atixiliart Power Supply 


Consideration of the memis for supplying auxiliary 
energy thus far described will indicate that the plant 
could hot be started conveniently from a cold .condition 
M dectrical energy is required to operate the mechan¬ 
isms used in suppl 3 dng fuel to the boiler furnaces. 
For this reason and also as a matter of greater con¬ 
venience and greater fiexibility there is a feedback of 
23,000-volt alternating current from Brownstown. 
This supply is stepped down through a 8000 kv-a; 
transformer and may be connected to the 2300-volt 
alternating-current bus. Ultimately this feedback 
connection will merely be a tap on the 23,000-volt 
distribution system in this territory. 

This supply from outside the plant can be used to 


are attached to the steel frames. These busses are 
protected by being wrapped with a double layer of 
canvas sewed in place with pressboard inside the canvas 
^d above and below'the copper. When the canvas is 
in place it is given several coats of bitumastic paint. 
This protection prevents trouble from accidental 
contacts and also serves as a water proofing. 

The alternating-current bus is merely a duplicate 
bus of conventional type operating at 2300 volts. 
Throw-over switches for the larger motors or groups of 
motors together with provisions for coimecting the two 
busses together give ample flexibility. 

The plant and yard lighting is carried on the 2800- 
volt bus as shown at the extreme left hand raid of Fig. 9. 
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Certain emergency lights throughout the power plant 
buildings have an automatic throw-over to the battery. 
Special outlets are provided throughout the plant for 
extension-cord lights at 28 volts alternating current. 
The use of such low voltage for extension cord work has 
been common in the plants of this company for many 
years and has been found exceedingly desirable because 
of the safety against severe shock. The lamp used for 
extension cords is the standard railroad coach light and 
is exceptionally rugged. 

Returning now to the feed water circuit, it has been 
stated above that this is arranged for regenerative 
heating. A diagrammatic representation of the entire 
system is shown in Fig. 10. The normal water circuit 
may be traced by starting at the hot well of the main 
condenser in the lower left hand comer of the illustra- 


runner and returning it again to the suction of the next 
runner. Each main unit is supplied with one of these 
combination pumps driven by a variable speed, direct- 
current motor. The motor speeds are controlled by 
hand to regulate feed water pressure and distribution 
of condensate flow between main units. 

It is quite obvious that the speeds at which these 
pumps are operated depend upon the demands of the 
boilers and that some other provision must therefore be 
made to maintain a proper rate of condensate removal 
from the condenser. Also, the total quantity of water 
held by the boilers varies greatly with load so that a 
certain amount of flexibility is required with respect to 
the water content of the ssrstem. This is provided in 
two ways. First, the lower part of the condenser shell 
is built in the form of a large, deep box or “bath tub” 


tion. Water flows through the lower line from the hot ^ving a hot well of large storage capacity and capable 
well to the motor-driven condensate pump and then of permitting a relatively great variation of condensate 
rises vertically to the 19th stage heater. It flows . level. Second, further flexibility is secured by intro¬ 
ducing large storage tanks. 



Floats operated by high and by low water in the 
condenser hot well put these storage tanks into and out 
of use in the following way. If the water level rises 
too far it indicates that the condensate pump is not 
removing water fast enough, that is, that under existing 
conditions, the boiler feed pump is not taking water as 
f^t as the condenser is making it. If the water level 
rises far enough, the high level float opens the right hand 
valve of the two marked “Float Controlled Storage 
Valves” in Fig. 10, thus permitting the condensate 
pump to discharge into the storage tank in addition 
to discharging into the suction of the boiler feed pump. 
On the other hand, if the water in the hot well drops to 
the limiting lower level the low level float opens the 
left hand valve of the two indicated and permits water 
to flow from storage to the condenser, thus giving the 
condensate pump a supply commensurate with the 
demands of the boiler feed pump. To prevent exces¬ 
sive oxygen content and resultant rapid corrosion of the 
steel tube economizers, provision is made for steam 


successively through the 19th and 17th stage heaters, 
the evaporator vapor condenser and the 14th stage 
heater and then vertically downward to the suction of 
the motor-driven boiler feed pump. This pump for¬ 
wards it to the feed water headers from which the 
water flows through the various economizers to the feed 
dimns of the boilers. The lower horizontal line in the 
Hia.gr a.Tw represents a bypass around all feed v^ter 
heaters which makes it possible to pass water direct 
from the discharge of the hotwell pump to the suction 
of the boiler feed pump. 

The motor driven hotwell pump and the motor driven 
boiler feed pump are coupled together and driven by the 
samA motor. They are shown separated in Fig. 10 
merely as a convenience in drawing the lines of flow. 
In effect these two pumps are equivalent to a single, 
multistage pump with provision for taking the water 
out of the pump at the dischai^e of one intermediate 


sealing of the storage tanks and, in addition, the water 
discharged from them into the condenser is admitted 
in such a way and place as to ensure maximum 
deaeration. 

The condensate discharged by the hotwell pumps 
of the condensers on the auxiliary turbines already 
described is discharged into the lines connecting with 
the storage tanks as shown in Fig. 10. This arrange¬ 
ment results in the deaeration, in the main condenser, 
of all water coming from the small units which are more 
apt to develop air leaks at low pressure turbine shaft 
seals and at hotwell pump shaft seals. 

Each mam unit is provided with a duplicate steam 
driven combination pump. This is exactly like^ the 
motor-driven outfit just described, except that it is 
driven by a single-stage steam turbine instead of by a 
motor. This steam driven unit will be used only in 
emergency and then it will be started without prelimin- 
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ary warming up, if necessary, and will exhaust to the 
atmosphere as shown in Fig. 10. If the conditions 
require this pump to operate for any length of time the 
valve shown to the left of its exhaust line will be opened 
so that the turbine driving it will discharge into the 
main condenser. Such operation will be resorted to 
merely for the purpose of saving the steam which is all 
made from distilled water. 

It will be noted from the diagram in Fig. 10 that the 
make-up for the station is supplied by a single effect 
evaporator taking its steam from the 14th stage 
bleeder connection and normally discharging its vapor 
to a condenser located on the high side of the 17th stage 
bleeder heater. When operating in this way the 
evaporator is capable of producing about 1J4 per cent 
make-up, A greater production can be obtained by 
increasing the temperature head and provision is there¬ 
fore made for discharge of evaporator vapor to the 
19th stage bleeder heater connection as shown. 

Under normal operating conditions the temperature 
of feed water entering economizers will vary between 
about 200 and 250 deg. fahr., depending upon the 
vacuum carried in the main condensers and the loads 
on the main turbines. Higher values could have been 
obtained easily but the values chosen seemed to give 
the best commercial solution when cost and perform¬ 
ance of economizers were taken into consideration. 
Higher values could have been used if air heaters had 
been installed instead of, or even possibly in addition to, 
economizers. However, at the time this plant was 
designed the air heater was considered to be very de¬ 
cidedly experimental. In addition, the furnace walls 
were to be air cooled and. nothing was known about 
maximum permissible temperatures for air used for 
this purpose nor maximum permissible temperature for 
air entering the furnace interior. 

The summary at the end of this paper gives essential 
data with respect to all major equipment and the more 
important minor equipment. Taken in combination 
with the motor data given in Table I it gives in con^ 
venient form most of the important information in 
connection with the apparatus installed. Further de¬ 
tails of the ideas and theory underlying the design of the 
plant and of the equipment can be obtained by referring 
to the following three articles which have been published 
in the technical press: 

1. The Trenton Channel Plant of the Detroit Edison Com¬ 

pany; C. H. Berry; Power, May 27, 1924; Page 848. 

2. Design Features of Trenton Channel, P. W. Thompson; 

Electrical World; May 31,1924; Page 1115. 

3. Unusual Electrical Features Pound in Trenton Channel 

Station; Elecincal World; January 31,1925; Page 247. 

SUMMARIZED STATEMENT OP MAJOR EQUIPMENT 

Main Generating UniU. Three 50,000-kw. single-barrel 
horizontal turbines driving three 62,500-kv-a., three-phase, 
60-cycle generators with direct-connected exciters. Turbines 
operate at 1200 rev. per min., have 21 stages, a water rate 
(at 42,500 kw. without bleeding) of 9.4 lb. per kw-hr. when • 
supplied with steam at 375 lb. gage and 700 deg. fahr. Turbines 


are bled at 19th, 17th and 14th stages. The nominal generator 
voltage is 12,200. 

Generator Air Coolers, Horizontal, finned-tube cooler con¬ 
tained in housings within generator foundations. Coolers 
arranged for circulation of condensate or water from intake 
tunnel of plant. 

Main Condensers, Three 47,300-sq. ft., single-pass condensers 
arranged with steam belt. Tubes are made of 70 per cent Cu, 
28 per cent Zn and 1 per cent Sn alloy, 1 in., No. 18 Stubbs gage 
and are arranged in single lines converging from a maximum 
spacing at top of condenser of 4 in. to the minimum possible 
with 1 in. tubes at entrance to air cooler. Each condenser is 
equipped with two 60,000-gal. per min. circulating pumps driven 
by direct-connected variable speed d-c. motors; two condensate 
pumps one of which is mounted on shaft of motor-driven boiler 
feed pump and one on shaft of steam-driven boiler feed pump; 
one vertical reciprocating dry vacuum pump. 

Main Hotwell and Boiler Feed Pumps, Hotwell and boiler 
feed pumps are mounted on same shaft. There are two for each 
main unit, one driven by 700-h, p. adjustable-speed d-c. motor 
and the other by a 750-h. p. steam turbine. The steam-driven 
pump has a capacity of 1300 gal. per min, at 1700 rev. per min. 
and the motor-driven pump has a capacity of 1300 gal. per min. 
at 1200 rev. per min. 

Main Generator Switches (12,200^volt), Three switches one for 
each main unit. Each switch is a 4000-ampere, 25,000-volt oil 
switch with motor-operated mechanism. 

Main Step-Up Transformers, Each main unit has three, 
single-phase, 21,000-kv-a., 12,000, 120,000-volt, oil-insulated, 
water-cooled, outdoor-type transformers. 

Mam Generator Outdoor Switch (132,000-volt), Each main 
generator has two three-phase, 400-ampere, 132,000-volt out¬ 
door-type oil switches, each phase in separate oil tank. Each 
switch is motor operated by centrifugal operating me'chanism. 

Direct-Current House Service Machines, Three 4000-kw. 
units, each tmit consisting of cross-compound steam turbines 
driving through a reduction gear, two shunt-wound, interpole, 
2000-kw., d-c. generators mounted on a single shaft. High- 
pressure element operates at 4000 rev, per min., low pressure at 
3000 rev, per min. and generators at 360 rev. per min. 

Condensers for Direct-Current House Service Machines, Three 
•7500-sq, ft.,two-pass condensers completely equipped with cir¬ 
culating pumps, hotwell pumps and air pumps. 

Alternating-Current House Service Machines, Two single- 
barrel turbines each driving one 2000-kw. three-phase, 60- 
cycle, 2300-volt generator with direct-connected exciter, at 
3600 rev. per min. 

Condensers for Alternating-Current House Service Machines, 
Two 4100-sq. ft, two-pass condensers equipped with circulating 
pumps, hotwell pumps, and air pumps. These auxiliaries are 
driven by a-c. motors and can be brought up with machine if 
desired, priming being taken care of by priming header running 
the length of the plant. 

Main Steam Piping, Van Stone joints with gaskets. 

Main Turbine Room Crane, One 125-ton crane with span of 
97 ft. 6 in. Can handle circulating pumps and other auxiliaries on 
condenser room fioor as well as main unit parts. 

Boilers, Eight 29,085-sq. ft., five-drum, curved-tube boilers 
built for operating pressure of 416 lb. on drums and equipped 
with two superheaters per boiler which give total steam tempera¬ 
ture of 700 to 725 deg. fahr. A hearth screen is used at the 
bottoni of furnace under each boiler but is entirely separate from 
the boiler in so far as circulation is concerned. Each hearth 
screen consists of two separate boilers with independent feed. 
Steam made in these boilers joins steam made in main boiler and 
the combination passes through superheater of main boiler. 
Boilers are arranged in groups of three across main axis of boiler 
house and are fired from both ends thus giving four firing aisles 
running lengthwise. 
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Pulverized Fuel Preparation and Handling Equipment, Four¬ 
teen steam-heated air-oiroulating driers feeding coal to 14 pul¬ 
verizing mills. Pulverized coal raised from mill to cyclone 
separator by No. 12 mill exhauster, one exhauster per mill* 
Exhausters driven by 60-h. p. a-c. motors. Mills driven by 100- 
h, p. a-e. motors. Coal from cyclone separators forwarded by 
four screw-conveyors running lengthwise of house to hopper over 
three 10 in. pulverized coal pumps. These pumps driven by 
60-h. p. a-o. motors. 

Pulverized Fuel Burning Equipment, Sixteen burners per 
boiler, eight on each end, fed by duplex feeders driven by two- 
b. p. ^justable-speed d-c. motors. Primary air for each boiler 
supplied by two 55-in. blowers driven by 30-h. p. variable speed 
d-c. motors. . . 

Boiler Furnaces, Air-cooled, refractory-wall type with eight 
burners at opposite ends. Distance, arch to hearth screen, 20 ft; 
distance between opposing rows of burners 29 ft; distance center 
line of burners to adjacent wall 2J^ ft.; distance between 
burners 2 ft. 4 in.; distance end burner to side wall 3 ft. 4 in.; 
inside width furnace 23 ft.; total volume from hearth screen to 
peak of furnace 25,140 cu. ft. 

Ash Handling, All ash collecting in furnace and in boiler 
passes, dues and economizer hoppers, is discharged to hydraulic 
sluiceway running longitudinally in boiler house basement and 
is sluiced to settling basin. Material removed from settling 
basin by centrifugal dredge-type pump and used for dlling on 
property. 

Economizers, Two, steel-tube economizers per boiler with 
9492 sq. ft. of surface per economizer. Tubes are plain, 2-in. 
tubes rolled into rectangular forged headers. 

Induced Draft Fans, One double-inlet, 193,000-cu. ft. per 
min., at 375 deg. fahr., induced draft fan per boiler, capable of 
producing draft of 7.15 in. water at fan. Each fan 

driven by 350-h. p. adjustable-speed d-c. motor. Three fans 
serving one row of three boilers discharge through curved flues 
into single stack. 

Stacks, One stack for every three boilers. Stacks have 
Venturi shape with inside diameter of 15 ft. in. at throat and 
21 ft. at top. Top of stack is 192 ft. above burners. Stack 
is self-supporting steel, carried on building steel and is brick 
lined. 


Discussion 

H. R. Woodrow* The Brooklyn Edison generating plants are 
laid out for a different method of operation from that discussed by 
Mr. Hirshfeld. The three generating plants are operating con¬ 
tinuously in parallel with heavy tie lines between stations. • One 
of these stations is 25-cycle and the other two CO-cycle and a 
36,000-kv-a. frequency changer ties the 25-oycle station to the 
60-cyele system. 

The base load of the entire system is carried on the most 
economical units in the most economical plant which is, at the 
present time, Hudson Avenue Station. It is intended that these 
stations should hold in step during the major number of troubles 
and sectionalizing reactors are very generally used to segregate 
the trouble and limit the value of the short-circuit current. 

For a detailed description of the Hudson Avenue plant and 
system connections of the Brooklyn Edison Company, I would 
refer to the April 1925 issue of the Electric Joumal. 

In all oases second-line defenses are provided in the form of 
automatic switches segregating certain groups of feeders in case 
of the main feeder switch failing to operate and each feeder is 
provided with reactors and reactors are installed between sec¬ 
tions to maintain voltage for high continuity of service under 
disturbance conditions. 

The auxiliaries in the power house are all electrically driven 
with the exception of reserve boiler feed pumps and all auxiliaries 


are provided in duplicate for the so-called essential duties, each 
half of which is supplied from different sources although tied 
together through reactors. 

F. A. Sohefflers I want to compliment Mr. Alex Dow on his 
wonderful “sticktoitiveness,” you might say, in adhering to the 
design of the type W Boiler that he selected about fifteen or 
twenty years ago to use in the Delray plant of the Detroit Edison 
Company. 

I had the opportunity and great pleasure of working out that 
design of boiler with Mr. Dow, and the results were eminently 
satisfactory in producing a type of boiler at that time which was 
four times the size of any other boiler in the country. I think 
Mr. Dow deserves a great deal of credit for introducing, in this 
country, the large unit type of boiler for public-service stations. 

He has continued to use that type in all of his other plants, 
and, today, I believe they have thirty-five to forty boilers of that 
type operating at from 300 per cent to 400 per cent of rating on 
peaks. 

H. W. Brookss Many writers on combustion in the past 
have stressed the importance of turbulent flow, agitation and 
mixing in pulverized-fuel furnaces as an aid to the natural 
diffusivity of the burning gases upon which speed of combustion, 
length of flame travel and hence combustion volume depends. 

A practical means of accomplishing this mixing has heretofore 
remained undiscovered. 

Several years ago it occurred to one of the engineers of the Ful- 
ler-Lehigh Company that one of the most intense manifestations 
in Nature of turbulent flow and agitation of gases and particles 
in suspension was in the tornado, where it had been repeatedly 
demonstrated that materials of considerable tensile strength had 
actually been torn apart, disintegrated and reduced to fine pieces 
and sometimes to powder by the intense centrifugal action of the 
air. Experiments were started at Fullerton on a small furnace 
18 in. square by 3 ft. deep in which the jets were placed to throw 
the flame tangent to a tornado of fire within the furnace, the flame 
of the first jet being deflected before it reached the refractory 
walls by the impingement with equal velocity at right angles of 
the flame from the second jet, the third jet again changing the 
direction 90 degrees, and the fourth jet completing the tornado 
within the pot. Fig. 1 shows in plan, the application both to the 
circular and the square-pot furnaces. 

It was well known that the external walls of the tornado of 
nature had been observed to be rather sharply defined from the 
surrounding air. Thus it was decided to adapt this principle by 
placing the pulverized fuel jets in such relation to the refractory 
walls that there was little, if any, impingement of the fuel tornado 
on the furnace walls. As was anticipated, therefore, the refrac¬ 
tory walls showed little damage due to erosion, and thermocouple 
temperatures taken on the inner refractory surface of the furnace 
showed that the inner face of the brick never exceeded 2700 to 
2900 deg. fahr. 

It has also long been recognized that the transmission of 
sensible heat from the hot gases from the furnace through the 
tubes of the boilers to the water on the other side was limited 
by the existence at the boundary surface of a “dead film,” 
generally assumed to be about 1/40 in. in thickness, of relatively 
cool gas in which convection currents apparently did not take 
place, and which ovdng to its low conductivity offered a high 
resistance to the passage of heat (other than radiant) through it. 
This “dead film” is the main and most potent obstacle to rapid 
heat transmission in the boiler, and it follows that its complete 
or even partial destruction will greatly assist the flow of heat and 
hence the efficiency of the boiler. Prof. J. T. Nicolson of the 
Manchester School of Technology demonstrated a formula 
proving that the heat transfer was a direct function of the velocity 
of molecular travel of gases passing the tubes. Thus it was antici¬ 
pated and tests subsequently proved that with the higher 
scouring action of the swirling gases in meeting the boiler tubes 
there would not only be a higher rate of heat transfer and higher 
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boiler efficiency, but also a cleansing action which would keep the 
tubes clear of deposited ash. 

Early during the experiments the nature of the ignition and 
combustion taking place in the well, proved quite unlike anything 
experienced pulverized-fuel engineers had hitherto seen in 
powdered-coal combustion. The flame itself resembled that of a 
blow torch, virtually a “ball of flre,“ combustion apparently 
taking place in a limited zone within the well. By regulating 
air admission and air pressiire it was possible to move the hottest 
zone into the well itself or to a point just in front of the well. 
Appreciating further the gains due to the more efficient transfer 
of heat by radiant energy as a result of this of fire,” the 
inventor had still further reason to expect efficiencies higher than 


bustion space provided in the old-fashioned stoker setting. 
Knowing that we can convert present stoker-fired settings by 
this means, and attain the highest boiler ratings, we have at this 
time no occasion to go further until the application is extended to 
other services, such as transportation and marine. Fig. 3 shows 
a plan of the water-cooled well as actually applied on the later 
designs. 

Simultaneous with the tests at New York, research has been 
continued at Fullerton on a furnace consisting of an 8-ft. cube. 
In this furnace the coal equivalent of a 1500-h. p. boiler at 632 
per cent of rating has been burned’in the volume of an 8-ft. cube. 

It is felt that the “well-type” furnace is a demonstrated success 


had been before demonstrated in pulverized-fuel combustion, as 
well as a flatter over-all performance curve at high ratings. 

These experiments were kept secret for several years; until 
finally a few of the larger operators were shown the experimental 
furnace at Fullerton. Several immediately volunteered to 
install a furnace of the new type, but the results which indicated 
heat releases many times greater per cubic feet of combustion 
volume than had ever been accomplished before were so revo¬ 
lutionary in character that the company felt it best to withhold a 
commercial-scale installation until they had finally and 
thoroughly convinced themselves that no practical operating 
difficulties would intervene. 




Fig. 2 


Fig. 1 

Finally on February 5, 1924 an agreement was entered into 
with the United Electric Light and Power Company of New York 
City by which a commercial-scale experimental installation of the 
new furnace would be made at their Sherman Creek Station 
alongside five other boilers fired by the older pulverized-fuel 
firing methods. 

The operating company expressed the desire to make the tests 
entirely with their own personnel. Today it is understood these 
tests have been completed. Although full details cannot be 
made public we are permitted to state that the efficiencies have 
actually proved approximately 3 per cent higher than with any 
other method of firing, and the curve of efficiencies at various 


in ^ ^ 
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Fig. 3 


ratings has been much flatter than anything heretofore demon¬ 
strated. 

Pig, 2 shows one of the more recent applications of this furnace. 
It will be noted that above the well there is provided a dispersion 
Camber in which the hot gases after burning are allowed to 
expand before reaching the boiler tubes, thus reducing the tor¬ 
nado effect to a value which can cause no possible erosive effect 
on the boiler tubes. The theory of this chamber is to allow just 
sufficient velocity to scour off the “dead film” from the boiler 
tubes without going any further inattacking the tubes themselves. 
It is not possible to state at this time the mininlum size to which 
this chamber may eventually be reduced. It has definitely been 
established, however, that the combined volume of well and dis¬ 
persion chamber can be made substantially less than the com¬ 


and that for the first time in the history of pulverized coal the 
problem of turbulent flow and hence the problem of combustion 
volume has been solved. Not only may pulverized coal be 
efficiently burned in combustion volumes as small as those pre¬ 
viously employed for stokers but actually smaller furnaces may be 
installed where necessary. For the first time, completely success¬ 
ful application of pulverized coal to transportation and marine 
service becomes possible, as does also the conversion of present 
stoker-fired furnaces to the advantages of pulverized coal without 
the necessity in many cases of more than slightly modifying the 
present furnace construction, 

H. R« Siinunerhayeas The voltage selected for the Trenton 
Channel Station is 120,000, and 132,000-volt apparatus has been 
used. That, we might say, is commendable conservatism, but as 
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manufacturers, we think it is unnecessarily conservative. We 
have evidence from experience that the Institute tests are about 
right. We think the equipment would stand 132 kv. and if it is 
to be used at 120 kv. it would seem to us unnecessary to have so 
large a factor of safety. On the Western Coast, we have used 
for 220-kv. circuits apparatus designed for high-potential tests 
corresponding to 187 kv., which has given good service. 

The next point that I want to comment on is along the lines 
Mr. Woodrow mentioned, namely, that the plants of Detroit 
system are tied together rather loosely, with weak linkage, 
whereas, it is the practise in other large systems to tie the plants 
together rather solidly, using reactors, and I am inclined to think 
that as the plans of the Detroit Company progress they may find 
it advantageous to have a tighter linkage and links capable of 
transferring more power. 

The other point is the old question of direct-current auxiliaries 
and I suppose that will never be settled. It appears that means 
of obtaining direct current, perhaps, cost more and auxiliary 
motors may cost more, but you do obtain very perfect control, 
and I think that the question has yet to be settled as to whether 
the perfection of the control obtained is worth the money it costs. 

K. M- Irwin I It is brought out in this paper that theDetroit 
Edison Co. ties its stations together loosely. This must mean 
that the Delray, Connors Creek and Trenton Channel plants 
take the loads of their particular districts, and therefore, the 
load factors of their particular districts. As the Trenton Chan¬ 
nel plant does not operate as a base-load plant, but operates on 
the load factor of its district, it must have been more difficult to 
justify the cost of equii>ment than it would have been if this plant 
had operated on the base of the load, and in that way had a higher 
load factor and a greater divisor to divide its investment costs. 

In the reasons given for the choice of pulverized coal, the 
statement is made that a reduced number of boilers could be 
used with pulverized coal than could have been used with .a 
stoker installation. I wonder whether Mr. Hirshfeld has found 
that the limitations in boiler capacity are in the fuel-burning 
equipment. With the type of boiler adopted at Trenton Chan¬ 
nel, I would believe that the limitation would be found in the 
boilers and not in the fuel-burning equipment. Tests have been 
run on a stoker installation in which ratings have been obtained 
in the neighborhood of 500 per cent without serious faUing-off 
in efficiency. I do not believe that these ratings could be ex¬ 
ceeded in Detroit even with pulverized coal. 

In the list of motors, the 2000-kw. house-generator sets have 
their auxiliaries a-c. driven, and the 4000-kw. d-c. house sets 
have their auxiliaries d-c. driven. It would be interesting to 
know the reasons for the changes of the current for the auxiharies 


on these house sets. 

Louis Elliotti The recent putting into operation of the 
Philo and Crawford Avenue stations, with the low fuel consump¬ 
tion reported, makes of particular interest a decision such as that 
made for Trenton Channel,—to instaU 375-lb. turbines working 
on the regenerative cycle, as against a higher pressure plant 
designed for reheat. 

A recent estimate for a moderate-sized station indicated an 
excess cost for a 650/550-lb. reheat plant, as compared with 
425/375-lb. of about 7 per cent. With a capacity factor of 60 
per cent annual, thie additional investment would entail an m- 
ereasedfixed charge around0.3 mills perkwrlm. If it be ^umed 
that the 550-lb. station would permit a savi^ in produoton 
equivsdenit to 10 per cent of the fuel cost, this saving -vna 10,GOT 
B. t. u. coal at about 1.1 mills per lb. in the pulverized bins would 
amount to between 0.15 and 0.2 mills per kw-hr. output. 

For this situation therefore Hie recommendation ww mad^at 
42^1b. boilers be installed, with turbines good for 375 to 400 lb. 
at the throttle. On the above basis coal would ha,ve to cost 
nearly double its present price in order to give an equi-^ent cost 
of energy for the two pressures. Different aesumptioim ae to 
load factor, coal cost, or other factors would, of course, modify the 


result. In general an expensive high-efficiency installation 
should justify itself for the first few years of operation, for as the 
years go on the reduction in load factor will tend to counter¬ 
balance any increase in fuel cost. 

Aside from the estimated saving in combined fixed and pro¬ 
duction cost of energy, the lower-pressure equipment is more 
thoroughly developed and therefore probably more reliable, and 
the 375-lb. regenerative-cycle plant would be simpler to operate 
than the 550-lb. reheat station. The 375-lb. pressure is now 
standard, and it is uncertain as to what the next higher standard 
will become,—^whether 550,750 or higher. It is believed that in 
general there should be a considerable saving assured before 
newly developed equipment and designs are adopted. 

It would be of great interest if the author would , give the 
expected economy in B. t. u. per kw-hr. output,—^with fuel 
available and with load factor as anticipated. A statement also 
as to any estimate of comparative plant cost for the pressure 
adopted as against a 550-lb. reheat plant, and the estimated 
comparative economies would be of great value, 

C. F. Hlrsiifelds When I spoke of pulverized fuel as being 
advantageous in that it would enable us to take advantage of 
variable qualities of coal, I did not mean that we could use West 
Virgfinia coal one day and Illinois coal the next day. Buying as 
carefully as we know how with men who live in the coal fields, 
it is impossible for us to bring to Detroit one grade of coal. 

Some of the coal we get is poorer than the rest. Our stoker- 
fired plants in the past have proven very touchy with respect 
to the grade supplied. If we can get the grade of coal for 
which the plant was designed, it does very nicely. If we get 
a greater quantity of ash, we lose both in capacity and efficiency, 
and it was in that respect that we had considered variable quali¬ 
ties of coal in making this decision. 

Improvements in the manufacture of stokers since the time 
this decision was made (which is several years ago) have greatly 
extended the capabilities of the stoker in this direction. At 
least, some varieties of stoker are not now limited to the 
same extent as they then were. 

In connection with the use of d-c. auxiliaries, I stated quite 
flatly that it was a case of personal prejudice on the part of the 
engineers responsible for the designii^ of this plant. 

It may be of interest to you to know that the cost of obtaining 
our d-c. auxiliary power, with the separately driven d-c. genera¬ 
tors, is practically the same as though we took a-c. power from our 
main units and converted it. There is, however, an advantage in 
our d-c. power supply not being tied to the operation or perform¬ 
ance of our m ai Ti units. We admit that our investment charges 
are higher but we prefer our system nevertheless. 

With respect to Mr. Sheffler’s comment on boilers, we now have 
forty-four, varying in size from 1250 h. p. to approximately 
3000 h. p, boilers. He was not correct in his statement regarding 
the ratings at which those boilers are operated. The old stoker- 
fired boilers reached limitations at about 200 per cent in some 
oases and 250 per cent in others. The boilers at Trenton 
Channel Station, which* are pulverized-fuel-fired have been 
driven to about 350 per cent of rating. In no case in wMch the 
double-ended or Type W boiler was used has the limit been 
found in the boiler. 

Referring to Mr. Erwin’s discussion, the matter is something 
like this: There is no question but that you could get a stoker to 
give ratings equally as high or higher than obtained in Trenton 
Channel Station. Parenthetically, it is also true that we could 
drive the ratings at Trenton Channel very much higher than those 
obtained. As we saw the problem at the time we designed this 
plant, the rating to which a stoker-fired boiler could be driven 
was dependent only upon the grate area or the area of the stoker 
and the ability to maintain the furnace wall. 

However, we do not believe and we have not yet seen any 
proof that a stoker can be built which is capable of driving a 
boiler to ratings in the neighborhood of 400 i)er cent or higher. 
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which will give a reasonably high efficiency at those ratings and 
maintain a reasonable ef6.ciency at very much lower ratings. 
In other words, you sacrifice considerably in what you might call 
the combination of flexibility and efficiency when you attempt 
to get a stoker-fired equipment to carry over a wide range of 
rating. I do not know if the stoker manufacturer is going to be 
able to remove that limitation or not. So far as I have been 
able to obtain proof he has not yet done so, 

Mr. Elliott asked about the performance of this station. 
The station was designed to give a net kilowatt hour, that is a 
kilowatt hour of output, for about 16,000 B. t. u. when operating 
with an annual load factor of the order of 60 per cent. The 
station has now been in operation, in one way or another, for 
something over six months, possibly eight months, and the 
performance has been improving monthly. Some weekly figures 
have already dropped below 16,000 B. t. u., the value which we 
assumed when we designed the station. We are not able to 
say whether those figures are correct, but the figures that we are 
willing to give you hit close to the 16,000 B. t. u., which was the 
design point and we may do better. 

The cost of preparing pulverized coal is always one of the 
contentious points. I have here the figures for three months, 
January, February and March, the March figures being incom¬ 
plete. In these figures, we have included every item of operating 
cost for coal handling and preparation from the time when the 
coal firnds itself in the track hopper and until it finds itself in the 
pulverized-fuel bunker, ready to be fired into the boiler furnace. 
We have included all labor costs, both operating and mainte¬ 
nance. We have included all power, we have included all steam, 
both the steam used in drying the coal and the steam used for 
heating the preparation house and you will notice that this was 
during the two severe months of the year. We have included all 
operating material and all maintenance material. The figure 
runs at approximately 30 c., pulverized, during January and 
February. In January, it was 29.14e. In February, it was 
30.36e.—^the increase in February being due to the fact that 
maintenance was quite a bit heavier in that month than the 
preceding month. 

To make these figures of real significance, I should say this: 
They are obtained from a plant which is using small pulverizing 
mills, nominally six-ton mills. They are obtained on a prepara¬ 
tion house which is designed to handle exactly twice the amount 
of material that is now being handled. The labor used will be 
the same when handling twice the material as it is now. The 
maintenance will, of course, go up. As near as we can estimate, 
if this plant were used to capacity and aU the charges were made 
as they have been outlined, the figure for preparation would be a 
little under 22c. per ton. In charging steam and in charging power 
in these figures, we have used cost of steam and cost of power as 
actually shown on our books for steam sent out from the boiler 
room to the turbine room, and for power sent out over the lines 
to our customers, so that we haven^t either overloaded or under¬ 
loaded those items. 

With respect to Mr. Woodrow^s and Mr. Hays* discussions, 
in which they refer to our, let us say, loosely linked system, I 
believe that we may ultimately come to a more tightly linked 
system. We have followed the other method principally for 
three reasons. In the first place, it fitted our conditions ideally. 
In the second place, we were fairly sure that it would work, and 
experience has shown that it does work moderately well. Third, 
we did not like to contemplate the cost of reactors and places in 
which to place them and all the trimmings that go with them. 

I believe it was Mr. Erwin who worked around from that 
loosely linked system to the conclusion that our Trenton Channel 
plant, which is our most efiacient, could not be used to the best 
advantage. To a certain extent, that is true, but only to a very 
limited extent. Immediately adjacent the Connors Plant and 
the Delray Plant there is sufficient load to load the plant prop¬ 
erly. Trenton Channel can obtain quite enough load to operate 


as near base load conditions as we care to approach by supplying 
the so-called down-river industrial load, that part of the indus¬ 
trial load that it can pick off from the Western side of the City 
of Detroit, such load, very largely industrial, which can be ob¬ 
tained in the outlying district, combined with such industrial 
load as can be obtained through feeding back into the city from 
the 120-kv. bus or trunk referred to in the paper. So our 
loose linkage has very little effect on our efficiency. On the 
other hand, it is not the policy of our company to load up its new 
plants at the expense of its older plants. It pays us, or at least it 
has paid us in the past to go a certain distance in that direction, jbut 
not as great a distance as has been proven advisable in other cases. 

As Mr. Brooks was describing his new furnace, it passed 
through my mind that if one could use a small furnace but had 
to add to it a large mixing chamber, it did not make a lot of 
difference since you ultimately used the same number of cubic 
feet as you do with the older designs. I can’t see that there is 
much choice. Mr. Brooks rather implied that one could do away 
wdth that mixing chamber if forced to do so, but 1 am w^ondering 
if that furnace were brought too close to the boiler tubes, whether 
you would not carry up so much fused ash as to put the equip¬ 
ment out of commission very quickly. I do not believe the 
manufacturer has had sufficient experience with the device to be 
able to answer that question. I followed the tests at Sherman 
Creek very closely, but they were not planned in such a way that 
that question could be answered by them. 

Mr. Woodrow’s discussion reverts to tight linkage as against 
loose linkage. He refers to safety devices intended to function 
serially. No matter how you plan you may never be sure 
that this thing or that thing will really work. On that account we 
have preferred to cut out all such trimmings and limit ourselves 
to loose ties which would break loose or burn themselves up, 

Mr. Erwin asked me why wo used a-c. auxiliaries on the a-e. 
house-service machines. That is due to another one of our 
“hobbies.” If we have steam, we can start the a-c. machine 
and with the a^c. machine wo can start everything else. We 
felt that if we faced a situation in which we wanted to start that 
little house-service unit in a hurry, we wanted to start with the 
minimum of manipulation. The a-c. driven auxiliaries are so 
connected that they come up with the machine and we feel that 
this is the simplest starting scheme we could get. That is why 
we used the arC. driven auxiliaries with the a-c. house-service 
units. It is not the first time we have used that scheme and it 
has worked very well in all cases so far. 

With respect to deaeration, we have used in this plant steel- 
tube converters. The natural conclusion would be that we 
should be very careful not to have any more than the minimum 
feasible oxygen content in the water. Our experience in Detroit 
has been that our water is of such a character that we can stand 
more oxygen than is commonly given as the maximum limit 
consistent with reasonable life of steel tubes. Our experience 
with steel tubes at the old Debay plants leads us to believe what 
I have stated. 

The system at Trenton is built so that there is a surge tank. 
The surge tank is arranged so that it can be sealed with steam 
if necessary, but it is not so sealed now. The water passes into 
the condensers where it is reasonably well deaerated, although 
we have not provided separate deaerating devices. It is too 
early to say whether this system works or not. Four or five years 
hence we will be able to tell if it doesn’t work. 

With respect to the pressure on the suction of the boiler-feed 
pumps; when we purchased these pumps, we had all the character¬ 
istic curves modified until we got what appeared to be a combined 
pump umt, which would be safe against flashing at the boiler- 
feed pump suction. Up to date, we have had no trouble from 
that source. We have had a little trouble due to hammering 
of the hot-well pump. The reason for that is that the pump does 
not have a sufficient head of water above it. We are now at¬ 
tempting to rectify that and expect to succeed in doing so% 
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F ollowing an extensive study into the cost of 
power as delivered to the customer, the Brooklyn 
Edison Company adopted the policy of supplying 
all the increase in business at 60-cycle alternating-cur¬ 
rent and curtailing the direct-current load within the 
capacity of the existing substations. With the 25- 
cycle generation confined primarily to the supply of 
power to the direct-current system all new prime movers 
are being installed with 60-cycle generators. The 25- 
cycle system is therefore left in a position of barely 
holding its own. 


kw. in reserve generating capacity to the 60-cycle sys¬ 
tem, smd the second unit would add an additional 
25,000 to 30,000 kw. This 50,000 to 60,000 kw. of 
reserve made available to the 60-eycle system is of con¬ 
siderable value with the new 60-cycle generating 
developments using 50,000-kw. units. This feature 
alone can easily be said to more than justify the cost 
of the first frequency changers since the completed 
installation costs less than $20.00 per kw. while genera¬ 
ting station capacity costs upwards of $100.00 per kw., 
and there was a deficit in 60-cycle generating capacity 


The new 60-eycle developments being considerably 
more economical than the old 25-cycle, there is a large 
economy factor in canying the maximum amount of 
the combined system load on the 60-cycle generators. 
The installation of frequency changers between the 25- 
and 60-cycle systems made it possible to carry the base 
load of the 25-cycle system on the new 60-cycle develop¬ 
ments and in addition thereto made it possible to pool 



the reverses on the two systems thereby giving greater 
utilization and availability of the generating capacity. 

In Fig. 1 is shown the load-duration cu^e of the 25- 
cycle system with amount of load convertible to the 60- 
cycle prime movers by the installation of first, one 
35,000-kv-a. frequency changer; and second, two 
35,000-kv-a. frequency changers. The area in .the first 
block repres^ts 160,000,000 kw-hr. per year with a unit 
cost saving, which for this feature alone, more than 
pays for the carrying charges and losses of the first 
frequency changer installation. 

The 25-cycle generating capacity amounts to 125,000 
kw. with a possible peak load of 85,000 kw. and in 
addition there is available 15,000 to 20,000 kw. in 
25-cycle tie capacity with other companies. The 
installation of the first frequency changer added 30,000 

1. Brooklyn Edison Co., Brooklyn, N. T. 

Presented at the Spring Convention of the A. I. E. E., 
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in 1923. 

The frequency changers are of additional value in 
providing reserve to the 25-cycle plant for a case of 
unusually bad luck of machine outages in the station. 

The metropolitan companies have for a number of 
years followed the policy of operating at all times with 
sufficient generating capacity to be capable of carrying 
the load should the largest generator be dropped from 
the system. It is, therefore, evident that the con¬ 
tinuous parallel operation of the 25- and 60-cyele plants 
saves the operation of one turbo-generator unit. This 
permits an economical loading on the units and espe¬ 
cially at light load period effects a real saving in pro¬ 
duction cost. 

The installation of the second frequency changer 
would make it possible to shut down the 26-cycle station 
for one watch or nearly 3000 hours a year. 

The interconnection of systems through frequency 
changers is of the same general characta- with similar 
problems and possible economies as inter-connection of 
systems through tie lines. The total savings under 
either condition run into large figures if all concerned 
cooperate in the operation of the more economical 
units for base load and shut down the plants and units 
of less efficiency for use only on peak. 

Where two or more companies are concerned in the 
interconnection, the rate for interchanged power com¬ 
plicates the situation, and it is essential than an equi¬ 
table rate be established in orda- to allow operation for 
maximum economy. 

It may be unnecessary to say that the only way to 
use interconnecting tie lines for obtaining the maximum 
over-^ economies is to operate at all times wi& the 
systems in parallel.' This allows full advantage to be 
taken of the three separate points previously mentioned, 
namely: 

1. Greatest utilization of the most economical plants 
and units. 

2. l yraimTnTim availability of spare capacity. 
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3. Reduction in number and amount of idle or 
lightly loaded turbo-generator units at all times. 

The parallel operation of large systems through 
frequency changers or tie lines necessitates that these 
ties have the proper characteristics to hold the s 3 rstems 
in step for the major number of operating disturbances. 
It may not be possible, or even desirable, to hold the 
systems in step during all disturbances, but it must be a 
rare case when they are allowed to fall out of step and 
provisions must be made for the systems to break apart 
through automatic oil circuit breakers on these rare 
occasions. Although the Brookljm Edison Company 




Fia. 2 


had a number of smaller frequency changers in opera¬ 
tion, converting from 25- to 6214 -cycles they were dis¬ 
carded for the larger more efficient unit which would 
permit parallel operation. 

The character of the normal fluctuations of load or 
disturbances is, therefore, the determining feature of 
the characteristics of the ties. The loads on both the 
26- and 60-cycle systems of the Brooklyn Edison Com¬ 
pany are of a rather steady character and the maximum 


Relays 



Pia. 3 —^Rblats foe Induction Ttfb Motoe Shown foe Onb- 
Phasb Onlt, thb Othbe Two Phases Bbino thb Same 

amount of load which can be thrown from one system 
to the other may be considered as the capacity of the 
largest 25-cycle unit. This condition may occur were 
this umt to be automatically tripped from the system, 
and, as previously stated, this operation is considered a 
normal function in the metropolitan territory, and, 
therefore, the two systrans should remain in step under 
these conditions. 


When a sudden load is thrown from one system A 
to another system B, thOTe is necessarily brought about 
a reduction in the speed of system A to give the 
phase-angle displacement for transfer of power. It 
therefore follows, that at the instant when the phase- 



OUTPUT IN KILOVOLT-AMPERES 

Pig. 4—^Efficiency CHEVBS,36,000-Kv-A.PnEQtJENCYCHANaBB 

angle is reached for the transfer of this amount of poww 
the speed of system A is lower than system B and 
overshoots the mark. For purely elastic systems, 
this would require a maximum power transfer of double 
this value when the oscillations are not accompanied 
by an impetus at each swing, such as caused by improper 
governor operation. Tie connections having a maxi- 
miim synchronizing capacity of double the permissible 
fluctuation of load should hold the systems in stable 
operation. Under usual conditions the load on each 
system provides a dampening characteristic which makes 
the factor two a rather safe flgure to use. 

The largest generator on the 26-cycle system of the 
• Brooklyn Edison Company is 30,000 kw. and therefore. 



DATE 
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Pig. 5 

a frequency changer having a pull-out point above 
60,000 kw. was chosen. The 35,000 kw. unit selected 
has a puU-out point of a little over 70,000 kw. and al- 
thou^ a number of system disturbances have occurred 
while tile systems were in parallel through tiiis unit, the 
two systems have never pulled apart. These disturb- 
^ces have at times reduced the voltage and as the 
syndironizing power is a function approaching the 
square of the line voltage, the S3mchronizing power at 
such times was reduced considerably below 70,000 kw. 
In one case, a direct 3-phase short occurred bn the 25- 
cycle generating station bus with three generators and 
the frequency changer operating, and although two of 
the turbine tripped off, the frequency changer and 
the other generator held in and carried the entire load. 
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The fluctuation in load through the frequency changer 
very seldom reaches more than 5000 kilowatts, and in 
Fig. 2 is shown a typical record of a graphic kilowatt 
meter in this tie connection. 

A one line diagram showing the relay connections on 
this 35,000-kv-a. frequency changer is given in Fig. 3. 
The balanced and differential relays are for the pro¬ 
tection of the system and the frequency changer in case 
•of short circuits within the machine. The overload 
relay is for the purpose of automatically tripping out the 
tie connecting oil circuit breaker hj. case the two systems 
fall out of step and. the relay is set for sufficient current 
and time to accomplish this result without tripping out 
on momentary short circuits. 

The synchronous-synchronous type of frequency con¬ 
verter was selected as, for our purpose, it gave the 
following advantages: 

Greater flexibility in voltage control on either system. 

Elimination of voltage disturbances passing from 
•one system to the other under short circuit conditions. 
With somewhat different operating conditions some 
•engineers have felt the electrical tie is an asset under 
•disturbance condition so that a voltage dip will be re¬ 
flected from one system to the other. 

Slightly higher guaranteed efficiency. 

The efficiency of the first 35,000-kv-a. unit exceeded 
the guarantees throughout the full range of operation 
with the results as shown on Pig. 4. 

Amortisseur windings are provided on the 60-cycle end 
for starting with quarter voltage tap on the transformer 
whereas the unit when started from the 25-cycle end is 
•connected directly to a turbine with both units started 
from standstill. In Fig. 5 is shown the current, voltage 
and kilowatts at the time of starting the frequency 
•changer from the 60-cycle end. The ease with which 
this machine comes up to full speed is rather remarkable 
and you will note in the curve at the various points the 
.speed relations of the revolving field with the rotating 
armature flux as it passes the critical points. 


Discussion 

R. W* Wicseman: I should like to ask Mr. Woodrow about 
the pull-out torque of this frequency-converter set; this is given 
.as a little over 70,000 kw., or over twice the normal torque 
of the set. Is this pull-out torque the actual synchronous 
torque which the set can furnish for an appreciable time or is it 
the momentary torque of this set which includes the inertia 
torque of the rotors? The inertia torque is useful in a synchro¬ 
nous motor for a small fraction of a second only. The energy 
istored in the rotors of this frequency-converter set could furnish 
over twenty times normal load for but a few cycles. However, 
the limilang feature of the power output of the set is the ability of 


the generator to transmit power to its system. The power 
output of the generator, for a fraction of a second, is limited by 
the leakage impedance and not by the synchronous impedance 
because the generator magnetic flux can not change quickly and 
therefore it cannot be influenced by the opposing armature 
magnetomotive force. Thus, only two or three times normal 
load can be delivered by the generator for a small fraction of a 
second. 

Therefore, to say that a frequency-converter set has a high 
pull-out torque without fiilly explaining the conditions, is mis¬ 
leading. The rational basis upon which synchronous ma¬ 
chines can be compared is the constant or steady-state overload 
for an appreciable time, such as thirty seconds. Unity-power- 
faetor machines of this type are usually designed with a short- 
circuit ration of unity and, consequently, the true synchronous 
pull-out torque is only 150 per cent of the normal torque. 

Mr. Woodrow states that the synchronizing power is a func¬ 
tion approaching the square of the voltage. In any simple 
circuit with constant impedance the power varies exactly as the 
square of the voltage. Two duplicate generators operating in 
parallel through a transmission line have a synchronizing power 
which also varies as the square of the line voltage assuming that 
both generators have approximately the same voltage. With a 
frequency-converter set operating between two systems the 
capacities of which are much greater than the capacity of the 
set, the maximum power that can be transferred varies approxi¬ 
mately as the flrst power of the line voltage because, Maximum 
instantaneous power = (line voltage X machine virtual voltage) 

(transient impedance) or Maximum steady-state power * 
(line voltage X machine nominal voltage) (synchronous 
impedance). Since the virtual voltage (flux) or the nominal 
voltage (excitation) are constant, respectively, the. maximum 
power varies approximately as the first power of the line voltage. 

It follows that a frequency-converter set which has a steady- 
state maximum power of only 50 per cent above normal can 
carry 100 per cent overloads with a reasonable drop in line 
voltage for a small fraction of a second. 

H. R. Woodrow: The 35,000-kv-a. frequency changer has a 
pull-out point of 70,000 kw. for the first few cycles covering the 
first oscillatory swing of surging between the systems. The 
sustained pull-out point is about 55,000 kw.; that is, after the 
magnetizing action of the motor field comes into play. 

The equation for maximum instantaneous power given by 
Mr. Wieseman is approximately correct where the resistance of 
the circuits is small compared with the reactance and when his 
term ‘‘transient impedance’* represents self inductive reactance 
and resistance and “maohine virtual voltage, the generated 
voltage in the motor. The maximum steady-state power is 
represented by exactly the same formula, but Mr. Wieseman has 
used an imaginary expression, “machine nominal voltage” 
which represents the motor generated voltage multiplied by the 
ratio of another imaginary term synchronous impedance and real 
impedance. 

Under normal operations the real impedance drop through the 
machine is small and therefore the voltage generated in the motor 
is approximately the same as the line voltage and therefore the 
Tnfl.YiTYniTn instautaueous power is equal to the line voltage 
squared, divided by the real impedance. 

The exact expression for maximum instantaneous power be¬ 
tween two synchronous machines having the same generated 

voltage is . 

V^/Z X (1” I2/Z) where V *= voltage, Z = impedance and 

R resistance. 
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Synopsis:—In 1914 the authors presented before the Institute 
two analytical papers on Protective Reactors. During 1917^ 1918 
and 1919 three large power stations embodying what seemed to be 
the best system of bus and feeder reactors were placed in operation. 
The present paper gives brief accounts of sixteen accidents on the busses 
or feeders of these power stations. In each case the reactors effec^ 
tuaUy kept the power concentration within such limits that the damage 
was localized^ and no troubles were experienced from mechanical 
displacement of conductors and insulators elsewhere. 


In concluding t the authors state that their experience with reactors 
leads them to believe that short circuits in the largest power stations 
can be so controlled by a properly designed system of reactors that 
their destructive effects will be confined to the immediate vicinity of 
the arCf and that it will be possible so to tie together power stations 
and power systems of any magnitude that a short circuit will be of 
merely local significance and will not jeopardize the service of other 
parts of the system. 


I N February, 1914, the authors presented before the 
A. I. E. E. a paper entitled “Protective Reactances 
in Large Power Stations.” In October of the same 
year they presented a second paper entitled “Protective 
Reactances for Feeder Circuits of Large City Power 
Systems.” These studies were made for the purpose . 
of determining the best reactor system for two large 
steam power stations on which preliminary design 
studies were then being made. 

In the second paper it was shown by a series of 
curves* (Curve Sheet No. 6) that after a certain number 
of generators are connected to a ring bus, with reactors 
between adjacent generators, the number may then be 
increased to infinily without appreciably increasing the 
amoimt of current flowing into a short circuit on the bus. 
Based on the reactance values of generators and bus 
bar reactors which at that time seemed most desirable 
^d which experience has changed but little, the follow¬ 
ing figures derived from the curves* will be of interest: 

1. After three generators are installed, the number of genera¬ 
tors can be increased to infinity without increasing by more than 
60 per cent the amount of current that can flow into a short cir¬ 
cuit on the bus. 

2. With an inflnite number of generators, the maximum 
amount of current that can flow into a short circuit on the bus is 
about 3}^ times the short-circuit current than can be obtained 
from a single generator. 

The sys^ of connections finally adopted was a 
ring bus with five per cent bus reactors between adja¬ 
cent units, based on turbo-generator units of the order 
of 25,000 kw. to 30,000 kw. at 0.8 power-factor, and a 
radial system of feeders with three per cent feeder react- 
ora, based on feeders of 6000 kv-a. to 7500 kv-a. at 11 
kv. to 13.2 kv. The bus reactors are shunted by oil 
circuit breakers which are so controlled that when one 
or more generators are disconnected from the bus, the 
a>rresponding set of adjacent bus reactors is automat¬ 
ically shunted, thereby preventing more than one set of 
bus reactor s from being in circuit between any two ad¬ 


jacent running generators. This scheme of connections 
with eight generators in service is shown diagram- 
matically in Fig. 1. In Fig. 2 and Fig. 3 are shown the 
connections when but one-half the generators are in 
service. This system of connections limits the flow of 
current into a short circuit on a generator or on any sec¬ 
tion of the bus after a lapse of 0.1 sec. to a value of ap- 



Fig. 1—Scheme op Connections™—All Cenehatobs in 
Sebtice 

proximately 750,000 kv-a. The flow of current into a 
feeder short circuit is limited to a value of approxi¬ 
mately 250,000 kv-a. 

It is the object of this paper to recount some of the 
actual operating experiences in power stations where 
this reactor system has been in service for several years. 

In 1916 construction work was started on the 
Windsor (West Virginia) Power Station of the American 
Gas & Electric Company and the West Penn Power 
Company. This station was placed in operation during 
1917 with one 30,000-kv-a. turbo-generator. The 
following table shows its growth: 

Year Units Started Operation Total Icp-a. Capacity 


1. All of Sargent and Lundy, Inc., Chicago. 

2. These curves give ourreut -values which correspond 
approximatehr to the 0.1 sec. values on the latest dWemenb 
curves. 

Presented at the Spring CorwenUon of the A I B B 
St. Louis, Mo., April lS-17,19S6. ' * ‘ 


1917 One—30,000-lcv-a. 30,000-kv-a. 

1918 One—30,000-kv-a. 60,000-kv-a. 

1919 Two—33,333-kv-a. 126,666-kv-a. 

1923 Two—33,333-kv-a. 193,333-kv-a. 

^ During the years that this station has been injopera- 
tion, there have been several short circuits of sufficient 
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sevex*ity to test the effectiveness of this scheme of react- 
axid to demonstrate its ability to keep down the 
flow of short circuit current to a value well within the 
intorirupting capacity of moderately heavy duty oil 
breakers and to localize the damage to the im- 
Wiediate vicinity of the arc. Below are given brief 
ttai?x*at:ives of several of these short circuits: 

1 • On August 15, 1919, with three generators running, an 
e accidentally placed a ladder against a high tension lead 



ITio. 2 —Scheme op Connections—Generators Nos. 2, 4, 

6 AND 7 Shut‘Down 

iul 66-kv. switchyard. The circuit breaker on the low-tension 

Bide of the transformer bank, feeding these bus bars, tripped and 
<5lea«r*ed the trouble. A few minutes later the low-tension breaker 
wfibs £tg^ain closed. Immediately a quantity of oil squirted out 
of oxxe of the transformers between the tank and cover. The 11- 
Ic v- oijccuit bi'eaker again tripped out and cleared the circuit. An 
OTCstnadLiiation of the damaged transformer, which was one unit of 
a, 20,000-kv-a. bank, showed that the lower turns of the 11-lp-. 
ooils 'were badly damaged both by burning and by the destructive 
foiroos of heavy currents. The high-tension coils, although un- 



jF’xo. 3 —Simplified Diagram of Connections—Generators 
Nos. 2, 4, 6 AND 7 .Shut. Down 

dxbXXiC^gGd, were somewhat displaced. The total damage was 
aoxxAxied to the one transformer. 

On May 17,1922, with four generators running, one of five 
3 --ooxtduotor 600,000-eir. mils 11-kv. cables, feeding a 30,000- 
132-kv. transformer bank, failed under emergency over- 
taking with it several of the adjacent cables. The 11-kv. 
oix-oxxit breaker cleared the trouble from the bus.' The following 
^^j-XAing a cable on a duplicate transformer bank of the same 
^,j^^^city and voltage failed in a similar manner. In this ease 
eii so tihe 11-kv. oil circuit breaker cleared the trouble from the bus 


bars. These cables were connected directly to the 11-kv. bus 
bars without series reactors. In neither case did the damage 
extend beyond the cables and their enclosing conduits. 

3. On September 1, 1922, lightning broke down a bushing 
on one of the 66-kv. oil circuit breakers, causing failure to ground. 
The overload relay on the 11-kv. side operated properly, but the 
tripping relay on the 11-kv. oil circuit breaker was out of adjust¬ 
ment and failed to operate. Pour generators were connected to 
the bus at the time, and the flow of current was sufficient to bum 
out the windings of two transformers of a 20,000-kv-a. bank feed¬ 
ing the 66-kv. bus. The pressure inside of the tanks was so great 
that the manhole covers were blown off in quick succession, and 
each transformer sent up a column of flaming oil higher th^ the 
stacks of the power-station building. It was several minutes 
before the switchboard operators discovered the location of the 
trouble and cleared the transformer bank from the bus, and some 
time before the oil fire in and around the transformers could be 
extinguished. Here again, the damage was limited to the two 
transformers and the area over which the flaming oil had spread. 

4. On November 13, 1923, there occurred the most serious 
electrical trouble which had developed since the station was 
placed in operation. With all six generators and a seventh du¬ 
plicate machine operating as a synchronous condenser,—a total 
of 223,333-kv-a., connected to the bus,—an are was started by 
the breakdown of an insulator. The subsequent arcs and flames 
established a short circuit between the three phases of the main 
11-kv. bus. More than a minute elapsed before the switchboard 
operators located the trouble and killed the power-station bus., 
A subsequent examination showed that the damage was confined 
entirely to the short section of bus across which the arc had 
played. A lighting fixtiue on the ceiling of the room directly 
above the arcing bus was not damaged; neither was the reserve 
bus structure which was separated from the main structure by an 
aisle space of eight feet. The circuits were, accordingly, trans¬ 
ferred to the reserve bus and service was resumed within 

48 min. . /-i o 

The West End Power Station of the Union Gas & 

Electric Company of Cincinnati was placed in operation 
in 1918, with two 30,000-kw. (31,250-kv-a.) turbo¬ 
generator units. In 1920, a third unit, and in 1921, a 
fourth unit of the same capacity were placed in service 
TYifllfirig a total present capacity of 120,000 kw. (125,000 
kv.a). 

All faults on West End Power Station have occurred 
on the feeders beyond the feeder reactors. Thus, the 
maximum fault kv-a. has been limited, in all cases, by 
the feeder reactors which are rated at 0.76 ohm on a 
basis of 13.2 kv. (three per cent on 300-ampQ-es). 
Three of the most severe faults are listed below. 

1. On July 18,1921, at 11:42 a. m., a three-phase short circuit 
developed in a 400,000-cir. mil cable approximately 1H mUes from 
West End Power Station. At the time, there were two genera¬ 
tors running with a total load of 45,000 kw., and two bus reaetOTS 
in service. The feeder-oil circuit breaker opened to clear the 
fault without signs of any great disturbance on the rest of the 
system. 

2. On December 15, 1923, a short circuit developed m a 
400,000-eir. mil cable approximately 14 mile from West End 
Power Station. There were three generators running at the 
time and three bus reactors were in service. The fault current 
was 6000 amperes in each phase, and was broken by the 
opening of the feeder-oil circuit breaker. However, there was a 
sufficient force developed between two of one set of feeder react¬ 
ors to pull them together with a resultant breaking of the 
concrete side slabs. These reactors were spaced horizontally 
one foot apart and were not fastened to the floor. ^ The voltage 
on the directly affected section of bus was maintained at 70 per 
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cent of normal, and the rest of the system did not suffer any 
serious disturbance. 

3. The most severe fault that the system has suffered oc¬ 
curred on October 31,1924, at 9:57 a. m. This was a three-phase 
short circuit on two adjacent 400,000-oir. mil cables at a point 
where they changed from underground cables to overhead open 
lines. At the time there were four generators running and four 
bus reactors were in service. The two cables were connected 
to different sections of the bus, so that two of the generators were 
connected directly to the faulty cables without interposing bus 
reactors. The fault current was 4300 amperes per phase in each 
cable (8600 amperes from the system). The bus voltage dropped 
to 77.5 per cent of normal. One hurling pump motor which was 
connected to the same section of bus as one of the faulty cables, 
was tripped out by an undervoltage relay. No other auxiliary 
motors were affected. The relays operated correctly to open the 
oil circuit breakers on the two faulty cables. 

In 1925, Miami Fort Power Station, with an initial 
installation of two 38,000-kw. (44,706-kv-a.) turbo¬ 
generators will go into service about twenty miles west 
of West End Power Station. This station will have the 
same system of bus and feeder reactors that has worked 
out so successfully at West End Power Station. 

In the winter of 1919-1920 the Northeast Power 
Station of the ICan^ City (Missouri) Power & Light 
Company was placed in operation with two 20,000-kw. 
(25,000-^-a.) turbo-generator units. The following 
table shows the growth by years of this-station: 


ports and compartment doors. Each of these cases of 
trouble caused the temporary loss of a feeder circuit and 
was accompanied by a momentary drop in voltage. In 
not one of the eight eases, however, did any of the 
auxiliary motors drop out of step. 

This power station has also had one case of trouble 
in which the bus bars were directly involved. On 
August 4,1922, during a period of construction work, an 
operator carelessly closed a disconnecting switch on a 
groimded oil circuit brealcer which grounded the C- 
phase of the main bus bars. Three 20,000-kw. units 
were in service at the time, and the neutral of No. 3 
unit was grounded through a 3-ohm resistor. 

When the accident occurred, generator No. 3 was 
tripped out by its balanced relays. The operator then 
tripped off generators Nos. 1 and 2 thereby shutting 
down the entire system. A subsequent lamination 
disclosed the following damage: The disconnecting 
switch, with which the operator established the ground, 
was bmned up. The neutral resistor developed a 
ground and shunted out 5/7 of the resistance, permitting 
a current flow calculated at 8800 amperes as against a 
flow of 2500 amperes had all the resistance been in 
circuit. This excess current burned out and open- 
circuited that part of the resistor remaining in circuit. 


1919— One 20,000-kw. 25,000-kv-a. 

1920— Two 20 , 006 -kw. 25,000-kv-a. 

1922—One 30,000-kw. 37,600-kv-a. 

1925—One 30,000-kw. 37,500-kv-a. 

Total present capacity 120,000 kw. (150,000-kv-a.) 

The Northeast Power Station is located northeast 
of the main business district of Kansas City on the low 
bottom lands which border the Missouri River. As 
there was initially no practical way of carr 3 dng under¬ 
ground cables in ducts across these’bottoms, the 13.2- 
kv. outgoing feeders were carried a distance of one-half 
to one mile on pole lines with conductors supported on 
26-kv. porcelain insulators. Lightning is particularly 
severe in tiiis district and although the circuits, where 
they changed from overhead to underground construc¬ 
tion, were all protected by oxide-film lightning arresters 
and some of them also had lightning arresters at the 
power station end, there were, during the five years from 
1920 to 1924 inclusive, a total of six cases where light¬ 
ning entered the power station over these circuits and 
damaged equipment in the building. There was also 
one case of a cable breakdown near the feeder exit bush¬ 
ing and another case wh«-e an operator pulled a wrong 
disconnecting switch near the exit bushing, both of 
which resulted in practically the same kind and amount 
of damage as that caused by the lightning. 

the majority of these cases the damage consisted 
of the breakdown of one or more current transformers 
followed by an arc which burned one or more feeder 
reactors and destroyed some of the disconnecting 
switches, pnmary and secondary wiring, insulating sup¬ 


Two jumper connections between coils on the C phase 
of unit No. 3 burned open. Within 12 minutes the 
station was again in operation, and within 30 minutes 
the load was back to normal. 

At no time in any oneof the three Power Stations, even 
under the worst of short-circuit conditions, has there been 
any trouble experienced from the shifting of cables and 
bus bars, or the breaking of bus bar and insulator sup¬ 
ports by the mechanical forces which are usually charac¬ 
teristic of a heavy flow of uncontrolled short-circuit 
current. 

Based on the ®cperience given above, the authors 
feel that short circuits in the largest power stations can 
be so controlled by a properly designed system of bus 
reactors that their destructive effects will be confined to 
the immediate vicinity of the arc. There will be some 
disturbance in voltage beyond the bus reactors, but in 
only the most severe cases will this be of sufficient magui- 
tude to cause auxiliary motors to drop out of step. 
Furthermore, they feel that with properly chosen react¬ 
ors, it will be possible to tie together power stations 
and power systems of any magnitude so that a short 
circuit will be of merely local significance, and will not 
jeopardize the service of the other parts of the 
system. 

For assistance in compiling the information on short 
circuits, the authors are indebted to E. H. McFarland 
of the .^erican Gm & Electric Company, Windsor, 
West Virginia, C. W. DeForest of the Union Gas ,& 
Electric Company, Cincinnati,- Ohio, and Edwin Jowett 
of the Kansas City Power & Light Company, 'K'^tpaaji 
City, Missouri. 
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Discussion 

J. Lymans To obtain the minimum concentration of power 
is an everpresent problem in the design of large power stations, 
substations, and distribution systems. A circuit breaker must 
be built, capable of opening its circuit, under any short-chcuit 
conditions, but more serious than the problem of designing ade¬ 
quate circuit breakers are the electrical and mechanical shocks 
that may be transmitted to the entire electrical system from a 
modern bulk-power station, or to a power distribution and trans¬ 
mission system, tying-iu several such great stations. At least 
0,3 see. elapses before a circuit breaker can operate. During 
this time the full force of the shock is imparted to the entire 
system. 

As the units of power to be controlled are continually increas¬ 
ing, the design of circuit breakers capable of controlling them is 
becoming more and more important. The combination of cur- 
rent-ltmiting reactors with the circuit breakers in such a way that 
a minimum concentration of power is secured without materially 
affecting voltage regulation should, therefore, be the aim in the 
design of power stations and distribution systems. Thus elec¬ 
trical and mechanical impacts due to electrical disturbances of 
whatever nature, will be kept down to a minimum consistent 
with successful operation and the greatest reliability of service 
secured. 

Reliable and efficient power stations, transmissions and 
distributions are rapidly bringing to a reality universal 60-oyele 
power throughout the country. Clearly in any electric power 
system the latest, most economical power station should be 
operated as a strictly base-load plant. In .this way the lowest 
possible cost per kw-hr. is obtamed and advantage taken of 
the remarkable advances in power-station design* 

By judicious location of synchronous condensers and reactors, 
voltage regulation can be maintained and power drawn from any 
power station over the entire system. 

In general, the energy losses in the synchronous condensers are 
compensated for by the improved efficiency of transmission lines, 
transformers and generators, supplying power at the higher power 
factor, while the capital costs of the synchronous condensers are 
more than offset by the increase in capacity of the system at the 
higher power factor. Thus, it is possible to operate with re¬ 
liability the latest power plant on the system as a base-load plant 
with the resultant system economies. By so doing, the electric 
power can be supplied over a wide radius to the large industrial 
plant or to an electrified steam railroad at a lower price than 
that at which these companies are able to make power because 
they have a comparatively fixed power demand at a compara¬ 
tively low load factor; thus when their power stations become 
obsolete,they cannot write them off their books and discard them. 
They cannot take advantage of the improved efficiencies of the 
latest power-station design and of the high load factor that is 
obtained on an extended improved power system. 

H- W* Ealeist Mr. Rossman has called attention to the re¬ 
markable fact that it is possible for short circuits to occur within 
power stations and for the operating staff to be unaware of the 
fact. Mr. Rossman mentions a short circuit of this nature at 
Windsor Station. 

About twelve years ago, one of the 11-1^. busses burned in two 
in the Keokuk Station. For some time the operators there were 
unaware that they were delivering single-phase power over the 
143-mi. transmission line to St. Louis. 

in Deceihber 1924 a short circuit occurred in one of the bus 
chambers at Cahokia Station and although the operator knew 
that a short circuit existed on the system he did not ascertain 
for several minutes that it was within his own station although 
it later developed that it was located on the same floor on which 
the operating benchboard is situated. 

As a result of that and other experiences we have recently 


concluded to install in Cahokia Station an indicating and ground- 
current protective system. 

We believe that, with the isolated-phase arrangement of oil 
circuit breakers and other accessor.y equipment as now completely 
installed at Cahokia Station, a three-phase short circuit is 
virtually an impossibility. In designing the indicating and pro¬ 
tective system about to be installed, it is necessary to consider 
only protection from phase to ground. 

A review of all cases of trouble which have involved the station 
bus revealed that in order to clear the short circuit it was finally 
necessary, by manual operation, to isolate the bus section in 
trouble and disconnect its generator and other sources of power 
connected to it. This consumed valuable time during which 
system service suffered. As long as it is necessary to do this 
ultimately, it has been decided to arrange for its accomplishment 
automatically and instantly. 

The method to be employed will consist of introducing current 
transformers in the apparatus ground bus ahead of the connection 
to earth. The secondary leads from these current transformers 
will be brought to the benchboard operating room to relays whose 
operation wiU cause the lighting of telltale lamps indicating the 
bus chamber in which the short circuit occurs, and simultaneously 
cause the opening of the bus-section circuit breakers, at both 
ends of the bus section involved, open the generator breaker or 
this bus section, and also tie feeders, if anj^, from other stations 
or systems. 

E* C. Stone: The determination of the arrangement of bus 
reactors in a power plant must take into account both the pro¬ 
tection, of equipment and the safeguarding of service. Of the 
five cases of bus-rfeactor operations reported in this paper, three 
apparently resulted in complete shut-down of the power plant and 
consequently serious interruption to service. In my opinion the 
bus reactor problem is not solved until service as well as equip¬ 
ment is completely protected. 

H. R- Sinmnerhayes: I have had occasion to review and 
analyze most of the major bus short circuits that have occurred 
in large power stations, and it appears in nearly all of them that 
if the bus section could be segregated instantly from the rest 
of the station, matters wmild be better than they are. That is 
to say, some service might have been lost, but not nearly so much 
service as has been lost in most of these short circuits. There¬ 
fore, I am heartily in favor of some system of protection, which 
will sectionalize the bus. It has been accomplished by the 
differential protection used in the Brooklyn Edison Company’s 
system and in the hydroelectric plant at Queenston, Ontario. • 
In the latter, I believe the differential protection has actually 
worked successfully several times. It is also accomplished by 
the ground protection system mentioned by Mr. Eales. 

The ground protection system is simple and it is based on the 
probability that neaiiy all bus troubles on the isolated-phase 
system, or on the group-phase system, involve a ground, and 
there is some ground current flowing. 

It is very simple, then, to connect all of the non-current-carry¬ 
ing metal in the vicinity of a bus section and the switches per¬ 
taining thereto through a current transformer to ground. In¬ 
stead of connecting them all to the common station ground, we 
run all the ground connections from switch bases, operating 
mechanisms, etc., of one bus section through a current trans¬ 
former to the station ground, aind that current transformer is 
made to trip the section switches, feeder switches and 
the generator switches on that bus section, and do so instantly. 
In this manner the service can be resumed with the least amount 
of interruption. 

While reactors are very effective in limiting short-circuit 
currents, there is one trouble that has been encountered with the 
use of bus reactors, namely, when a large amount of current is 
being passed over a bus reactor from one section to another, the 
bus voltage differs on the two sections, or rather there is a phase 



376 


LYMAN, PERRY AND ROSSMAN: PROTECTIVE REACTORS 


Transactions A. I, E. E. 


difference which unbalances distribution of load in feeders from 
different bus sections to the same substation. To prevent this 
unbalance it is desired to make a reactor which will be of low 
reactance at noimal load, and high reactance at short circuit; 
this has been the aim of inventors for a good many years. 

I hope that that problem will be solved; that some form of 
lin^kage will be found which will enable a large amount of power 
. to be exchanged between bus sections or generating stations 
under normal conditions and will interpose a high reactance 
instantly before one cycle is passed when short circuit occurs. 

F. H. Kierstead: This record of eight years* experience with 
a variety of reactors and only one instance of a reactor failure 
(and in this instance, the fault appears to have been with the 
installation and not with the reactor) is, I think, a positive 
testimonial of the reliability of modern current-limiting reactors. 
However, 1, personally, am not satisfied with even the fine record 
that reactors have made, but feel that we must press on toward a 
still higher degree* of the perfection of this device upon which we 
depend to protect everything else in great power systems. This 
greater perfection must come not alone from increased efforts 
on the part of the manufacturers but also through a better 
understanding of the characteristics of reactors by the operators 
and from more consideration being given by them to the instal¬ 
lation and upkeep of the reactors. 

Turning to the record in this paper, it is to be noted that in 
the one case of a reactor failure the reactors pulled together be¬ 
cause they had not been bolted down to the floor. Now I am 
not bringing up this point in order to excuse a reactor failure, 
(the reactors were not of our manufacture, but the results would 
doubtless have been the same had they been our reactors, if the 
means which we provided for bolting the reactors to the floor 
had not been used); nor do I bring it up in order to point out a 
faulty installation, but I am bringing it up for consideration 
because it illustrates my point that a better understanding of the 
characteristics of reactors is required and more consideration 
must be given to their installation in order to obtain a higher 
degree of perfection in the service that they render. It should 
be clearly appreciated that there is a large magnetic force between 
adjacent reactors when carrying short-circuit current and that 
for tMs reason reactors should always be bolted to the floor 
and, in many cases, must be further braced to withstand this 
force. 

There is another source of danger to reactors which I think is 
worthy of consideration at this time. It is one which we all 
should realize but one which many of us overlook. I refer now 
to the failure of a reactor which may be caused by foreign con¬ 
ducting material accidentally dropping into a reactor and 
lodging in the winding. We have proven, by careful tests, that 
if a piece of metal, such as a screw, bolt, nut, or washer becomes 
lodged in the winding and escapes notice during inspection, no 
indication of its presence in the reactor will usually be given dur¬ 
ing the normal operation of the circuit because of low voltage 
between turns, but at the instant a short circuit occurs, when the 
voltage between the different sections of the winding jumps to 
many times its previous value, incipient arcs shoot out where the 
metal bridges across a section of the winding and are followed 
instantly by a complete flash-over of the reactor. Our tests have 
further proven that thin insulation on the conductor will not 
prevent such failures, even though the insulation has ample 
dielectnc strength to withstand the voltage placed across it by 
a short circuit for the reason that the magnetic force exerted on 
iron and steel objects wiU cause them to break through thin 
insulation. 

^s danger may be eliminated by a very careful inspection 
of the reactor before it is placed in service in order to be sure that 
no such foreign material is lodged in the winding. The incon- 
vem^e© of making sueli an inspection should not deter one from 
mal^ It for it is in those places most difficult to inspect that 
foreign material is most likely to lodge. 


Attention is further called to the fact that the magnetic field 
of a reactor carrying a short circuit will reach out to a distance at 
least equal to the diameter of the reactor and draw loose magnetic 
material into its winding. Therefore, great care must be taken 
to keep the passageway where reactors are installed clear of such 
material. Doors or screens across the openings of the comiiart- 
ments in which reactors are installed are recommended as a means 
of preventing any such material which may be dropped in the 
passage-way from getting into the reactors. 

For those installations where it is very difificult to be sure that 
foreign material will not enter into the reactors and for those 
operators who require a safeguard from it in addition to that 
afforded by inspection. The General Electric Company has 
developed a thick asbestos insulation which is closely and fii*inly 
woven on the reactor conductor and is treated with flame-proof 
compound which makes the covering very strong and able to 
resist cutting and tearing very tenaciously. This insulati<m is 
used solely to prevent foreign material causing a short circuit 
between turns. The special grade of Portland cement conci’ete 
supports so successfully used for years is still the major insu¬ 
lation. Reactors with this insulation have been thoroughly 
tested by making many short-circuit tests upon them with a 
26,700-kv-a., short-circuit testing generator and these tests have 
proven that this insulation affords adequate protection to the 
conductor from foreign material and that the insulatioJi is so 
free from any inflammable material as to be properly classed as 
fii’eproof. 

H. W. Osiioods This timely paper is a valuable eonflrmatiou 
of the effectiveness of rectors placed in a ring bus in large 
generating stations. Reactors placed in a bus between genera¬ 
ting units are more effective for limiting short-circuit current 
than reactors of greater reactive voltage drop placed in series 
with the generators and in effect paralleled on a bus. Reactors of 
naoderate size are also necessary in the generator leads a.s these 
give to the generator circuit and the busses protection equivalent 
to that provided by feeder reactors. 

In looking up earlier information on use of current-limiting 
reactors, we And that in June, 1909, Mr. Junkersfeld presented 
a paper at Atlantic City, before the National Electric Light 
Association on “The Use of Reactance Coils in Generating 
Stations.** In this paper, mention was made of the first appli¬ 
cation of reactors in the Cos Cob Station of the New York, New 
Haven and Hartford Railroad, an installation in the Central 
Station at Baltimore and in the Pish Street Station at Chicago. 
Reactors of the choke-coil type had, however, been used on many 
overhead and a few underground circuits prior to these installa¬ 
tions in Cos Cob, Baltimore, and Chicago. 

Dr. Steinmetz, in his discussion of that paper in 1909, said 
among other things, “When you come, however, to still larger 
stations—and some of the largest stations in the country are 
rapidly approaching that condition—then we meet the con¬ 
dition where even with this generator reactance, limiting the 
momentary short-circuit, current to about ten times full-load 
current, the rush of current at the bus bars is altogether too much 
to permit a switch to be designed economically to take care of it, 
and then we shall be obliged to carry the limitations still further 
in the manner suggested by Mr. Junkersfeld, in sectionalizing 
the bus. bars by reactance. This suggestion is therefore not an 
alternative to the generator reactance but is in addition thereto, 
for those cases of huge powers—200,000 lew. or more—where 
the generator reactances are no longer sufficient to limit the 
momentary short-circuit current at the bus bars to a reasonable 
value; that is, to half a million or a million kilovolt-amperes.** 
During these 16 years since this discussion by Dr. Steinmetz, 
the rupturing capacity of oil circuit breakers has been increased, 
in some cases, to 1,500,0(K) Icv-a., but the ultimate capacity of 
generating stations has been increased in some cases to a pro¬ 
jected total of 6(X),0(X) kw. Current-limiting reactors have 
therefore become indispensable between bus sections, as weU as 
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in the generator leads and feeders to limit the short-circuit cur¬ 
rent, within the rupturing capacity of circuit breakers. 

The isolated-phase arrangement with vertical separation of 
phases is peculiarly adapted to the installation of current-limiting 
reactors. Space is afforded in the switchhouse where the genera¬ 
tor leads come up or the feeders drop down to the cable tunnel, 
the bus structures and oil-cireuit-breaker compartments being 
grouped in the center with an operating aisle between structures. 
With the reactors isolated in this manner there is less likelihood of 
a phase-to-phase short circuit and if one occurs the reactors 
intervene to limit the current. 

Experience indicates that in addition to a proper scheme of 
connections for reactors, thefollowing points among others should 
be given careful consideration: • • 

Terminals should be placed at opposite ends of a reactor to 
prevent danger from Jlashover across terminals and with the 
vertical-phase separation one terminal can be placed at the top 
and one at the bottom of the coil. 

Non-combustible material should be used in their construction. 

Reactors should be satisfactorily insulated from ground and 
enclosed in a compartment arranged for ventilation. 

Reasonable clearances should be provided to all magnetic 
material. 

Insulation of conductors, if used, should be of heat-resisting 
mat(}rial. 

As the reactor is installed as a protective feature, it should be 
carefully constructed and installed in every detail so that the 
chances of the reactor, or its connections, being the source of 
trouble or the means for spreading trouble will be reduced to an 
absolute minimum. 

Mention is made in this paper that when one or more genera¬ 
tors are disconnected from the bus, adjacent sets of reactors are 
automatically shunted by short-circuiting breakers, thereby 
preventing more than one set of bus reactors being connected 
between two adjacent running generators. A description of the 
means for automatic shunting of the reactors would be of int('rest. 

S. I. Oesterreicher: In this paper there is one set of records 
of particular interest to mo, namely, the short-circuit disturbances 
in the West End Power Station of the Union Gas & Electric 
Company of Cincinnati. 

It is stated in the paper that in one case the magnetic attrac¬ 
tion between two adjacent co-axially arranged reactors was of 
siifhoiont magnitude to damage the two reactor housings. With 
a separation of 12 in. between the two concrete housings, the 
magnetic centers of the two coils are 33 in. apart. At this dis¬ 
tance and with 6000 amperes flowing across each reactor the 
magnetic attractive teees between the reactors was about 14,500 
lb. The weight of the reactor was only 13 per cent of the at¬ 
tractive forces. Thus tho damage done to the concrete housings 
duo to thoir tender contact is excusable, if it is known that no 
interhracings between the two reactors were used. 

The other set of records about which I desire to comment 
refer to tho eight disturbances of the North East Power Station 
of the Kansas City Power & Light Company. Of these eight 
disturbances, six were caused by lightning troubles. The paper 
states that: “In the majority of those cases the damage consisted 
of the breakdown of one or more current transformers followed 


by an arc Avhich burned one or more feeder reactors, etc.” I 
believe it to be unfair to record in this paper reactor failures 
caused hy lightning disturbances. 

In my humble opinion, a current-limiting reactor will give no 
protection against lightning regardless of its type of construction. 
It would be of interest to know whether or not these reactors had 
shunted resistors. This would throw light to some extent upon 
a verjf live topic among many engineers. 

A, M. Rossman: We are indebted to Mr. Bales for the 
information he has given us on the recent short circuit in the 
Cahokia Switch House, and the protective measures he has 
decided to install to limit the extent of the damage in the event 
of another short circuit. I believe the ground relaying system 
which he describes to be a step in the right direction. 

Mr. Stone emphasizes the fact that in the two cases which are 
cited, where the bus bars were directly involved in a short circuit, 
the power station was completely shut down. Our paper states 
that in each of these instances the bus bars were cleared, as a 
safety measure, by the switchboard operators themselves, before 
they could definitely determine the* exact location of the short 
circuit. Had they opened the bus-section oil circuit breakers 
instead of the generator breakers, or had there been a relaying 
system similar to the one described by Mr. Eales, I doubt if there 
would have been any interruption to service outside of the bus 
section which was actually involved in the are. 

Mr. Kierstead, Mr. Oesterreicher, and others lay stress on the 
need for reliability of the reactors themselves. I might say that 
of all the eases of trouble given, not one originated in the reactor 
itself, nor did any of the reactors develop weaknesses under short- 
circuit conditions. Several of the Kansas City feeder reactors 
were damaged by ares which started in current transformers 
when lightning came in over the overhead 13.2-kv. feeder cir¬ 
cuits and broke them down. This source of trouble has since 
been eliminated by placing all of the outgoing 13.2-kv. feeders 
under ground and by relocating the current transformers. 

Mr. Summerhayes has discussed the effect of busbar reactors 
on the voltage of the different busbar sections. We have found 
that with the reactors we have used, the ratings of which were 
carefully determined by considering both voltage regulation 
under normal conditions and current flow under abnormal con¬ 
ditions, this has given ns very little concern. With a radial 
system of feeders, which is the system followed in the three power 
stations under discussion, this effect is negligible. 

Mr. Osgood has asked how the busbar reactors are automatic¬ 
ally shunted in and out of service. This we have done by pro¬ 
viding either an auxiliary contact on the control switch of the 
main generator oil circuit breaker, or an auxiliary switch on the 
generator oil circuit breaker itself. When the operator closes 
the generator circuit breaker, the circuit breaker shunting the 
corresponding busbar reactor opens; when he opens the genera¬ 
tor circuit breaker, the breaker shunting the busbar reactor 
closes. 

In concluding, 1 might state that onr experience with power- 
station reactors has fully justified our expectations and has 
strengthened our confidence in them as a means of successfully 
keeping within controllable limits, the flow of current during 
short circuits. 



Mississippi River Crossing of Crystal City 
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BY H. W. BALES' and E. ETTLINGER' 
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Synopsis*—The description and illustrations which follow refer glass manufacturing plant of the Pittsburgh Plate Glass Company 
to overhead wire crossing of the Mississippi River near Crystal at Crystal City, Mo. The general location of this line is shown in 
City, Mo., of a double circuit, 182,000-volt, three-phase, OO-cy^le the accompanying map. Fig. 1. Its length is 80.8 mUes, {49.6 km.), 
transmission line now in the process of construction. The terminal of which 28.4 miles {4^.7 km.) are in Illinois and the remainder in 
points of this line ad the present time are the Cahokia steam power Missouri and in the river crossing. The purpose of this article is 
station of the Union Electric Light & Power Company and the primarily to describe the problems involved in the river ct^ossing. 


A t the point of crossing, the Mississippi River is 
approximately 4000 ft. (1220 m.) wide, bank to 
bank. On the Missouri side there is a high lime¬ 
stone bluff the top of which is at elevation 745 with 
reference to Memphis, Tenn. datum. The average 
ground level on the Illinois bank is at elevation 395 or 
360 ft. (106.8 m.) lower than the Missouri bluff, opposite. 
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The hydrographic records of the Mississippi Rive 
indicate that extreme high water in 1844 was at eleva 
tion 410.5 and high water in 1903, at elevation 406. I 
levee protecting the Illinois low lands parallels the rive 
for a distan ce of approximately 6500 ft. (1983 m.) fron 
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the Missouri bluff. The Illinois shore at, this point 
between the river's edge and the levee, is known as 
Calico Island. 

It is observed from the foregoing figures that any 
foundation between the levee and the Missouri bluff 
would be in an area subject to overflow and in addition 
would be subject to the characteristic scouring action 
of the Mississippi River during each such overflow 
period. 

In order to obtain data for the design of foimdations 
for towers two test borings were made to rock on the 
Illinois bank, the first at a distance of approximately 
400 ft. (122 m.) from the river’s edge and the second 
about 50 ft. (15.3 m.) from tibe edge. Both of these 
borings showed that the ground was typical river 
bed deposit consisting of fine silt on the top strata, 
the ' lower strata consisting of coarse sand and 
pavel, the gravel inCTeasing in size to stones several 
inches in diameter as rock was approached. Since 
these data checked closely with numerous other borings 
of the Illinois bed of the river between this location and 
East St. Louis, Ill., it was not considered necessary to 
make more than the two borings taken. Government 
records (House document No. 762, 63rd Congress, 2nd 
S^ion) contain reports of test borings taken over a 
distance of four miles east and west beginning at Steins 
Street, SL Louis, on the Missouri bluff to the Illinois 
bluffs.^ The boring^ on Calico Island showed deposits 
very similar to the government borings. Other boring 
data available were those made at the time of construc¬ 
tion of the four bridges spanning the Mississippi at St. 
Louis and those for the Cahokia power station below 
East St. Louis, Ill. 

The Federal requirements, with respect to river 
clearance at this point called for a mechamical clearance 
of 64 ft. (19.6 m.) from the lowest point of the sag to 
high water elevation on the basis of 1903 high water. 
It was considered advisable to add 10 feet (3.06 m.) 
for electrical clearance making total clearance 74 feet 
(22.6 m.) 

TTie preceding description outlines the physical 
problem; the solution pf the problem was made as 
follows: 

It is apparent from the data given that to support a 
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crossing span on towers outside the area of overflow 
would involve a span distance of 7000 feet (2136 m.) 
It was determined, therefore, to construct the crossing 
in two spans supported by three towers, the western 
tower to be placed on top of the Missouri bluff, the inter¬ 
mediate tower approximately 300 ft. (91.5 m.) from the 
existing water’s edge on the Illinois bank, and the third 
tower a short distance east of the levee. It was further 
decided to arrange the Missouri tower and the Illinois 
levee tower as anchor structures, both designed to sup¬ 
port the unbalanced stress of all sfac conductors under 
worst conditions of ice and wind loading, and to ar¬ 
range the intermediate tower so as to support the con¬ 
ductors on insulators in suspension position. 

Sketch, Fig. 2, shows all these data in graphical 
form. From this sketch it will be observed that the 
horizontal distance between the Missouri tower and the 
intermediate tower is 4279 ft., (1305 m.) and the hori¬ 
zontal distance between the intermediate tower and the 
Illinois terminal tower, 2681 ft., (818 m.) The profile 



Fia. 2 —^Plan and Propius op Mississippi River Crossing 


shows clearly the different elevations involved. The 
/■lA ava NOft to liver level is shown on the basis of con¬ 
ductor sag at 120 deg. fahr. (48.8 deg. cent.) and under 
extreme assumption that such sag will occur vdth the 
river at an elevation duplicating that of 1903. 

The lowest crossann of the Missouri tower will be 
60 ft. (18.3 m.) above its base. The lowest crossarm 
of the intermediate tower will be 227)^ ft. (69.5 m.) 
above its base, and the lowest arm of the Illinois anchor 
tower will be 90 ft. (27.6 m.) above its base. 

The three conductors of each circuit »e to be carried 
across the river in vertical configuration. From the 
tower details shown in Fig. 2 it will be noted that there 
will be a vertical separation of 20 ft. (6.1 m.) between- 
the coiiductors of each circuit at the two anchor 
towers, but a vertical separation of 25 ft. (7.6 m.) be¬ 
tween the top conductor and the middle conductor at 
the intermediate tower, and a vertical separation of 
20 ft. (6.1 m.) from the middle conductor to the lowest 
conductor at the intamediate tower. It will be further 


noted that the center conductors are to be offset out¬ 
wardly from the towers 10 ft. (3.m.) with respect to the 
top and bottom conductors, both of the latter being at 
the same distance from all towers. The length of the 
crossarms are based upon— 

1. The foregoing vertical and horizontal sep¬ 
arations of the conductors 

2. The length of the assembly of insulating sup¬ 
ports, hardware, etc., as will be discussed later, and 

3. A miniTn u m clearance to steel structure of 4J^ 
ft. (1.37 m.) with conductor swung at an angle of 
45 deg. from the vertical toward the tower 

It will be observed that this has resulted in top and 
bottom crossarm length of 46 ft. (14.03 m.) and middle 
crossarm length of 66 ft. (20.2 m.) 

It will be found upon a detailed analysis of a problem 
of this character that the final solution of; 

a. The strength of crossing conductors 

b. The insulating supports at the towers 

c. The towCTS themselves 

d. The tower foundations 

are interdependent one upon the other and that a joint 
solution of all four phases of the problem must be made 
more or less simultaneously. The resulting compoate 
solution should be the one which results in allowing 
ample factors of safety and the lowest over-all total cost 
of the crossing. 

The specific economical study of this particular prob¬ 
lem has resulted in the selection of a steel-reinforced 
aluminum conductor to be employed. The design 
tension for the conductors and for' the other three 
factors of the major problem was taken as 33,000 lb., 
(16,000 kg.) which will occur under conditions of 
(1.27 cm.) ice loading at 0 deg. fahr. (—17.7 deg. cent.) 
and 12 lb. per square foot wind pressure (58.7 kg. per 


sq. m.). 

The specific requirements which each of the four 
major elements should meet were then chosen as 


1. Towers 

а. AnchorTowers. Theanchortowersaretobecapable 
of withstanding the unbalanced pull of six conductors 
with 33,060-lb. (16,000 kg.) tension in each. The de¬ 
sign of the tower steel members sp^ifies unit s^ess 
requirements to be in accordance witii the National 
Electrical Safety Code for the above loading with the 
tower steel computed on a basis of 50 per cent overload 
on the above specific loading. The tow«: foundation 
specification requires these to be designed for 75 per 
cent overload with respect to the above specific tower 
loading. In addition to the ice and wind loading on 
the conductors, the tower is required to m^t an ice 
weight and wind loading produced by the weight of 
inch ice covering on its members and with a wind pre^ 
sure equivalent to twice the area of one side on the basis 
of 26 lb. pa: square foot pressure (122.2 per m*). 

б. Intermediate Tower. The ^ecification for the 
intermediate tower gives the maximum loading as three 
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broken conductors with a tension of 83,000 lb. per 
conductor. The tower steel is to be designed on the 
btisis of 50 per cent overload oh this specific loading and 
with unit stresses on the design basis in compliance 
with the stresses of the National Electrical Safety Code. 
In addition to the ice and wind loading on the con¬ 
ductors the tower steel design includes the additional 
load produced by the weight of J^-in. ice covering on 
its members and with a wind pressure equivalent to 
twice the area of one side on the basis of 26 lb. per 
square foot pressure (122.2 kg. per sq. m.) 

2. Foundations 

General. Since the three towers are of different 
heights and impose different loadings on their founda¬ 
tions, and since these in turn have different soil con¬ 
ditions, separate foimdation computations were re¬ 
quired for each tower. For the prirpose of foundation 
data for the anchor towers, the shoreward conductors 
were assumed broken. It was considered that the un¬ 
balanced pull of the conductors on’ these towers would 
alwas's be in a direction toward the river and that in 
consequence the piers on the river side would always be 
under compression at time of maximum load and those 
on the land side under uplift conditions. Advantage 
was taken of this in reducing the size of the two com- 
pression piers as compai’ed to the uplift piers. 

For the intermediate tower it was concluded that all 
four piers should be of similar design. 

For the two anchor towers, which are at locations not 
subject to overflow, the full weight of the backfill earth 
Md of the concrete piers is taken into account in re- 
sisting the uplift of the base. 

In the ease of the intermediate tower the weight of 
the earth bacilli was not considered in cfllfflilgting the 
uplift quantities and the concrete was figfured for its 
uplift value when submerged in water. 

The total reaction and uplift figures for all foundation 
calculations are indicated in the accompan 3 dng Table I. 

The^ conditions have resulted in foundations of the 
following specific dimensions: 


TABLE I 


110 Ft. (33.6 m.) Tower—^Illinois Bank 


Reactions ... 

♦WirePuU 

Wind 

Dead Load 

Total 

Piers toward 

313,100 ib. 

15,600 lb. 

25,500 lb. 

354,200 lb. 

river... 

(142200 kg.) 

( 7090 kg.) 

(11600 kg.) 

(161200 kg.) 

Uplifts 





Piers toward 

285,700 Ib. 

15,600 lb. 

25,500 lb. 

275,800 lb. 

bank. 

(129700 kg.; 

( 7090 kg.) 

(11600 kg.) 

(125200 kg.) 

Tower weight. 




132,000 lb. 

1 




( 00000 kg.) 

140Ft. (42.8 m.) Tower-Missouri Bank 



Reactions 





Piers toward 

326,2001b. 

20,100 lb. 

31,500 Ib. 

377,800 Ib. 

river. 

(148400 kg.) 

( 9140 kg.) 

(14320 kg.) 

(171600 kg.) 

Uplifts 





Piers toward 





Bank. 

298,800 lb. 

20,100 lb. 

31,600 lb. 

287.400 lb. 


(136200 kg.) 

< 9140 kg.) 

(14320 kg.) 

(130700 kg.) 

Tower weight. 




160,000 Ihs. 





(72727 kg.) 

286 Ft. (87. m.) Tower-Suspension Typo | 



Reactions ... 

258,450 lb. 

47,300 lb. 

66,500 lb. 

372,260 lb. 


(117600 kg.) 

(21480 leg.) 

(30200 kg.) 

(169400 kg.) 

Uplifts. 

226,060 lb. 

47,3001b. 

66,600 lb. 

205,850 lb. 


(102080 kg.) 

(21480 kg.) 

(30200 kg.) 

(03700 Ib.) 

Tower weight. 




288,000 lb. 




1 

(131000 kg.) 


♦Weight of wire has been added to i^eactlons and subtracted from up- 
Ufts. 16700 Ib. (7600 kg.) for 285 ft. (86.8 m.) tower; 13.700 lb. (8230 kg.) 
110 (33.5 m.) and 140 ft. (42.8 m.) towers. 


All of these foundations are located in hard clay soil 
on top of a limestone rock bluff. The centers of the 
piers form a square 32 ft. (9.77 m.) on sides. 

2. Illinois Anchor Tower 

a. Shoreward Piers. These piers are the same as the 
shoreward piers of the Missouri anchor tower. 

b. Riverward Piers. The riverward piers are the 
same as the shoreward piers except that the base mat 
IS 17 ft. (5.18 m.) square instead of 20 ft. (6.1 m.) 
square. 

All of these foundations are in silt and sand river 
bottomland. 

The foundation bolts are the same in size and number 
and arranged in similar manner to those for the Missouri 

centers of the piers form a square 42 ft. 
(12.8 m.) on a side. 


xYxxoouuiti J. UWJIjJB 


a. Shoreward Piers. Each of these two piers con¬ 
sists of a reinforced concrete base pad 20 ft. (6.1 m.) 
^u^e md 2 ft. (0.6 m.) thick from which rises a pier 
oo square at the base, tapering to 4 ft. 

(1.22 m.) square at the top, which is 9 ft. (2.74 m.) 

block is 

hberally ranforeed with formed steel rods. The foun- 

^ ®^®nd 10 ft. (3 m.) into the con- 

f ^ ^ together with angle plates 

h Riv^ard Pms. These piers are the same as the 

exception that the base pad 
s 14 It, (4.17 m.) square instead of 20 ft. (6 1 m ^ 
square. ^ 


O. XiNiJJiJttMJiiDlATB lOWBR 

From the boring data mentioned in the preceding 
part of this article, it was evident that the foundations 
for the intermediate tower would be required to rest 
upon pil^ From a study of the boring data and the 
oww uplift and reaction figures given in the preceding 
tabulation, the arrangement shown in Figs. 3 and 4 
selected. From Fig. 3 it will be noted that each 

oj supported upon a cluster of 

sixteen 35 ft. (10.8 m.) reinforced concrete piles driven 
so that their points will be at elevation approximately 

arm’ d^th 47 ft. (14.86 m.) below the present 

^oimd level. Each of these pUes is to be 15 inches 
cm.) square and the steel reinforcing is so arranged 
M to connert the pile head with the base of the founda- 

*^® ^^^datiou pier is approxi¬ 
mately square in shape, 17 ft. (5.18 m.) on a side and 6 
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ft. (1.83 m.) thick. Prom the top of this base the pier 
proper tapers from a dimension 11 ft. (3.4 m.) square at 
its base to 5 ft. (1.62 m.) square at the top. The top is 
at elevation 407, or 1 ft. (0.3 m.) higher than 1903 high 
water elevation. Six foundation bolts, V/i inch (4.76 
cm.) in diameter, are buried in this concrete pier to a 
depth of 10 ft. (3.05 m.) The bottoms of pairs of bolts 


Ground Line^ 


50'Sheet Steel Pil 


^Elev. 407 Top of Pier 

Elev.^6 High Water 1903 Ground Lin^ 



Ground Lme 


1*35* Reinforced Concrete 
Piles 


FIOVERTICAL CROSS-SECTION OF FOUNDATION 
FOR INTERMEDIATE TOWER 

Fia. 3 —^Vertical Cross-Section of Foundation for Inter¬ 
mediate Tower 


are tied together by substantial angle plates and hair¬ 
pin shaped reinforcing rods in turn extend from the 
bottom of the pier over the tops of these angle plates. 
Thus, it will be seen that through the arrangement of 
the reinforcing employed, tension stresses of the pier 
are transmitted from the top of the pier to the bottom 
of the concrete piles. From Fig. 4 it will be observed 
that the centers of the four piers form a square 80 ft. 
(24.4 m.) on sides. 

To protect these foundations against scour action 
of the river, it was decided to employ an envelope of 
steel sheet piling surrounding all four foundations. 
From Fig. 4 it will be observed that this piling is to be 
driven in the form of a circle 130 ft. (39.8 m.) in diam- 



Fia. 4 —Plan View All Foundations and Scour Apron 
FOR Intermediate Tower 


eter, the outer edges of which are in contact with the 
outer edges of the foundation bases. The sheet steel 
piling consists of 60-ft. (16.25 m.) lengths made up with 
2 per cent copper. From Fig. 3 it will be noted that a 
circular, reinforced-concrete girder, ft. by 6 ft. (0.46 

m. by 1.83 m.) cross section is to extend around the 
entire top perimeter of the steel piling and to be bonded 
to the outer edges of each of the four foundations. 
Th\is, this girder will act as a stiffener to the piling 
and at the same time will reinforce the four base cords 
of the steel tower. The concrete will also protect the 
steel piling against'rust at the ground line. 

Fig. 5 illustrates the process of dri^ng this steel 
sheet piling envelope. The steel sheet piling was driven 
by means of a steam hammer suspended from the end 


of derrick boom and supplemented by 300-lb, per sq. in. 
pressure water jet. (21.5 kg. per cm^.) 

Fig. 6 shows the process of driving steel sheet 
piling for the excavation for the cofferdam for an indi¬ 
vidual foundation pier, and the method of driving 
concrete piling in one of these excavations. Note that 
the steel sheet piling envelope shown in the foreground 
has been driven to ground level. 



Fig. 6—Construction Progress Driving . Steel Sheet 
Piling Apron Intermediate Tower 

Pig. 7 shows the interior view of steel sheet piling 
cofferdam for one of the foundation piers for the inter¬ 
mediate tower. One of the concrete piles is shown in 
position ready to be driven. 



0—Construction Progress Driving Sheet Steel 
Piling for Foundation Pier Excavation and 
Driving Concrete Piles in one of These 
Excavations 

BThe concrete pfles were driven by the combined 
efforts of standard pile driver hammer supplemented by 
300-lb. per sq. in. (21.5 kg. per cm.*) pressure water jet. 
In driving the piles the ground was first partially 
excavated, the sides of the excavation held in place by 
steel sheet piles and the concrete piles then driven as 
above to propCT cut-off. 

A few special features of the river crossing towers may 
be of interest. Access to the top of each tower will be 
by means of a ladder the steps of which will bested bars 
4 by H by 11 (10-2 by .95 by 27.9 cm.) bolted to 

two anglftg carried up the center of one face of the tower. 
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From the top of the first panel of the tower, or 15 ft. 
(4.67 m.) above the base, these steps will be enclosed 
in a safety basket extending to the top of the tower and 
with rest platforms at convenient intervals. The 
bottom of this safety ladder will be provided with gate 
and padlock. The width of each crossarm will be 
12 ft. (3.66 m.). To provide working space for men, 
each of these crossanns will be constructed as a plat¬ 
form emplo 3 dng subway type grating for flooring and 
with hand-railings 3 ft. (0.9 m.) high on each side. The 
space within the basket at the top of each tower will be 
used for storage boxes to store spare insulators and 
hardware, construction tools and tackle for the tower. 
All of these towers will be hot galvanized and will be 
bolted. 

4. Conductors 

The conductors for the river crossing consist of 
318,000-cir. mil steel reinforced aluminum cables for 250 


strength of the completed cable is 67,600 lb. (30,700 
kg.) and its daStic limit 53,600 lb. (24,300 kg.). The 
weight of completed bare cable will be 1.684 lb. (0.766 
kg.) pm' foot. 

The disposition of towers, cross-arms, etc., as above 
described will result in the following elevations at vari¬ 
ous locations of lowest conductor: 

a. Crossarm attachment on the Missouri end at 
elevation 805 

b. Lowest point of sag at elevation 480 at tem¬ 
perature 120 deg. fahr. (48.9 deg. cent.) 

c. Conductors at the intermediate tower at eleva¬ 
tion 620 

d. Crossarm attachment at the Illinois terminal 
tower at elevation 485 

Under these conditions the vertical sag at 120 deg. 
fahr. (48.9 deg. cent.) without wind will be 325 ft. (99 
m.) below the Missouri tower support. 


amperes maximum ciurent requu-ements and each 
cable was purchased as one 7500-ft. (2290-meter) con- 



PiQ. 7 -I^bior View of Steel Sheet Pilinq Coppehdam 
FOR Foundation Pier Intermediate Tower 

tinuous length, one spare conductor- being supplied 
The steel core consists of 43 strands of various size 
^vamzed steel wires so woven that all wires are woven 
m the saine direction without the crossing of one strand 
over pother. Long experience elsewhere with a num- 
crossmg spans has indicated the desira- 
bihty of to ^angement for the purpose of reducing the 
possibihly of breakage of strands due to gradual wew- 
mg of one sti^d into another at points of crossing. 
SipoMdBg the ^ core are 24 stonds of 
^ aroreiimaWy 0.1161 inches (2.92 mm.) in diam- 
ter. The muminum strands are woven on the steel 

of of the steel 
is to be made up of strands 
^ of which is to be a continuous length without 
weld, braze, or sphce of any character. The above 
results m a cable the outside diameter of which is 

Theover-alldiameti 
of the steel core will be 0.807 in. (2.05 cm.) with a 

breakmgstrengthof 64,0001b. (29,100kg.). Theultimate 





Fig. 7'-(a) Missouri Strain T^er, Showing Method of 
Attaching Conductors 

The sag and tension figures for other conditions of ice 
and mnd loadmg, temperature, etc., are given in Table 
II below. As an appendix to this article are given the 

TABLE ir 

_ stringing sags and tensions 


Temperature Loading 


Sag below Sag below 
Upper Lower 

Support Support 


Tension 


32<*F. 

(• 0*(O.) 

~20*P. 

(-28.9*0.) 

32* P. 
( 0 * 0 .) 

60* P. 
(15.6*0.) 

120* P. 
(48.9* O.) 


K in. ice 12 lb, 
wind 

(1.27 cm. 68.6 
Icg/sq. m.) 
Kin. Ice no-wind 
(1.27 cm.) 
no ice, no wind 

no ice, no wind 

no ice, no wind 

no ice, no wind 


318.3' (Res.) 171.6' (Res.) 33,500 lb. 


(97. m.) 
328,3 ft. 
(100. m.) 
312.8' 
(96.1 m.) 
317.6' 
(96.7 m.) 
320.' 
(97.5 m.) 
326.' 
(99.1 m.) 


(62.3 jn.) 
142.8 ft. 
(46.1 m.) 
127.3' 
(38.8 m.) 
132.' 

40.3 m.) 
134.6' 
41.0 m.) 
139.5' 
(42.6 m.) 


(16000 kg.) 
27,370 lb, 
(12400 kg.) 
18,770 lb. 
(8600 kg.) 
18.3801b. 

( 8320 kg.) 
18,1601b. 

( 8260 kg.) 

17,710 lb. 

( 8060 kg,) 
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complete calculations of sags and tensions from which 
the values in the tabulation were derived. 

6. Insulated Supports 

The requirements to be met by the insulated supports 
for the conductors have been suggested above in the 
discussion with respect to the conductors. For the 
purpose of selecting the insulator linkages the majornum 
tension of the conductor was taken as 35,000 lb. (15,900 
kg.) and a mechanical factor of safety of two was selected 
on the total linkage to be employed. The insulators 



Fig. 8—Assembly op Condtjotob Insulating Supports fob 
Anchor Tower 


are each to be proof-tested at 12,000 lb. (5450 kg.) and 
to have a maximum ultimate strength of 18,000 lb. 
(8200 kg.) each. 

a. Supports at Anchor Towers. To meet the above 
conditions six strings of insulator disks of this descrip¬ 
tion are required per conductor at each anchor tower, 
these to be arranged in two groups of three strings each. 
The three strings of 12 disks are to be assembled with 
triple yokes top and bottom and two sets of triple yokes 
to be combined by one jumbo yoke at top and bottom. 
Details of this assembly are shown in Fig. 8 from which 
it will be noted that the over-all distance from the cross- 
arm to the conductors is approximately 22 ft. (6.7 m.) 

The following features of interest are pointed out 
with respect to this arrangement. The attachment at 
the crossarm consists in effect of a universal joint made 
of two steel forgings. Motion in a vertical plane is 
obtained about the IJ^-inch (4.13 cm.) diameW steel 
pin mounted in the crossann dips and motion in a 
horizontal plane is obtained by rocker shaped surfaces 
on the two forgings. A tum-buclde is next provided 
which provides two feet of take-up. The jumbo yoke 
is long enough to permit proper equilization of tensions 
on the six strings of insulators. The holes shown in 
the triple yokes are for the purpose of attaching ou^ 
riggers for pulling up the strings of insulators to permit 
of replacements. Next to the outa* triple yoke is a 
double car spring which will be calibrated so as to show 
the tension on the insulator staings at any time. It 
is believed that these springs wiU also act m shock 
absorbers in the case of sudden movement of the con¬ 
ductors due to ice falling from them, etc. Next to the 
outer jumbo yoke are shackles and four links of heavy 
dredge chain. The entire structure hhs been design^ 


for a maximum of flexibility and equalization of stresses 
over the individual insulator strings. With the excep¬ 
tion of the steel casting covers of the car brings all 
metal parts even the insulator caps are made of steel 
forgings or plates. 

The speciflcation calls for a test of the completed 
assembly of three strings of insulators of 35,000 lb. 
(16,900 kg.) and of the completed assembly of six strings 
of insulators at 70,000 lb. (31,800 kg.) 

The form of clamp employed at the end of the linkage 
for attaching to the conductors and the method of hand¬ 
ling the conductors are also of special interest. This 
clamp consists of an aluminum body clamp which is 
compressed about the exterior of Ihe complete steel 
reinforced aluminum cable by means of three compres¬ 
sions. The aluminum conductors are then cut off and 
the steel core continued into a steel Eoebling bridge 
socket into which they are sweated with zinc. The 
aluminum body clamp and the steel core socket clamp 
are both earned by a common steel bolt 1^ inch (4.13 
cm.) in diameter. • 

The details of this dead-end socket clamp are shown 
in Fig. 9. The aluminum body damp contains three 
projections, the purposes of which are as follows. To 
one projection will.be bolted two small aluminum body 
clamps attached by compression joints to two lengths 
of 800,000-cir. mil A. C. S. R. conductors of the type 
employed in the land transmission line. These two 
cables arranged in parallel horizontally will then be 
carried as the loop connection under the crossarm from 



Pio. 9 —^Detail op Conductor Cable Socket Clamp fob 
Anchor Towers 

the river span dead end to the land span dead end* 
They will be clamped at five-foot intervals with three- 
bolt, parallel-groove alximinnm clamps. The purpose of 
this latter arrangement is to stiffen the loop and hold 
to a TYiinimiiTn its swinging with the wind toward the 
tower. This precaution is of importance on account 
of the extreme length of these loops which will be about 
46 feet (13.75 m.). 
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As shown in Figs. 8 and 9, there will be bolted to each 
of the other two projections on the main aluminum 
body clamp another aluminum body damp which will 
be attached by compression joints to a length of supple¬ 
mentary 318,000-cir. mil A. C. S. R. cable which will 
parallel the main cable for a distance of 20 ft. at the dead 
end in one case and 15 ft. in the other, and be clamped 
to it by means of parallel-groove aluminum clamps. 

As is well known, long transmission line spans in¬ 
volving high wire tensions are peculiarly susceptible 
to vibration, the laws of which are not so well known. 
The vibration, however, has a definite nodal point at the 
junction with the cable clamp resulting in a tendency 
for the strands of the cable to break at the point of 
attachment. The result of study by others of vibration 
in existing spans indicates that the probability of 
damage will be materially reduced by spreading the 
vibration over a numb®’ of clamps arranged in parallel, 
and increasing in mass as above described. 



Eig. 9 (a) Conductors in Suspension Position to Inter- 
MEDIATE Tower 

6. Supports ai the Intemediaie Tower. As indicated 
in the description of the intermediate tower itself, the 
inductors are to be supported by insulators arranged 
in suspension. This arrangement is in conformity with 
that followed throughout the rest of the line where 
every effort has been made to reduce to an absolute 



Eio. 10 Assembly op Conductor Insulating Supporto for 
Intermediate Tower 


mmmum the number of dead-end insulator assemblies 
In the nver crossing the dead-ending of the conductors 
OT the ^0 terminal towers was a physical necessity.. 
The dead-ending of these conductors was not necessary 


on the intermediate tower, and accordingly is not 
employed. In case of breakage of either span the link¬ 
age at the intermediate tower is strong enough under its 
normal strength characteristics to hold the remaining 
spafa without slippage. The reasoning behind this 
arrangement was as follows: 

All records indicate that this crossing is in a region of 
heavy sleet loading. It was considered possible that 
the span between the intermediate tower and the 
Missouri anchor tower might be coated with ice while 
the east span from the intermediate tower to the Illinois 
anchor tower might not be so coated. This is not an 
unusual condition in transmission line work and follows 
usually from the sleet having melted and fallen from 
one conductor span before doing so in the adjacent span. 
Under such condition it was considered that if the 
conductors were carried on rollers or sheave wheels on 
the intermediate tower, the unbalanced loading of ice 
on the river span would cause an excessive sag in this 
span. To prevent just such occurrence or the.reverse 
occurrence of the pulling down of the long land span be¬ 
tween the intermediate tower and the Illinois terminal 
tower it was considered that the conductor should be 
definitely clamped to the insulator string at the inter¬ 
mediate tower. 



Pig. 10—(a) Intermdiate Tower in Poreguound; Missouri 
Tower in Background 

Figs. 10 and 11 show the insulator and conductor 
clamp assembly selected. The order of assembly of the 
ii^idator strings, hardware, conductor clamp, etc., are 
similar to those employed on the dead-end towers, ex- 
cept that a single group of three strings of insulators in 
paraUel is employed. The insulatora and hardware 
exclusive ol conductor clamp are the same as those used 
on the anchor towers and n^d no further description. 
The following specific features of the conductor clamp 
are of interest: 

^ The conductor clamp consists of two aluminum cast- 
mgs bolted together about the conductor and supported 
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from the insulator assembly in a substantial steel saddle. 
The cable grooves in the aluminum clamp approximate 
the position the wire will take due to its normal sag. 
Paralleling the main conductor will be two supplemen¬ 
tary lengths of cable of the same character as the main 
cable and bolted to it by ineans of parallel-groove clamps 
for distances of approximately 20 ft. and 15 ft. respect¬ 
ively on each side of the main supporting clamp. The 
use of the supplementary cables and clamps constitutes 
the treatment of the vibration probleminamaimersimi- 
lar to that used on the dead ends on the anchor towers. 

For the reasons outlined above it is also considered 
necessary that this clamp shall prevent excessive slip¬ 
page of the conductor duringanyunbalanced loading due 
either to ice or a break in the adjacent span. This is of 
particular importance from the standpoint of river 
navigation as well as of operation of the circuit. The 
spe^cation requires that this clamp shall hold the cable 
against slippage at 36,000 lb. (16,900 kg.) tension in the 
event of breakage of one of the spans. 

^ The foregoing description applies to the design of the 
river crossing only. 

Land Transmission Line 

The fundamental design factors included in the speci¬ 
fication for the steel tower performance may be summar¬ 
ized as follows: 

1. Arrangement of conductors for each circuit— 
vertical configuration with -middle conductor off-set 



Fig. II—Detail of Condtjctob Clamf for Intermediate 

Tower 

from the tower horizontally 3 ft. (.9 m.) with respect to 
top and bottom conductors. 

2. Minimum vertical separation between crossarms 
12 ft. (3.7 m.) 


3. Minimum clearance conductor to tower steel with 
conductor swxmg at angle 60 deg. from the vertical 
3 ft. 6 in. (1.06 m.) 

4. Number of insulators—10 per string (maximum 
length 4 ft. 6 5/16 in. (1.37 m.) for suspension tower; 
strain tower two parallel strings of 10 insulators (maxi¬ 
mum length 6 ft. 3^ in. (1.9 m.); anchor tower two 
parallel strings of 12 insulators (maximum length 7 ft. 
IM in. (2.14 m.) 

5. Average span 800 ft. (244 m.) 

6. Minimum height to lowest crossarm suspension 
and strain towers 60 ft. (15.3 m.); anchor tower 45 
ft. (13.7 m.). 

7. Conductor to be employed—300,000-cir. mil 
A. C. S. R. 30 per cent steel. 

8. Maximum tension in conductor for 800 ft. (244 
m.) span imder conditions 0 deg. fahr. inch (1.27 cm.) 
ice loading and 8 lb. per sq. ft. (39 kg. per sq. m.) 
transverse wind pressme—6000 lb. (2726 kg.) 

9. Towers to be computed on basis of 13 lb. per 
sq. ft. (62.6 kg. per sq. m.) wind pressure on 1)4 times 
the exposed area of one side. 

10. Maximum unit stresses in tower steel as pre¬ 
scribed by National Electrical Safety Code. 

11. Design loading for towers—^25 per cent overload 
over conditions stipulated for each type of tower as 
given in the following, summary, except that cross- 
arms are to be designed for 50 per cent overload and 
anchors for 50 per cent overload against uplift. 

Type of Tower Loading Oonditions to be Met 


I—Suspension tower 2 dog. 
angle 

H—Strain tower 15 deg. angle 

III— ^Anchor tower 30 deg. angle 

IV — ^Anchor tower no angle. 

V— ^Anchor tower 90 deg. angle 


Any one wire broken with 2 deg. 
angle in line with wire loading as 
in (8) above. 

Any three wires broken with 16 deg. 
angle in line with wire loading as 
in (8) above. 

Any three wires broken with 30 deg. 
angle in line with wire loading as 
in (8) above. 

All six wires broken on one side with 
wire loading as in (8) above. 

All six wires broken with 90 deg. 
angle in line with wire loading as 
in (8) above. 


The above requirements have resulted in four types 
of towers. T 3 q)e A suspension tower will meet re¬ 
quirements I; type B strain tower will meet require¬ 
ments II; type C anchor tower to meet requirements 
III and IV; T 3 ^e D 90 deg. anchor tower to meet con¬ 
ditions V. The following tabulation gives a summary 


TABLB m 






Vortical 



Wt. of 



Length 

Length 

Height of 

Sepaitation 

Cross 

Depth 

Tower 

Spacing 


Top & Bottom 

Middle 

Lowest 

between 

Section 

Anchor 

Including 

of 

Type 

Orossarms 

Orossarm 

Orossarm 

Orossarms 

of Anchor 

Setting 

Anchors 

Anchors 

A 

21ft. 

28 ft. 

61 ft. 6K in. 

12 ft. 

3 ft. 2 in. by 

8 ft. 

8900 

16 ft. 






3 ft. 8% in. 




B 

26 ft. 6 in. 

33 ft. 6 in. 

51ft. 

13 ft. middle 

4 ft. 1 in. by 








to top 

4ft8in. 

9 ft. 9 in. 

18476 

18 ft. 





12 ft. middle 









to bottom 





C 

20 ft. 6 in. 

27 ft. 6 in. 

45 ft. 

12 ft. 

5 ft. by 5 ft. 7j^ in. 

9ft.91n. 

18460 

18 ft. 

D 

20 ft. 6 in. 

27 ft. 6 in. 

45 ft. 

12 ft. 

6 ft. 2 in. by 

11 ft. 6 in. 

18610 

18 ft. 






5 ft. 9 in. 
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of the physical dimensions and weights of these towers: 

To supplement the four types of towers described, 
8-, 16- and 32-foot extensions were employed to.be used 
in some cases where obstructions reqiiired towers higher 
than the standard towers to obtain clearance or where 
the ground conditions required spans longer than the 
average span. 

Type A suspension towers were used for all tangent 



Pig. 12—Photograph op Standard Strain Tower- 

towCTS and angles not exceeding 2 deg. Type B strain 
towers were in general employed for every eighth tower 
position in a straight run and also as comer towers for 
angles up to 15 deg. Type C town’s were used at the 
two terminal towers on the land line and also as comer 
towers for angles betwe^ 15 and 30 deg. For two 90 
deg. angles in the line, type D towers were employed. 



Pig. 13—Photograph op Standard Anchor Tower 

Pig. 12 shows the arrangement of a standard strain 
tower, type B, as given in preceding tabulation. From 
the illustration it will be observed that two paraild 
strings of 10 insulatoin> ©S'Ch with equalizing yoke top 
and bottom, are used in suspension position. These 
two strings of insulators,, together with the conductor 
clamp, are capable of holding ttie conductor in case of 
break in the adjac^t span under a tension of 6000 lb. 

Pig. 13 shows a standard anchor tower, type C, 
The foundations employed for the transmisdon line 
are the so-called earth anchors made of galvanized steel. 


These anchors consist of a pyramid-shaped frame work 
of angle iron with their bases completely closed by 
means of substantial angle iron. The closure was con¬ 
sidered desirable on account of the fact that the towers 
were to be located on sand and silt river bottom land. 
The use of this type of anchor, eliminates the need of 
transporting concrete materials and plant over the right- 
of-way. Bolted steel templets were designed for each 
type of tower and extension to facilitate the leveling of 
the anchors. 

Fig. 14 shows, (1) A group of anchor holes where 
quicksand was encoxmtered, and (2) the general nature 
of the anchors themselves as described above. 

Pig. 15 shows a close-up view of one of these excava¬ 
tions. The method of handling these wet holes con- 



PiQ. 14— Excavations for Standard Tower Anchokb 
Showing Type op Anchors 

sisted in shoring the sides of the hole with an open bot¬ 
tom wooden box. The hole was then pumped out by 
means of a portable gasoline driven pump, the boxing 
being.driven down as the excavation progressed. The 
bottom was then filled with crushed rock tamped suffi¬ 
ciently to permit of leveling tihe anchors. 



Pig. 16—tExcavation Procedure pgr Wet Anchor Holes 

Pig. 16 shows one of the earth anchors in place. 
Most of the transmission line as shown in the foregoing 
illustrations passes through fiat bottom land. Pig. 17, 
however, suggests some difficult clearing work through 
.4®?^ly_.wooded swamn land. 
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Grateful appreciation is here expressed for the sug- The calculation of long spans with supports at un- 
gestions and assistance received from Messrs. A. 0. equal elevations arises infrequently, and but little has 



Pio. 17—CLBARiNa Riohivop-Way Throttoh Dense Woods 

Austin, S. W. Bowen, H. 0. Hill, J. S. Lapp, Prof. G. O. 
James, S. Stokes, T. Varney and J. P. Joll 3 nnan, 

Appendix 

The calculation of the performance of flexible cables 
and wires in equilibrium for supports at equal eleva¬ 
tions and for short spans may be approximated to the 
extent of employing the parabolic form of equations or 
any one of a nmnber of sets of prepared tables or charts. 
The ordinary tranmission line range of span seldom 
exceeds 1200 ft. and for such spans the values calculated 
by such meihods serve all practical purposes. 

HowevOT, when the specific problem arises of a long 
span and the supports are so arranged as to be at un¬ 
equal elevations, and when it is important that certain 
clearances over navigable wat^s must be maintained 
and a certain stress is not to be exceeded, the economy 
of design and assurance of performance require some 
more rigorous calculation. 



Pig. 18— Graph pos Appendix 
SYMBOLS 

h B horizontal distance between supports. 

XI » horizontal distance from lower support to the vertex of the catenary 
xi » horizontal distance from the upper support to the vertex of the 
catenary 

H »{air line distance between the upper and lower supports 
yi » the height of the lower support above the ‘‘directrix** or reference line 
of the catenary 

yg height of the upper support above the “directrix** or reference line of 
the catenary 

c B h(^ht of the vertex of the catenary above the “directrix** 

51 a length of the suspended wire from the lower support to the vertex of 

the catenary 

52 »length of the suspended wire from the upper support to the vertex of 

the catenary 

/ -• total length of the suspended wire 

Ti B the tension in the wire at the lower support. 

7*2 « tension in the wire at the upper support 
di -> sag below the lower support 
ds sag below the upper support 

A « the difference in ^evatlon between the lower and upper supports 
p pressure per unit length of wire of wind on the ice covered wire 

ufi « weight per unit length of wire of the ice on the bare wire 
m weight per unit length of bare wire 
JS modulus of dastlcity of the material carrying the stress 
A » cross-section area of the material carrying the stress 
a tt coefQlolent of linear expansion fahr. of the material carrying the stress 

been published to indicate the method of solving the 
performance of such spans.. 

Calculation op Sag and Tension Peepoemancb 
FOR Long Spans with Supports at Unequal 
Elevations 

The mathematical curve in which a stretdied flexible 
cable or wire hangs in equilibrimn is the well-known 
catenary of the form, 

y = ccosh 

c 

X 

s = c sinh —— 
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T =wy 
= s® + c* 
d ^y- c. 

It can readily be demonstrated that the curve has the 
same general form wheth^ the supports are at equal 
elevations or at unequal elevations. 

When the supports are at unequal elevations, yi and 
yt, these formulas may be written as 

, *1 , *2 

yi = e cosh-, Vi = e cosh- 

c c 


Si - e sinh — 


Xi 

Si = c sinh — 


Ti =wyi , Ti = w yi 

= Si* + c® yi^ = S2* + c* 

di = yi- e , di = yi — c 

h Xi Xi 
f = Si "t~ §2 
k = yi — yi 

Prom these equations we may then by properly 
combining derive the following formiilas: 


Vl^-k^ 


= 2e sinh 


( 1 ) 


I— Initial Determination op Characteristics op 
THE Catenary Under Ice and Wind Load 
The first assumption in calculating any span per¬ 
formance is usually the one regarding maximum tension 
in the cable when certain ice and wind loads prevail at a 
certain temperature. In the particular case considered 
it was assumed that the maximum tension shall not 
exceed 33,000 poimds at 0 deg. fahr., 3^ inch ice and 
a 12-lb. per square foot wind on the ice-covered cable. 
Under this condition the catenary is hanging in a plane 
whose angle, 6, from the vertical is determined by the 
ratio of wind load to weight of bare cable plus ice. 
The values of k and k for the catenary in this plane are 
no longer the same as the physical values of k and k in 
the vertical plane as determined by survey. The one 
physical dimension, however, which does remain con¬ 
stant is H, the air line distance between the upper and 
lower supports, 
where 

The new value of k is the projection of the vertical value 
of k on the inclined plane esteblished by wind pressure. 
The new value of k is 

ko = k cos 6 


which determines the length of cable between supports, 
and when 

Ti, w, h mid k are known 


2/2 




k 


, h - 

c* cosh - - 2 / 12/2 - V(2/i® - c*) iyt^ - c*) = 0 (2) 

h — horizontal length of span, or its equivalent 
k = difference in elevation of supports, or its equivalent 


6 = tan“‘ (-j— ) 

\ We -I- W{ / 

the change in k, 8 k, may then be expressed as 
k + Sk = ko 

8 k = k cos 6 — k = k (cos 0—1) 

From 

m = ¥ + k^ 

2k8k + {8ky 
24- 

The new value of h then becomes 


(3) 

W 



Th^ from equation (2) c may be determined by the 
graphical or trial method, plotting the equation (2) 
as F (c) as ordinate versus e as abscissa. 

It is readily seen from the conditions of the problem 
that 0 < c < j/i, and in general it is found that 0.9 yi 
<e <yi. After the first two trials of e the actual value 
of c for the accuracy desired can be quickly arrived at 
by exterpolation or interpolation and the range of c 
materially narrowed. 


— h 8 h = h — 


2k8k + i8k)^ 
2h 


These values ha and ka must then be employed in making 
the initial determination of c when the maifirrmnn tension 
for a given temperature and ice and wind loading are 
assumed. The equation for the initial determination 
of e then becomes. 


C* cosh ~y^y^~ - C*) (?/ 2 * - C») = 0 


where 

Ti, w, ha and ko are known and 



2/1 = 2/2 - ko 

With the value of c thus determined by trial the com¬ 
plete characteristics of the suspended at 0 deg. 
fahr., 3^ inch ice and 12 lb. wind are readily tabulated. 
See example. 
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II— Determination op Characteristics op the 
Catenary Without Wind Load 

Using as the basis for the determination of the ehayac- 
teristics of the catenary when hanging in a vertical 
plane (without wind load) the characteristics of the 
catenary in the inclined plane (with wind load), the 
following differential equations may be set up. 

It is obvious from the previous determination that 
the change in ko and ho must be of the same magnitude, 
but with opposite algebraic sign in order to re-establish 
the plane of the catenary in the vertical when the wind 
pressure is removed. 

Therefore, 5 ko and 5 ho are known from (3) and (4). 
Prom 

Vi = yi + *0 

Syo — dyi -\- 5 ko (5). 

and from 

^2® = S2® -|- c* and yi^ = Si® -f c* 


3 i ) 5 *0 + { } 5c 

yi ^ yi 

Si S2 

and from 


( 6 ) 


V P — Ao® = 2 c sinh 


ho 

2c 




yi y2+si 8i-c^ 

2c» 


ho 

e 


I yiyi + Si Si -f \ f 

y 2 c* / 


+ 


>1 


yi Vo + Si sg -I- c* 
2 c* 



(7) 


Combining equation (9) and (10) 

I 

5 I = [{w + 5 M)) 5 ^2 -h 1/2 5 M)] (11) 

Equation (11), expressed in terms of functions of 
5 I and 5 yt, which in turn are functions of 5 c, is an 
equation which will give a solution of 5 c, 5 w being 
known. 

Having arrived at a numerical value of 5 c the numer¬ 
ical values of 5 yo, 5 j/i, 51 and 5 To may now be estab¬ 
lished. The new values yo/vi V, c', and To' for a 
given temperature, ice load, but without wind may now 
be tabulated. See example and detailed mathematical 
development. 

Ill—D etermination op Characteristics op the 
Catenary for Change op Temperature- 
Ice Load on the Cable to 32 Deg. Fahr. 

Having resolved the catenary into the vertical plane, 
the values of h and k will be constant for any variations 
of the catenary in the vertical plane. The calculation 
of the characteristics of the catoary for change of 
temperature is introduced at this point in order to be 
able to determine the characteristics of the catenary at 
32 deg. fahr, with ice, which may be found as the con¬ 
dition of maximum sag. This condition of sag, occur¬ 
ring as it does during cold months may however not be 
of interest as controlling the clearance over water, since 
during such months ice in the river itself usually is cause 
for abandoning navigation. 

The first equation which may be established for 
change of temperature is the one expressing the physical 
phenomenon of change of length, 5 V, due to change 
of temperature, b t, 

SI' I', a. 51 (12) 


This equation (7) is S f expressed as a function of 5 c 
where b ko and b ho are known, and equation (6), in 
which S Vo is expressed as a function of 5 2 and b c, may 
now be expressed as a function of b c. 

It now remains to express 5 c in some known quan¬ 
tities so that a solution for the change in yo, I, etc., may 
be had. 

In changing from the condition of ice and wind load 
to the condition of ice load alone a change in w, the unit 
weight takes place. This change may be expressed as 

5 w. _ _ 

b w >= (Wc + W{) — V (Wc + WiY + p* (8) 

Proni 


5 2 is predetermined by the condition which is to be 
investigated and the known condition used as the basis, 
therefore is a known quantity. (In going from 0 deg. 
fahr. to 32 deg. fahr. 6 i = 32). Therefore, we have 
5 2 as a known quantity. 

Prom equation (1) 
be' = 

V 


v(i’y - jk'y 


0 iyi'y2'+si'8o'-(.c')^_ h' 

lyi'yo'+si'so'+Cc'r 

^y 2 c* e' 

y 2 (c'y 


(13) 


To = Ml Vo 

STo = (w + Sw)S Vo+ y 2 bw (9) 

The equation of the modulus of elasticity of the 
material carrying the stress may be expressed as 


Prom 

iViT = (si'y -h (cO*and (^ 20 * = (S 2 O* + (cO* 

^ • 5^/2'+ "TT • ^ 

©2 o2 

= 8 2 '- 8 s 2 ' (IS) 


A. 8 2 


( 10 ) 
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5 Vs' 


+ ( S,' + 8/ 



season may be maintained and maximum tension not 
be exceeded when the ice and wind load come on the 
(16) cable. 

These characteristics may be determined using the 
characteristics of the catenary for the particular tem- 


Syi'^dy^' (17) 

From 

Ti' = w'Vi' 

(18) 

The characteristics for the catenary at the new tem¬ 
perature may now be tabulated. See example and 
detailed mathematical development. 

IV—Dbtbrminaiion op Characteristics op the 
Catenary por the Barb Cable, Ice Load Removed 

At any given temperature when ice prevails the 
characteristics of the catenary without ice load may be 
determined by applsdng the equations which follows: 

The plane of the catenary under this condition is in 
the vertical so that h and k are constants. 

The removal of the ice load is a change in weight, 
S w'; so that we have as known 


perature as determined under section IV, and applying 
to them for various values of 5 i the equation indicated 
in section III. See example and detailed mathematical 
development. 

Remarks. It is to be noted in the development as 
indicated in detail that in most cases differentials of 
higher than the first order have been neglected. In 
two instances differentials of the second order have been 
included where their values were appreciable. The 
first and most important point at which the differential 
of the second order must be preserved is in the cases of 
'changing load. 

From 

Ti = uo Vi 

Ti 8 Ti = (w 8 w) (yi -t- 8 ^/s) 

Ti + 8 Ti = wyt + w 8yi -{- yi8w + 8 w .8yi 
By subtraction 


8W^ — Wc — (We +Wi) = — Wi (19) 

Equation (16) is repeated, holding true under the 
conditions in this section, as 


8y/ = 





( 20 ) 


Equation (9) is repeated holding true und^ the con¬ 
ditions in this section 

8 Ti" = {w" + 8 v 3^) 8 yi" -t- j// 8 w" (21) 

and Equation (11) may be repeated 


1" 

^ -\-8w")8vi"->ryi" 8w"] (22) 


Simil^ly ^nations (14), (15) and (17) may be em¬ 
ployed in this section by properly noting the change 
from the.use.of the prime values to the use of die second 
values. 

The characteristics of the catenary at the temp^a- 
ture considered for the bare cable may now be tabu¬ 
lated. See example and detailed mathematical 
devdopment. 


V Calcdlation op the Characteristics op the 
Catenary por the Bare Cable at Various 
Temperatures 

Having determined in Section IV the characteristics 
of the catenary for the bare cable at a particular tem¬ 
perature, it now remains to determine the character¬ 
istics of the catenary at various conditions of tempera¬ 
ture in order to have the complete performance of the 
^traaiy so that, the stringing sag may be governed 
during installation in order that the clearance at maxi¬ 
mum tenperature, which will occur during navigation 


8 Ti = w 8yi 8w 8yi + yi8 w 
= {w 8 w) 8 yi-\-yi8w 

8w. 8yi is of the second order and is not negligible, 
■for although 8 yi is relatively of small value compared 
to 2 / 2 , 8 w we know to be relatively large in comparison 
with w. When changing from ice and wind load (3.322 
lb. per ft.) to ice load (2.623) 8 w is - 0.699 lb. per ft. 
and represents approximately 21 per cent of w. Simi¬ 
larly when removing the ice load 8 w is - 0.939 lb. per 
ft. and represents approximately 35 per cent of w. 

In determining ho and ko for the catenary in the in¬ 
clined plane (8 k)^ was preserved while (8 hy was 
dropped. In this case 8 k is approximately 21 per cent 
of k so that (8 ky has appreciable value. 

It is to be noted that after tiie initial solution by trial 
for c that the formulas have been resolved into forms 
which do hot contain hyperbolic functions. Although 
tables of hyperbolic functions are available it has been 
found that where eight place accuracy is required the 
use of h 3 T)erbolic functions from tables is about as 
cumbersome, due to interpolation, as arriving at the 
functions by means of the necessary number of terms 
from the series expressing the desired function. Eight 
place accuracy is required m order to preserve reason¬ 
able accuracy at certain points where differences are 
taken. Where h3T)erbolic functions have bemi replaced 
by an algebraic expression in these formulas the expres¬ 
sion K exact for the conditions which exist. 

At any point in the calculations the' following check 
may be applied, which may be taken as a check on the 
accuracy of the method developed. 

Ti" = 8 Ti' + Ti' =w"y/ 

This check applied in the example given shows that 
the error is less than 0.001 of 1 pm: cent for the tension. 

It is to be poted, tiiat in the calculated example that 
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the change of temperature to 32 deg. fahr. with ice and 
wind was performed before the wind load was removed. 
This was done as a matter of convenience in order to 
find the condition of maximum sag early m the arith¬ 
metical calculations. The order of applying the 
various sections in determining span performance may 
be arranged to suit the convenience of the calculator in 
order that any particular point of interest may be ar¬ 
rived at quickly. 

Experience indicates that the calculation of the span 
performance by this method involves little or no more 
work than by more approximate methods. 

Complete Mathematical Treatment . 

General. Formulas for the symmetrical catenary 
(supports at equal elevations). 

X 

y = c cosh — 
c 

X 

s ^ c sinh — 
c 

X 

T w c cosh — ~wy 
c 

yi — (.2 cosh^ — 

c 


. , X2 . . *1 . , *2 

= cosh . cosh- -|- sinh-. smh-(11) 

c c c c 

• - ■ 1 , h ^ Xi , 

sinh— . smh-=cosh——cosh-, cosh- ( 12 ) 

c c c c 

7 

P =- ^ y^2 ^ 2 + 2 . cosh — 

c 

““2c. cosh —^ . c . cosh 

e c 

== 2 / 2 ^ — 2 yi 2/2 + yi^ + 2 cosh ~ 1 ^ 

= ( 2/2 - ViY + 2 c* ^ cosh — 1) 

= + 2 c'^(^ cosh — 1 ^ 

l^-k^ = 2 c2 ( cosh-^ - 1) (13) 

cosh — = cosh 2 y j = 1 -I- 2 sinh* (14) 


c* sinh*- 


p — ^2 = 2 c* ( 1 -f- 2 sinh* 


y2 _ g2 


= c*( 


X X 

cosh^ “ ““ sinh^ — 
c c 


) = c* 


4 c*. sinh*- 


y2 = S* -f" C* 

The formulas for the uns 3 Tnmetrical catenary (sup- ^ ^^ —2c. sinh ^ ^ (15) 

ports at unequal elevations) may be written as follows, 

I. Determination op Characteristics op the 
yi =ccosh— 2/2 =ccosh-^ ( 1 ) Catenary Under Maximum Ice and Wind Load 
^ ^ T 2 , to, h and k are known. 


Si = c sinh — 

Ti = wyi 
= Si* + c* 
di = 2/1 - c 


S2 = c sinh - 

Ti = w 2/2 
2/2* = S2* + c* 
di = y^ — c 


h — Xi Xi 

I = Si "t- S2 
2/2 = 2/!+^ 
di = di k 

~ Si* “b S 2 * “b 2 Si S 2 

= 2 / 1 *—c*-b 2 / 2 *—c*-|-2 c*. smh-. sinh- 

c c 


h , a:i -b 0:2 

cosh — = cosh- 

c c 


6 = tan-i 


V 

Wc -b Wi 


k(, - k . eoB d 
h 8k = ki 

8 k = k (cos 0—1) (16) 

H* = A* -b ** 

5 (H*) =0 =2h.Sh + 2k8k + (5/i)* + (5ifc)* 
(8 hy is negligible 

2k 8 k ky 

— rh — (") 


hi = h -{■ 8h 


2/1 = 2/2 - ki 
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Prom (11) 


. cosh ■ 


Jin 


Prom (7) 
d I d Si d $2 


1 ^1 , . Xi X 2 

=c. cosh“” . c . cosh-+c. sinh-. c . sinh- 

c c c e 

c*. cosh 7 ^ = yiyi+ Si Ss 


5i + ^a*o + (-j-+ -7-)5 c 

Si \ Si St / 


Vi ^ Vi 
Si Si 


(25) 


From (15) 

151— kod ko 


= 2/l + V — c*) (^2* — c*) 


ho 


c®cosh ^ - V(yi—c)(yi+c)(y 2 —e)(yi+c)-y^y ’‘=0 

(18) 

Solve by trial for c 
ObvioWy 

0 <c <yi 

In general 

• 9yi < c <yi 

At maximum ice and wind load (Maximum Tension) 
di = ya- e 
di — da —' ko 
Si = V (Vi — e) (yi + c) 


Vl^-ko^ 

( n • 1 \» 1 ^® 

2 ~^^-27r <^+^oshYrS ho 




Sa = V (ya — C) (ya + c) 

I = Si + §2 

II. Determination op Characteristics op the 
Catenary with Ice Load, Wind Load Removed 

8ko = — 54 
5 ho = — 5h 

From (8) 

5 ys = 5 j/i + 5 4o (19). 

From (4) 

(2 ya5 ya = 2s2 5s2*l~2c5c 
I 2 ViByi =2si5si + 2c5c 

yaS ya = Sa 8 $a + c8c ( 20 ) 

yi8yi = Si 8 Si + c8e ( 21 ) 

Substituting (19) in (21) 

Vi Vo — 8 ko) ~ Si 8si e8 e 

Vi8ya — Si 8 Si + e 8 e + yi 8 ko ( 22 ) 

From (20) 

Va c 

8 ya => 8 Sa ~— 5 c ( 23 ) 


[(2sWi^--t cosh^)jc+eosli 
sinh-l^ -smh|(^i^')-^i(cosh-2!-^-l) 

= J 4 (cosh^ • cosh^ +sinh-^l-. sinh3— l) 
^ 2 ^ c c c cl 

= J ( s • cosh . c. cosh 
^ ^ c O. 


+ c . sinh-^ . C. sinh - c») 
c c ' 


sinh' 


_ j yiyi + Si sa - 

> 2 c* 


2c 

By similar expansion 

cosh ya Si S 2 + c* 

4o 5 4o 


2 c* 


81 


to_o£o_ vZ*-4o* 

Z +-^—;- 


[(^i yiya+SiSa-C* «0 I yi y^+ Si Sa+C* 


2c* 




Sa 


2c* 


From (22) 


— 5ya = 6si+—5c + -^54, (24) 




Adding (23) and (24) 


E = 


8Tal 

A8l 


( !i 

= 5si +5 s2 ^ 

' Si Sa / Si 


From (3) 


8 Ta — w 8 ya ya 8 w 8 uo 8 ya 
= {v} 8w) 8ya + ya8v} 


8c 

(26) 

(27) 

(28) 


8 ko 


V) = V (Wc + w<)* + p* 

w + 5 «; = iCc + 

^ 8 w = w. + M)f- V (w. + Wi)® + P* (29) 
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(25) may be expressed as 

8 Vi = a + bdc (30) 

and (26) may be expressed as 

SI = e+ fdc ■ (31) 

Substituting (28), (30) and (31) in (27) 

„ n(«’ + 8 w) (a + 6 5 c) + j/s 5 w] 

®- Ale+fSc) - 

EAie+fSe) 

=law + lbwSc + laSw + lbSwSe + ly 2 Sw 
{EAf-lbw~lbSw)8e 

^^law + laSw + lynSw—EAe 

^ la(w + dw) + lyiSw — EAe 
EAf-lbiw + Sw) ■ 

The value of 5 c derived from (33) when substituted 
in (23), (25), (26) and (28) will give the values of 
S St, 8yi,Sl and 8 Tg. 

The new values of yt, yi, e, I, Sg, Si, Tg, h and k may 
now be tabulated. 

yt = yt 8 yt 
k' — kt 8 kt 
yi = yt - k' 

V ^1 + 81 

St' = Sg "1“' 8 St 

Si' = V — St' 
e' = c + 6 c 
Tt' = Tg + 6 Tg 

h' hf) 8 ho 

dt' = yt - c' 
dx' =yx'-c' 

w' = w + 8w — Wt + Wi 

III. Determination op Charactbristios op the 
Catenary por Change op Temperature. Ice 
Load on the Cable to 32 Deg. Fahr. 

w', h', and k' are constant in this section. 

.’. 5 fe' = 0 and 8 k' = 0 and 8 w' = 0 

dl' = I'a 81 (34) 

From (26) 

s „ _ V (I'y - (*0* / o I Vi' Vt'+ Si'St'- (cy 

SI - - ^2^ 2 (c')* 

_ I yi'yt'+ ) 5 c' (35) 

c' \ 2(c')* ' 


From (25) 


( c' c' \ 

ut,t - -- 


From (3) 


From (23) 


yi_I ^ 

Si ' St ' 


8 Tt' =w'S yt' 


8 c' = 


VCl'Y- (^ 0 ^ 

yiyt + 

2 (c')* 


-^4 


8st' = ■^8yt'--^8c' (39) 

02 02 

' By the successive operations indicated in (34), (35), 
(36), (37), (38) and (39) the values of 8 1', 8 e', 8 yt, 
8 Tt and 8 Sg' are established. 

The new values of yt, yi, c, I, sg, Si and Tt may now 
be tabulated. 

yt" = yt + 8 yt' 
yi" = yt" - k' 
r •= z' + 5 z' 

St" = Sg' + 8 St 
Si" = I"- St" 
e" = e' + 8 c' 

Tt" = Tg' + 8 Tt' 
dt" = yt" - c" 
dx" = yx" - c" 
h" = h' 
k" = k' 

w" = w' = Wc + W{ 

IV. Determination op Characteristics op the 
Catenary por the Bare Cable, Ice Load 
Removed 

h" and k" are constant in this section, 

.•.5fe'' = 0 , 8r = o 

w" + 8 w" = Wo 

8w" = Wc — We — Wi - — Wi 

From (25) 


8yt" = 


/ c" o" \ 


From (26) 


8 1 " = v(i"y- ik'y ( 

h' I yx"yt" + sx"st" + (c")^ ) 
~ c" y 2(c") ' 


yx ' Vt *4* Sx ' Sg' + jc'y 
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Transactions A. I. E. B* 


Sc" = — v(iy-(kr 

2 j yi" + si" - (ey 

y 2 (ey 

~ - -( 

_ A_ I y/yZ + si^sz + ccy 
c" \ 2 (cy 

From (28) 

5 T/ = (w" + dw'')Sy/ +t,/Sw" 
From (33) 

g ,_ l^y/Sw" 

EAf- (w" + Sw") 

From (23) 


ds/ =^5^//-—Sc" 
02 02 


yi". 

=yi + 8 ya" 

yi" 

= ya'" - k' 

l'" 

= 1" 81" 

Sa'" 

= S 2 '' -F « 82 " 

Si'" 

= V" - Sa'" 

c'" 

= c" -1- 5 o'" 

Ta'" 

= Ta'" + 8 Ta' 

da'" 

= yi'"-.c'" 

di'" 

= ya'" ~ e'" 

h'" 

= k' 

k'" 

= k' 

w"' 

= w" + 8 w" = 


V. Determination op Characteristics op the 
Catenary for the Bare Cable at Various 
Temperatures 

This sMtion is the same as section III, except tiiat 
the weight of the bare cable is employed, the ice load 
Mymg been removed in the preceding section. The 
foUowmg formulas are given for the ^e of com¬ 
pleteness. 

to'", and i'" are constant in this section. 

. 8 w'" = 0 , 8 h"’ = 0 , and 8-k'" = 0 

From (34) 

8l'" = l"'aSt 

From (36) 

. I'" 

» l yi'"y»"'+s,"'s,"'-(e"y 


8y,"'= 


V" + ( 


HI + 

1 _ 

’/ 

^ + - 


yi , yi 

oil! r'/' 


The value, of 8 c" derived from (44) when substituted 
^ (40), (41), (43) and (45) will give the values of 
8 Vi", 8 li, 8 Ti" and 5 82 ". The new values of yt, yi, 
c, I, Si, Si, and Tt may now be tabulated. 


Si " S 2 

From (38) 

8 Ti'" = w"' 8 Vi'" (49) 

From (39) 

c"' 

« = -^777- 5 J/2'" - 5. (SO) 

By the successive operations indicated in (46), (47), 
(48), (49), and (SO) the values of 81'", 8 c'", 8 y^", 
8 Ti"' and 8 Si’" are established. 

The new values of y^, y\, c, I, s«, Si and Ta may now 
be tabulated. 

P,"" = p,"' + s p^n, 

y^»" = p^>'» _ 

V»> = i"> + 5 I'K 

Sa"'' = S 2 '" H-5 S 2 '" 

Si"" = V'" - Sa"" 
c"" = e'" + 8 c'" 

Ta"” = Ta"' -f 8 Ta'" 

da"" = ya"" - c"" 

di"" = yi'"' - c"" 

h"" = h' 

k"" = k' 

vo "" = < m '" = Wc 

Calculation of River Crossing 

Span 4279 Ft. Maximum Tension 33,000 Lb. at 
0 Dbg. Fahr. H In. Ice and 12 Lb. per Sq. Ft. 
Wind 

Cable Data 

..318,000-cir. mil, A. C. S. R. 

Stranding...24 x 1161 Aluminum 

43 strands various size steel 

Steel core stranding 


■-AL j ^' ya'"+Sr'" Sa'"+(c"~) 

® > 2 (c'")* • 


81'" (47) 


Number of Strands 

■ ~ ! I 
6 
6 

12 

18 

Over-all diam. 0.804 
Total sectional area (A) 
Wt. pwft. 

Breaking Strength 
Diam. of complete cable-overall 
Elastic liniit of complete cable 
Breaking straigth of complete 

cable. 

Modulus of elasticity (E) for steel 
For steel core alone E A.,. 


Diameter 

0.127 in. 
0.120 in. 
0.052 in. 
0.115 in. 
0.112 in. 
to 0.810 in. 
0.3952 sq. in, 
1.3861b. 
64,000 lb. 

I. 036 in. 

53.600 lb. 

67.600 in. 

3 X lOMb./in.* 

II, 866,0001b. 
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\'<‘rt ioal 


Kori/ontal 


ni*ail Dfiul i ,‘jin. |r« 12 Ib. Wind 


(1.0005787) 5 Z 

^- 0.44887198 - 0.45626173 ~ 123.87180 


ib, i«*r ft. l .bH4 


iCrsultant 

lb*;ul b h in. Itto } 12 lb. Wind 
W tHKlil* lb. im ft..,. a. :i22 

Tho cuIeuIuLiuns wliich art; to follow will be based 
uptm the iUHsuinption that all the .stresss will be carried 
on tlu» steel eort? only. 

At 0 dt‘K. fahr., la in. ice 
4 - 12 Ib. wind k - 185.5, h = 4279. 

7’., ^33,000 <S Jt -Z:(cos 0-1) =-38.64 

«' - 3.322 

h -•- 4280.50 2 A 5 ifc -h (« ky 

Ar« ^ 146.86 h - - —;rr- 

Ih 9933.77 

Ui * 9786 91 1.50 

Deterrnint; r: I'rtnn 


5^2 == 


( c 6 * \ 

\ .S, .<?« ' 


c*. cosh f ' ' \ ' O/i* - «■) ( 08 - - c'") --- ?/i. 02 = 0 


idH#' miao.w fiub’i.iHi ttouj.oo imif».44 

(11 l<H.HnH44b l(H.78l,K:i() 101,771,077 

tk 

. 

V «Vi’ fb (o’ “ !■'» l.«H.»K)3 -I.D.'iH.Ol? •l.fiUH.KIW .l.fi.'jO.iaU 

KO itt .Ui . i»r.22t».(iia nr.aan.iua tty.aao.nia itr.aao.oia 

(4) (aI »'«:»). itii.n7K.iue HU.77tMKm ioi.tbo.tw ioi.77i.or.a 


»» 111 - (4> 


1711,73<» aa.OKi 


'I'he value of c « 9616.44 
fore * 9616.44 
8 , - 1923.99 
8 a 2494.61 
I « 4318.60 

At 32 deg. fahr. H in. ice and 12 lb. wind 
hi I, a .h I 
oc « 0.00000662 
h t « 32 
S I « 0.91485222 

I _ 

__ yp- _ 

^ rt iuiPt+^t «S“C* 1^1 jfb 

2 ^ --yj -- 2ga 


_ 0-91485222+(5.2716617 +3.8544863) (-123.87180) 
(5.3656599 + 3.9820934) 

5 y.. = - 120.81580 

5 1\ = JO S Vi 401.35 

Ti' = 32598.65 
y./ = 9812.96 
yi' = 9666.10 
k' = fto = 146.86 

h' = hu = 4280.50 
c' = 9491.57 
I' = 4319.51 
s,' = 1828.87 
.Sa' = 2490.64 
Ml' = 3.322 

At 32 deg. fahr. in. ice, no wind 
• 5 m;' = -.699 

hk' -= 38.64 

5h' = -1.50 

... k[5J' , V(W1T&TT/. /^' Vi'+s/ sa'-(c'> 

„/il I y±. 0-/ +S/ Sa'-l-(cO^ \ g g 

g/ \l~- - - 2 (c^)8 / 

= 1.3137301 + (0.99942192) 

[(0.45482378 - 0.46249362) 5 c' + 1.5382983] 

$1' == 0.2245682 - 0.007666406 5 c' 


5 j/a' = 


Ml' / c' \ ^ . 

Si.^y-Sk' + {-^ + -^)8c' 


a-i + c'"* 


Jil + J'v 

s,' Sa' 


y/ p — ki? 


4318 60 
4816.102 


1.0005787 


2 J y«y»+ gi g« - cl . 0.44887198 
\ 2c> 

JV I lU(L±iL!L±il - (0.44518711) (1.0248763) 
c N 2 c* 

- 0.46626173 


-.2245682-.007665406 5 c' + 204.22343 + 9.000750 8 e' 
9.2262205 ” 

5 0 a' » 22.113169 + 0.97483691 5 c' 

Svi' = hVi'-hk' 

5 0 ,' - - 16.626881 + 0.97483691 5 c' 

^ A ■ ^ 

5 Ta' “ (w' + 5 io'). 5 02 ' + 02 '. S Ml' 
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SI' = [(w' + 5to') ^ Vi' + l/s'.5 w)] 

-0.22^-ommmic'.^^ 

[(2.623) (22.113169+0.974836915c0+(9812.96) (- .699)] 
=0.00036433114(68.002482+2.6569972 d c'-6859.20) 
-0.2246682- 0.007665406 S c' 
=-2.4779094+0.0009316837 6 c'-0.0086969897 d f 
=-2.2533412 

he' = 262.10816 
8 Vi' =277.63 
8yi' = 238.99 
81' = - 2.23 

Vi c' 

8si' = —dyi'- — 5c = - 97.19 
01 

dsi' =dl’-Ssi' = 94.96 

8 T% =(«)' + 5 V}') 8 yz + y^ 8 w' 

= (2.623) (277.62588)+ (9812.96) (-0.699)=- 6131.60 
r/ = 26467.62 

yz" = 10090.59 Sag below upper support 
y/ = 9906.09 dz" = yz" - c" = 336.91 

A:" = 186.60 Sag below lower support 
h" = 4279.00 d/ = y^''r- e’' = 151.41 

e" = 9753.68 

I" = 4317.28 

Si" = 1731.68 

82 " = 2686.60 

to' = 2.623 

At 32 deg. fahr. no ice, no wind 
5 10 ' =-0.939 


vnr-iky 

I" 


. (2.1 Vi" + sx" sz" - (c') » 
\ \ 2 ( 0 ')* 


_I Vi" yz" + si' 82" + 


I yi yz ~i~ 01 02 

/»" v 


c- > 2 (c')* 

81" =-0.007226915 c' 


8yz"' = 


Vi 

Si" 


+ 


yz 


8yz" = 0.97662108 5 c' 

8Tz" = (w" +dw")Syz" + yz" .8v)" 
= 1.6446299 5 c' - 9475.0640 
I" 


81 " = 


EA 


8Tz" 


4317 28 

-0.007226916c'=jjgg^(1.6446299 5 c'-9476.0640) 

=0.00059888 5 c'- 3i4602787 
5 c' = 440.88662 

5 j/ 2 ' = 430.68 

51' =- 3.19 

5 81 ' =- 20.40 

5 82 ' = 17.21 

5 Tz" = 8749.97 
Tz'" = 17717.65 
yz'" = 10521.17 

yx'" = 10356.67 Sag below upper support 
k'" = 185.50 dz'" = yz'" - c'" = 326.60 

c'" = 10194.67 

h'" = 4279.00 Sag below lower support 

I"' = 4314.09 di"' = yz'" - c'" = 141,10 

si'" = 1711.28 

%z'" “ 2602.81 

Calculation for various temperatures with no ice or 
wind loading. Basis 32 deg. fahr. no ice, no wind. 

5 V" = l"> a8t 

I'" 


8c 


tff — 


(k'"y 


2 I yx'" yz'" + Sx'" Sz'" - (C"'y 

y 2 (c'") 


k'" rz7^> 

.nr 


I Vx"yz"' + Si'" 82 '" + ie'"y 

C'” y (2 c'")* 


81' 


8 c'" =- 150.14441.5 1'" 8 ('" = -.006660266.5 c'" 
/ c'" \ 


5 ^ 2 '" = 




Si'" 82 '" 


8yz'" = 0.97872241.5 c'" 


682 ' 


82 ' 


8yz"'- 


8 c' 


8sz'" = 0.0394556 5 c'" 
5 81 '" =5i'"_5gj/// 

8Tz'" = w'"5j/2 '" 

5 r 2 '" = 1.6481686 5 c'" 
a = 0.00000662 
(. a = 0.02856927 
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TEMPBRATXrEB PAHR. 



32 deg. 

—20 deg. 

0 deg. 

20 deg. 

40 deg. 

60 deg. 

80 deg. 

100 deg. 

120 deg. 

it 

0 

-52 

-32 

-12 

8 

28 

48 

68 

88 

i 

0 

-1.485082 

-.913897 

-.342711 

.228474 

.799659 

1.370845 

1.942030 

2.513216 

jtttf 

4314.09 

4312.60 

4313.18 

4313.76 

4314.32 . 

4314.89 

4315.46 

4316.03 

4816.60 


0 

222.976 

137.066 

51.456 

-34.304 

-120.064 

-205.826 

-291.685 

-377.346 

g//// 

10194.67 

10417.65 

10331.64 

10246.03 

10160.27 

10074.61 

9988.74 

9902.98 

9717.22 


0 

218.23 

134.15 

50.86 

-33.67 

-117.61 

-201.44 

-285.38 

-369.32 

i/2"" 

10521.17 

10739.40 

10655.32 

10671.63 

10487.60 

10403.66 

10819.73 

10285.79 

10151.85 

yi"" 

10335.67 

10563.90 

10469.82 

10386.03 

10302.10 

10218.16 

10143.23 

10050.29 

9966.85 

i S2'" 

0 

8.80 

6.41 

2.03 

-1.36 

-4.74 

-8.12 

-11.60 

-14.89 

S2"" 

2602.81 

2611.61 

2608.22 

2604.84 

2601.46 

2698.07 

2594.69 

2591.31 

2587.92 

i Si'" 

0 

-10.29 

-6.32 

-2.37 

1.58 

5.54 

9.49 

13.44 

17.40 

Si"" 

1711.28 

1700.99 

1704.96 

1708.91 

1712.86 

1716.82 

1720.77 

1724.72 

1728.68 

i T2"' 

0 

267.60 

226.91 

84.81 

-66,64 

-197.89 

-339.23 

-480.58 

-621.93 


17717.66 

18085.15 

17943.66 

17802.46 

17661.11 

17519.76 

17378.42 

17237.07 

17095.72 

d2"" 

326.60 

321.85 

323.68 

325.50 

327.33 

329.15 

330.99 

332.81 

334.63 

rfl"" 

141.10 

136.35 

138.18 

140.00 

141.83 

143.65 

145.49 

147.81 

149.13 


ifj"" » i/ 2 "" — c"" Sag below upper support 
rfi"" -»i/i"" - c"" Sag below lower support 


Discussion 

J, S. Martin (oommutiieatod after adjournment): T have 
been especially interested in the authors* methods of calcu¬ 
lation of the sags required in the wire, as this is a subject of 
which I have made considerable study. In the proceedings 
of the Engineering Society of Western Pennsylvania for Novem¬ 
ber 1922, I published a tabular method of calc^iilating sag in¬ 
cluding a set of tables giving the functions of the catenary in the 
same manner that the ordinary trigonometrical tables give the 
functions of the circle. By means of these tables the sag re¬ 
quired for any span and any wire can be quickly and accurately 
determined when the span is level. For the calculation of spans 
on the slope, the writer has resorted to an approximate method 
which gives results as close as the work of sagging can be done 
in the field and in nearly all cases the slight error is on the safe 
side. 

The accurate calculation of the sag of wire in a span where 



Pio. 1 


the supports are not on the same level is a long and tedious 
process for an expert mathematician even when assisted by 
these tables, so that for general use in transmission-line work 
the accurate method is impractical. The computations pre¬ 
sented by Messrs. Bales and Ettlinger have afforded the writer 
an opportunity to compare results with his method. 

The method used by the writer for general calculation of sag 
in sloping spans is to take the difference between the level 
measurement of span between the points of support, and the 
actual measurement between these points of support. This 
difference equals Bi in the accompanying diagram. Then add 
this difference to the actual distance between points of support, 
and use this value as an equivalent level span. 

A marking point is then placed on each tower at a distance 
from the point of support equal to the sag R, of the equivalent 
level span. See a and h in the diagram. A line of sight a — 5 
Is taken between these two marking points, this line of sight 


being parallel to a line joining the points of support. The wire 
is then sagged till it strikes this line of sight. 

If the wire would hang in a parabola, a similar method could 
be used, using the level measurement between the points of 
support as the length of span and the results would be accurate, 
but since we assume that the wire is hanging in a catenary, 
there must be a correction, and the method mentioned above is 
the one used by the writer to obtain this correction. No mathe¬ 
matical demonstration can be given by the writer for this 
method, except that it is the result of a long series of test problems. 

The calculations for the sag of the wire in the span under 
consideration can be obtained by the tabular method in an hour 
or less of work and the computation can be entrusted to an 
apprentice or office boy. With the method presented by the 
authors of the paper under consideration, the calculations will 
take a long time and must be made by an export mathematician. 

The writer has compared the results obtained by the two 
methods and it was found that they differ in giving the elevation 
of the low point of the vdre by about 2.2 ft. In order to check 
the accuracy of these results the writer calculated the exact 
location of the low point of the wire at zero temperature. It 
was found that while for zero temperature there is a difference 
of 2.19 ft. between the results obtained by the two methods, the 
exact method gives a result between the two, giving an elevation 
of 0.73 ft. above the elevation given by the method presented 
in the paper and 1.46 ft. below the elevation given by the writer’s 
method. This would show that the error of the writer’s method 
is about 0.46 per cent while that of the method given in the 
paper is 0.30 per cent. This percentage is based on the majd- 
mum tension in the wire as strung according to the two methods. 
This happens to be one of the few cases where the writer’s 
approximate method for sloping spans would give a stress slightly 
in excess of the theoretical stress desired, but the results are well 
within the limits of the probable errors in field work and in the 
assumptions with regard to the quality and characteristics of the 
wire used, so that this error is negligible. 

Where it is necessary to knoiv the elevation of the low point 
of the wire for determining clearances, the writer has found the 
following parabolic formula sufficiently accurate for practical 
pui^oses. 

Ijet, H = sag as detennined for the equivalent level span 
as previously explained 

B « difference in elevation of the points of support 
D « deflection of low point of wire below lower support 

Then, 

D » il/H) iH - JS?/4)2 

In our office, a large part of our routine calculations for sags 
in wires are entrusted to an office boy to do in his spare moments. 
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Transactions A. I. E. E. 


The tabular method is so well adapted for the use of a calcu¬ 
lating machine, such as the Marchant or Monroe, that it is no 
trouble at all for any person who is ordinarily careful to deter¬ 
mine quickly the proper sag in the wire even for important spans. 

E. Ettlinders The solution of the specific engineering 
problem of this river crossing, due to the nature of the profile, 
produced two adjacent long spans. The desire to avoid dead¬ 
end construction, influenced the use of insulating supports in 
suspension on the intermediate tower. Initially, consideration 
was given to a roller-cradle type of support which would allow 
the cable to roll from one side to the other with changes of 
temperature and loading. Numerous objections were found 
to this type of support, the most serious of which was the danger 
incident to the dropping off of ice in one span while the ice 
remained on the adjacent span, resulting in the decision to clamp 
the cable definitely. 

The clamping of the cable at the intermediate tower and 
supporting it by suspension assembly of insulators introduced the 
problem of the stress in this support due to temperature and 
loading variations. Calculations indicated that the suspension 
assembly would not vary from the vertical by more than approxi¬ 
mately 5 deg. Although the suspension assemblies were de¬ 
signed for one-half the ultimate strength of the dead-end as¬ 


semblies, the actual component of force in them would not roach 
an excessive value. 

The authors are aware of the fact that there are numerous 
noteworthy tabular and chart methods of calculating spans with 
supports at equal elevation. Also that various approximate 
methods are in use by which spans with supports at unequal ele¬ 
vations may be calculated. 

The importance of the problem involved in crossing the largest 
and most important navigable river in this country, it is believed, 
warranted the development of a direct method of calculations 
for spans with supports at unequal elevations. The expense 
and time required to make these calculations are really insignif¬ 
icant when it is realized that the design and construction of a 
crossing of the Mississippi River wdth the rigid requirements of 
clearance as specified by the War Department involves con¬ 
siderable responsibility. 

Problems of this magnitude arise but infrequently and are 
hardly to be classified as a matter of routine calculation. The 
method was developed for the specific purpose of assurance of 
span performance and as a check on.less accurate and empirical 
methods. The method of calculation illustrated in the paper 
should not consume more than three or four hours to complete 
after one is familiar with the procedure. 


Automatic Control for Substation Apparatus 

BY WALTER H. MILLAN^ 


Member, 

Synopsis,—The use of automatically operated stations has 
become quite general over the country^ hut as the development has 
been very rapid, and the engineers involved, so busy with their 
individual problems, very little has been accomplished toward the 
pooling of idecLS and experiences. 

This paper outlines some of the more important problems being 
encountered in automatic development such as the need for auto* 


T he engineering profession has been presented with 
many papers and reports covering thefiieldofauto- 
maitic operation, but- in almost every case an at¬ 
tempt has been made to describe some particular instal¬ 
lation and, as is most natural, the author, whether 
manufacturer or operator, brings out all of the clever 
and agreeable points that he can find. This is very 
creditable but it is felt that the development has reached 
a stage where the' injection of some pessimism would 
seem to inspire faster progress. The highest developed 
is the railway class; being the first to be attempted. 
This class rapidly came to its present high state of 
development, principally because of its simplicity. In 
railway operation, very low load factors are encountered 
thus avoiding, at least to some extent, temperature 
troubles with their attending ventilating problems. 
Also, voltage regulation is more or less rough and dis¬ 
tribution system resistance high, lowering the precision 
required in relating devices and making parallel 
operation of machines and stations fairly easy. 

1. TTnion Eleetrio IdgM & Power Co., St. Louis, Mo. 
Presented at the Spring- Convention of the A. I. E. E., 
St. Lome, Mo., April lS-17,19$S. 


. 1. E. E. 

matic fire protection in the stations, the necessary future develop* 
merit of thermal protective devices, voltage regulating devices, etc. 
Particular stress is laid on the fact that, while %ve have some problems 
which we presume have been worked out, sopie of the solutions are 
far from perfect. 

This paper is prepared in a manner which, it is hoped, will bring 
out many valuable ideas in its discussion. 


The next highest developed is the alternating- 
current transforming and distributing substation. 
Again we have simplicity, in that there are compara¬ 
tively few functions, the operation of which actually 
had to be automatized; the balance being only a matter 
of finding sufficient courage to close and lock the doors 
on equipment which had previously been operated 
with an attendant to watch it. We have had the auto¬ 
matic induction regulator for a good many years but 
always with someone dose by, and while there is no 
reason why it should not be trusted to operate without 
a guardian, the author confesses that he had some vary 
anxious hours during the first few weeks of such opera¬ 
tion of equipment for which he was responsible. There 
are only three other automatic operations of a major 
nature in the average station of this class: First, the 
automatic switching of supply circuits, not hard to ac¬ 
complish unless automatic synchronizing is required: 
Second, the automatic reclosing of distribution circuits 
on trouble, which detail varies in complexity with the 
class of sfflwiee. At the outside, the problem requires 
the application of only four or five relays or devices 
per three-phase feeder over aind above the standard 
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apparatus which would be present if the station had. an 
attendant. The third is water control and is present 
only where transformers and similar equipment is 
operated ‘^water cooled” over peak-load periods. This 
is a simple fimction and is usudly given a passing glance 
only notwithstanding the fact that it is of the highest 
importance. 

The third and least developed class is that of supply 
stations to heavy Edison system networks where ex¬ 
tremely low system resistance is encountered, close pre¬ 
cision is called for in voltage regulation and an inter¬ 
ruption to service is an unpardonable offense. The 
author will not attempt to discuss weak points in the 
automatic railway station field as he is not qualified to 
do so from the standpoint of experience. Therefore, 
the following discussion will cover the other two classes 
only. 

Class 2—Automatic A-C. Distribution and 
Transformer Stations 

There are a great many of these stations in successful 
operation and almost every one of them has some 
specific points, good as well as unique. Usually these 
points are emphasized almost to the exclusion of others 
of equal importance; for example, we may find a station 
in which a great deal of effort and money has been con¬ 
centrated on the automatic operation of its supply cir¬ 
cuits to prevent the possible loss of supply poww due 
to failure of supply circuit. This is accomplished by 
automatic transfer devices to keep power on the station 
bus as long as one of its supply circuits is alive. In the 
same station we may find only a single transformer unit 
supplying several important distribution feeders, no 
provision having been made to save the day if, by any 
chance, the transformer should fail. Frequently this 
transformer depends on cooling water tq carry it over 
the peak and we find that there is but one source of water 
supply; or, if there are two, they are not automatically 
"changed” in event of failure. The conventional way 
to protect such a transformer against sustained ovwload 
is by means of the well-known thermal relay whidi is 
supposed to possess the same relative heating and radia¬ 
ting characteristics as the transformer, and so adjusted 
that full load amperes will permit the unit to stay on 
continuously but approximately 25 per cent in ^ce^ 
of amount tripping the transfonnCT off the line in 
thirty minutes. The exact principle of the operation 
of this device is usually only partially understood by 
the man who actually locates it in the station and upon 
this point depends its real utility. To be consistent, 
this thermal relay must undergo exactly the same abuse 
and benefits regarding ventilation that the transformo- 
suffers and it can be seen that, should the thermal relay 
be so located that its heat is dissipated by a draught of 
cold air from a ventilator or by conduction to a wall on 
which it may be mounted, it may fail to protect the 
transformer. The manufacturers have recognized this 
liabilily and genwally provide a thermostat submerged 


in the transformer oil, which trips off and locks out the 
transformer if the oil exceeds about 85 deg. cent. This 
would probably save the transformer (but not the serv¬ 
ice) if the overload was approached slowly so 
tiiiat too great a drop in temperature between the “hot 
spot” and the oil was not in evidence, but, if a sudden 
overload appears after many hours of very light load, 
when the oil has cooled to a very low temperature, the 
oil with which the “hot oil” thermostat is in contact 
may be 60 deg. cooler than the “hot spot” and the ther¬ 
mostat quite useless should the thermal relay fail 
to function. The above would indicate that we 
should attempt to develop a means of direct relay¬ 
ing from the actual, measvired, hot spot temperature 
rather than try, by means df a proportional auxiliary 
circuit, to imitate the performance of the trans¬ 
former. Much may be said about thermostats. The 
average operating engineer notes in the specifica¬ 
tions that a thermostat will stand guard over his trans¬ 
former and he accepts this face v^ue. He may, in 
fact, for years possess many of these devices embedded 
in his apparatus without ever having actually seen one 
of them. Without injustice to the electrical manufac¬ 
turers, it may be said that we should not expect them 
to know as much about building these devices as do the 
manufacturers of heating and ventilating apparatus. 
The author has found that these latter manufacturers 
possess equipment of this nature directly applicable to 
our needs which has been developed and in successful 
operation for years. When applied to transform^, 
thermostats are usually mounted on some projection 
on the head block or core, and this means that the trans¬ 
former must be taken out of service and the oil lowered 
to get at them for test purposes. With “conservator” 
or “inertaire” tsrpes of transformers, where the ease lid 
is tightly sealed, this becomes an expensive matter and 
as a result the thermostats once instead are not tested. 
We attacked this problem some months ago and, as a 
result, we are installing in many St. Louis station trans¬ 
formers, thermostats made by a well-known manufac¬ 
turer of heating apparatus who knew nothing of the 
possible applications to this field. These thermostats 
are no closer to the “hot spot” than their predecessors— 
(that being another problem)—^but they may be re¬ 
moved and tested without even taking the transformer 
off the line. This applies to the “sealed” types of 
transformers as wdl as others. 

The control of cooling water, so far as the thermostat 
is concerned,.is also partly solved by the above, but, 
automatically operated water valves have not been 
given sufficient attention. The author has had experi¬ 
ence with two types of valves which are furnished by the 
electrical manufacturers,—^the motor operated type 
and . the type which is operated by the expansion and 
contraction of a gas or fluid in a capillary tube. In his 
opinion, the latter type is dangeroi^, as a leak in the 
pressure system renders the device inoperative without 
visible indication of trouble until it fjffis to operate— 
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and perhaps the load lost. The motor-operated valve, 
of course, depends upon the continuity of the wiring 
and the 100 per cent behavior of the motor, which is 
usually small and operates through a reduction gear, the 
friction of which is a large percentage of the total power 
required. The author’s experiences with both of the 
above types have been unhappy, in that both types have 
failed to function on many occasions, resulting (for¬ 
tunately in one case only) in the loss of 6000 kw. of 
distribution load for about one hour. A water valve 
has been made up of standard materials; this by means 
of current flowing through a solaioid, holds the 
water off. The opening of the circuit to the solenoid 
by the thermostat allows the law of gravity to turn the 
water on. This device is in effect a closed circuit one 
and accidents (electrical or mechanical), can result only 
in wasted water. Some of these devices have been in 
operation in St. Louis for two years without a failure and 
almost all station transformers, under the writer’s 
jurisdiction, either have been or are being equipped with 
this type of valve. 

No attempt has been made to protect against failure of 
induction regulators for distribution circuits, other than 
to depend on the overload relays to clear them from the 
line when failure actually occurs. The induction 
regulator is admittedly a weak piece of apparatus be¬ 
cause of its very nature; and it would seem advisable to 
take steps to give them at least temperature protection. 
There is a tendency on the part of the operating com¬ 
panies to allow their distribution feeders to become over¬ 
loaded and, with regulators designed for a 55-deg. rise, 
this abuses the regulator. The failure of an induction 
regulator in a manual station may not be serious when 
an operator who can operate a fire extinguisher is pres¬ 
ent, but here, again, in the automatic station, we have 
in most cases failed to provide any protection against 
fire except faith. Automatic equipment possesses only 
the intelligence which is incorporated in its design and 
this falls short of human intelligence in that we have 
not as yet been able to give it all five of the human 
senses. It can only fed but does not possess the senses 
of smell, taste, hearing or sight. In manual stations 
many serious accidents have been forestalled by the 
operator’s ability to “smell something getting hot,’’ 
hear tiie growl of an arc or see smoke issuing from a 
piece of apparatus the protective devices for which 
have not/eft the necessity of removing it from the line; 
that necessity not being felt until the trouble has 
developed into a short-circuit, which usually means fire. 
In general, while this class of station may be said to be 
satisfactory, it is obvious that there is stiU a very ex¬ 
tensive field in which to progress. 

Class 3— Automatic D-C. Substations Feeding 
Heavy Edison Networes 

This class has been developed mostly along the lines 
of single-umt stations consisting of a motor-generator 
set or synchronous converter located here and tiiere 


throughout systems, the major portion of the system 
being manually operated. This means that the auto¬ 
matic stations are merely followers supplying power to 
parts of the net-work which grew out of the original 
manual capacity. In systems of over 30,000 or 40,000 
kw. cases where automatic stations are the predomi¬ 
nating factors are extremely rare; if, in fact, there are 
any at aU. Where the system is so heavy, it is usually 
of high density and this in turn means not only a large 
number of stations but stations of such capacity that 
several large units per station are necessary. With 
these large stations close together, parallel operation 
begins to present a problem. To begin with, the de¬ 
mand upon the operating attendants in the manual 
stations of such a system is that they hold the “standard 
feeder-end pressure’’ to within one volt (0.5 volt per 
side). There is a reason for this other than the re¬ 
quired candle power of customer’s lamps, and it is a fact 
that by lowering or raising the voltage in a station one 
volt from standard, upwards of 1000 kw. of the load will 
be shifted to and from adjacent stations. The writer 
has been unable to find on the market an automatic 
regulating device which could be applied to this class 
of service and which might be adjusted to give closer 
than 1.6 volts, plus or minus (a zone of three volts) 
on the 240-volt basis. It is obvious then that the stations 
would not only not give sufficiently close regulation but 
would be continually “stealing” load from each other. 
It might be possible, of course, by means of costly pilot 
circuits to prevent the load from shifting, but we would 
still lack the precision in voltage regulation at the 
customer’s lamp. On voltage regulators it woxfid seem 
that some intensive development is necessary. The 
voltage regulator being the keynote to this situation, too 
much stress cannot be placed on this point. The 
question of parallel operation of any number of ma¬ 
chines in the samestation isbeingworkeduponandthere 
seems to be no doubt that all obstacles will ultimately 
be overcome; not however, without doing some thinp 
that have never been done before. It is always possible 
to make each machine literally an isolated station by 
feeding directly into the system over its own feeders, but 
it means that all copper is not working on light loads 
unless some extra money is invested in heavy bus tie 
breakers and, after all, it is dodging the main problem. 
While the apparent “intelligence” of some of the d-c. 
automatics now in smvice, is remarkable, we are stUl 
relying too much upon pilot wires and periodical in¬ 
spection to approach the intelligence of an operating 
attendant. We must remember that automatic equip¬ 
ment will do just the things we build it to do and, inci¬ 
dentally, keep on doing them even if dangerous to life 
or property. In other words, it cannot use judgment, 
change its mind nor respond to the dictates of fear. 
This means that the equipment comprising an auto¬ 
matic station must be rugged in every detail. For 
example, it would not be desirable to protect all d-c. 
circuit-breakers with temperature devices and they. 
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should therefore be selected so as to allow ample margin. 
Based on actual experience, the author feels that no 
d-c. circuit-breaker in this class of service should be 
operated at a contact brush density of more than 360 
amperes per.sq. in. If heavier duty is imposed it is 
possible for a breaker to heat up so quickly that its 
bridges will be annealed before this is discovered. The 
author advocates the use of ‘‘maximum'^ thermometers, 
the fluid columns of which remain at the highest point 
reached unless shaken down intentionally. One of 
these thermometers on the contact block of each breaker 
will divulge, to the inspector, the value of the highest 
temperature reached during his absence and an oxidized 
contact can be caught before the critical point (anneal¬ 
ing) is reached. This same idea may be applied to 
bearings, as the only protection they now have is 
through the medium of a gas type thermostat by which 
the machine is locked out when a dangerous tempera¬ 
ture is reached on any of the bearings. Ventilating 
equipment is another factor that should be fortified 
with ample margin and ruggedness, as in most cases the 
station cannot operate unless its ventilating equipment 
is delivering. Again the “maximum'^ thermometer is 
useful, as it can be applied to the machine and outside 
temperatures in conjunction with recording load-indi¬ 
cating devices to determine if the equipment has been 
properly cooled in the absence of the inspector and a 
brewing case of trouble arrested. The method of trip¬ 
ping oil and air circuit-breakers and contactors is one 
that should have close attention. There is a tendency 
to employ, so far as possible, standard breakers which 
almost always are held in by a mechanical latch or tog¬ 
gle. This must be struck sharply by the tripping 
solenoid to actually open the main device. Breakers 
furnished for standard manual application have been 
known to fail to trip on the first impulse of the tripping 
solenoid and as there is no attendant in an automatic 
station to follow up and trip it manually, this breaker 
remains closed. The author feels that a holding-in 
type of latch should be used in these applications, as 
it does not depend on the continuity of an electrical 
circuit for its operation. In some cases this is not possi¬ 
ble, as in the case of automatizing an existing station 
already equipped. We have partly solved this problem 
by the application of two relays in the tripping circuit, 
so connected that if the main device does not open at 
the first impulse, it is followed up by a succession of 
hanuner blows which will either open the toggle or 
break it, in which latter case the main device, although 
broken, would be opened. Too much stress cannot be 
brought to bear on the matter of auxiliary switches on 
the mechanisms of all types of breakers. Originally 
the^ switches were for the sole purpose of operating 
indicating lamps and an occasional interlock. In an 
automatic station there is hardly an operating circuit 
that does not interlock through the auxiliary switch of 
some breaker or contactor and it follows that the failure 
of almost any of these axixiliary switches will cripple the 


station. The author has had some bad experiences 
with this equipment, both where existing devices were 
automatized and where the equipment was furnished 
specifically for automatic operation. 

General 

While the author feels that progress is being made, 
there is still too much of a tendency to be satisfied with 
some questionable equipment as its exists. It is neces¬ 
sary that we look further into the future and in solving 
the problems which we encounter as we go along, bear 
in mind the importance to always leave sufiicient mar¬ 
gin so that that particular thing will be forever placed 
behind us. 


Discussion 

E. C. Stone: I want to second vigorously Mr. Millan’s 
conchision that the auxiliary equipment, relays, etc., which are 
used in automatic substations must be designed with a very 
great degree of reliability. 

Automatic equipment adds cost to the station but we often 
forget that it saves operators’ salaries. In any event the 
automatic equipment is only a small percentage of the cost of the 
stations and we should not hesitate to spend even 50 per cent 
more on it if, by doing so, we could be assured of obtaining per¬ 
fect operation. 

Gh>estcr Llchtenber^: One point which might be em¬ 
phasized is the rapid development of automatic-station control 
equipment during the past three years. A survey of the situa¬ 
tion indicates that dxiring this period a great deal more attention 
has been paid to the details of design not only of the complete 
equipments but also of the individual devices so as to make them 
of maximum reliability with minimum maintenance. 

For feeder-voltage regulators Mr. Millan suggests two types of 
protection. 

1. Grounding protective relay. 

2. Temperature protective relay. 

Both of these devices are available and have been in auto¬ 
matic station service for several years. The grounding protect¬ 
ive relay (device function No. 64) is quite well known in certain 
parts of the country where it has proven exceptionally valuable 
in giving the impulse for disconnecting apparatus from service 
when such apparatus developed faults to ground. The same 
device slightly modified last year has been successfully applied to 
feeder-voltage regulators and other similar devices. It will 
operate on any fault to ground in excess of 30 amperes and^ in 
combination with suitable oil circuit breakers affords protection 

against extensive damage. • -kt An\ 

Temperature protective relays (device function No. 49) 
for feeder-voltage regulators are available. They have not been 
sold in general, however, because the pm'chasers of the feeder- 
voltage regpnlators do not care to pay the small additional expense 
which these devices would add. 

Most of the a-c. automatic stations which have been inst^ed 
to date are of the relatively simple type described by Mr. Millan. 
There are outstanding examples, however, of very complete 
aH 5 . automatic stations which are very much more extensive and 
which have been in successful operation for three or more years. 
For example, the Kansas City Power & light Company has had 
in operation since 1921 two a-c. automatic substations. They 
each have two or more incoming lines with two or more banks of 
transformers and a dozen or more outgoing feeders. The stations 
are designed so as to have only sufficient transformers connected 
in service to supply power to the load. Consequently, in times 
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of light load a minimum transformer capacity is excited. The 
stations are also arranged so that in case of trouble to any trans¬ 
former bank or incoming line the bank or line is automatically 
switched out of service and replaced by an emergency bank or 
line. 

The successful operation of these automatic stations empha¬ 
sizes another point. It is the requirement that relaying devices 
for automatic substations be considered on quite a dilfferent basis 
from those for manual substations. In the manual station there 
is an attendant. It is his ordinary duty to watch the instru¬ 
ments provided for him so that he may check the operation of the 
various relays, etc. In case of trouble he is expected to substitute 
himself for the relay devices should they fail. In an automatic 
station there is no attendant. If a relay is called upon to per¬ 
form its function it must not only be ready to perform that 
function but must perform it successfully. If there is dust on 
the contacts the contacts must be so designed that when opera¬ 
ting the dust must either be wiped off or contact be made not¬ 
withstanding the dust. If the operation is to occur at 180 volts 
then it must occur at 180 volts and not wait until the pressrire is 
at some other value. This has meant a new and very rigid stand¬ 
ard with regard to the performance of relaying devices for auto¬ 
matic stations and the successful operation of several thousand 
of these during the past ten years evidences what can be done. 

In connection with automatic stations there have been de¬ 
veloped a number of supervisory systems. Some of these use 
automatic telephone relays. Such relays are suited for auto¬ 
matic telephone-central service but are not suited for automatic 
power-substation service. For example, the usual automatic 
telephone exchange has reasonably clean rooms kept at a rela¬ 
tively constant temperature’. Besides, the relays are usually 
inspected and tested about once a day or at the most once a week. 
In automatic station service, however, super\'isory system relays 
are frequently called upon to operate mthout inspection or test 
excepting at intervals of one month or more. The ones in the 
outlaying stations are subjected to temperatures varying from 
40 deg. cent, below zero to 80 deg. cent, or more above zero. 
The conditions, therefore, are quite different and it is easy to see 
why a totally different class of relaying device is required for a 
supervisory system in automatic power-substation service than 
for automatic telephone-exchange work. This analysis has been 
proven correct by actual experience. So much so that one of the 
manufacturers furnishing supervisory systems has discarded all 
automatic telephone relays and uses relays developed exclusively 
for railway train-dispatching service where inspections are made 
not oftener than once a year. These relays represent almost the 
last word in relay development because experience has indicated 
that when correctly installed they require no maintenance and 
practically no inspection, 

E- K» Huntini^tons In our system in Rochester, New 
York, we have recently installed two a-c. and one Edison auto¬ 
matic substations. The reference that various devices, which 
have been taken from the manual station and applied to the 
automatic station, should be more reliable is certainly one that 
needs our attention. Among these might be mentioned bearing 
temperature of relays and devices which cannot be easily tested 
aftOT their ihstallation. We have found that most devices are 
subject to change in calibration after installation and unless 
tested periodica^y are unreliable for that reason. In one auto¬ 
matic staition in which there is a vertical hydro-generator, 
we are using a recording bearing-temperature device which not 
only records the bearing temperature and shows that it is work¬ 


ing, but also has contacts on it for tripping the machine in case 
the temperature reaches the value at which the contacts are set 
to operate. Such a device seems very desirable where its cost 
is warranted. 

We have found that constant attention is necessary on all 
devices in automatic stations. At the present time we are mak¬ 
ing a practise of putting each automatic operation through its 
complete cycle at least once every month, as a check upon the 
operation of various devices which may stand for a considerable 
time without operating in actual service. 

In^our Edison system, we have about a 20,000-kw. load 
supplied over an area of about one mile radixis. The voltage¬ 
regulating devices, which were supplied with our Edison auto¬ 
matic substation equipment hold bus voltage within about two 
volts either way, or a four-volt swing on the 250-volt system. 
In our particular case, this has worked out very satisfactorily 
and no objectionable exchange of load has been noticed. More 
sensitive voltage-regulating devices are undoubtedly necessary, 
in supplying the highly concentrated loads of the larger cities but 
not in the average Edison system. 

H. O. Stephens (communicated after adjournment): Mr. 
Millan points out a number of details in the automatic equip¬ 
ment which may give trouble on account of failure to operate. 
In particular, he mentions the possibility of trouble developing 
with thermostats and water-control valves on water-cooled 
transformers. The remedy is obvious and should not bo passed 
over without mention. 

When the type of transformer for automatic sub-stations is 
being selected, there are usually three choices available: 

First: Water-cooled transformers. 

Second: Combination self-cooled, water-cooled transformers 
capable of carrying light loads without water, but with automatic 
thermostats and valves for turning on the water supply for water 
cooling during peak loads. 

Third: Self-cooled transformers capable of carrying the 
maximum peak load. 

The cost of a self-cooled transformer will range from zero to 
fifty per cent greater than the cost of a water-cooled transformer, 
depending upon the size, complications, and voltage; while the 
cost of a combination self-cooled, water-cooled transformer will be 
approximately midway between the cost of a water-cooled trans¬ 
former and a self-cooled transformer. 

Transformers of all three types have been used in automatic 
substations but it is my opinion that while more or less practical 
control devices are on the market for controlling the water for 
water-cooled and combination self-cooled water-cooled trans¬ 
formers, they involve altogether too *‘clever’* designing. The 
simple self-cooled transformer capable* of carrying the maximum, 
peak load is the obvious solution as all of the auxiliary thermo¬ 
stats and valves for controlling the water supply are eliminated 
and the increase in cost of the self-cooled transformer can be 
justified when' it is considered that the efficiency of the self- 
cooled transformer is also usually higher. The self-cooled trans¬ 
former has another decided advantage since the oil temperature 
is a much better indication of the load than it is on a water- 
cooled transformer; while the oil temperature of combination 
self-cooled water-cooled transformer fluctuates so widely that it is 
of little or no value in indicating the load. A reliable thermo¬ 
stat for tripping off the load in case the transformer reaches a 
dangerous temperature can readily be installed in the top oil of a 
self-cooled transformer. These facts should be very carefully 
considered before deciding on the use of anything but self- 
cooled transformers in an automatic substation. 
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Synopsis,—A knowledge of the instanianeotis vedues of ar- 
?nature and field currents, when an alternator is short-circuited, 
is becoming of increasing practical importance. These currents 
determine the rating of protective apparatus, mechanical stresses in 
the machine itself, possible damage to other equipment, etc. During 
the first few cycles, immediately after a short-circuit, the currents 
are usually much larger than those on sustained short-circuit, and 
gradually approach the latter values over a number' of cycles. It is, 
therefore, necessary to distinguish between the initial and sustained 
values of currents, and formulas are deduced in this paper for 
hath. The novel feature, of the treatment consists in starting with 
a generalized unsymmetrical three-phase winding, also containing 
an external inductance in one of the phases. The Kirchoff equa¬ 
tions are wriiten and solved for this general case, and it is then shown 
how the formulas for the usual one-, two-, and three-phase machines 
can be directly derived from the general expressions, without con¬ 
sidering the magnetic linkages in detail in each case, A graphical 
nterpreiation of the equations is also given, in the form of space- 


vector diagrams, in which the m, m, f s. vary according to the sine 
law in space biU not in time. 
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Introduction 

HE purpose of the paper is to deduce general formu¬ 
las for the field and armature currents in a syn¬ 
chronous machine on initial and sustained short- 
circuit. While the subject is by no means new, the 
present treatment is perhaps more general than those 
published heretofore (See Appendix XII). 

In a companion paper by R. F. Franklin, entitled 
^'Short-Circuit Currents of Synchronous Machines,” 
emphasis is laid upon the important practical cases, and 
the formulas are illustrated by calculated curves of cur¬ 
rents. In the present paper, emphasis is laid upon the 
general method of derivation, and specific cases are 
carried out only far enough to show that the results 
check with Franklin's work. 

In accordance with the preference of the Institute 
readers, the paper, itself, is made short and non-mathe- 
matical, while the details of derivati()n of the formulas 
are placed in the appendices to which references are 
made in the text. 

The Diagram of Connections 
Figs. 1 and 2 show a three-phase winding of a s^- 
chronous machine, in which, for the sake of generality, 
the electrical angles between the phases are assumed to 
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be different from 120 deg. Moreover, each phase wind¬ 
ing is assumed to possess a different number of turns and 
therefore a different inductance (for notation, see Ap¬ 
pendix XIII). An external inductance, L, is shown 
in series with one of the armature windings, and equa¬ 
tions are. derived with this inductance in the circuit. 
By putting L = 0, an ordinary three-phase short-cir- 



PiQ, 1 —GenJibalized Unsymmetrical Three-Phase Winding 

cuit is obtained; by putting L == qq- the phase C is 
opened and a single-phase short-circuit is obtained be¬ 
tween the phases A and B. 

The field winding is assumed to be placed on a cylm- 
drical rotor, so that the self and mutual inductances of 
the armature windings may be considered to remain 
constant throughout a cycle. Moreover, the mutual 
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inductances between the field and the annature wind¬ 
ings have been assumed to vary harmonically (Ap¬ 
pendix I). 

The resistances of all the windings are neglected al¬ 
together. For this reason, the field winding is shown in 
Fig. 1 short-circuited upon itself, since the excitation 
voltage is only necessary for overcoming the resistance 
of the winding. A cwtain field current is assumed to 
exist at the instant of short-circuit, and then to vary 
only under the influence of the armature currents so as 
to keep the flux linkages constant; equations (4) and 
(25). 

The assumption of zero resistances is justified during 
the first half cycle orso after the instant of short-circuit, 
when the magnetic fluxes essentially determine the cur¬ 
rents. With large alternators, this assumption is nlsn 
justified for the armature windings on sustained short- 
circuit, the ohmic drop being practically negligible. 
The resistances of the windings enter as a factor in 
the gradual adjustment of the currents from the 
initial values to those on sustained short-circuit. This 
transitional period is not considered in the paper. 

By neglecting the resistances, it becomes possible to 
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integrate directly the Kirchoff equations (1) to (4). 
With reastance terms, the corresponding simultaneous 
differential equations become practically unsolvable. 
A few attempts to solve them even approximately in 
the simplest cases have led to expressions which are too 
complicated for practical use. The method of succes¬ 
sive approximations, although quite tedious, may pos¬ 
sibly be applied with more success. 

Having obtained the fundamental equations, (1) to 
(5), for the general case shown in Fig. 1, and integrated 
them in the form of equations (22) to (25), various 
special cases are considered in the subsequent appen¬ 
dices, as indicated below. 

Single-Phase Short-Ciecjuit 
The most general case of single-phase short-circuit 
considered in this paper is that through an external 
inductance (Appendix V). The angle, is put equal 
to zero and the windings in the phases A and B are as¬ 
sumed to coincide, so as to form but one winding. The 
CTOTOTt flows through this combined winding, through 
ae mductance L, Md through tiie phase winding C. 
Since the angle, die, is not necessarily equal to 180 deg.. 


this case covers not only a short-circuit of a single-phase 
machine, but a single-phase short-circuit of a polyphase 
machine as well. 

More speciflc cases are then considered in detail in 
Appendix VII, with the assumption L = 0. For the 
single-phase machine Le = 0; for a two-phase machine 
the inductance Le is equal to the parallel combination 
of La and Lb, and Ote = 90 deg.; for a three-phase ma¬ 
chine die = 120 deg. The final formulas are shown to 
cheek with those in Franklin’s paper. Finally, a 
graphical interpretation of the single-phase short-cir¬ 
cuit is given in Appendix XI. 

Polyphase Short-Cirouit 
The general expressions for the armature and field 
currents, equations (22) to (25), are first interpreted 
graphically, as shown in Fig. 4 (Appendix III). This 
figure gives a much clearer idea of the inter-relationship 
of the currents than the equations themselves. It is 
then shown in Appendix IV that when L = 0 and 
Le > 0, the voltage e (Fig. 1) between the terminals 
and the neutral, is always equal to zero. This leads to 
a simplification of Fig. 4 to Fig. 6, and the corresponding 
equations are derived in Appendix VI. These equa¬ 
tions are then applied to the usual two-phase and three- 
phase machines in Appendix VIII, and the results are 
shown to check with Franklin’s formulas. 

Individual vs. Common Short-Circuit 
With two-phase and three-phase short-circuits, 
several cases have to be considered, as shown in Figs. 

7 and 8. In the Appendix IX, it is shown that the cases 

7 o and 7 6 are electrically equivalent, and that identical 
currents may be expected in both, at least within the 
limite the fundamental assumptions made in the paper. 
Similarly, the cases 8 a and 8 b are identical, but the case 

8 c presents some additional features. The influence 
of the olunic resistance and of the character of the 
mutual inductance between the phases is discussed, 
and the conclusion is reached that at least in usual 
alternators the currents in case 8 c may be expected to 
be approximately equal to those computed for the cases 
8 a and 8 b. 

Conclusion 

The determination of short-circuit currents in syn¬ 
chronous machines is of considerable importance to the 
designer as well as to the operating engineer. These 
currents may cause considerable mechanical stresses 
in the machine, influence the selection of the protective 
equipment, determine the transient conditions in the 
connected lines, etc. ' 

The fundamental equations with which this investi¬ 
gation begins (Appendix I), are of quite general appli¬ 
cation, and it is hoped that the mathematical portions 
of the paper, especially the general method, may be of 
service not only in eases in which the equations or 
their solutions actually apply, but also in other cases, 
(for example, in an induction machine), in which simi- 
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lar equations may be established and a similar method 
of solution used, 

Mr. R. E. Doherty, of the General Electric Company, 
suggested this investigation as a sequel to his own well- 
known researches in the subject, and the author wishes 
to acknowledge, gratefully, his encouragement and 
assistance in the preparation of the paper. Mr. K. C. 
Mobarry read and corrected the manuscript and made 
several valuable suggestions, for which the author 
wishes to express to him his gratitude. 

Appendix I 

The Fundamental Equations 

Referring to Fig. 1, let at an instant (t) the voltage 
between the neutral points be («). Then, equating to 
(e) the total e. m. f. induced in phase (A), we have. 

La dia/dt -|- Mab d ib/d t -|- Mca d ic/d t 

-I- d (Mfaii)/dt = e (1) 

For notation, see Appendix XIII. The coefficients of 
mutual induction, Mab and Mea , do not vary with the 
time and therefore, are left outside the sign of the 
derivative. The coefficient of mutual induction, M / a , 
between the field winding and the armature phase (A), 
is a function of time and, therefore, a derivative must 
be taken of the linkages, M/a if . 

By analogy, we can write for phases (J5) and (C), 
respectively, with a cyclic substitution of the sub¬ 
scripts (o), (6), (c): 

Lb d ib/d t -(- Mbc d ic/d t - 1 - Mab d ia/d t 

-f- d {M/b if)/d t = 6 (2) 

(Z/e “1“ IS) d ic/dt~\~ Ilea d iafdt ^ Mbc d ib/d t 

-|- d {Mfcif)/dt — 6 (3) 

In equation ( 3 ), (L* -f L) is used instead of (Lo), where 
(L) is the external inductance. {L) is not interlinked 
magnetically with any of the phases, and therefore 
does not enter in the other equations. For the field 
circuit, we have; 

Lf d if/d t -f- d (Mfa ia)/d t + d (Mfb ib)/d t 

+ d ( Mfcic)/dt = 0 (4) 

The first KirchofI law, applied to the armature winding, 
gives, 

ia H" ib + = 0 (®) 

Equations (1) to (5) contain five unknown functions 
of time (t); namely, ia, ib, i», if, by solving the equa¬ 
tions, all these functions can be determined. 

The foregoing equations can be somewhat simplified 
by expressing the inductances through the corre¬ 
sponding equivalent permeances and the numbers of 
tums^. Moreover, with the fiuxes and m. m. f s. 
assumed to be distributed sinusoidally along the air-gap, 
the various mutual inductances are simple cosine func¬ 
tions of the angles of separation between the two coils. 

Let the permeance of the useful (or common) mag¬ 
netic path through the field and the armature be (^) 

2. V. Karapetoff, “The Magnetic CSrouit,” p. 184. 


henries. Let t be the magnetic leakage coefficient of 
the field circuit, that is, let, 

r “ ^uceful/^tctal (6) 

when the field alone is excited. Similarly, let (c) be 
themagneticleakage coefficient of the armature winding. 
Both (or) and (t) are less than unity. The four sdf- 
inductances can be expressed as follows: 

L. = (P Na^\ = (T-i (P Nb^; Lc = <r-^ (P Nc^ (7) 
L/ = (P (8) 

It is convenient to assume the external inductance coil 
(L) to have the same number of turns as one of the phase 
windings, for example phase (A), and to represent its 
equivalent permeance in the form, k cr^ (P, so that, 

L = ka-^(PNa^ ( 9 ) 

The factor (k) may have any positive value between 
zero and infinity, so that equation (9) in no way limits 
the value which may be assigned to (L). 

The simplest assumption whidi can be made in 
regard to the coefficients of mutual inductance is that 
they are harmonic functions of the space angles between 
the coils. This approximately holds true for machines 
in which the armature m. m. f. is distributed in space in 
accordance with the sine law. Let the coils in phase 
(B) be shifted until they completely coincide with the 
coils in phase (A). Then, the coefficient of mutual 
inductance between the two is equal to (PmNaNb, 
where a*#, is the mutual or common permeance of the 
magnetic circuit embraced by the two groups of coils. 
When the coils completely coincide, (Pm = <P* 

Now, as the coil (B) is moved back to its true position, 
we may assume that the part of the flux due to (A) and 
linking with (B) varies as the cosine of the angle of 
shift. The mutual permeance varies in the same ratio. 
With these assumptions, we obtain the following expres¬ 


sions for the various s; 

Mab = (P Na Nb cos dab (10a) 

Mbc = <p Nb Nc cos 6bc (10b) 

Mca = <r-^<P Nc Na cos 6ca (10c) 

Mfa = (PNaNf cos a (11a) 

Mfb = (P Nb Nf cos 0 (11b) 

Mfc = (PNcNfCOSj (11c) 


The coefficient of mutual inductance, Mfa, reaches 
its maximinn when a = 0. By definition, the coeffi¬ 
cient of magnetic coupling, K, is determined from the 
relationship, 

X* = (max. Mfa)y(Lf La) (12) 

Substituting the values from equations (7), (8), and 
(11a), we get, after reduction, 

= (XT (13) 

The variable angles a, /S, y, differ from each other by 
constant amounts; namely, 

= a — dab (1^) 

y = a + dca (13) 
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Instead of t, we shall take a for the independent vari¬ 
able, where 

a = CO < = 2.ir/o t (16) 

We then have, 

d/d < = <0 . d/d a = CO . d/dfi = co. d/d j (17) 

It is convenient to represent (e) in equation (1) as a 
derivative of some function with respect to time, be¬ 
cause then the equation can be integrated directly. 
We, therefore, put, 

e = (T-^ffN/^ds/dt (18) 

where (s) is a function of time, containing no constant 
term. However, any desired constant term may be 
added to (s) without changing the value of e in equation 
(18). We shall arbitrarily assume that this constant 
term is zero so that s = 0 when e = 0. The factors 
a, Na\ and (P are added in order later to cancel them 
on both sides of certain equations. 

The following assumptions are further made: 

(a) The coils (A) and (B) have the same number of 
turns (N), so that, 

JV. = Wt = iV (19) 

(b) The number of turns in coil (C) is (c) times that 
in (A) ; in other words, 

Nc = cN (20) 

The factor (c) may have any value between zero and 
infinity. 

(c) The number of turns in a field coil is (/) times 

that in the coil (A), so that, 

N/^fN (21) 

Substituting the foregoing expressions in equations 

(1) to (4), we obtain, after integration and simplification: 

ia + H cos dab + c ic COS d^a + f CT If COS CV 

= s +A (22) 

ib + e i, cos dbc + ia cos dab +fa if cos d 

/= s-\B (23) 

(c* -1- k) ic + c ia cos dca + c ib cos dbc + cfff if cos y 

“ s + c C -|- [i: If] (24) 

i.cosa +« 6 C 0 S |8 -fci’cCosT + f r~Hf 

^Ffr-^If (25) 

Here, (A), (B), (C), (F), are constants of integration; 
for the initial short-circuit conditions, they depend 
upon the values of the currents and of (s) at the instant 
of short-circuit. In order to make the initial constant 
(C) independent of (k), the term k Ic is added in equa¬ 
tion (24). This term is placed in the brackets to indi¬ 
cate that it is used only for the initial short-circuit. 
With a si^ained or established short-circuit, the cur¬ 
rents are independent of the initial values, such as Ic, 
and the term it is simply omitted. 

Equations ( 22 ) to (25), together with equation ( 5 ), 
contain five unknown functions of the time-angle (a), 
namely i„, 4 4 4 s, and can be solved for these as 
simultaneous equations. 


Appendix H 

Constants op Intpkjkation 
1 .—Armature Constants for the Initial Shint-Cirniit. 

For the instant of short-cireuif, wjuutions '22* h> 
(24) become 



U cos ^ S A 

•2€» 


t/eos ($ - dab) B f B 

!27) 

e 

where 

U cos (1 + d,a) ■- B d <• (' 

28) 

U cos f 

/„ + Ib cos ().,), ( cus tt. 



1- / ff If <n).s fit. 

29) 

U cos (J 

d„b) h + r If cos 9,. 1 /., cos )/„■, 



+ / (T If cos 

30 i 

U cos -I - 

’ 9 ,.«) C If I a t’OS 9,„ i" Ib C»)S ft". 



+ / ff // cos ■> ,, 

31) 


In c(iuation (29), the initial linkages on the right-iiand 
side are arbitrarily denote<l by I! <'«»s ('.ranting thi:< 
notation, the other two etiuutions c:ui be «bnbu' 4 *tl .a?? 
follows: 

I^et Jo,/ft. If, If and U be thought of us \i*«-tors in 
space, not in time.) Then etjuation (29 may Is* 
thought of a.s the real part of the exim*Asio« 

U ~ la -f- Ib +(•/.« 1 / xe It t32i! 

Multiplying thi.s equation throughout by « and 
equating the real parts, equation C30 j is obtaittHl. 
Multiplying both .sides of equation (32 i by « ' • ami 
c(iuating the real imrts, giv«« eqiuUbjn (31». 

To solve equations (29) to (31) for and fj., iw 
equation (32), since it gives, dirt*ctly, thi* values »>f 
U cos t and U sin Dividing the second vaha* by the 
first will give tan f and consequently cos j. t ht ii< 
then found by dividing the expressiim for U cos i by' 
cos S. 

In the actual solution of equations (22* to (25 j, the 
first step is to eliminate («) by subtraction. (Conse¬ 
quently, it is also convenient to eliminate (.S's from 
equations (26) to (28). We then get* 


B 

-A 2 U sin 0.6 dab sin (| - 0.5 e„Hi 

(33) 

A- 

cC Ub sin (f -f- d,„') 

(34) 

where 

b sin dca' “ 1 -• (! cos 

(3S) 


b cos dca* “ c sin B,„ 

(36) 


Equation (34) is deduced as follows: Subtracting t>t{ua- 
tion (28) from equation (26), we get 

U [cos { - c cos (f + - A - c (f (37) 

Expanding the expression in the parentheses and intro- 
ducing the quantities (6) and 9,/, according to the 
defining equations (35) and (36), gives: 

U [b cos { s in dca' -f 6 sin I cos 9„i « A ~ c C (38) 

3. The symbol (6) appearing in atmations (38) and (36), and 
later m equations (66) and (67), has nothin* to do with pha*«. 
(B)* but w an auxiliary constant defined by th^ equaiionn* 
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From tins expression, equation (34) follows directly. 
A geometric interpretation of the auxiliary quantities 
(6) and dca' is shown in Fig. 3. (A C) represents the 
phase (A), with the number of turns arbitrarily assumed 
to be equal to unity. To the same scale, (A B) repre¬ 
sents the winding of the phase (C), with the number of 
turns (c) times that of phase (A). The space awglp 
between the windings is dca. The closing line of the 
triangle (ABC) represents (5), and the angle which it 
forma with the normal to (A C) is equal to 6ea'. Equa¬ 
tions (35) and (36) are then satisfied. We also have 


6* = 1 -|- c* — 2 c cos dca (38a) 

tan dca' = (1 — c cos 0„a)/(c sin d„) (39) 

When I, = = I, = 0 (40) 

equations (29) to (31) simply become 

U=f<xlf\ | = ao (41) 


with the corresponding simplification of equations 
(33) and (34). 

Because of the form (41) to which the expression for 
(f7) is reduced in the simplest case, it is convenient for 
some purposes to put generally: 

U = uffflf (42) 



Pig. 3—Definition of the AtoiiiIArt Quantities B and 

where (u) is a proper factor to make equation (42) agree 
with equations (29) to (31). 

It is shown in Appendix IV that when k — 0, (s) is 
equal to zero at all instants, so that (5) is also equal to 
zero. Equations (26) to (28) are then simplified 
accordingly. 

2.—Armature constants for the permanent short-drcuit. 

In this case; omitting the term [k IJ in equation 
’ (24), we simply have: 

A = B = Cl = 0 (43) 

and C = 0 (44) 

for the following reasons: The armature currents ia, it, 
ic in equation (22), can have no d-c. component, be¬ 
cause the phenomenon now consists in an established 
operation of the alternator, all transients having died 
out. Hence, the average value of each current over a 
cycle is equal to zero; since 

2t 

average % = (2 ir)”* f id a 


2» 

we have, J' ida = 0 (44a) 

0 

The field current, v, has a d-c. component and (we may 
provisionally assume) has some sinusoidal harmonics. 
However, a sine-wave component of fundamental fre¬ 
quency is absent because it could be induced only by a 
stationary armature fiux or by one moving at twice the 
synchronous speed. Therefore, expanding the field 
current into a Fourier series, we have, 

4/ = io “f" ii sin (2 Q! -j- -|- ii sin (3 o! -t- fis) -j- etc. 

and consequently 

if cos a = in cos a -f- in cos a sin {2 a + jus) 

-|- is COS a sin (3 ck -1- un) -|-. 

-|- in cos O! sin (w a -1- m») (44b) 

But, 


COS a sin {n a + /t„) = 0.5 sin \{n -1-1) a -|- /*<»] 
4- 0.6 sin [(n - 1] a 4- jUn]. 


Multiplying by d a and integrating over a cycle, we get, 

2ir 

y* cos a sin (■» a 4- Mn) d a = 0 
0 

Hence, if we multiply equation (44b) by d a and inte¬ 
grate over a cycle, each term on the right-hand side is 
separately equal to zero, and consequently 

2r 

f if cos a d a = 0 (44c) 

0 

Therefore, from equations (44a) and (44c) we see that 
if equation (22) is multiplied by d a and integrated over 
a cycle, each term on the left-hand side is separately 
equal to zero, so that the right-hand side is also equal to 
zero. 

But, by assumption, (s) has no constant term and 
consists of sinusoidal terms only, so that its integral 
over a cycle is equal to zcto. Consequently 2 ir A = 
0 or A = 0. By a similar reasoning it can be shown 
from equation (23) that B = 0; equation (44) can be 
proved from equation (24). The result Z7 = 0 follows 
from equations (33) and (34). 

S.—Field Constant for the Instant of Slwrt-circuiL 

The constant of integration (F), in equation (25), is 
determined from the condition 


{F-Dfr-^If 

= JoCOsao 4-IkCOSjSo 4-cI«cos 7o (45) 
When tlie condition (40) is satisfied, 

F = 1 (46) 

J^,—Field Constant for Permanent Short~Circuit. 

Permanent armature currents can induce in the field 
winding only alternating voltages, without any d-c. 
component. Hence, the average value of if over a cycle 
is equal to the actual value If of the field current at no- 
load. In other words 

Sifda=‘2vlf (47) 

0 

Under the assumed conditions, the field current is a 
periodic function of a; so that, in general, we may wnte, 
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ifp = WfF If <f> (a) (47a) 

where the subscript (p) signifies "permanent,” (w) is a 
known constant, and (a) is a certain function of the 

time-angle a. 'Therefore, equation (47) becomes: 

2» 

mF f 4> {a) d a = 2ir (47b) 

a 

Knowing (m) and (p (a), the factor (F) can be deter¬ 
mined from this expression. 

In this investigation, only two particular forms of 
4> (ct) occuET. Each of these forms permits definite 
integration and, hence, a solution for {F). For a two- 
phase or three-phase short-circuit, with k = 0, if,, = If 
(see equation 134), so that it is permissible to put 
F - m = <i> (a) =1. With a single-phase short-cir¬ 
cuit, equation (106), the function is of the form: 

d> (a) = [% — 2 g sin* (a — 0')]”‘ (48) 

where n, g, 6\ are known constants. Equation (48) 
may also be written as 

<l> (a) = [(» - g) + g cos 2 (a - 0')]'‘ (48a) 

Integrating in this latter form, we get<. 

2ip _ 

y* <f> (a) da = 2 tt /Vin — g)* — g® (49) 
so that, from equation (47b), 

Fip = V (n- g)*- g* (49a) 

The subscript (p 1) signifies "permanent single-phase 
short-circuit.” 

Appendix III 

Graphical Representation op the Linkage Equa¬ 
tions (22) TO (25) IN A Polyphase Short-Circuit* 

Equations (22) to (25) are represented in Fig. 4 by 
means of a polygon of space vectors. The currents being 
non-sinusoidal in time, no ordinary time-vector dia¬ 
grams can be used. However, the distribution of all 
the m. m. f's in space being by assumption sinusoidal, 
these m. m. f's, for a particular instant of time, can be 
represented by space vectors. For another instant of 
time, the lengths of the vectors ia, if, and the 
angle (a), are different, but the angles dab, 9ic, (9„, {, 
and the lengths 0 K and H. N remain constant. 

Taking first equation (22) and substituting for (A) 
its value from equation (26), we get: 

*'• + ii cos dab -f- C ia cos dea + / O’ 2/ COS a 

= U cm I + {s - S) (50) 

In Fig. 4, O A = ia and AB — ii,, the space angle (noi 
the time angle) between these two m. m. f. vectors being 
dab, Sinw + it + ia = 0, instead of la 3 ring off the 
vector c ic in the direction of %, we draw the vector 
<5 (*o + ib) = BC in. the opposite direction. Let, at 
the instan t shown in Pig. 4, the angle (a) be equal to 

4. See, for example, Peirce’s “Short Table of Integrals,’’ 

p. 41, Equation (300), the last line. 

5. For a simflar representation in the single-phase case see 
Appendix XI. 


A OP. In other words, if OA represents the axis 
of an armature coil in phase A, 0 P is the axis of the 
field coil, revolving clockwise.® The vector CG — 
f a if \& drawn parallel to 0 P and consequently at an 
angle a to 0 A. The vector OK = U makes an angle 
J with 0 A. Finally, the vector A' = s — iS is drawn 
parallel to 0 A. K A' is shown as a chord of a circle 
drawn on K G as a diameter. This is to indicate that 
GA' is perpendicular to OA. The direction OK is 
extended to L, and a circle is drawn on K L as a diam¬ 
eter. The length of this diameter is such that the chord 
KA" = S, where A h‘es on the same straight line 
with K and A'. Since K A' = s — G, we have that 
A' A' = s. Thus, by means of the two circles both 
s and S can be represented separately. 

In the polygon 0 AB C G A'K, all the sides, except 
A' G, have been expressed through the physical quanti¬ 
ties which enter into our problem. If, however, all the 
sides of the polygon be projected on 0 A, the side A'G 
is eliminated, and we may write that 



Pig. 4—Space Diagram op the Armature and Field h. h. p'b. 

Sum of projections onO A of (0 A +AB+BC +CG)<= 
Sum of projections on 0 A of (0 K: -f- K; A') (51) 

A comparison of this equation with equation (50) shows 
the two to be identical, and we conclude that the above- 
mentioned polygon represents equation (22). 

By analogy with equation (SO), equation (23) may 
be written in the form: 

4 + C ic cos dbe + ia cos dab -h f <T if COS d 

= 17 cos (J - dab) + (s-S) (52) 

Thus, to represent equation (23), it is only necessary to 
replace KA' by KB' parallel to AP. When pro¬ 
jecting the new polygon on the direction A B, the un¬ 
known vector B'G is eliminated. Since both KA' 
and KB' are equal to s- 5, the angles A'KG and 
g'KG mu st in reaUty be equal. 

6. ^ Th© couuter-olockwise rotRtion lias be©n standardized 
for time vectors only, and there is no objection to using the 
clockwise rotation for space vectors. 
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To represent equation (24), we first eliminate 
c C by using equation (28). The result is: 

c *ie + c ia cos 6ctt + c ib cos dbc + cf (rif cos y 

= c C7cos ({ -f dca) + {8- S)-kic + (S3) 

Here we have to distinguish between the case when 
c > 0 and when c = 0. When c > 0, both sides of 
equation (53) can be divided by c. The result corre¬ 
sponds to the polygon 0ABCGCK, where KC 
= (s — S) C-* — k io +1* -Tc/c] and is parallel to B C. 
When c = 0 equation (53) is reduced to: 

s-S = kic-[klc] (53a) 

and permits to eliminate s — 5 in a simple manner. 

The polygon which corresponds to equation (25) 
isO A B CH, where: 

CH (54) 

The sum of the projections of OA+AB + BC 
+ C H upon 0 P is always equal to zero, for any value 
of angle a. In other words, 

CN -h Smnof projectionsof (OAH-A B + BC) = HN 

(55) 

This is identical with equation (25). 

As angle a varies, the directions 0 A, AB, B C re¬ 
main the same, only the values of . the currents, and con¬ 
sequently the positions of the points A, B,C, vary. 
The vector 0 K remains constant in magnitude and in 
direction. The vector C N turns soasto remain parallel 
to 0 P, and its part H N remains of constant length 
equal to P / I/. The diameters K G and K L vary 

in magnitude and in direction. 

When there is no external reactive coil (that is, when 
A: = 0), S = s = 0 at all instants, and the voltage be¬ 
tween the neutral points remains equal to zero (see 
proof below). Consequently, both circles in Fig. 4 
shrink to zero and the diagram is considerably simpli¬ 
fied; see Appendix VI. 

Appendix IV 

Proof that s = Owhbn k — 0 and e > 0 
Multiply equation (50) by c sin Obc, equation (52) by 
c sin 6ca and equation (53) by sin dab> and add them to¬ 
gether. In the result, the factor by which c ia is multi¬ 
plied is 

sin dbc + sin dea cos dab + sin dab cos dea 

= sin -f sin (dea + dab) (56) 

But, according to Figs. 1 and 2, 

dab + dbe "I" ^ca — 360 deg. (57) 

so that sin (dea + = — sin (dbe) (58) 

Therefore, expression (56) is identically equal to zcto. 
Similarly, it can be proved that the I’esulting equation 
does not contain ib and ie- 

One of the factors by whidi c if is multiplied in the 
result is: 

Cos a sin dbe + cos (a - dab) sin dea + cos (a -f 0,.) 
sin dab 


= cos a (sin dbe + sin dea cos dab + sin dab cos dea) 

+ sin a (sin dab sin dea — sin dea sin dab) (59) 
In this expression, the term by which sin a is multi¬ 
plied is identically equal to zero, and the term by which 
cos a is multiplied is the same as expression (56) which 
we have shown before to be equal to zero. Thus, the 
resultant equation does not contain i /. For the same 
reason the quantity ( U) is eliminated. Thus, the result 
is: 

(s - S) (e sin dbe + c sin dea + sin dab) 

= k ie sin dab — [k !«sin 0 J (60) 

If k is not equal to zero then, since ie is a function of 
time, (s) is also a function of time. But when k = 0, 

8 must be equal to (S), where (S) is a constant; conse¬ 
quently, (s) must also be constant. According to 
equation (18), this means that when k = 0, (e) is also 
equal to zero, no matter how unbalanaced the phases 
maybe. But, by assumption, (s) contains no constant 
term; hence, when k = 0, 

8 = S=^0 (61) 

The foregoing deduction, being based on equations 
(56) and (59), presupposes that the coefficients of mutual 
inductance are harmonic functions of space angles; in 
other words, that equations (10a) to (11c) hold true. 
If the winding is such that these relations are not satis¬ 
fied, or satisfied only approximately, (s) may depart 
from zero and be a function of time. When equation 
(61) is satisfied, only two out of the three equations, 
(22), (23) and (24), are independent of each other. 
The third one can be obtained by properly combining 
the other two. The same is true of equations (50), 
(52), and (53). This may be seen directiy from Fig. 4. 
When 5 = 8=0, point K coincides with G (Fig. 6) 
gtiH the closed polygon OABCGK is the same for 
each of the three aforementioned equations. But the 
condition that a polygon is closed is expressed by stating 
that the sum of its projections on any two axes is equal 
to zero. It is superfluous to equate to zero the sum of 
its projections on any third axis, because the equations 
so obtained can be written by properly combining the 
other two equations. This follows from the f^t that 
if tiie projections of a vector on two given directions 
are known, its projection on any third direction is also 
known. 

Thus, in this case we have only four equations instead 
of five, but we also have only four unknown functions; 
namely, the armature currents and the field current. 
This case is considered in detail in Appendix VI. 

The foregoing deduction, and the condition (61), do 
not necessarily hold true when one of the angles d is 
equal to zero. Let, for example dab be equal to zero, so 
that dbc = 360 deg. - U... Then equations (50) and 
(52) become identical and can no more be ^nsidered as 
independent equations. Moreover, both sides of equa¬ 
tion (53) cannot be multiplied by sin dab, because sin 
dab = 0. From the physical point of view, when any 
two of tiie windings,—say A and B,—coincide in space 
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they form a single phase, with the winding C as the 
return phase. We thus have a single-phase circuit, the 
sum of the currents and it being considered as one 
current. The voltage between the neutral and the 
tenninals (Pig. 1) is then not equal to zero, unless 
<5 = 0, that is, unless the phase C is simply a jumper 
of negligible impedance. This case is fm*ther con¬ 
sidered in Appendices V and X. 

Appendix V 

Single-Phase Short-Circuit Through an 
Inductance 

Let, in Fig. 1 and 2, the angle dab be equal to zero, so 
that the windings of the phases (A) and (B) coincide. 
Let the angle dbc now be simply denoted by d; then, 
dea = 360 deg. — d. The currents (ia) and (ij) do not 
exist singly, but their sum is equal to — ig. Equation 
(50) becomes, 

— Zg (1— e cos d) +f<rz/cos a 

= Ucos^ + (s-S) (62) 

Equation (52) becomes identical with equation (62) 
and cannot be used. Equation (53) becomes, 
ig (c* — c cos d) +ef<rif cos (a — d) 

= cUcos (f — d) + (s- S)- kig -f- [kig] (63) 
Equation (25) becomes. 



Fig. 5 —Definition op the Avximary Quantities B and fi 

f if + it [e COS (a — d) — cos a] = Ff (64) 

To eliminate (s - S), we subtract equation (62) from 
equation (63). The result is, 

it [c*-^2 c cos d -I- 1 + A] -t- / or V [c cos (a — d) — cos a] 
= ?7 [c cos (f- d) - cos a + (65) 

In this equation, the expressions within all the brackets 
can be simplified by introducing auxiliary quantities 
(d) and (dO, shown in Pig. 6. (A (7) is a unity vector; 
(A B) is equal to (c) and is drawn at an angle (d) to 

(A G). Then, (6) is the closing side of the triangle and 

(d') is the angle between (6) and the perpendicular 
BD to AC. Let the direction AE be drawn at an 
angle a to AC. Then, from the geometry of the figure, 
the angle at E is equal to 90 deg. + 6' — a, and we 
have, 

i — c cos d = 6 sin d' (66) 

c sin d = 6 cos d' (67) 

6® = c® -I- 1 - 2 c cos d (68) 


Multiply equation (66) by (cos a) and equation (67) 
by (sin a); subtracting the first result from the second, 
gives, 

c cos (a - d) - cos a = 6 sin (a - d') (69) 

and by analogy, 

c cos (I - d) - cos 5 = 6 sin ({ - d') (70) 

Therefore, equation (65) becomes, 
it + k) + fab if sin (a — d') 

= Ubm(^~ d')-\-[kIg] (71) 

while equation (64) is reduced to, 
b ig sin (a - d') + / t-» if t-i !> (72) 

Solving equations (71) and (72) for and if, we get6 

E1/ [l-f (Jem -[kUr sm(a = d')/(bf) 

. _ — (U/f) t sin (I — dp sin (a — dQ 

■ [1 -I- (km ~ E* sin* (a - d') 

- (F/b) Iff <r sin (a - d') 

. _ + (17/6) sin (g- d') + [kIg]/¥ 

‘‘ [1 + (km - K* sin* (a - dO 

where E* is defined by equations (12) and (13), and the 
subscript (1) stands for “single-phase.” For the deter¬ 
mination of the constants, U, and F, see Appendix 
II. In particular, for a permanent short-circuit, 
U = 0, Ig =0, and comparing equation (73) with 
equations (47 a) and (48)^ we find that, 

m=‘n = l + (km. ?=-0.6E* 

Hence, equation (49a) will give, 

ni = [l + (Wl-‘. 

{ [1 + (k/¥) - 0.6 E*]* - (0.5 E*)* j »•* (75)' 

For a graphical interpretation of equations ,(71) and 
(72), see Appendix XI. 

Appendix VI 

Three-Phase SHORT-CiRcmT Without External 
Inductance 

It is shown in Appendix IV that s = 0 when there 
is no external inductance in the phase C (k 0). In 
this ease. Pig. 4 is simplified to Pig. 6, because the dia¬ 
meter KG of the circle shrinks to zero.^ The armature 
currents are shown in Pig. 6 in a somewhat different 
order;namely, the vectors 0 A and BD (^^ AE), both 
of which are proportional to (»«), areplacedinsuccession. 
Similarly, the vectors A B(= ED) and D C, both pro¬ 
portional to (it), are drawn together. While the 
resultant vector between 0 and C is not changed there¬ 
by, it becomes possible to combine the vectors (i*) .and 
(da) iiito one vector, 0 E = Z ia, where (t) is a numeri¬ 
cal factor; the direction of 0 E is charactmzed by 
the angle X which it forms with 0 A. The sum of the 
vectors ED and EC is represented by the vector 
EC = hib, where (h) is a constant factor; EC is 

7. Fig. 6 does not hold true when $ah = 0, even though (s) 
may be eqLual to zero. We then have a single-phase short- 
circuit, considered graphically in Appendix XI. 
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characterized by the position angle (ij) which it forms 
with 0 A. In this manner, the number of armature 
current vectors between 0 and C is reduced from four 
to two, shown by the heavy lines. 

Equations (50), (52), and (53), together with the 
conditions s = S = k = 0, represent the sums of the 
projections of the sides of the closed polygon 0 ABC 
G 0 (Fig. 6) on three different directions. But, the sum 
of the projections of this polygon on any axis is equal to 
zero. Hence, these three equations can be combined 
into one vectorial equation of the form: 
ia 6^' + ib +/<r4/ 

= [7gi(e+«) (75) 

In this expression, (5) is an arbitrary angle; by giving it 
a suitable value and equating the real and the imagi¬ 
nary parts of equation (76) separately to zero, alge¬ 
braic equations of projections on any two desired per¬ 
pendicular directions can be obtained. 



Pig. 6— A Particular Case op Pig. 4, when E = 0 

Substituting for (Q its value from equation (S), 
equation (76) becomes, 

_ c + it - e 

= 17 +« - / <r V (77) 

The two vectors in the first brackets represent O A and 
A E, respectively; the two vectors in the second 
brackets represent the vectors E D and DG. Using 
their geometric sums, 0 E and E C, equation (77) is 
simplified to: 

^ - /<r V (78) 

To solve this equation for iat we put, 

^ 4 - S = 90 deg. (79) 

Then, the real part of the equation becomes, 
lu cos (X -f 90 deg. - ,) = 17 cos (S + 90 deg. - u) 

— f <r if cos (a -F 90 deg. — v) (®®) 

Solving for ia, we get, 

Usin(^-v)-f<Tifain(,a-ri)_ .gj. 

1 sin (X — 1 ?) 


By analogy, putting in equation (78) X^H- 5 = 90 deg., 
we obtain. 


U sin (I — X) — / <r 4/‘sin (a — X) 
k sin (t/ — X) 


(82) 


The auxiliary quantities (1) and (X) are found from 
the equation, 

= l-c (83) 

Equating separately the real and the imaginary parts, 
we get, 

Z cos X = 1 — c cos 0ca (84) 

Z sin X = c sin 0ca (85) 

From these equations, (Z) and (X) can be readily com¬ 
puted. Similarly, for (k) and (ij) we may write, 

ft gjV = _ g (gg) 

from which, 

k cos 1 } = cos 0ab — c cos ffca (87) 

h sin ij = sin 0ab + c sin dea (88) 

The field current (v) is determined from the condi¬ 
tion, 

HG=Ucos(a- =HN-GN (89) 

(Consequently, 

Uco& (a- 0= Ffr-^If-(J r-Hf - f <r if) (90) 

from which, 

. FI/-r(17//)cos(a-^) 

^f =-( 91 ) 


where if* is defined by equations (12) and (13). Sub¬ 
stituting the value of ( if ) from equation (91) in equa¬ 
tions (81) and (82), we get, 

ia = [(1 - 0.6 jK*) Z7 sin (S - ij) - <r/F 1/ sin (a - v) 

+ 0.5if® 17sin (2 a-|-ij)]/[Z (1- K^) sin (X- v)) (92) 

it = [(1 - 0.6 K^) 17 sin (f - X) - <r/F 1/ sin (a - X) 

+ 0.5 ii[« C7 sin (2 a - J - X)]- /[A (1 - K^) sin 

(v- X)] (93) 

In the derivation of these expressions, the following 
trigonometric transformation was used: 

cos (a — J) sin (a — n) 

= 0.6 sin (2 a — 5 — »?) + 0.6 sin ({ — ij) (94) 

From equations (92) and (93), using equation (5), we 
can readily find the value of ie = — (ia + 4). 

Equations (91), (92), and (93), are not appUcable 
when one of the space angles, say Bab, becomes equal to 
zero. This case is anal 3 rzed in Appendix X. 

Appendix VII 

Special Cases op Single-Phase Short-Circuit, 
Equations (73) and (74) 

When Jk = 0, th^ equations are simplified as 
follows: 

(a) For Ike initial skort-eircuit, with equations 
(40), (41), and (46) satisfied: 
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If [1 — sin (ao — 6') sin (a — d')] 
1-K^ sin* (a - O') 


%u - ■ f or If 


1 — COS O' 

1 — cos* a 


so that equations (73) and (74) become 

. _ v'nrr* 


. _ (fa- 7//6)[-sin (a - O') + sin (cko - ^0] 

l-Z*sin*(o'- 00-- 

where the subscr^t (1) stands for ’’single-phase” and 
the subscript (t) for “initial.” The denominator can 
also be transformed into a function of 2 «; namely, 

1 — sin* (q: — 0') 

= (1 - 0.5 Z*) -t- 0.6 Z* cos 2 (a - $') (96) 

If (id,) and (ifii) are to reach their greatest possible 
values after the short circuit occurs, we must put, 

ao — — 90 deg. (97) 

Thus, equations (94) and (95) have their maxima at 
a — 6' = 90 deg. (98) 

that is, half a cycle after the instant of short-circuit. 

(1) Single-phase machine, or a polyphase machine 
with one phase-terminal grounded to the neutral. The 
winding C then eleclrically does not exist, so that 
c = 0. From equations (66) and (67), 6 = 1 and 
0' = 90 deg. Consequently, ao = 0, and, 

„• _ r 1 — Z* cos a 

l-Z*cos*a 


= If '■ 


1 — Z* sin* (a — 0') 


-.'.■,-itf,/.rvi-g)/n ,,) ■ (107) 

In these expressions, the values of (6) and (0') are the 
same as those computed above for the initial short-cir¬ 
cuit. With these values, equations (106) and (107) 
will be found to check with Franklin’s equations (80) 
and (81), except for the sign of the armature current, as 
explained above. 

For a graphical representation of the field and arma¬ 
ture currents in the single-phase case, see Appendix XI. 

Appendix VIII 

Some Particular Cases op Polyphase Short- 
Circuit, Equations (91) to (94) 

(a) Initial Short-Circuit. Assuming equations (40), 
(41), and (46) to be satisfied, we get 

f T 1 — Z* Cos (a — ai,) 

= If -rir^- - (i®8) 


(1 — 0.5 Z*) Sin (t) — ao) 

iaiti = f (T I, +Sin (g - 7?)-0.5 Z* Sin (2 a - gp - ,) 

^ ' rrr-z*)Sin(n- X)- 


Th^ expressions agree with Franklin’s equations (10) 
and (11), remembering that his (i„) is the same as our 

( ^d<). 

(2) Two-phase machine, terminal-to-terminal short- 
mcuit. In this case, c = 1 and 0 = 90 deg. Equa¬ 
tions (M) and (67) are satisfied when d' = 45 deg. and 
6 = V 2. Consequently, ao = - 45 deg. and 


ifif = If J + sin (g - 45 deg.) 
M - Z* sin* (a-45 deg.) 


( 101 ) 


ieii — {fa If/ V2) 


1 -I- sin (g - 45 deg.) 

1 — Z* sin* (g — 46 deg.) 


( 102 ) 


These expressions are identical with Franklin’s equa¬ 
tions (23) and (24), keeping in mind that his current 
(to) in the machine itself is equal and opposite to our 
current (foil) in the external connection. 

(3) Three-phase machine, terminal-to-termihal short- 
circuit. In this case, c = 1 and 0 = 120 deg. Equa¬ 
tions (66) and (67) give 0' = 60 deg. and 6 = VT. 
Hence, ao = — 30 deg. and. 



1 + Z* sin (g — 60 deg.) 
1-A*sin* (g- 60deg.) 


(103) 


-icu = (fa If/VS) - . ^ +fh(g -.60deg.) 

1 — sin^ (a — 60 deg.) 

These expressions agree with Franklin’s equations (< 
and (41). ^ 

(b) For the permanent short-circuit, U = 0 Fr( 
equation (75), putting A = 0, we find 

Fpi = v' 1 — Z* ('IS 


(109) 

(l-0.5Z*)Sin(go- X) 

^ 23 . =/ cr If (2 g - go - X) 

h(l — Z*) Sm (j; — X) 

( 110 ) 

where the subscript 23i stands for “two-phase- or three- 
phase, initial short-circuit”®. 

The field current reaches a maxim uTn value 

max. V 234 = 7/ (1 -F Z*)/(l - Z*) (111) 

at the field position corresponding to 

a — ao = 180 deg. (112) 

that is, half a cycle after the instant of short-circuit. 

Let it be required to find the values of ao and a such 
that the current i^ reaches its absolute maYiTnnm. 
The numerator of expresaon (109) becomes a positive 
maximum when the following three conditions are 


fulfilled: 

sin (n - ao) = 1 (113) 

sin (g - 1 ,) = 1 ( 114 ) 

an (2 g - ao - 7j) = - 1 (115) 

These equations are satisfied when 

ao == 7j - 90 deg. (116) 

a = -I- 90 deg. (117) 


The same r^ult can be obtained by equating to zero the 
partial derivatives of expression, (109) with respect to 
g and gp. We see that the armature current in phase 

8. The equations deduced in this Appendix do not hold true 
w on 9aj»0. We then have a single-phase short-oirouit 
treated m Appendices V, VII, and XI. 
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A reaches its maximum half a cycle after the instant 
of the short-circuit. Substituting the value of ao 
from equation (116) in equations (108), (109), and 
(110), gives 

iam — f 1/ 

(1 — 0.5 K^) -h sin (a — ri)— 0.6 cos 2 (a — rj) 

I (1 - K^) sin (ij - X) 

(119) 

— (1—0.6 Jl*)cos (ij— X) 
j. r —sin (a— X) -f 0 . 61 iL*cos( 2 a:— 17— X) 
tmi - J <r If ft (1 - £*) sin {7, - X) 

( 120 ) 

(1) Two-phase machine, two-phase short-circuit. In 
this case e = 0 and dab = 90 deg. From equations 
(84) and (85), 1 = 1 and X = 0. From equations 
(87) and (88), A = 1, = 90 deg. Consequently, 

aa = 0 ( 121 ) 


T 1 — iC* cos a 
— If 1 — 


( 122 ) 


iaU — f If 


(1 - 0.5 K^) - cos a •+■ 0.6 If* cos 2 ce 


(123) 


ihti = f a If 


— sin Q! + 0.6 K* sin 2 a 
1- X* 


(124) 


These expressions are identical with Franldin’s 
equations (48) to (SO). 

(2) Three-phase machine, two-phase short-circuit. 
Here again c = 0, but dab = 120 deg. Consequently 
1 = 1; X = 0; h = 1; ?? = 120 deg. Therefore, 

oto = so deg. (125) 


, 1— cos (a — 30 deg.) 
V2(s)i == If - 1^ 


(126) 


»o2(j)i = f O'If (2/ VS) • 

(1- 0.6g^) -cos (g- 30deg.) -I- 0.5g‘‘cos2 (o:- SOdeg.) 

1- if* “ 


(127) 


(1 — 0.5 K^) — cos a + 0.5 cos 2 a 
1-K^ 


(131) 


ibZi = — (2/3) f (T If • 

0.6(1-0.5A:*) -l-sm (a-SOdeg.) -|-0.5ii:2cos(2a-l-30deg.) 

j—^ 


(132) 

These equations check with Franklin’s formulas (71) 
to (74). 

(b) Permanent Short-Circuit. In this case, ac¬ 
cording to equation (43), U = 0, so that equation 
(91) gives 

if = F If/{I - m (133) 


But the armature currents cannot induce a constant 
e. m. f. in the field circuit, so as to reduce the field 
current 1/ in a constant ratio F/(l — K^). Hence, 


if = If 

(134) 

and 


F = 1-K^ 

(135) 

Equations (92) and (93) become 


<r/J/sin (a- 1 ?) 
isin(,-X) 

(136) 

or f If an {a-K) 
/jsin(i 7 -X) 

(137) 

In these expressions, the same values of 1, 

X, h, 7j, apply 


as those deduced above for the initial short-circuit. 
We, therefore, get the following specific results, all of 
which check with the corresponding expressions de¬ 
duced by Mr. Franklin. 

(1) Two-phase machine". 

iaip = - fff If cos a (138) 

ibip = - <r/I/sina (139) 

(2) ' Three-phase machine, two-phase short-circuit: 

ia 2 (S)p = - (2/V^ a f If cos {a- SO deg.) (140) 
ibH 3 )p ~ — (2/VS) c f If sin 01 (141) 

(3) Three-phase machine, three-phase shcrt-dreuit: 

iazp = - (2/3) <tS If cos a (142) 

ibzp = - (2/3) aflf sin (a - 30 deg.) (143) 


ib 2 («) t — f <r If (2/ V3) • 

0.6 (1 - 0.5 Z*) -sin a -0.6 cos 2(a-|-30 deg.) 

(128) 

These expressions agree with Franklin’s equations 
(57) to (59). 

(3) Three-phase madtine, three-phase short-circuit. 
In this case c = 1; dab - doa = 120 deg. Hence, 
I = VT; X = SO deg.; h = VT; n = 90 deg. We 
thenrfore have: 

ao = 0 (129) 

> l-Z*cosa 
“ If -TITp— 

iaii’^ (2/Z)ftTlf 


Appendix IX 

Individual vs. Common Short-Circuit to the 
Neutral 

1. Two-Phase Short-Circuit. For a two-phase ma¬ 
chine, the general diagram of connections diown in 
Fig. 1 is reduced to that shown in Fig. 7a, by putting 
L = Le-0. Therefore, the formulas for two-phase 
short-circuit currents, deduced in Appendix VIII, 
apply to Fig. 7a. However, the currents in the case 
shown in Fig. 7b are identical with those in Fig. 7A, 
so that the same formulas hold true, no matter whethw 
a common jumper (j) is used for both phases, or indi¬ 
vidual jumpers, (ji) and (ja), for each phase. The 
connection (j s) does not affect the values of the currents. 

The fact that the diagrams shown in Fig. 7 a and 
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7b ^ electrically equivalent follows directly from a 
consideration of the magnetic linkages in both cases. 
The currents in Fig. 7b at each instant are of such 
values as to keep the flux in each circuit constant. 
But in Fig. 7a the points (p) and (q) are at the same 
potential, because the jumper (j), by assumption, is 
of zero resistance. Thus, the same two individual 
circuits ^dst in Fig. 7a as in 7b, and ithe first Kirchoff 
law does not enter in the problem. From a formal 
mathematical point of view, the same linkage equa¬ 
tions can be written for both diagrams; hence, the 
solutions for the currents are also identical. 


r 

‘‘l i ^ 


(a) 




i‘n‘ 

|i. 




B'iQ- 7—Common and Individual Two-Phase SHORo^CmcuiT 

2. Three-Phase Short-Circuit. When in Fig. 1 the 
rartemal inductance {L) is omitted, the diagram of 
connections becomes identical with Fig. 8a. There¬ 
fore, the formulas deduced in Appendices VI and VIII 
apply first of all to the short-circuit of the three ter¬ 
minals, as shown in Fig. 8a. However, it may be 
shown that the same results hold true for the case 
shown in Fig. 8b, with a jumper connection (j) be¬ 
tween the short-circuited taminals and the neutral, 
^d also to the case shown in Fig. 8c where each phase 
is short-drcuited individually. 

It is proved in Appendix IV that the difference of 
potential between the points (p) and (g) in Fig. 8a 
is zero at all instants. Hence, the addition of .the 
jump® Q), shown in Fig. 8b, does not alter the poten¬ 
tial distribution in the phases. Moreover, the sum 
of the three armature currents in Fig. 8a is equal to 
zero at aff instants, and since the phase currents are 
the same in Fig. 8b, the return current 4 in the common 
return conductor {j) theoretically is equal to zero. 
Of course, in practise, some return current may be 
expected, partly because the resistances have been 
neglected, and partly due to higher harmonics, multiple 
of three. Moreover, (s) has been shown to be equal to 
zero only when the mutual inductances obey the har- 
momc law, in accordance with equations (10a) to 
(11c); otherwise (s) naay be a function of time. 

For the case of l^e individually short-circuited anna- 
ture pha^. Fig. 8c, equations (1) to (4) apply, with 

4 . (5) not necessarily hold true. 

^ tot tr^oraing equations (1), (2), and (3)-into 
the form (50), ^ey can be finally combined into the 
vwton^ ^^uation (76). Equation (4) can be re- 

ajid gives a perfectly definite 
of the field current. Equation (76) is equivalent 
to two algebraic equations of projections, for the three 


unlaiownquantitiesia,n,*«. Thus, the problem seems to 
be indefinite and to admit of an infinite number of sets 
of values of armature currents which satisfy all the 
equations which apply in this case. 

This indefiniteness is due to two simultaneous as¬ 
sumptions made in this investigation; namely, (a) 
that the resistances of the windings are negligible and 
(b) tlmt the coefficients of mutual induction are cosine 
functions of the space angles. If either one of these 
assumptions be dropped, the problem becomes definite. 
We shall consider the two cases separately. 

(a) ArmOwre windings possess sniaU resistances. 
By assuming the resistances to be small, we can neglect 
their influence in the foregoing linkage equations, but 
at the same time add the condition that the heat 
generated is a minimum*. 

We then have 

fa ia^ -1- ri, -h n *■«* = min. ( 144 ) 

This is a fourth condition which, with the foregoing 
three, makes it possible to obtain definite values of 
armature currents. For example, if the three re¬ 
sistances are equal, equation (144) may Be written 
in the form 

(4.0 + A 4)* -f- (ijo -f. A 4)* -f (4o •+• A 4)* = min. (145) 

where ^'.o, Uo, ieo are some currents which satisfy 
Kjrchoff’s tot law, so that 

4.0 + 4’oo -(- 4’<,o “ 0 (146) 

The quantity A i is the unknown difference between 
the^ real currents and the fictitious currents which 
satisfy equation (146). Equation (145) may be 
written in the form 
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Fig. 8—Three Kinds of Three-Phase SHORD-CmcuiT 

(^.0* + 4m* -f- 4.0*) -f 2 A 4 (4.0 + 4i,o -f 4co) 

-f- 3 (A 4 )* = min. ( 147 j 

m second term is equal to zero in view of equation 
(1 6), the remainder becomes a minimum when 

Z «; P'*®? currents which satisfy 

Kirchoff s tot law produce the least amount of heat 
Ipss and are those which would actually flow under the 
limitations specified above. 

In the general case, two of the armature currents, say 
4. and 4o, can be expressed through the third, 4 ., and 
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their values substituted in equation (144). Equating 
to zero the first derivative with respect to u, the latter 
can be determined, and consequently the other two 
currents evaluated. 

(b) The coefficients of mviual inductance between the 
armature windings depart from the cosine law. In this 
ease the equations (1), (2) and (3) still hold true (with 
e = 0), but after integration give three independent 
equations, which cannot be reduced to two equations 
of projections, as heretofore. These three equations, 
together with the integrated equation (4), give four 
conditions which the four currents must satisfy. 
The problem is then perfectly definite. 

As an example, consider three identical windings 
displaced by 120 electrical degrees, as in an ordinary 
three-phase alternator. Equations (1), (2), and (3), 
after integration and evaluation of the constants of 
integration, become: 

Lia + M ib + M ie + if Mj ^ (a) 

= //M/tA(ao) (148) 

Lib + M ic + Mi„-\- if Mf^{a— 120 deg.) 

= If Mfyl> (a« - 120 deg.) (149) 
L ic -|- M itt "t" M ib -|- if Mf ^ (o: -h 120 deg.) 

= If Mfi^ (ao + 120 deg.) (150) 

In these expressions, the subscripts a, h, c, of (L) and 
(M) have been omitted since these quantities are the 
same in all the three armature phases, because of the 
assumed symmetry of the windings. Mf is the maxi¬ 
mum value of the mutual inductance between the field 
winding and one of the armature phases, when the two 
are in space opposition. The function (a) expresses 
the law according to which the mutual inductance be¬ 
tween the field and an armature phase winding varies 
with the angle a. Adding the three equations term 
by term, we get: 

(i» -|- 2 M) (?a -h ib -|- ic) 

— If Mf (oio) + 'P (o^o ~ 120 deg.) 

-f 4> (ao + 120 deg.) ]-ifMf[f/ (a) 

+ \p (a + 120 deg.) + ip (a — 120 deg.) ] (151) 

Everywhere in the text above it is assumed that 
tp (a) = cos a. With this assumption, both expres¬ 
sions in the brackets on the right-hand side of the 
foregoing equation are equal to zero. On the left 
hand side, we then must have 

either L -i- 2 M = 0 (152) 

or ia + ib -h ic — 0 (153) 

Assuming equations (7) and (10) to hold true, equa¬ 
tion (152) is satisfied, and, therefore, equation (153) 
does not necessarily have to be satisfied. This leads 
to the indeterminate case mentioned above. On the 
other hanri, if the mutual inductances of the armature 
phases do not follow exactly the cosine law, while the 
mutual inductances between the field and the armature 

10. I am iBdebted to Mr. R. H. Park for ha-ving oaUed my 
attention to the relationship expressed by equation (ISl) and to 
the fact that equation (182) must be satisfied -when equation 
(183) does not hold true. 


do, equation (152) is not satisfied, and, therefore, 
equation (153) must hold true. This is equivalent 
to including equation (5) with equations (1) to (4) 
and thus making the problem definite.^" 

Summing up the foregoing discussion, it would seem 
that in the case represented by Pig. 8c, the currents 
may be expected to satisfy equation (5) at least ap¬ 
proximately, and that in machines of the usual types 
the short-circuit according to Fig. 8c is electric^y 
equivalent and causes nearly the same currents as a 
short-circuit according to Pig. 8a or 8b. 

DeUdrConnected machine. The conditions as analyzed 
above for Pig. 8c also apply to a short-circuit of all the 
three terminals of a delta-connected machine. Here 
also we have three individual windings, each short- 
circuited upon itself, with practically no current inter¬ 
change between the phases. We, therefore, reach the 
conclusion that the short-drcuit currents in the wind¬ 
ings themselves have the same values as have been 
deduced above for Y-connected windings. The in¬ 
stantaneous current in each lead to a terminal is equal 
to the algebraic difference of the currents in the adja¬ 
cent phase windings. 

Appendix X 

The Critical Case of dab = 0 

Let in Pigi 1 and 2, the space angle (0ai) between the 
windings in the phases A and B be gradually reduced to 
zero so that in the limit the axes of bolh windings coin¬ 
cide in space. With 6ab = 0, equations (84) and (85) 
become identical wdth equations (87) and (88), so 
that X = ij. Consequently, from equations (92) and 
(93), 

ia = — ib = “ (154) 

Thus, it would seem that, as the two windings approach 
a coincidence, a circvilating current of ever increasing 
magnitude takes place between them, while both the 
current in the third brqnch and the field current re¬ 
main of finite magnitude, the latter current being 
expressed by equation (91). On the other handj when 
the phases A and B coincide, they simply form a single- 
phase winding consisting of two parallel branches 
(Appendix V), and there is no physical reason for 
an infinitely large circulating current between the 
branches. Moreover, equation (91) does not hold 
true for a single-phase circuit; in Appendix V it is 
shown that in this case the denominator of the ex¬ 
pression for (if) is also a function of {a). 

We thus have a seeming paradox that the answer 
to the case dab = 0 is different, according to whether we 
gradually reduce this angle to zero and use the formulas 
for the polyphase circuit, or assume a single-phase 
circuit beforehand and use the corresponding equa¬ 
tions. The following considerations will help to under¬ 
stand the real conditions. 

(1) All the equations in Appendix VI are deduced 
on the supposition that s = 0 because k = 0. How¬ 
ever, it is shown at the end of Appendix IV that pre- 
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cisely in the ease of dab = 0, this conclusion does not 
hold true, unless (e) is also equal to zero. Thus, the 
case under consideration cannot be treated as a partic¬ 
ular application of equations (91) to (93). 

(2) Fig. 6 does not hold true when (s) is not equal 
to zero, and the more general Fig. 4 must be used. 
Consequently, equation (90) does not apply in this 
case and the field current is not expressed by equation 
(91). 

(3) Equations (81) and (82) are based on equation 
(76). When dab = 0, equation (76) can be solved 
only for the sum of ia and ib, and not for each current 
separately. 

(4) Even when k = c = s = 0, Fig. 6 does not 
hold true for dab = 0. In this case equations (50) 
and (52) are identical and both are reduced to the form 
(ia + ib) +f<T if cos a 

= (la + Ib) +/ O’ 7 / COS oto = A ( 1 S 5 ) 

Equation (53) becomes 0 = 0. The condition (155) 
does not require that the quantities (ia -h *»), / <r if, 
and A, form a closed triangle. The vectorial condition 
of a closed polygon exists only when equations of pro¬ 
jections, such as (155), can be written for two direc¬ 
tions. But, if Fig. 6 does not apply in this particular 
case, equation (90) cannot be written, and its solution, 
equation (91), does not hold true. A graphical repre¬ 
sentation of the single-phase short-circuit is given in 
Appendix XI. 

(6) According to equations (92) and (93), the 
currents (4) and (ib) increase indefinitely as the angle 
dab approaches zero. On the other hand, equations 
(1) and (2) show that the voltage (e) induced in each 
phase tends to a finite limit. Throughout this investi¬ 
gation, the resistance of the windings has been neglected, 
because, with finite currents, the ohmic drop is small as 
compared with the various induced voltes which 
balance each other magnetically. However, in this 
particular case, with the currents seemingly tenrliTig to 
mfinity, the ohmic drop, if properly considered, would 
limit the currents to moderate finite values. In other 
words, the very fact that the armature currents tend 
to mfinite values when dab approaches zero, shows the 
necessity of using, in this particular case, more ac¬ 
curate differential equations, that is, equations of the 
form (1) with the term (iafa) added on the left-hand 
side. 

The following three conclusions are therefore reached; 

(a) As dab becomes smaller, the currents in the 
phases A and B become larger. 

(b) For small values of dab, current equations de¬ 
rived without considering the ohmic drop are not 
reliable and should not be used. 

(c) When dab = 0, ihe phases A and B become 
two windinp in paralld, and the formulas derived in 
this inv^igation for the single-phase short-circuit 
should be used. 


Appendix XI 

Graphical Representation op Currents in a 
Single-Phase Short-Circuit 
The relations treated in Appendix VII have a 
graphical interpretation shown in Fig. 9. We shall 
limit the analysis to the simplest case of c = 0. Put¬ 
ting in equation (22) = 0, c = 0, and s = 0, and 

using - ic in place of (ia 4- h), we get, 

— ia + f <T if cos a = A (156) 

where the constant of integration (A) is equal to the 
value of the expression on the left-hand side of equa¬ 
tion (156) at the instant of short-circuit; that is, 

A = — la + f <r If cos ao (157) 

Equation (23) becomes identical with equation (156), 
and equation (24) gives 0 = 0. Equation (25) 
becomes, 

/T-i if - iacosa = Ff If (158) 




Pia. 9 —Graphical. Interpretation op Sinole-Pbabe Short- 

CiRctriT 

Multiplying both sides of this expression by X*, 
according to equation (13), we get, 

fa if- % COSOL- Ffalf (159) 

Equations (156) and (159) are the only ones to 
be satisfied; they can be combined into a single Hiagr a m, 
as shown in Pig. 9. The current (i^, at a certain 
instant corresponding to the angle (ot), is represented 
by the vector 0 The vector CD = fay, repre¬ 
sents the field current referred to the armature circuit 
by means of the factor / a. The length B E represents 
the constant of integration A. Therefore, equation 
(156) simply becomes, 

BC + CE = BE (160) 

Point AT is so chosen that it divides the length B C in 
the ratio of X* to 1-X*, and CN =-KHa. The 
length G 7) is constant and equal to F f a If. Hence, 
equation (159) becomes, 

11. Space vectors and not time vectors are, of course, under¬ 
stood. Tile currents are non-sinnsoidal in time and the length 
of a vector gives only an instantaneous value. 
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CD Cd-^ a IJ (161) K 

Here (' D and (' (! at-f ta be imderstood us two vectors 
<lravvn I’roin poiid C in Die oppos te directions. Their L 
ditrerenre, <} D, is repre.sented by u vector connecting L„, L,., L„ 
theirexireinitiestjami/). 

'Po make t liis iliagram reprt*sent the conditions at M„/„ Af„„ 
any inslanl ol (ime, assume li I'J to be constant in 
direction and mugnituch*. and dniw the direction E E' Mj,„ Mj,., M,c 
lierpendieular to H E. Out of a sheet of paper or 
cellult»i<l, cut the iigure D d P in whicdi Dd -= Ff a If, 
un<i d P is perpendicular to (! 1). Imagine a pair of N 
pruporliitiiul dividers, Pt(’Q, with their points laid Nu,Ni„Nr. 
along />* E. .so Hint the ratio of B N to N C always re¬ 
mains the same vvluHi the points (' and N move along N/ 

B E. Kor a eho.sen position of (', there is hut one ft* 
po.*wible position of the ligtin* Dd P for which D lies 
OH E h". d i) pus.ses through ( and G P pix.s.ses through 
A'. This determines the angle {o-) and the in.stan- B 
taneous value of the Held current (//) for the chosen 
value of </, i. (’ouver.sely. by assuming a value of U 
(oi, the position of C may be found and hence the 
instant aneous valmts of the arintiturc and Held currents, h 

'Phus, the perimlie varititions of iV and if can be 
visualize*!, sind the insltmtaneous values actually 
mettsui'Hl, by a.s.suming d D to be rotiiting in the plane, 
with the point D alwtiys remaining on M E' and the c 
sides d D uiwl d P pnmnn through the points (■ and 
E t>f the proportional «lividers. 'Pho point C is vari- e- 
able, but the angle EC 1) alwtiys gives the instant to 
whicrh 1 he v!ilue.s of Dm curninks refer. / 

For tm iuititd short-t;ircuit, A is given by equation 
{157 j. For a .sustainisl short-circuit, A ~ O (see /n 
Appemlix 11), and the points B and E coincide. The 
vjilue jtf F for the initial short-circuit, according to h 
equation f4S), is tletermined by the condition, 

fF - 1 )/t /eCOS Ofii (162) 

When /,. ^ O, F - 1. For a permanent .short-circuit, * 

F is determined by equation (lOS). 

One can thus visualize the change from a transient *•’ '*» ** 
to a permanent short-circuit by starting in Pig. 9 . 

with the values of A and F corresponding to an initial V 
short-circuit and smuming the lengths B E and GD ^ 
to change graiiually to their final values, while GD is * 
revolving uniformly and thepointf - is moving periodic¬ 
ally up and <lown. ^ 

Notation 

(All the quantitie.H are understood to be per pole, m 
where such an interpretation is possible.) % 

A,U,C Constants of integration referring to ^ 
the amature currents; equations (22) 
to (24), . 

F Constant of integration referring to the ‘ ^ 

field current. ® 

h, L The initial values of the armature cur¬ 
rents, at the instant of short-circuit. * 

If Initial or steady value of the field cur- « 

rent at the instant of short-circuit. 


Coefficient of magnetic coupling, equa¬ 
tions (12) and (13). 

External inductance in phase C, Pig. 1. 

Self-inductances of the armature phases. 

Self-inductance of the field current. 

Coefficients of mutual induction be¬ 
tween the armature phases. 

CoefPicients of’ mutual induction be¬ 
tween the field winding and the three 
armature phases, respectively. 

See equation (19) 

Numbers of turns in the armature 
winding.s. 

Number of turns in the field winding. 

Penneance of the useful (or common) 
magnetic path through the field and 
the armature. 

Initial value of h at the instant of short- 
circuit. 

Constant of integration, defined by 
equations (26) to (31)! 

Auxiliary comstant, defined by equa¬ 
tions (35) and (36), and by Pig. 3. 
It is also defined , by equations (66) 
and (67), and by Pig. 5. 

Ratio of turns in phases C and A; 
equation (20). 

In.stantaneous voltage between the ter¬ 
minals and the neutral in Pig. 1. 

Ratio of turns in the field winding and 
the phase A; equation (21). 

Frequency of the armature currents in a 
steady state. 

Coometric sum of 1 and c; Fig. 6, 
triangle EDC; equations (87) and 
( 88 ). 

Subscript signifying “initial short-cir¬ 
cuit.” 

Instantaneous currents in the armature 
phases Fig. 1. 

Instantaneous value of field current. 

v^i 

Numerical factor’ which characterizes 
the external inductance L, equation 

(9). 

Geometric sum of 1 and c; Pig. 6, tri¬ 
angle 0 A E; equations (84) and (85). 

A constant; equation (47a). 

A constant; equation (48). 

Subscript signif 3 ting “permanent short- 
circuit.” 

A constant; equation (48). 

Auxiliary function of time defined by 
equation (18). 

Time. 

Coefficient of proportionality, defined 
by equation (42). 



418 


KARAPETOFF: INITIAL AND SUSTAINED SHORT-CIRCUIT 


Transactions A, I. E. B. 


1.2,3 


a, ft 7 


«o, jSo, 7o 


d 

e 

ri 


e 


0abf ^bc9 fto 


6' 

ft. 

X 

€ 


<t> 

ft) = 2 t/o 


Used as subscripts, indicate the number 
of phases. 

Variable electrical angles which deter¬ 
mine the instantaneous position of 
the field winding with respect to the 
three armature windings; Figs. 1 and 
2, and equations (14) and (15). 

The initial values of a, ft y, at the 
instant of short-circuit. 

An arbitrary angle; equation (76). 

Base of natural logarithms. 

Angle at E, Fig. 6; equations (87) and 

( 88 ). 

The value of the angle 06c when 6^, = 0; 
Appendix V. 

Electrical angles between the armature 
phases, Figs. 1 and 2; the sum of these 
angles is equal to 360 deg. 

Auxiliary angle defined by equations 
(66) and (67), and in Fig. 5. 

Auxiliary constant angle defined by 
equations (35) and (36), and in 
Fig. 3. 

Angle at 0, Fig. 6; equations (84) and 

(85). 

Constant electrical angle defined by 
equations (26) to (31). 

Magnetic leakage coefficient of the 
armature circuit, defined in a rnann^* 
similar to equation (6). 

. Magnetic leakage coefficient of the field 
circuit, defined by equation (6). 

A fxmction of the time-angle a; equa¬ 
tion (47a). 

A function of ol -equations (148) to (150). 

Electrical angular velocity, or the .angu¬ 
lar speed of a two-pole machine. 
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Short-Circuit Currents of Synchronous Machines 

BY R. F. FRANKLIN* 


Associate, 

Synopsis.—The importance of short-cir-cuil forces in large 
alternators has warranted an investigation of them. The first step 
in this investigaiion, which is discussed in this paper, is the calcw- 
laiion of the short-circuit currents thcd produce them. The method 
of solution used is that of the assumption of zero resistance and 
constant fiux linkages which has proven so useftd in the solution 


1.1. B. E. 

of many short-circuit problems.' Formulas are cadcuLaled in the 
Appendix for both the initiai and permanent short-circuit currents of 
all circuits involved in the short-circuit. The formulas cover all the 
common connections of single-phase, two-phase and three-phase 
alternalors. A discussion of some of these formulas, together with a 
plot of them for assumed altemator constants, is also given. 


Introduction 

NE of the difficult problems encountered in the 
design of large alternators is that of providing 
sufficient strength of the different parts to with¬ 
stand the forces produced during short circuit. The 
author participated in an investigation of these short- 
circuit forces which was begun a couple of years ago 
and recently completed. The results of this investi¬ 
gation will be given in this and future papers before 
the Institute. 

The short-circuit forces depend largely upon the 
abnormal short-circuit current that flows in the various 
windings and can be calculated if the character and 
magnitude of these currents are known. The flrst 
step, therefore, in the calculation of these forces is the 
calculation of the short-circuit currents that produce 
them. 

Since Bucherot’s excellent discussion of alternator 
short-circuit currents in 1911*, many papers have been 
published treating of both the phenomena involved 
. and the method of calculation. A method of solution 
which has proven useful in the investigation of many 
short-circuit problems is that of the assumption of zero 
resistance and constant flux linkages. This method 
was used in 1918 in a paper by Messrs. R. E. Doherty 
and 0. E. Shirley*, for an explanation of short circuit 
phenomena in synchronous machines, and again in 1921 
in a paper by Messrs. R. E. Doherty and E. T. William¬ 
son* for an investigation of the short circuit current of 
induction motors and generators. In a recent paper* 
Mr. Doherty again emphasized the importance of this 
metiiod of interpreting short circuit problems and gave 
a number of RppUcations. In a more recent paper* 
Mr. C. M. Laffoon applied this method to the calcula¬ 
tion of several cases of short circuit of an alternator. 
It is the purpose of this paper to apply this constant- 
linkage method to the calculation of both the iniUcil 

*p. C. Engmeeriiig,Dept., General Electric Co., Jan. 13,1925. 
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and permanent short-circuit cmrents of synchronous 
machines. 

' Method op Solution 

The constant-linkage method is based on the assump¬ 
tion that the electrical resistance of the various circuits 
is zero. As a result of this assumption the following 
constant-linkage theorem has been proved*: “Iw a circuit 
having zero resistance the algebraic sum of the flux linkages 
of die circuit must remain constant.” The application of 
this theorem to the calculation of short-circuit currents 
is very similar to that of the application of Kirchoff's 
laws to the solution of networks. First, currents are 
assumed to flow in the different branches of the cir¬ 
cuits. The flux linkages in any branch are those due 
to the current in that branch and those due to currents 
in other branches. The flux linkages of each circuit 
are then summed up and equated to some constant 
value of flux linkages which is known to exist in the 
circuit. By solving, simultaneously, these flux-link- 
age equations expressions for the currents flowing 
in the different branches of the circuits are obtained. 

Results 

The various alternator connections and kinds of 
short-drcuit for which formulas are derived are shown 
by the nine cases in Fig. 1. For each case formulas 
are derived for botii the initial and permanent short- 
circuit conditions. A tabulation of the formulas for 
the various cases of Fig. 1 are given in Table I. These 
formulas are plotted in FigS. 3 to 14, for assumed 
alternator constants. 

Initial Short Circuit Current 

The initial ^ort-circuit current waves. Figs. 3 to 8, 
show aU peaks of the same height since, resistance being 
neglected, the transient decay of the current wave 
actually obtained in practise is not present. The 
instant of short-circuit in each case is so chosen as to 
give the maximum possible value of current in phase a. 
The maximum value of current occurs 180 electrical 
degrees after the instant of short-circuit. During this 
time the resistance of the circuits, which in the calcu¬ 
lations has been neglected, reduces this peak value 
slightiy from that calculated. The formulas thus 

6. For a proof of this theorem refer to disoussion of Mr. B. E. 
Doherty’s paper. Bibliography 6. 
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j{iv{‘ u jM'uk vulut! a lit tle higher than actually obtained 
in ])rju‘li.st‘. In '^Falile II are Kiven the peak values of 
the initial short-circuit, (;urrent fur the vainous cases in 
terms of the ])eak value of the <Hirrent obtained in the 
thi'K'-tihase alternator, case !), in which all three phases 
are short-circuit<‘d simultaneously. It will be ob.sei’ved 
from 'Pablo 11 that the short,-circuit current obtained 
for a sinKle-pha.se short-circuit of one phase of a three- 
phase alternator from one terminal to ground is 150 
per cent of t lu^ thnH>-i)ha.se value. A single-phase short 
circuit, between tenninals gives only SO per cent of the 
three-j»hasi> vahu*, and a two-phase short-cii’cuit be¬ 
tween two terminals and ground, 173 per cent of the 
thriM'-pluast? vah«'. 

l‘KUM.ANENT SnOKT-thRCUlT (tURRENT 
In tlu‘ cahuilatif)n of the {Hii'inanent short-circuit 
curnuH. formulas tin* Ilux'linkage (‘(juations (»f the anna- 
tun; cinniits wt.‘re eijuated to zero. 'Plie rea.son for this 
is, lhat,<lunng the tran.sient p<;riod of a short circuit, the 



Fuj. 1 (•AHKH FOH Which I.vrnAi, and Pkbmanbnt .Siiokt- 
('tliccri' ClrKllFNT t''i>l(MHI,AS AHK HkiUVKII 

flux linkages which are <;aught by the armature circuits 
at the instant of short circuit are coasumed by the 
resistance of the circuits. Therefore, when the per¬ 
manent condition is reached the only flux linkups 
.supplied by the lield circuit are tho.se which are being 
consumed by resistance. If zero resistance is assumed 
in the permanent condition, then no flux linkages are 
supplied to the armature circuits by the field circuit 
and the currents that flow in the annature circuits must 
be such as to at all times, keep out all field flux linkages. 
In other words, the flux linkages of each armature cir¬ 
cuit must be zero. 

The formulas for the permanent condition are plotted 
in Figs. 9 to 14. The single-phase cases show the 
characteristic double frequency pulsation in the field 
current. In Fig. 16 is given an oscillogram of the arma¬ 
ture and field current of a three-phase alternator during 
a permanent .single-phase short circuit between termi¬ 


nals in which the shape of the current waves is very 
similar to those calculated in Pig. 11. 

The field current for the three-phase alternator case 
with two phases short-circuited between terminals 
and ground, (Case 7, Fig. 13), does not have any alter¬ 
nating component induced in it. This is due to the 
fact that the coefficient of inductive coupling between 
the short-circuited phases a and h was assumed in the 
derivation of the formulas, equal to the cosine of the 
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angle between phases. Thus, for a three-phase alter¬ 
nator, this coupling coeflicient was assumed equal to 
cos 120, or — 0.5. This ideal value of coupling is sel¬ 
dom obtaineil in practise. The effect of a coupling 
eo-eflicient different from — 0.5 on the field current is 
.shown by the oscillogram of Fig. 16. The field current 
contains an alternating component of double frequency 
and of about dt 9 per cent of the d-c. component. This 
corre.sponds to a coupling coefficient between phases a 
and h of about - 0.49. In the study of this phase of the 
subject formulas were calculated for all cases in which 

TABLK ir. 

CompariKon of JVrasImuin l‘i‘ak Valuos of failial Sliort-Oirtsuit OiUTcnts. 
Th« cm’i’fnl- valuos aro ba.sp<i on conslaiit ctmtluctors pep Inch. 


(Hn<‘ I’Mg. 1) 

Maximum Poalc Value 
of Ourront in Phase a as 
a liatio of that obtained 
in Cfwe 9 

1 

0.75 

*2 

1.00 

a 

l.fiO 


0.75 

5 

0.800 

0 

1.00 

7 

1.7.32 

S 

l.(K) 

0 

1.00 


no definite value of coupling coefficient between phases 
was assumed. These formulas were very complicated 
compared to the formulas here given. The effect of 
this coupling coefficient is so slight that it was felt 
unwarranted to complicate the formulas by maldng 
them more general in this respect. For all practical 
applications the value — 0.5, assumed in the calcu¬ 
lation of the formulas, is sufficiently accurate. 

Assumptions 

The following assumptions were made in the calcula¬ 
tion of the formulas: 
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a. Zero resistance in all circuits 

b. Magnetic saturation neglected 

c. Sine wave distribution of field fiux 

d. Constant coefficient of self-inductance of arma¬ 
ture phases. 

e. Variation of mutual inductance between arma¬ 
ture phases as the cosine of the angle between th«n. 

The calculation of alternator short-circuit currents 
becomes very involved if too many refinements are 
attempted. Therefore in order to obtain as simple a 
solution as possible, the above assumptions are neces¬ 
sary. While some of these assumptions may not appear 
reasonable a careful study of them and a comparison 
with results in practise reveals that for very many 
practical problems they can be tolerated. 

The assumption of zero resistance was made necessary 
by the method of solution of the problem. The pre- 
dominence of reactance over resistance during the short- 
circuit of an alternator makes it possible to neglect the 
resistance in this kind of a problem. Assumption b 
should involve greater error, but any attempt to take 
•saturation into account makes the problem very com¬ 
plicated. The error due to saturation can be mini¬ 
mized by taking it into consideration in the calculation 
•of the inductance coeflficients. Assumption c is very 
■close to present practise in the design of alternators. 
•Assumption d involves the neglect of the salient pole 
feature of alternators since the coefficient of self induct- 
•ance of the armature phases is not constant but will 
vary somewhat with the position of the field poles. .An 
investigation of the affect of this variation upon the 
short-circuit currents showed that only a small double 
frequency curr^t was introduced which did not ap¬ 
preciably effect the results obtained. The effect of e 
has already been discussed. Formulas were calculated 
for all cases in which the coefficient of coupling between 
armature phases was not assumed constant. The 
formulas are greatly complicated by this general as¬ 
sumption. The assumption of — 0.5 for this coupling 
coefficient which was made in the derivation of the for¬ 
mulas of this paper greatly simplify the formulas and 
does not introduce appreciable error. 

In concluding the author wishes to express his ap¬ 
preciation of the assistance of Messrs. R. E. Doherty 
and R. H. Park and Professor V. Karapetoff in the 
solution of this problem. 

Appendix 

Derivation op Short-Ciecuit Current Formulas 
Initial Condition 
1. Single-Phase Short Circuit. 

(a) Single-phase or polyphase alternator. 

One general formula can be obtained for the single- 
phase short-circuit current of a single-phase, two-phase, 
or three-phase alternator when only one armature 
phase is involved in the short circuit. (Cases 1 to 3, 
Fig. 1). The instant of short circuit will be 
when the armature phase a encloses maximum field 


flux as this is the condition when maximum short cir¬ 
cuit current is obtained. This condition occurs when 
the angle a in Fig. 2a equhls zero^ 

There are only two circuits involved; the field cir¬ 
cuit and the armature circuit o. The flux linkages of 
these two circuits at the instant of short circuit, *. e., 
when a equals zero, are respectively®. 

Clf = I/Lf ( 1 ) 

fla — If Mo (2) 

The flux linkages of these two circuits at any instant 
after short circuit are, 

0/ = if Lf -f- ia Mfa (3) 

flo = ia La + if Maf (4) 

Applying the constant linkage theorem, the flux 
linkages at any instant after short circuit, (3) and (4), 



B 


C 

Pio. 2 —Schematic Diaqbams Showing the Rei.ations ot the 

VabIOTJS AxTEBNATOB ClBCUITS 

must equal the flux linkages before short circuit, (1) 
and (2) respectively, 

if Lf ia Mfa — If Lf (5) 

ig Lg -f- if Maf = If Mo (6) 

7. For simplioity a' two pole alternator is shown in which 
case the eleotricaJ angle is equal to the mechanioal angle. 

8. For definition of symbols see Notation. 
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Solving these two equations simultaneously for the 
currents if and ia, 


, ’ IjfLa~~ MoMfa 


(7) 


. _ Lf Mg — Lj Mfa 

L,La-Ma 


( 8 ) 


The inductance coefficients Lf and L« are assumed 
constant. The coefficients Mfa varies with the rotation 
of the rotor, and may be approximated by a cosine 
function; thus® 




Pia. 3 —Initial Shobt-Circuit Currents; Cases 1, 2 and 3 

Curve A —Field current. Eq.(lO). 

Curve B —Current in phase a. (Bq.l 1). 


Mfa - Mat = MaCOS a (9) 

Substituting this relation in (7) and ( 8 ) and dividing 
both numerator and denominator by Lf La, 


__ 1 — g® cos a _ 

V = -f/ (1 _ 0.5 if®) - 0.6 cos 2 a 


( 10 ) 


ia — L 


Ma 


1 — cos ce 


^ La (1 - 0.6 K^) - 0.5 if® cos 2 O' 


( 11 ) 


where, K = coefficient of magnetic coupling between 
the two circuits 

= ( 12 ) 
VLfLa 

Equations (10) and (11) are plotted in Fig. 3 for 

Mo - nf 

K = 0.86 and -j— = 0.86. 

J-la 


is a maximum that is, when 

dMfah 

d a 


From (9) and the relation 

Mfb = Mo cos (a — 90) = Mo sin a 


d Mfab 
d a 


= Mo (— sin a — cos o:) = 0 


(13) 


or o! = - 46 deg. 

Therefore, for maximum field flux enclosure by the 
circuit a b the short circuit must occur at a = — 46 
deg. The flux linkages of the field and armature cir¬ 
cuits at this value of a are, 

Qf ^IfLf (14) 

Qah = Qa- = If Mat'- If Mb/ 
where, Maf' and Mb/ are the values of Mat and Mo/ 
respectively at a = — 46 deg. 

Hence from (9) and (13) 


If Mo (15) 

The linkages at any instant after short circuit are, 

Qf = if Lf ia Mfa + ^6 Mfb (16) 

0.4 = Oa - Qi = if {Mat- Mbf) + ia (La “ Mba) 

+.ib(Mab-L'b) (17) 

Due to reverse coimection of a and b 

iai = — *4 (18) 


Thus from (14) (15) (16) (17) and (18) 

if Lf 4- iab (Mfa — M/o) ^ If Lf (19) 

if (Maf — Mo/) iab (La + Lb) = \/2 If Mo (20) 
Since, the axes of the phases are at right angles. 



Fig. 4—Initial Short-Circuit Currents; Case 4 

Curve A—^Pleld current. Eq.CSS) 

Curve B —^Fleld current In circuit a b. Ba.CSl) 


(b) Two-phase alternators, single-phase terminal 
to terminal short-circuit, (Case 4, Fig. 1). 

In this case‘there are only two circuits involved 
since armature phases a and b are connected in series, 
forming only one circuit a 6. As seen in Fig. 2b the 
circuit a b does not enclose maximum field flux when a 
equals zero, but when 

Mfab = ^fa — M/4 

9. Af /.—Mat when saturation ia neglected. 


M.4 = M». = 0 ■ (21) 

Solving (19) and (20) simultaneously and substituting 
(9), (12), (13) and 

La = Lb 

_ 1 - g® cos (g 4- 46) _ ^ 23 ) 

V = (1 _ 0.6 E®) - 0.6 K® cos 2 (g 4- 46) ^ ^ 

1 _ Mo 1 - cos (g 4- 46) 

“ ^2 La (1-0.6 lf®)-0.6 K® cos2(g4-46) '■ 
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These currents are plotted in Pig. 4 for Z = 0.85 and 

Jlfo 

-r- = 0 . 86 . 

•Lo 

(e) Three-phase alternator, single-phase terminal to 
terminal short circuit, (Case 5, Fig. 1 ). 

There are only two circuits to consider, the field cir¬ 
cuit / and one. armature circxiit composed of phases a 
and 6 in series. The armature circuit encloses maxi- 
mmn field flux when Mfab is a m aximu m. 

This occurs when 


dM, 


tab 


da 


= 0 


Now since phases a and 6 are displaced 120 deg. 
from each other 

M,b = Mo cos (a - 120 ) (25) 

and 

Mfcib = M/a — M/b = Mo [cos a — cos (a — 120 )] (26) 
Differentiating, equating to zero and solving for a, 
a = — 30 deg. 

Thus the instant of short-circuit should be talfP-n at 




Pi a. 5 —Initial Short-Circitit Currents; Case 5 
Ourv^ A —Field current. Eq. (40) 

Curve B—Current In Circuit ab Eq. (41) 

O' = — 30 deg. The flux linkages of the two circuits' 
at this instant are, 

Qf = I/Lf (27) 

Qo 6 = flo- 06 = IfMa/'-IfMb/' (28) 

wha-e Maf" and Mb/' are the mutual inductances be¬ 
tween the field circuit and phases a and 6 respectively 
at O' = — 30 deg. 

Thus from (9) and (25) 

Oa6 = If Mo (29) 

The flux linkages of the two circuits at any instant 
after short-circuit are, 

0/ = if L/ + ia M/a -|- ib M/b (30) 

Oo6 = Oo — Qb (31) 

where, . ■ 

Oa = ia La + if Maf -f ib Mab (32) • 

_ 06 =ibLb + ifMbf + iaMba (33) 

But due to reverse connection of a and h 

i'ab = ia = — ib ^ 34 ^ 


The coefficient Mab is defined as 

Mab — k y/ La Lb 

The coefficient of coupling Adependsupontherelative 
positions of the two phases o and 6 and may be assumed 
to vary as the cosine of the angle between their axes. 
Thus in this case where the angle between phases is 
120 deg. 

k = cos 120 deg. = — 0.5 

and, 

Mab = - 0.5 La (35) 

Substituting (34) in (30) 

0/ = if Lf iab (Mfa — M/b) (36) 

Substituting (32) (33) (34) and ( 35 ) in (31) 

Oo6 = if (Maf — Mb/) + iab 3 La (37) 
Equating (27) and (36), and (29) and ( 37 ) 

if Lf -f iab {M/a r- M/b) = If L, (38) 

if {Maf - Mb/) + iab 3La= VB If Mo (39) 

Solving (39) and (40) simultaneously and substituting 
(9) (12) and (25), 


. ^ l-iir^cos(a-|-30) _ 

(1 - 0.5 K^) - 0.6 Z* cos 2 (a -I- 30) 


(40) 


vs^' 


Mo _ 1 — cos {a -I- 30) _ 

La (1-0.5 Z»)- 0.6 Z* cos 2(a+30) 

Equations, (40) and (41) are plotted in Pig. 5 for 

Mo 
La 


K - 0.86 and 


= 0 . 86 . 


2. Two-Phase Short Circuit 
(a) Two-phase alternator, (Case 6 , Fig. 2 ) 

There are three circuits to consider; the field circuit, 
phase a and phase 6 . The flux linkages of these circuits 
at the instant of short-circuit, i. e., when a = 0 are, 



0 / = If Lf 

(42) 


= If Mq 

(43) 


iib = 0 

(44) 

linkages at any other field position are, 


£ 2 / 

= if Lf + Mfa + ib Mfb 

(45) 

Qa 

= ia La + if Maf 

(46) 

Qb 

= ib Lb + if Mbf • 

(47) 


since Mab = 0 as for the previous two-phase case con¬ 
sidered. 

Equating (42) and (45), (43) and (46), ( 44 ) and ( 47 ), 

solving simultaneously and substituting ( 9 ) ( 12 ) (13) 
and ( 22 ), 


if = 1/ 


1 — Z* cos a 
1-Z* 


(48) 


ia — If 


Mo (1 - 0.6 Z") - cos g -h 0.6 Z» cos 2 « 
La 1-Z* 


(49) 


_ JIf 0 sin (X - 0.5 Z* sin 2 a 

"--^’17 - 


(34) 


1 -Z» 


(50) 
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These currents are plottcsi in Fi^. (>for K - 0.85 and 




- 0.85. 


These currents are plotted in Pig. 7 for K — 0.85 and 


Mo 

L.. 


= 0.85. 


(,b) 'l’hree~phase aUt*rnalor, ((last* 7, Pig. 1). 
'I'ljeri? are three (urcuit.s, the field circuit, phase a 
and phase h. Maximum i-urrent is obtained in phase « 
if (he shurt-eircuit occurs at a 80 deg. since at this 
unna( ure position there is no Held (lux enclosed by phase 
h. The Ilux linkages of (he tliree circuits at a = 30 
deg. are 

ill ^ If L, (51) 

il., ■■ 0.5 v ' 3 If M» (52) 

ih 0 (53) 



3. Three-Phase Short-Circuit 

(a) Three-phase alternator, (Case 8, Pig. 1). 

There are four circuits to consider; the field circuit, 
phase a, phase b and phase e. The flux linkages of these 


circuits at« = Oare, 

it/ “ If Ijf (50) 

(61) 

it,. = - 0.5//M,, (62) 

it. = -0.5 7/M. (63) 

The flux linkages at any value of a are, 

it/ ■= tfijf -f" iaMfa + ikMfl, + icMfc (6^) 

it,I = laP.t + 1/ M„f T -j- icMae (65) 

it/, -- ?/, [ji, + If M„f -H i,i Mha + icMbit (66) 

it. = •*„ L,. -h if M„f -j- i,i Men ib Mcb (67) 


Equating (60; and (64), (61) and (65), (62) and (66), 
and (63) and (67), solving simultanelusly and substi- 


■t; .i!.- 


, M(U . ihU 

««*H t t »f ♦ 


IMf# 




IMP 




I MO 


,500 


) tvcil t »< ni I viC’t ) 



KlU. <iHntlUT-(’llt(!OIT (JUHUKNTS; Oahk <> 
C?«rvf) A Kq. (4H) 

nupvH // ' (’umint III phusn n, (W) 

i I«rvt5 C -Cnm*nt In pliusii h, Kc|. (50) 


The flux linkages for any value of a are, 

Stf « 1/ 7// + ia Mfa 4‘ ii Mfb (54) 

iU L><, + V Mnf + ib M„b (55) 

it» •* ib Lb + if Mbf T Mba (56) 

Equating (51) and (54), (52) and (55), (53) and (56), 
solving simultaneously and substituting (9), (12), (22), 
(25), and (35) 




(57) 



Flo 7 —-Initiai. Snou'r-Cuicm'r CTinuENT.s; Case 7 

CiU'VO A —Field eiirrmt. ISq. (37) 

Ourvo Ii--Cuvvm\t In pha«o a, Kq, (58) 

Ourvo —Current in phase ft. Kq. (59) 




_2 

La 


(1-0.5 K*)-coa(a-80)+0.5K^ cos 2(a!-30) 
1 - 


(58) 


tuting (9), (12), (13), (22), (35), and the three relations 
La « Lc (68) 

Man = - 0.5 La (69) 

Mrf = Mo cos (a H- 120) (70) 


2 Mo 


1 - iC* cos a 
1 - X* 


( 71 ) 


0.S (1-0.6 X»)~sin a-0.S X« cos 2(a-h3Q) 
1-X* 


(59) 


ia 


1 Mo (1-0.5 K^)-eos «-h0.5 cos 2 a 
3 La' 1-K^ 
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(1-0.6 J?*)-1-2 cos(Q!-120)-Z*eos2(a:-|-120) 
-13^-(73) 



(1- 0.5 K^) +2 eos(a-H20)-.g» cos 2 (a- 120) 
1-^:* 


(74) 


ture phase is involved in the short circuit (Cases 1 to 
3, Fig. 1.) The flux linkages of the two circuits in¬ 
volved, are, 

i/Lr + iaMfa =I/Lf (75) 

iaLa + ifMa/=0 (76) 

where 1/ is that constant value of fleld current that 
would be required on open circuit to produce the same 
number of flux linkages with the field circuit as exist 
under the permanent short circuit condition. 

Solving these two equations simultaneously and sub¬ 
stituting (9) and (12) 


These equations are plotted in Fig, 8 tor,K = 0.86, and 


M, 

La 


0.85. 


(b) Three-phase alternator (Case 9, Fig. 1) 

*The current equations obtained for a three-phase 



Curve .A—Field current, Eq. (71) 

Curve B —Current in phase a, Eq.(72) 

Curve C —Current in phase b, Eq. (73) 

Curve D—Current in phase c. Eq. (74) 

short-drcuit terminal-to-terminal jure the same as those 
for a three-phase short-circuit terminal-to-neutral. 

Permanent Condition 


if = 1/ 


(1- 0.6Z*)- 0.5 ir* cos 2 a 


(77) 




UWATVA-ATVy 


cH 180 360 180 360 lio 360 180 360 

Electrical Deqrecs(c£) 


k‘A . A . A . A 


5^ 

2 


6^ 180 180 180 180 N^eo 


Etectneal Deqrees(e>c) 


Fig. 9—^Permanent Short-Circuit Currents; Cases 1,2 and 3 
Curve A —Field cuirent. Eq. (80) 

Curve B —Current in phase a. Eq. (81) 



2| 
4- 1 

lo\ 

31 

2 


A® ‘ 


^ ' 180 \ ^60 
Electrical Oegree5(oc) ^ 


Fig. 10 ^Permanent Short-Circuit Currents; Case 4 

Curve A—^Fleld Current. Eq.(86) 

Current B —Current in circuit a b, Bq. (87) 


ia = - 1/ 


V^UiS ox. 


(1 — 0.5 K^) — 0.5 cos 2 a 


(78) 


In &e permanent condition, the algebraic sum of the 
flux linkages in each armature circuitmustbe zero since 
the flux linkages originally caught in these circuits have 

besn dijtSma.f.pH dllTinrr+Vi/i -L-J_J t 


, ,, * -O UCUWCCll tile 

imbaJ and pamanent states. The flux linkages of the 
field circuit will be equal to those sitoplied by the 
ecciter. 

1. Single-Phase Short Circuit. 

(a) Single-phase or polsqphase alternator. 

in the corresponding case for the initial short-dr- 
emt condition a gen^ formula can be obtained for the 
smgle-phase, short-circuit current of a single-phase, two- 
phase, or three-phase altanator, when only one anna- 


The direct component of the field current (77) is 
due to the flux linka^s supplied by the exciter and is, 
therefore, equ^ to the field current If which flowed 
before short-circuit. This direct component is found 
by integratmg (77) between proper limits and dividing 
by the abscissa. Thus, 


If' 


’T ^ (1- 0.5 Z*)- 0.5 X* cos 2 a 


d a 


VI-A* 


or 
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J/ = I/Vl-X* 
Substituting (79) in (77) and (78), 

i _ vT^ _ 

' ^ (1-0.51ii:»)-0.5X*cos2a 

£ _ j V 1 — -K’ cos a 

*“ ^ La (1 _ 0.5K^) - 0 . 6 Z*cos 2 a 


(79) 

(80) 
(81) 



2 

-e 1 


r B 


3^ 

2 




•j-A.... . . A,- . . 


180 


180 180 NSa 

Electrical Degrees(«<) 


180 S^6 


360 


Pig. 11—^Permanent Short-Circuit Currents; Case 6 
Curve A—Field current. Eq. (92) 

Curve B —Current in circuit a b. Eq. (93) 


id = - —r 1/ 


cos (a + 45) 


V2 ' (1-0.6 K^)-0.5 cos 2(a+46) 


(85) 


Since (84) is of the same form as (77) the value of 1/ 
for this case will be the same as that pven by (79). 
Substituting (79) in (84) and (85), 


if =1/ 


iab — — 


VI- 


(1 - 0.5 K^) - 0.5 K} cos 2 (oi H- 45) 


( 86 ) 


1 M, 
V2 La 


VI —cos (a + 45) 


_ — (87) 

(1 - 0.5 K^) - 0.5 Z* cos 2 (a + 45) 

These currents are plotted in Fig. 10 for K and 

Afo 


La 


equal to 0.85. 


(c) Three-phase alternator, single-phase terminal- 
to-terminal short-circuit (Case 5, Fig. 1). 


These currents are plotted in Fig. 9 for K = 0.86 and 



(b) Two-phase alternator, single-phase terminal- 
to-neutral short-circuit (Case 4, Fig. 1). 


o 0 


180 


360 180 360 lep 360 180 

Electrical Degrees(ot) 


360 



360 


Electrical Degrees(oc) 



Fig. 12— Permanent Short-Circuit Currents; Case 6 

Curve A —^Field current. Eq, (101) 

Curye B —Current In phase a. Eq. (102) 

Curve C—Current in phase b. Eq. (103) 



Fig. 13—^Permanent Short-Circuit Currents; Case 7 

Curve A —^Pield current. Eq. (110) 

Curve B —Current In phase o. Eq. (Ill) 

Curve —Current in phase t. Eq. (112) 

The linkages of the circuits involved are from (36) 
and (37), 

if Lf + iab {Mfa — Mfb) = It L/ ( 88 ) 

if (Maf— Afi/) -h iab 3 Lo = 0 (89) 

Solving simultaneously and substituting (9), (12) 
and (25), 


The flux linkages of the two circuits involved are: 
[See (19) and (20)]. 

if Lf + iab (Mfa - Mfb) = 1/ Lf (82) 

if {Maf — Mbf) -h iab {La + Lb) = 0 (83) 

Solving simultaneously and substituting (9), (12), 
(13) and (22). 

1 


(1 - 0.6 K^) - 0.6 A* cos 2 (a + 45) 


(X - 0.6 K^) - 0.5 K* cos 2{a + 30) 


(90) 


(84) 


*“'■ V8 ^ La 

_ cos {a -h 30) __ .jj. 

(1 — 0.6 X®) — 0.6 X* cos 2 (a -f 30) 

Equation (93) is again of the same form as (77) so 
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that 1/ is given by (79). Substituting for 1/ in (90) 
and (91); 


if = Jj 




^ (1 - 0.5 K^) - 0.5 if’- cos 2 (a + 30) 


(92) 


-Lr ^0 
V3 ^ La 


_ yi - K’‘ cos (a + 30) . . 

(1 - 0.5 K^) - 0.5 if* cos 2 (a -f 30) ^ 

These equations are plotted in Pig. 11 for K and 
Mo 

— = 0 . 86 . 

2. Two-Phase Short Circuit. 

(a) Two-phase alternator, (Case 6, Pig. 1). 



Pig. 14—^Permanent Short-Circuit Currents; Cases 8 and 9 

Curve A —^Field current. Bq. (117) 

Curve B —Current In phase a, Eq. (118) 

Curve C—Current In phase b, Bq, ( 119 ) 

Curve D—Current in phase c. Eq. (120) 

The flux linkages of the circuits involved, from (45) 
(46) and (47) are, • * 

if Lf i'a Mfa 4- ih Mfi = 1/ Lf (94) 

iaLa + ifMaf 0 (95) 

. ibLi,-\-ifMtf = O' ( 96 ) 

Solvmg simultaneously and substituting (9). Vl2'i 
(13), and (22), » w, ^ 


J/ = //(l-z*) 

(100) 

Substituting (100) in (97), (98) and (99), 


if = If 

(101) 

. _ il^O 


la = — If ~f - COS a 

Lia 

(102) 

r Mo . 

lb - If T sm a 

■L>a 

(103) 

These currents are plotted in Pig. 12 

for K and 

Mo 


j equal to 0.85. 

iJa 


(b) Three-phase alternator, (Case 7, Pig. 1). 

The flux linkages of the circuits involved are from 

(54), (55) and (56), 


if Lf -h ia Mfa -h ib Mfo = 1/ Lf 

(104) 

ia La H" if Maf It, Mab = 0 

(105) 

ibLt, -h ifMif -|- iaMba — 0 

(106) 

Solving simultaneously and substituting 
(22), (25) and (35), 

(9). (12). 

. .. .. 1 

1-Z* 

(107) 

2 ^ , Mo cos (a-30) 


,•*- L. i-K< ■ 

(108) 

. 2 Mo sin a 


“■ 17 i-x' 

(109) 

The field current (107) is the same as (94) so that the 
value of If' is given by (100). Substituting for //'; 

If — If 

(110) 

2 , Mo 


yr^-" La cos(«=-30) 

(111) 

2 ^ Jlfo . 

• 


(112) 

These equations are plotted in Pig. 13 for K = 0.86 and 


Mo 


= 0.85. 



rt 1 



(97) 

V 

' II 

1 



ia 

~ La 

COS a 

• 

(98) 

l-K^ 


0%. 


sin o! 


(99) 

t'b 

La 

l-PT* 



S. Three-Phase Short Circuit. 

(a) Three-phase alternator, (Case 8, Pig. 1). 

The flux linkage equations of the four circuits in¬ 
volved are, 

if Lf -f- ia Mfa + it, Mfo -H ia Mfc = 1/ Lf (113) 

ia La if Maf -|- it, Mat, -j- ic Mac = 0 (114) 

4Lj -f. V Mif -H iaMia -f icMt,c = 0 (115) 

icLa + ifMcf -\-iaMca + it,Mci, =0 (116) 

Solving simultaneously and substituting (9), (12). 


hS '■ p™ by (100) mce<, come, out the MB. a. (97), 


if = if 


(117) 
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liG. 15—Oscir,i,<)ijiiAM OF THiii Pkrmanent Single-Phase 
SH ouT-CincuiT (;iiitKKNTS OP A Thwei.>Phase Altbunator 

bHOUT-OlUC’UlTWD JilJTWKWN TwO TeKMINALS 


These currents are plotted in Fig. 14 for K — 0.85 and 

iW, 

-f- = 0.85. 


(b) Three-phase alternator, (Case 9, Fig. 1). 



Fig. 16 —Oscillogram op thio Permanent Two-Phase 
Short-Circuit Currents op a Three-Phase Alternator 
Short-Circuited Between Two Terminals and Neutral 
The two armaturo currents are of different csdibration. 


The current equations for this case are the same as 
those for a three-phaseshort-drcuitterminal-to-neutral. 

Notation 

OL electrical angle of rotation of field. (See 

Fig. 2). 

If value of field current in amperes before 

short-circuit. 


1/ the constant value of field current in amperes 
under the permanent short-circuit condition 
that would be required on open circuit to 
produce the same number of fiux linkages 
with the field circuit as exist under the perma¬ 
nent short-circuit condition. 
ia, ib, it instantaneous values of current in amperes 
in phases a, b and c respectively. 
iab instantaneous, values of current in amperes in 

the single-phase circuit composed of phases 
a and b in series. 

if instantaneous value of field current in 

amperes. 

K coefficient of magnetic coupling between any 

one armature phase and the field circuit. 
(See Eq. 12). 

La, Li,, Lt true coefficient of self inductance in henrys 
of phases a, b and c respectively. 

Lf true coefficient of self inductance in henrys of 

field current. 

ah, ~ ^^ba,^Lac * Hf'ca, IW'ac — cb 

coefficient of mutual inductance in henrys 
between phases a and b, a and c, and b and c. 
Mfa, = Maf, Mfb = Mb/, Mfe = Me/ 

coefficient of mutual inductance in henrys 
between the field circuit / and phases a, b 
and c respectively for any value of a 
Mfab coefficient of mutual inductance in henrys 
between the field circuit and phases a and b 
in series for any value of a 

M{t coefficient of mutual inductance in henrys 
between the field circuit and any one arma¬ 
ture phase when in the position of maximum 
coupling. 

Qa, ith, flo flux linkages of phases a, b and e respectively 
for any value of a 

ilab flux linkages of the single-phase circuit com¬ 
posed of phases a and b in series for any value 
of a 

12/ flux linkages of the field circuit for any value 

of a 
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Discussion 

INITIAL AND SUSTAINED SHORT CIRCUITS IN 
SYNCHRONOUS MACHINES 

(Karapetofp) 

SHORT-CIRCUIT CURRENTS OF SYNCHRONOUS 
MACHINES 

(Franklin) 

St. Louis, Mo., April 14, 1925 

R. £• Doherty* Progress in most investigations of the com¬ 
plexity of those taken up in the two papers on short-circuit 
currents is made step by step. 

As Professor Karapetoff brought out, there are still further 
steps to take; saturation must be taken into account and also 
the effect of salient poles. But I think tha,t the equations and 
the results which have been obtained by Mr. Franklin and which 
Professor Harapetoff’s method has .completely checked have 
formed another definite step in advance in this problem. 

I wish to say a word about methods. In 1918,1 was engaged 
in some work along these lines and I was confronted, like every¬ 
body else who has undertaken such studies, with the practically 
impossible undertaking of solving short-circuit problems when 
resistance is taken into account. In the investigation it appeared 
that sudBficiently close approximation could be made in many 
instances by neglecting resistance. 

I proposed, at that time, the constant-linkage theorem which 
Mr, Franklin has utilized in his paper. It is the simple relation 
which follows at once from Kirchoff’s Law and the assumption 
of zero resistance. From these two premises, the theorem stated 
in Mr. Franklin's paper is this: In any closed circuit without 
iresistance the flux linkages must remain constant. It doesn^t 
matter how many secondary circuits there are, or what the net¬ 
work involves, the theorem is rigidly true. 

Now, the question which I wish to raise with respect to Prof. 
Karapetoff’s paper is that if this theorem is true (he makes the 
.assumption that the resistance is zero), why is it necessary to go 
back to Kirohoff*s equations in each particular case as he does, 
performing the integration and finding the integration constant, 
which in every case, of course, turns out to be the known mag¬ 
netic linkages existing when the circuit was closed? 

Prof. Karapetoff has stated that after making the integration, 
that is, dropping the derivative symbol, the problem is solved. 
That is exactly where you start if you apply thl constant-leakage 
theorem. Mr. Fraoldin has followed the latter method. That 
is a point more of interest than of importance, but it is a question 
of ease with which the problem can be solved, if advantage is 
taken of the facilities afforded by a simple theorem. 

R. W. Wiesemanx In single-phase generators usually only 
two-thirds of the coils per pole are used and connected in series. 
This corresponds to a 12()-deg. phase belt and is classified under 
Case 5 of Mr. Franklin’s paper. From Table II we find that the 
initial single-phase short-circuit current peak value (Case 6) 
is only 86 percent of the three-phase short-circuit peak, Case 9. 
Furthermore, the current wave of Case 6, Fig. 5, is more peaked 
than that of Case'9, Fig. 8, so that the effective value of the initial 
:single-phase short-circuit current. Case 5, will be less than 86 
per cent.of the initial three-phase short-circuit current. There¬ 
fore, at the initial short circuit an armature coil in a single-phase 
generator wOI have only about half as much heat to dissipate as 
An armature coil in a three-phase generator. However, a study 
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of a large number of oscillograms shows that the initial single¬ 
phase short-circuit current is practically the same as the three- 
phase short-circuit current. 

The five assumptions which the author made in deriving the 
formulas are reasonable and they should, not introduce an ap¬ 
preciable error in most eases. These assumptions must be made 
if a simple and practical solution of such a complicated problem 
is to be obtained. There are, however, a few cases which might 
be mentioned as a matter of interest in which different results 
are obtained in practise from those given by the formulas. I 
refer to the sustained short-circuit armature current waves of 
Cases 1, 2, 3, 4 and 5 shown by Figs. 9, 10 and 11 which show 
symmetrical short-circuit current waves. Fig. 1 accompany¬ 
ing this discussion shows a typical sustained armature current 
wave corresponding to the author’s Case 5, Fig. 11, of a cylindri¬ 
cal-rotor generator without a pole-face damper winding. The 
five assumptions are realized in this type of a machine more than 
in e\.ny other type. Contrary to Fig. 11, Fig. 1 herewith is not a 
symmetrical wave and it contains cosine terms as well as sine 
terms. Fig. 2 herewith shows a typical sustained short-circuit 
current wave corresponding to Case 5, Fig. 11, of a salient-pole 
machine without a pole-face damper winding. Fig. 2 herewith 
is a symmetrical wave, but this machine does not fulfil condition 
D of the paper. 

Fig. 14 of the paper shows the same short-circuit current waves 
for^both Cases 8 and 9. For Case 8 the short-circuit armature 
current wave is rarely a sine wave as shown by Fig. 14. The 
short-circuit current wave for C?.se 8 usually contains a negative 
third harmonic which gives a peaked wave as shown by the 
accompanying Fig. 3. For Case 9 the sustained short-circuit 
current wave is practically a sine wave as shown by the accom¬ 
panying Fig. 4. It should be noted that this Pig. 4 agrees with 
Pig. 14 in the paper. 

In addition to the five assumptions made in deriving the for¬ 
mulas of this paper, there is another assumption which the author 
made but apparently neglected to mention, namely, that the 
machines have no pole-face damper windings. All synchronous 
motors are furnished with pole-face starting windings and many 
generators have pole-face damper windings. If the machines 
whose sustained short-circuit armature current waves are shown 
by Pigs. 1 and 2 herewith are equipped with pole-face windings, 
the short-circuit current waves will now be as shown by Figs. 5 
and 6 herewith respectively. It is apparent that these waves are 
as nearly true sine waves as can be obtained. The addition of a 
good damper winding short circuits the double-frequency 
armature-reaction component which induces (by transformer 
action) a triple-frequency voltage in the armature winding. 
Since the phase belt is 120 deg. (Case 5) the third-harmonic 
voltage induced (by dynamic action) in the armature winding by 
the third harmonic of the flux wave cannot appear at the ter¬ 
minals of the machine. Consequently, a nearly true sine wave of 
current results. 

Pig. 16 of the paper shows an oscillogram of the sustained two- 
phase short-circuit currents of a three-phase alternator short- 
circuited between two terminals and neutral. Case 7. It is 
pointed out in the paper that the alternating component induced 
in the field winding in this case is very small and the field-current 
Curve 4, Pig. 13, is shown as a straight line. Fig. 16 shows a 
double-frequency component in the field current of only plus or 
minus 9 per cent. The generator which was used in this particu¬ 
lar case was equipped with a pole-face damper winding which 
tends to damp the single-phase double-frequency pulsations in 
the field Circuit. Fig. 7 herewith shows an oscillogram of the 
armature current and field current for the same conditions 
as shown by the author’s Pig. 16 taken from a generator which 
had no pole-face winding. It should be noted that the variation 
in the field current is plus or minus 33 per cent. Therefore, 
Case 7 is in reality a partial single-phase load (the two armature 
currents being out of phase by 120 deg.) and results in the usual 
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double-frequency pulsation in the field winding. Of course, 
Case 7 does not give so great a double-frequency pulsation as 
Cases 3 and 5, but it is decidedly more than Cases 8 and 9. If the 
value of the coupling coefficient K is calculated for this particular 
machine, it is found to be from -0.35 to -0.40 instead of cosine 
120 deg. which equals —0.5. 

J. F. Douglas (by letter): The points that impress one 
most forcibly in Professor Karapetofi’s paper are the mathe¬ 
matical elegance and the generality of the relations discussed, 



Fig, 1<—Sustained Single¬ 
phase, Shoet-Cirguit Cur¬ 
rent, Terminal to Terminal, 
(Case 5). Cylindrical Rotor 
Generator without Damper 
Winding 



Fig. 3-—Sustained Three- 
Phase, Short-Circuit Cur¬ 
rent, Neutral Connected 
(Case 8) Generator without 
Damper Winding 



Fig. 5— Sustained Single- 
Phase, Short-Circuit Cuxi- 
RENT, Terminal to Terminal 
(Case 5) Cylindrical Rotor 
Generator with Damper 
Winding 



Fig. 2—Sustained Single- 
Phase Short-Circuit Cur¬ 
rent Terminal to Terminal 
(Case 5) Salient Pole Gener¬ 
ator without Damper Wind¬ 
ing 



Fig. 4—Sustained Three- 
Phase, Short-Circuit Cur¬ 
rent, Neutral not Con¬ 
nected (Case 9) Generator 
WITHOUT Damper Winding 



Fig. 6—Sustained Single- 
Phase, Short-Circuit Cur¬ 
rent, Terminal to Terminal 
(Case 5) Salient Pole Gen¬ 
erator with Damper Wind¬ 
ing 



Fig. 7—Sustained Two-Phase, Short-Circuit Current 
OF A Three-Phase Generator between Two Terminals 
AND Neutral, without Damper^Winding 

together with the space-vector diagrams. There are a few points 
which I should like to mention. 

In the first place it should be noted that the equations (21) 
to (25) are really of great simplicity. The chief difficulty in the 
appendices that follow lies in the determination of the constants 
of integration. Whether one reads the latter appendices or not, 


the first appendix should be of great general interest, in that it 
proves the general principle involved. 

The physical interpretation of Equations (21) to (25) is that 
there is continuity and approximate constancy in the linkages 
existing at the instant of short circuit, so that, the armature 
drags its linkages around with it. A picture of my interpreta¬ 
tion of these equations is shown in Fig. 8 herewith, where a 
two-phase machine is shown with 50 per cent pitch armature 
coils. At the top of the picture are shown conditions at instant of 
short circuit. Phase A links with useful flux, phase B with no 
flux and the field with the total flux. Phase A has no leakage 
locally around the slots at this instant. The middle figure shows 
flux lines 90 deg. later in time phase. Phase A has dragged its 
linkages around into the interpolar region. Phase B has re¬ 
flected or warded the pole flux awajj- from entering the armature. 
The lowest portion of the figure shows flux lines 180 electrical 
degrees from the start. Phase A is now feeding flux into the 





Fig. 8—Diagram Showing Continuity of Flux Leakages 
During Short Circuit 


pole, and the leakage flux is immensely increased, both locally 
and between the poles. This picture shows perhaps more clearly 
than any formula the advantage of having the values of cr and 
T less than one and a value of K considerably less than unity, if 
possible. It is readily seen that the values of armature current 
and field current corresponding to the bottom diagram must be 
very large to force the flux through paths of such high reluctance. 
A similar condition obtains in the case of a machine with a 
distributed field. 

In the fifth paragraph of the paper the assumption is made 
that the field winding is placed upon a cylindrical rotor, so that 
the self and mutual inductances of the armature windings may be 
considered to remain constant throughout a cycle. These 
constants are treated as absolute constants, however, and so it 
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may be said that saturation is also neglected. These assumptions 
are the same assumptions upon which the idea of “synchronous 
impedance” is based. The first of these assumptions is not true 
in any machine, for normal field currents. The principle of 
continuity in the linkages existing at short circuit, would tend 
to perpetuate saturation existing at the instant of short circuit. 
Nevertheless, the assumption of uniform air-gap permeance, 
constant inductances, and synchronous impedance, based upon 
them, all are useful as first approximations. 

As a second approximation, in the case of sinusoidal and steady 
load currents, I have found the idea of synchronous impedance 
useful even in the case of salient-pole machines, because of its 
simplicity. But, one must point out that at high satiirations the 
numerical value of this constant is reduced, and that at high 
power factors the numerical value is also decreased. Whether, 
this same second assumption of an average and constant L 



is also applicable to the case of the transient condition of short 
circuit I am not prepared to state. It would certainly be some 
simplification in the theory if it should prove to be the case. 

. It occurs to me that a third approximation ought to take in the 
variation of the permeance of the air-gap with the angle from the 
pole center. Perhaps this can- be best done by considering the 
flux resolved into two components, along the polar, and trans¬ 
verse to the polar axis. The flux produced by the direct ampere- 
turns, may be considered substantially as sinusoidally dis¬ 
tributed, while that caused by any transverse ampere-turns may 
be considered as distributed as in Fig. 9 herewith, the equation 
of which is 7 = (sin a:-|- sin 3 The m. m. fs of the ar¬ 
mature are to be thought of as sinusoidally distributed, the di¬ 
rect flux as sinusoidal, but the transverse flux as non-sinusoidal. 

Let us assume a two-phase machine, with the windings identi¬ 
cal, and displaced 90 deg. on the armature surface. Let, r, <r, Na, 
Nf, If, if, Lat Lf, a, have the meaning in Prof. Karapetoff’s 
article. Let the direct flux be the transverse Let x 
be the ratio of the transverse flux set up by 1 ampere-turn to 
the direct flux (sine-wave component). Let the arrangement of 
the circuits be as shown in Figl 10 herewith. Then we should 
note that equations (1), (2), (3), (10a), (10b) and (10c) are not 
correct,-since although Mab would appear to be zero, there is 
mutual induction between the phases owing to differing air-gap 
permeance in different directions. 

« X i^a/Na) (ia sin OJ - H cos a) (1) 

(Ija/Ha) U*a COS a-j-tfr sin a), -j- T Lf/Nf linking with 
armature (2) 

4>s ** (-^a fr/N n) (ia COS sin a) -f if Lf/Nf linking with field 

(3) 

The linkages in phase with a coil in position x is, of course, 
^ = 4>d cos X + <f>t (sin x - 0.33 sin 3 x) (4) 

When X is changed to a equation (4) herewith becomes 
equation for 

To find <i>b we let a? » 90 deg. - a, and get 

^6 “ sin a “h (cos <x H- 0.33 cos 3 «) (5) 

If the initial value of the field current if If ^d the short circuit 
occurs when the phase o is in maximxim linkage with the pole. 

l. Distribution of Is in accordance to density (sin « + sin 3 *) and 
according to linkage (tin x -Vt sin 8 «). 


</>/ = If Lf/Nf, 06 = 0, <l>a - r If Lf/Nf (6) 

The constants in equations (3), (4) and (5) herewith, are given 
in (6) or in similar equations for other initial conditions. The 
variables <^< and 4>d can be obtained from equations (1) and (2). 
These equations contain only three unknown quantities i®, h, and 
if, and therefore, permit us to solve simultaneously. Rather, 
however, pursuing the matter further, I call upon Professor 
Karapetoff to state, whether in his judgment, this reasoning is 
valid and if it would, or would not, lead to materially different 
results. 

It is interesting to note that in equations (10a) and (10c) if 
Bah and Bac are each 120 deg. and if Na = Nb = Nc, that Mab - 
Mca = — 0.6 La. It is interesting also to note that equation 
(1) might apply individually to phases even though a short 
circuit were not present. In equation (1) if we let L«0, and 
remove the short circuit, the voltages e are replaced by Ca, et, Cc* 
Let us now assume, that iat ibt and ie, are sinusoidal, equal in 
magnitude, and displaced by 120 deg. time phase, then 

(d ib/d i) + d ic/d t — (d ia/d i), 

di/dt = y 2 TT/ / and d (ilfa/ if) d t - 
and equation (1) reduces to the familiar form 

-i2ff/(3/2) (7) 

Or, stated in words, the terminal voltage in anj’’ phase with 
balanced load, is equal to the voltage induced in tliat phase at 
no load, minus a drop in time quadrature with the current, a drop 
which is usually called the synchronous reactance drop. 

Inasmuch as I have been questioned by Professor Karapetoff 
in discussion of a recent article of the Jouhnal for the use of 
synchronous impedance even as a second approximation, I 
should like him to explain clearly for the benefit of the readers 
of the Journal his position on this subject so far as it is implied 
in his paper. 

R. H* Park* (Communicated after adjournment): On the 
second page of his paper in referring to the coefficient of coupling 
between the phases of an alternator, Mr. Franklin states, 

“Thus, for a three-phase alternator, this coupling coefficient 
was assumed equal to cos 120, or — 0.5. This ideal value of 
coupling is seldom obtained in practise.” 

Actually, it may be shown that for a symmetrical three-phase 



Fig. 10— Diagram of Two-Phasb Alternator 


alternator the numerical value of the mutual inductance M be¬ 
tween phases must be less than the self inductance L per phase, 
thatiB,L 4* 2 M > 0. 

For suppose the alternator of Fig. 11 herewith to be used as 
a transformer, power being supplied to Phase 1 as the primary and 
taken from Phase 2 and 3 in parallel as the secondary. 

The statement of Kurchoff’s law is for the primary, 


d . M d (i 2 -4 is) 
dt dt 


ei 


and for Phase 2 of the secondary, 


r 4 L 


dU 

dt 


M d (is ix) 
dt 


Cl 



l»y .-«ymir«r-irv if rulluws that thu lairroiits in Phases 2 
anti ‘tri’ vqiiai, that i-, i 2 . Sul)stiiiiiiug and roarraiigiiig 

I. t Mil.■Ji.j Mill, 

•• 7 , - I-" 7 ^ • = e, (d) 

Siin e nt i tjnaiitai cl :* llu* lufalcaimnit eiiturinfi: 

tin* ,-uM-tiniiui> t1j»-Iraiisi’oniaT. — — --- tifmiuos (ho uquivji- 

ionl M*lf-uidia fanr* ni’ ?1 m» mt iMimlarv uf ilia iratishnanor. 

Iti fM ih r ihii! fill* f'Malliaii iiif u(’ rnnpliia^Ilf Ilia trnnsfoniiorslnill 




Ki»i, II 

Ih‘ h'h.Ti than Miiily, ii i * iiaai- 4 * 4111*1 thal Li h'z wliero fji is 

liu* prifnarv and /»,- (ha ‘'4***MiMhir.v .'•sall-'indiadaiu'e and ilf is tho 

iiiiitiial itida<‘fain’t’ tif fruiif4nriiH‘r. ^riiarafaro it* fcillowK lhair 


I. th f M) 


.u > , 1/2 


tJ t. M - 2 IA - M l ih h 2 M ) > 0 (.1) 

ui’»dn#*i’ M i i c; a'lilially najiafiva/^ 4- 2 M > 0. 

N\. DlitmattI 4i,vInfN-rn Ihmiil’ the iutorastinj? foaiiims of 
IIm\ M iiaiif’rf. r. f hn rxti inavn iini‘ of tha ideas of nnitiial and self 
indin-fanee anti lln^a*4 instead of man (.a nans. There was a tinio 
\vh<*n tia* U' t* td niori* <*lnna*!tlar,v notions Avas not v<*ry 

|) 0 ]inhir aial wi* hn<l to nsn roanlaiinos and iiiipotlannos. In this 
nonneetitin Prof. Karafadotfa irndhod of deiiliiia with ponneancos 
is A*nrv' inlnvt’'?'ttinK anti fdanild jtrovo iiHtsfnl. After a httlo prae- 
tisn tiie i^sprn.Mdttiis if) to (Uci shonUl provt) very simple and 
usefitl in mtvnil einirnetadmT wt>rlv% One of the ^roat advaiiiagos 
of laifh oKpntNHtni r iv. the fuat llmt thay Koop hoforo ns a rdoar 
mantal piatura of (int iimlmlyim rdiysiaal idiaiumiona. In this 
tftninaalhni it is %'ar,v iiiiportaul* to ranieinhor the inoanint? of 
K SPf!.ft*u* If I there is no 

laahntp! itfiK hat wean arinatura and flald; this is a oonditiim never 
raali'/.ad and fluiN K is always smaller than 1 and A ^ ^ 

wharct ^ ami t ara tin? Ia.akaj^m atieftlaianis for the armature luid 
field ranfmatively. 

Tha fundainantul traatmant of the subject is the same in both 
papers althoiitfli aquatioim (I) to (4) of M. Karapetoff have 
been written in terms of e. nu I and Mr. Franklin b equations 
Hi) to (0) ill tarins of flux. For example, translating into liinglish 
equation (11 of Prof. Karapeloff we have: e. m. 
phase A - the e. m. t of Helf-inductanee of P^aao + the 
0 . III. f. of muttial iiiduataneo of phases B and C 4- the e. m. f, 
of rotation due to the field flux. Similar to this is Mr. B ranldui s 
equation (11.1) for a three-phase alternator or the simple equa¬ 
tions (3) to (0). 

ReturntaK to Prof. Karapotoff’s .TffTL!} 

may Jm well to eall attention to the fact that the total induced 


b. ni. f., (} is arbitrarily assumed to be a fuuetiou of s and to bo 
equal to S + A for phase A; iS' 4- B for phase li, etc. TJicui the 
value of s is taken as equal to S at the ins(.auL ol .shorti circuit and 
a new arbitrary relation involving angle $ is inirodticed in equa¬ 
tions (26) to (28). 

Translating this statement into niathemati(*al shorthand wo 
obtain; 

Ln in + M„l. h + Men in + Mf„ if = (iV,, * SIU « 1) C- 

for phase A, and similar expressions for Uio olher idiast^s. For 

the field we have: 

fjfij 4" Mfain 4" M/hih 4- Alfiiic 

= Nf I <!-/«.« H- (-I*/ - 'f*/«« ) 

1 have used the sjwne iiolati<jn «is Prof. Karapolnff and ti nr 9i 
is the time nr the eorrespoiidiiift time aiijrlo at which the sudden 
short c.ircuit ocenrs. 

All this is very good, but an engineer Avill do well to keep in 
mind always tlie physical moaning ami interpretation of the 
fuiidaimnitat equal Ions. Unlike the imre mathenialJ<4an, wdien 
an oiigiuoer introduces arbitrary fiim*tiojis, he VA'ill do well to try 
to understand the j>hysi(*al side of liis mathematics, 11 he does 
not, he will be merely riding throngh a tunnel, having left the 
light behind Jiiin and he may emerge again into light or he may 
not. 1 have tried to look over Prof. KarapotolT’s paper iroiu this 
point of view of coordinating matheihat.ics with tlndr idiysical 
imnitiingaml although 1 luid some dillirndiy in niulerstanding th(» 
physi«*al meaning of the fnnetions iutroduc?ed, no doubt this was 
my faadt. Prof, Ka.rapetoiT Aviih his usual clearmiss no doubt 
Inis (iresented the subject thor<»ughly but it may require imirn 
study to umlerstaml tln^ ]>hysical meaning of all the funchunental 
(‘uncepts iiivulv<*il. 

There is another very imporia.nt point to bo conshlered in 
connection w'iih these pap<'rs, namely, that they give expression 
fop jn.staiitaneoiis am! .sustained*short-circuit currents but none 
for the transient. 

It is simple to oliiain the fumlamental expression vvhose solu¬ 
tion wdll give the tran.sieut currents as Avell as their initial and 
final valmjs. (^Jiisider iuieof the jihases of a ihree-j)ha.se alter¬ 
nator ami suppose that phase Nfi. 1 is at tlui position indicated 
in B'ig. 12 Jjerowdth, wJien tlio tlirce jdiases are smldeuly and 
simiiltaneonsiy short-cinniited. Assuming a siiinsoitlal flux 


;Fio. 12— Condition Asbomkd von Dibcubsion 

distribution, the flux imdused by phase No. 1 at the instant of 
the short circuit will be: 

Na d»« sill to — iVa d»rt sin Ox 

where Na 'Ba == maximum flux inclosed by the AT„ turns of 
any given phase. The flux inclosed by phase No. 2 at the in¬ 
stant of the sudden short circuit will bo Na ifix + 2 t/3), 

and similarly for the third phase. 

As is well known, the flux inclosed by any given phase under 
sustained short circuit is a very small fraction of Na ‘Ba* There¬ 
fore, if it is assumed that the sustained sliorircircuit armature 
reaction (o) is wholly demagnetizing (h) and sinusoidally dis¬ 
tributed like the held flux, and that (c) the armaitire remimee 
drop is negligihlB compared to the reactance drop; then a little 
consideration will show that the armature flux under sustained 
short circuit will bo zero. Thus the flux linking with phase No. 1 
is Na sin Ou t-be instant of the sudden short circuit when 
t « ti; it is reduced to zero at the end of the short circuit when 
I m a, and it is {Na sin w t) at any time i during 
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the interval of sudden short circuit, a® being the attenuation 
factor of the armature. Under normal or transient conditions 
the flux linking phase No. 1 is equal at every instant to the mutually 
inductive flux coming from the field plus the self-inductive flux of 
phase No. 1 itself. The corresponding condition holds true for 
the other phases. Compare Karapetoff^s equations (1) to (4). 

The field flux, which is N/^f under normal conditions, dies 
down to c at the end of the sudden short circuit or at the 
beginning of the sustained short circuit; at any time after the 
sudden short circuit it is equal to (See Fig. 14) 

*/ = + ($/ - */..c) 



Pig. 13—^E.m.fs. Produced by Conductors Cutting 

4>n AND 

where is the attenuation factor of the field. Under normal or 
transient conditions this flux is equal at every instant to the mutually 
inductive flux coming from the three phases plus the self-inductive 
flux of the field itself. 

With reference to Table II in Mr. Franklin’s paper it was very 
gratifjdng for me to see that Cases 3 and 5 act so differently. In 
1915 I had noticed this and in view of my meager data stated: 
*‘the case of single-phase short circuits, between two terminals or 
terminal and neutral, present considerable diMculties; the latter 
seems to give much higher current rushes than a short circuit be¬ 
tween terminals,’’and as seen from the table the ratio is 1 to 1.732. 

The sustained short-circuit phenomena are very interesting and 
particularly the flux distribution is quite fascinating. As a re¬ 
sult of a fairly elaborate investigation I had shown in 1918^ that 
the armature current and the e. m. f. waves may bemearly sinu¬ 
soidal but the resultant flux wave may be extremely distorted 
for the simple reason that with the very low voltages which 
obtain under s. s. o. conditions the fundamental is so greatly 
reduced that the higher harmonies assume a very predominant 
role. For example, if the field flux consists of: Fundamental, 
100 per cent; third harmonic + 10 per cent, and fifth harmonic 
4- 5 per cent, while the armature flux consists of: Fundamental 
— 95 per cent; thii‘d harmonic, + 10 per cent, and fifth harmonic, 
+ 5. per cent; then the resultant will be: Fundamental, + 5 
per cent; third harmonic, H- 20 per cent and fifth harmonic, 
+ 10 per cent, — which will be a very distorted wave. 

C. M. Laffoon (by letter); The general method of solution as 
used by Mr. Franklin in determining the magnitude of the short- 
circuit currents during the first cycle after the short-circuit occurs 
is the same as was used in my paper® on the same subject at the 

2. Sustained ShortrOlrcuit Phenomena and Flux Distribution of Salient- 
Pol e Alte rnators, by N. S. Diaman't, A. I. E. E. Transactions. Vol. 

page 1141. 

3. ShortrOircuits Current of Altemating-Ourrent Generators, by O. 
M. Lafoon. A. I. E. B. Journal, August 1924, page 737. 


1924 Midwinter Convention of the A. I. E. E. Moreover, the 
various cases of generator winding combinations and short-cir¬ 
cuit conditions are also practically the same. 

The expressions for the maximum or peak values of the short- 
circuit waves as derived by Mr. Franklin are in general, the same 
as given in my paper. However^ there are two features or dis¬ 
crepancies to which it is necessary to call attention. It is indi¬ 
cated in Table II that the peak value of the current in the case of 
a single-phase short circuit between main terminals is irrespective 
of the width of the single-phase winding belt. The general 
expression for the peak value of the armature current in a single¬ 
phase short circuit is 


ia 


2 If Mo 


La 


Mo^ 

Lf 


Hence in order for the armature current of a single-phase genera¬ 
tor with any width of winding belt to have a constant ratio with 
respect to a terminal-to-terminal three-phase short-circuit 
current, it is necessary for both numerator and denominator of 
the above expression to vary in the same way with respect to the 
vddth of the winding belt. There can be no question but that 
the quantity 2 7/ ilf varies as the sine of the width of the winding 


belt. 


My analysis shows that the quantity La — 


Mo^ 

—r— vanes 
Lf 


approximately as the sine-square of the width of the winding 
belt. These relations are shown in Figs. 18 and 19 of my original 


Mo^ 

paper. The general shape of the curve of La -;— as a 

Lf 

function of the width of the winding belt has been checked ex¬ 
perimentally by (a) locking the rotor so that the axis of the field 
winding coincides with the axis of the portion of the armature 
winding under consideration; (b) short-circuiting the field¬ 
winding; and (c) then applying single-phase voltage to the ar¬ 
mature winding. The test results which were obtained on a 
6250-kv-a. turbo generator are shown in Figs. 15 and 16 herewith. 
On this basis, the general relations between the different ar¬ 
mature currents of a single-phase generatojr with different widths 
of winding belts are shown in Fig. 5 of my paper. 



In my’paper, the maximum value of the armature current for a 
three-phase alternator when the short circuit occurs between 
terminals as given in Case 10 of Table I is based on the condition 
that the short circuit occurs when the axis of the field winding 
coincides with the axis of the portion of the armature winding 
included between two main terminals. If the short circuit oc¬ 
curs at the instant when the axis of the field winding coincides 
with the axis of one phase, terminal to neutral, the peak value of 
the maximum current will be the same as in Cases 7, 8 and 9 of 
my paper and Cases 8 and 9 of Mr, Franklin’s paper. 

V. Karapetolf: In my paper I assume that there is no 
saturation and no salient poles, but, as has been pointed out 
by Professor Douglas before this problem is finished, we ought 
to extend the solution to machines with definite poles and 
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maeMnes involving saturation. In the initial short circuit, if 
there is saturation in the beginning and the field persists, that 
field will also contain saturation, after the instant of short circuit¬ 
ing. Mr. Franklin points out in his paper that this factor may be 
approximately taken into account by properly modifying the 
values of self and mutual induction. 

Another answer to Professor Douglas is this: When we investi¬ 
gate the operation of a machine under normal conditions, we 
want to know its characteristics more or less exactly, but in 
the case of a short circuit, the indefinite resistance of the leads 



PER CEN^ 


Fia. 15— ^Total Eqxjivalbnt Leakage Reactance op 
Abmatubb and Field Windings Combined. Axes op Two 
Windings Coincide, Single-Phase Abmatubb Winding 


and of the nature of the phenomenon itself are such that we can 
seek hardly a definite solution, but only a possible tnaximum. 
So that no such accuracy is required in problems invoMiig 
short circuits as in problems referring to operat^ conditions. 

Mr. Doherty wishes to know why I start with differential 
equations rather than using directly the condition of constant 
magnetic linkages. One reason is that in most of our probl^s 
we have resistance as a factor, and for one problem that involves 
no resistance, I probably have a dozen which wnt^ remstances. 
So it seems more natural always to start with Kirchoff s Law. 
The other reason is this; In a star-connected combination, con¬ 
stant flux linkages refer to a closed circuit, which, in this case, 
contains two phases in series. Two equations of constant 
linkages may be written, and these equations will contaim say, 
phase No. 1 twice; but phases No. 2 and No. 3 only once. Thrae- 
fore, the equations are not symmetrical. Prom a mathematic^ 
point of view, it is better to have symmetrical equations, and this 

isdoneinmypaperbyintroducinganauxiliaryvolt^ee. How¬ 
ever, I grant that it is possible to introduce a fictitious flux * 
and in this manner keep the flux equations symmetrical. In 
other words, instead of writing the flux linkage equations m the 


form 


S $1 - S ^2 = Const. 
- S ^8 * Const. 


they can be written in the symmetrical form 
S + A 

2) $2 = $ + B 
S 4^8 = ^ + c 

Rw F. Franklins The method of solution is, as stated 
in the introduction, the same as that used several times by 
R. E. Doherty in the solution of various kinds of short-circuit 
problems, and by C. M. Laffoon in his recent paper on alternator 
short-circuit currents. However, whereas Mr. Laffoon’s paper 
deals principally with formulas for initial values and a physical 
interpretation of short-circuit phenomena by the constant- 
linkage method, the present paper gives the derivation of the 
formulas for the instantaneous values of both the initial and sus¬ 
tained short-circuit currents for all the ordinary alternator 
connections. These formulas will be found very valuable to the 
designer in many problems where a knowledge of short-circuit 
currents or forces is desired. 



ARMATURE AMPERES 

10—^ToTAL Equivalent Leakage op Aemature and 
Field Windings Combined. Axes op Two Windings Coin¬ 
cide. Single-Phase Armature Winding 

I. One-Third of Armature Conductors in Series 

II. Two-Thirda of Armature Conductors In Series 
in. Three-Thirds of Armature Conductors in Series 


I am indebted to Mr. Laffoon for calling attention to sever^ 
errors in the table of maximum peak values of initial sbort-oireuit 
currents (Table II). The wrong ratios were those Jorjjhe 
single-phase*and two-phase alternator eases which should have 
been divided by 2 and respectively in order to reduce tbm 
to tbe bases of constant oonduotors per moh. This revision has 
been made in Table II. The value for the single-phase alter¬ 
nator case (ease 1) depends upon the width of the phase belt as 
also pointed out by Mr. Laffoon. The width of the phase belt 
for the ratio given in Table II is 180 deg. 




A Two-Speed Salient-Pole Synchronous Motor 

BY ROBERT W. WIESEMAN* 

Associate. A* I. E. E. 


Synopsis,—The design features and performance characteristics 
of salient-pole synchronous motors are well known and have been 
thoroughly covered in the technical press. The synchronous motor 
has been handicapped in the past because it is inherently a single- 
speed machine^ and a change in speed could be obtained only by a 
change in the frequency of the power supply. Changing the fre¬ 
quency, however, is not practical in most applications. 

The special pole described in this paper which allows two-speed 
operation of a synchronous motor to be obtained at high efficiency is a 
new featured The same principle applied to a generator enables 
two frequencies to be obtained at the same speed or the same frequency 
at two different speeds. All thai is necessary to change the speed (or 
frequency) is a pole-changing switch for the stator winding and a 
reversing switch for the rotor winding. A 600012500-h. p., 60OISO0- 


rev. per min., two-speed synchronous motor was built without having 
first constructed a model of any hind. This motor proved to be er^ 
tirely satisfactory and its characteristics obtained by test agreed very 
closely with the calculated characteristics. 

At either speed the two-speed synchronous motor functions exactly 
as the ordinary synchronous motor. There is - nothing special or 
complicated about its construction, it does not require any niofe at¬ 
tention than the ordinary synchronous motor, and its expense of 
maintenance is just the same. The first cost of such a motor is only 
sltghtly more than that of the ordinary synchronous motor whose 
rating is equal to the low-speed rating of the two-speed motor. There¬ 
fore, the two-speed synchronous motor is a practical machine and it 
should open a new field for synchronous motor application. 

He * « )|< 


Purpose 

T he ptirpose of this paper is to present the theory of 
the two-i^eed (cons^t torque) salient-pole syii- 
chronous motor, to desmbe a 5000/2600-h. p,, 
600/300-rev. per min., unity poww-factor, 60-cycle, 2300- 
volt machine of this t 3 q)e. It will also be shown that its 
•characteristics can be predetermined with the sam e de¬ 
gree of accuracy as those of the ordinary synchronous 
motor, and that this machine, when driven at constant 
sp^d, can be made to function as a two-frequency 
generator. 

Introduction 

The ordinary ssmchronous motor is inherently a one- 
speed machine because its revolving field, which is ex¬ 
cited by direct current, must rotate in exact synchro¬ 
nism with the gliding magnetomotive force of the stator. 
Induction motors can be built to operate at two, three, 
and four speeds because the induction motor has a 
cylindrical rotor, a uniform air-gap, and a distributed 
rotor winding. These features make it easy to change 
the sync^onous speed by regrouping the stator and the 
rotor coils. In the s3mchronous motor with the usual 
salient-pole construction, the ^-gap is not uniform and 
the field winding is concentrated. Therefore, to operate 
a salient-pole synchronous motor from a constant-fre¬ 
quency supply at more than one synchronous speed, a 
spedal. design is necessary. Such a motor is partic¬ 
ularly suitable for constant-torque loads because syn¬ 
chronous motors are most efficient when operated at 
normal magnetic flux and currait densities at either 
speed, 

The multi-speed synchronous motor can operate at 
^ty power-factor (or at any desired leading power- 
f^tor), whereas the mifiti-^eed induction motor ueu- 
ally has a rather low lagging power-factor at the lower 

1. General Eleotno Co., Soheneotady, New York. 

, 2. U. S. Patent No. 1,491,461 April 22,1924. 
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speed, unless a special compensating arrangement is 
used. It will be seen later that the particular two- 
speed synchronous motor described has an efficiency of 
96.6 per cent when operating at 5000 h. p., 600 rev. per 
min., and at 2600 h. p., 300 rev: per min. It can thus 
be seen that the possibility of obtaining two speeds from 
synchronous motors opens a new field of application 
which so far has been covered by induction motors. 

This particular motor (described later) was built to 
drive an a-c. generator at two speeds in order to obtain 
two frequencies. This motor can fimction equally well 
as a two-frequency generator when driven at constant 
speed. Thus a frequency converter set, consisting of 
two of these machines, could supply three different 
frequencies. 

In some mine fan installations the full capacity of 
the fan is not required at certain periods. In 
cases where a speed ratio of one to two is satisfactory, 
the two-speed synchronous motor should be suitable. 
Although this load would not be a constant-torque 
load, the efficiency at both speeds could probably be 
made higher than toiat of a corresponding two-speed 
induction motor. Furthermore, the ssmehronous motor 
could be operated at any power-factor to obtain powa-- 
factor correction. Thus, at the one-half speed condi¬ 
tion oifiy about one-eighth power is required and the 
remaining synchronous motor capacity can be utilized 
for power-factor correction. One difficulty in this 
application is that 100 per cent pidl-in torque is re¬ 
quired which necessitates a heavy starting winding, 
^e ordinary starting winding can be used if a clutch 
is installed or if the motor is eqmpped with a rotating 
frame (supersynchronous motor). 

Synd^onous motors ^ now being used for ship 
propulsion. Changes in motor speed are accomplished 
by changing the generator frequmugr by varsringthetur¬ 
bine speed. With a two-speed motor half speed can be 
obtained at normal frequency. The advantage of this 
scheme lies in the operation of the steafia turbine at nor¬ 
mal speed where the effidency is maxirngm 
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l»:u*k\vatt'r roiuiitiiins at certain waterpower plants 
are sia-h that tin* elleeiive head is much less (sometimes 
on(‘dialf during tin* rainy season than durinj^ the dry 
se‘asna. 1‘ or i‘irn‘ieiii opera!ion the water turbine speed 
should Lm redacted with the head, a condition which 
a inueh lowt*r turbine speed during the rainy 
season, In fas<*s \vh<*re Uu* turbine speed is reduced to 



Pin, I-’.* Fi.vk Oivnioo tais’ in'thk Am-OAi> of an Okdinauy 
Hsunni MAeiiiNK at no Loao 

Fio. >* l^i^TunurrroN rs thk Aiu-nAV of an Oiim-* 

NAin Samu^t tSoa. .Marions at no Loau whkn Onb PoM3 
IH Hnviaa r.M 

onu-liuir, a f.wo-KpcjMl ginimilor would Rive normal 
fnwiiM-ni'.v af. bnlh nornuil siwe<l and one-half normal 
spf?ed of lluf turhino. 

11, waHoriKinally hoiHul that; the two-speed synchro¬ 
nous itudtjr could be ustfd advanfiai^eously for refrigera¬ 
tion. In the summer the ammonia compressors are 
u.suall.v worked <*ontinuou.sly at full capacity. In the 
winter the compr4‘.sson4 are unloaded (two-cylinder 
compre.ssor oix^rafetl with only one cylinder), a con¬ 
dition which ref{uires abnormally large fly-wheels. 
Otherwiw tremble <lue to hunting and excessive current 
pulsjititms will be experienced. This, difficulty is now 
being ovon'time by u.sing the modern durance pockets 
in the cylinder of the compressor. With a two-speed 
motor Imth cylinders could be used at one-half speed 
which would give the same degree of refrigeration as 
at full .spewl with only one cylinder; but about five times 
the normal speed fly-wheel effect is necessary to prevent 
exees.sive current pulsations. Thus the fly-wheel for 
tbks condition is nearly as large as the one required when 


the compressor is unloaded, and the advantage of the 
two-speed synchronous motor in this case is not so 
marked. 

Special Pole Necessary for Two Speed Operation 
Fig. 1 shows diagrammatically the flux distribution 
in the air-gap over a pole-pitch in an ordinary salient- 
pole .synchronous motor. In order to make this ma¬ 
chine operate at half of its nonmal speed, the number of 
poles must be doubled and the armature winding must 
be reconnected accordingly. Thus, to have a motor 
which will operate at normal and one-half normal speed, 
it is necessary to arrange the armature and field wind¬ 
ings .so that they can be connected for either normal or 
twice normal number of poles. Fig. 2 shows the flux 
distribution in the air-gap over two poles of opposite 
polarity which are placed in the s£ime space as that 
.shown in Fig. 1. This repre.sents at one-half speed the 



Fig. 4-6-—Ptux Disthibtition in this Air-Gap op a Sai.ient 
P oLB Machinm at no Load with Spkciai, Podes at the High 
AND Low Speeds Rbspbotively 

flux distribution, which is the same as in an ordinary 
machine. Now, to operate this machine (Fig. 2) at 
normal speed, the polarity of one of the poles must be 
reversed; the flux distribution will then take the form 
shown in Fig. S. This condition gives a flux wave with 
a pronounced third harmonic which gives a very high 
core loss due to excesssive hysteresis. Furthermore, the 
flux represented by the shaded area is lo.st and thus the 
capacity of the machine is decreased. 
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To overcome the objectionable condition shown in 
Fig. 3, the author devised a special pole piece. Figs. 4 
and 5 show the flux distribution in the air-gap with this 
special pole shape for the high and low speeds respect¬ 
ively. Comparing the flux wave of Fig. 4 with that 
of Mg. 3, it will be apparent that the core loss will be 
be much less for the flux distribution represented by 
Fig. 4. Tests have shown that, with the special pole, 
(Fig. 4), at normal speed, the core loss is only 15 pa* cent 
greater than that of the ordinary salient-pole machine 
(Fig. 1); but this is not objectionable. At half speed, 
(Fig. 6), this special pole increases the core loss over that 
shown in Fig. 2. The hysteresis loss is the same in 


motor is to operate mostly at the low speed, the distance 
B should be inCTeased. 

Scheme fob Changing Number op Rotor Poles 
The scheme for changing the number of effective rotor 
poles in the ratio of two to one is shown by Fig. 6. The 
polarity of the polar projections for the high speed is 
indicated by N, S, S, N, etc., to the right of the vertical 
center line and the polarity for the low speed is indicated 


1 6 
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Fia» 6 —^Method of Changing Poles on the Rotor of a 
Two-Speed Synchronous Motor 

both cases, but the eddy-eurr«it loss is greater due to 
the steep wave front at A. Tests show, however, that 
the core loss for the half speed condition, (Fig. 6), 
is also only about 16 per cent greater than that of an 
ordinary salient-pole machine, (Fig. 2). The distance 
between the poles B should be made large enough to 
prevent a high leakage flux for the low speed condition, 
(Fig. 5). This leakage flux would be high only in a 
machine with a very large number of narrow poles. 
The shape of the pole face is a compromise between the 
best shapes required at the two speeds respectively. 
If the motor is to operate most of the time at the high 
speed, the distance between the pole pieces B, (Fig. 4), 
should be made relatively small. ConvOTsdy, if the 



by N, S, N, S, etc., to the left of the vertical center line. 
To simplify the method of connecting the fleld coils, 
half of the coils have their connections made on one end 
of the rotor and the other half are coimected on the 
opposite end. It should be noted that every other pair 
of polar projections have the same polarity for both the 
high and low speed conditions and the field coils on these 
polar projections are connected to one set of collector 



Fio. 8 


rings—^to the right. The pairs of polar projections 
whose polarities must be reversed when changing from 
the high to the low speed, or vice versa, are connected 
to the other set of collector rings—^to the left. The two 
sets of collector rings are connected in series through a 
reversing switch. The number of rotor poles is changed 
in the ratio one to two,—^high to low speed, or vice 
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versa, by throwing the reversing switch to the right or 
to the left. 

Description op Stator 

The stator of a two-speed s 3 nichronoxis motor is prac¬ 
tically the same as the stator of an ordinary synchronous 
motor. The stator frame and stator punchings are 
exactly the same. No special arrangement of the turns 
or the conductors in the coil is necessary. The only- 
difference is in the stator coils and coil connections. 
The coils usually have a smaller pitch than those used on 
ordinary synchronous machines and thus the coil and 
projection is less. The stator coil pitch can be varied 
within certain limits to accommodate the conditions of 
design. At the high-speed connection the coil pitch 
can be made 60 to 60 per cent (coil c c, Fig. 4), which 
makes the pitch 100 to 120 per cent (coil c'c', Fig. 5) 
at the low speed connection. 
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Fig. 9 


A-c. motors are usually supplied with dectric power 
from constant potential lines. Since it is desirable to 
have the magnetic flux density in the air-gap approxi¬ 
mately the same at both speeds, it follows that the num¬ 
ber of turns in series per phase of the stator winding at 
low speed must be twice the number in series at high 
speed. Therefore, changing the number of stator poles 
in the ratio of one to two consists of changing the num¬ 
ber of circuits in the ratio of two to oneinsuch amanner 
that half of the phase groups are reva^. The method 
of reconnecting one phase of the stator winding by- 
reversing every other phase group is similar to recon¬ 
necting the field coils as shown by Fig. 6. 

Two-Phase Stator Windings 
F igs. 7 and 8 show the method ot connecting a two- 
phase stator winding for the high and low speeds re¬ 
spectively. This connection requires only six terminals 
and it can be used for either three- or four-wire two- 
phase circuits. The advantage of this connection is its 
simplicity. Forthisreasonitisusedoninductionmotors. 


Its disadvantage is that the phase belt is 180 deg. at 
the low-speed condition. A 180-deg. phase belt is not 
recommended for a two-speed synchronous motor be¬ 
cause the short-circuit core loss with a 180-deg. phase 
belt is nearly twice that obtained when the phase belt 
is 90 deg. Furthermore, the flux per pole is 41 p^ cent 
greater with the 180-deg. phase belt, and thus the core 

13. 13 4|5 67 8|9 WU UI 
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loss is about 90 per cent greater and the field R I* loss 
about 250 per cent greater. 

To overcome the objectionaole features of the 180- 
deg. phase belt at the low-speed condition, a 90 -deg. 
phase belt should be used and the stator winding con¬ 
nected as shown by Figs. 9 and 10, In Fig. 9, each 
phase is split into two 45-deg. belts, which become 90 


Uiwj Lujixl Urn) I LuuaJ LjuuuJ UhaiJ 
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I 



deg. belts in Fig. 10, Twelve terminals are required 
when the two-phase power supply is three-wire. If the 
power supply is four-wire, the leads 9, 10, 11, and 12, 
(I^igs. 9 and 10), can be connected internally and then 
only eight terminals are necessary. In this case the 
line terminals for the high speed, Fig. 9, will be 1-3, 
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2-4, and the leads 5, 6, 7, and 8 areconnected. Forthe 
low speed, Fig. 10, the lines will be 6-7, 6-8, and no 
connection will be necessary. 

Three-Phase Stator Winding 
Figs. 11 and 12 show the wiring diagrams for a three- 
phase stator winding which requires only six terminals. 



Pig. 12 


The phase belt for the high-speed condition is 60 deg. 
and for the low-speed condition 120 deg. The increase 
in the phase belt from 60 deg. to 120 deg. helps to coun¬ 
teract the decrease in flux due to the increase of the 
stator coil pitch when changing from'high to low speed. 



Fig. 13— Stator of a 12/24-Poni, S00O/250O-H. P. 000/800- 
Rbv. pbr Min. Two-Spbbd Stnohbonous Motor 

Description OP A 6000/2500-H. P., 600/300-Rev. 
PER Mm., Two-Spbe® Synchronous Motor 
Fig. 18 shows the stator of a 5000/2500-h. p., 600/300- 
rev. per min., T2/24-pple, 60-cycle, unity power-factor, 
two-phase, 2300-volt, two-speed, synchronous motor 
with the end shields removed. The stator winding is 


arranged so that a 90-deg. phase belt is obtained at both 
speeds. 

Fig. 14 shows the rotor completely assembled. The 
poles are equally spaced so that the maximum amount 
of interpolar space can be utilized for the fleld coils. 
This motor is used on a 24,000-kv-a. frequency 
convaier set where it was desirable to place the 
motor coupling between the rotor and the bearing. 
In order to reduce the axial length of the set to a mini¬ 
mum, all four collector rings were placed at one end of 
the rotor. The usual practise is to place the coupling 
beyond the bearing and then it is desirable to place two 
collector rings on each side of the rotor. 



Pig. 14—Rotor op a 12/24-Polb, 5000/2500-H. P, 600/300- 
Rbv. per Min. Two-Spbbd Synchronous Motor 

Fig. 15 gives a section view of the motor showing the 
unsymmetrical pole tip. The poles are equipped with 
an amortisseur starting winding, consisting of five bars 
per pole. Starting tests show that the uns3m)metrical 
pole face has no tendency to cause the motor to lock at 
a sub-synchronous speed when it is connected for either 
speed. 

An interesting feature in the rotor construction of 



Pig. 15—Sbotion Vibw of Two-Spbbd Stnohronoxts Motor 

this two-speed motor is the possibility of arranging the 
field coils at the high speed connection to form a two- 
phase winding which would give considerable starting 
torque when the motor is operated as an induction 
motor. This can be done by dividing the coils into two 
independent groups, each group consisting of alternate 
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coils connected in series, and by short-circuiting the 
^oups separately. The disadvantage of this scheme 
is that eight collector rings would be required and thus 



Fia. Wave im Aiu-Gap at Hkiii Speki) No Load 

the axial length of the motor would be materially 
increiused. 

Predetermination op Motor Characteristics 
The actual flux distribution in the air-gap is obtained 
by taking an oscillogram of the voltage induced in an 
exploring coil placed on the armature face. Pigs. 16 
and 17 show the flux waves obtained by te.sts for the 
high and low speed conditions respectively. 



Fig. 18 shows the outline of the magnetic field struc¬ 
ture drawn to scale. The flux distriWtion in the air- 
gap is obtained graphically by plotting the equipotential 
lines of magnetomotive force and the tubes of magnetic 
flux. The influence of the stator and rotor slots is 
neglected. The dotted lines in Fig. 18 give the calcu¬ 
lated flux distribution in the air-gap and the full lines 
show the flux distribution obtained by test. In plotting 
the actual flux waves (Figs. 16 and 17) in Fig. 18 the 
ripples due to the rotor amortisseur winding slots were 
neglected. It should be noted that in Fig. 18 the full 
wave (one-half cycle) of the low-speed flux wave is 
shown and only half (one-quarter cycle) of the high¬ 
speed flux wave is ^bwn, since this is a symmetrical 
wa e (Pig. 16). The calculated flux waves agree very 


closely with those obtained by test. Since the'Vre- 
determination of the flux distribution in the air-gap is 
the foundation upon which the design calculations are 
based, it follows that the characteristics of a two-speed 
synchronous motor can be readily predetermined. 

Fig. 19 shows the calculated and test saturation, syn- 



Fia. 18 —Flux Dibtiubtjtion in Aib-Gap at No Load 

-Test 

---Cai,colate0 ■ 



Pxa. 19— Chabactbbihtio Curves 12/24-Polb '5000/2500- 
H. P. 600/300-Rbv. pbb Min. Two-Speed Synchbonoub Motob 
at 600-Rev. pbb Min. Nobmal Voltaob 
.. Test 

.......... CALCniiATED 

chronous impedance, and no-load phase characteristic 
curves for the high-speed condition; Fig. 20 gives simi¬ 
lar low-speed characteristics. Figs. 21 and 22 give the 
starting torque and starting current for the high and 
low-speed conditions respectively. A comparison of 
Pigs. 21 and 22 will show that the starting torque 
developed with the high-speed connection is much 
higher than that developed under the low-speed con- 
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dition. The flux density in the air-gap is higher and the field R P losses. These efficiency curves show that at 
reactance is lower for the high-speed condition, and since normal load the efficiency is about the same at both 
the starting torque varies approximately as the square speeds. This refers to 5000 h. p., 600 rev. per min., and 



Pig. 20—Chabactbbistic Curves 12/24-Polb 6000/2500- 
H. P. 600/300-Rbv. per Min, Two-Speed Synchronous Motor 
at300-Rbv. per Min. Normal Voltage 

-Test 

.Calculated 


of the flux density and inversely as the reactance, it 
follows that the high-speed condition should give a 
higher starting torque. 

The efficiency curves of this motor at the high and low 



Pig. 21— Starting Torque 12/24 Pole 6000/2600-H. P. 
600/300-Rbv. per Min. Two-Speed Synchronous Motor 
Normal Voltage 600-Rev. per Min. Connection 

-Test 

..Calculated 


speeds are shown in Pig. 23. These efi&dmcies were 
obtained experimentally by the segregated-loss method 
and they include the windage and friction loss, open- 
circuit core loss, short-circuit core loss, armatore and 



Pig. 22 —^Starting Torque 12/24 Pole 5000/2500-H. P. 
600/300-Rev. per Min. Two-Speed Synchronous Motor 
Normal Voltage 300-Rbv. per Min, Connection 

-Test 

.Calculated 



Pig. 23— Bppicibncy 12/24 Pole 5000/2500-H. P. 600/300 
Rev. per Min. Two-Speed Synchronous Motor 



Pig. 24 —^Voltage Wave at High Speed No-Load 

to 2500 h. p., 300 rev. per min. The stator R I* losses 
are about the same in either case, hut the windage and 
core losses are much less at the low speed. This ac¬ 
counts for the high efficiency at the low speed. 
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Two-Frequency Generator 
A two-speed synchronous motor can also fiuiction as 
a two-frequency a-c. generator when driven at constant 
speed. Although the flux wave at either frequency 
deviates appreciably from a sine wave, the voltage wave 
can be made nearly sinusoidal by a suitable choice of 
the number of slots and of fractional pitch of the arma- 


expense is just the same. The cost of such a motor is 
only slightly higher than that of an ordinary ssmchro- 
nous motor whose rating is equal to the low-speed rating 
of the two-speed motor. Therefore, this new syn¬ 
chronous motor is a practical machine and should open 
a new field for synchronous motor application. 



Fia. 25— VoLTAOE Wave at Low Speed No-Load 

ture coils. Pig. 24 shows an oscillogram of the no-load 
voltage wave when the above described machine is 
connected for the normal number of poles, and Fig. 25 for 
twice the normal number of poles. Thesevoltagewaves 
are really good waves when we consider that the ma¬ 
chine was connected two-phase and had an integral 
number of armature coils per pole per phase. The 
voltage waves would be much better in a three-phase 
machine with a fractional number of stator coils pra: 
pole per phase. By comparing the flux wave. Pig. 16, 
with its voltage wave. Pig. 24, and similarly. Pig. 17 
with Fig. 25, it will be seen how much the pitch and 
distribution of the armature coils reduce the various 
flux ripples and harmonics. 

The efficiency of this machine obtained by test, when 
used as a multi-frequency generator, is as follows:— 
300 Rev. per Min. 

12 poles, 30 oyoles 24 poles, 60 cycles 

2000 kw., 1.0 P. P. 2000 kw., 1.0 P. P. 

Efficiency 95.4 per cent 95.6 per cent 

600 Rev. per Min. 

12 poles, 60 cycte 24 poles, 120 cycles 

4000 k-w., 1.0 P. P. 4000 kw., 1.0 P. P. 

Efficiency 95.7 per cent 95.8 per cent 

The efficiency at 300 rev. per min., 60 cycles is slightly 
higher than at 300 rev. per min., 30 cycles because the 
field R J* loss is le^ for the 24-pole connection. 

Conclusion 

There is nothing special or complicated about the 
construction of the two-speed synchronous motor. Its 
performance can be predetermined with the same de¬ 
gree of accuracy as that of the ordinary spchronous 
motor. It does not require any more attention than an 
ordinary synchronous machine, and its maintenance 


Discussion 

S. H* Mortensen: Mr. Wieseman’s paper brings out, clearly, 
the fact that two-speed synchronous motors can be built economi¬ 
cally, and that a machine of this kind properly proportioned will 
practically maintain all the virtues of the standard salient-pole 
synchronous motor. The field of application for a motor of this 
kind is at the present time rather limited. The only application 
the speaker can think of in addition to the ones Mr. Wieseman 
has mentioned is that for driving two-speed pumps such as are 
sometimes used with condenser installations. 

This type of drive would, of course, not be a constant-torque 
proposition at the two speeds any more than the mine fans men¬ 
tioned by Mr. Wieseman. The horse power required at either of 
these drives varies approximately with the cube of the speed of 
operation. A study of the starting characteristics shown in 
Figs. 21 and 22 indicates that with 12-pole stator connections, 
this machine can start and synchronize more than full load. 
With 24-pole connections, its starting characteristics are much 
inferior. However, very large loads corresponding to the 24- 
pole operation could be brought into synchronism by starting the 
motor as a 12-pole machine, bring it up to a speed beyond the 
24-pole synchronous speed and then by suitable switching, change 
its stator connections from a 12-pole to a 24-pole winding. The 
fields could then be excited and the motor would slow down and 
lock into synchronism. If this procedure is followed for fans, 
pumps and similar drives, the motor could be started upon a 
comparatively low starting voltage and brought into synchronism 
without causing undue line disturbances. 

In connection with the starting-torque curves, Figs. 21 and 22, 
it would be of interest to Icnow if these curves were obtained with 
the motor fields short-circuited on themselves, or through a re¬ 
sistance, or, possibly, with the field circuit open at the 
starting period. 

The efficiencies shown in Fig. 23 are at full load from 1 per cent 
to 1per cent lower than the efficiencies that might be expected 
upon a single-speed machine of this rating. At fractional loads, 
this condition will be even more favorable to the standard 
machine. In this connection it would be of interest to know what 
class of steel is used in the stator of this particular machine. The 
flux-distribution curves shown suggest that high-silicon steel 
would have a decided advantage over standard steel to the ex¬ 
tent of reducing eddy-current and hysteresis losses. As the flux 
waves shown in Figs. 16 and 17 have very decided ripples, it 
would be of interest to know whether this machine was noisy 

during operation. . * -u* 

Regarding Mir. Wieseman’s statement that a machine of "^is 
design is only slightly more expensive than a standard machine, 
it would seem to the speaker that this would apply only to 
high-speed machin.es, where the field leakage and heating of the 
rotor coils is not a limiting feature. Where slow-speed machines 
are involved, the increased field le^ge, in addition to the 
reduced field ventilation caused by the proximity of the pole tips, 
would limit the output and make it necessary to supply a con¬ 
siderably larger machine for two-speed operation than would be 
necessary for a standard one-speed machine. 

H. Weichscl: We have been accustomed for m^^ny years to 
hear and talk about multiple-speed induction motors, and, on 
‘the other hand, we had a more or less deep-rooted belief that 
synchronous motors are inherently single-speed machines. 
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This limitation has been taken more or less as a matter of course 
without analyzing the underlying reasons why synchronous mo¬ 
tors were not built as multiple-speed machines. 

During the last few years, the general interest in the synchro¬ 
nous motor has grown enormously. This is largely due to the 
better understanding of the tremendous losses and engineering 
difficulties which are created in a-o. systems when energy is 
transmitted under low power factor. The operating difficulties 
and economic losses, due to low power factor, hit the operating 
engineer first, then the consumer, and, finally, reacted upon 
the manufacturer of the electric machine^J^ 

We are now in the third stage, as is evidenced by the fact that a 
very large number of operating engineers and power consumers 
have turned for help to the motor manufacturers, asking them to 
assist in solving the tremendously important question of power- 
factor correction. The result of this appeal has been that during 
the last few years, great efforts have been made to introduce 
more generally the application of such motors as inherently op¬ 
erate at unity or even leading power factor. It is a well-known 
fact that the synchronous motor has the desired property of 
operating with leading or unity power factor. Unfortunately, 
while the conventional type of synchronous motor possesses the 
desirable ability of good power factor, yet it is also guilty of 
several serious shortcomings in comparison with the induction 
motor so generally used at present. 

The designing engineers, as well as the inventors, have worked 
diligently during the last few years on the problem of freeing the 
conventional synchronous motor of its shortcomings. It is well- 
known that during the last few years remarkable progress has 
been made in approaching the goal of an ideal single-speed syn¬ 
chronous motor, but thereby still leaving the field of multiple- 
speed motors to the induction machines. This, on the other 
hand, is particularly undesirable from the power factor viewpoint, 
as all induction motors, and especially multiple-speed induction 
motors, have a poor power factor at low speeds. 

Mr. Wieseman is, therefore, to be congratulated for having 
attacked the problem of two-speed synchronous motors and 
solved it in a remarkably satisfactory manner. 

As far as I can see, in analyzing the problems of two-speed 
synchronous motors, it appears that the real problem lies in the 
rotating or d-c. member. The regrouping of the d-c. pronounced 
poles, such as are used in the conventional type of synchronous 
motor, is extremely simple in principle when a speed ratio of 1-to- 
2 is desired and has been understood for many years. Unfor¬ 
tunately, such a regrouping of the poles of a standard synchro¬ 
nous motor produces an entirely unsatisfactory field distribution 
which results in excessive losses and low weight efficiency of the 
machine. The problem of producing two-speed primary wind¬ 
ings, on the other hand, is in principle the same as that which for 
many years has been solved in connection with two-speed in¬ 
duction motors. 

The important question is, therefore, the creation of a d-c. 
member which can be satisfactorily excited for two different 
numbers of poles. In order to accomplish this result, Mr. Wiese¬ 
man found it necessary to reduce the distance between the pairs 
of poles to a value very materially below the distance between 
pole, horns as found in standard designs. From Fig, 4 of the 
paper, it appears that the gap between two adjacent pole horns 
is made so small that the surface of those poles which form one 
pair approaches, in its appearance, the cylindrical surface of an 
induction-motor pole. The following question arose in my mind: 

Why not go the whole way and construct the rotor entirely' 
on the lines of an induction motor and provide the rotor with a 
winding which allows the regrouping of poles in the ratio of 2-to-l. 
It is well known that such an arrangement can readily be ob¬ 
tained, for instance, by winding the rotor exciting winding as . 
per Pig. 1 herewith. This winding consists of two groups of,* 
poles which can be reversed against each other, simila r to the 
arrangement shown in Fig. 6 of Mr. Wieseman^s paper. Single¬ 


speed synchronous motors without pronounced poles, using a 
kind of induction motor rotor, have been built very successfully 
for several years, especially by some European concerns. They 
are known under the name of “synchronous induction motors.’* 
These motors have shown themselves in several respects 
superior to the conventional type with pronounced or salient 
poles. It is possible to obtain with this type of synchronous 
motor starting and synchronizing characteristics which are 
superior to those usually available in pronounced pole synchro¬ 
nous motors. This advantage is obtained by using the rotor 
during starting as the wound secondary of an induction motor. 



Fig. 1 


By introducing resistance in this winding, a high starting torque 
with low starting current can be obtained, and when machine has 
come up to speed, tho induction motor slip can be hold very low, 
as the winding is completely short-circuitod. This low slip, on 
the other hand, results in a good synchronizing torque. 

I have made some very rough calculations for a medium-size 
machine of moderate speed which seem to indicate that two-speed 
ssmchronous Induction motors are quite feasible. I would like 
to ask Mr. Wieseman’s opinion on the possibility of such a type 
of machine. No doubt, Mr. Wieseman has . investigated this 
problem and is in a position to point out the shortcomings of a 
two-speed synchronous induction motor when compared with a 
two-speed salient-pole synchronous motor. 

Mr. Wieseman makes a statement which is particularly iuter- 
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Fig. 2 

esting to me, namely, that the stator winding for the high-speed 
connection should have a coil pitch of about 60 per cent to 60 
per cent which makes the coil pitch 100 per cent to 120 per cent 
for the low-speed connection. 

This is exactly the relation which designers have found to be 
feasible for two-speed induction motors. In the design of in¬ 
duction machines, it has been found that if the coil pitch for the 
high-speed differs materially from 60 per cent, then the shape 
of the magnetic field for the slow-speed connection is very un¬ 
desirable. In Fig. 2 herewith, a three-phase winding with 66 
per cent for high-speed (4 poles) and 132 per cent for low-speed 
(8 poles) has been shown. The field for the slow'speed can be 
considered as being made up of a symmetrical 8-pole field and 
superposed over this are fields with a different number of poles 
than desired. These higher “harmonic” fields are quite detri- 







Uiv i(nlui*tiori iimlors juu! arc ortcn rc- 

spim^il‘lv for suhsyuc‘lirtino».s speeds and also Tor al)iioniially 
IrujLp* li akn^:** with iMiuscipient nMlu<!«‘d outpiil. <d' Urn nuu*.hint». 
t siiniiiM* that lids is the reuMHi why Mr.\Vicscruaur<‘Cojnuu'nds 
lor I Wii-^pcrd .syiu‘hri»tious motors, u c?oil pilalt i»r fit) pea* aont to 
lit) jior cent of the |H»h‘ pihdi. 

'fhe >tarlin^y |M*rform;nu'c of the iwo-stHUMl synedtronous itiotor 
as ott the seventh pa^^e of Mr. Wieseiuaii’s pai)er is v<*ry 

sali "fai'ltiry. (t would he of inteivst, Imwcvi'r, if \yv nould hcn.r 
from Mr, \Vuis«*niaii r*‘Kurdui^? the syn<*hroni/dns lonpic^ wdiicdi 
thi se iuaohin«’s nrceupahle of ilevelopinjj:. and in this «oniit‘(d.ion, 
lie udi4ht us also on the tpn»siion as In vvIh'Mut Ihesi^ 

niacidtii'S can Ih< swiiclieil from lovv-spciMl contu‘clioii to full- 



Fto. Pot.K Hnor. tiivtNo Iiikai. W.vvt. Koum at II.via*’ 

SpMKn 

apei'd coiinetdioii. and viei* Vi-rsa when optn’utinK uinh’i’fiillload. 
In ofln r vvonis is <ir is it tint, necessary In ri*iuove tin* load 
hi fore the winduiKi< <*nii swilidieil from one spisMl to anolht'r? 

Ill Id anil 17 of Mr. Wie.Hi*man\s paper, o.scdHoM:riii>hic. 

record's art* i^iven of tln^ volume in a search coil. Mr. Wii’senmn 
tin ii ilraws in Fm. IN, the ' te.sitid’* liehl shapi* hy usiim the 
OMdIhmniin reeortls for the voltage nea^leidina lln* ripples in tin* 
vtdf Ujtci* osciUotsntmH. 

In Urn A. 1. F. K. PnoeinmiNns 11112, pHtn? o2h, I pointed out 
that Ihf^ plMiloMraphic retmnls tif the voIlUKcindnced in a search 
coil dfj not ri’pn'Heiit the tnn* held tlislrilmtlon, hecaiisc^ dne to 
the pasMirt^of the ttadU, the matTnituih* as well us the shaia* of tin* 
mntjiietic held protlticed hy tin* dn?. wiinliim is not constant hut 
cluuiKeH runtdly when tin* teeth puH.s inudi o1In*r, due to Urn 
tmivetnetif fif tlie rotor. 

I preMinie that this phenonietion induced Mr. WicHi‘iuan to 
draw the t«».Hiisl held curve from th(! oscillotjriipli record hy 
uet^lcctiriK the ripples and therehy ohtaiulnKft kindof atitiveraac, 

J* I’’. II# undi F# W. Kane (hy h'itcri: One uinhfr- 

Htamlh upon reatUtiK tin* section ln‘tuh*d “Hfasdal Pole Neci»ss,ary 
for Two-Hpeist Opemfton/' that this polit contnhuie.s to tlio 
etlich'ficy of the ittotor*H operalnm, anil that Un^ core loss is kcitt 
within lo per cent of the valin* usual in single-speed motors of this 
ai/.e, ami witli a rctiHonahle leakage. MoweviT, it does not ap- 
ISfur that the imm* IfHual shapes of pole shoe would he inopera¬ 
tive, nor is it claimed that the poh* shown is a form giving maxi¬ 
mum effeiftiveiicHK or that the wave form is good. Data on the 
tuaxiintiiu power fatdot ohtainahle with this motor running light 
would hf^ of intri*reHt in this connection. 

One midemtatids Unit the poles arc dosi^ togt?ther to cut down 
core loss, .yet hy referring to Figs. Ih and 17, wo sec pronounced 
ripples which immi increiisf* <!or« loss. Those ripples are of the 
aiHt and ildrd order iti Fig. 1(5 where the stator Uaith per pole are 
1 (1. Fig. !7 has large lath and 17th hannonies when the stator 
hHjth per pole are 8. Both cases come under the general rule 
applying t 4 > tooth horinoiiies, iminely, if N is the number of 
toelii |w*r pi>Ii^ {being im integral niunbfjr) then they may cause 
hanminics of the &N ±1) order. They may be eliminated, of 
couna?, by partly closing the slots* bnt they can be also eliminated 
by eliminatiiig hamonies of tooth-ripple frequency from the 
imh* shoo. The proof of this proposition was given in an ap¬ 


pendix 1.0 a paper w^^ n^a.d in (^licago, June 1024, before A. I. E. E. 
on “Potential Clradumt and Flux Density.”^ At any rate, a 
Fouri(‘r analysis of curves in Fig. 18 was made, and even without 
proiiouncisl ripph^s of tliix slnnving, htirmonics of considerable 
si/.ii of the above ordm’s w<*rn found. 

An i<l»^al w'ave form for low^ speed is shown in Pig. 3 herewith 
hy curve y>* C from polt*s A, When the poles are reversed 
for high-sp(H‘d operation the curve H D would probably result 
W'it h tlnuMisp replaced by F. The core loss of this wave would 
pre)ha.l)ly lu* .^>0 per c(*nt gn«i,ter than a sine wave, but the flux 
lost w on hi not h(5 the area belAveen the two peaks B and D 
bnt merely (he difl‘(»reoc,e hetw<«m the peak 2^, and the peak of 
K the fundaimaitnl sine-wave eojnponent. The T. I. P. of 
the wave was computi'd as *235, and while intorforonee is of no 
parlic'.idar intm’C'st in tins connection, this factor will serve as well 
ns any for n'lative comparismis. 

All ideal wave form for tlu^ high speed is shown in Pig. 4 here¬ 
with hy the curve B (* produced hy the split polo A. When 
thc' pole halv(»s are propiriy n<vers(‘d for Jialf speed, the wave 
B J) /I’ri^sults, which hnsaT. L F. of KMO, worse than the first 
wave* ill Fig. 3. With tlie pole tips separated to point P, wo 
havi* the aiTaiigement <h‘vised liy Mr. Weiseinan, with rounded 
<*orners 11 for the low speed, and the dip or dimples G for the 
high speed. We aiialyw‘d the wavni forms shown in Mr. Woisc- 
man’s paper in Fig. IS, and found that for the low speed the 
T, I. F. was 140, and for the high speed the T. 1. P. was 286. 

It is plain then that a perfect wave cannot be found for both 
spo(*ds, bu t that a comiiroiuise must be made. If it were thought, 
(lesirabl**, we have no doubt further improvoments could be 
made. I low well this design .secures a favorable compromise on 
all of the fpiestioiiH involved in tho design is truly remarkable. 

H. W* Wloisieinans Tho twnlvo-polo starting characteristics, 
Pig. 21, are in ucli bctl.or than t.he twonty-four-pole characteristics, 
Pig. 22, a.s Mr. Morteiisen lias pointed out. This was mentioned 
in thi^ paper and the n^asiins for this difference wore given. In a 
three-phase motor tlu^ difference Ixitwoen the two starting oharac- 
(erislies would md. bi^ so pronounced becwuiso in a tlu’oe-phase 
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machine the air-gap flux density can he more readily made the 
same for both tho high-and the low-speed conditions. The 
starting chanicti*ris1,ics, Pigs. 21 and 22, were taken with tho held 
winding open circuit(*d. If tho field winding had been short- 
circuited through a suitalde reHiHtaTiO(>i, the starting torque (at 
Koro speed) would Jiave boon a little lower, but the pull-in torque 
(at Do per cent speed) would have been considerably higher, 

Mr. Mortensen staiid that tho full-load efficiencies are from 
1 to 1.5 percent low< 5 r than the efficiencies that might be expected 
from a single-speed machine of the same rating. Whether an 
efficiency is high or law is a matter of opinion. The efficiency 
of a machine depends largely upon the amount and kind of 
material which is used in its construction. With a better grade 
of iron and additional copper, thcare is no question that the effi- 
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oiency of the motor could be increased. This increased effi¬ 
ciency, however, would increase the cost of the motor and, conse¬ 
quently, it depends upon how much a per cent of efficiency can 
be capitalized. A machine which is used continuously should 
naturally have a higher efficiency and cost more than a machine 
which is used periodically. 

Mr. Mortensen also stated that since the flux waves. Figs. 16 
and 17, have very decided ripples, it would be of interest to know 
whether this machine is noisy during operation. At the low speed 
the motor is very quiet, having no magnetic noise and only a little 
windage noise. At the high-speed there is no magnetic noise, 
but the windage noise is much more pronounced. 

Mr. Mortensen has called attention to the fact that a low-speed 
motor of this type would be considerably larger than a standard 
single-speed motor. I agree that a low-speed machine of this 
type is larger, and, therefore, more expensive than the standard 
motor. However, this motor is in reality two synchronous 
motors in one so that it is natural that the motor should cost more 
than one standard motor. Just how much more a two-speed 
motor would cost depends somewhat upon the speed. 

The cylindrical rotor with a distributed rotor field winding 
could be used successfully in a two-speed synchronous motor 
as described by Mr. Weichsel. This construction would be 
advantageous only for small machines; for large motors I think 
the salient-pole and concentrated-field winding would be more 
economical and more efficient. 

The choice of armature coil pitch for a two-speed synchronous 
motor is determined by the same principles as the case of the two- 
speed induction motor as Mr. Weichsel has pointed out. 

The possibility of changing from low to high speed when 
operating under full load depends upon the design of the pole-face 
starting winding and the moment of inertia of the load. Syn¬ 
chronous motors can be built with very heavy starting windings 
(with a large thermal capacity) which can furnish full-load torque 
for an appreciable time. This type of machine is naturally more 
expensive than the ordinary motor. Furthermore, a large pole- 
face winding requires a deep pole tip which reduces the available 
space for the rotor field coil and it also increases the field leakage 
flux. Consequently, a synchronous motor (single-speed or multi¬ 
speed) which is designed to accelerate normal torques is not so 
good a synchronous motor as one which has the usual starting 
winding. The motor described in this paper is capable of giving 
full-load torque from 50 to 90 per cent speed at the high-speed 
connection with 65 per cent armature voltage. By short-cir¬ 
cuiting the field winding with a suitable resistance, and then 
exciting the field winding, the motor should pull into synchronism. 


If the inertia of the load is such that this operation could be ac¬ 
complished in less than a minute the motor would not overheat. 
In changing from the high speed to the low speed under load, the 
probleln is not so difficult. With a little practise, I think an 
operator could synchronize the motor as it comes down through 
half-speed with a reduced voltage impressed on the armature 
winding. 

The voltage wave induced in an exploring coil is not strictly the 
same as the flux wave as pointed out by Mr. Weichsel. My 
reason for omitting the ripples in the flux waves, Fig. 18, was to 
check the predetermined flux waves. The usual design calcular 
tions will not give very accurate results when they are applied to 
a machine which has a special field structure as shown in Fig. 15. 
Therefore, it was necessary to predetermine the flux distribu¬ 
tion over the poles and then obtain the various flux-distribution 
coefficients which are used in the design calculations. In pre¬ 
determining the flux distribution in the air-gap graphically by 
plotting the equipotential lines of magnetomotive force and the 
tubes of magnetic flux, it is convenient to neglect the influence of 
the stator slots and the rotor pole-face winding bars. It is 
assumed that the flux' waves obtained in this manner will be 
average waves and that the distribution coefficients obtained 
from these flux waves will, therefore, represent the average 
condition. In this way the characteristics of the motor. Figs. 19 
and 20, were predicted very closely. 

Messrs. Douglas and Kane stated that it did not appear that 
the more usual shapes of pole shoe would be inoperative. Of 
course* not, and the paper contains no statement to the con¬ 
trary. However, the usual pole shape would not bo so efficient 
as the one shown in Figs. 4 and 5. The maximum power factor 
obtainable when this motor is running light at either speed is 
100 per cent. 

I am at a loss to know why Messrs. Douglas and Kane calcu¬ 
lated the telephone interference factor (T. I. F.) of the flux 
waves and not the voltage waves. The T. I. F. factor is the 
number of micro-amperes per volt flowing in a tuned network 
which is weighted so that the current will be a maximum at 1120 
cycles. Since the flux wave cannot appear at the terminals of the 
motor, it cannot affect a telephone circuit, so that the T. I. F. of 
the flux wave is useless. Furthermore, the T. I. F. reading favors 
the seventeenth and the nineteenth harmonic in a 60-cyole 
wave while other harmonics have a reduced effect. Conse¬ 
quently the T. I. F. is only an indication of the relative value of a 
few harmonics in the wave and not a measure of all of the har¬ 
monics. The discussion of the pole shape by Messrs. Douglas 
and Kane, as shown in their Figs. 3 and 4, is practically the same 
as that given in the paper. 



Self-Excited Synchronous Motors 


BY J. K. 

Associate, 
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Stftiopsia: - 7 hr ihrtinj and <ipjplicallan*'i of sHf-excUtul .s*?/ri- 
rhronouti molara harr hrrn rvpcatn/li/ dUcmml in thv. lilcratiLrr, hut 
(hr ftnhjni ban hn n uHnallif pt'rHntird tin a aiiulf/ of iS(»tn(i i^pocial 
rarlrlff (tj tlufi (!ffn\ It noto sn'tntt lanrlf/ to (/it/u; an outline of the 
ijnn rtd thronj oj thr fiuhjt vf its a basis of c.otnparlson tif the proposed 
tapes and a starting point for farther deniopment work. 

The sttntp of a setj~e.reilrd motor is maintif a study of its vxcitiny 
spot eat. The terittr shines that any eomhi nation of the excitiny 
etreaifs is eyniratent to one eoniparatieety simple type^ and studies 
two prohh.ms in eonneetion with this standard type; (/) deterniina- 
lion of perjnnnanee of a yin n motor; {.*) determination of desiyn 
eonstants yieiny a desired performanee. In this study stress is tnid 
on the elements peculiar to this type of motor; hut no attempt is made. 


D u li I N( J (.h<* last, few years (lie increasing importance 
of aj!:o<«l powtT factor Kiive a fresh impetus to the 
study of the possibilities of synchronous motors. 
Niilurally enough, the elforts of the invtuitors and 
manufactiirci's were directed i)rimarily ajrainst the 
jinuitest drawback of syncdironous motors --their poor 
startinjjj cliaracl.<‘rist.ics: the result was the appearance 
of a nuinlxu' of “s(‘lf-startinK” synchronous motors of 
the I)iini<‘]son type; these m(»tors are structurally 
similar to tin* influtttion motors wi(.h phase-wound 
secondaries, and act tus such during the startinji period, 
but later an* <!ouv(*rted in(.o synchronous motors by 
supplying one phas(! (or a coml)inatif)n of phases) of 
the sec(Jtnlary with direct current. 

'Phis type retpiires a separate source of excitation and 
is snibihle «)nly f<»r lariaie outputs; but it becomes in- 
jtrciisinjfly evhlent that (‘Iforts are being made on many 
sides to cxtruid the sc'lf-sfairting principle to the .smaller 
sixes by making them self-excited. For this purpose 
the primary member carries in addition to the main 
a-c. winding a small d-c, type winding connected to a 
commutator; the .secondary member carries a field 
winding anti brushes bearing on the commutator and 
conn(*c.tod to the field winding. At synchronism the 
magnetic field is at rt*st with respect to the brushes; a 
continuous e. m. f. appcsirs at the brushes and supplies 
the excitation. A.s in the Danielson motor, the second¬ 
ary is of the polypha.s(* type, with one or several pha.ses 
used iis the field winding. 

In connection with the non-salient pole motors the 
principle of self-excitation was found to posse.ss remark¬ 
able advantages which go far towards compensating 
for the complication of the commutator and brushes: 

1. A synchronous motor develops a field of arma¬ 
ture reaction whose direction and magnitude are deter¬ 
mined by the load; since this field is stationary with 
respect to the secondary, i. e., bru.shes, it is possible to 

1. Consulting Kngiiieor, Palo Alto, Calif. 
eresenled at the Spring Convention of tlie A. 1. E. E., 
SI. Itouie, Mo., April 18-17, 1926. 
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A. I. E. E. 

to treat f ully the elements which the stif'-cxcUed motor has in comm on 
with other, better known, motor types. The current locus of the 
molar is found to ho a circle, and it is shown that any emde in the 
plane can he obtained by a suitable choice of the cxe.iUny system. 

The subject of synchronising is treated by a method showing an 
intimate eonneetion hetiveon the synchronising process and the 
synehronons operation. The disr/nssion of synchrofdsiny eMti thus 
he limited to the standard type, because the cquwalenec of the syn^ 
chronnus operation means also the equivalence of the synchronising 
features. It is shown that very hiyh torque can he obtained daring 
synchronising. 

'The theory is applied to a brief study of a few types of the self- 
excited motor. 


make use of it in order to obtain .some desired relation 
between the voltage at the brushes and the load; 
usually an increase of excitation with the load. 

2. As the motor approaches .synchronism, its in¬ 
duction motor torque ai)proaches zero, and the final 
synchronization is accomplished by the synchronous 
torque. In a separately excited motor the synchronous 
torque, considered as a function of the coupling angle, 
is approximately alternating, with the average value 
zero; in a well-designed self-excited motor the synchro¬ 
nous torque is pulsating, with the positive part far in 
excess of the negative part, i. e., with a definite positive 
(motoring) average value; synchronizing becomes a 
very simple, entirely automatic process. 

It was only natural that the finst motors built or 
theoretically investigated were of the simjfiest kind: 
a single axis field winding and a .single set of brushes®; 
in the great majority of cases this arrangement is 
quite scitisfactory; but it is not the only po.ssible form; 
motors with several angularly displaced field windings 
and brush sets possess some valuable features not 
obtainable with the single axis field winding. The 
added complication is not very great because the self¬ 
starting feature requires in any case several angularly 
displaced secondary windings (phase.s). 

The self-excited motor is still in the first stages of 
development; as in the case of the single-phase com¬ 
mutator motor the experimental research is compli¬ 
cated by the great number of posssible combinations of as 
yet unknown relative merit. The purpose of this 
paper is to systematize the subject by reducing this 
apparent variety to a few fundamental types, and to 
develop for these types a method of theoretical investi- 
gation such as should always go hand in hand with the 

2. A brush sol will always moan two diametrically opposite 
brushes in a bipolar motor, or thoir equivaleDt in a multipolar 
motor. I'he theory, of course, holds good with any angle A 
Irotwoen the bruslies of a set, because, with sinusoidal fields, the 
voltage across them is in a constant ratio with the voltage across 
two diametrically opposite brushes standing on tho lino perpen¬ 
dicular to the bisector of A. 


447 



448 


KOSTKO: SELF-EXCITED SYNCHRONOUS MOTORS 


Transa.ctions A. I. E. E. 


practical work if the waste of haphazard experimenting 
is to be avoided. 

In the writer’s opinion the graphical method is best 
adapted to give an idea as to the possibilities and limita¬ 
tions of a new motor type; the study is made on the 
basis of the current locus, and all the performance 
elements are derived from it. The subject is treated 
with the usual assumption of sine wave voltages and 
currents, uniform air-gap, proportionality betwe«i the 
m. m. fs. and the fluxes, and the sinusoidal distribution 
of the latter. 

Since the polyphase feature of the secondary is of 
importance only at starting, a perfect symmetry is not 
essential; in the matter of distribution of copper be¬ 
tween the phases and the interconnection of windings 
the designer has a considerable freedom, which can be 
used to obtain a good wave of m. m. f. and a small loss 
in the field winding.. The main a-c. winding, of any 
polyphase type, may be either interconnected with the 
d-c. winding or independent from it. As a rule, the 
advantages of interconnection are small in comparison 
with mechanical complications of bringing out a 
n-umber of taps; in what follows the windings will be 
assumed independent and, for the sake of simplicity, 
the connection diagrams will show only the exciting 
circuits. 

At present the practise is to use the rotor as the pri¬ 
mary member, connected to the supply by slip rings; 
the d-c. winding and the commutator are then on the 
rotor; the field windings and the brushes are stationary; 
this arrangement is adopted in the figures of the paper. 
The inverted arrangement, however, has many points 
in its favor. 

The flux: Ff due to a field winding is proportional to 
the e. m. f. at the brushes connected to this winding; 
this e. m. f. is proportional to the component Fn of the 
total flux of the motor normal to the line of brushes; 
therefore, for eadi exciting circuit consisting of the 
d-c. armature winding, a set of brushes, and a field 
winding, there is a constant ratio between Ff and Fn. 
This ratio will be called “circuit constant;” in a motor 
with several field windings and sets of brushes each 
exciting circuit has a circuit constant. The calculation 
of these constants for given electric and magnetic 
circuits is very simple, and will not be considered here. 

At synchronism the action of a field winding is 
fully determined by its circuit constant and the 
position of the brushes; but it must be remem¬ 
bered that in a self-starting motor the field winding is 
used as the secondary of an induction motor, and must 
be designed so as to give a safe open-circuit voltage at 
starting. It is found that even with high open-circuit 
voltages the proportions of the field winding are such 
that the d-c. exciting voltage is very low; the variable 
brush redstance causes a variation of the circuit con¬ 
stant, espedally at light loads, when the voltage at the 
brushes is low.. This may cause the observed perform- 
saic6 points to deviate from the positions indicated by 


the theory. Another cause of discrepancy is that the 
•brushes short-circuit coils moving in a magnetic field; 
the influence of the circulating currents cannot be 
determined by calculation. 

In the most general case the motor may have any 
number of field windings and brush sets, the angular 
spacing of windings and sets being entirely arbitrary; 
but the theory is greatly simplified by the following 
remarks based on the assumptions stated above: 

1. Two field windings connected to the same brush 
set are obviously equivod&rd to a single winding connected 
to his brush set. 

2. Any number of coaxial field windings 1, 2, etc., 
Fig. 1, connected to different brush sets S, i, etc., are 
equivalent to a single winding of the same (ms connected 
to a suitably located brush set. This wall be proved for 
two coaxial windings, but the demonstration is quite 
general. Let F be the total flux of the motor, a, jfl, 
5 = angles counted from a fixed axis OX, and a, b, the 
circuit constants of the windings 1 and 2; the fluxes due 
to2and 1 are then aFsva(S—a) and bF sin (5 — jS). 
The constant c of the equivalent circuit and the angle y 
between OX and its brush line must satisfy the equa¬ 



tion: o F sin (5 - O') -I- 6 sin (5 - jfl) = c F sin 
(5 - 7 ) for ail values of F and d; this equation has 
always a solution: c = s/a^ + b^+2abcos(a-ff); 
tan 7 = (a sin O' -1- 6 sin /5) 4- (a cos a -I- 6 cos .|S). 

3. An exciting system consisting of any number of 
angularly displctced field windings cmd brush sets is 
equivalent to two field windings acting along arbitrarily 
selected axes and connected to two suitably located bruh 
sets. For, by paragraph 1, each field wrinding can be 
resolved into two windings acting along two arbitrary 
axes and connected to the original brush set; and 
by the paragraph 2 each of these two sdts of coaxial 
windings is equivalent to a single winding connected to 
a suitably located brush set. 

The choice of the axes being arbitrary, it is possible 
to further simplify the problem without restricting its 
generality by taking a set of rectangular field axes. 

To Sum up: The most general exciting system is equiv¬ 
alent to two fuM windings displaced 90 electrical degrees 
and connected to two angularly displaced brush sets.* 

3. It' can also bo sbovni thait it is equiyalont to two arbi¬ 
trarily spaced brush sets eonneeted to two suitably proportioned 
and located field windings. 
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This system will be studied in ithe paper. The equiva¬ 
lence of the synchronous performance means the equiva- 
lence of the synchronizing features, as will be shown 
below. 

The fundamental difference between a motor with a 
single set of brushes or its equivalent (paragraph 2) and 
the general case is the fact that in the former the axis 
of the d-c. excitation remains fixed with respect to the 
brushes, while in the latter the resultant axis of the 
d-e. excitation moves relatively to the brushes. In 
what follows, these two classes of motors will be denoted 
as “fixed axis” and “variable axis” motors. 

Fig. 2 shows the general form of the exciting system. 
It is determined by four arbitrary constants: two 
circuit constants of the field windings 1 and 2 and two 
constants determining the positions of the brush sets. 
Since it is impossible to tell beforehand what values of 
these constants are of practical importance, no restric¬ 
tion will be made in this respect. The geometrical 
figures are apt to be misleading in such a case, and it is 
necessary to adopt a convention of signs for the fiuxes 
and the angles. Positive directions are assumed for all 
axes, and a component of a flux along an axis is alwa 3 re 


V 



and of the winding coincide, the action is as in a true 
self-excited motor, i, e., an originally existing flux along 
the axis is then increased by the exciting current. With 
this convention the fluxes Ff and whose ratio is the 
circuit constant have always the same sign, i. e., the 
circuit constant is always positive. The position of 
the br^h^ is now fi^y determined by the angles 
a = (U, A) and ^ = (V, B). 

Let F be the vector and F = the numerical value of 
the flux of the a-c. armature reaction stationary with 
respect to the secondary; le^ w be the angle (U, F); 
the components ^* and F, of F along 0 U and 0 V are 
Fu — F cos_((7j_F) = F cos CO, and F« = F cos (V, F) 
= F cos [(V, U) + (U, F)] = F sin co. If Fi and F* 
are fluxes set up by the windings 1 and 2, then the total 
fluxes along 0 Cf and 0 F are F« + Fi and F» -|- Fj 
(neglecting the small flux due to the currents in the 
d-c. armature winding), and the to^ flux along the 
brus^a^s 0 A is (F„ -f Fi) cos {U, Z) + (F, + Fj) 
cos (y. A) = (F* -1- Fi) cos a -f (F« -t- Fj) sin a. _Sim- 
ilarly, the total^u^along 0 S is (F« + Fi) cos (U, B) -f 
(F„ -I- Fi) cos (F, B) = - (F„ -I- Fi) sin /3 + (F. -h Fj) 
cos jS. Let a and h be the circuit constants of the 
winciings 1 and 2; their definition gives the equations: 
Fi = a [(F„ -(- Fi) cos a -t- (F» -f Fj) sin a] and F* = 
6 [ — (F„ -h Fi) sin ^ -1- (F„ -f F^ cos jS]. These 
equations, solved for Fi and Fi, give: Fi = Wi F„ -H 

F,; Fi — mi F, — rti F„, where 


mi 


Mi 


a cos a--a6cos(a— jg) 

1-a cos a—h cos ^+a b cos (a— /?) 

6 cos )g - g 6 cos ( 0 ! — ) 

1—g cos a—b cos j9-|-g b cos (a— j9) 


( 1 ) 


taken with a sign. The positive directions of the field 
axes_0 U, 0 V, marked by the arrows, are denoted by 
U, V. The positive direction of angles and the rotation 
of the primary relative to the secondary are assumed 
counter^ckwise. The angle between any two vectors 
A and B (or between the po^tive directions of two 
directed ^es) is denoted by (A,B) or simply (A, B); 
it is poative or negative according as a rotation which 
makes A parallel to and of the same direction as B is 
in the positive or negative direction of angles; thus, 

_ _ TT 

(U, y) = The angle between any two vectors 

A and Jkf of a system of vectors .. .L, M, is 

given by tibe well-known relation (A, M) = (A, B) -H 

CB,-C)+ ....+{L,11). 

T^e position of the brushes is determined as follows: 
let A and B be arbitrarily selected positive directions 
of the axes of the brush sets (axes perpendicular to the 
lines of brushes); the connections between tihe field 
windings and the brushes will be assumed such that, 
when the positive directions of tiie axes of a brush set 


_ gsin a _ 

1—g cos a~b cos jS-l-g b cos (a— jfl) 

_ ,6sin jg _ 

1 —g cos a — & cos jS + a 6 cos (a — jS) 


Substitution of the expr^ions of F« and F, found 
before gives 


Fi = F («ii cos w -h %i sin w) 
Fa = F (iwa sin w — Wa cos «) 


( 2 ) 


Let r and x be the primary resistance and leakage 
reactance per phase, and X = armature reactance, 
corresponding to the flux F. Pig. 3 is tixe vector 
diagram of the motor. 0 Xi and 0 Ti are rectangular 
axes, 01' is the current I' per phase, 0 A' = r I', 
A'B' = xI',B' C = counter — e. m. f. XI' due to 
the flux F, C M' = e. m. f. Ei due to the flux Fi, 
M' N' = e. m. f. Ei due to F*; C' N' is the resultant 
counter — e. m. f. E, and N' 0 is the applied voltage. 
The e. m. f.s. Ei and Ei are functions of < 0 ; for a given 
<a their vectors C M' and M' N' are found as follows: 
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it is seen in Fig. 2 that, with the adopted counter¬ 
clockwise rotation of the primary, a positive flux along 
0 U sets up an e. m. f. whose vector makes with the 
vector B' C an angle co, laid off from B' C with due 
regard to the sign of w; if the flux along 017 is negative, 
the vector obtained by this rule should be reversed. 
Hence the general rule; the numerical expression of an 
e. m. f. due to a flux along 0 17 in Fig. 2 is given the 
same sign as the .flux; its vector in Fig. 3 is then 
obtained by laying off the algebraic value of the 
e. m. f. along a directed axis_wh<^ positive direction L 
is defined by the relation (X', L) = co. The rule for 
e. m. fs. due to &e fluxes along 0 F is simil^, Ae 
positive direction T of vectors being defined by (Z', T) 


V 


Since the armature reaction flux F sets up an e. m. f. 
numerically equal to X I', the algebraic values Ei and 
E '2 of the e. m. fs. set up by Fi and ¥% (eg. 2) are 



El = XI' (mi cos CO + %i sin «) 

Ez = XI' (m 2 sin a — rtz cos co) 

If I' is kept constant, the point N' describes the locus 
of tile applied voltage at constant current. Let C' X' 
and C Y'he a s^ of coordinate axes wth positive 
directions X' and Y' parallel to_Xi and Yi, .the pro¬ 
jections of the vectors Ei and Ei_onC' X' are Si cos 
(X', L) = Si cos CO and S 2 COS {X', T) = Ei sin co. 
Their projections oi^C^Y' are SiCos(y',L) = 
Si sin CO, and S 2 cos (F', T) = -S 2 cos co; therefore, 
the coordinates x' and y' of the point N' are 



x' — El cos CO -I- S 2 sin CO 
y' = Si sin CO — S 2 cos co 


(4) 


From these two equations Si and S 2 can be obtained 
and substituted in eq. (3); this gives: 
r' cos CO sin CO = X I' (mi cos co + »i sin co) 
x' sin CO — y' cos co —XI' (m 2 sin co — »2 cos co) 
The elimination of co between these equations gives 


y'-niXr x'-miXr 

x' — niiX I' — y' Ui X I' 
which can be written: 

(x' - Xe' y + iy' - ye' y = S* 

with 


= 0 


(S) 


xr 

2 


(mi “1“ m 2 ) 


xr 

2 


(Wl + Ki), 


Jt _ 

R = — 2 — 

This shows that the locus of the point N' is a circle 1 
of center (Xe', ye') and radius R. Therefore, the cur¬ 
rent locus at constant voltage So is another circle 2 of 
center O 2 , obtained from circle 1 by inversion with 0 
as centCT and So I' as constant of inversion, followed by 
a rotation over 180 deg. around 01'. 

In what follows the corresponding points in the 
constant current (c. e.) and constant voltage (c.».) 
diagrams will be denoted by the same capitals with 
and without accent, respectively. The same conven¬ 
tion will be applied to the applied voltage So, current I 
and e. m. fs. S, Si, and So at the corresponding points 
of the two diagrams, so that 

E E 

I = I' X E == E' X etc. 

j&O -^0 


Part 1. Determination op Performance op a 
Motor op Given Constants 


The constants of a motor are r, x, X, a, b, a, l3. 
Instead of the last four it is convenient to use mi, m 2 , 
Wl, « 2 , because they have an important geometrical 
meaning: the points Qi' of coordinates XI'mi and 
X I' Wl, and Q 2 ' of coordinates X I' m 2 and X I' W 2 are 
diametrically opposite points on the circle 1, as can be 
proved by the substitution in the eq. (5), and by ob¬ 
serving that Xe' and yo' are coordinates of the middle 
point of the segment Qi' Qz'. 

ConstrMtion of the current locus. Torque. The 
current locus 2 can be drawn as follows: let p I' and 
g I' be coordinates (with reference to C' X' and C' Y') 
of any point N' of the c. c. diagram: the coordinates 
with respect to 0 Xi and 0 Fi are (p -f- x -h X) I'; 
and (g — r) I'; the applied voltage N' 0 is 

7' V (p + * + X)* + (g — »■)* and the corresponding' 
point N of the locus at the applied voltage Eo can be 
fqimd by observing that the current vector OAT is 


equal to 


Ed 

y/(j> + x + X)^ + iq-r)^ 


and' is 


symmetrical to ON' with respect to 0 Xi, i. e., it makes 


with 0 Xi an angle S such that tan d 


q-r 

p + x + X* 


By this ride the two points Qi and Qz corresponding to 
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Qt and can be obtained. Moreover, the line OO 2 
makes with O Xi an angle v .such that 

ij _ - '//« ~ 1 1 _ ^ X {n\ -f- — 2 r 

3L'+(.»■+A') I' X (TOi-|-m2-t-2) + 2*’ 

the center On is the intersection of 0 O 2 with the per¬ 
pendicular bisector of QiQ«. 

The circle diagi-ain shows cleai-ly the difference be¬ 
tween the motors with fixed and variable axes of ex- 
citotion. In the farmer b -= 0, so that m. = = 0, 

1. e., the circle 1 pas.ses through the fixed point C, in¬ 
dependent of the exciting system. The current locus 

2, therefore, always passes through the fixed point C; 
theoretically C is the no-load point of the induction 
motor having the same r, x and X. The motor with a 
variable axis of excitation is free from this limitation; 
in fact, as will be .shown, any circle in the plane can be 
obtained by a suitable choice of constants. 

At I)' and A ' the torque is zero because the resultant 
e. m. f., E ^ ('/N', is normal to the current 0 1'; in the 
c. V. diagram the points of zero torque are D and K, 
on the inverse of the line 0 X', i. e., on a circle 3 of 


radius 


2i’ 


tangent to 0 Xi at 0 and having its 


center on 0 /'. 

It is known that in the c. v. plane the loci of points of 
constant power transferred from the primary to the 
secondaiy are circles concentric with the circle 3 which 
corresponds to zero torque; the radius of the circle 
corresponding to the towjue of P .synchronous watts is 



These circles are convenient for comparison of poly¬ 
phase motors having the same r, whether .synchron¬ 
ous or induction type, because they represent the 
torque regardle.s.s of the type of the rotor. The torque 
at any point N is proportional to the distance N H 
from the line D K. These theorems are well known; 
their proof can be found in the article 2 of the 
bibliography. 

The torque comprises the friction torque and the 
torque exerted by the field on the d-c. winding; the 
latter, expressed in synchronous watts, is the power 
consumed in the exciting circuits. 

The circle 1 intersects C' X' only if R>\y^\, i. e., 
if (a cos a —h cos /3)* > 4 a h sin a sin jS. This con¬ 
dition is always .satisfied in motom with a fixed axis 
of excitation (& = O); but motors with a variable Euds 
can be designed so that i2 < | F* | as will be shown; 
such a motor has not only a maximum torque, but also 
a minimum torque, below which the synchronous 
operation is not possible. 

Analytical expression of £ie torque. Maximum torque. 
Let 0 — (L, N'O) « (L, JS?o') be the angle between the 
vector N'O ^Eo of the applied voltage and L, which 


may be considered as a directed axis attached to the 
secondary member; then 

(Tt 'Eif) = (T,Ij) (L, Eu') = —^ + b; 


(/', L) = (/', X') + (X', I) = - -f- + w; 

(/', T) = (/', L) + (L, T) = 0 ) - -r. 

Projecting the closed line 0 A' B' C M' N' 0 on the 
directions L and T it is found with the aid of the fore¬ 
going E’eiations: 

On 'L:-r I sin c<j-l-(a;-|-X') I cos a-t-Ei = -Xo cos 0 
On T: r I cos w-fC.'K-fX) I sin u+Ei = Xo sin 0 
With El and E-i from eq. (3) these equations, solved for 
I sin w and I cos co, give: 

/ sin CO = Eo (A cos 0 -t- jB sin 0) 

I cos ca = Eo (A' cos 0 + B' sin 0) 

where 

A _ X r ^ r-j-X-l-X mi 

/I — — ^ , B = ^ 



r-f-X-fX m-i X Wi — r 

C ' " “ c 


and C = (X Wi - r) (X «»- r) -I- (a; -f X -h X mO 
(® -|- X -f- X Wa). 

The torque per phase in synchronous watts (consider¬ 
ing a motoringJ;orque as positive) is - I'Ei cos (J' L) 
- I En cos (/' ,T) ^ - I El sin CO -f I En cos co. The 
negative torque acting on the d-c. winding is the power 
consumed in both exciting circuits; it can be repre¬ 
sented by kiE\^ + ktiEi^ (ki and ki = constants re¬ 
ferred to one phase, whose numerical values can 
easily be calculated from the electrical and magnetic 
data of the motor). This assumption disregards the 
fact of the superposition of the two exciting currents, 
in the d-c. winding; but the loss in it is relatively very 
small. The torque per phase T exerted on the shaft is 
T = - J Xi sin CO + I Xa cos CO - ki Ei^ - ki E^K 
The substitution of Et and Ea from eq. ( 3 ) gives: 

'R = —X I- (f .sin- Cf} + g cos® co -f fe sin co cos co), 
with/ = - 1 - * 1 X wi* + kaXma^ ;g = na-{- ka X«s®, 

-f- Ai X Wi®, and A = m, - m 3 -f 2 A, X mi TOi - 2 Aj X 
ma « 3 . With I sin CO and I cos co from eq. ( 7 ) this 
becomes T = - X Xo® (p sin® 0 + q cos® 0 + t sin 0 
cos 0), where p = / jB® -t- ff i?'® •+• A B S'; q « / A® -f p 
A'®H-AAA';andf = 2/A S -h 2? A'B' - 1 -A(A S -t- 
S A'). Pinally,letanangle 0obe defined by therelations 
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thenT = 

- [ (p+<?) + X sin 2 {e- do) ] 

( 8 )* 

The extreme values of the torque are 


But P2' is a fixed point, so that 0 P 2 ' = I' X constant, 
where the constant depends only on the constants of the 
. motor; as shovra above Pa' N' is proportional to the 
e. m. f. Ei' at voltage Eo', and N'O = Eq' ; therefore. 


Pi Nk proportional to 


Ei'xE.r ,, 

j, ^ • = proportional to 


-^Ec? [p + qd=V(p-qy + tn. 

E. m. fs. E, El, and E^ in the Circle Diagram. Ei and 
Ei determine the loss in the field windings. Fig. 4 



Ei’X 


Eo 

Eo' 


= proportional to E 2 . 


By the same 


reasoning, the segment PiN is proportional to the 
e. m. f. El. The coefficients of proportionality can be 
found as follows: the segment C N' represents the 
resultant e. m. f. E' of Ei and Ei' ; but 


CN = C'N' X 


Eol' 

OC'XN'O 


rvr^+ (x+X)^xEo' 

_ E 

~ V r^+(x +xy 

i. e., C N represents the resultant e. m. f. E. When the 
point N coincides with Pi, the e. m. f. Ei vanMies; 
C Pi and Pi Pa represent then the same e. m. f. Ei; 
therefore, for every point N, 


reproduces some essential parts of Fig. 3. The points 
Qi' and Qi have for coordinates (X I' mi, X I' «i) and 
(X I' Mi, X I' ni). On the basis of eq. (3) it can easily 
be seen feat when a varies fee ends of the vectors 
El and Ei drawn from C' move on fee circles 4 and 6 
described on C" Qi and C Qi as diameters, and feat 
these diameters pass through the common points 
Pi' and Pi of fee circles 1 and ^and 1 ^d 4. For a 
given point M' on 4 fee vectors Ei and Ei are C M' 
and M' N' respectively; if N' moves on the circle 1, 
fee angles of the triangle Pa' M' N' remain constant 
because two of them are subtended by constant arcs 
Qi' Pi'; therefore, there is a constant ratio between the 
segment Pi'N' and fee vector M'N' of Ei. Let 
N, Pi and Pa be the corresponding points in the e. v. 
diagram. By the well-known property of the inverse 
points 


Pa AT = Pa'X 


inversion const. 
OP'iXN'O 


Eol' 

OPi'XN'O 


*StaTtmg’ from this formula the performance can be deter¬ 
mined entirely by oaloulation: it gives e for a definite output; 
e<iuations (7) give I and (0; the e. m. fs. B, and Ei result from 
eq. (3); the power factor cos <p is given by the relation (f', W 0) 

- Cr'.Z') + (I'.L) + (Z.N'O) - - + o> + 0 , hence 

eos ^ sin (0) -I- 0). 


Ei^^PiNX 


CPi 
Pi Pa 


V r* -b (« + Z)*; 


similarly, 

C P - 

Ei = PiN X V»•* + (* + xy . 


The expression £7 = C N + (® +Z)® shows that 
for given r, x and X the total e. m. f. due to the field 



Fiq. 5 

windings is constant at a given point N, regardless of 
fee locus to which N may belong. This remark should 
be borne in mind when choosing fee working region of 
the plane for a new motor. It may also be noted that 

E 

V r»-K:c-bZ)« ' represents the 

applied voltage Eo at the same scale asC N represents 
fee resultant e. m. f. E. 
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Stability. When the load increases the rotor folia 
back, i. e,, the angle 9 increases. In general, the opera¬ 
tion can be stable only on the part of the circle where an 
increase of 6 corresponds to an increase of the torque. 
The eq. (3) and (4) give, after elimination of Ei and 
and a few simple transformations: x' — Xc = 

R cos (2 CO — e) and y' — yc — R sin (2 co — e), where 
€ is a constant; R and 2 co — e can be considered as the 
polar coordinates of the circle 1 with its center as origin 
and 2 CO — c as the polar angle. This shows that when 
the point N' moves on the circle 1 in a definite direc¬ 
tion, the sense of the variation of 2 co — e (therefore, 
of co) remains the same. 

Since the coordinates of C' relative to 0 Xi and 0 Yi 
are (* -I- X) I' and — r I', the expressions of A, B, A' 
and J5' in eq. (7) show that their nominators are pro¬ 
portional to the coordinates of Qi' and Qs' relative to 
0 Xi and ’0 Ti. Let Oi, bi, and Oj, 62 , denote these 
coordinates; equations (7) give by division 

62 cos 0 — Oi sin 0 

tan CO = - a I 1 . —:—X > 

tti&iad + bi sm 6 ’ 

hence, after some transformations. 


diameter; it folloAvs from what was found in Part I 
that, if the coordinates (with respect to C'X' and 
C'Y') of the points Q/ and O 2 ' be divided by P' C" = 
X I', and the quotients substituted for mi, m 2 , Wi and rti 
in eq. (1) the nmnbers a, b, a and S iii these equations 
are the constants giving the locus 2. The solutions of 
these equations are 


a 


V + (mi + Gy 
S 


sin Q! = 


cos a = 


ni 

V + (mi -I- Gy ’ 
mi + G 

V + (mi + Gy 


V tt 2 ^ -i- (m 2 + Gy 
s 


(9) 


sin S = 


_W2_ 

■y/ + (m 2 + Gy 


f 


d CO (ui 02 + bi 62 ) eos^ co 

d 9 ~ (a 2 cos 0 - 1 - bi sin 9y ‘ 

But 0102 - 1-6162 is the scalar product of OQ/ and 
0 Q 2 ' and has the sign of cos Z Qi' 0 Q 2 ' which is 
positive or negative according as the point 0 is outside 
or inside of the circle 1 , because Qi' Qi' is a diameter. 
Therefore, when N' moves on the circle 1 in the clock¬ 
wise direction (deceasing co), 9 increases if 0 is outside 
of the circle, and decreases if 0 is inside. The locus 2 is 
obtained from 1 by an inversion and a rotation over 
180 deg. around O Fi; if 0 is outside of 1 , each opera¬ 
tion reverses the rotation of N once; if 0 is inside of 1 , 
only the last operation reverses the rotation. As 0 is 
either inside of both circles 1 and 2 , or outside of both, 
it follows that the clockwise motion of N on the locus 2 
always corresponds to an increase of 0 : ^ stable 
operaiion corresponds to that part of the current locus on 
which, the point of maximum torque is reached from the 
point of zero torque by a motion in the clockwise direction. 

Part 2. Determination op the Exciting System 
FOR A Given Current Locus 

The constants r, x and X will be assumed as known. 
Let a drde, such as 2 in Pig. 3, be a locus, presumably 
within the capacity of the motor; it is'desired to chdjk 
this assumption by determining the exciting system 
and the excitation losses. 

Since a circle is an inverse figure of itself, it is con¬ 
venient to take for the constant current locus 1 a circle 
symmetrical of 2 relative to O Xi. The value of the 
constant current 1' is obtained from the fundamental 
relation of the inverse points, by drawing any con¬ 
venient secant. The points A', B' and C' can now be 
located as in Pig. 3. Let Qi'Qi' be an arbitrary 


V ns* + (ms + Gy J 

where 5 = 1 -f mi -|- m 2 -f- mi ms -I- Wi WsJ G= 
mi mi + Ui, and the radicals are taken with the 
signs giving positive values for a and 6. The roots are 
always real; therefore, theoretically, there always 
exists an exciting system giving any desired locus in the 
plane. In fact, the problem has an infinity of solutions 
because the diameter Qi' Qi is arbitrary. The study 
of the constants a, 6, a, j5, corresponding to different 
diameters is facilitated by the following remarks: 
(1) since Qi' Qi is a diameter, S and G are independent 
from the choice of Qi Q/ because they are proportional 
to the scalar products B' Q/ X B' Qi' and C' Qi X 
C" Qi' respectively; (2) the radicals in (9) are propor¬ 
tional to the distances of Qi' and Qi from a fiLsed point 
on the axis C' X' whose abscissa (with respect to C') 
is x' = — X I' X G; the coefficient of proportionality 
X I' is the same as for G and S. For instance, in the 
case when the circle 1 passes through C' (i. e., G = 0), 
let Qi' coincide with C'; this gives ms = ns = 0, 
6 = 0; the motor has a fixed sixis of excitation and a 
single field winding; if Qi' and Qi' are different from C', 
the condition G = mi m 2 + ni ns = O gives cos (a- S) 

-IT 

= 0,a— p =, i. e., the brudi sets coincide and are 

equivalent to a single set; the motor has two field wind¬ 
ings connected to the same brush set and is equivalent 
to the first case. 

Synchronising. When a motor, canying a reason¬ 
able load as an induction motor, comes up to speed, 
the slip of the rotor is low and the conditions are similar 
to the ssmchronous performance with the rotor gradu- • 
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ally falling back under the influence of the load. The 
torque is the sum of the induction torque and the S 3 m- 
chronous torque, the latter passing through a se¬ 
quence of values corresponding to a complete cycle of 
synchronous performance represented by the current 
locus.' In a separately excited motor the torque is 
nearly alternating, with a small negative average 
value; in a ^-excited motor, however, the choice of 
the locus is arbitrary; if the exciting system is such as to 
give a circle similar to Figs. 9 or 11, entirely or for the 
most part inside of the circle 3, L e., in the region of 
positive (motoring) torques, the torque during the 
sjmchronising process either remains positive, or is 
mostly positive, vdth a small negative interval of short 
duration. Analytically, the synchronizing torque is 
expressed by eq. ( 8 ). 

A commercial synchronous motor must have a syn¬ 
chronous no-load point, i. e., the circles 2 and 3 must 
have common points; the pulsations of the current 
and of the torque are inavoidable during the syn¬ 
chronising process, whether the axis of excitation is 
fix^ or variable; but in the latter case it is possible to 
adjust the constants (for instance, the position of 
brushes) temporarily so as to throw the locus toward 
the center of the circle 3 in the region of the high- 
to^ue points of the plane, and out of contact 
with 3; and to reduce its diameter; in this way 
the synchronising torque may be considerably in¬ 
creased and the pulsations reduced until the motor 
reaches s 3 mchronism, whai, with a little care, the 
change back can be accomplished without causing an 
undue shock to the system. 

Part III. Examples 

It is intended here to pass rapidly in review some of 
tile types of the self-excited motor and to show that, 
with the aid of the diagrms and fohnulas of the 
paiier, an idea as to the possibilities and limitations of a 
type can often be obtained without any extensive 
calculations. This study is facilitated by observing 
that, since the angle of two curves remains unchanged 
by the inversion, the angle 7 between the circles 2 
^d 3 is the same as between the circle 1 and the line 

A' X*: it is given by cos 7 = ——, eq. ( 6 ). 

1 . fixed Axis of Excitation. In all motors of this 
class it can be assumed that b - 0, vii = nt <== 0, so 

«, i. e., T - -f — «. 

All fixed axis motors pass through a fixed point C, the 
no-load point of the induction motor having the HflTnft r, 
aiandX. 

Example 1 . Brushes on neutral axis. Figs. 6 and 7 . 
In this case a = 0, 7 = the circle 2 is normal to 


the circle 3. For comparison, let 2' be the locus of an 
induction motor of the same constants r, x and X', 
2 'is also normal to the circle 3 (see, for instance. 
Journal, A. I. E. E., April 1921, p. 826). If both 
motors have the same maximum torque, 2 and 2 ' are 
tangent to the same constant torque circle 3' and, if the 
s 3 mchronous motor is designed for leading power factor, 
as shown, the excitation must be so strong that its no- 
load current 0 D is of the same order of magnitude as 
tihe locked current of the induction motor. More¬ 




over, the synchronous torque which is proportional to 
the distances of the points of the circle to the line 
K-D is very nearly alternating, so that the s 3 mchronising 
characteristics are very poor. 

Example 2 . Brushes on the axis of the fieldwinding. 
Figs. 8 and 9. Here 7 = 0; the circles 2 and 3 are 
tangent. The torque is always positive (motoring); 
the synchronising features are excellent, but the motor 




is very sensitive to the brush position, and the power 
factor at light loads is not as good as can be expected in 
a synchronous motor. 

The correct setting of the brushes is as in Fig. 10, 
intermediate between Figs. 6 and 8 , but nearer to the 
latter than to the former. The locus is then as in Fig. 11. 

2. VaiidbU Axis of Excitation. Example 3: One 
might be tempted to improve the starting chamcter- 
istics and to simplify the construction by using two 
identical exciting circuits displaced 90 deg. against one 
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another; but in this case a = b, a = (3; hence, 
nil = /« 2 , u, = I/., therefore E = 0 eq. (6): the 
circles 1 and 2 collapse each into a point; the syn¬ 
chronous pei'loi'inance is simply the synchronous 
point ol a more Kfiieral, variable speed performance 
of the motoi-. 

lOxaniple 4. Fiji. 12. 'I’ho windings are connecteti 
to the brushes so that a ~ 0, /3 = w; 1 is the exciting 
winfling proj)ei', while 2 opposes the transverse arma- 




PUi. 11 


(.ure reaction. F(|uaLions ( 1 ) give rii — = O, there¬ 

fore, cos 7 “ (), 7 = 7r/2: the locus 2 is normal to the 
circle of zero power 3, as in the example 1, Figs. 6 and 7, 
but is nf»t restricted to pass through C; the .synchro¬ 
nising torriue is alternating, therefore, the synchronising 
characteristics are poor. 

Examiile 5. Fig. 1.3. Both windings act along the 
lines of brushes, at « (3 -• Tr/2 ; if the windings are 




ittflentieal, the locu.s is a point, as explained above; 
if a is not equal to b, the locus is a circle, but, since 
the condition f« cos a — b cos jS)* > 4 a 6 sin a sin /? 
cannot be sati.sfied, this circle has no common points 
with the circle 3: the motor has no synchronous 
zero torque points. 
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Discu.ssion 

H. Weichsid: Tlio solf-oxeitcd syncJironous motor has, 
during the last few yon.rs, forged its way rapidly to the fniiit and 
promises to take a very important part in the lay-outs and de¬ 
signs of future power plants, distribution systems and consumers’ 
plants. 

Mr. Kostko’s paper on this type of machine is, tluu’eforo, to 
bo welconKjd, as it d(?als witli the general theory gpverjiing the 
differeid, maelihuis which belong to this general class of self- 
excited synchronous motors. 

Mr. Kostko has, in an a<lniirable manner, gone to remarkable 
details in deriving the general locus for tlm current vector of 
these machiiuis and in doing so has made full use of the principh' 
of iuv«u%sioii, whieli is an extnuuely useful juathematical tool 
when it is desired to derive the current locus of an cOectric ma¬ 
chine wliieli is Connected to a supply oC constant pottmtial. 
It Is to b(i regretted that thisnuithod is Jiot more gem'rally known 
and u.se<l, and, tlu‘r<^rore, it is to bo hoped Unit Mr. Kostko’s 
elegant application of this principle will help to stimulate the 
goneral interest in this method of attack for dcudving tlu' current 
locus of (dectric macliiiu\s. 

Personally, .1 lias'c been, for a gn^at number of years, an ardent 
advocator <if graphical imdluxls for t1u» solution of ji-c, electrical 
phenomoua and, tluu’efore, welcome lieartily Mr. Kostko’s 
method of dewiving cindo ditigrams for this ty])e of rnacdiiiie. 

Exf)eri<mce has shown tliat l.he circle diagram of a simidci 
induedJon motor has coutri!)n(<Hl more than any oLlier facku* 
to the full undcu.'stan(liiig of the p(»rft)rinaiico and ilie interaction 
of the dilTcrent i)lu'nomeiia which take ])hice in this tyi)e of 
machine. ''J’lie graphical mtdhods readily give an an.Hwer to Uie 
behavior of the macliitm under most any imaginable) operating 
condition. 

The induction-motor cirek^ diagrmn has also largely contrib¬ 
uted to the high state of developmoiit of the present induction 
motor. Tlio economic savings which have resulted from the 
genond application of the iiiduction-moU»r circlet diagram must bo 
enormous and no doubt run into millions of dollars. 

There are two kinds of circle diagrams for the induction motor; 
namely, the so-called Heylaiul or Behnmd diagram and th(« 
Osanna diagram. 

'TJie tir.st-jneiitioiHtd diagram neglects in the derivation of tlir^ 
current locus the influence of the ohmic resistance. Tlie sctcond- 
mentioned diagram considers tJie ohmic resistanct) n-ml, is, there¬ 
fore, of particular intentst from tlwt theorot.ical point, of view. 

The mathematical <lerivation of the first-mentioned diagram 
is extremely simple. The contrary is true for the Osanna dia¬ 
gram. Alst), the actual construction and application of the 
Hyland diagram is the simple.st poH.siblo, whil{5 this cannot be 
said for the Osanna diagram. Tlie additional accuracy obtain¬ 
able by the use of thcj morci comi)licated Osanna clrck) over iho 
extremely simple IJeyland circle is small and orten(»venf)rdoubt- 
ful value. For this reason, the I loyland circle has found a v<»ry 
wide field of application, while Iho Osanna circlt« is used only for 
special cases. 

Another reason for the geruiral pi-eference of the Ileyland 
circle will bo found in tlu^ fact that both diagrams are based on 
certain assumptions, such as constant k^akage rfuictance and 
proportionality between magnetic lines and ampere-turns. 
It k a well established fact that the assumpflons are not com¬ 
pletely fulfilled in practical machines. Why, thereforcs go into 
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the complication of considering the influence of the ohmic re¬ 
sistance, which, in the majority of cases, produces a very much 
smaller effect on the current locus than the variable leakage and 
saturation which is found in nearly every actual machine. The 
great popularity of the extremely simple Heyland diagrand is, 
therefore, entirely justified. Especially if we consider that by a 
very slight addition to the Heyland diagram, it is possible to 
obtain the exact theoretical performance with due consideration 
of the resistance. 

Similar conditions exist in self-excited synchronous motors. 
The influence of the leakage reactance and especially ohmic 
drop on the current locus is small. 

In actual machines, neither the assumption that proportional¬ 
ity exists between magnetic lines and ampere-turns nor the as¬ 
sumption that the reactance is constant is fulfilled.. 

In addition to this, there exists a magnetizing effect due to the 
currents under the brushes which cannot be readily considered in 
a diagram. The details of this can be seen in the paper I pre¬ 
sented before the Midwinter Convention of the A. I. E. E., 1925.^ 

The great complications introduced in the derivations of the 
circle diagram due to the influence of ohmic resistance, as well as 
the complications produced thereby in the construction and 
application of these diagrams may quite possibly prove them¬ 
selves to be so large in comparison with the available increased 
accuracy, that the exact diagram will find only a relatively small 
field of practical application, but it will always be considered as 
a very important feature from the strictly theoretical point of 
view. At least, this would be in agreement with the experience 
of the Osanna circle diagram for induction motors. 

On the other hand, a circle diagram for self-excited synchro¬ 
nous motors which neglects such minor effects as ohmic resistance 
promises to find a wide field of practical application on account 
of the extreme simplicity of its derivation and construction. 
Its simplicity, similar to the Heyland diagram, makes it further 
extraordinarily easy to understand at a glance the influence of the 
main factors which enter in the design and operation of these 
motors. 

Furthermore, similar to the Heyland diagram, it is possible to 
derive from this simple diagram by relatively simple means the 
performance even under eases where it is desired to con¬ 
sider the factors which have been neglected in the derivation of 
the diagram. For the last few years, I have successfully used 
in practical design work, such a simplified circle diagram. Its 
derivation is based on the fact that the resultant field in any a-c. 
motor must be constant when constant voltage is impressed on 
its terminals and the influence of the ohmic resistance and 
reactance is negligible. With this assumption as a basis, it 
requires about two lines of mathematical formulas to derive 
the current locus. 

Fig, 1, herewith, shows a current locus derived in such a man¬ 
ner for a machine connected in accordance with Fig. 8 of Mr. 
Kostko’s paper. In this particular case, the ordinates of the 
circle are positive for all load conditions. Therefore, the very 
interesting result can immediately be seen from this diagram that 
a machine connected as per Fig. 8 is unable to operate as a syn¬ 
chronous generator as long as the field and armature are in the 
motoring connection and the direction of rotation for generating 
and motoring is assumed to be alike. 

Many other extremely interesting conclusions can quickly be 
drawn from such simplified diagrams. For instance, by con¬ 
structing the diagram for different angles between brush axis 
and field axis, it will be seen at a glance that under idle running 
conditions the voltage across brushes is not zero when the brush 
axis coincides with the field axis and does not reverse when the 
brush axis is displaced in either direction from the field axis, but 
follows a law given in full lines in the Fig, 2 herewith and does not 
follow the d otted lines, as one is inclined to expect. This 

2. A Now A-O. General-Purpose Motor, H. Weichsel, Trans. A.I.E E 
1925, p. 7. 


simplified method of attack lends itself equally well to any 
kind of self-excited synchronous motor. A further discussion 
of the details of the general principle and application involved 
in these simplified diagrams would lead too far on this occasion. 

There are a few statements in Mr. Kostko's paper which might 
lead a casual reader to wrong conclusions and a few words 
to prevent such pitfalls may be appropriate. 

Mr. Kostko states that any number of coaxial field windings 
connected to different brush sets are equivalent to a single wind¬ 
ing of the same axis connected to a suitably located brush set. 
This statement might lead to the conclusion that equal perform- 
awce could be obtained by a machine with one field winding and 
one set of brushes and a machine of eqtial dimeiuions but possess¬ 
ing two field windings and two sets of brushes. However, a 
number of electrical, as well as mechanical reasons, exist, which 
make this impossible and invariably result in a materially poorer 
performance for the machine with two brush and field sets. 

Mr. Kostko’s statement regarding the synchronizing torque 
may leave the impression that the torque existing during the 
synchronizing period is in every respect equal to the torque 
of the machine at synchronous operation. This, however, is 
not the case under all conditions,*but is true just at the theoretical 
dividing point between synchronism and slip. At speeds below 
synchronism, the voltage induced in the secondary windings due 
to the speed between resultant motor field and secondary wind¬ 
ing produces an additional induction-motor torque, as shown in 
my paper mentioned before. 

There is another very interesting feature which might be 
mentioned in this connection; If the load on. a self-excitod 
synchronous motor is suddenly increased, the motor can momen¬ 
tarily develop more than its so-called maximum synchronous 
torque, because a sudden load causes the resultant magnetic 
field of the motor to fall back suddenly and the velocity of the 
falling-back magnetic field produces, by induction, an e. m. f. 
on the field winding which strengthens the excitation until the 
field has assumed its final position in space. If the machine has 
an auxiliary secondary winding for starting purposes, then, 
under the conditions described, a current is induced in this 
winding also during the falling-back period of the resultant field 
which adds further to the motor torque until such time when the 
field has taken its final position in space. 

In conclusion, may I state that Mr. Kostko*s paper offers a 
tremendous amount of interesting information and my remarks 
advocating the attack of the problems of these motors on the 
simplified basis by neglecting ohmic resistance and leakage 
reactance, are, in no manner, intended to criticize or minimize 
the excellent work done by him, but are intended to point out 
that for the purpose of practical application, the simplified 
method of dealing with the subject will probably find a wider 
field of usefulness for the same reasons which made the Heyland 
circle so much more popular than the Osanna circle, but from the 
truly theoretical viewpoint, the complete diagram will always 
remain the most important and the most interesting one. 

V. Karapetoff: It would be of interest to go over Mr. 
Kostko’s deduction of the circular locus, using the vector analy¬ 
sis method.3 With this method, the whole statement of the 
problem is first written down in the form of vectorial equations, 
and then some of the variables are eliminated by short-cut 
methods not possible with elementary algebra or geometry. 

Let / be a variable current vector whose locus is a circle of 
diameter D passing through the origin. The vector connecting 
the ends of the vectors D and 7 is D — 7, a geometric sub¬ 
traction being understood. According to a familiar property 
of the circle, the vectors 7 and (D — 7) are perpendicular to each 
other; hence, in the language of Vector Analysis, 

3. See V. Karapotoff, The Use of the Scalar Product of Vectors in 
Locus Diagrams of Electrical Machinery; A. I. B. B. Journal,, 1023, 
Vol. 42, p. 1181. A good elementary book on Vector Analysis is by J. G. 
Ooffln (Wileys), 
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( 1 ) -/)./= o (1) 

ll. r.- III.' .I.il ... ilu- Iwi. fiifl<ir.s sliiiuls lor Iho so-eallod 

miliir /,/•«./</. /. |{.v <l.•lillil,ion, if .1 hik] (' aiv two voeUirs, tlioir 

4j()t (inxiiit'l is 

A . />* - A li (N»s (A, li) (2) 

SiiKM* t ns *J0 0^ Uu* that two vectors aro 

fuTpciKiiiMtlar to ol Imt is 

A . B ^ 0 (3) 

Imj. (1» is ail appli(*at ioti oi I his ri^Ial ioiisliip to a circle* and ropro- 
seiils I In* \r(*lor ofpialioti nl* a circle of diameter 1 ) passiiif? 
Iliroiijjfli I lir firitjiii. 



I shall HOW sluiw till jipjilicatioii of tliis method to a very 
simple ami wi lhkiuivvii a-c, locus firohlem, mun(*ly that of a 
constant reactance ;r ainl u varinhh* resistance r in ,s(*ries across a 


PIKter CIIKRCNT VOLTS ACROSS RRUSHES AT NO LOAD 



source of constant sinusoidal voltaj?e It is required to find 
tin* loffus of t he eurrent /. We have* 

E^lr^-x{jl) (4) 

where ./ / is a vector numerically equal to / and leadini? it in 
f)hase hy IHj dett. Since r is variahh*, and we want a locus, it 
is ne(*essary to eliminate / r from eq. (4). The pfeueral method 
used in \ector analysis is to take a scalar product of both sides 
of <*q. f4) with some vector perpendicular to the vector to be 
eliminated. The* vt*ctoP / r is in phase with /; hence both sides 


must be multiplied by {j I), because (r /) . 0 /) = 0. The 
re.suIt is 

[E -:r(i/)]. UD =0 (5; 

01 % after division by j*, 

I {E X) ^ 0'/)] . (jl) - 0 (6) 

It will bo seen that eq. (6) is of the forjii (1) so that t.hc locus of 
(j I) is a circle of iliameter E/x. If desired, eq. (d) can bo also 
writtim in terms of I instead of j I. It is only necessary to 
multiply the both factors on t.ho left-hand sid(» by — j, thus 
turninji: th<*ni liy 00 dejr- The r<?sul t is 

I (-j E/x) - /I . / = 0 (7) 

It is true tliat this partu5ular problt*m can b(» just as readily 
solved hy elementary geometry, hut 1 pnrpo.sely .selected the 
simphist jmssible case to illiistraU* the general method. 

V, A. Fynns Mr. Ko.stko^s papcT is devotml to a very inter¬ 
esting attempt to develop a gmu^ral theory of the “e.xciting” 
sy.stem of self-exciti^d synchronous motors so as to secure a basis 
of comparison for the several already known iypivs and for such 
others as furthm* development work may disclosi*. ^Mie papt‘r, 
howevm% also deals witli the sii])ject of .s^mclii’oni/iation and 
touches lightly on the starting conditions. 

1 have been actively iat(U*(?sti?d in tliis Held ever since lOOH and 
took out my first patent ridating to syuchronous induction mo¬ 
tors in 1900 (See B, P. 11,208 of lUOb). In tlie last few yews 
I have gone over this gninnd with a liinvtooth condi in an at- 
tenij>t to discover a polypha.se motor with controllalilo powcT 
factor which would be gcmerally acceptable. During tlii' iwoeess 
I too have analyzed this type of machine along vi^ry general 
lines. My experiences in this connection have led me to iho 
conclusion that an exhaustive study of the “exciting” system i.s 
not sulTicient, that the synchronizing toniue is of at least equal 
importance in the ease of s(df-(*xcited, ami of twen greater ijn- 
portaiice in tlie case of separately excited, synchronous iiidiiction 
motors, and that the asyiicJiroiious performance of such ma- 
chlni'S is almost as vital if a proper basis for the comparison of 
various types is desired. 

It has long been the practise to speak of the unidirectional 
arnpere-turim on the sijcomlary of a synchronous motor as 
“exciting” ajrqnu'e-turns, Mr. Kostko does so in his pn,per, J have 
oftmi done so myself, but the fact is that these ampr*ro-turns do not 
always contain roal axcUinff ampere-tnrus and do always carry 
sojrudJiing else. The timri “excitation** conveys to one’s mind a 
picturi^ of the usually few ampei*e-tiirns m*eessary to produce the 
re.sultant motor magnetization and with this picturi* in mind 
one is V(u\y apt to form an entirely wrong conception of the dimen¬ 
sions and practical signillcance of tint commutator of a .svncliro- 
nous induction jnotor and of the dittlculties met witli by tin* 
deslgiMtr of such machiru^s. The fact is that the unidireidJonal 
aiiip(u*e-turns on the si'condary of a synchronous mol.or an? 
always al leaM equal to the loud ampoTvAuruHy sojm*l<imes to 
load pills exoitiny and mostly to load phis ooor^vxvUltm ourpvrv- 
iurus. At a certain value of lagging power factor, tlni secondao' of 
a synchronous motor carries exactly that number of ajnpi're- 
iurns as is carriml by the secondary of a non-synchi*orious in¬ 
duction motor iindcT like conditions. At such linn* all the 
exciting ampere-turns are carried by tlu^ primary, us is case 
in non-synchronous imluciion motors. When a syncliromms 
motor operates at unity power factor then its secondary c.irric*s 
the vectorial sum of load and exciting amperes-turns.. For 
loading power factors its secondary carries load plus over¬ 
exciting ampero-turns. The ro.sult is that tlu? commutator of a 
self-oxcited synchronous or synchronous induction motor carries 
working plus exciting or plus over-exciting current. Such a 
commutator must necessarily be large and if anything happens to 
it or to its cooperating circuits, the machine is put out of 
commission. 
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We ought not to speak of the secondary ampere-turns of a 
synchronous motor as “exciting” ampere-turns. 

In the fifth paragraph of his paper Mr. Kostko says that 
synchronization is accomplished by the synclironous torque— 
strictly speaking, by a torque which later becomes the syn¬ 
chronous torque. This is true of all the earlier forms of syn¬ 
chronous or synchronous induction motors but is not necessarily 
true of all synchronous motors. Some of the several motors of 
this type which I have invented depart from this rule as I have 
shown in a paper read February 27th last before the Columbus 
Section of the A. I. E. E. and elsewhere. 

In the same paragraph Mr. Kostko states that in separately 
excited synchronous motors the synchronizing torque is alterna¬ 
ting. This used to be so but I have devised separately excited 
motors with strictly unidirectional and pulsating torques and 
others with even strictly constant synchronizing torques with 
quite a variety of synchronizing-torque configurations in between 
these limits to choose from, see “Engineering” February 20,1925 
and a paper presented to the Schenectady Section of the 
A. L E. E. on March 27,1925. 

Just for the sake of historical accuracy it should be stated that 
contrary to Mr. Kostko’s impression as voiced in his paragraph 
6, the first self-compounding synchronous induction motor is 
apparently that of Burge, see B. P. 3227 of 1913, which has two 
secondary windings and two displaced sets of brushes. 

I should like to stress my absolute agreement with Mr. 
Kostko’s plea, paragraph 7, that a thorough theoretical investi¬ 
gation go hand-in-hand with experimental work and that hap¬ 
hazard experimen bing be avoided. I have preached this doctrine 
for many years, also when connected with a company for which 
Mr. Kostko was working at the time, and I have successfully 
practised what I preached. In many cases, including all the 
synchronous induction motors I have invented, I was able to go 
even further and to work out the theory quite completely 
before making a single test, with the result that experimental 
development work was reduced to practically nothing. 

I am bound to disagree with Mr. Kostko as to the opening 
phrase of his ninth paragraph. This statement of his explains 
why he has given such scant attention to the asynchronous fe£i- 
tures of the motors he has discussed as affected by the several 
arrangements of secondary windings and primary brushes he has 
referred to. My experience is that the effect of the “exciting” 
and synchronizing system on the asynchronous characteristics 
of the machine cannot be so lightly set aside. 

The arrangement of secondary windings and primary brushes 
is now usually used to start, to synchronize and to operate the 
motor. If they are not so used additional windings are necessary 
which increase the cost and complicate the manipulations, if 
they are so used, then the secondary windings act as induction- 
motor secondaries at starting and their action is modified by the 
voltage appearing at the commutator brushes included in their 
circuits. In many cases this results in a- considerable unbal¬ 
ancing of the several secondary circuits and a correspondingly 
poorer starting performance. To illustrate my point, refer to 
Mr. Kostko^s Fig. 12. At the moment of starting, the brush 
voltage impressed on the secondary 2 leads the voltage generated 
.in 2 by the synchronously revolving motor flux by 90 deg., 
whereas the brush voltage impressed on No. 1. lags by that 
amount behind the voltage generated in No. 1. 

But of far more consequence is the influence of the configura¬ 
tion of the synchronizing torque on the asynchronous perform¬ 
ance of the machine upon a torque demand which exceeds the 
maximum synchronous torque. As a specific example take a 
synchronous induction motor provided with the type of “ex¬ 
citation** shown in Fig. 10 and which was disclosed by me in 
1916, see U. S. P. 1,337,648. Because of the fact that the 
umdirectional ampere-turns on the secondary of a synchronous 
motor are not “exciting** but really “load plus exciting** ampere- 
turns, also because these must be accommodated in a single¬ 


phase as against a polyphase winding as used in non-synchronous 
motors and finally because in addition to the winding carrying 
the unidirectional ampere-turns it is necessary to have another 
closed winding on the secondary to permit of the motor operating 
asynchronously, it is found that even by using more copper on 
the secondary than in the corresponding asynchronous motor the 
maximum synchronous torque can hardly be made to equal more 
than two-thuds of the maximum asynchronous torque. If the 
motor is to have the overload capacity which the material used 
permits of being developed asynclironously, then part of its 
overload must be taken care of asynchronously. In the case of a 
motor such as outlined in Fig. 10, the asynchronous overload 
capacity is not practically available because the alternating 
synchronizing torque with unequal positive and negative maxima 
which can be exhibited by such polyphase motors at subsyn- 
chronous speeds causes their speed to oscillate rapidly under 
asynchronous overload conditions. It is clear that only the 
roughest kind of work will permit of such an irregular motive 
power and such motors are accordingly so rated that their full¬ 
load torque equals about half their maximum synchronous and 
about one-third of their maximum asynchronous torque. This 
condition is another reason why such motors; are very costly. 

In prior publications 1 have shown how this very undesirable 
condition can be remedied, thus greatly increasing the weight 
efficiency and therefore reducing the cost of such machines and 
need not again go into this question here, but the condition just 
discussed does show the vital importance of the oonfigiu*ation of 
the synchronizing torque on the weight efficiency of synchronous 
induction motors and clearly suggests that it does not suffice 
simply to study their compounding characteristic if a true picture 
of the rela.tive merits of different types is desired. . 

I should further like to point out that Mr. Kostko’s assertion 
in paragraph 14, column two, on page 448, is true enough in so far 
as synchronizing and synchronous operation is concerned, but 
not true in regard to starting for the reason that if two displaced 
windings are used instead of one only and both are connected to 
the same brush set, the two component windings form a poly¬ 
phase secondary and make it unnecessary to add a winding on 
this member which will be active at subsynchronous and 
inactive at synchronous speed. 

That Mr. Kostko*s assertion in paragraph 15 is true, so far as 
it goes, was demonstrated in my paper “Another New Self- 
Excited Synchronous Induction Motor.”4 It clearly appears 
from that paper that Mr. Kostko*s proposition is not true when 
it comes to synchronization. Furthermore, for certain angular 
displacements there is a great practical difference between the 
two types. The single-brush-set type is so touchy for certain 
angular displacements as to be useless in practise, whereas quite 
steady corresponding operation can be had with the two-set type. 

In the last paragraph of Part two, Mr. Kostko states that the 
pulsations of current and torque during the synchronizing period 
are unavoidable whether the axis of “excitation** is fixed or vari¬ 
able. This is true for the type with fixed but not true for that 
with variable position of the axis of “excitation.** I have shown 
how such pulsations can be avoided in separately, as well as in 
self-excited, synchronous motors. 

The motor dealt with under “example 1** is my 1906 motor; 
not only is the synchronizing torque in this machine “very nearly 
alternating** but it is actually so and its frequency is double the 
slip frequency as pointed out in detail in my paper “A New 
Self-Excited Synchronous Induction Motor.**6 

As to the motor discussed under “example 2,** I gave the com¬ 
plete circle diagram for this machine in my contribution to the 
discussion of the papers presented at the 1925 Midwinter Con¬ 
vention and have shown that at light loads the primary current 
of this motor lags by nearly 90 deg. behind the terminal voltage, 

4. A. I. B. B. Transactions^ 1925, p. 64* 

5. A. I. B. B. Transactions, 1924, p. 660. 
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111 : 1.1 :il. :i i-iTl.Miii I.Ki.l lliis l:i!; <liiniiii.-<lics aliruplly .-uul is eoli- 
\crl.Ml iiilo :i :in.'r which ihc Ic;!.! iliiiiinishc.s stomlily with 
:i. fMi'lhcr iiicrciisc in hi:iil :iiiil (iinilly :i^|r,.,.iii hconiiics :l lug' It is 
Ihcivl'.irc piiMinp: il. v.t.\ inil.lly In wiy Unit llic power f:ictor at 
li«:hl hi:tils is mil. :is :is can he i>x|>c(!t(.!(l in synclironoiis 

luHurx. 

M\ iii\t'si in;i) lot) ni I his \vlu>Ii‘ hiis rnv(*:ik'<l (|uito ii 

numlMT stilly* rundiiuMis iioi, apimronl, frojii ihn Knstko 

'Phus w In n usjiij*- ;i. ph;i.sr-ilisphu,*rtl s.vsUmii nl* sccdiid- 
iiry windiiifi's iuuu)vv\vt\ I 0 a phasi-displacoil sys(<‘in ol* hnislais 
ot\ tlii‘ primars, ur niurr hmudl.v, aiHmoeUMl to u plurality of 
v*>!la^;vs whhdi an* phuMMlisplanMl \vln‘ii ultornatin^jc, it is pos- 
sihh* lo (MUSI* I In* motor to op<*ral.(^ syiK^liroiiotisly ov<u’ a wido 
of loads and asyncliroiioiisly at loads hohnv, as \V(*1I as at 
loads ahovo, said raui***. It is rurllii*r p(»ssihh‘ to uaiiso tJm axis 
(d* I la* synchronous unidirectional majifmd.izatioii on the second- 
ar.\ lo I ra vol in I la* «nn* or I ho otluT din*(.d ion lam tln^ axis of tli(( 
rosnllanl niairiicl i/.al jou (d’ I la* motor tnovos in a. tdven dir(‘ction 
as I la* load o| (he mo|«»r ino/r(*as(\s or d(*(5r(ia.s(*s. ^J'his l(.*ad.s to 
soim* vt ry intiTestinLi; comhinations to which I. juaiy rohn* in 
jrroahT delail at soiia* lator (lah*. One Avay to .s(‘cnr«} tlai change 
in question is lo reverse th(» connections h(?twe(*n oiu< of the 
secondary eindingsaml it^5 hriishes in Fig, Kh 

On I he w hol(', I must a,dm it that my study of the synchronous 
induction motor has li(’(‘n sonunvliat disapiMiiiding. 1 f(u*l 
rcasonahly ci-rlain that I liavat reaclu'd rock bottom, having 
d(*v ised aital ('arcfnlly analy/.(*d sonu' scv(*n or (Ught dilTtfnud. ty fu's 
and \vorK«*d out a fairly comphtU* general tintory which agrtu's 
^\itll the r(*sults of li'Sis, hnt I inivi* ludi found any s<df-excit(al 
synchronous indiiclion imdor which I can rcconnm'iid as a 
general-fuirpose uador. My view is tliat many symdiroiious 
niot.ors on any one syslem of distrihittion ant und("sira)d(q 
lM‘caus(* (d’ llieir rigid ‘^pei*d characteristic tl)cs(! niachilicH rrajuirrs 
in.';hu(lfntt‘umi nepotist* from tint g(*nerating S(d. twid sndd(*ii 
cha.ng(‘s in load licfaune so many liamiintr blows on the syshuii. 
'I'he fact that j;eUv.ox<!i(ed niot(»rs nspiint slip-rings as well us a 
cojiimnlator tind that holh id’ lliesi* are in con.staid> us<t are nn- 
d«‘niahiy practical disadvaiilages, parlicnlarly in view <d’ the 
faci (liaf the coiiinmlalor carrh’s load as well as exciting ciirr(»nls. 
My coiH'hiHiott is that synclironons induction Jiiacddnes are much 
hi*tt(*r Hinted for use as s,\ nchroimns condensers than as Jiioktrs. 
1 'ln*y are nmch superior to synchronous condensers witli detined 
polar proj(*ction.s iiow in general nse, for the. reason that no lino 
disfurhaina* can pnt tlnuii out of conunission wdiich, so <d’ten 
happi’im with (he pron(»unced-poh? typt*, Hynchroimus induct ion 
iimchiiies used as comlensers autoimdically resiunc synehronisni 
under any and all conditions arid when so iis(*d, can bcdocatedin 
sheltered posilioiis where (In* slip-rings and thccjoimiiiitator will 
huv(< a (diaiice *»[' ojieratiiig Mitisfuctorily. 

1 hidii’Ve thaf condil ions are imndi iitont favorahli^ in (he case of 
hirger, M(*para1(dy ♦*.\cit(*d synchronous iuductioii nuwshines and 
such can no ilmtht la* mlvatitagcously used as motors in a nnuilicr 
(d‘ casffH. lint wliffu it comes to n gem*ral-purpose motor 1 think 
that thoHidnl imi will he fiiuml in a compensated imn-synchronous 
macdiine, 

.1. Ko.sikos 'rim inv(*rsioa is undoubtedly the most 
jiovverful im*thod of graphical study of circuits yet devised; 
it originated in this country (F. HimIoU tmd A. (k Gruhore, 
'iiesonunc»» in Transfornier (hreuits,** Phyidcal lieviaw^ Vol. II, 
lSiM-hSP5, p. dfilj, fmt il is much better kiiowrt and more used 
al>road. In a circuit eonlaining no inderxmdent 0 . nu t the 
current is iiruportionai to the applied voltage; if, for a certain 
phase angle l»etwc*en flic current and the V(dtag(% the value of the 
former is /' for the voltage /s’' and / for the voltage then tho 
lengths of the vectors O A'fUid O / representing /^' and I tiro 
given by the relation 0 A' XOI - K l\ If /' and B remain 
constant, 0 E* flf*Kcrilies fh«^ locus 1 of the voltage at constant 
eurnrnt, while (i ! describes tin* hxuis, 2, of the current at con¬ 
stant voltage; the fort.’going relation immediately suggests the 


possiliility of passing from one hums to the other by iiivorsioti (lor 
details see Blcclrical World, Vbd. 75, p. 721, 1920). It is usually 
imieli easi(T to construct the locus I than the locus 2, lieoauso, if 
wo start from a knowji ciirrc*nt, we can draw a vector diagram, 
with correct linear and angular r(‘latioiis b(^twecii t.Jie visetors. 
Ju jmwdlse it is seldom n(‘cessa.ry to go tliroiigh tluj process of 
inversion; the construction usually can be simplifi(‘d by making 
us<5 of tlm fact tha.t tin* angle b(d.ween two curves rmiiains un¬ 
changed by the inversion. Tims, in Fig. 2 tho line A ' A' is the 
consta.nt curnmt locus of a circuit consisting of tlu^ primary 
rosistanei? r and a variabU^ iiid mdiince. 1 Is inverse is the eirch* 2, 

B 

of diameUT— A ' -V' and this circh^ are tho loci of points at 

r 

whicli the pow'er from the line is consnmc*d eiitmdy in the r(;sist- 
aiico r. Tlnu’efore, at ])oints cojiimon to the circle 2, and to the 
locus of the motor no power is transfernul from tlu^ primary to 
tho secondary, 'I'Jie circle, is zm*o-])ow'er or zero-toiHiiie circle. 
It is usually possilde to detei’inriie tho angle b(dw'c*en the line 
A ' X* and the constant current locus 1; it is also th<3 angle Ix*.- 
tvveeu the linal locus 2 and tfie circle 3.. Since the latter is fully 
diitormiiied hy the])rijnary rt*sista.nce, r, this angular relation isan 
imp<jrtant eleimmt deV‘rniiuing the locus 2. For iiislamas in the 
p(>1y]>hase iiidnction nmtoi’S tiie locus 2 is nonnal to the circb^ 2. 
In a single-jdiase imlmdiioii motor it is very nearly normal to it 
(tlie exact angle can be oalcuhited from design or test da.ta). 
Jn a ]>(jlyj)has(^ synclironons reaction motor circh's 2 and 2 an^ 
also nonnal. In a .synchronous motor of tlie tyjie of Fig. 10 of 
tJte papm* the angh< hetwtxm 2 and 2 is eipuil to the a.iiglo of brush 
displacejnent. If tw'o points A a.nd Ji a.re iiiv<u’se of A ' and //' 
respectively, and the constant <»f inversion with resiJcct to the 

origin () is c, then A B — A'//' - 7 —'r- rehition 

OA^XOIB 

can bo used in order to represent an ('lemeiit such as an e. in. f. by 
moans of a s(^gment in the ditigram. The n, m. f.s. B, Bi and 
Bi of tho pajicr are n.ipresenttHl in (.his w’ay; other examjdes can 
be found in various publications of the writ<T. 

'J'hus, by the use of vjirioiiH gcHnnetrical properties of invcirse 
figures we obtain a complete graphical representation of tlui 
performance with i ts eh.’Jnents show'n diriHJtly in Uio diagram. 11 

is liaxxlly necessary to insist on th(( advantages of such a repre¬ 
sentation, especially in the study of a new motor type, where 
calculations sJioiild bo undertaken only after a cletir idea as to tho 
useful range of the d(3sign constants iuis been obtained from tlu^ 
study of tho diagram. 

A diagram in wdiieh-tlie zen.)-torque circle 2 is used is tho 
exact one, taking into aeconni the ]>rimary ri<sistanc<<, Tlie 
transition to tho simplified ditigram is easy. If r deeretises, tiio 
dianuiter of 2 incn.’asos; for r — 0 the circle 2 coincides wdih tlm 
axis of abscissas. The fooling agtiinsl. (die exact diagram is ]irob- 
alily due to tho fact that the old methods (d* taking the primary 
resistance into account ai’o extremity corntdicated in conqiarison 
with the inversion method making use rd* (.he circle 2. An article} 
hi 1021, Tiianbaotions « sliows how the problem of constructing 
the exact locus of a polyphase induction xnotor from test data is 
sunplified by the use of this Jiietliod. 

Mr. Wcjhdisers romai’k as to the meaning of the ecpjiValencia is 
to the p(dnt, hut a careful niaden* is not likely to makii a inistake 
in this respect because tli(} Avril/er took good canj to point out 
in the paper (pag(} 11, first column) that the torque in tho 
diagram comprises the friction and the loss in the (5Xciting fdr- 
ciiits; the net torque is, thm’efore, soinewlnit affectcxl by the 
choice of tho exciting system, but not in any definite way. Hy 
suitable choice of mechanical features, such as the weight of 
copper, any one of the two equivalent jnotors can be made either 
btJtter or worse than the otluir; vxim in tho same motor a changf* 

6, A, I. B. K. Transactions. 1921, 
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of the field copper (leaving the size of conductor unchanged) 
will affect the net torque without in any way affecting the current 
locus. The physical change from one exciting system to an 
equivalent one is affected by the structural features of the motor. 
No general rules can be given, but each ease must be studied 
individually. 

It would be of interest to “go over” my deduction of the cur¬ 
rent locus using Prof. Karapetoff’s method; but thq current 
locus alone is of little value to an engineer. If a comparison 
of the methods is intended, it would be of greater interest to take 
up the problem of the graphical study of the motor from the 
beginning and try to find a solution as general and complete as 
that obtained in the paper; in my opinion this is the only sen¬ 
sible and fair way of comparing the two methods. The solution 
of Prof. Karapetoff’s example by the inversion method is as 
follows: let 0 V be the vector of the current the constant 
current locus is a line parallel to 0 I' and at a distance x P from 
it; the current locus at constant voltage E is the inverse of this 
line, i, e., a circle passing through the origin 0, tangent to 0 /' 

, ET E 

and of diameter —— -. 

xT X 

In his discussion Mr. Pynn continuously refers to the features 
of his separately excited motor as contradicting my conclusions 
which are derived for the self-excited motor. My statements as 
to the latter type are not directly attacked, but expressions such 
as “true as far as it goes,” “true enough” etc., are likely to cause 
some doubt in the minds of the readers. It is well to point out 
that there is nothing ambiguous or vague in these statements if 
applied to the motor type for which they have been developed. 
For that matter, they apply to Mr. Fynn’s motor as well, but, for 
the present, I shall confine myself to the type studied in my 
paper, because the experience with this type shows that, with such 
complicated subjects, convincing arguments and a common 
ground for a profitable discussion can be found only in a rigorous 
and impersonal mathematical study; and, while I have done 
myself some work on this subject, it would clearly be out of the 
question to take it up now. 

Mr. F 3 am’s remark that the study of the exciting system is not 
sufficient, is correct; it is for this reason that I developed in 
the paper not the theory of the exciting system, as he says, but 
the complete theory of the self-excited motor. The synchronous 
(and synchronizing) performance is determined by the constants 
a, 6, Oi, jS, r, z, X; the first four determine the exciting system 
and are investigated in detail; the last four determine the main 
a-c. winding. They are used in all vector diagrams for the con¬ 
struction of the current locus, but no further study of these ele¬ 
ments is undertaken because they occur in many well-known 
motor types and are quite familiar to the readei's. 

Mr. Fymi*s remark as to the large size of the commutator gives 
an impression that it is due to the amoimt of ampere-turns on 
the secondary. Such is not the case: it should be charged 
mainly againat the self-starting feature of the motor, which 
involves a very low exciting voltage, as explained in the paper. 
Mechanically, the commutator must fit the size of the motor, 
but its output is only a few per cent of that of the motor. If we 
could use 150-250 volts for excitation, instead of 15-25, the com¬ 
mutator would be as small as structurally possible, regardless of 
the number of ampere-turns. The danger of sparking and cir¬ 
culating currents in a coil of many turns short-circuited in a 
strong field also militates against the choice of a high exciting 
voltage. 

In my opinion Mr. Eyim attaches an exaggerated importance to 
the asynchronous features of the motor as compared to the 


synchronous performance. His remark as to the voltage ap¬ 
pearing at the brushes at starting is true, but he overlooks the 
order of magnitude of the phenomenon. At starting we may 
have some 500 induced volts in a field winding, and some 20 
volts across the brushes, of the same frequency and added vec- 
torially. An unbalance which may be caused by these 20 volts 
in the two phases of the secondary is really a small matter, the 
more so because the winding of a self-excited motor is usually 
made stronger than that of the induction motor in the same 
frame, so that there is a margin for a slight reduction of the asyn¬ 
chronous torque. If this unimportant action of the brushes be 
disregarded (or simply avoided by disconnecting the brushes at 
starting) then the windings of the secondary should be designed 
(1) as a part of the exciting system, and (2) as a secondary of an 
induction motor. Plan (1) is extensively studied in the paper; 
but, as Mr. Pynn puts it, only a scant attention is given to 
plan (2), because it was not intended to take up here matters 
pertaining to the induction-motor design, important as it is.' 

That synchronization is accomplished by the synchronous 
torque is-admitted by Mr. Fynn, at least for the motors studied 
in the paper; therefore, all parts of the paper dealing with the 
synchronous performance, i. e., practically the entire paper, can 
be considered as dealing with the synchronizing torque. It is 
rather strange to read Mr. Pynn’s admonition that “it does not 
suffice simply to study their compounding characteristics... 
etc. 

With reference to Mr. Pynn’s remark about a motor with two 
displaced windings connected to the same brush set: I never 
said that the equivalence of the synchronous and synchronizing 
operation also means the equivalence of the starting features. 

AU the motors shown and described in Mr. Pynn's paper 
“Another New Self-Excited Synchronous Induction Motor” are 
fixed-axis motors, equivalent to the type of Fig. 10 of my paper, 
with respect to synchronizing as well as the synchronous opera¬ 
tion. If the constants of a motor are changed, for instance by 
reconnecting field windings, as described in Mr. Fynn’s paper, we 
have not one, but several distinct motors, and to each of them 
the principle of equivalence to the motor of Fig. 10 applies in full. 

In the example 1, Fig. 6, the locus 2, Fig. 7, is normal to the 

E 

circle of zero-torque 3, of radius ; the torque at a point of the 

2 r 

locus is measured by the distance of this point from the chord 
D C (not shown). Due to the curvature of the circle 3 the posi¬ 
tive maximum of the torque is somewhat less than the negative; 
hence the expression “nearly’ ’ alternating.. Only if r is neglected, 
the circle 3 coincides with the axis of abscissas and the torque 
becomes truly alternating. 

The variation of the lag of the current in example 2 can be 
followed in Fig. 9. In practise the motor would not be as bad as 
it appears, because, on account of losses, the no-load point will 
be nearer to the origin than D-C-IC, and the transition to the 
lead will occur at a very light load. 

The interesting conditions mentioned by Mr. Fynn can be 
found in the paper; the one which is really important is given 
quite a prominent place in the chapter on synchronizing. I 
refer to the motor which has minimum as well as a maximum 
torque at synchronism. The analytical conditions are given on 
the bottom of page 68. The current locus of such a motor 
has no common points with the zero-torque circle 3. If the 
constants are such that its radi^is is small or vanishes, as in 
examples 3 and 5, the pulsations of the torque and of the current 
are also small or vanish. The travel of various fiuxes can readily 
be followed on the constant-current locus 1. 
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Synopsis* —The paper describes a series of tests directed to the 
evolution of a loud speaker^ free from resonance, VaHous types of 
sound source were tried. For the most part horns were avoided. 
Diaphragms^ when employedt VDcre either so light and stiff that their 
natural resonance was above the essential frequency range^ or so 
flexible that their resonance was below the lowest important acoustic 
frequency. Best results were obtained with the latter iype^ and it is 
shown on theoretical grounds that a small diaphragm^ the motion 
of which is controlled by inertia only^ and located in an opening in 
a large flat wallf will give an output sound pressure proportional 
to the actuating force^ independent of frequency. It should he 
possible to make an ideal sound reproducer on this principle, A 


practical loud speaker which approximately fulfills the above cow- 
ditions has now been evolved. It consists of a flexibly-supported 
paper cone actuated by a coil in a magnetic field and provided with 
a baffle. As compared with ordinary loud speakers^ this instrument 
radiates much more of the low tones and more of the very high 
frequencies which makes for clearer articulation. 

The extension of the range of response of the loud speaker to 
higher and lower frequencies^ makes defects in the remainder of the 
system more noticeable, particularly roughness and blasting due to 
overworked amplifiers. It is, therefore, important that the amplifier 
used with the new loud speaker be designed to have ample capacity. 

« % * « If: 


Initial Tests With Non-resonant Types 

EVERAL yeaors ago tests were undertaken in the 
Research Laboratory of the General Electric Com¬ 
pany, to ascertain whether or not it would be pos¬ 
sible, by sacrificing sensitivity, if necessary, to produce 
a loud speaker free from the most objectionable of the 
distortion which characterizes loud speakers in general.* 

Amplifiers and amplifier tubes had beai developed to 
a point where there was no difficulty in obtaining voice 
currents of any required magnitude, practically free 
from distortion. Aperiodic microphones and condenser 
transmitters were in use in broadcasting station 
studios.* The availability of these comparatively new 
tools and the fact that in the matter of distortion the 
loud speaker was the weakest link in the chain of ap¬ 
paratus involved in transmission and reproduction of 
speech and music, appeared to justify a renewed attack 
on the problem. Even though it should be found that a 
large and expensive amplifying system was necessary, 
owing to sacrifice of sensitivity, it was felt that there 
would be many applications of a loud speaker of high 
quality. Happily in the later designs it was found that 
the anticipated sacrifice of sensitivity was not necessary. 

The worst distortion in the ordinary loud speaker is 
due to hom-resonance and diaphragm-resonance. To 
eliminate the hom-resonance, it was proposed to abandon 
the horn. To avoid the diaphragm-resonance we 
might, for example, eliminate the diaphragm, by 
using a “talking arc;” or we might use diaphragms in 

1. Both of the Research Laboratory of the General Electric Co. 

2. A general discussion in the form of a symposium on the 
loud speaker problem is published in Proceedings of the Physical 
Society of London, Vol. 36, Parts 2 and 3, Peb. & Mar., 1924. 

3. Tlie construction and calibration of condenser transmitters 
are described by P, C. Went© in the Physical Review, July, 1917, 
and May, 1922. The theory of air damping as applied to the 
condenser transmitter is discussed by I. B. Crandall, Phys. Rev,, 
June, 1918. 

Presented at the Spring Convention of the A. I. E* E., St* 
Louis, April lS-17, 1926, 


which the resonance frequencies were above or below 
the working range. 

One of the first undertakings was to build a resist¬ 
ance-capacity-coupled amplifier in which the final stage 
was a tube having an oscillator rating of 250-watts out¬ 
put. With a 1500-volt plate supply, this amplifier could 
deliver about 70 milliamperes of sine wave current at 
200 volts, with practically no wave-form distortion, 
and it was possible to test some very insensitive devices. 
Among the things tried were: 



Pia. 1 —Siren and Gold-Leaf Thermo Phone 


1. A gold leaf thermophone with an area of about 
one-half square foot, shown in Fig. 1. The voice cur¬ 
rent superimposed on a direct current causes temper¬ 
ature fluctuations in the gold leaf. The adjacent air 
expands and contracts and produces sound waves. 

2. Various designs of electrostatic loud speakers 
with large diaphragms: In these the diaphragm is a thin 
sheet of conducting material, actuated by the electro¬ 
static attraction between it and an electrode placed 
close to it. Fig. 2 shows a model in which the electrodes 
were of felt, painted witii graphite and separated by two 
sheets of varnished cambric. 

3. A siren, shown in Fig. 1: Instead of moving a 
diaphragm to set up air waves, the voice currents are 
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made to operate a delicate throttle-valve which con¬ 
trolled the amount of air issuing fromajet. Thisprinci- 
ple is employed in the "Creed Stentorphone” evolveo 
by Gay don and manufactured by Creed of Croyden, 
England. 

4. An agate cylinder machine, depending on varying 
the frictional force between a rotating drum of polished 
agate and a piece of metal attached to the diaphragm: 
This principle was first applied by Edison* using chalk 
cylinders, and later by Johnson and Rahbeck who used 
2^ate'. A modified form of frictional machine, called 
the "Frenophone,” has recently appeared*. 

5. A talking arc. 

6. Multiple unit area devices, made up of a large 
ntimber of similar magnetic telephones, as shown in 
Fig. 3. 

7. Combinations of several horn instruments, having 
different characteristics, so that each supplements the 



Pia. 2 —^Elbcteostatio Loud Speaker 

others. Fig. 4 shows a photograph of this arrangement. 

8. The induction phone developed by Dr. C. W. 
Hewlett^. 

This is illustrated in Fig. 5. The diaphragm is a thin 
sheet of al uminum loosely supported between two pan¬ 
cake-type coils, wound with suitable venting spaces. 
Direct current is passed through the coils in such a 
direction as to give a radial , field in the region of the 
diaphragm, and the voice current circuit is connected so 
that both coils act as primaries to induce currents 
in the diaphragm. The resulting force can be made 
to be almost uniform over the whole diaphragm. 

4. British patent No. 2909,—1877. 

5. Described in Zeitsehrift fur Teehinsche Phyaik, 1921, No. 
11, also Journal L B. E., No. 6l, July 1923, p. 713. 

6. Modd eidiibited at Liverpool meeting of British Associa¬ 
tion for the Advancement of Science, Sept. 1923. See Sci. 
Anuriean, Jan. 1924. 

7. Phy Rev., 17, p. 257, 1921. Phy. Rea;, 19, p, 62, 1922. 
Jour. Opt. Soe. Am. 4, p. 1059,1922. 


9. Various designs of small diaphragm moving coil 
instruments. 

Fig. 6 shows a number of instruments set up for 
comparison. 

Of the possibilities, some were dropped after one or 
two experiments, while the more promising types were 
the subjects of considerable development. The electro¬ 
static phone is capable of giving very fine quality repro- 



Fig. 3—^Multiple-Unit Loud Speaker 


duction, but owing to the low breakdown strength of 
air, only a small force can be applied to the diaphragm 
and a very large area is required to give a reasonable 
volume of sound. 



Pig. 4—^Triple-Horn Loud Speaker 

Characteristics op Large Area Diaphragms 

One of the first tests was an attempt to obtain the 
equivalent of a large area diaphragm by placing a 
number of small units close together. The pahd is. 
shown in Fig. 3. A single telephone receiver without a 
horn, pves entirely inadequate radiation of the low 
tones. The horn helps to bring out the low tones but 
introduces resonance. Placing a number of telephones 
in close proximity with their diaphragms moving in 
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phase also improves the radiation of lower tones 
wthout creating any resonance. The multiple unit 
instrument was a considerable improvement over a 
single unit with horn. But as the device was first built, 
the diaphragms themselves were resonant at about 1000 
cycles. The next step was the substitution of tele¬ 
phones with diaphragms of steel, 0.0016 in. thick, 
stretched so tightly that their natural frequency was 
above 6000 cycles, or practically out of the voice range. 
When used as head-phones, these receivers gave very 
fine quality but as a loud speaker the multiple 
unit device gave undue prominence to the high 
frequency components of speech. Voices sounded thin 
^d hard. Only after electrical compensation had been 
introduced by means of the circuit shown in Pig.. 7a 
did the multiple unit loud speaker give a natural repro¬ 
duction of voice. In other words, while the effect of 
the large area diaphragm as compared with a small 
diaphragm was in the right direction in helping the 
radiation of low tones, as had been anticipated by Rice 
in proposing this experiment, there was still an accentua- 


sures, exactly reversing the function of the pickup or 
transmitter. The transmitter being equally efficient 
for all frequencies in the working range, the telephone 
receiver or loud speaker must convert input current into 
sound pressure at the listener’s ear with equal efficiency 
at all frequencies. Throughout the remainder of this 
paper, when a device is spoken of as giving sound 
radiation independent of frequency, it is to be under¬ 
stood that what is meant is that if a series of pure tones 
of equal power but varying pitch are produced in a 
damped room in front of a perfect transmitter with 
distortionless amplifier, and the output of the amplifier 
is fed to the loud speaker, the latter will radiate the 
series of tones with equal power. 

In the case of the receiver held to the ear, there is a 
small cavity between the receiver diaphragm and the 
ear drum, and, assuming that there is no leakage of air, 
the pressure which the ear drum feels is proportional to 
the change in volume of the cavity caused by the 
defiections of the diaphragm. A diaphragm with 
natural frequency above the voice range, or, in other 



tion of the high frequencies when the multiple imit 
loud speaker was used without the compensating 
circuit. 

Let us consider from a theoretical standpoint the 
difference between what makes a satisfactory head- 
phoneandwhatisrequiredfor aloud speaker. Theideal 
sound pick-up, or transmitter, would develop a voltage 
proportional to the pressure which the sound wave 
exerts on the diaphragm, whatever the frequency or 
wave shape. There are in use in broadcasting studios, 
i^ecial microphones and electrostatic transmitters 
which approximate this ideal characteristic very closely 
over a wide range of intensity and over a frequency 
range of from 30 to over 6000 cycles. Amplifiers can be 
constructed having almost any required amplification 
ratio, the oul 5 )ut currents of which reproduce the 
input voltage wave with virtually no distortion. The 
perfect receiver, or loud speakw, must take these am¬ 
plified voice currents and translate them into air pres¬ 


words, one in which elasticity and not inertia or dop¬ 
ing controls the vibrations, gives a deflection propor¬ 
tional to the magnetic force, or practically proportional 
to the current throng the coils, independent of fre¬ 
quency. Therefore, such a diaphragm gives a sound 
pressure in the ear proportional to the current supplied 
to the receiver, provided the receiver is held tight 
against the ear, and this characteristic is .exactly what is 
wanted for a head telephone. What happens when 
such an elastic control diaphragm is operated in un¬ 
confined air? The simplest case is that of a large area 
diaphragm radiating plane waves. H^e the pressure 
in the soimd wave is proportional not to the deflection 
. of the diaphragm, but to the maximum velocity whidh 
it attains, which, for pure tones or sine waves, is pro- 
“portional to the maxhnum deflection multiplied by the 
frequency. Therefore, if we succeeded in obtaining 
the eqmvalent of a large area diaphragm by grouping 
together a number of tdephones with tightly stretched 
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diaphr&gms, the device wotild still radiate the high 
frequencies in undue proportion. With the capacity 
shunt in the amplifier, as shown in Fig. 7a, this dis¬ 
crepancy is corrected. 

Test op Small Inertia Diaphragm 
At this point, Kellogg suggested using a coil-driven 
diaphragm with practically no elastic restoring force, so 
that at low frequencies very large amplitudes could be 
attained. In an ordinary telephone the stiffness of the 

A B 




with smaller horns took care of the middle and upper 
ranges. Experiments with this arrangement showed 
clearly that the three instruments supplemented each 
other, the combination sounding much better than any 
one alone, and the consciousness on the part of the 
listener of the presence of a horn vras much less pro- 
noimced than in the case of a single horn device. 
The Baldwin phone would not give sufficiently low fre¬ 
quency output and after a number of attempts to build a 
suitably low-pitched phone, the conclusion was reached 
that the most satisfactory low-pitched phone would be 
one designed along the lines of the moving coil instrument 
already described. However, when this construction 
was adopted, no supplementary high pitched instru¬ 
ments were needed. 

Improved Designs op Inertia Diaphragm 
Instruments 


Fig. 7—Compensating Circuits 

Type A gives ei =ei X “ X (Constant) 

Type B gives cj « ci X f X (Constant) 
f « frequency 

diaphragm is depended upon to prevent its sticking to 
the magnet poles and is, therefore, not suitable where an 
entire lack of restoring force is desired. On the other 
hand, the moving coil drive is eminently suited to this 
purpose, since no stabilizing force is required. Fig. 8 
shows the construction of the first model built to try 
out the free diaphragm principle. Not only did this 
device produce more of the low tones than any pre¬ 
viously tried, but it held up remarkably well for the 
very high notes, not showing any marked resonance. 
It did, however, have a rough quality in voice repro¬ 
duction, which was corrected in the later designs. 



Pig. 8—First Model of Pig. 9—Improved Design of 
Inertia Controlled Dia- Inertia Diaphragm, Loud 
PHRAGM Loud Speaker Speaker 

Trial op Triple Horn Loud Speaker 
Thp multiple unit horn device, already mentioned 
and shown in Fig. 4, was first suggested and worked on 
in our group by Kellogg. It was an attractive possi- 
bihtyj especially in view of the sensitivity obtainable 
with horns, and the ease with which the balance be¬ 
tween high and low tones could be adjusted. For the * 
lower end of the scale, a Baldwin phone with a large 
^onential horn seemed to be the best combination of 
available apparatus, while some higher pitched phones 


Fig. 9 shows the manner of construction of a moving 
coil instrument designed by Kellogg with a view to 
avoiding two of the pbssible causes of the rough quality 
which had characterized the machine shown in Fig. 8; 
namely, friction around the edges, and failure of the 
diaphragm to act as a true piston, or remain fiat duinng 
vibrations. A maximum of rigidity, combined with 
light weight, was sought in the diaphragm design, an 
oil seal was provided around the edge, and the support 
consisted of four threads at right angles, held in slight 
tension, so that motion was very free in the axial 
direction, but practically no sidewise movements 
could take place. Vibration amplitudes as great as 
1/32 inch were frequently observed on this diaphragm. 
The rough quality was practically eliminated in the new 
design. Provision was made for boxing in the instru¬ 
ment, and an interesting experience in this connection 
was that of placing the box over the back, which had the 
same general effect on sound quality as applsdng a 
short horn to the front of the diaphragm. Both helped 
to bring out the low tones and gave rise to some resonant 
effects. Bringing out the low tones was due principally 
to preventing circulation of air between the front and 
back of the diaphragm. The resonance was in the horn 
in one ease, and in the box in the other. A peculiarity 
of devices employing very fiexibly supported dia¬ 
phragms is that resonant air chambers behind the 
diaphragm do about as much harm as resonant cavities 
in front of the diaphragm, the diaphragm usually 
taking part in the resonance. Attempts to damp the 
interior of the box with felt were not entirely successful. 

The Use op a Baffle 

A happy solution of the problem of preventing circu¬ 
lation was obtained by emplosdng a flat baffle-board, at 
the suggestion of Rice, who was the first of the group 
to recognize the importance of the circulation factor in 
preventing the radiation of low tones. With the flat 
bafSe, no air resonance occurs and both sides of the dia¬ 
phragm give useful radiation, the total power radiated 
for a given diaphragm amplitude being nearly four 
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times as grest as that radiated when the back of the dia¬ 
phragm is enclosed. 

Definition of Term “Inertia Controlled” 

Subsequent experiments were devoted largely to the 
development of the free diaphragm type of sound repro¬ 
ducer, in which, throughout the essential frequency 
i^ge, the electrical drivingforce is expended in accelerat¬ 
ing the mass of the diaphragm. We shall speak of 
such diaphragms as “inertia controlled.” A certain 
amount of elastic restoring force is unavoidable in the 
supporting system, and consequently the diaphragm 
must have a natural frequency. But if the natural 
frequency is below the important acoustic frequency 
range, the diaphragm may properly be described as 
inertia controlled. We have obtained best results 
with natural frequencies below about 70 cycles per 
second. Higher natural frequencies can be tolerated if 
the vibrations are well damped. 

Theory for Large and Small Diaphragms 

Diaphrams may be classified according to their 
mechanical properties as> 

1. Inertia controlled 

2. Damped or resistance controlled 

3. Elastic controlled 

4. Resonant 

6. Diaphragms having wave action or phase differ¬ 
ences between the different parts of the surface 

Of these, the first three have simple relations between 
actuating force, frequency, and amplitude of motion, 
and would, therefore, appear to offer most promise of 
affording a sound source of constant efficiency. The 
resistance-controlled diaphragm, while difficult to 
obtain, is included in the list as representing a possible 
type and is of theoretical interest. It will be assumed 
in discussing the first three types of diaphragm that all 
parts of the surface move together, which means that 
either the diaphragm is small and rigid, or else the 
actuating force is applied to all parts. The wave action 
diaphragm isbestrepresented by thelarge, shallow, paper 
cones which have been employed with considerable 
success. Familiar examples of this type are fotmd in 
the Path^ and new Western Electric 640 AW loud 
speakers. Some other experiments along these lines 
were recently reported by Sutton.* Here the actuating 
force is applied at the center, or vertex, and flexural 
waves radiate toward the outer edge. If there is con¬ 
siderable aiergy loss so that these waves are attenuated 
rapidly, the net result is that at high frequencies a 
small area of the diaphragm near the vertex radiates 
sound, while at lower frequencies a larger area works. 
If the attenuation of the flexural waves is small, stand¬ 
ing-wave conditions exist and there is a series of fre¬ 
quencies at which resonance occurs. 

The relation between amplitude, frequency, and driv¬ 
ing force, for diaphragms with pure elastic, resistance, 
or inertia control is as follows. If the diaphragm 
8. Wireless World and Radio Review, Nov. 19,1924. 


vibrates with simple harmonic motion at a frequenqr / 
cycles per second, and with an amplitude X centimeters, 
the deflection may be expressed by 
X = X sin 2 TT / < = X sin (0 f, centimeters (1) 

the velocity is 

dx 

** = = CO X cos CO t —centimeters per second (2) 

and the acceleration is 
du d^x 

centimeters per second, per second. 

With elastic control, the deflection is proportional to 
the applied force; or to give the deflection shown in (1), 
we must apply a force 

Fsin wt = Kx = KXain (ot (4) 

in which F = maximum force in dynes, and K the dia¬ 
phragm stiffness in d 3 mes per centimeter. 

From (4) 



or the amplitude is proportional to the maximiiTv i of the 
alternating force, independent of frequency. 

With resistance control of motion the velocity is 
proportional to the instantaneous applied force, or to 
give the motion expressed in equation (2) we must 
apply a force 

F cos <at = Ru = Bo)X cos cot (6) 

in which R is the resistance to motion in dynes per unit 
velocity. 

From (6) 

F F 
^ ~ 03 R~ 2 7rfR 

or the amplitude is proportional to the applied force 
divided by the frequency. 

In the case of inertia control, the applied force is 
equal to the mass M times the acceleration. Hence to 
obtain the motion expressed in equations (1), (2) and (3) 
we must apply a force 

- F sin CO < = M a = - M X sin w < (8) 

or 

_F_ F_ 

^ co*Jlf ~4 7r*fAr 

In this ease the amplitude for a given driving force 
varies inversely as the square of the frequency. • 

There are two classes of diaphragms the sound 
radiation of which are simple functions of amplitude, 
frequency and diaphragm size. 

a. Diaphragms large enough in comparison with the 
longest waves to give plane-wave radiation for all 
essential frequencies. 

b. Diaphragms small enough in comparison with 
the shortest waves, to be treated as virtually point 
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sources for all essential frequencies, circulation of air 
between the front and back of the diaphragm being 
prevented by either a baffle or by enclosing the space 
on one side of the diaphragm. 

The power in ergs per second’, radiated from one 
side of the large diaphragm is 

P = (10) 

in which 

p = mean density of air in grams per c. c. 

V = velocity of sound in air in cms. per sec. 

S = area of diaphragm in sq. cm. 

CO = 2 vf 

X = amplitude of diaphragm motion, assumed to be 
the same over the entire surface. 

In the case of the small diaphragm, the power 
radiated from one sideis“ 



5’ X\ 
^ 2/S» 


( 11 ) 


in which j8 isthesolidangleinto which the radiation takes 
place, 4 V for complete spherical waves, and 2 t for 
hemispherical waves, or in other words, if a flat baffle is 
used. With aflat baffle, the radiation from both sides of 
the diaphragm is 


P' 


(o* X’ 

^ 2 TT » 


( 12 ) 


For these two t 3 T)es of diaphragm we can see from 
equations (10) and (12) what would have to be the rela¬ 
tion between amplitude and frequency in order to have 
the sound output the same at all frequenciesi 
For the large diap^agm, equation (10) shows that 
P becomes independent of « or of / if Z varies as 

y, and equation (7) shows that applsdng a force, F, 


the same at all frequencies to a resistance controlled 
diaphragm, gives an amplitude which varies as j 


If we have the means for making the force F a direct 
or inverse function of frequency, a large diaphragm 
with inertia or elastic control can be made to give the 
same output at low and high frequencies. For example, 
in the polarized electrostatic sound somce, the force 
variation is proportional to the alternating voltage 
between electrodes. If the charging oiurent supplied 
to the electrodes is fed through a resistance hi^ 
compared with the capacity reactance of the device, 
tiien a constant voltage applied to the resistance and 
capacity in series will result in a voltage across the 
capacity inversdy proportional to the frequency, 

9. Eayleigli, Tkeory of Sound. Vol. n. Page 16. 

10. Rayleigli, Theory of Sound. Vol. n. Pago 113. 


and such a voltage will give constant sound radia¬ 
tion from a large area elastic control diaphragm. 
In like manner in the case of magnetically actuated 
diaphragms, in which the force is in general propor¬ 
tional to the current, if the inductive reactance of the 
windings is high compared with their resistance plus 
the plate resistance of the amplifier tube, the current 
through the windings will be proportional to the voltage 
applied to the grid of the tube, divided by the frequency. 
This will give the desired relation between force and 
frequency, for constant sound radiation from a large 
area elastically controlled diaphragm. 

If we extend the consideration to the use of pick-up 
devices or transmitters having direct or inv««e fre¬ 
quency characteristics, or include compensating cir¬ 
cuits of the t 3 ^e shown in Fig. 7, there are many com¬ 
binations which give a constant over-all efiiciency. Of 
such combinations, those which throughout the system 
preserve the normal- balance between high and low 
frequencies, have the advantage that a satisfactory 
ratio of useful to stray noises is more readily main¬ 
tained, and the required amplifier capacity is less. 
We shall, therefore, assume that the goal is to produce a 
sound source which, when operated by the output of an 
amplifier tube, will give a soimd wave pressure pro¬ 
portional to the voltage applied to the grid of the tube, 
the proportionality factor being independent of fre¬ 
quency. Such a sound source is the large diaphragm 
electrostatic unit, with resistance controlled diaphragm 
motion, and with capacity reactance high compared 
with the tube plate resistance. Another example is 
the large diaphragm electrostatic unit with elastic 
control of the diaphragm and with capacity reactance 
low compared with the tube plate resistance throughout 
the essential frequency range. Electromagnetically 
driven large area diaphragms, with elastic control of 
motion and inductive control of curent, or with re¬ 
sistance control of motion and resistance control of 
current, are also possibilities. 

Turning to the case of the small diaphragm working 
with a bafile, equation (12). shows that for constant 
soimd output X* CO* must be constant, or the amplitude 
must vary inversely as the square of the frequency, and 
equation (9) shows that a constant driving force and 
inertia controlled motion gives just this requiredrelation 
between frequency and amplitude. This relationship 
was pointed out by Kellogg who took especial interest 
in this type of device and designed all of the models 
employing small rigid diaphragms. The dri-ving force 
independent of frequency is available in the form of a 
coil in a constant magnetic field and with enou^ resist¬ 
ance in the circuit compared with the reactance to make 
the current independent of frequency. There are 
obviously other combinations using small diaphragms, 
such as resistance control of motion and inductive con¬ 
trol of current, which would give constant output, but 
the inertia confroUed small diaphragm with resistance 
controlled current has all the advantages. 
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Effect of Intermediate Diaphragm Si2E 
Fopmuliis for tho sound radiation from a flat circular 
diaphragm situated in a flat wall or baffle of infinite 
extent have been developed by Uayleip:h^', all parts of 
the diaphragm beinp; assumed to have the same motion. 
F ipf. 10 shows the rcdat Jve output at different frequencies 
of an ineri.ia controlled diaphragm six inches in di¬ 
ameter, actuated by a vibratory force of variable 
frequency but constant magnitude. For wave lengths 
greater than about. 1.5 feet, (46 cm,), the diaphragm 
may be treated as a small source, and tho sound output 
is constant. At frequencies for which the wave length 
is less than the <liameter of the diaphragm, the radiation 
pnudically lollows the law expressed in equation (4) 
for large area diaphragms. Within this part of the 
frequency rang(» inertia control gives too rapid a drop 
in amplitude as tho frequency is increased, with the 
result that the power radiated is less at high frequency. 
There is, however, a compensating etfeet. At the same 


'iVrtv* It«fifji h t’« • »n etc »*a 
«< r» ri r» a o 

a» til tt* »• 




F 

j: 

p 

p 

r? 



pq 






T 

T'i.. 


— 

- 












ZN 



— 








F.. 



- 


- 









Fuj. 10 -RaIUATIMN (*HAU.V< TKIO.STirs UF iNKlfcTIA ( 

Diai'Mkaom Six In. (in m Diamktkk 
OrdinaMts ai'u H, in. s. PiH'Nsiirn at Ou« Mol cm* liisfcanno 



Puiv«*r ratiialod from imo sido 
Ai’ra of Ikoitiisphm'oof 100 cm, rarliuN 


In which 

/t» DniHlty of Air 

* 0.0012 grains per cu, cm. 
t* Vclnclly of Sound 

> * 0.42 X 10^ cm. per hi5C. 

Actuating force UKsiimcd - wri.OOO dynes, r. m. k. value 
Mass 10 grum.s 


time that the total radiation becomes less, the directiv¬ 
ity increases, and the listener in front of the diaiihragm 
receives a larger share of the total power radiated. The 
result is that with a diaphragm of this size, the listener, 
if stationed in front of the diaphragm, loses very little 
of the high frequency components. Even with larger 
diaphragms, very pleasing results have been obtained 
with inertia-conta'olled diaphragms, notably the Hew¬ 
lett induction phone in which a 24-in. diaphragm has 
been employed with good effect. In this the tendency 
to give exce.s.sive radiation of low tones is reduced by the 
fact that no baffle is employed, and there is a diminu¬ 
tion in diaphragm currents at low frequency due to 
imperfect transformer action. The directive proper¬ 
ties of this large area diaphragm are very striking. 

In order to radiate in accordance with equation (12) 
or as a small source, up to 6000 cycles, a diaphragm 
would have to be less than about 1inches in diameter, 


but since experiments indicate that much larger inertia- 
controlled diaphragms give good results, there is no 
justification for limiting the size to the value mentioned, 
particularly as sensitivity is gained from the adoption 
of larger sizes. 

Requirements for True Pisixin Action 
Since the inertia-controlled small diaphragm ap¬ 
peared, from both theoretical and experimental evi- 



Eui. 11—BAKFiiK-Tvi'K lliain Diapuiiaom, Loiib Spkakku 


dence, to offer the greatest promise of a practical solu¬ 
tion of the loud speaker problem, subsequent experi¬ 
ments were devoted to finding the beat form of device 
embodying this principle. The first models left much 
to he desired in the way of sensitivity and considerable 
room for improvement in quality. The condition that 
the diaphragm must move as a unit meant two al¬ 
ternatives; either the diaphragm must be very rigid for 
its weight and mu.st be quite small, or the driving force 
must be appliwl uniformly over the entire diaphragm 
surface. 




Spool HaAd 


Fxo. 12— Rioid-Tvi'k Diapuiiaom Adaptkd pou Usk with a 

IIciUN 

Models with Rigid Diaphragms 
Two of the most satisfactory forms of small rigid 
diaphragms are shown in Pigs. 11 and 12. Of available 
materials, aluminum has as high a ratio of elastic 
modulus to density as any, combined with light weight. 
The oil seal of Fig. 4 was considered impractical for any 
but a laboratory model, and in place of it, either smdl 
clearance was depended upon to prevent leakage or a 
thin rubber membrane was used to bridge the gap be¬ 
tween moving and stationary parts. Fig. 12 was de¬ 



ll. Theory of Sound. Vol. IL Pages 102-165. 
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signed for use with a horn‘*. The horn was four and 
one-half feet long with an exponential expansion from 
inch to SO inches diameter. Fig. 13 shows the same 
horn with the earlier model instrument illustrated in 
Fig. 9. Such a horn carries down to about 200 cycles 
satisfactorily and has no very strong resonancesi*. 



Fig. 13—Rigid-Type Inertia-Controlled Diaphragm with 
Exponential Horn 

Resistance and not inertia control is the ideal dia¬ 
phragm characteristic for an instrument emplopng a 
slow expanding exponential horn, and that pleasing 
results should be obtained with the free diaphragm 
must be ascribed to the fact that the diaphragm never 
attained the amplitudes at low frequencies correspond¬ 
ing to true inertia control, because of damping by the 
air column in the horn and strong electromagnetic 
damping characteristic of the moving coil drive. A 



Fig. 14—Commercial Gaumont Loud Speaker 

horn of adequate dimensions, however, is exceedingly 
bulky, and better results were subsequently obtained 
with flat bafiies. 

Models with Distributed Driving Force 

Of the devices in which the actuating force can be 
applied over the whole diaphragm area, thus making 
rigidity uimecessary, the electrostatic phone and the 

12. A description is given in the Wireless World and Radio 
Review of Dec. 17,1924, by Capt. H. T. Round, of a loud speaker 
resembling Idiat shown in F^. 12 in some respects. 

13. “Function and Des^n of Homs for Loud Speakers” by 
C. R. Hanna and J. Slepian, Jour. A. I. E. E., March, 1924. 

“The Performance and Theory of Loud Speaker Homs” by 
A. N. Goldsmith and J. P. Minton, Proc. I. R. E., Aug. 1924. 


Hewlett induction phone,have already been mentioned. 
In the latter, the air-gap length is the radius of the dia¬ 
phragm, and a very strong magnetic fleld is practically 
out of the question. As a result the efficiency is low 
and the fine quality of which the instrument is capable 
is secured at the cost of a high power amplifier and 
considerable direct-current power for excitation. It 
is, therefore, not a household device, its field of applica¬ 
tion being rather in auditoriums. 

Rice urged the probable value for the case of the 
small diaphragm instruments, of distributing the driving 



Fig. 15—Gaumont Type Loud Speaker Assembled 

force over the entire diaphragm area, and believed that 
this could he done without sacrifice of field flux density. 
At this juncture a letter was received from Dr. W. R. 
Whitney describing a loud speaker which had been 
shown him in France by its inventor, Mr. Gaumont, and 
which fulfilled this condition. 

Fig. 14 shows the construction of the commercial 
loud-speaker built by the Soci^td des Etablissements 
Gaumont. The diaphragm is a cone of thin silk, to 



Fig. 16— ^Modified Design op Gaumont Type Loud Speaker 

which is cemented a single layer spiral of fine aluminum 
wire. An extremely light diaphragm is thus possible, 
making for sensitiveness and freedom from resonance. 
The reaction of the voice currents in the aluminum 
coil with the radial component of the magnetic fidd 
gives the useful driving force. 

Figs. 16 and 16 show one of the Gaumont type loud 
speakers designed by Rice, for use with a baffle. The 
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diaphragm support used in the commercial instrument 
shown in Fig. 14 does not afford sufficient flexibility. 
The substitution of a flat edge of thin rubber, as illus¬ 
trated in Fig. 15, gave the necessary flexibility without 
which adequate radiation of low tones from a small 
diaphragm had been found impossible. Experiments 
also indicated that a considerably heavier diaphragm 



Fig. 17—Construction of Annular Type Loud Speaker 

than that employed in the commercial machine was ’ 
required for good balance between high and low fre¬ 
quencies. The diaphragm which worked best was four 
inches in diameter and weighed 11 grams. It consisted 
of a single layer of copper wire embedded in rubber. 



Fig. 18 —^Vibws op Two Annular Type Instruments 

which gave a soft, non-resonant structure. Adequate 
venting proved to be of utmost importance in this de¬ 
sign in order that air reactions on the diaphragm might 
not affect its motion adversely and in order to let out 
the sound without muffling. A baffle 3. ft. in diameter 
was employed. 

An annular diaphragm tsqie of loud speaker having 
imiformly distributed driving force is shown in Pigs.l7, 
18 and 19. This instrument which was designed by 
Rice presents no venting difficulties and gives the 
possibility of considerable diaphragm area. A thin 
rubber membrane spans the air-gap, and a single layer 


coil cemented to the membrane provides the driving 
force. The construction difficulties are much less and 
the total weight less than in the case of the conical 
diaphragm tjrpe. In the annular design, if the air-gap 
is kept short enough to give reasonable magnetic field 
strength; it becomes difficult to make the natural fre¬ 
quency of the diaphragm low enough to fall below the 
important acoustic range. Electrical correction by 



Fig. 19—Annular Type Loud Speaker Assembled in Cabinet 
WITH Amplifier 

means of a series-tuned shunt across the output of the 
amplifier eliminated the most objectionable results of 
the diaphragm resonance, and in this form the device 
was very satisfactory. A somewhat similar instrument 
used as a transmitter has recently been desmbed by 
Round‘d. 



Fig. 20—Aluminum Foil Diaphragm Loud Speaker with 
Transformer 

Efforts to gain sensitivity by the use of extremely 
light diaphragms have always, in our experience, led 
to disappointment. The expected gain in sensitivity 
was not realized, and in most cases the light diaphragm 
devices were very high pitdied; or in other wof-ds, 

14. Wireless World and Badio Review, Nov. 26,1924. 
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radiated too much high frequency sound compared with 
the low. This, for example, was the characteristic of 
the design shown in Pig. 20 in which a strip of alumi¬ 
num foil*' a half mil thick, by a half inch wide, canying 
the voice current and vibrating in a gap between magnet 
poles served as diaphragm. Careful transformer de¬ 
sign, very flexible mounting of the foil, and an adequate 



Fig. 21 —Constbuction op Freb Edged, Coiii-DRivEN, 
Conical Diaphragm Loud Speaker 

baflle made it appear that the result was not due to 
overlooking any of these factors. We must conclude 
either that unavoidable leakage was responsible for 
the failure to radiate the lower tones in due proportion. 



Fig. 22—^Labge Free-Edged Paper Cone with Coil Drive 

or else that air reactions, and electromagnetic damping 
play such important parts in the diaphragm motion 
compared with the inertia of the diaphragm itself, that 
the motion cannot be looked upon as inertia controlled, 
except in the upper frequency range. 

Electromagnetic damping by the reaction of the 

16, A loud speaker employing on.^uminum strip in a mag- 
netie field, manufactured by Siemens & Halske is described in 
“The TTirriess World and Radio Review,” July 2,1924. 
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driving coil with the magnetic field takes the form of a 
counter electromotive force which reduces the supplied 
current and driving force. The net result is the same 
as though the driving force had remained constant 
and a retarding force had been developed by a counter 
current generated by the motion of the coil. Thus 
“motional impedance” and electromagnetic damping 
are two aspects of the motion of the conductor in a 
magnetic field. Electromagnetic damping only be¬ 
comes an important factor when the motional im¬ 
pedance becomes considerable compared with the 
other resistances and reactances in the circuit. Elec¬ 
tromagnetic damping can be controlled in a measure by 
the ratio of transformation if a transformer is used. 
Making the load impedance high compared with the 
tube plate resistance gives maximum damping, while 



Pig. 23—^Experimental Diaphragms 

3. Mechanical filter type, three stages 

4. Mechanical filter type, two stages, center for high frequency, 
whole surface for low 

5. Extra supporting rubber membrane, half way out 

6. Reinforced center, graded thickness 

7. Reversed conical stiffening edge, thread-suspenslon, no-edge 
membrane 

8. Extra supporting, flat-paper membrane half-way put. 

making the load impedance low relative to resistance in 
the circuit minimizes the magnetic damping. 

Semi-Rigid Diaphragms 

With the rigid type of diaphragm, a question to be 
settled experimentally was how large could the dia¬ 
phragm be made before the quality of sound reproduc¬ 
tion became impaired through failure of the diaphragm 
to act as a unit or plunger throughout the entire 
frequency range. A simple cone is an exceedingly 
rigid structure for its weight, particularly with respect 
to vibrations of the type which could be excited 
by a symmetrically applied force in the axial direction, 
such as is used in driving a conical diaphragm; or in 
other words, the cone is rigid with respect to vibrations 
like the opening and closing of an umbrdla. With an 
angle of 45 deg. between the axis and wall of the cone, 
the rigidity is practically at its maxiinum. Paper cones 
of various sizes were tried with free or flexibly supported 
outer edges, using baffles to prevent circulation and 
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small coils as shown in Pig. 21 for drive. Diameters 
from 4 to 24 in. and angles from 45 deg. to 75 deg. were 
tried. These paper cones gave marked increase in 



Pig. 24 —Expeiumental Diaphragms 

9. Glacino-papor cone 0.0015 in, thick, flat edge of same material 

10. Aluinimim Cone 0.002 in, thick. 0.005 in. rubber edge 

11. Largo coil, 4K in. diamober, three-ply cone, 0.18 in, blotting 
Paper between Sheet.s of half-tone paper 

12. Blotting paper, .surface hardened, with shellac to increase rigidity 

13. Internal conical stilfener 

14. Rubl)Grized cloth, same material for edge 

15. Early experiments with coil-driven cones four in. 'diameter bond 
paper, blotting paper and 0.010 in. aluminum 

sensitivity over the devices shown in Figs. 11,12,15 and 
17, the general sensitivity on speech being at least equal 
to that of a good horn type loud speaker. ■ Size seemed 



Pig. 26 —Experimental Diaphragms 

10. Elght-in. diameter cone, one In. deep to vertex, O.OOT-in. paper, 
rubber odgo 0.005 in, thick and M^ln. wide 

It, Same as (16) except two in. deep to vertex 

18. Eiglitrin. diameter, 45-dog. cone, 0.007-in. paper, ;/4:-in. rubber 
edge 

19. Lumier type diapliragm rocker joint at center, coil-drive, 
outer edge damped with sponge rubber 

20. 454-in. diameter coil,^ aluminum wire,'cone eight in. diameter, 
45 dog. of 0.007 in. paper 

21. Field magnet for coil drive. 

22. Aluminum spinning diaphragm with rubber edge for coll drive 

23. ZH in. diameter 45 deg. cone. 0.007 in. paper; flat paper edge 
0,0035 in. thick by ^/s In. wide. 


pear to be critical, but with very shallow cones speech 
sounded muffled, the high frequencies being lacking. 

A rough calculation indicates that a 45 deg. paper 
cone 4 in. in diameter would begin to depart materially 
from rigid plunger action, at frequencies of between 
3000 and 4000, while with larger diameter cones the 
change would take place at lower frequencies. The 
paper-cone diaphragms used in this series of tests must, 
therefore, be considered as acting substantially as 



Pig. 26 —Experimental Diaphragms 

24. 554 in. diameter 45 deg. cone of 0.007 in. paper with one In. flat 
paper edge 

25. Same as (24) with ^/g m. wide paper edge 

26. 5J4 in. diameter 45 deg. cone of 0.007 in, paper with 0,005 in. 
rubber edge 14 in. wide. Guide threads to center coil 

27. in. diameter 45 deg. cone of 0,007 in. paper with H in. wide 
rubber edge 

28. 5K in. diameter 45 deg. cone of 0.007 in. paper with 0.005 in. 
rubber edge in. wide 

29. Same as (28) except 54 in. wide silk edge 

plungers for the lower frequencies with a gradual 
transition to wave action or progressive deflection at 
the higher frequencies. If there was any loss of quality 
due to the failure of the diaphragm to move as a 
whole at high frequencies, there was a compensat¬ 
ing improvement as compared with the small dia¬ 
phragm instruments, in a better radiation of the 
low tones, for the small diaphragms did not give 



Pig. 27 —Free-Edged, Coil-Driven, Conical Paper Dia¬ 
phragm Loud Speaker Unit 


to have little effect on general sensitivity, but did some- quite enough low frequency radiation. An ex- 
what alter the quality, diameters between four and eight tended series of tests was made to see whether a further 
inches giving the best results. The angle did not ap- improvement in quality could be obtained, ma.king the 
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cone of variotis materials and different thicknesses and 
by employing stiffening members to reduce the tendency 
of the cone to break up into vibrations either of the kind 
vrith circular nodes or with radial nodes. Figs. 22 to 
26 inclusive show some of the forms of diaphragm 
tried. Nothingbetterwas found, however, thanasimple 
45-deg. cone of 0.007-m. to 0.010-in. paper, about six 
in. in diameter, with a flexible support around the outer 
edge consisting of a membrane of rubber 0.006 in. thick 
and 14: wide, under very slight tension. Fig. 21 
shows the general construction of diaphragm and field, 
and Figs. 27 and 28 show views of two models of the 
instrument with baffles omitted. Leaving the center 
of the cone open as indicated in Fig. 21 simplified con- 


baffle need not necessarily be fiat, but if concave the 
soUd angle included on the concave side should be at 
least as great as that in a cone with an angle of 46 deg. 
between wall and axis. With a smaller solid angle, 
resonance rapidly becomes noticeable and a change 
in general pitch level characteristic of horn action is 
brought about“. 

In order that the diaphragm may vibrate as a whole, 
the support at the outer edge must be very flexible 
compared with the diaphragm itself. 

Comparison op Driving Systems 
A low natural frequency means either a heavy dia¬ 
phragm which would cost sensitivity, or else that the 



Pig. 28—Con. Dbiven Conical Paper Diaphragm, Loud 
Speaker Unit with Flexible Paper Edge 



Pig. 29— Conical Paper Diaphragm with Preb 
Outer Edge and Magneto Phone Drive 


struction and avoided the necessity of venting the space 
in front of the magnet core. A baffle, two feet square, 
appeared adequate. If the shortest air path between 
the front and back of the diaphragm is a quarter wave 
length or more there is no loss of radiation through cir¬ 
culation, although regions of interference between tiie 
two sound sources appear. An eight-foot wave length 
corresponds to a frequency of 136 cycles, and loss of 
output below this frequency maybe attributed, in part, 
to circulation. 

Summary op Conditions for Good Reproduction 

The conclusion from these experiments was to 
the effect that tiie best practical solution of the loud 
speaker problem was a derice combining the follow¬ 
ing features: a conical diaphra{im four inches or more 
in ddameter with, a baffie of the order of two feet square 
to prevent circulation and so supported and actuated 
diat at its fundamental mode of vibration die diaphragm 
moves as ‘a whole at a frequency preferably weU below 
100 cycles. 

The larger the diaphragm the less seriously will the 
b^e be missed if omitted. Thus, if the diaphragm 
were two feet in diameter, the effect of adding a baffle 
would be difflcult to detect by em*. The use of the baffle 
gives latitude in the choice of diaphragm size. The 


elastic restoring force supplied by the diaphragm sup¬ 
ports plus any elastic restoring force in the driving 
mechanism must be small. Electromagnetic driving 
systems with moving iron armatures all require a cer¬ 
tain amount of elastic restoring force to maintain 
stability. The required stiffness may be reduced by 
(1) lengthening the air-gaps, (2) worMng with weaker 
average magnetic field, (3) using a lever system which 
makes the diaphragm motion greater than the change 
in air-gap length; all of which mean a sacrifice of driving 
force. Mg. 29 shows a model employing a free edge 
cone with iron armature drive. By using a fairly 
large diaphragm and working close to the limit of 
stability it is possible to use this t 3 q)e of drive and ob¬ 
tain a low enough natural frequency and moderate 
sensitivity, but the moving coil drive has the following 
advantages: 1. The elastic restoring force may be 
made as low as desired without sacrifice of sensitivity. 
2. Very large amplitudes can be allowed. (With a 
drive using variable length air-gaps, the change in gap 
length must always be small compared with the average 
length if distortion is to be avoided). 3. The relation 
between current and force is strictly linear and there- 

16. “Effect of a Horn on the Pitch of a Loud Speaking Tele¬ 
phone,” by B. W. Kellogg, General Electric Review, August, 1924. 
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fore distortion due to bends in the magnetization curves 
of iron is avoided in the moving coil drive. 4. If a 
strong magnetic field is provided the coil drive gives 
greater sensitivity than the iron armature drive. 5. 
No adjustment is upset if the weight of the diaphragm 
causes it to shift somewhat when the, instrument 
is tilted. The disadvantages of the moving coil drive 
are the size and weight of the field magnet and the power 
required for excitation, but these disadvantages are out¬ 
weighed by the advantages, in the opinion of the writers 
and their associates, particularly, when a special ampli- 



Pia. 30'— Moving Con. Ttpe Loud Spbakeb Unit with Per¬ 
manent Magnet Field AND Three-Pass Exponential Horn 

fier is part of the loud speaker equipment. A loud 
speaker with moving coil drive and permanent magnet 
field is shown in Fig. 30. 

Comparison of Free and Fixed Edge Cones 

It may be of interest to compare the action of the 
fiexibly supported conical diaphragm with that of one 
with comparatively rigid support. The latter has had 
extensive application in hornless loud speakers. If a 
vibrating force of constant strength, but variable fre- 
qumicy is applied at the vertex of the rigidly supported 
cone, there is small motion and little sound radiation at 
frequencies below the lowest resonance. Additional 
resonances occur at frequencies of the order of 3, 5, 7 
times that of the fundamental. In order that low tones 
shall not be almost entirely lost in the output of such a 
device, it must be constructed so that the fundamental 
resonance occurs at a frequency low in the range of 
important sound. The diaphragm action may be said 
to be characterized by a series of resonances. The 
upper resonances are closer together on the musical 
scale, and this together with the greater damping makes 
the radiation more nearly uniform in this part of the 
range. The very high frequencies, however, are not 
adequately radiated when the cone is made very flat, or 
shallow compared with its diameter. The requirement 
of a low fundamental resonance calls for a shallow cone, 
unless the diameter is very large. The choice of angle 
is, ther^ore, a compromise. 

The free-edged cone permits large amplitudes at low 
frequency, and as already pointed out the relation 
of amplitude to frequency is such as to maintain 
practically constant radiation. Since the radiation of 
the lower frequencies is not critical to either size or cone 


angle, these factors may be chosen entirely with refer¬ 
ence to obtaining the best effects at high frequencies. 
Since the flexural waves which travel from the vertex 
toward the edge, are reflected as well by a free as by 
a fixed edge, only in opposite phase, standing wave con¬ 
ditions with circular nodes can occur with the free edge 
cone as well as with one having a fixed edge, and hence 
a series of resonances is possible. If the cone is steep, 
which means high velocity wave propagation, and sm^ 
in diameter, the first resonance will occur at a high fre¬ 
quency, and the action characterized by a series of 
resonances will be confined to a minor part of the essen¬ 
tial frequency range. Strong resonances in this region 
have not been observed, from which fact the conclusion 
must be drawn that damping in the diaphragm material 
and perhaps also in the material of the flexible edge is 
considerable. 

The difference in the action of the diaphragms may 
be illustrated by the analogy of the behavior of two 
electrical transmission lines when an alternating voltage 
of variable frequency is applied. The free edged dia¬ 
phragm is like a line short circuited at the end farthest 
from the generator, and the fixed edge diaphragm cor¬ 
responds to an open circuited line. Current in the line 
is analagous to velocity of motion of the diaphragm. 
Large currents can be sent through the short-circuited 
line at low frequencies, the voltage and line inductance 
determining the current values. No resonance occurs 
until the frequency reaches a value which makes the 
line a half wave length long. Additional resonances 
occur at frequencies two, three, four, five, or more times 
that of the first. In the case of the open-circuited line 
little current flows until the first resonance is ap¬ 
proached, at which the line is a quarter wave length 
long. The higher resonances are at frequencies three, 
five, and all odd multiples of the first. To make the 



Fig. 31—Copper Ring Inserts to Reduce Impedance op 
Moving Coil 

fundamental resonance occur at a low frequency, the 
line must be long, and constructed in such a way that 
the rate of wave propagation is slow. 

Copper Rings to Reduce Impedance 
In loud speakers employing a moving coil drive the 
radiation at high frequency can be increased, if desired, 
by a scheme due to Rice which consists in placing copper 
rings near the moving coil, so disposed that they form 
short-circuited secondaries and reduce the impedance 
of the coil at high frequency. In one coil tested the 
impedance at 4000 cycles was 57 ohms without the 
copper rings and 24 ohms with the rings in place. At 
500 cycles the ohmic resistance of the coil was the princi- 



474 RICE AND KELLOGG: NEW TYPE 

pal factor, so that the rings had little effect. Fig. 31 
shows the disposition of rings used for this purpose. 

Special Ampufieb 

As was pointed out by Martin and Fletcheri^ voices 
and music do not sound natural unless reproduced at 
approximately the original level of intensity, even 
thou^ the reproduction may be free from all wave 
form distortion. In order, therefore, that the full 
benefit of a high grade loud speaker may be realized, 
it is important that the amplifier which goes with it 
should have suflicient capacity to give a natural volume 
or intensity. 

Fig. 32 shows the circuits of an amplifier which has 
proved satisfactory for household service. Two 
U V-216 kenetrons rectify 70 milliamperes at 560 volts. 
The field of the loud speaker serves as filter choke. In 
order that pulsations in the rectified current in the ex¬ 
citing coil may not cause changes in the air-gap flux and 
thweby produce hum and modulation of the sound out¬ 
put, the head of the spool on which the field coil is 



Pig. 32—Rectifieb‘and Amplifies Circuit 


wound is made of copper one-fourth inch thick. This 
expedient suggested by Kellogg steadies the flux so that 
there is almost no ripple. About 100. volts are dropped 
in the field coil, leaving 460 volts for the plate supply of 
the U V-210 radiotron which serves as the power tube. 
A hiM of about 28 volts is required for the grid, and this 
bias is obtained by dropping 28 volts in a resistance so 
that the filament runs at a mean potential of -I- 28 
volts with respect to the negative terminal of the recti¬ 
fier. This makes the net plate voltage across the tube 
about 422, and the mean plate current is 25 milli¬ 
amperes. Under these conditions an average U V-210 
radiori'on can send 10 milliamperes, r. m. s. value, of 
ane wave current through a 10,000 ohm load without 

17. “High Quality Transmission in Reproduction of Speech 
and Music,” by W. H. Martin and H. Fletcher. Joubn. 
A. I. E. E:, March, 1924. 

FhysicslMeasiireinentsof Audilion and their Bearii^s on the 
Theory of Hearing,” by H. Fletcher. Jmr. PranMin Inst.. 
Sept., 1923. 
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appreciable wave distortion**. This represents about 
thirty times as much power as the same tube could 
put out with a plate supply of 120 volts. 

Cabinet Set 

Figs. 33 and 34 are views of a laboratory model of a 
cabinet set containing rectifira:, amplifier and loud 
speaker. The front of the cabinet acts as baffle. To 
prevent air resonance in the box, the sides and back are 
vented by inserting panels of perforated brass. The 
ammeter shown in the picture is connected to read the 
plate current of the radiotron. Whenever the peak 



Pig. 33—^Labobatort Model of Cabinet Set—^Pbont View 

values of the voltage applied to the grid of the tube 
exceed the value for which distortionless operation is 
possible the meter needle shows disturbance. If 
roughness commonly termed “blasting" is noticed in 
the reproduction, and if at the same time the meter 
needle kicks, the intensity of the input should be re¬ 
duced. If the meter needle is steady, the fault is 
probably not in the amplifi^. 

Psychological Factors 

Certain experiences connected with testing and 
demonstrating loud speakers of the type we have de- 



PiG. 34— ^Labobatort Model of Cabinet Set—Back View 

scribed are of interest. The possession of an instrument 
in which distortion is minimized and whose response 
covers a wide frequency range, transfers the interest of 
the broadcast listener from “fishing" for distant stations 
to that of trying to find the best program among the 
near-by high grade broadcasting stations, and to en¬ 
joying the music or speeches themselves, 

18. Design of Distortionless Power Amplifiers, by E. W. 
Kellogg, A. I. E. E., 1925 Midwinter convention. 
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There are, on the other hand, conditions when the 
diirerence between the loud speaker with a wide fre¬ 
quency range, and one of t he ordinai"y horn type which 
loses both very high and low freipieneies, is not at all 
striking, and the latter may even sometimes be pre¬ 
ferred. Measurements of sound intensity required for 
audil)ili(yi“ show that ils intensity is reduced, the low 
tones will be lost first, simre the threshokl intensity 
for example of a IfiO-cycle tone is of the order of fifty 
times (hat lor a lOOO-cycle (one, intensity being ex- 
pressetl in .sound wave ijres.sure. As a result, of this, 
when the reprodu(aion us a whole is very faint, the 
instrument which produces tlu; low tones does not sound 
ina(;erially different from one which does not, for even 
if reproduced in the com*ct relative intensity compared 
with the higher tones, the low tones arc below 
audibility. 

When a ra<lio progi'am is half .smothered in static, it 
may .sound bel.ter through a loud speaker who.se re- 
spon.se is mainly bet.ween rjOl) and 2000 cycles, than 
through one having a greater range. The energy in 
Uu! iiurjjming .static is likely to be almost uniformly 
distributed (jver (he audio fretpiency range, provided 
the receiving set is not re.sponsible for <listortian, wherc- 
a.s the ninge fjOO to 2000 cycles includes the major part 
of the <!s.s<*ntial voice freqiwjncies. Extending the range 
above and below woukl add to clearness and natunilne.ss 
in the ab.sence of interference, hut, with heavy static it 
may often bring in enough additional di.sturbance to 
more than olfst-tlhe gain. l Audc of clearnessmay be less 
irritating to the li.stener 1.han disturbing noi.ses. Hentte 
the enjoyment of the wide ninge loud .speaker is largely 
confined to strong stations or el.sc to times of compara¬ 
tive frcod(jm from .static. A similar observation ap¬ 
plies to roughness cau.sed by “blasting” from over¬ 
worked amplifiers or other causes. When any piece of 
acoustic apparatus is worked beyond the maximum 
amplitude for which the output beam a linear relation 
to the input, the resulting wave distortion takes the 
f(jrm of the production of overtones. The rough 
hansh sounds which result are much less noticeable 
with an instrument which cuts off the high frequencies. 
I’herefore, if the improved articulation and greater 
detail in music, which tu*e nuide possible by resijonse 
to high frequencies, are to be a real udvjintage, we must 
avoid the faults just mentioned in the currents supplied 
to the loud .speaker. The logical place to begin is the 
amplifier associated with the loud speaker. Thus must 
be carefully dc.signed and have ample capacity so that 
there will be little temptation to overwork it. Few 
pieces of appjiratus are so frequently worked beyond 
their proper capacity iis loud .speaker amplifiers. This 
is natural in view of the initial expense of an adequate 
amplifier, and the desire for volume of sound from the 
loud speaker. With the usual type of loud speaker a 

HI.. Physical MoaHurotnenls of Audition and thoir Boaring* 
on th(j Thoory of Hoaring. by If. FloUdior. Jtmrn* Franklin 
n8t„ o u Jtl23» Bell Byntern TerJf Jmtr* Get. 1023. 


slight overworking of the amplifier is hardly noticed, 
and rather than provide greater amplifier power, users 
ol loud speakers have compromised with low volume 
and some amplifier distortion, and either educated their 
ears to accept the result as good, or else lost interest. 

Another factor bears on the question of amplifier 
ca})acity. With distortion such as is usual in receiving 
sets and loud speakers the reproduction sounds best 
when weak, perhaps because the distortion is similar in 
some respects to the effects of distance. Use of such 
equipment results in one's foiming the habit of enjoying 
faint musi(i. With more nearly correct reproduction 
of the original music, enjoyment is increased by bring¬ 
ing the volume up to normal or the intensity to which 
one is accustomed when listening directly. In several 
instances it bus been observed that when a loud speaker 
of the new type has been placed in the home of some one 
l)reviou.sly aciaistomed to a loud speaker of the usual 
construcl ion, at first the listener preferred to keep the 
intensity very low, but after a few days we find him 
working with normal volume. 

Output Mkasuuements 

Sound pressure measurements with constant input 
and variable frequency have been taken with two sam¬ 
ples of the new type loud speaker, and these in general 
confirm the aural impressions that the instrument covers 
a wide fretjuency range without the great inequalities 
in output, at different frequencies which characterizes 
loud speakers in general. Such measurements, how¬ 
ever, are likely to be misleading unless extreme pre¬ 
cautions are taken to avoid certain errors. Up to the 
time of writing the authors have not been able to ob¬ 
tain measurements under conditions with which they 
were completely satisfied, and it is, therefore, deemed 
best not to publish any of the output data so far ob¬ 
tained. 
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Disciissjon 

H* A. Froderlcki In n)adiii«r this papnr one* esannot but 
wi.sh that some dnfinito standard or inotiiod of rating might 
bet'll omployt.id, sti that tlio rosnlts of this iiivcmtigation 
of many ty|ws of loud spc'akers might bo placod tiuantifcatively 
ill deiiiiitn positions on .somo scale of niorit. Since tho authors, 
as pointed out in the paper, havo not as yot been able to obtain 
satisfacUirj* quantitative mt‘asuremoiits with thoir Imst designs, 
tho readers are not in a position to judge tlie accomplishment. 
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While these measurements are not simple and are liable to be 
misleading, unless very carefully made, still the same comment 
applies to qualitative judgments by the ear alone. 

In this work, the authors have primarily stressed the obtain¬ 
ing of a loud speaker giving high quality; that is, one which 
faithfully and without distortion reproduces the sound whose 
electrical counterpart has been fed to it. In striving for this 
result, it is difficult also to obtain efficiency. In the authors’ 
analysis of the problem they have largely sacrificed considera¬ 
tions of efficiency. For example, the “inertia control” used 
in their design involves a diaphragm 90 deg. out of phase with 
its driving force or, in other words, low power factor. They 
have also neglected motional reactions of the mechanical sys¬ 
tem on the electrical as well as transition losses due to the con¬ 
nection of vibratory systems of different impedances. The 
analysis as a result is limited in its field of application. It 
is probable, on the other hand, that improvements to overcome 
such losses will be effected and that they will make possible 
loud speakers of high quality which will also be of materially 
higher efficiency than those now available. 

.Another phase of the loud-speaker problem which would 
seem to warrant consideration is the load capacity. This, of 
course, must be defined in terms of sound-power output. A 
loud speaker, to be satisfactory for certain very important 
classes of service, must be capable of giving out a very consider¬ 
able amount of sound without having the relation between out¬ 
put and input depart from a linear characteristic. In rating the 
various types studied it would be of interest to know how they 
were found to compare on this score; also, it would be of interest 
to know what were the limits of output found for these most 
pronaising designs and whether magnetic or vibratory, namely, 
mechanical limitations were first encountered or whether heating 
of the coil limited its output. 

In the favored design, the size of the baffle, of course, sets a 
lower frequency limit while the size of the cone and its rigidity 
set a higher frequency limit. It would be of interest to know 
where these two limiting frequencies were to be found. 

Near the end of th e paper, it is stated that the stiffness of a mag¬ 
netic-type motor system can be decreased by wealiening the 
polarizing magnetic system. As pointed out by Hannai, the 
polarizing field gives rise to what might be termed a negative 
stiffness since it acts in opposition to the mechanical stiffness 
of the system and, therefore, has the opposite effect to that stated. 

The authors state that “if a strong magnetic field is provided, 
the coil drive gives greater sensitivity than the iron-armature 
drive.” I would like to ask if they would explain a little 
more in detail just what is meant by sensitivity, and how 
this conclusion was reached. It would seem that the magni¬ 
tude of the mechanical force and the mass, as well as the elec¬ 
trical impedance and current, Would have to enter a satisfactory 
e3q)ression for sensitivity. 

In the article appears the statement that “four times the 
power is radiated with the baffle as with the back enclosed.” 
Is the conclusion based on theoretical grounds or was it deter¬ 
mined entirely by observation? 

The reference to the resistance-controlled type as being of 
only “theoretical interest” might perhaps appear to under- 
e^imate its importance since .any loud speaker to have high 
efficiency must be largely resistance-controlled, the resistance 
coming from useful radiation of sound into the air. 

B- F. McNameei The loud speakers which have been on 
the market using a movable coil system are supplied (as I 
suppose this one is) with a field current, usually from a storage 
battery. I believe that such loud speakers have met with a 
certam amount of sales resistance, due to that fact. Especially 
where dry-cell tubes are popular, a source of field current is not 
veiy readily available. I would like to ask how permanent 

has be^um^^^^^ ^ other provision 


V. E. Thelin: In endeavoring to get quality of tone, I have 
adapted a Western Electric unit to a talking machine which 
has a wooden tone arm, as well as a wooden horn, and I attribute 
the fact that the so-called horn effect had disappeared to a 
considerable extent, to this wooden construction. I compared 
this combination with a new speaker of the parchment-cone 
type, and an adaptor type unit of another manufacture. I 
noticed that the Western Electric unit and the parchment type 
speaker gave the same volume and tone quality and it was 
difficult to tell them apart when they were operating at the same 
time. The adaptor type, however, changed, the quality con¬ 
siderably and oh the low notes of the piano it was very mushy. 

It seems to me that there is a large field for the amplifier unit 
demonstrated here today. With a unit of this kind, it, no doubt, 
would be possible to take a phonograph record, and using a 
needle which has practically no scratching, and, therefore, has 
perfect tone, but whose music is too soft to bo hoard in the horn 
of the talking machine, and amplify it to a considerable volume 
but still retain the perfect tone quality. In this way it would 
be possible to preserve the music of the prosent-day artists on 
the radio and hear this music many years to come. 

I would like to ask Mr. Kellogg if the baffle need be of a certain 
kind of materi^ for obtaining the best results. 

R. S. Glasgows The authors mention the Hewlett type of 
loud speaker in their paper and point out that one of its dis¬ 
advantages is the long air-gap that the radial magnetic field 
has to traverse, with the result that considerable energy is 
required for excitation purposes. 

I would like to know whether the quality of reproduction 
would be effected by the substitution of a thin iron diaphragm 
in place of the non-magnetic materials that are usually employed. 

A. Nyman (by letter): The conclusion the authors have 
drawn from physical considerations is that the resistance 
control is the ideal for loud speakers; meaning, of course, by the 
resistance control any qontrol which is proportional to the 
velocity of the movement of the sound-generating surface. 
From the ordinary physical consideration the loud speaker can 
be regarded as an ordinary electric motor with certain peculiar 
load conditions capable of giving resonance at certain frequen¬ 
cies, elastic control below that frequency, and inertia control 
above that frequency. It is quite evident that a motor of 
this type would operate most satisfactorily if the elastic control 
and the inertia control could be so small as to be negligible com¬ 
pared to the actual load output. Considering the loud speaKor 
from this point of view, it is also evident that if a loud speaker 
can be designed with a large efficiency that the resistance control 
will naturally follow. 

The probleni therefore comes down to the design of a sound- 
producing structure of such a nature that the energy input 
from the electrical instrument is converted largely into sound 
energy and only a very small percentage into elastic or inertia 
energy. It is also evident that a large horn properly designed 
in such a way as not to have any permanent resonant character¬ 
istics would form an ideal load on the loud speaker, but involves 
an unwieldy mechanical structure. It has to be quite long 
before it is suitable. The attempts carried out by the experi¬ 
menters, using large conical diaphragms apparently discloses the 
fact that it is difficult to construct a large conical diaphragm that 
will avoid irregular movements and local resonance difficulties. 

In future, the development will be probably in this direction; 
that is, the construction of a mechanical structure for radiating 
sound in the space. 

Even under the best conditions the energy that can be radiated 
into, the air with an average loudness of sound is quite small. 
From this it follows that the restoring force, due to the elastic 
control should be small, and the inertia force should be also 
small. This condition naturally leads to a low-frequency 
structure, but consisting of light enough parts to be capable of 
responding to high-frequency' currents. The writers of this 
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paper ^hieved this object by the construction of a moving-coil 
unit with a practically floating diaphragm, and a consequent 
natural frequency of around 100 cycles. It is, however, possible 
to achieve frequencies as low as this with the ordinary electro¬ 
magnetic types of loud speakers, both the steel-diaphragm type 
and the moving-armature type. 

In either of these types there are two forces opposing each 
other under normal operative conditions. These forces are the 
elastic forces in the diaphragm, and the magnetic pull of the 
magnets. Now, it is possible to adjust the relation between 
these two forces in such a way that the difference be¬ 
tween them is quite small. The resulting natural frequency 
of the whole system is consequently also very small. This can 
be done without any sacrifice on the part of the strength of 
magnetization. As a matter of fact, it is necessary to choose 
a rather soft diaphram on the moving-iron type in order to 
achieve this magnetic balance. 



FREQUENCy-THOUSANDS OF CYCLES PER SECOND 


Fig. 1—^For the Fig. 2—For the Fig. 3 —^Fob the 

Year 1921 Year 1922 Year 1923 

The sound-pressure measurements to which the writers 
refer at the end of the paper are undoubtedly still in a rather 
imperfect stage and can only afford comp^ative information 
on different types of loud speakers. It should be borne in mind, 
however, that under the best conditions the sound-pressure 
measurement will not give the complete information on a loud 
speaker. It is possible to choose a fairly resonant loud-speaker 
unit and a fairly resonant sound-diaphragm system, which.in 
combination would give sound pressure measurements of almost 
constant value at different frequencies. However, this loud 
speaker will not necessarily give good musical or speech repro¬ 
duction. There is a phenomenon which may be described as 


than the sound box and horn were able to give out. In a sense, 
radio reception has existed under the same impediment. How¬ 
ever, ra<ho originally was developed entirely for the transmission 
of intelligence and not for that of pleasure and entertainment. 
The requirements and sustaining forces in the two oases, there¬ 
fore, were quite different. Accordingly, radio was developed 
to a high degree of perfection while the phonograph has not 
been so highly developed. 

When radio broadcasting and reception came into existence, 
the already highly developed state of radio made possible the 
rapid growth of this new form of entertainment and education. 
The loud speaker had to be injected into this picture. Its use 
had previously been limited to certain fields of not very great 
importance. It had not received very serious consideration 
up to this point. Phonograph quality was quickly attained by 
use of horns of various sizes and shapes to which were attached 
units of the usual types. This stage was a temporary one, but 
it has existed for four or five years. In the meantime, a great 
deal of fundamental research was undertaken and now as a result 
of this work the loud speaker has been brought to a point where 
its performance is such as to make possible the reproduction of 
the original with an exactness astonishing to all of us. 

As the authors have indicated the development has gone 
through a number of stages and in addition to their own excel¬ 
lent contribution to this work much credit for the gradual 
evolution of the loud speaker is due to many other workers in 
this and the allied fields of voice, ear and music analysis. Among 
the names of those who have contributed most from the funda¬ 
mental point of view to this work will be found Rapleigh, Lamb, 
Webster, Stewart, Miller, Foley, from our universities and from 
our industrial research laboratories will be found such men, in 
addition to the present authors, as Hewlett, Slepian, Hanna, 
Fletcher, Wegel, Crandall, Maxfield, Goldsmith, Ringle, 
Wolff, Kranz and others. 

Prom the scientific point of view it will be interesting to show a 
group of six curves which may represent the evolution of the 
loud speaker. The ordinates in these curves are proportional 
to sound pressures and the abscissas are frequencies divided 
by 1000. During the early stages (say 1921) of broadcasting. 
Curve 1 may represent an average loud speaker. Curve 2 
may represent the state of the art in 1922. Curve 3 represents 
what was obtainable for 1923, Curves 4 and 5 for 1924 and Curve 


persistance of sound in all musical instruments; it has the same 
effect as the reverberation in large auditoriums, and is caused by 
the fact that resonance condition exists. This persistence 
causes the sound to continue radiating from the sound-distrib¬ 
uting structure after the loud speaker has ceased to produce 
this sound. Of course, if the following note is of a different 
frequency from the persisting note, and possibly of a frequency 
causing a musical dissonance, the resulting sound would have a 
jarring effect in a musical composition. This phenomenon, 
which is not very well known, and as far as I know, has not been 
investigated by physical measurements, is however quite pro¬ 
nounced, and if precautions are taken to eliminate it, a consider¬ 
able improvement in sound quality is possible. 
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J. P. Minton (communicated after adjournment): In a 
series of popular articles appearing during the past year in 
the Wireless Age I have pretty well covered the whole field of 
the ear, the voice and the loud speaker up to the present moment. 
As a result of this study and experimentation, it is clear to me 
that up to the time, the loud speaker, in spite of improvements, 
has failed to give entirely satisfactory reproduction. Until the 
appearance of this new loud speaker, this device has been the 
weakest link in radio. In this respect radio has suffered in the 
past the same limitation that the phonograph has existed under. 
In phonograph reproduction the sound box and its associated 
horn were the weakest links. Recording was developed to an 
extent which made it possible to get into the record much more 


6 for 1925. These curves represent a steady progress in four 
or five directions. First, extension of the range of response to 
include both higher and lower frequencies. Second, uniformity 
of response, or the gradual elimination of the sharp peaks and 
depressions. Third, more nearly equal response at all fre¬ 
quencies.^ Fourth, reduction of non-linear distortion. Fifth, 
introduction of pure low-frequency response. 

Curve 6 represents the performance of the new Rice-Kelfogg 
loud speaker. The curve was taken close up to the loud speaker 
so that the characteristics of the vibrating system itself, actuated 
by a constant force, would be obtained. The loud speaker covers 
quite affectively a frequency range extending from 100 to 
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7500 and perhaps 10,000 cycles. The response is quite uniform 
compared with all other types of loud speakers and this new 
speaker gives an exceedingly small amount of non-linear response 
and therefore small distortion compared with all other loud 
speakers. 

I wish to call attention to the fact that Curve 6 does not indi¬ 
cate complete agreement between the theory based on inertia 
action and the response at various frequencies. If the cone 
followed this simple theory then the response as measured by 
sound pressure should be constant at the various frequencies. 
Now, in this particular sample tested the response rises abruptly 
at 100 cycles; it also falls off abruptly above 6000 or 7000 cycles; 
there is also quite a marked depression in the region of 2000 
cycles and a minor one at 4000 cycles. I am quite inclined to the 
view, therefore, that, in addition to the inertia-controlled motion 
which the authors seem to favor, there are also present to a 
marked extent flexural vibrations which, due to circular and 
diametral nodes of motion, corresponding to a plane membrane, 
produce the characteristics as indicated by the curve. We have 
studied these types of motion, for somewhat larger cones than 
the 6-in. one adopted by the authors, both theoretically and 
experimentally, and have found very curious nodes and interest¬ 
ing data which will prove of considerable practical value. At 
a later date we hope to have the opportunity to present these 
results. 

E. W* Kelloiids Mr. Frederick has called attention to the 
fact that an inertia-controUed diaphragm implies a low-power- 
faetor system, or one in which force and motion are nearly in 
quadrature, and therefore only a small fraction of the driving 
force! is expended in the useful work of producing sound radia¬ 
tion. I have made a calculation which indicates that the effi¬ 
ciency of the loud speaker described in our paper is of the order 
of one per cent, which, it must be admitted is low, but compares 
very well with that of other loud speakers. 

It may be of interest to review the possibilities of a sound 
reproducer in which the diaphragm motion is in phase with the 
driving force. Such a condition obtains when a diaphragm is 
in resonance, and efficiencies of 50 per cent or more are probably 
possible at a single frequency, using a resonant diaphragm. 
But when we impose the requirement of substantially constant 
efficiency over a frequency range of 100 to 5000 cycles, we must 
forego the benefits of resonance. The resistance-controlled 
diaphragm will have the correct radiation characteristic, 1—^if 
it is large enough compared with the longest waves to give 
plane wave radiation, or 2—^if it is used with a properly designed 
horn. For efficiency, the force which resists motion must be 
due to the air reaction on the diaphragm. In free space this 
air reaction is very small, and if it is to be large compared with 
diaphragm inertia or elastic forces, an extremely light and flexible 
diaphragm must be used. Such a diaphragm must be actuated 
by a uniformly applied force. Electrostatic loud speakers have 
been built with large-area diaphragms of very light material, and 
these have probably had quite high efficiency, if we define 
efficiency as the ratio of sound power output to electrical power 
input. But n^ortunately we have to pay for the total volt- 
amperes supplied rather than simply for the electrical power, and 
the electrostatic loud speaker has a very low electrical power 
factor. . 

The case for the .hom-type loud speaker has been discussed 
by Messrs. Hanna and Slepiani, By means of the horn the 
mr reaction on the diaphragm can be increased to a point where 
it will effectively damp the motion of as stiff and heavy a diar 
phragm as is co^only employed in loud speakers. Thus a 
magnetically driven diaphragm may be used with resistance- 
controlled motion, or with & unity-power-factor relation between 
force and velocity. But a magnetic drive has good efficiency 
only when the motional impedance is a large part of the total 
impedance, or in other words, when as in the case of an electric 
motor, most of the impressed voltage is used in overcoming the 


counter electromotive force due to armature motion. A study 
of the motional impedance of magnetic telephones shows that 
only in the neighborhood of a resonance frequency is the motional 
impedance considerable compared with the resistance and induct¬ 
ive reactance, and if sufficient damping is introduced by the air 
reaction on the diaphragm to give substantially uniform response 
over a wide frequency range, the motional impedance becomes 
very small at all frequencies. This probably explains the fact 
that no horn-type loud speaker which we have tested shows any 
greater average efficiency than our inertia-controlled paper cone. 
I do not despair of considerably greater efficiencies being ulti¬ 
mately obtained in loud speakers, but from the standpoint of 
present progress in the art of sound reproduction, I do not believe 
that the adoption of inertia-controlled diaphragms can be con¬ 
strued as a step in the wrong direction. 

Mr. Frederick raised the question of load capacity. The 
moving-coil drive has a distinct advantage over the iron-anna- 
ture drive on this score. With the cabinet-set amplifier described 
in the paper, our loud speaker can easily reproduce vocal solos 
with the. original sound volume, or can reproduce a piano selec¬ 
tion as it would be played in a drawing z'oom, though perhaps not 
with the maximum loudness that would be used in a large con¬ 
cert hall. The limit of loudness is set by distortion in the 
amplifier rather than in the loud speaker. In fact the latter 
will handle all the output which can be obtained without dis¬ 
tortion from a U. V. 211 radiotron (50 watts oscillator rating) 
with a 1000-volt plate supply, or eight times the pow-or obtain¬ 
able from the cabinet-set amplifier. 
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Fig. 7—^Braun-Tubb Records of Sound Waves 

In stating that worldng with a weak magnetic field makes 
possible a lower net restoring force in the case of an iron-armature 
driving element, we made the assumption also made by C. R. 
Hanna in his January 1925 I. R. E. paper, that the magnetic 
reduction of stiffness cannot be more than a certain fraction 
(say 50 per cent) of the spring stiffness. 

In comparing two loud speakers,, we have rated the one as 
more sensitive which would produce on the average more total 
sound output from a given vacuum-tube source, both instruments 
being equally fitted to the tube impedance. In sasdng that the 
moving coil gives greater sensitivity than the iron-annature 
drive, we are reporting our experience with these types of drive 
as applied to paper-cone diaphragms. 

Mr. McNamee asks about the use of permanent magnets for 
the field. When the loud speaker is combined with an amplifier, 
the dynamic field is hardly a drawback since the field winding 
acts as a necessary filter choke. We have done .someexperi¬ 
menting with permanent magnets, but have not, up to the present 
succeeded in obtaining an adequate field for a moving-coil 
instrument without a very heavy magnet system. 

Mr. Thelin asked about the material of the baffle. It should 

1. The Function and Design of Homs for Loud SpeaJeers, by 0. B* 
Hanna and J. Slejpian, Journal A. I. B. E., March 1924, page 260. 
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be stiff and heavy enough so that it will not readily be set in 
vibration by the air pressure. Wood, pressboard, and similar 
materials are satisfactory and convenient to use. 

The question has been asked whether an iron diaphragm would 
increase the sensitivity of a Hewlett loud speaker. Dr. Hewlett 
found no gain from the use of iron, but instead, a distinct loss 
M compared with copper or aluminum. The increased flux 
density must be around, rather than in, the conductor in order to 
increase the force. 



Fig. 8—Showing Sound Output op Loud Speaker at 
Different Positions 



I am submitting as part of the discussion some sound-pressure 
curves which wehaverecently obtained. The measuring arrange¬ 
ments were still in the developmental stage when these curves were 
taken, and a high degree of accuracy is not claimed. In fact in 
acoustic measurements so great are the difficulties encountered that 
a measurement that can be tmsted to be within 60 per cent of the 
correct value might be regarded as highly satisfactory. In the 


present case a condenser transmitter, with amplifier, detector, 
and galvanometer, was used for measuring sound pressure. 
The amplifier, detector and galvanometer system was calibrated 
by introducing a measured low voltage in series with the con¬ 
denser transmitter. The condenser transmitter was similar in 
construction to that described by F. C. Wente in the Physical 
Review,^ July 1917, and May 1922. A calibration of the condenser 
tran^itter was made by actuating its diaphragm by means of a 
special, laminated-pole telephone magnet held 1/16 in. from the 
diaphragm, the force being assumed to be proportional to the 
current ^ through the coils. This does not give an absolute 
calibration, but should show any radical departure from the 
shape of the curve given in the Physical Review article already 
mentioned. 

In loud-speaker tests it is important to guard against the 
error of crediting sound radiated in haimonics to the fundamental 
frequency. For example, if an instrument is supplied with a 
200-cycle alternating current, and it happens to be one hundred 
times more sensitive at 400 and 600 cycles, than at 200, then a 
very small percentage of harmonics in the supplied current, 
plus harmonics produced in the instrument itself may give rise 
to a much larger radiation of 400- and 600-cyele sound than of 
200-cyole sound. If the sound-measuring apparatus measures 
total r. m. s. pressure independent of frequency, considerable 
sound pressure wiU be indicated, and this would naturally be 
assumed to be 200-oycle output pressure. 

To make sure that no serious error arose from this source, 
a Braun-tube oscillograph was set up. Between one pair of 
plates, a voltage was impressed, proportional to the current 
supplied to the loud speaker while a voltage from the condenser- 
transmitter amplifier, proportional to the sound pressure, was 
impressed across the other pair of plates of the Braun tube. If 
both voltages are sine waves, the figure which appears on the 
screen is an ellipse or an inclined straight line. Harmonics in 
one of the voltages result in deformations of the figure. In the 
present measurements, the oscillograph figure was watched 
throughout the entire range of frequency, and tracings were 
made of all the figures which were seriously distorted. In no 
case was it found that the harmonics carried more than 25 per 
cent of the energy of the fundamental in the output sound wave. 
Several samples of Braun-tube figures are shown here in Fig. 7. 

The next serious problem in the testing of loud speakers 
results from the fact that the curve of sound pressure vs. fre¬ 
quency, changes in shape with change of microphone position. 
Which of the many possible positions wiU give a curve best 
representing what listeners on the average'will hear? It would 
seem logical to avoid the irregularities due to standing waves in 
the room, and give a curve in which the sound pressure shown 
is a measure of the total sound power output. An approximation 
to this is obtained by averaging the square of the sound pressure 
over a considerable space by moving the microphone rapidly to 
and fro during each reading. Facilities for moving the micro¬ 
phone or transmitter in this manner were not available in our 
case and as an alternative, several curves are shown in Fig. 8 
for different transmitter positions. The high or low regions 
which ^e common to all three curves may be interpreted as 
indicating large or small output from the loud speaker, while the 
irregularities which are different in the different curves are 
pnncipaUy room effects. It wih be noticed that the curves taken 
with the transmitter directly in front of the loud speaker show a 
marked increase in sound pressure above 2300 cycles. The 
instrument, however, has rarely been criticised on listening 
tests as having too much high-frequency output. The curve 
taken with the transmitter to one side, does not show such an 
excess of high tones. Evidently then the high sound pressures 
recorded in the upper frequency range are due in part to the 
co^ncentration of the sound in a forward beam. The curves of 
Fig. 9 w^re taken by moving the transmitter in a circle and 
recording the sound pressure every 30 deg. They show the 
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radiation at 4000 cycles to be sharply directed forward whereas 
at 400 cycles there is only a slight depression at the side due to 
interference between the waves from the front and back of the 
diaphragm. In total sound radiated, therefore, the excess of high 
frequencies is only slight. If high frequencies are lost in the 
transmitting or receiving systerns, the listener prefers to take 
a place directly in front of the loud speaker, so as to get the full 
benefit of what is left, while if articulation is good, but there are 
roughnesses, or high-frequency disturbances present in the 
currents fed to the loud speaker, the listener will sit to 
one side. 

It is probable that the frequency of 2300 cycles, where the 
forward projected sound begins to increase, marks the transition 
between the two modes of action of the cone. Below this 
frequency it acts as a unit or plunger while at higher frequencies 
there is wave action with some resonances. The depression in 
the region of 2300 cycles may correspond to the droop in the 
calculated curve in Fig. 10. This lends support to the belief 


that practical plunger action is maintained up to 2300 cycles. 
In the upper range, irregularities in the response may be expected 
not only from resonance in the cone, but also from the fact that 
the cone depth is appreciable compared with the sound wave 
length, and, therefore, the diaphragm no longer radiates like a 
fiat plate. 

The loss of output below 200 cycles is due to a decrease in the 
driving force. If the current through the moving coil is held 
constant the output sound pressure is practically the same at 80' 
as afr 200 cycles, but in the curves shown here, it is the voltage 
supplied to the first stage of the amplifier which is maintained 
constant. The current through the moving coil then changes 
with changes in the coil impedance. This impedance rises 
from about 17 ohms at 200 cycles to over 80 ohms at 80 cycles 
and the consequent decrease in coil current results in reduced 
driving force and reduced sound output. The rise in impedance 
is due to the motion of the coil, which with inertia control be¬ 
comes very large at low frequency. 
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Synopsis.~A device has been developed by the Bell System for 
sup^esstng echo” effects which may be encountered under certain 
w^iltons %n telephone circuits which are electrically very long. 
Thts deviM has been given the name “echo suppressor” and 
consists of relays in combination with vacuum tubes, which are 
operaUd by the voice currents so as to block the echoes without dis- 
luroing the main iransviisBione 

This paper gives a brief description of this device, together with a 
discussion of its possibUilies and limitations. A number of echo 
suppressors have been operated on commercial telephone circuits for 
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Introduction 

I N designing telephone circuits which are electrically 
very long, an important problem is presented by the 
necessity of avoiding serious “echo” effects. Echo 
effects are caused by reflections of voice waves which 
take place whenever electrical irregularities are encoun¬ 
tered in telephone circuits. The effects produced are 
very similar to echoes of soimd waves. Some of the 
reflected waves return to the receiver of the talker’s 
telephone so that if the effects are severe, he may hear 
an echo of his own words. Other reflected waves 
enter the receiver of the listener’s telephone and, if 
severe, cause the listener to hear an echo following the 
directly received transmission. 

Reflections of voice waves occur in all practical 
telephone circuits. It is only in telephone circuits of 
such length as to require a number of repeaters, how¬ 
ever, that echo effects become serious. The fact that 
the circuits are electrically very long makes the time lag 
of the echoes appreciable. At the same time, the tele- 
lAone repeaters overcome the high attenuation of 
these long circuits and, consequently, make the echoes 
louder. The seriousness of the effect is a function 
both of the time lag and the volume of the echoes rela¬ 
tive to the direct transmission. 

A brirf discussion of these echo effects was given in a 
paper* presented before this Institute about two years 
ago, and in a later paper* some examples of their rela¬ 
tive effects in practical telephone circuits were given. 
In these papers the importance of keeping electrical 
irregularities within proper limits was pointed out as was 
dso the advantage gained by using circuits having a 
high velocity of propagation so that the lag of the echoes 
is reduced. 
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As a supplement to these methods, a device to which 
has been given the name “echo suppressor” was de- 
System, along lines suggested by 
John Mills*. In a,ll practical telephone circuits involv¬ 
ing more than a single repeater there are points where 
the transmission in the two directions passes through 
two separate paths. At these points the direct trans¬ 
mission passes through one path while only reflected 
currents or echoes pass through the other. The echo 
suppressor is located at one of these points. In this 
de^ce, the voice currents, with the help of vacuum 
tubes, ^e caused to actuate relays which cut off the 
echoes in the return path without disturbing the other 
path through which passes the main transmission. 


This paper, after briefly reviewing the nature of 
echo effects in four-wire circuits, explains, in a general 
way, how an echo suppressor functions on such a circuit. 
The four-wire echo suppressor is then described to- 
gethCT with some variations in its design for use under 
special conditions and with other circuits. This is 
followed by a discussion of the possibilities and limita¬ 
tions of echo suppressors, both on four-wire and other 
types of telephone circuits. 


Review op Nature op Echo Eppects in Pour-Wire 
Circuit 

Fig. 1 illustrates the way echo currents may be 
set up and circulate in a four-wire circuit. In this 
figure, a shows a four-wire circuit in diagrammatic 
form. The squares at the extreme right and left are 
intended to represent the telephone sets used by two 
subscribers at the terminals W and E. The squares 
marked N represent electrical networks which simulate 
or balance, more or less perfectly, the impedances of the 
two telephone lines terminating in the instruments at W 
and E. In the four-wire circuit, the squares with 
arrows represent one-way repeaters. At each terminal 
the two separate one-way circuits comprising the four- 
wire circuit are joined together by means of the familiar 
balanced t ransformers. When W talks, the transmis- 

6. U. 8. Patent No. 1,434,790, John MUls, “Two-Way 
Transmission with Repeaters.” Issued Nov. 7, 1922. 
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Sion passes directly to E over the uppCT pair of wires in 
the four-wire dreuit, while, when E talks, the direct 
transmi^on passes over the lower pair of wires. 

Below the diagram of the four-wire circuit is given 
another diagram, b, showing the path of the direct 
transmission as well as the paths of the echoes which 
are set up when W talks to E. The heavy line in the 
diagram represents the path of the direct transmission 
through the upper pair of wires in the four-wire circuit. 



(a) 


This process is repeated, producing successive 
echoes which are received at both terminals W and E as 
indicated, the successive echoes getting weaker and 
weaker. 

Action op Echo Suppressor on Four-Wire Circuit 

An echo suppressor will now be applied to the four- 
wire circuit and consideration given to its action and to 
its effect on the echoes. Fig. 2 shows a four-wire cir¬ 
cuit which it will be assumed is exactly like the one 
shown in Fig. 1, with the exception that an echo sup¬ 
pressor has been applied to it. As before, the diagram 
a shows the four-wire circuit, while, below this, another 
diagram b shows the paths of the direct transmission 
and of the echo. 

In Fig. 2a the echo suppressor is shown in very simple 
diagrammatic form. It will be described later in detail. 
For the present it is sufficient to explain that the echo 


Jst Talker Erfift 
■2nd Talked BnhA 


Direct Transmission 
1st Listener Echo 
2nd Listener Echo 


.3rd Talker Echo 
.~a>d Talker Echo 
^ ist Talker Echo 


Direct Transmiss ion 
. Ikt Listener ^ o 
2nd Listener E^o 


Pig. 1— Echoes in Povr-Wibe CrEcuiT 

In a practical four-wire circuit it might require, say, 
0.05 second for the voice currents to make this journey. 
This would *be the case if the four-wire circuit were 
1000 miles (1600 km.) long in cable with mrtra-light 
loading—coils of 0.(^ henry ^aced 6000 feet (1.8 km.) 
apart. Cable circuits loaded in this way have a velocity 
of propagation of about 20,000 mfles (32,000 km.) per 
second. 

When the voice currents reach the distant end of the 
four-wire circuit, the larger part goes to the listener 
at E. If the balance between the line and network at 
the distant terminal is not perfect, however, a portion 
of the currents will travel back over the lower pair of 
wires towd W as an echo. This echo will, in the case 
^imed, reach the receivm- of the telephone at station 
3^ter the original voice wave is impressed 

of this .echo is 

labeled 1st Talker Echo.” It is evident that if this 
echo IS loud enough it may seriously distract the talker. 
_ If the bdance between the line and the network at 
^tion TF IS also not perfect, part of this first echo will 
toavel back oyer the upper pair of wires to Station E, 
ae path of this echo being labeled “1st Listener Echo.” 
The hsteriw at E will hear this echo, if strong enough 
to be au&ble, 0.1 second after he hears the direct 

this echo is sufficiently 
d as Minpar^ to the direct trmismission, it will 
cause difficulty in understanding. 

I^en the “1st Listener Echo” arrives at the end of 

^ ^ "^®ther reflection of 
T^ct E^o.^^ producing the “2nd 


—WSA010U3 Kfx bwu ojiiiiiiisu iiigxi-unpeuariice 

vacuiM tube amplifier-detectors bridged across the 
two sides of the four-wire circuit, each amplifier-detector* 
having associated with it a relay which operates when¬ 
ever alternating voltage of sufficient strength is im¬ 
pressed across the input. The operation of either relay 
places a short circuit across the side of the four-wire 
circuit opposite to the one to which the input of its 
particular amplifier-detector is connected* This short 
circuit blocks the transmission flowing in one side of 
the four-wire circuit and, at the same time, renders the 
other amplifier-detector inoperative. 

Normally, the contacts of the two relays are open, 



Direct Transmission 


Tran^^on' 


Pig. 2—Echo Suppressor Cutting opp Echo in Four-Wire 
Circuit 

SO that talking may be done in either direction over the 
When W begins to talk, the condition illus¬ 
trated m the figure is produced. W’s voice currents, 
when they reach the middle of the circuit, cause the 
rday associated with amplifier-detector W-E to operate, 
thus placing a short circuit across the lower pair of 
wes m the four-wire circuit. The direct transmission 
from IF to IS not affected at all, passing on to Station 
E where it is heard by the listener. The echo, which 
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starts back from Station E, travels toward Station W 
as far as the point where the echo suppressor is con¬ 
nected to the circuit. It is stopped there^ however, 
by the short circuit which the echo suppressor has 
applied. 

In the same way, when E talks, his voice currents 
actuate the amplifier-detector marked E-W and apply a 
short circuit to the upper pair of wires, thus preventing 
the passa.ge of the echo current around the circuit. 

The circuit shown in Fig. 2a is one of the more 
convenient for satisfying the fundamental operating 
conditions of an echo suppressor. These may be stated 
as follows: Wh^ no one is talking, free paths should 
exist for transmission in either direction and each sup¬ 
pressing relay should be ready to act at the passage of 
spe^h over the side of the circuit with which it is as¬ 
sociated. When speech passes in one direction over the 
circuit the resulting operation of the corresponding half 
of the suppressor should not only interrupt the contin- 
mty of the opposite side of the circuit, but at the same 
time prevent the other half of the suppressor from 
functiomng. The latter condition is desirable as 
otherwise the returning echo might have enough energy 
at times to operate the opposite part of the suppressor 
circuit and so interrupt the direct transmission. Out¬ 
side of this restriction the selection of the .points from 
which the echo suppressor input currents are de¬ 
rived and the points at which the relay control functions 
are applied is governed only by such considerations as 
^onomy of apparatus and convenience. In general, it 
is the more economical arrangement to have a single 
relay, which interrupts the path through which the 
echoes return, also rembve the speech input from the 
suppressor by such a relative association of parts as 
shown in Fig. 2a. 

It will be noticed that, as a finite time is needed 
for lJ»e switching operation, there is a possibility, if the 
two subscribera begin talking simultaneously, of both 
h^v^ of the suppressor bemg operated together and 
remaining operated, with both sides of the circuit cut 
off, for a time equal to the release time of the rela 37 s. 
However, for the times of operation and release, which 
are foimd desirable from other considerations, it has 
been found that no apparent difficulty has been caused 
by this effect. 

^Because of the fact that an appreciable time is re¬ 
quired for the voice currents to travel, it will be seen 
that exceedingly fast operation of the relays is not 
necessary. In ^e example given, if it is assumed that 
the echo suppressor is connected to the circuit at its 
midpoint, the echo requiresO.06 second to reach the point 
where the short circuit is applied, after the voice cur¬ 
rents re^ liie input of the amplifier-detector. The 
echoes will be cut off by the relays, therefore, even if the 
latter require as long as 0.06 second for operation. If 
the echo suppressor is nearer to the end of the four-wire 
circuit this operating time would need to be somewhat 

shorter. In practical fotir-wire circuits it is seldom that 


an operating time shorter than about 0.02 second is 
requir^. It is an easy matter to secure this speed of 
operation with standard telephone relays. 

The diagram also shows that, in order to completely 
cut off the echo, the echo suppressor relay must not 
open, after talk ceases, until the complete train of 
echoes has reached the point where the short circuit is 
applied. In the sample given, the length of time re¬ 
quired to reach the point where this relay applied the 
short circuit after the voice currents pass the input of 
the amplifier-detector is 0.05 second. It is seldom that 
this lag is greater than 0.1 second in practical four-wire 
circuits. 

It is seen from the two above paragraphs that it is 
desirable for a four-wire echo suppressor to possess a 
naoderately short operating time and a longer releasing 
time. How ffiis is accomplished will be described in 
what follows. 

Description op Four-Wire Echo Suppressor 

In Fig. 3 is shown a circuit diagram of one-half of the 
echo suppressor, which is shown complete but in less 
detail in Fig. 2a. It consists of two vacuum tubes 
operating in tandem, the first functioning as an ampli- 



Pia. 3—Circuit Diaorau of Onb-Halp of a Pour-Wirb 
Echo SurPRBssoR 


fier and the second as a combined amplifier 
detector. 

As w^ shown in Fig. 2a the voltage impressed on this 
amplifier-detector combination is derived from speech 
currents passing over one side of the circuit, whilethere- 
lay controlled by this combination short-circuits the 
other half of the circuit. 

The voltage input to the amplifier tube is supplied 
through a transformer which is broadly tuned by series 
condensers to produce a circuit efficient at the more 
important voice frequencies but inefficient at othra- 
frequencies, particularly below 500 cycles per second. 
The circuit thus functions to minimize the effect of 
noise currents on the operation of the relays. Like¬ 
wise, in the interstage transformer coupling, emphasis 
has been placed on securing the maximum voltage 
step-up to the detector grid in this same frequency 
re^on. To avoid any harmful reaction upon the trans¬ 
mission characteristics of the main circuit which might 
result from bridging on an input circuit whose impe¬ 
dance vanes so greatly over the speech frequency range, 
this circuit is arranged to have a high impedance. The 
input transformer is also provided with a series of taps 
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on one of the windings, thus affording a simple means of 
varying the sensitivity of the device. 

The detector tube is operated with a sufficiently large 
n^ative grid potential to reduce its space current to 
zero, or nearly so, when no input is applied to the cir¬ 
cuit. Accordingly, relay A which is connected in the 
plate circuit is normally in a released condition. When 



Eio. 4 —^Installation at Harbisburg, Pa. 


speech currents are applied to the circuit the voltage on 
the grid of this tube fluctuates. Those variations which 
make the grid more negative produce no effect but those 
which make it more positive allow pulses of current to 
pass through relay A, tending to operate it. A con- 
daiser is bridged from plate to filament of this tube, the 
purpose of which is to average these rectified half waves 
of applied speech so as to insure smooth and positive 
ojieration of the relay. 

When speech is applied to the circuit the resulting 
operation of relay A does two things. It causes the 
operation of relay C by connecting a ground to one of 
its windings, and it likewise operates relay B. The 
operation of relay C short circuits the opposite line. 
The time required for the operation of relay C, in re- 
^onse to a sustained alternating e. m. f. suddenly 
applied to the input of the amplifier detector, is about 
0.^ second. M pointed out above, operation in 
this Iragth of time takes care of conditions in the large 
majority of cases encountered on four-wire circuits. 

The function of relay B is to provide a delay in the 
release of relay C after speech has ceased to be applied 
to the suppressor circuit input and relay A has released. 
Its operation in response to that of A, it will be noticed,' 
•comects pound to a second winding on relay C which 
will th^ m turn remain operated as long as the relay B 
m^tams this auxiliary current after the relay A has 
.’released. Relay B is made slow releasing by an auxil¬ 


iary winding closed through a low resistance, and its 
time of release can be adjusted over a considerable 
range to meet different operating conditions by chang¬ 
ing the value of this resistance. Differing adjustments 
are rarely called for in practise and these relays are 
normally set for a releasing time of 0.1 second. 

A number of echo suppressors have been installed at 
Harrisburg, Pa., where they are now in service on a 
poup of four-wire circuits. Fig. 4 is an illustration of 
this installation of four-wire echo suppressors. Pig. 6 
shows a close-up view of an individual panel from the 
front. Both halves of the suppressor working on a 
single circuit are mounted together on one panel. The 
method of moimting and the type of equipment in the 
echo suppressors are in general quite like the standard 
for the four-wire circuits with which they operate. 
Although in Fig. 3 the battery supply circuits are shown 
individual to this set, in the actual installation common 
batteries are used. The four filaments of the tubes on 
one panel are operated in series from the 24-volt battery. 

The operation and maintenance of these devices in¬ 
volve little that is different from standard repeater 
equipment. There is one test, howe’ver, which is 
employed in checking the times of functioning that 
perhaps deserves special mention. This test involves 
observing the time needed for the suppressor to go 
through any number of complete cycles of operation and 
release. To make this test, the short-circuiting con¬ 
tacts of relay C and the input of the suppressor circuit 
are connected together and to an oscillator as shown in 
Fig. 6. As soon as the oscillator is connected to the 
input, the relay train begins operating and the shorting 
contacts of relay C in turn cut off the applied voltage. 
This short circuit is maintained, ao'oss the input for a 
time by the slowness of release of relay B as previously 
explained. When it finally releases a.nd in turn 



Pig. 5 ^Pront View op Echo-Suppbbsboh Panel 


releases relay C, the suppressor again operates and the 
pro^ss is repeated over and over. At each repetition 
of the <qrcle the auxiliary contacts of relay C apply a 
ground to the test terminal which is connected to a 
counting device. With the aid of a stop-watch the 
nmbOT of cycles in any given time is readily deter¬ 
mined and thus the time of a single cycle of operation. 
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This time is the sum of the time needed for relays A and 
C to make and the time needed for relays A, B and C 
to release. By observing the uniformity and smooth¬ 
ness of operation with which this cycle is carried out the 
tester can check the adjustment of all the relays. If 
relays A and C are properly adjusted so that their 
operation is positive and uniform, the operating time 



Pig. 6—Cibcuit for Testing Time of Operation and 

Release 

will vary but slightly from the proper value of about 
0.02 second. The test, therefore, gives a good measure 
of the longer release time which would normally be 
about 0.1 second. 

Some General Considerations 

As pointed out above, when an echo suppressor 
is applied to a telephone circuit, the telephone circuit 
remains operative in both directions when it is in the 
normal condition, i. e., when no one is talking. It is 
only when talking is done over the circuit that the path 
for transmitting in the reverse direction, which is then 
useless so far as talking is concerned but which is harm¬ 
ful because it furnishes a path for the echoes, is blocked. 
The advantages gained by this arrangement are: (1) 
there is no possibility of cutting off the first part of 
words owing to the fact that the transmission path 
actually carrying the speech is unaffected by the switch¬ 
ing operations; and (2) if the relays should fail to oper¬ 
ate because the voice currents happen to be very weak, 
the listener at the distant end would still hear the 
speaker although both he and the talker might also 
hear some echoes. Weak speech does not, in general, 
give rise to such serious echoes as does strong speech. 
Therefore, when the voice currents happen to be so 
weak that they fail to operate the suppressor, the echoes 
produced may not be serious. 

Now, in order to obtain these advantages it is neces-’ 
sary to face the possibility of “singing,” since when 
no one is talking, the paths for transmission in both 
directions remain in their normal operative condition. 
It is evident that if the repeater gains are raised high 
enough, singing will begin exactly as it would if the 
circuit contained no echo suppressor. If singing 
starts in a circuit containing an echo suppressor, the 
circulating currents will build up until they become 
strong enough to cause operation of the relay associated 


with one half or the other of the echo suppressor so 
that one of the transmission paths will be blocked. 
This will temporarily stop the singing. It will commence 
again, however, as soon as the relay falls back to its 
normal condition. Thus, a chattering condition is 
produced which, in general, would not be tolerated. 

In order to overcome the limitations which may be 
set on a circuit by the possibility of singing, it is neces¬ 
sary to go back to the old idea of a voice-controlled 
system in which the transmission is blocked when no 
one is talking. It is not necessary, however, to block 
both of the transmission paths since if one path only is 
blocked, singing evidently cannot occur. 

Fig. 7 shows one of the possible arrangements of a 
voice-operated system in which singing is prevented. 
It will be seen that this arrangement includes an echo 
suppressor to which an additional relay D has been 
added, which keeps the upper transmission path blocked 
when the circuit is normal, i. e., when no one is talking. 
Singing is, therefore, not possible when the circuit is 
normal. 

Now, when talking is done at Station W the voice 
current waves, on arrival at the middle of the circuit, 
cause operation of the two relays associated with the 
amplifier-detector W-E. An appreciable length of 
time is required, of course, to operate relay D. To 
avoid the possibility of cutting off the initial parts of 
words during the time before relay D operates, it is 
desirable to delay the main transmission. What has 
been called a “delay network” has, therefore, been 
included as shown in the figure. This delay network 
may, of course, assume various forms, one of which 
might be an artificial loaded line or low pass filter. By 
including such a delay network, the voice currents can 
be retarded long enough to give the contacts of relay D 
time to clear the path before the voice currents reach 
the point in the circuit where the transmission has been 
blocked. 


Delay Network 



Fig. 7—Four-Wire Circuit with Voice-Operated Device 
Arranged to Suppress Ecd^es and Singing 


In addition to clearing a path for the main trans¬ 
mission in the direction from W to E, the transmission 
path from P to TF is blocked by the operation of the 
other relay associated with amplifier-detector W-E. 
The circuit, therefore, has no chance to sing when in the 
condition for talking from W to E. 

When talking is done at Station E, the relay asso¬ 
ciated with amplifier-detector E-W is operated. This 
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prevents the echo returning from Station W from oper¬ 
ating the relays associated with amplifier-detector 
W-E. For talking in this direction, therefore, the 
upper transmission path remains blocked. There is, 
therefore, no chance for singing, as was also the case for 
the other conditions. 

By adding the delay network, one of the disadvan- 
ta^ of voice-controlled relay sterns whidi keep 
transmission normally blocked is overcome in large 
part. This is the clipping off of the first parts of words, 
the possibility of which was mentioned above. 

There remains, however, an important disadvantage 
in the fact t^t it is necessaiy that the voice ciirrents 
never fail to operate rday D. If they did fail to operate 
this relay, the listener at Station E would hear nothing. 
It is necessary, therefore, that the amplifier-detector- 
relay system W-E be sensitive enough so that the voice 
events which traverse the upper path in the fotir-wire 
circuit will never fail to cause operation of its relays. 

On the other hand, noise currents which traverse 


telephone circuits the method of avoiding singing, 
which has been described, appears to offer possibilities 
of limited application only. 

Echo Suppressors Applied to Other Types op 
Telephone Circuits 

It will, of course, be understood that in practise a 
normal commercial telephone circuit is always two- 
wire at the two ends where connection is made to the 
subscribera’ instruments. The rest of the circuit may 
be entirely four-wire or it may be all two-wire, or a 
combination of both. . The application of echo, sup¬ 
pressors to circuits which are not all four-wire will now 
be considered. 

One important practical case is that where a four- 
wire circuit is sandwiched in between two two-wire 
ci^ts. Such a case is illustrated in Figs. 8 and 9. 
Fig. 8 shows conditions without an echo suppressor 
while Fig. 9 shows'conditions with an echo suppressor. 
In both figures, a diagram of the circuit itself is shown 
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the upper path in the four-wire circuit must never 
cause operation of the relays associated with the 
amplifier-detector W-E, Such false operation would, 
of course, prevent transmission over the lower pj^ of 
wires from Station E to W and would, therefore, render 
the four-wire circuit inoperative. 

To ovCTcome the singing limitation, it is tiius seen 
that it has beai necessary to produce a device which 
requires greater sensitivity and is, therefore, more 
senously affected by aioise currents than is a simple 
echo suppressor. This is in addition to the further 
complications involved. 

Now, in applying simple echo suppressors to long 
t^ephone circuits, it is in general not the possibility of 
SHigmg, but rather, the necessity of avoiding faiao 
operation of the rdays by noise currents that consti¬ 
tutes the most serious limitation. This is discussed in 
detafi in what follows. For the present, it is 
sufficient to note that in the case of niost long-distance 


in the upper part a, while in the lower part b are shown 
the pat^ of the direct transmission and echoes. These 
transmission paths illustrate the condition when t^dking 
is being done from Station W to Station E. In both 
figures, for simplicity, the first echoes affecting the 
talker and listaier only are shown, echoes of these 
echoes being ordinarily of little importance. 

It: \wll be observed in Fig, 8b, which represents the 
condition of affairs when no echo suppressor is used, 
that the listener hears echoes coming from as many as 
SIX different paths. The talker hears echoes from three 
paths. Now compare this with Fig. 9b which repre¬ 
sents the condition of affairs when an echo suppressor is 
employed. It will be observed that all of the echoes 
which return through the four-wire circuit have beoi 
oppressed. Echoes from only two paths now reach the 
listener, while echoes from only one path now ^ch the 
talkOT. Furthemore, the echoes affecting both talker 
and listener, which remain when the echo suppressor is 
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employed, are those whose paths are comparatively By using somewhat higher speed relays and switching 
short. The echoes whose paths are the longest have systems, however, it has been found possible in tests 
been cut off by the action of the echo suppressor, which have been made, to obtain satisfactory operation 
These echoes which travel over the long paths have the on an all two-wire circuit without introducing devic-es to 
greatest lags and are usually most serious. Conse- produce time lags. This is possible because the im- 
quently, cutting these echoes off makes a material portant echoes in-a two-wire circuit generally lag enough 
improvement possible even though the echoes whose to allow time for relays to operate. Only a few of the 
paths are short remain. echoes return to the suppressor with very small time 

In order that an echo suppressor may operate satis- lags. Some of these can be allowed to pass without 
factorily on a circuit, such as the one shown in Fig. 9a, causing appreciable impairment, provided they are not 
it is necessary that the time required for operation of the strong enough to cause false operation of the relays 
relays be short enough so that, if there are any serious which block the main transmission path, 
echoes returning aver short paths, the relays.will 

operate before these reach the suppressor. After Possibilities and Limitations of Echo 

operation, the suppressor relays must remain operated Suppressors 

until the echoes whose paths are the longest have been The curves in Pig. 10 show how, when no echo 
suppressed. suppressors are employed, the echo effects limit the 

In fbe case of telephone circuits worked entirely on a extent to which the over-all loss of a circuit may be 
two-wire basis, echoes may also constitute an important lowered by the application of repeaters.* The curves 




(b) . 

Pio. 9—Echo Suppressor Cuttino opp Echoes ot Combination Two-Wire and Pour-Wire Circuit 

(a) Oombinatioii two-wire aad four-wire circuit with echo suppressors 

(b) Paths of direct transmission and echoes 


limitation when the circuits are electrically long. On 
su(^ circuits it is also generally true that the most 
senous echoes are those whose paths are the longest, 
namely, those whidi travel back and forth between 
points at or near the raids of the circuit. The applica¬ 
tion of an echo suppressor to one of the repeaters in a 
two-wire circuit, therefore, offras possible advantages. 

If it is imagined that the four-wire circuit shown in 
Kg. 9a is shortened so that the whole four-wire circuit 
is located at one point, the two-wire condition would be 
represented. The time lags which were introduced by 
the lines comprising the four-wire circuit are now absent. 
It is possible, howevra, to introduce delay networks 
into the two sides of the two-wire repeater to which tihe 
echo suppressor has been applied, so as to make it 
effectively a four-wire circuit, although the two ends are 
not geographically separated. This would evidently 
allow the four-wire echo suppressor which has already 
been described to be applied without modification. 


in this figure apply to four-wire circuits of various 
lengths (mthout echo suppressors) used to handle 
terminal business, i. e., coimections to subscribers not 
involviag the use of other toll lines in tandem with the 
four-wire circuit. It is assumed that simple com¬ 
promise networks giving only a rough degree of simula¬ 
tion of the impedances of the terminal circuits are used. 
The curves, which are based on experimental data, 
indicate roughly how the over-all volume efficiency 
must be limited to keep echo effects small enough so that 
they are not considered disturbing when ordinary tele¬ 
phone conversations are carried on; 

Consider, for example, what are the limitations for 


6. The ordinates on this figure are in terms of the new 
“transmission unit” abbreviated “TU,” which is defined in a 
paper entitled “The Transmission Unit, etc.” by W. H. 
Journal of the A. I. E. E., June 1024. Also in the article 
entitled “The Transmission Unit” by R. V. L. Hartley, Eleclrical 
Communiealion, July 1924. 
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a circuit 1600 miles (2400 km.) long, with extra light 
loading. One of the curves which is marked “Talker” 
shows that in order to keep the echoes which affect the 
talker sufficiently low, requires that the over-all loss in 
the circuit be made no lower than about 14 TU.^ The 
other curve marked “Listener” shows that keeping the 
echoes which affect the listener within proper limits is a 
less severe limitation, requiring only that the net loss be 
made no less than about 7 TU. Singing of a circuit 
such as this would not ordinarily begin until the loss 
was reduced to zero or even, perhaps, made less than 
zero, i. e., an over-all gain. 

If an echo suppressor were applied to a circuit such 
as the above, a maximum improvement of the order of 
14 TU might be looked for. As a matter of fact, 
results as good as this have been obtained in tests. 

In order to obtain a result as good as this requires, 
of course, that the echo suppressor be given a sensitive 
enough adjustment so as to cut off substantially all of 
the echoes, even when the voice currents are weak. 
When given such a sensitive adjustment, there will, of 
course, be a tendency for noise currents to produce 
false operation. In certain cases, avoiding such falsa 
operation may require that the sensitivity of the echo 
suppressor he reduced to the point where weak voice 
currents fail to operate the relays. In such cases, 
results as good as the above will not be obtainable. 

In practise, little or no trouble from false operation 
due to noise within the cable facilities, comprising a 
four-wire circizit, is experienced. When the connections 
to the terminals of the four-wire circuit are short, 
therefore, so that, on these terminal connections, the 
noise currents are comparatively weak and the voice 
currents large, it is possible to realize in practise the 
full theoretical possibilities from an echo suppressor. 
In other words, it is possible to work a four-wire circiiit 
under these conditions at a very low loss, or even an 
over-all gain. 

When the lines coimecting the subscribers with the 
terminals of the four-wire circuit are long, so that the 
voice cunmits may be weaker and, perhaps, the noise 
currents may also be stronger, results as good as this 
may riot be obtainable. However, even in this case, a 
material improvement can usually be effected by the 
echo suppressor. 

For the condition in which a four-wire circuit is 
switched to a variety of different circuits at the termi- 

^ 7. Du 6 to transmission variations of the differeat parts oompii- 
singlong telephone oircuits such as these, the over-all loss varies to 
a owtain extent -with time. In practise, adjustments of cirouits 
m the Bell System Plant are made often enough to keep the varia¬ 
tions •within about dr 2 or 3 TU. The working net loss must, 
of course, be made high enough so that echo di£S.eulties 'will not be 
meountered when the variations combine in such a way as to give 
the over-all, or net loss, its minimum value. For example, in the 
^e of the 1500-mile (2400 km.) circuit above, if it is aaminiftd 
that the circuit is limited by echoes to a 14 TU minimum net 
1^ and that it is maintained within limits of variation of 
± 3 TU, the working net loss would be 17 dr 3 TU. 


nals, it was shown in Fig. 10 that the requirement that 
echoes should not disturb the talker is more severe, so 
far as limiting the minimum loss is concerned, than the 
requirement that echoes should not affect the listener’s 
transmission. It will, of course, be obvious that talkers 
connected to either terminal of the four-wire circuit 
through connections invol'ving small transmission losses 
will hear louder echoes than will talkers connected 
through circuits having larger losses. In other words, 
the minimum net loss of a four-wire circuit used in this 
way is limited by the requirement that the talkers 
connected through low losses should not receive 
too much echo. Now, of course, the relays in the echo 
suppressor will respond most readily to these talkers. 
Satisfactory operation of the relays for these talkers 
will, therefore, be secm-ed even though the echo sup¬ 
pressors be given such an adjustment that the relays 
will not respond to the voice currents from talkers con¬ 
nected to the circuit through a higher loss. Cutting 
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Pia. 10 —Echo Limitations on Loss op a Potje-Wieb Ciecuit 

off the talker echoes in the case of ike connections 
involvmg low losses, therefore, makes it possible to 
ruatOTally lower the loss introduced by the four-wire 
circuit even though other echoes are not cut off. 

In the curves of Fig. 10 it is seen that for a 1500-mile 
(2400 km.) extrarlight loaded circuit the possible 
improvement which may be secured by cutting off the 
talker echoes from low loss connections may be as much 
as 7 TU even though echoes from other connections are 
not cut off. 

In general, for combinations of four-wire and two- 
wire circuits and for circuits which are all two-wire as 
wdl, talker echoes are also more serious than listener 
whoes provided that the impedance irregularities at 
intermediate points in the circuit are small, as is usually 
the case with high grade circuits. Consequently, 
echo suppressors make it possible to effect improvement 
in many cases even if the line noise which is present 
requires reduction of the sensiti'vity of the echo sup- 
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pressors to the point where weak voice currents fail to 
operate the relays. If the line noise requirement does 
not enter as a limitation, a greater improvement is, of 
course, possible as is also the case with all four-wire 
circuits. 

Conclusion 

The echo suppressor, which has been described, 
offers attractive possibilities in supplementing other 
methods for obtaining satisfactory transmission over 
long two-way telephone circuits. 

^ The application of an echo suppressor to si telephone 
circuit requires no changes in the circuit itself, the echo 
suppressor being merely attached to the circuit at some 
convenient point. 

For any particular type of circuit, the advantages 
to be gained by using echo suppressors increase with 
length. For a given circuit length the advantages to be 
gained are greater with low-speed than with higher- 
speed circuits. 

Echo suppressors offer the greatest possibility of 
usefulness on cable circuits, owing to the inherent low- 
speed and quietness of such circuits. Generally 
speaking, the application of echo suppressors to cable 
circuits offers possibilities of effecting savings by allow¬ 
ing the use of heavier weight, lower-speed loadings in 
place of lighter weight, higher speed loadings, as well as 
the imposition of less severe requirements as to impe¬ 
dance uniformity of the circuits. 


Discussion 

S. P. Shackelton: When any device, which differs as funda¬ 
mentally from the existing order of things as the echo suppressor 
is introduced into a working system there will arise problems as to 
its practical application. To a very large extent these problems 
have been met in the installation at Harrisburg which is referred 
to in the paper. It may be profitable to review somewhat the 
experience obtained in that installation. 

It will be realized that the proper association of an echo 
suppressor with a telephone circuit is essential for satisfactory 
operation. This involves not merely obtaining the correct cir¬ 
cuit connections in the office where the suppressor is located 
but also in securing a suitable circuit layout for the entire 
length of the telephone circuit. While considerable latitude 
is possible in the geographical location of the suppressor, still 
the time intervals introduced by the relays require that it be 
located at some distance from the ends of the circuit. The 
introduction of telephone repeaters a number of years ago 
imposed somewhat similar restrictions as to circuit-layout 
changes. These factors all tend to eliminate tempoij*ary circuit- 
layout changes and to confine the changes to those authorized 
after consideration of complete circuit requirements. This is 
particularly true on toll cable where the need for emergency 
changes is less frequent than with open-wire lines. 

A consideration of the operating conditions to which echo 
suppressors are subjected suggests certain differences between 
the relay requirements and those usually met by telephone re¬ 
lays. As a rule relays are given specified adjustments, either 
mechanical or electrical or both, and then are expected to func¬ 
tion in the circuit with a certain margin between the adjusted 
condition and the normal working condition. In the echo 
suppressor no such margin is possible, the relay simply operating 


on voice currents of sufficient magnitude and failing to operate on 
weaker ones. The margin here required is not possible in the 
usual sense by means of relay adjustment and hence the provi¬ 
sion is made for varying the sensitivity by means of different 
connections to the input transformer. It willprobably not be 
possible to adjust all circuits for the same sensitivity owing to the 
different conditions of noise and energy level encountered. Also 
the margins may differ widely. In fact, there may be no margin 
in the usual sense, the suppressor being adjusted to operate only 
on the relatively strong voice currents. 

No unusual maintenance requirements are introduced by the 
use of echo suppressors in the plant. The conditions just out¬ 
lined call for somewhat different treatment, however, than is 
usually followed. The paper outlines the operation of a testing 
chcuit for checking the relay adjustment. Such a circuit in¬ 
dicates the combined effect of all the time intervals introduced 
by the different relays in normal operation modified by the action 
of the amplifier rectifier in short circuiting its input. Even with 
the use of such a testing circuit it is necessary to give the in¬ 
dividual relays their proper adjustments. Also some experience 
is necessary in the use of the testing circuit to interpret its results. 
Provision is made for reading the current in relay A Fig. 3, in 
normal operation and at the same time it is possible to monitor 
on the suppressor. In this way a check on the operation can be 
obtained. This is particularly desirable as the relay A is subject 
to severe operating conditions and requires closer maintenance 
than would be the case for direct-current operation. It is to be 
noted that the entire operation of the circuit is dependant on 
relay A. 

In usual telephone practise, even with the simplest circuits, 
whenever relays are involved, it is customary before putting a 
circuit in operation to check the relay adjustment by means of a 
current flow and give the prescribed current-flow adjustment for 
those relays. An interesting incident in connection with the 
installation at Harrisburg, might be brought out. The suppress¬ 
ors were all assembled completely in the Western Electric 
Company laboratory, tested out and shipped to Harrisburg. 
In shipment, relays cannot be expected to maintain their adjust¬ 
ment. The men who put the suppressors into service at Harris¬ 
burg had had no previous instructions as to relay adjustments, 
and yet in spite of that fact when they completed the installation, 
they put one of the suppressors on a telephone circuit which was 
set up for trial without any check whatsoever on* the adjustment, 
and it worked along very nicely. This would bear out our assump¬ 
tion that in spite of the fact that maintenance conditions may be 
somewhat different, they are not any more severe than any nor¬ 
mal circuit operation. 

H. S. Foland: In connection with echo suppressors for long 
telephone circuits, it occurs to me that some additional discussion 
of the trial installation at Harrisburg may be of interest. 

The paper mentions this installation and shows a picture of the 
apparatus as installed. Harrisburg was selected as a suitable 
location for a trial installation of this apparatus for several 
reasons: 

First; There were four-wire cable circuits between New York 
and Pittsburgh, so loaded that any material extension of them 
should result in noticeable echo effects. These circuits were of • 
course, provided primarily for New York-Pittsburgh circuits. 

Second: It was possible to extend these circuits from Pitts¬ 
burgh by means of several different types of facilities to points 
sufficiently distant to produce the desired echo effects. 

Third: Harrisburg is suitably located between New York and 
Pittsburgh to provide the time interval required for the apparatus 
to function and to permit the operation of the circuits to be ob¬ 
served from the New York end. 

Fourth: Harrisburg is a repeater point on these cable circuits, 
(approximately at the center of the New York-Pittsburgh 
section) and thus a suitable point for an echo-suppressor 
installation. 
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Ten 19-gage, medium heavy loaded four-wire cable circuits 
between New York and Pittsburgh were taken and the Pitts¬ 
burgh terminals extended to a number of distant points over a 
variety of types of facilities: 

Pour circuits were extended to Chicago by means of 
four-carrier telephone channels; 

One circuit was extended to Chicago by means of 
an open- wire circuit; 

One circuit was extended to Cincinnati by means of 
an open-wire circuit; 

Three circuits were extended to Cleveland by means of 
cable facilities between Pittsburgh and Cleveland, in part 
four-wire and in part two-wire; 

One circuit was extended to Detroit by means of an 
open-wire circuit to a point near Toledo and from that 
point to Detroit in a two-wire cable circuit in the Toledo- 
Detroit Cable. 

It will be appreciated, I believe, that this was a rather compre¬ 
hensive selection of facilities on which to institute a trial and that 
the results obtained from these several combinations might 
reasonably be taken as indicative of the performance of the echo 
suppressors. 

These circuits were then equipped with the echo suppressors 
at Harrisburg and a close supervision maintained of their per¬ 
formance, both from the standpoint of equipment trouble and 
from the standpoint of the effects of the echo suppressors on the 
operation of the circuits. The data collected have indicated 
that these echo suppressors function in an effective manner and 
that they have not been subject to an abnormal amount of 
trouble; 

The paper points out that this apparatus operates so as to short 
circuit the return transmission path. This was an interesting 
feature from an operating standpoint, since the thought naturally 
occurs that such an arrangement would give the speaker right of 
way over the circuk and that the listener at the opposite end of 


the circuit would be compelled to wait until the speaJcer had 
finished or at least had made an appreciable pause before it 
would be possible to interrupt him. A very considerable num¬ 
ber of conversations were carefully observed to determine if 
there was any indication of this effect, and it was established that 
the users of these circuits carried on conversations in a perfectly 
normal manner, interrupting one another in apparently the same 
manner as on circuits not so equipped. This result may be 
explained, of course, by the very short intervals of time involved 
in the operation of this equipment. 

From an operating and maintenance standpoint, there was 
something disturbing in the thought of giving service dependent 
upon the operation of relay equipment a considerable distance 
from the speaker and actuated by the speaker’s voice, but 
experience with the Harrisburg installation has indicated that 
the echo suppressor is a practical device, both effective and 
reliable in its operation. 

A. B. Clark: I do not want to leave the impression that echo 
suppressors are vitally needed on all cable circuits. As a matter 
of fact, there are in service today types of cable circuit capable 
of giving a good grade of commercial telephone transmission for 
distances of at least 1000 mi. without any echo suppressor's at 
all. However, it is possible that in certain cases echo suppress¬ 
ors may allow the desired transmission, results to be sociirod 
more cheaply. 

The echo suppressors which have been installed at Harris¬ 
burg and have already been referred to are working on tyjres 
of cable circuit which were designed for use up to moderate 
distances only. When the echo suppressors were plac(»d on 
these circuits, the circuits were intentionally pushed beyond the 
limits for which they were originally designed. If the “long¬ 
distance type of cable circuit” were available, it would bo 
possible, for the circuit lengths involved in tliis case, to dispense 
with the echo suppressors at Harrisburg. 
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Introbuction 

M any of the principles involved in the multipli¬ 
cation of frequencies by the use of highly saturated 
iron cores have been established by early investi¬ 
gators in the field of radio engineering. A number of 
articles on the subject have been published by various 
investigators, although very little information about 
the performance of frequency multipliers under load 
conditions was found. 

1. B. F. W. Alexiindorson, Magtwtic Properiica of Iron at 
PreqwaidKa up to 800,000 Cydca. TiiANSAerioNs A. I. K. PJ., 
November, 1911. 

2. Dr. A. N. Goldsmith, Rudio P’reqitoney Clianf'ors. Pro¬ 
ceedings I. R. E., March, lOlf). 
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Prequonoy Chani^ers. Proceedings I. R; K., December, 1920. 

4, T.' Minohara, Soino Cliaracteristies of tho P’roquoncy 
Doubler as Applied to Radio Transmission. Proceedings 
I. R. B., December, 1920. 
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Generate dc VlileclrieUe, July, 1922. 

6. K. Stthmidt, Higli P'requoiiey Sender for Radio Ttdephony. 
Eleklrotexhnische ZcUschrifl, October, 192:1. 

Frequency multipliers were investigated in connection 
with the development of the 200-iciy. Alexanderson 
radio system; however, it was found entirely feasible to 
build 200-kw. alternators which would generate di¬ 
rectly the frequencies required. During these and 
other investigations, frequency multipliers were used to 
generate a wide range of frequencies in a study of 
transmission phenomena, and v^ satisfactory per¬ 
formance of the multipliers was obtained. Simplified 
circuits were developed and communication established 
between Schenectady, New York, and New York City 
with very small amounts of power. Both telegraphy 
and telephony were used. 

This paper describes some of the results to date of a 
joint investigation by the Radio Corporation of America 
and the General Electric Company, and is intended to 
present, in a epndensed form, physical conceptions of 
the operation of iron-cored frequency multipliers. 
The main object of the investigation is to determine 
the possibilities of increasing the usefulness of the 
200-kw. Alex^derson alternators. Results, to date, 
include a number of improvements in the design of 
frequency multipliers and arrangement of circuits, and 
indicate th at frequency multipliers may be used ad- 

1. Radio Corporation of America, Now York, N. Y. 

2. General Electric Co., Schenectady, N. Y. 

PreserOed ai the Spring ConverUion of the A. I. E. E., 
at St. Louis, Mo., April lS-17,1986. 


and W. W. BROWN* 

Non-member 

vantageously with 200-kw. alternators to meet special 
requirements. Indications are that frequency mul¬ 
tipliers could also be used in industrial applications 
where relatively large amounts of power at relatively 
high frequencies are required. 

Principles op Sinusoidal and Shock Excitation 

Any periodic curve is the I'esultant of a number of 
sinusoidal curves of various amplitudes and frequencies, 
and these can be separated by mathematical treat¬ 
ments in accordance with the well-known Fourier’s 
theorem. The periodic fluctuations of the distorted 
magnetic field in frequency multipliera has thus been 
studied, affording a basis of incomparable value in 
such work. 

In practical work, with iron-cored frequency multi¬ 
pliers, a distinct line may . be drawn between two 
methods of excitation,—the sinusoidal and the shock 
methods. Considered theoretically, the fonner repre¬ 
sents a condition in which the resultant flux curve 
consists, in its elements, of only two sine curves, the 
fundamental and the harmonic desired. The resultant 
flux curve obtained when using the shock excitation 
method may be resolved into a greater number of 
elementary waves. 

The sinusoidal method is more and more nearly 
approached as the desired harmonic is supplied with 
new energy during the greater part of the duration of 
its period. In the well-known case of doubling the 
frequency of the fundamental by means of a double 
unit arrangement, the sinusoidal method is predomi¬ 
nant. The arrangement consists of two separate mul¬ 
tipliers, each saturated to the correct degree by direct 
current and connected in such a way that a distortion 
of the magnetic flux takes place alternately in each unit 
for each ha;lf-cycle of the fundamental. The magni¬ 
tudes of direct current and alternating current can be 
so chosen that the voltage induced by the distorted 
field is sinusoidal and is the second harmonic of the 
fundamental frequency. 

As the art of the ferro-magnetic method advanced, 
it was found by various investigators that higher 
efficiencies could be obtained by the shock excitation 
method; that is, instead of obtaining an induced 
e. m. f. of sinusoidal character by the sinusoidal method, 
it is better to force the device to its maximum efficiency 
by shock excitation. The output of a given multiplier, 
when shock excited, has been found in nearly all cases to 
be larger than when adjusted to induce a sinusoidal 
e. m. f. 
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It was found that, when doubling a fundamental 
frequency, the difference between the two methods 
from an efficiency and output standpoint was not very 
great. However, as the multiplication ratio was 
increased, the efficiency of the sinusoidal method 
dropped very rapidly. When using the sintisoidal 
method at higher multiplication ratios, a number of 



Fig. 1—^Phequency-Multiplibb Circott 


units are required, combined in cascade, and the 
over-all efficiency is the product of the efficienciesof the 
individual stages. On the other hand, when using the 
shock excitation method, the desired mxiltiplication 
is accomplished in one stage, and, though the efficiency 
of this one stage may be lower than the efficiency of one 
of the stages in cascade, the over-all efficiency will 
usually be higher. 



Pig. 2 ^Phase Relations Between a Fundamental Wave 
AND Varioxts Harmonics 

When using the shock excitation method, the energy 
is suppli^ to the harmonic during a relatively shorter 
toe period and assumes a transi«it character. This 
introduces two problems which become more difficult 
to solve as the mrdtiplication ratio is increased. 

The first problem was manifest in the inability to 
load the system. The fundamental frequency circuit 


would not oscillate unless the kv-a. of the circuit was 
made relatively large, since using relatively low kv-a. 
in the circuit, little energy is stored and the disturbance 
at the time of the energy transfer to the harmonic 
circuit is too great. Also by employing a circuit of 
reasonably large kv-a., when working with transient 
impulses, a cushion effect is obtained across the mul¬ 
tiplier to allow the induced voltage peaks to develop. 
This is accomplished by the resonant circuits connected 
to the multiplier being series circuits of relatively high 
inductive reactance. A series-tuned circuit has an 
infinitely high reactance to transients, whereas a 



Pig. 3 Half-Cycle Excitation Multistage Arrangements 
OP Frequency Multipliers pob the Production op Even 
Harmonics 


parallel-tuned circuit has zero reactance to transients. 
The reactance in the resonant circuit also prevents the 
fundamental or some undesirable harmonic that may. 
accidently develop from' entering, the output circuit. 
In the case of doubling the frequency, the reactance 
required to separate the two frequencies needs to be 
laigOT than would be required by any of the reasons 
previously given. To avoid an unduly laxge reactance 
for this case a.circuit was developed by E. F. W. 
Ale:^derson, which is shown in Fig. 1. The circuit 
consists of an auto-transformer arrangement, utilized 
in such a way that the section from one end of the cofl 
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to its intermediate tap comprises the inductance in the 
resonant circuit for the fundamental frequency. The 
remaining potion of the coil from the intermediate tap 
to the opposite end comprises the inductance of the 
remnant output circuit. The intermediate tap of the 
coil to which the multiplier is connected is chosen so 
that the voltage induced in one section from the other 
^tion neutralizes the voltage impressed on the 
intmnediate tap from the multiplier. For circuits 
arranged for higher multiplication ratios, this arrange¬ 
ment ceases to function on account of the pronounced 
transient character of the energy transfer. This 



SECONDARY 

4—^HALP-CTciE Excitation Multistage Abranqembnt 
OF Frequency Multipliers for Production op Odd 
Harmonics 

circuit is not required for higher* multiplication ratios, 
as the difference between the input and output fre¬ 
quencies is so great that ample separation is afforded 
through ^ple tuning. 

The other problem introduced by the shock excita¬ 
tion me^od, which increases in difficulty with increased 
multiplication ratios, is the damping effect in the 
output circuit. Difficulties due to this phenomenon 
WCTe first encoimtered in a transmission test on a wave 
length of 3200 meters (94,000 cycles) which involved 
quadrupling a fundamental frequency of 28,600 cycles. 
The test was very successful in all respects, except that 


it w^ difficult to obtain a clear note at the receiving 
station. ■ The reasons were that the oscillations were 
damped and declined as a logarithmical function, 
thus giving a signal not as clear as obtained from a 
wave of constant amplitude. Side frequencies were 
also partly responsible for the impurity of the note. 
These side frequencies constitute a quite serious prob¬ 
lem in radio applications, as they are the results of 
characteristics inherent in the circuit. If a circuit has 
more than one degree of freedom, the oscillations, 
when left without a continous guiding e. m. f., degener¬ 
ate into oscillations corresponding to the various 
degrees of freedom of the circuit. The conditions are 
generally not unproved by loosening the coupling 
between the circuits, as this merely tends to bring the 
various degree of freedom closer together. It was 
therefore realized that, in order to improve the ar¬ 
rangement so as to give it real commercial value, the 
method of energy feed must be greatly improved. 

As has been pointed out, the side frequencies and the 
damping effect were the results of too infrequent energy 
impulse. Some improvement could be obtained by 
meam of a relatively large energy storage or tank 
circuit, but such an arrangement would consume rela¬ 
tively large anioimts of power. A much better way 
would be to increase the number of impulses and thereby 
provide a more frequently occiming guiding voltage 
for the oscillations. 

Circuit Improvements for Shock Excitation 

If the multiplication ratio is not too high, it is suf¬ 
ficient to obtain one impxilse from each half-cycle of the 
fundamental. The connection arrangements to obtain 
the correct phase combinations of the harmonics are 
indicated in Pigs. 2, 3, and 4. It should be noted that 
the circuits and relations differ for odd and even 
harmonics. "When working with higher multiplica¬ 
tion ratios, the one impulse from each half-cycle of the 
fundamental is not sufficient. One arrangement by 
which a greater number of energy impulses can be sup¬ 
plied to the harmonic is by the use of polyphase power 
supply. A similar arrangement has been suggested by 
Mr. Domigs, who also offered a method of combining 
a harmonic of one fundamental frequency with a har¬ 
monic from a different fundamaital frequency. The 
use of polyphase or equivalent excitation is vital in 
circuits to transfer large amounts of power, as the 
reactive circuits can be reduced considerably and 
perhaps eliminated entirely if there is an energy im¬ 
pulse for each half cycle of the harmonic. 

Advantages op “Dip” Method 

Regarding the methods’ of exciting the multiplier 
and utilizing the bend of the magnetic curve in tiie 
most efficient manner, it has been found advantageous 

3. Contribution to Frequency Transformation by Means of 
Iron Core Inductance, Elekbrotechnische ZHtsehrift, ToL 45, 
No. 42, October 18,1924, pp. 1107-1108. 
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to employ direct-current excitation regardless of 
whether the harmonic is an odd or an even multiple of 
the fundamental. While it is true that odd harmonics 
can be produced without saturating the multiplier with 
direct current, a considerable increase in efiSciency is 
obtained by using direct-current excitation. The 
reason is that when using direct-current excitation a 
much smaller alternating component can be used and 
a large portion of the iron losses eliminated. This is 
easy to realize by reference to a H-B curve of iron. 
When the iron is already saturated with direct current 


and iron losses approached equality, thus indicating 
that optimum dimensions had been reached. In this 
particular case, in quadrupling a fundamental frequency 
of 23,500 cycles, an efficiency of 90 per cent was ob¬ 
tained. These dimensions are, of course, dependent 
upon the application of the device and the materials 
used. Fig. 6 shows a sample multiplier with multiple- 
turn conductor around the core, and Fig. 7 shows a 
sample with single-turn conductor. The single-turn 


to a point above the bend of the curve, only so much 
alternating current need be superimposed to produce a 
“dip” in the flux intensity. The dimensions of this 
“dip” are determined by the harmonic desired. .Thus 
the iron loss only occurs at the same time as the “dip” 
in the flux. During the rest of the time, the iron is 
fully saturated and the losses relatively small. On the 
other hand, when no direct current is used, a much 
larger amplitude of alternating current is required to 
reach the desired point of flux deformation. Besides, 
the iron is being worked in an unsaturated state the 



Fig. 5— Two Views op Fbbquency Multiplier F M-9 


greater part of the cycle, which results in considerably 
ffigher iron losses. The only apparent advantage of 
the multiplier witiiout direct current for producing 
odd harmonics is that, by using a single multiplier unit, 
an impulse is transferred from each half-cycle of the 
fundamental, whereas, when direct current is used, two 
multiplier xmits are required arranged in such a way 
that tiie phases of the impulses are correctly combined. 
However, this latter arrangement adds very little 
complication to a ^stem. 



Fig. 6—^Fbbqubnct Multiplibr F M-9 (Bottom View With 
Advantages op Short Magnetic Path Base Pan Removed 


Theoretical considerations of the design of frequency 
multipliers indicated a decided increase in effidency 
should be obtained by making the diameter of Hie core 
relatively small. The reason is that the inducing power 
of a magnetic field is due to the cross-section of the 
field, but not to the length of the path. Substantially 
the same r^ts are therefore obtained with smaller 
amounts of iron and the correspondingly smaller core 
loss. In substantiation of this theory, a circuit con¬ 
taining a multiplier having a magnetic circuit 25 in. in 
length, see Fig. 5, was foimd to have an efficiency of 
66 per cmt when doubling. The same circuit, but 
containing a multiplier having a magnetic circuit 12 in. 
long, had an efficiency of 78 per cent. Similar effects 
have been observed by other investigators, but ap¬ 
parently the principles have not been investigated to 
determine the Umits. 

To invfflti^te the possibilities of further improve¬ 
ment in this dilution, a series of sample units have been 
made up in which the length of the magnetic circuit 
ranges from thr^ inches to ^ inch. Measurements 
made on ^e umt having the shortest magnetic circuit 
indicated that a stage was reached at which the copper 



Fig. 7—Fbequbnct Multiblieb F M-IO. 60-kw. Oil Pah 
Removed and One Section op Core Partly Withdrawn to 
Show Constbuotion 

conductor is necessitated by the extremely gmaii 
dimensions of the core. 

CoreMatbrial 

The efficiency and general performance of an iron- 
cored frequency multiplier is dependent, to a great 
extmt, upon the characteristics of the iron used. In 
order to make direct comparisons of different grades 
of iron, samples were prepared in th^ form of a toroid 
having the same length of path, same amount of iron, 
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and with winding of the same conductor and the same 
number of turns. These samples were immersed in oil 
for tests. The tests consisted of measuring— 

1. The impedance of the various samples at 20,000 
cycles which indicates mainly the B-H characteristic of 
the iron. 



PiQ. 8— 20,000-Cyci-b Saturation Curtbs or Iron Samples 
FOR Prequbnct Multipliers 

2. Measuring the temperature rise of the samples at 
various values of volt-amperes at 20,000 cycles. 

The results of these tests are shown in Fip. 8 and 9. 
Conclusions from these tests, substantiated by results 
from other tests in which various grades of iron were 
used in frequency multiplier circuits, are as follows: 
The iron which has high B for a given H above the 1 <-ti(=>a 



Pig. 9 20,000-Ctclb Charactbristics op Iron Samples fob 
Frbqubnct Multipliees 

of the curve stores more energy at operating adjustment 
than the iron which has a lower B for a given H. Stable 
operation is obtained with iron having a high B-H 
relation. The iron which has a relatively low B for a 
given H, while more efficient in operation, has a tend¬ 
ency to be unstable, due apparently to the relatively 
small amounts of energy stored. A compromise be- 
tw^n stability and efficiency is indicated as a most 
desirable grade, from a practical standpoint. 

The intermediate curves in Fig. 8 show the character¬ 
istics of an iron which apparently would be best suited. 
Another advantage of this iron is the relatively sharp 


bend in the B-H curve which should enable the transfer 
of a greater proportion of the stored energy of the 
f^d^ental frequency to the harmonic frequency 
circuit. This is particularly true in circuits which 
operate on a principle of shock excitation. 

Methods op Measuring Efficiency 

Losses in frequency multipliers are being measured by 
el^trical and calorimeter methods. The results ob¬ 
tained by the two methods are in close agreement and 
are considered sufficiently accurate for practical 
purposes. 

Radio Application 

The radio application of frequency multipliers 
provides a means to greatly increase the usefulness of 
high-power alternators. A 20-lcw. frequency-mul¬ 
tiplier installation is being made at the Radio Corpora¬ 
tion’s transatlantic station at Marion, Mass. T his 
20-kw. set will be supplied with power from eight 
armature coils out of a total of sixty-four coils from 
either of two 200-lcw. Alexanderson alternators. This 
small part of the total capacity of an alternator will 
reduce the power from the main circuit only 12)^ per 
cent, but will provide a separate transmitter for marine 
service. This 20-kw. transmitter will multiply a fre¬ 
quency of approximately 26,000 cycles five times in one 
stage. This set will include the best-known features in 
accordance with the principles outlined h^ein. 

Industrial Applications 

The industrial application of frequency multipliers 
appears to be where relatively large amounts of power 
are required at moderate frequencies. In the design 
of salient-pole alternators for rdatively high frequencies 
and for relatively large powers, a nominal limit is be¬ 
tween 500 and 1000 cycles. Alternators to develop 
frequencies appreciably higher than this nominal limit 
are usually of the inductive type, and, being in a fecial 
class, are costly to build and have relatively low effi¬ 
ciencies. It appears entirely feasible to use a 600-cycle 
salient-pole alternator, and, by the use of iron-cored 
frequency multipliers, produce relatively high fre¬ 
quencies in sufficient power capacities for many in¬ 
dustrial applications. 


Discussion 

E. W. Kelloitlt Mr. Brown spoke of getting a wave of 500 
oyoles and make it into a 1000-cyole wave with 90 per cent of- 
floienoy. The story is not complete until wo know just what it 
does to the efficiency ot the generator supplying the origpuai 
wave. 

W. Roderst I should like to ask what use has been made of 
this principle in multiplying the ordinary ringing frequency which 
is 16 oyoles to 133 oyoles for use on composite ringers on telephone 
circuits. 

SwP. Shaokletont I thinlc the answer is that there has been 
no practical use made of it, and the principal reason is, I believe. 
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that the frequencies axe so low that, to get very great efficiency 
it would require apparatus which would cost more than other 
apparatus available for generating 133 cycles. 

For a number of years we did use the fundamental ring¬ 
ing frequency of 16 cycles or 20 cycles, whichever it happened 
to be, to operate an interrupter to produce the higher frequency. 
That, however, was none too efficient, and recently that has been 
superseded almost entirely either by a motor-generator set or by 
an improved type of interrupter operating from direct current. 

W. Rogers: I do not suppose that this is a matter of much 
importance to the telephone companies, but it is of some impor¬ 
tance to the railroads. The telephone company is in a position 
to use the methods described by Mr. Shackleton, because of 
their larger installations and because of the fact that their long¬ 
distance circuits are numerous and centralized. However, on 
the railroad, we have composite circuits which terminate at points 
where these things are not available. One of our greatest 
troubles is with our composite ringers. Most of us are still 
using the old interrupter, operated from d-c. or 16-cyole ringing 
current, and it has been suggested, and I believe demonstrated, 
that it is possible to take two, or, perhaps, three 47A repeating 
coils and, by saturating the cores of one of them and connecting 
them in a certain manner, change 16-cycle ringing current to 
approximately 133 cycles. 

S. P. Shackleton 2 The only ease of which I know where the 
higher frequency, 133 cycles, has been obtained by frequency 
changers of that type has been in Philadelphia, where our 
men became very much interested in that problem. They had 
working for several years, composite ringers supplied by means of 
such a device, I looked over the layout there and do not re¬ 
member all the details of it, but I am very sure that if the fre¬ 
quency changer was made commercially available it would cost 
more than the interrupter which we are now using on our tele¬ 
phone circuits. 


W. W. Browns In reply to Mr. Kellogg’s question regarding 
the efficiency of the power supply for frequency multipliers 
load: It is possible to adjust the frequency-multiplier circuits so 
that the load is approximately at unity power factor. This is 
entirely feasible in radio-frequency circuits, but uneconomical 
in relatively low-frequency circuits on account of the large Icv-a. 
of the condensers required. Multiphase power supply appears 
to be the solution for the relatively low-frequency circuits. 

Another probable radio application of frequency multipliers 
will be in connection with necessary changes to increase the pos¬ 
sible rate of sending by long waves. In order to improve the 
efficiency of long-wave antennas, the resistance has been de¬ 
creased to a remarkably low value. The effect of lowering the 
resistance is to lengthen the time constant of the antenna. A 
low time constant of such an antenna tends to cause distortion 
of signals at high rates of sending. By using a higher frequency, 
the time constant of a given antenna is shortened, which permits 
higher rates of sending. The application then will be in multi¬ 
plying the entire output from a large alternator for high-speed 
transmission. 

N. Lindenblad: In answer to Mr. Kellogg’s question, the 
primary source is not affected as feed-back effects are prevented 
either by means of tuning or the Alexanderson neutralizing 
transformer. 

In answer to Mr. Roger’s question, it must be understood that 
frequencies obtained by the multiplication method referred to 
are only whole multiples of the fundamental frequency, not 
fractional multiples. 

I agree with Mr. Shackleton regarding the probable high cost 
of the frequency changer for increasing the frequency of 16 
cycles to 133 cycles, unless the demand for such a device is large 
enough to justify the cost of the development work. 
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Synopsis, This paper deals with the elecirio propulsion of 
practically all classes of vessels. The several types of electric drive 
are treated, in general, with special emphasis on Diesel-electric 
drive, as it is believed that this type of electric drive will be of most 
general interest, particularly to the inland section of our country, 
since it is especially applicable to the smaller size vessels, such as 
are used on rivers and lakes, to vessels in the coastwise trade and to 
the usual siie of ocean freighter. 

All types of propelling equipment, however, will be referred to for 
the purpose of comparing the advantages of electric drive with 


other methods of ship propulsion and to show the natural advantages 
of each pariicrdar system. 

It is the intent of this paper to provide data valuable in the 
selection of the proper type of drive for each application, which 
must necessarily be determined by the character of the vessel and the 
service it is to render. Each type referred to has a particular field 
in which it is best suited. 

The authors desire to give credit to the Westinghouse and General 
Electric Companies for much of the data and material for cuts 
included in this paper. 


Introduction 

VEN a comparatively small ship represents a 
considerable investment. Capital being tradition¬ 
ally conservative and as ship owners have to con¬ 
sider the lives of passengers and crew as well asproperty, 
it follows that the established systems of mechanical 
transmission will be preferred until it has been es¬ 
tablished to the entire satisfaction of owners and 
operators that £he electric drive possesses elements of 
safety, reliability and economy superior to any other 
type which may be considered. 

The object of this paper is to show that electric 
drive, when compared with any other system, has out¬ 
standing qualities of safety and reliability and that the 
economy is superior except where special conditions 
favor one of the older t3T)es. Electric drive is, of course, 
still in its infancy and it is to be expected that a longer 
period of development will still farther extend its field 
of application. 

As will be noted in the bibliography, several papers 
have already been written on different phases of this 
subject, but in this paper it is proposed to cover the 
entire subject in general. 

The use of electricity for ship propulsion is no longer 
an’experiment. H. L. Hibbard’s paper on The History 
of Electricity on Shipboard, refers, in general, to several 
installations, all of which have been most successful. 
The superiority of this type of drive has been apparent 
for some time and the constituent parts have been well 
established; but not until comparatively recent years 
has it been practically applied. 

The United States Navy, realizing the advantage of 
electrical drive, decided to give it a comparative trial 
with that of reciprocating engines and geared turbines. 
The success of the electric method of propulsion in the 
U. S. collier Jupiter, (now the aeroplane carrier 
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Langley), as compared with that of the engine-driven 
Cyclops and the geared turbine-driven Neptune was 
instrumental in inspiring the U. S. Navy to adopt it for 
all subsequent capital ships, the first of which was the 
U. S. S. Nefw Mexico. 

The justification of the turbine-electric system of 
propulsion for ships is that it affords a transmission 
efficiency very nearly equal to that obtainable with 
gears of suitable speed reduction for economical tur¬ 
bines and propellers, and that it accomplishes this 
result by a simpler and more flexible means. 

The justification of the Diesel-electric system for 
propulsion of ships is that it affords the fuel economy 
of the Diesel engine with the added advantages of 
smaller and simpler engines, flexibility, reliability and 
superb maneuvering qualities. 

Reciprocating Engine Drive 

For many years the reciprocating engine has been 
a virtually completed development, possible improve¬ 
ments being mere matters of detail. In many cases and 
especially in the larger installations, it is objectionable, 
due to its weight and space factors. However, this type 
of drive is reliable and thoroughly understood by 
operating engineers. It will probably be used indefi¬ 
nitely for ship drives as there are certain tsrpes of ships 
in which it would be inexpedient to apply other 
methods of propulsion, due to definite economic reasons. 

The cost of fuel does not permit the general use of 
reciprocating engines in land stations, and this same 
objection exists on board ship. 

Turbine Direct Drive 

The first radical change in steamship propulsion was 
brought about by the introduction of the direct- 
connected turbine. This type of drive, however, is 
admittedly imperfect because the most efficient, 
lightest and simplest turbine is essentially a mac.binft of a 
definite high ^eed, while the most efficient propeller is a 
low-speed device, so that the efficiency of both must be 
sacrificed in compromising the speed. The great 
majority of direct-connected turbine-driven ships now 
in operation haye turbine speeds entirely too low for 




498 


HARVEY AND THAU: ELECTRIC PROPULSION OP SHIPS 


Transactions A. I. E. E. 


good economy, with consequent efficiency little better 
than that of reciprocating engines, whereas, ordinarily, 
a turbine may be considered appreciably more efficient 
than a reciprocating engine, due to simple rotation and 
a much higher ratio of steam expansion. This dis¬ 
advantage undoubtedly retarded the introduction of 
turbines for propulsion of ships before the use of gears. 
Nevertheless, this method of propulsion has been 
installed in some very fast passenger vessels as well as 
warships and destroyers. The Mauretania is a striking 
example of compromise in speed necessary, as the 
propeller and turbine speed is 188 rev. per min., whereas 
the most economical speed for the turbine would be 
1400 rev. per min. and for the propeller, about 150 
rev. per min. High-speed turbines of equal capacity 
in daily use are about 80 per cent efficient, while the 
Mauretania turbines are only 62.75 per cent efficient. 
This objectionable feature was principally instrumental 
in the introduction of mechanical reduction gears for 
ships. 

As the turbine is not reversible, it is necessary either 
to provide reversing wheels in the main unit or a com¬ 
plete separate reversing turbine. A reversing element, 
when running ahead, introduces losses as great as 
1/^ per cent, and, being relatively small and inefficient, 
provides less backing power than that of reciprocating 
engines. The friction loss of the reversing turbine in 
the ahead direction is several times that in the astern 
direction. There is also a grave possibility of danger¬ 
ously heating the reversing wheels if the vacuum drops. 
These causes have conlaibuted to many turbine failures. 

Turbines with reversing elements must necessarily be 
designed with larger clearances, thus lowering their 
efficiences; and the larger diameter necessitates larger 
radial clearances. Also the losses in the large con¬ 
necting piping of cross-compound turbines are very 
appreciable. Separate reversing turbines complicate 
the control and add to the weight, space and cost. At 
its best, therefore, this method of drive provides rather 
poor maneuvering qualities and slow stopping, re¬ 
quiring, in some ca^, as long as forty seconds to stop 
the screws when going full speed ahead. 

The direct-connected turbine is furtiier handicapped 
by its inability to utilize high superheat. 

Therefore, the direct-connected turbine, although 
attractive in its apparent simplicity, has probably 
progressed as far as can be expected, and cannot be 
regarded as a satisfactory general method of propulsion. 
Turbine Gear Drive 

Many of the objectionable features of direct-turbine 
drive have been overcome by the introduction of 
mechanical reduction gears. They permit both the 
turbines and propeller to be designed for their*most 
efficient speeds. Reduction gears are especially appli¬ 
cable to destroyers and light cruismt where the high¬ 
speed light turbine and relatively low-speed propellers 
are desired. Here the weight factor is most important 
and probably more Hian offsets the advantages of 


electric drive in such installations. Gear drive machin¬ 
ery for low-speed cargo vessels is, in general, lighter and 
the transmission efficiency is probably better than that 
of electric drive. However, when considering losses in 
the reversing element, extra oiling requirements, pack¬ 
ing losses, extra steam losses due to larger clearances, 
the transmission efficiency is reduced very nearly to 
that of turbine electric drive. 

The rubbing contacts of gears is of utmost concern 
and, to be safe, the gears must be liberally designed. 
With either the turbine direct or gear drive with more 
than one screw, the disabling of one unit means drag¬ 
ging a propeller. Furthermore, reduced speed condi¬ 
tions introduce inefficient operation as all prime movers 
must run at lower than designed speeds. Sudden 
application of load and vibration are hard on gears as 
is also misalinement due to springing of the hull or 
inacciuate worlonanship. In many cases the noise of 
gears has been objectionable, especially on passenger 
ships. Life of gears heis been uncertain and there have 
been many disappointments. However, with proper 
design and improved methods of manufacture, these 
troubles are being overcome. Consid^ng the numer¬ 
ous installations, the most of which have proven satis¬ 
factory, and the relatively small percentage of failures 
to this type of drive is due considerable credit. Some 
cargo ships have run as much as 300,000 miles with the 
gears still in good condition. 

Like the reciprocating-engine drive, gear drive will 
undoubtedly be used indefinitely as the application of 
electric drive in certain classes of vessels appears, at the 
present time, imwarranted. 

Diesel Direct Drive 

Following the development of the steam turbine 
came that of the Diesel engine, with its high fuel econ¬ 
omy and attendant advantages. ■ 

A large percentage of European cargo carriers are 
equipped with direct-connected Diesel engines, and 
this t^e of propulsion is gaining rapid headway in this 
couhtry. In addition to the many American Diesel 
driven ships already in commission the Shipping Board 
has decided to equip eighteen vessels of our Merchant 
Marine with direct-connected Diesel engines. This 
t 3 T)e of engine, however, has its limitations in capacity • 
although the size of units is steadily increasing. With 
the larger sizes the space factor is of great concern as 
engines rooms must be made larger to accommodate 
them. Twin screw direct drive has been frequently 
used in order to provide two units for increasing re¬ 
liability and pCTmit the higher propeller speeds re¬ 
quired by the engines, and also to have the engine come 
within the present linoit in capacities. In many such 
cases the use of one propeller would permit a mucb 
better design. 

Reversing difficulties with the Diesel engine, while 
now not as serious as in the earlier designs, are ap¬ 
preciable as the design is more complicated and extra 
precaution is necessary with most Tnalrftg of fttiginfia , 
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always to have available high-pressure air. When 
maneuvering, this feature is of appreciable concern. 
The most economical speed of the Diesel engine is 
much closer to that of the propeller than is the case 
with the steam turbine, but the difference is great 
enough to cause considerable losses. These losses are, 
however, not sufficient to warrant the use of gears 
with Diesel engine drive. 

Electric Propulsion General 

While the development of the horizontal steam 
turbine and the Diesel engine opened new eras in ship 
propulsion, it Temained to develop some speed-reducing 
connecting link between these prime movers and the 
propellers that would allow both to be designed and 
run at their most efficient speeds. The mechanical 
reduction gear provided a very logical connecting link; 
however, the advent of the electric drive introduced a 
fully reliable system with inherent advantages. The 
following enumerated points, substantiating this state¬ 
ment, are by no means theoretical, but, on the contrary, 
are the results of actual observations taken over a 
considerable period of time and with different types of 
^ips. Such reasons are responsible for the rapid 
increase in the number of electrically propelled ships. 

ReliaMlity. The universal use and the indisputable 
success of electrical apparatus on land is sufficient 
testimony in behalf of its reliability. Its application 
to ship propulsion presents no serious difficulty, as the 
deleterious affect of salt and moisture have long been 
recognized and are easily surmounted by proper 
insulation of the windings and other precautions. 

Electrically propelled ships now in service have 
demonstrated their unquestionable reliability and 
ability to withstand the most rigorous climatic anfl 
sea conditions. 

The electrical transmission of power from the prime 
mover to flie propeller provides the simplest, most 
elastic, most flexible and probably the most reliable 
method of speed reduction. 

Economy. When considering fuel, water, lubricants 
and supplies in economy turbine electric drive compares 
very favorably with geared turbine drive and greatly 
exceeds that of reciprocating engine, drive. 

The fuel economy of the Diesel direct or the Diesel- 
electric drive is admittedly very much better than that 
of other fypes of drives, and on an overall comparison 
there appears to be litfde difference between these two 
ts?pes, as. the debility and intangible advantages of 
Diesel electric make up for the expected better fuel 
economy of the limited Diesel direct drive. 

While turbine electric drive is apparently 1^ 
economical than geared turbine drive at full power in 
the ^ps which operate at several speeds, there are 
decidedly superior economic results at reduced power, 
e^ecially on twin or multiple screw vessels having two 
or more main generators, as all propellers may be 


operated from one generator. Also, efficiency of 
electrical machinery does not change with age. 

Commander S. M. Robinson has pointed out that 
the fuel consumption of the U. S. S. Idaho and Missis¬ 
sippi, (direct-connected turbine drive), depending on 
the speed, is from 20 to 47.8 per cent more than the 
U. S. S. New Mexico and at full power is 32 per cent 
more. Subsequent electrically driven battleships are 
showing better economy than the New Mexico. 

Weight. The total machinery weight with electric 
drive is much lighter than with reciprocating engine 
drive, but is usually slightly heavier than geared 
turbine installations, although on certain classes of 
ships it may be lighter; This is particularly true for 
Diesel-electric drive. This depends somewhat on the 
arrangement, design and foundations in the engine 
room. Weight is an important item, as it directly 
affects cargo space and displacement. In analyzing 
comparative weights, a fair allowance must be made 
for the excess weight incident to overload capacity of 
electrical apparatus, factor of safety and flexibility of 
reserve. 

Space. The position of the main generator with 
reject to the propelling motor is not essential. There¬ 
fore, a more convenient arrangement is possible than 
with any non-electric type of drive. 

Of course, the Diesel electric shows up most favor¬ 
ably in space requirement due to the absence of boilers 
and the use of smaller fuel tanks. 

With turbine-electric drive the condensers can be 
located directly under the turbines thereby saving 
floor space. However, in most cases, tiurbine electric 
drive requires more space than geared-turbine drive, 
although in many cases the flexibility of location with 
electric machinery permits a more advantageous 
utilization of space and requires a smaller enpne room. 
The number of propellers and beam of ship have a direct 
bearing on this feature. In the case of the 7000-ton 
U. .S. collier Jupiter the weight of the electric propel¬ 
ling machinery is 156 tons, whereas for her sister 
geared turbine drive ship Neptune, the weight is 160 
tons. For 3000-ton freighters with certain makes of 
double reduction gears the weight is 9 tons less than 
turbine eleclric drive, but the saving in shafting by 
locating the motor aft makes the electric drive lighter. 

Cost. The initial cost of the propulsion equipment 
has a direct effect upon the earning power of the ship 
because of interest, depreciation and insurance charges 
and, therefore, is an important item. 

The features entering a deflnite comparison in cost 
of the various systems are somewhat difficult to 
determine, but on the basis of equal performance in 
regard to propeller torque and speed and considering 
all items relative to the propelling equipment, the 
costs of electric-drive systems do not appreciably 
exceed the cost of other types of drive. 

When considering that the electric drives, especially 
the Diesel type with its smaller engines, permit more 
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or less standardization of prime movers and generators, 
resulting in a better production and stocking basis, 
the cost item gives them somewhat of a preference. 
The cost of the propulsion machinery alone is, however, 
not the only important factor, as advantages of the 
electric drives in the saving of piping, shafting, shaft 
alleys, oiling systems, maintenance, etc., will more 
than offset the extra cost of electric machinery in 
many eases where other systems, on the first analysis, 
appear preferable. 

Operation. Ordinarily, as there are no large valves to 
operate, only one man is required to handle the control. 
The motor requires little attention and even if located in 
a separate compartment does not require an extra man. 
The fear of inability to obtain proper personnel for the 
opCTation of electrically driven ships was in the begin¬ 
ning an anticipated obstacle, but since the Jupiter, 
Kamoi, J . H. Senior, Poughkeepsie, Golden Gate ferry. 
New Mexico and many other similar ships have been 
successfully operated with no trouble from this source, 
this objection no longer exists. It is not necessary that 
the operator have any more theoretical knowledge of 
the electrical machinery on shipboard than on land, 
but simply must know its operating characteristics and 
general care. In many cases the operators of electric 
drive ships have had little experience with electrical 
machinery and principally due to simple control they 
have had no trouole in properly handling it. 

The V/estinghouse and Greaeral Electric companies 
have conducted special training schools for such opera¬ 
tors and other similar schools will undoubtedly be ar¬ 
ranged if found necessary. 

The same doubt arose concerning operators for tur¬ 
bine driven ships, but there has been no trouble in 
providing an adequate supply of them. This is also 
true of electric locomotives and in practically all 
cases the operators are so enthusiastic they would 
hestitate to return to the steam drive. 

The omission of the boilers in the case of Diesel-elec¬ 
tric drive correspondingly reduces the operating force 
with an appreciable saving in expense, especially at sea. 

Electrically driven vessels will naturally attract 
competent engineers who will take the best care of the 
machinery and thus tend to realize better efficiencies. 
First hand knowledge of the facts will convince the 
doubtful ones of the value of the electric drive. 

Maintenance. Electrical machinery does not wear 
p does other machinery, and with the absence of wear¬ 
ing parts, exc^t in bearings, there is little to get out of 
order. Furthermore, the maintenance would natnrally 
be less th^ for other forms of drive for the reason that 
load conditions and control operations are less severe 
on the machinery and propeller. As a matter of fact, 
the years of experience with electrically driven vessels 
have proved that the cost of upkeep is surprisingly 
small. 

PerfarrnanM. The inherent characteristics of elec¬ 
trical machines are particularly well suited to ship 


propulsion. Their operating characteristics are the 
same in either direction of rotation, and consequently, 
except when peculiar conditions make it undesirable 
to utilize this feature, afford full torque and power for 
reversal. The reversing provision with geared trirbine 
drive is only from 40 to 60 percent of the ahead power 
and although this is claimed to be sufficient for ordi¬ 
nary conditions, emergency cases frequently warrant 
full power astern. This is particularly true of high¬ 
speed ships. An electric drive ship can be stopped in 
considerably less time than a geared turbine ship. 
This is not due wholly to the lesser backing power of 
the latter, but to the inefficiency of the reversing: ele¬ 
ment of the geared turbine which incidentally causes an 
enormous draft on the boilers, greatly reducing the 
steam pressure. 

The ability of the electric machinery to absorb and 
dissipate the power delivered by the propeller is of 
considerable value. Furthermore, the control of the 
propeller with electric dnve is speedier than with any 
other type of drive. Analysis shows that reversing at 
full speed is easily accomplished and does not place 
harmful requirements upon the electrical machinery. 
These characteristics make electric propulsion ideal for 
difficult driving, stopping and maneuvering. 

Effideni Speed Reduction. Electric drive lends itself 
to any desired reduction between the high-speed tur¬ 
bine and the low-speed propeller and both may be 
designed to operate at a speed corre^onding to their 
highest efficiency. While the speed reduction ratio for 
Diesel electric is not so great as with turbine electric 
drive, it permits the use of standard speed engines and 
the best propeller speeds. With two generating units, 
one will propel the vessel at approximately three-quar¬ 
ters speed with practically no sacrifice in economy. 
With direct drice, a disabled unit would necessitate an 
idle propeller. 

Electric drive affords means of reversal by a ai-m pift 
change in electrical connections without changing the 
direction of rotation of the prime mover and any de¬ 
sired reversing torque, up to full torque or more, can 
be obtained without affecting the efficiency of the equip¬ 
ment in the forward direction. 

Both the turbine and Diesel-electric systems are 
capable of developing large overload torque at reduced 
speed and installations to date have proved this feature 
to be sufficient to meet all emergencies. 

Measurement of Power. Accurate and constant 
knowledge of the power output is always obtainable 
from meters on the control board. In this manner 
the power requirements imder varying operating 
conditions may be ascertained and studied. Also 
by recording electrical meters the total power on. any 
trip or selected part of a trip may be obtained. This 
data with a record of fuel consumption affords sinaple 
means of calculating economy. Further, especially 
with two or more screws, it permits the detection of: 
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a. Excessive friction in thrusts, propeller shaft 
bearinp or stem tube bearings. 

b. Incorrect machinery or wrong pitch of propeller 
and bent or broken propeller blades, 

c. Poor steering or improper mdder action due to 
mechanical troubles or wave movements on account of 
storm or wind conditions. 

With no other type of drive can such defects as above 
noted be quickly detected and proper remedies expedi¬ 
tiously applied. 

High Pressure and High Temperaktre. As the tur¬ 
bines used in connection with electric drive have 
but one direction of rotation they readily accom¬ 
modate themselves to high pressure and high tempera¬ 
ture steam and may, therefore, take advantage of these 
two very important economic measures. 

^ Flexibility oj Machinery. With a plurality of genera¬ 
ting units, the failure of one will not disable the vessel. 
Simply by switching, any number of the generators 
may be made to supply power to all motors or any may 
be disconnected with little handicap to the remainder 
of the outfit. Furthermore, if reduced speed is desired 
for economy, part of the generators may not be run, 
thus permitting the active ones to operate economically 
near their rated and most efficient output. This would 
not be true with direct-connected units, as they must aU 
operate at the reduced and consequently uneconomical 
loads. This feature is particularly desirable for ferry¬ 
boats and constitutes a reserve power factor; also for 
long cruising periods, it is of great importance in its 
^ect upon fuel storage. It has a decided advantage 
in connection with battleships. Furthermore, the 
plurality of engine sets makes it unnecessary to cairy on 
board as many spare parts as with direct-drive instal¬ 
lations. 

Main Generators Supply AvMliaries. A very out¬ 
standing feature common to many turbine electric 
and most Diesel-electric driven ships is the ability 
to use the main propulsion generators for supply¬ 
ing power to axuliaries used in port. The power re¬ 
quired for handling motor-operated cargo machinery 
is practically always considerably more than that re- 
. quired for the electric auxiliaries used at sea. Therefore 
ifi the non-electric-drive ships, the electric plant must 
necessarily be of sufficient size to provide for port 
conditions. This, of course, results in appreciable idle 
generating capacity at sea, or otherwise the sacrifice 
of motor-operated port auxiliaries. As Diesel-driven 
ships ordinarily have electric cargo machinery and as 
the cost of Diesel-driven generators is considerably 
more than for steam engine or turbine-driven generators 
this feature becomes quite important. These advan¬ 
tages have constituted a prominent factor in deciding 
for electric drive in several installations. 

Location of Machinery. Electric drive permits the 
turbines to be most conveniently located, especially 
with reference to the boilers reducing the steam piping 
to a minimum, with consequent saving in weight, 


steam leakage and condensation. The motors may be 
located near the propellers thus reducing the long and 
expensive shafts, shaft alley and shaft bearings. 

In case of battle craft, the units may be located in the 
safest place, constituting important naval advantages. 
With any electric-drive ship the fact that the large and 
bulky engines or turbines do not have to be in line with 
the propeller shafts gives great advantage in distribu¬ 
ting the machinery and more economically arranging 
them in the machinery space. 

Again electric drive affords a much cleaner engine 
room than can be obtained with most other types of 
drive. 

Absence of Vibration and Noise. Electrical machinery 
opiates without vibration and practically without 
noise. These features are highly desirable for all 
classes and especially passenger vessels. 

No Racing of Propellers. As the prime movers for 
generators have efficient governors, the tendency of the 
propellera to race in heavy weather is eliminated. Al¬ 
though it is not the present practise, this feature can 
also be obtained by other fypes of drives, providing 
gov^ors are used on the propelling units. In the case 
of direct and geared turbine drives it is customary to 
install only speed limit governors. 

Turbine-Elbctric Drive 

With turbine-electric drive alternating current ap¬ 
pears most satisfactory, as the generator is inherently 
suitable for direct-connection to the economical high 
speed turbine. D-c. turbine-electric installations have, 
however, been successfully used in ferry-boats, but this 
system is not suited for very high powers because geared 
turbines must be used. Also, the use of alternating- 
current permits high voltage with less current and 
consequently smaller interconnecting cables. 

The electrical machinery is practically the same as 
used in land installations, except that it is specially 
treated to withstand marine conditions of moisture and 
salt. Unlike land installations, however, no power 
other than that for propulsion is required of the genera¬ 
tors and, therefore, their speed and control may be 
varied to suit the desired combination with the motors. 
With high-speed turbines and improved electrical ap¬ 
paratus a good transmission efficiency can be obtained. 
This efficiency compares very favorably with double 
reduction gears when considering the losses in the re¬ 
versing turbine, extra shaft bearings, etc. 

When starting a turbine electric-drive vessel with 
arc. machinery the turbine speed is reduced and excess 
generator excitation applied for pulling the motor in 
step, after which the speed of both generator and motor 
increases together. 

Although the use of direct-current power is not so 
popular with turbine electric drive as alternating-cur¬ 
rent power, the installation in the ferry-boats of the San 
Francisco-Oakland Terminal Railways is of consider¬ 
able interest. 
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The propulsion machinery consists of a three stage 
condensing llOO-kw., 3600-rev. pw min. horizontal 
Curtis steam turbine, connected through reduction 
gears to a d-c. generator rated at 1000 kw., 500 volts, 
900 rev. per min., suppl 3 dng power to two double 
armature motors rated at 1200 h. p., 500 volts, 100/125 
rev. per min. One motor is coupled to the forward pro¬ 
peller and the other motor to the aft propeller. 

A 75-kw., 115-volt, 900 rev. permin. exciter ismounted 
on the end of the generator shaft and supplies excita¬ 
tion current to the generator and motor fields, and con¬ 
trol current for operating the contactor solenoids and 
relays on the control panel. 

The propelling machinery is controlled from the 


Overload protection is provided by means of line 
relays openmg contactors in the motor circuits. In 
case the overload relays function, it is necessary to 
move the controller to the “off” position to reset them. 

For the ptupose of supplying auxiliary power for 
lighting and various other needs of the ship, two 
35-kw., 125-volt, steam-turbine d-c. generator sets are 
installed. 

Both the induction and the synchronous type 
motors are being used with complete success. 

Induction Motors. To date, three general types 
used are: 

а. Forjn-wound with external resistance 

б. Form-wound with an additional high-resistance 



Fig. 1—Cable Connections fob Single Screw Boat Propelled by Induction Motor 



Cables 

Size 

Outside 

Diam. 

Spec. 

A 

Single Conductor. 

1,250,000 cm. 

2.5 

SOl-l 

B 

Two single conductors. 

1,250,000 cm. 

2.5 ea. 

391-1 

C 

Two conductor.‘. 

200,000 cm. 

1.92 

15 c 1 d 

H 

Single conductor exciter. 

300,000 cm. 

1.24 

15c 1 d 

J 

Single conductor ex. field. 

30,000 cm. 

,62 

15 c 1 d 

K 

Two conductor to vent, motor 

60,000 cm. 

1.26 

1,6 c 1 d 


engine room. By meains of a controlling rheostat, 
the shunt-field current of the generator can be varied to 
obtain different propeller speeds or reversed to change 
from ahead to astern movement, or vice versa. This 
rheostat also controls the operation of the two main¬ 
line contactors and the two contactors, which shunt 
the speeding-up section of the motor-field resistor. 
The motor operating as the astwn or driving motor has 
full resistance in its field circuit, while the forward 
motor has sufficient of its field resistance short-cir¬ 
cuited to produce a speed just above the drag speed of 
the propdler. The two armatures of each motor are 
connected in s^es, while the two motors are connected 
m parallel and in series with the Tnaiu generator. 


squirrel-cage winding for starting and maneuvering. 

c. Double squirrel-cage winding, one high resistance 
for starting and maneuvering. 

T 3 q)e a is used niostly for merchant ships and also 
on the U. S. S. Jupiter, T&nnessee and Colorado; t 3 T)e 
6 is used on the U. S. S. Californm, Maryland and 
West Virginia; type c is used on the U. S. S. New 
M&ciep. 

By providing the motors with pole-changing .wind¬ 
ings, an additional means is afforded for a different 
speed ratio between the generator and propeller, thus 
utilizing, in a most economical manner, the full output 
of one generator at reduced propeller speeds. This 
feature, to date, has been used only on battle^ps 












April 1925 


HATIVHY AND THAU: KLROTKIC PROPULSION OP SHIPS 


603 


where an economical cruising condition is of great 
importance. 

The concatenation of motors, principally where two 
per shaft are used, is another way of obtiuning a 
further speed ratio between generatoi-s and propellers. 
This method was contemplated on some of the battle 
cruisers which were cancelled by the Limitation of 
Arms Confei'ence. 

Typical merchant ship installation.s with induction 


induction motor, which is directly connected to the 
propeller shaft. The reduction ratio between the 
turbine and shaft speed is 30:1. 

The propelling motor has a motor-driven blower, 
while the generator is .self-ventilated. The air from 
both generator and motor is led away through ducts. 

"^IVo sei)arate 125-v»>lt oxcitem .supply current fur 
generator field e.xcitation and the motor-driven blower. 
For operating the motor, in conjunction with the 



Syni- 



r’ 

Overall 


lifil 

UirarJoii 

Vohs 


Piam. 

Spec 

A 

M ill A. V. rahio 

uaoo 

050.000 ctll. 

1.07" 


n 

Main (I. 

2r,o 

•100.000 rin. 

iA" 

M Ct/J 

C 

(Ion. Hold rahh^ 

2ri() 

200,000 rm. 


l.'i Cl/i 

n 

Motor ftrlfl oahhi 


'100.000 


ITi Cl/I 

K 

(loiltrol cui)lc 

i2r» 

2-Oi^ini.l 1,000 nil. 

1.02"ca. 

15 Cl/} 

F 

(.'ontrol NUjipIy 

I2r, 

2 nmcl. 00.000 cm. 

1 .05 " 

15 Cl/J 

a 

Motor loads 

125 

a conrl. 11,000 cm. 


15 Ct/} 

11 

Dlsnli, ros. & oxcl sit. 






fid. 

125 

00,000 cm. 

.02" 

15 Ci /} 

j 

Motor shunt loads 

125 

2 cmid. 


15 CI /} 

K 

Kxoltor nns. & no«. 

250 

tioo.ooo cm. 

1,0" 

15 f;i u 

L 

Moiitral 

250 

200.000 cm. 

1.07" 

17 f;i h 

M 

^'uclumiotor 





N 

Vottt, mcitor 

12^ 

2 mwl. 00,000 cm. 

l,2.-iN" 

15 (. ] 1} 


,S|M‘rify varnlsh<!t| cnmbrk? Insulntidn, and aniuircd for all non- 

tluctm'smxcoi)! A/. 


motors will be found in the Shipping Board vessels 
Eclipse, InnndbU, Archer, Indeperidenee and Victorious. 
The propelling machinery for each of these vessels 
consists of an eight-stage, 3000 rev. per min., horizontal 
steam turbine direct-connected to a 2300-volt, two- 
pole, three-phase, a-c. generator, supplying a 3000-h.p., 
2300-volt, 100-rev. per min., three-phase, 60-pole 


turbine generator, a control equipment is installed 
cansi.sting of a water-cooled resistor and a combined 
control group and control panel. 

The motor is started, stopped and reversed by means 
of the high- and low-voltage contactors of the control 
group. In starting from rest or reversing normally, 
the water-cooled resistor is inserted in the motor form 
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wound rotor circuit. When the motor is nearly up to 
speed in either direction, the resistor is short-circuited. 

The motor speed is varied by varying the generator 
frequency which is accomplished by changing the 
turbine speed. The turbine main hydraulic operated 
governor will regulate its speed from 20 per cent to 
110 per cent. 

The Eclipse was the first electrically driven merchant 
ship to circumnavigate the globe. She made the trip of 
29,763 miles at an average speed of 10.3 knots, matog 
twenty ports without one stop at sea. 

Synchronms Motors. For ship propulsion, syn¬ 
chronous motors are provided with a high-resistance 
squirrel-cage winding, (amortisseur), embedded in the 
pole face of the d-c. field poles. This winding is used 
for starting and maneuvering and where thus far 
applied, provides sufficient torque for all conditions. 


detecting equipments are provided for the generator 
and motors. 

Two 400-kw., 112/225-volt, 5000/1100-rev. per min. 
turbine driven, three-wire exciter sets supply the 
necessary excitation current for the fields of the 
generator and motors and also power for the blower 
motors and ships auxiliaries. In addition, a 625 kw., 
750-volt, 1100 rev. per min., a-c. generator is placed in 
line with the outboard exciter and in case of emergency 
can be coupled to the exciter shaft and used to supply 
line current to the propelling motors sufficient to bring 
the ship into port at a speed of about seven knots. 

The control equipment consisting of two control 
groups and a control panel is installed for operating, the 
motors in connection with the main turbine generator 
or auxiliary a-c. generator. 

The motor is started, stopped and reversed by 
means of levers on the control panel, which electrically 



operate the line and field contactors in the proper 
sequence for the desired operating condition. These 
contactors can also be closed manually by means of 
levers at the side of the control panel. 

In starting from rest, double field current is applied 
to the generator and the motors are operated as induc¬ 
tion motors until nearly up to speed, at which time 
current is supplied to their d-c. fields, when the motors 
operate as synchronous motors. The generator field 
current is then reduced to normal. In reversing, the 
main operating lever is moved to the “off” position, 
the reversing lever set to the astern position and the 
main lever advanced as when starting ahead from rest. 
The motors are thus operated as induction motors 
bringing the propeller to rest and starting in the 
reverse direction until nearly up to speed, when d-c. 
field is applied for operation as synchronous motors. 

The motor and propeller speed is varied by changing 
the genaator frequency, which is accomplished by 
changing the turbine speed by means of its hydraulic 
operating governor mechanism. 


Pig. 3—Phopulsion Control and Panel Board, Japanese 
Navy Fuel Ship Kamoi 


The motor can be operated continuously at about 
50 rev. per. min., in either direction as an induction 


Aftor being brought up to speed as an induction motor, 
direct-current field is applied and the motor then runs 
insynchronim. 

The Japanese fuel oil vessel Kamoi is a typical 
installation of synchronous-motor drive. The pro¬ 
pulsion machinery consists of a 10-stage, 2400-rev. 
per min., horizontal Curtis turbine direct-connected 
to a 6250-kw., 2300-volt, 40-cycle, tiiree-phase a-c. 
generator supplying power to two 3125-kw., 4000- 
s. h.p., 230(^volt, 120-rev. per min., three-phase 
synehoronous motors direct-connected to the propeller 
shafts. 

The motors are open type and have motor-driven 
exhaust fans for ventilation; the generator is encl o sed 
and self-ventilating. The air from both the genwator 
and motors is led away through ducts. Temperature 


motor, if necessary. 

The Coast Guard Cutters Modoc, and others, also 
have s3nichronous motor equipments and similar 
control to that of the Kamoi, although they have a 
slightly different maneuvering arrangement. The San 
Benito, for which the propelling machinery was sup¬ 
plied by the British Thompson Houston Company, is 
also a good example of synchronous motor drive. 

Dibsel-Elbctric Drive 

The inherent advantages of this system indicate 
remarkable possibilities in the development of ship 
propelling machinery. The several ships now equipped 
witii machinery of this type have shown most creditable 
performance and have lived up to every expectation. 
Although this method is relatively new, the constituent 
parts have been well established. 
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Diesd Engines. Any reliable make of engine which thus, in some cases, more than offsetting the added 
operates at a re^onably high rotative speed may be weight of the electrical machinery and resulting in an 

ur u “ot exceed overall machinery weight probably less than for 

established safe piston speeds for continuous operation, certain other types of drive. 

By using several cylinders of short stroke and small The field of application of the Diesel engine to ship 
bore the heat stress^ common to large cylinder slow propulsion is greatly enlarged by electric drive, as 
speed engin^ are minimized and the result should be several available units may be used in one installation 
^engme of less maintenance and simpler construction, whereas direct drive is somewhat limited by the 
As the engine always starts under no load and runs in present limit in sizes of most makes. 



Fig. 4 Connections for Japanese Navy Fuel Oil Ship Kamoi 


the same direction and at constant speed, the design is Selection of Power. Direct-current machinery is 
furthOT simplified by the omission of the reversing gear; preferable as it permits of the generators being eon- 
^so the l^e supply of high-pressure maneuvering air nected in series. Parallel connection of d-c. generators 
IS ^uc^ to a minimum. If deOTed, o:dy one air- is practicable, but requires dose governing and sacri- 
startmg ^ necessary, as the remaining engines may be fices other desired features of series operation 
started by their connected generators running as While a-c. machinery could be used, especially 
motors supphed by power from the first generator. with one generator and one motor, it is objectionable 
n pemittmg high rotative speed engines, Diesel- in that the propeller speed must be varied by f»'ha.TimTig 
electee dnve rapidly reduces the weight per b. h. p., the en^ne speed. Purth^more, an installation with 
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more than one generator would require parallel opera¬ 
tion and close governing. 

Therefore, the direct-current system described is, 
decidedly simpler, more flexible and more reliable, 
affording more reflned control and providing greater 
power in case of casualty to a generating unit. 

Control. With the d-c. system, motor speed and 
maneuvering may be controlled by armature rheostatic 
means. However, this method is wasteful during 
maneuvmng and speed changes and necessitates a 
complicated controller. 

The Ward Leonard System of voltage control 
is by far the most satisfactory and has been 
used in practically all installations to date. With 
this system, both the generators and motors are 
usually of the shunt type, but in some cases have 
differential fleld windings and are separately excited 
preferably from the same source. The exciters may be 
direct-connected to the main rmits, or separate. Also, 
excitation current may be taken from the auxiliary set, 
as two sources of excitation should be supplied. The 
gen®ators and motors may or may not have forced 
ventilation depending upon the speed and size and the 
desirability to keep size of machines to a minimum. 

The motor fields are excited with constant potential 
and always in the same direction. The generator 
field excitation is varied to suit the motor speed and 
direction. The motor speed under this condition varies 
in direct prpportion to the voltage applied to the 
motor terminals and may be reversed by reversing 
the generator excitation; consequently it is only 
required to vary the generator fields from full excitation 
in one direction to full excitation in the opposite 
direction to maneuver from full speed ahead to full 
speed astern. 

Witii the series connection of generators, like speeds 
for all engines is unnecessary as a variation simply pro¬ 
duces a proportionate difference in the load carried by 
the generators, provided they are equally excited and 
have identical performance characteristics. Since it is 
necessaiy to handle only the comparatively low genera¬ 
tor field excitation currents, for complete control ahead 
or astern the Ward Leonard system is obviously much 
simpler and less expensive than the armature rheostatic 
control. Such simplicity has a further direct affect 
upon the maintenance of the equipment. 

The control board contains suitable switches, instru¬ 
ments, meters, protective relays, circuit breakers, etc., 
and a special reversing field rheostat and a remote con¬ 
trol mechanism for operating the propulsion generator 
rheostat. This mechanism has an inherent time ele- 
moit for limiting the speed of operation for the safety 
of the electrical machinery. Such a speed limit, how¬ 
ever, does not handicap the operation of the ship as 
only, about five seconds are required from full-speed 
ahead to the stop position. 

The switches for the machines are so arranged that 
any particular generator or motor may be taken out of 


service by simply throwing its switch from one position 
to another and this can be done without interrupting 
service to the propelling motor. In large installations 
this is accomplished by a mechanically operated 
“set-up” device. 

With this tsqie of drive provision is usually made for 
both pilot house and engine room control with a double 
throw switch on the main switchboard for transferring 
to the desired station. The control pedestal in the pilot 
house is arranged for remote generator field control and 
has the necessary ammeter, voltmeter and speed indi¬ 
cators to provide constant knowledge of the perform¬ 
ance of the propelling machinery. Pilot house control 
is, to date, practical with Diesel-electric drive only, and 
is of great convenience especially for tug boats and other 
t 3 T)es of vessels when maneuvering in close waters. 
No time is lost or mistakes made in transmitting orders. 

Overload protection for the generators and motors 
is provided in the form of line circuit breakers or line 
relays for opening the generator field in case of severe 
overload. Necessary interlocks and precautions are 
taken to insure proper operation and avoid mistakes. 

Fuel Economy. A properly designed Diesel-electric 
propulsive equipment requires about 0.56 lb. of oil per 
shaft h. p. for all purposes, whereas the average high- 
grade steam installation of any type requires about 1.0 
lb. of oil per shaft h. p. This superiority results in a 
great reduction in fuel cost and permits additional 
cargo due to decreased weight or an increased cruising 
radius for a given amount of fuel. The economy of 
either type of Diesel drive is far ahead of that of all 
other types and is, therefore, most attractive for the 
moderate and medium large size installation. 

The Diesel engine system can be made ready for sail¬ 
ing on short notice and stand-by losses are eliminated. 
This is not true of the steam system which requires that 
the boilers, turbines, etc., be warmed up for a con¬ 
siderable period before getting underway. 

Flexibility and Reliability. By providing a reasonable 
number of small generating units and using the Ward 
Leonard system of control with series operation of gener¬ 
ators, the reliability of Diesel-electric drive is superior 
to that of any direct-connected drive, mechtmically- 
geared drive, or any form of electric drive using single 
generating equipment. The smaller Diesel engines 
have probably been developed to a more reliable state 
than the larger sizes. Furthermore as the driving 
power varies as the cube of the speed a casualty to one 
of several generating units does not greatly impair the 
ability of the vessel to proceed. With a three generator 
installation the disabling of one engine set would reduce 
the ship speed to 88 per cent and the failure of two 
would reduce it to approkimately 70 per cent of full 
speed. The only change in connections is the discon¬ 
necting of the disabled units and weakening the motor 
field to take the full load armature current. The faulty 
umt or units being of the comparatively small size 
may usually be repaired at sea. No other tsrpe of drive 
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Will permit the utilization of the full power of the re¬ 
maining units without overloading them or increasing 
the original size and weight. The reserve power thus 
obtained is far in excess of any other type of drive, 
including a-c. turbine electric. With a cross compound 
geared turbine single screw drive the failure of one ele¬ 
ment would give appreciably less than 50 per cent 
power from the remaining element and this would be 
with a sacrifice of considerable speed and economy. 

As the generating units are independent of the pro¬ 
peller they may be located to best suit the engine room 
arrangement and being of the smaller type, lend more 
readily to the better utilization pf available space. 

Many Diesel electric installations include a double 
unit motor consisting of two armatures on the same 
shaft. This type of motor permits smaller diameter, 
added- reliability and reserve power as one armature 
may be disconnected and the ship may still proceed 
with the remaining armature at approximately 70 per 
cent speed. The superiority of this feature to that of 
any other single screw drive is obvious. In the case of 
long cruises at reduced power this flexibility of units' 
permits ideal conditions for economical operation. 
My or all generators and motor armatures may be used 
in any desired combination by simple switching. 
J^hermore, the main generators may beusedfor opera¬ 
ting cargo oil pumps, winches, etc., thus reducing the 
size of auxiliary generators to a minimu Tn and only 
suflScient for port duty when a main generator is not 
running. For most ships this avoids considerable 
idle machinery while underway. 

The Die^l-electric type of propulsion with the Ward 
Leonard system of control affords excellent maneuvering 
characteristics. When the generator field circuit is 
removed preparatory to reversing, or at any other time, 
the braking effect of the generator armature connected 
across the motor terminals brings the propeller almost 
instantly to a creeping speed, the enwgy being dissipated 
partly in friction, due to the motor being driven by the 
propeller and suppljdng power to the generator which, 
in turn, tends to drive the engine, and partly as heat in 
the motor and generator windings. The performance 
of the J. H. Senior and other Diesel electric vessels 
shows that the power delivered by the generator is not 
sufficient to cause any perceptible increase in engine 
speed and that the demand for maneuvering can be met 
without exceeding the permissible temperatures of the 
electrical equipment. • 

With multiple-screw vessels there is considerable 
increase in load on the propellers on the inboard side of a 
turn. This feature naturally tends to overload the 
prime mover and for turbine electric drive with alter¬ 
nating-current machinery is taken care of by limiting 
the steam supply to the turbine in order to keep a stable 
condition between the generators and motors. The 
inherent characteristics of the d-c. generators and 
motors used with Diesel-electric drive, however, are 
such that they will carry this increased torque without 


the least danger of becoming unstable. No special 
precaution need therefore be taken as there is always a 
stable coupling between-the generators and motors. 

Applications. Because of the attractive advantages 
pre'viously described Diesel-electric drive is particularly 
applicable to barges, cable ships, cargo ships, coastwise 
vessels, dredges, ferry boats, fire boats, fishing boats, 
lake boats, packets, river boats, tow boats, tug boats, 
yachts and any other requiring economy and good 
maneuvering and performance characteristics over a 
wide range of speed. 

The following table indicates those advantages 
offered by Diesel electric drive which are of particular 
importance in the various t 3 T)es of ships: 


TABLE I 

PBINCIPAL APPLIOATION ADVANTAGES 
MAIN MACHINERY ONLY 


Type of Ship 

Fuel 

Con¬ 

sump¬ 

tion 

Ma- 

cliin- 

ory 

weight 

Be- 

dned 

Con¬ 

trol 

Cruis¬ 

ing 

Radius 

ReU- 

ability 

Re¬ 

serve 

Power 

and 

Flex¬ 

ibility 

Port 

Con¬ 

sump¬ 

tion* 

Barges.... 

X 

X 

X 

X 

*X 

X 


Cable Ships. 

X 


X 

V 



X 

X 

Cargo Slilps. 

X 

X 

X 

X 


Certain Naval Craft. 

X 

X 

X 

X 

X 

X 

X 

Coastwire Vessels..,. 


X 


X 

X 



Dredge-Self propelled 

X 

X 

X 

X 

X 

X . 


Ferry Boats. 

X 


X 

X 

X 

X 


Fire Boats. 


X 

X 

X 

X 

X 


Fishing Boats. 

X 



X 

X 



Lake Boats. 

X 

X 


X 

X 

X 


Liners... 

X 



X 

X 



Light Ships. 



X 

X 


X 

X t 

Packets... 

X 

X 

X 

X 

X 

X 


River Boats. 

X 

X 

X 

X 

X 

X 


Tow Boats. 

X 


X 

X 

X 

X 


Tug Boats. 

X 


X 

X 


X 


Yachts. 

X 


X 

X 

X 

X 



^Principally stand-by losses. 
tWhile on duty. 


In order to give a fair idea of the machinery pertain¬ 
ing to the propulsion outfit of typical Diesel-dectric 
installations the follo'wing brief synopsis is offered. 

Yachts 

The three-masted schooner yacht Alcyone was origi¬ 
nally fitted with reciprocating engines, but upon learn¬ 
ing of Diesel electric drive with its cleanliness, absence' 
of boilers and smoke, less ■vibration and numerous 
other advantages previously described, its owner, 
Henry W. Putnam, decided to change over to electric 
propulsion, using the same, propeller and shafting. 
The Alcyone is 182 feet long overall, with a beam of 30 
feet and draft of 16.2 feet, and is regis'tered 420 gross 'tons. 
The propelling plant consists of two six-cylinder, 226- 
h. p., 250-rev. per min. Winton Diesel engine, each di¬ 
rect-connected to a Westinghouse 140-kw., 125-volt, 
shunt-wound, d-c. generator and a 16-kw., 126-voIt, 
compound-wound exciter, chain-driven, at 900 rev. per 
min. from the generator shaft. 

The propelling motor is of the double armature. 
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shunt-wound, self-ventilated t 3 ^e rated 360 h. p., 250 
volts, 176 rev. per min. and is located well aft. 

The control is arranged for the Ward Leonard sys¬ 
tem which provides all desirable features of flexibility, 
simplicity and ease of operation. Thirty economical 
speeds ahead or astern are afforded by the reversing 
rheostat located on the engine room switchboard and 
controlled by a handwheel. 

At 8.5 knots the Alcyone has a cruising radius of 
6450 miles on one engine and at her rated speed of 10.5 
knots she has a cruising radius of 3915 miles on two 
engines. 

The sea trials of this yacht more than met expecta¬ 
tions and showed considerable reserve power for emer¬ 
gency. During maneuvering she could be stopped from 
full speed ahead in less than twice her length. 

Several other yachts, some of which have control 



Pia. 6 —CoNTRor. Diagram for a 2500^s. h. p. Diesel- 
Electric Drive 
APPABATUSKEY 

A —Generator cut-out switches with electric lock 

B —^Motor cut-out switches 

C —Generator aux. bus swltdies 

D—Generator Field Discharge switches 

E —^Motor field Discharge switches 

F —^Bngine-failure-trip field circuit breaker 

G —Voltage interlock relay for locking-out main circuit breaker 

H—Oontactor type circuit breaker 

J—^Field discharge switch for reversing field rheostat 

K —Reversing field rheostat 

L —Overload Inverse time limit relay 

M —Switch for Malcing O. L. relay inoperative 

N —^Main switches for the auxiliary Generators 

O —Oltl. circuit breakers 

B —^Transfer switch for Bxcitation and control circuits 
S V and S A —Single reading voltaieters and ammeters 
D V and D il—Double reading voltmeters and ammeters 
W H ,—^Watthour meter 

R —^Magneto-voltmeter shaft revolution indicator 

from the pilot house, have been equipped with electric 
(Wve as will be noted from the tabulation of installa¬ 
tions. The popularity of this system of propulsion is 
most certain to grow in the yachting field.* 

Tugs 

The numerous and severe requirements of operation 
and maneuvering of tug boats presents an attractive 


field for the application of Diesel-elecixic drive with its 
valuable featiire of pilot house control. 

The Pennsylvania Railroad, after careful study of the 
advantages afforded, has installed Diesel-electric 
propelling machinery in one of their many tugs. This 
action, however, was not taken until they had tried 
out Diesel direct drive and found that it did not 
develop the power expected principally due to the 
small diameter propeller and comparatively high¬ 
speed engine. 

The Floixb type of tug comprising about 80 per cent 
of all the railroad tugs was chosen for this installation. • 
This tug is 105 ft. long with a beam of 24 ft. and a 
draft of 12 ft. 5 in. Observations showed that an 
average of 666 signals were given and answered on this 
class of tug. every eight hours. Naturally pilot-house 
control with its safer and speedier operation was 
selected. 

Two Winton, full Diesel, four-cyde engines are each 
direct-connected to a Westinghouse 236-kw., 250-volt, 
260 rev. per min. shunt-wound generator with an 
attached 26 kw. compound-wound exciter. These 
exciters also furnish all other electric power needed' 



Pig. 6—Diagram op Connections for Alcyom 


on the boat. The propelling motor is of the shxmt- 
wound double armature t 3 q)e rated at 576 h. p., 500 
volts, 126 rev. per min. The Ward Leonard system of 
control and series generator operation is provided. 

In addition to the generator voltage-control system, 
the motor is provided with a certain amount of speed 
variation by field control, the purpose of which is to 
enable the motor to operate at a lower speed when 
towing than when running light, without change of 
generator voltage. This feature enables the generators 
to operate at constant voltage when the tug is imder 
full headway, and, in turn, enables the engines to 
develop full power when the boat is towing and when it 
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is running light. This is a primary advantage over 
the Diesel direct system for tug boats and con¬ 
stitutes a marked handicap over any direct connected 
or geared system and any form of electric drive using 
other than d-c. machines. 

Tests proved the superiority of Diesel electric over 
Diesel direct drive in acceleration, greater speed and 
greater tow line stress at the same power. The 
Diesel direct drive tug with which the electric tug 
was compared required 15 per cent, more power on its 
propeller shaft when running free and 26 per cent more 
power when towing than the electric tug. This is 
probably due to the propeller design. Even with 
the 16 per cent loss between the engine and shaft, 
due to the use of generators and motor there is a net 
gain of 18 per cent over the direct drive on the basis 
above mentioned. With Diesel direct drive the stress 
on the tow line was 32 per cent while with electric 
drive it was 41 per cent of the power delivered to the 
screw. The electric tug is lighter than an equivalent 
steam engine driven tug using Scotch boilers by a ratio 
of 165 to 177 tons and requires one man less to operate 
it. The fuel cost for eight hours is $12.96 for electric 
and $23.45 for steam drive. This with the reduced 
personnel and other advantages results in a saving of 
24 per cent in operating expenses over the steam drive. 

, The further advantages of advancing toward a pier 
slowly or quickly with assurance of control, elimination 
of danger of mistakes in recdving orders, smooth 
taking-up on tow line relieving excessive strains, 
full power always available, ability to operate on one 
engine, avoidance of delay caused by condition of fires, 
quality of coal and inefficiency of firemen, appear to 
put electric drive far ahead of steam drive for tug 
boats. Also the time to take on coal and water and 
remove ashes for a steam tug requires two hours in 24, 
while the electric tug requires only two hoxirs a week 
for taking on oil; less physical work is required of the 
machinery force and a better grade of men is attracted 
toward it. Navigators are greatly pleased to control 
propellers which, incidentally, require less thinking 
and less work than pulling bdl signals. 

The tug and fire boats Van Dyke I, Van Dyke II 
and Van Dyke III, equipped with Greneral Electric 
machinery, are also rendering excellent service and 
^ceeding all expectations. 

These tugs are owned by the Atlantic Refining 
Company. They are 97 ft. long with a beam of 
21 ft. and depth of 11 ft. 6 in. 

The propelling machinery of each tug boat consists of 
two toee-cylinder, 225-b. h.p., 257-rev. per min.. 
Price Rathbim Airless Injection Diesel engines manu¬ 
factured by the Ingersoll Rand Company, each direct- 
connected to a d-c. shunt-wound generator, rated at 
155 kw., 125-volts with a 26-kw., 126-volt, compound- 
wound auxiliary generator mounted on the main 
generator shaft extension. 

Each auxiliary generator is csipable of supplsdng 


the excitation for the main generators and propelling 
motor and power for the electrically driven auxiliaries 
and lights. 

The propelling motor is shunt-wound, rated at 375 
s. h. p. at 250 volts. By adjustment of the motor field 
rheostat this motor will deliver 375 h.p. constantly 
at 240 volts, from 140 rev. per min. down to 107 
rev. per min. with a corresponding increase in torque. 
This means that at reduced speeds the full output of 
one engine can be utilized on the propelling motor 
without exceeding the normal rated current thereby 
increasing the overall efficiency with one engine shut 
down. 

There are two control stands similar in appearance to 
an engine room telegraph, one located on either side 
of the pilot house. The levers are interlocked so that 
either stand may be used. 

This same system of Ward Leonard pilot house 
control was used in the Chicago fire boats, Joseph 
Medill and Graeme Stewart, placed in service in 1908. 

The Van Dyke tugs are also used as fire and power 
supply boats. 

In going to a fire, both main units may be used for 
proptilsion and, after arriving at the fire, one main unit 
is used for maneuvering the ship and the other main 
unit is used for operating the fire pump. 

Terminals have been brought out on either side of the 
engine room so that the tug boats may be used to fur¬ 
nish power to barges with motor-operated pumps. 

Detail comparative tests have been conducted be¬ 
tween one of these Diesel-electric tugs and a Diesel 
direct drive tug of similar characteristics. The results 
were very similar to those obtained with the Pennsyl¬ 
vania Diesel-electric tug previously described and show 
that Diesel-electric drive is superior in every way as 
compared to the Diesel direct drive for tow boat work, 
whether it be running light, towing, accelerating a tow 
or maneuvering. A more detailed report of these tests 
will probably appear in the press at a later date. 

Perry Boats 

A particularly good application for Diesel-electric 
drive is found in the ordinary ferry boat. The ability 
to have complete control of the propelling motors from 
either pilot house is a highly desirable feature for a boat 
operating in a crowded harbor and docking so frequently. 

The Golden Gate and Golden West ferries are typical 
of ferry installations to date. The electric propulsion 
machinery in each of these boats consist of two Pacific 
Diesel Engine Companies’ engines driving General 
Electric shunt wound generators rated 360 kw., 250 
volts, 225 rev. per min., each with a direct-connected, 
compound-wound 35-kw., 115-volt exciter. These 
exciters also supply all auxiliary power required for the 
boat. 

For supplying power when the main engines are shut 
down a 26-kw., 125-volt, 950-rev. per min., Diesel engine- 
driven auxiliary generator is installed. The two pro- 
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pelling motors are rated at 750 h. p., 600 volts, 145/180 
rev. per min. The higher speed is used on the stem 
driving motor. The lower speed is used on the forward 
motor and is just sufficient to relieve any dragging load 
caused by its connected propeller. The generators are 
connected in series and the motors in parallel. One 
generator will drive the after motor at 126 rev. per min. 



Pia. 7 —Gbnbeatobs and Diebct Connected Exciters on 
Ferry-boat Golden Gate 

and this coimection is used much of the time when the 
higher speed is not required to meet schedule. 

The voltage of the pibpelling generator is varied to 
obtain the several propeQer speeds., Sufficient instra- 



Fio. 8 —^Engine Room Contbolmno Rheostat Control 
Panel and Switchboard, on Ferry-Boat Golden Gate 

' ments are provided with tiie control pedestal in each 
pilot house for close observance of tihe machine 
operation. 

The con^l pand in the engine room contains suffi¬ 
cient interlocked switches for disconnecting the main 


and field circuits and selecting operating stations; also 
sufficient field rheostats and instruments and the neces¬ 
sary contactors for controlling the armatures and fields 
in proper sequence. Pilot-house control permits the 



Fia. 9 —Simplified Wiring Diagram, Ferry-Boat Golden 

Gate 

boat to be steered into the slip instead of being “jock¬ 
eyed” in. These contactors and the generator field 
rheostats are controlled from the pilot house. The 
speed of the forward motor is reduced by short circuit¬ 
ing a step of resistance in its field circuit, the short 
circuit being removed when the motor becomes the stam 
motor. These ferries are giving splepdid service. 



Fig. 10—Diesel-Electric Motor Ship Twin Parte, 
Minnbsota-Atlantic Transit Co., Starboard Side op 
Engine Room Looking Forward, Showing One op the 
Main Generators Control.Panel and Distribution Board 

The ferry-boat, Poughkeepsie, is equipped with West- 
inghouse machinery and is also giving good performance. 
Several other Diesel-electric drive ferries are contem¬ 
plated and in general this type of drive should show 
rapid progress for ferry installations. 

Cargo Boats 

The application of Diesel-electric drive for the Twin 
Cities and Twm Ports will be of particular interest to 
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those interested in inland water ways. They are owned 
by the McDougall Terminal Warehouse Company and 
operate principally on the Qreat Lakes and New York 
State Barge Canal between Duluth and New York, but 
are dso designed for coastwise trade from New York to 
Florida during the winter. 

The propelling machinery of , each consists of two 
Lombard Governor Company’s Diesel oil engines, each 
direct-connected to a General Electric 260 kw,, 230-volt, 
260-rev. per min. compound-wound, self-excited, open- 
type generator. There is also a 40-kw., 230-volt, 360 
rev. per min. auxiliary generator driven by a Diesel 
engine of the above manufacture. This generator may 
be operated in parallel with the 260-kw. generators for 
supplying power to the propelling motors and ships’ 
auxiliaries and lighting when under way, but is normally 
used for supplying ships’ power when the boat is at rest 
and the other sets are not running. 

Thetwopropellingmotorspershipareeachratedat260 

h. p., 230 volts, 180 rev. per min. and are of the 
separately ventilated shunt woimd type. 




Pio. ' H—Simplified Wiring Diagram, Main Circuits, 
Twin Cities and Ti.oin Ports 

The propulsion generators run at constant speed and 
voltage and the motors are started by the resistance 
method. Both the generators and motors are run in 
para lei for normal operation but the motors connected 
in series across 230 volts give a speed of approximately 
135 rev, per min. on each motor. Sufficient flexibility 
of operation is therefore obtained for a vessel in this 
class of service. The propellers may be controlled 
from a deck type controller located aft and another 
located forward. The master controller is located in 
the pilot house. 

The main control equipment is designed to control 
the operation of the three Diesel engine driyen genera¬ 
tors and the two propulsion motors xmder both normal 
and emergency conditions. It coiisists of an engine 
room control panel, a motor room panel, two motor 
control groups, two motor starting resistors, and the 
pilot house and deck controllers previously mentioned. 
Sufficient instruments, switches, field rheostats, starting 


and reversing contactors, protective devices, etc., for 
the complete control of all apparatus and the isolation 
of units are included. 

It will be noted that the control for these boats is 
unlike that of most Diesel-electric ships, as the Ward 
Leonard system of generator voltage control is not 
employed. This simply goes to show the wide range 
of control of electrical machinery and the need of study 
for each particular installation. The Mariner and 
Fordmian have the same type of control as these two 
ships. 



Pig. 12—The All-Electric Hydraulic Type, Sea-going 
Hopper Dredge A. acKenzie 

Dredges 

The ability of using the generators interchangeably 
for propulsion and dredging make Diesel-electric drive 
economically applicable for dredge propulsion. 

C7. S. Engineer Corps Hopper Dredges. The four 
U. S. Engineer Corps’ hopper dredges, the first of 
which completed was the A. MacKenzie, are each 268 ft. 
long with a beam of 46 ft. and depth of 22 ft. They 
each have a capacity of 1250 cu. yd. 



Pig. 13—Pilot House Control Station, Sea-going 
Hopper Dredges 

The machinery installation in these dredges is 
particularly interesting and includes the largest Diesel 
electric plant ever installed in a ship. Each vessel is 
fitted with three main six-cylinder, four-cycle, air- 
injection, cross-head-piston, 1000-b. h. p., McIntosh & 
Seymore Diesel engines, each direct-connected to a 
Westinghouse 700- kw., 500-volt, 150-rev. per min., 
d-c. generator. Any two of the main generators supply 
power to the two 800-h. p., 480-volt, 110-rev. per min.. 














iPUl 


Pig. 15—S. 0. Co. op New Jersey, Tanker J. Senior 

There is also a motor generator set consisting of a 
150-kw., 260-volt, generator driven by a 225-h* p., 480- 
volt, 1200-re7* per min, motor supplied from the main 
generator which supplies the dredge pump motor. 
This set is used for supplying the 150-h. p. jet-pump 
motor and other ship auxiliaries when desired, although 
normally they are supplied from the auxiliary 150-kw, 


Pig. 16—Main Propelling Motor, J, H. Senior 

switches, instruments, etc., are also provided on this 
switchboard for the complete control of the engine 
room machinery. Interlocks are provided to prevent 
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improper operation and the opening of main circuits 
until load is removed. 

After the set-up connections are made complete 


pilot house for observing the behavior of the electnc 
propelling machinery. 

Overload relays and magnetic line contactors pro- 



PiG. 17— Pilot-House Control Station, J. H. Senior 19— Main Control Room, U. S. S West Virginia 


control of the starting, stopping, reversing and speed 
variation of the propelling motors is carried out by 
controlling the excitation of the generators supplying 


vide protection against extreme overloads and short- 
circuits. 

The dredge pump motor is started by rheostatic 




.'••or *04 


El. V w I^Vl* 
/»'«r 70S A 


s'ftti fer4 


Pia. 18— Wiring Diagram, J. H. Senior 


them, both generators and motors being separately 
excited. 

The Ward Leonard system of generator voltage 
consol is provided both from the pilot house and the 
^gine room. Sufficient instruments are located in the 


means using a drum-type master controller and a 
contactor panel. 

No steam is used on the vessel for any purpose as all 
equipment is electrically operated. 

It is believed by the Engineers Corps that these 
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electrically operated dredges will be considerabyl more 
economical than the steam operated ones. 

Dredge for City of Portland. The new 30-in. Diesel 
electric dredge for the City of Portland, Ore., will be 
one of the largest and most powerful suction dredges 
ever constructed. There will be four main Diesel 
engines, two of 900 h. p. each and two of 800 h. p each. 
The 900-h,p. engines will be direct-connected to 
Westinghouse 610-kw., 500-volt, d-c. generators, 
while the 800-h. p. engines will be direct-connected 
to 540-kw., 500-volt, d-c. generators giving a total 
plant capacity of 2800 kw. The main pump will be 
operated by a 2700-h. p., 500-volt, direct-current 
motor capable of operating over a speed range from 
250 to 360 rev. per min. The use of a d-c. motor 
with its simplicity and high efficiency was decided 
upon after careful comparison with an a-c. system. 

An interesting feature in this installation will be the 
use of Ward Leonard system of control for the 250- 
h. p. cutter motor and the 75-h.p. swinging winch 
motor. Power for these drives will be furnished by a 
five unit motor generator set operated from the main 
500-volt genCTator bus. Two of the five units will be 
250-h. p. motors for driving the set and to furnish a 
neutral point for a 500/250-volt, three-wire system, 
the armatures of these two motors being wound for 
250 volts and connected in series across the 500-volt 
bus. The remaining three units of this set will be a 
200-kw. cutter generator, a 60-kw. svwng generator and 
a 60-kw. auxiliary generator. There will be also 
a motor-operated hoist for the dredge ladder forward 
and another located near the stem for hoisting the 
spuds and for miscellaneoiis duty. 

AJl control equipment on the dredge will be of the 
remote control ts^pe and complete manipulation of it 
will be possible from the pilot house. 

Stern-Wheel Towboat 

The success of the Diesel-electric stem wheel tow¬ 
boat J. B. Battle provides valuable information to 
operators of river boats in thiscountry as to the economy 
and benefits to be derived by the use of this system for 
vessels of similar size and also for those of larger 
dimensions and powers. 

This complete steel vessel was designed for the U. S. 
War Department in the office of the Chief of Engineers 
at Washington, D. C. She is 119 ft. 4 in. long with a 
beam of 23 ft. and depth of 5 ft. and draft loaded, of 
3 ft. 6 in. The machinery consists of two 150-h. p. 
four-cycle Winton engines each direct-connected to a 
Westinghouse 90-kw., 125-volt, 450-rev. per min,, 
d-c,, main generator and a 10-kw., 125-volt exciter. 
The propelling motor is rated 200 h.p., 240 volts, 
600 rev. per min., and is flexibly coupled tiuough a 
Fawcus 23 to 1 ratio double reduction gear to the lay 
shaft extending through both sides of the deck house. 
The two cranks on this shaft are connected by parallel 
rods to similar cranks on the paddle-wheel shaft thus 


transmitting power to the stem-wheel which is 15 ft. 
in diameter and 15 ft. long and has 13 buckets 30 in. 
deep. 

There is also a 7J^kw., 125-volt Winton gasoline 
engine driven auxiliary generator for supplying auxili¬ 
aries and lights when the main sets are not mnning. 

Complete Ward Leonard system of control of the 
propelling machinery is provided in the wheel house 
and includes adequate instmments for observing 
operating conditions at a glance. The excess power of 
the exciters not required ,for excitation of the propel¬ 
ling machinery is used for auxiliaries and lights. 

The trials of this vessel were conducted in December 
1923 and pronounced highly successful and the propel¬ 
ling machinery performed to the satisfaction of all 
concerned. 

It is believed that the advantage of electric drive for 
this type of boat will induce the building of many more 
in the near future. 

Tanker 

One of the very^ interesting installations of the 
Diesel electric system of propulsion will be found 
in the Standard Oil Co. of New Jersey tanker 



Pia. 20 —Diagrammatic Arrangement op Propulsion Ma¬ 
chinery, U. S, S. California, Maryland and West Virginia 

J . H. Senior. This vessel is 220 ft. long with a beam of 
38 ft. and draft maximum of 13 ft. Her propelling 
machinery consists of two McIntosh and Seymour 
350-b. h, p., 275-rev. per min., heavy-duty Diesel 
engines, each, direct-connected to a Westinghouse 
185-kw., 125-volt, d-c. generator and a 35-kw,, 125- 
volt exciter. 

The propelling motor is rated 455 s. h. p., 250 volt, 
100 rev. per min. 

The exciters provide, in addition to the excitation 
requirements of the propelling machinery, power for all 
auxiliaries and lighting. When the main xmits are not 
running in port, a 35-kw., 125-volt Diesel-engine-driven 
auxiliary generator supplies all the ship’s power, 

A unique feature in this installation is the use of one 
of the main units for supplydng current to the three 
35-h. p. cargo oil pump motors as well as other ships 
power thus keeping the size of the auxiliary plant tO’ 
a minimum. 

The Ward-Leonard system of control is used and 
two control stations are provided, one in the forward 
end of the engine room and one in the pilot house. 
At each station is provided an ammeter, a voltmeter 
and a propeller speed indicator. 
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The pilot house station is used almost exclusively 
and the control of the ship directly by the officer on 
watch without recourse to bells or other signals is 
comdered by the owners and crew a valuable feature 
incidental to electric drive. 

The main switchboard is located in the after end of 
the engine room and contains necessary air-break 
switches, instruments, rheostats, etc., for the complete 
control of the electrical machinery. Adequate inter¬ 
lock ^ provided to prevent wrong operation and the 
switching system is arranged in a very simple manner 
for each manipulation. 


electric drive and its wisdom in sponsoring it has 
been admirably substantiated. 

The complete success of the collier Jupiier completed 
in 1913 was instrumental in causing the Navy to adopt 
electric drive for all capital ships beg inn ing with the 
U. S. S. New Mexico in 1915. This act in itself is 
sufficient testimony of what the builders and users 
of war vessels think of its merits. 

Service operation of several battleships has indis¬ 
putably* proven the prime requisite of reliability and 
economy of operation. 

Electric drive, compared with other drives, shows 
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Pia. 21—Diaoham opa.o. Contkoi. Wntina, 7. S. S. Cnlifornm, Maryland an« Wml Virginia 


The trials of this vessel proved most satisfactory 
and met all expectations. 

Th[e Standard Service equipped with Pacific Diesel 
and General Electric machinery belongs to the Stand¬ 
ard 0 il Co. of California and is very similar to the 
J. H. Senior. This tanker has been in service for 
some' time on the West Coast and has performed in a 
evry Satisfactory manner. 

U, S. Navy 

While -the U. S. Navy is principally responsible for 
introducing turbine electric drive for ships it is not 
considered advisable to dwell in detail upon this branch 
of the marine field in this paper. 

The U. S. Navy may be considered the pioneer in 


superior protection from torpedo attack upon the 
machinery by virture of the flexibility of arrangement 
of the electric units and also provides superior ma¬ 
neuvering qualities. 

Because of the large powers involved turbine electric 
is better suited for propulsion of war vessels than is 
Diesel electric. The development of larger Diesel 
engines for electric drive, however, may modify this 
situation in the near future. The present battleships 
are rated about 30,000 s. h. p. and the aiiplane ear¬ 
ners are rat^ 180,000 s.h.,p. To date, therefore, 
electric-drive installations cover powers from less than 
100 to 180,000 s. h. p. showing the extreme range of 
application. 
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Pig. 22—Schematic Abkangembnt op Peopulsion Conteol, 
U. S. S. Tennessee 


Induction motors of various rotor winding combina¬ 
tions have been used and all have proven satisfactory. 
Pole changing arrangements are provided for reduced 
speed and cruising conditions when using only part of 
the generating plant. This feature affords marked 
superior economy over other t 3 rpes of drive where the 
prime rnovers must all run at reduced speeds with 
correspondingly less efficient operation. 

With full backing power available the electric drive 
ship possesses a decided advantage over the turbine 
drive ship when maneuvering. The ability to stop 
quickly and the positive control of all propellers are 
important features to a war vessel. 

The control equipment is centralized and located in 
probably the most protected place in the vessel. The 
flexibility of control is such that almost any emergency 
resulting from casualty to any equipment connected 
with the propulsive machinery proper can be quickly 
taken care of by disconnecting the disabled unit from 
the source of power. 

The control room is equipped with all necessary 
instruments, gages, etc., for affording the engineer in 
charge a complete pulse on the operation of the entire 
propulsion machinery. 

The maintenance of electrically propelled battleships 
to date has been very slight. While casualties to the 


electrical machinery at sea appear quite remote, 
sufficient spare parts are carried for effecting repairs on 
board ship if circumstances warrant it. 

Electric drive for capital ships is»probably here to 
stay and is gaining reputation with every installation. 
Much credit is due the U. S. Navy for its advance step 
in the art of electric propulsion. 

Conclusion 

While the growth and adoption of electricity as a 
means of propelling ships was very slow for sometime, 
the past six or seven years in particular, have shown 
definite and rapid progress. Electric drive, after fair 
and impartial trial, has been well established and those 
who have been concerned with its development are 
greatly pleased with its growing popularity. 

With the advent of the heavy oil engine the field of 
application of electric drive has been greatly broadened 
and the decided impetus already gained will carry 
this systan of propulsion into practically all 
classes of vessels. The success of electric drive to 
date is beyond question and the widespread interest is 
conclusive evidence of its indisputable merits and most 
promising future. 

The art of dectrically propelling ships, while con¬ 
ceived many years ago, is comparatively new in 
application and it is a source of gratification to the 
pioneers that their early predictions are rapidly being 
fulfilled. After this system has passed teough the 
lengthy stage of development common to the other 
types of drives the expectation of the most enthu¬ 
siastic will undoubtedly be realized. 
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TABLE III—VESSELS EQUIPPED WITH DIESEL ELECTRIC PROPULSION MACHINERY 


Name 

Tonnage 

Displace¬ 

ment 

Type 

Year 

in 

Service 

No. 

C 

KW 

ea. 

reneratora 

Voltage 

ea. 


Bi 

8.H.P. 

1 

No. 

>ropoller 

R.P.M. 

Knot» 

1. 

M. S. Mariner... 

500 

Trawler 

1920 

2 

165 

125 

350 

DE-DO 

400 

1 

70/200 

10 

2. 

Elfay. 

313 gr. 

.Sea-going Yacht 

1920 

1 

76 

126 

425 

DE-DC 

90 

1 

360 

8-8jS^ 

3. 

Guinevere. 

574 gr. 

Sea-goiug Yacht 

1921 

2 

226 

125 

225 

DB-DO 

550 

1 

220 

11 

4. 

Alcyone. 

453 gr. 

Sea-going Yacht 

1922 

2 

140 

125 

250 

DE-DC-DA 

350 

1 

175 

10 K 

5. 

M. S. Fordonian. 

4050 

Cargo-Gt.-I.akes 

1922 

2 

350 

250 

200 

DE-DO 

850 

1 

120 

8K-9 

6. 

Valero 11. 

— 

Sea-Going Yacht 

1922 

2 

90 

126 ^ 

450 

DE-DC-DA 

215 

1 

276 

— 

7. 

Poughkeepsie ... 

400 disp. 

Perry 

1922 

2 

90 

260 

450 

DE-DC 

200 

2 

600/220 gr. 

10 (b) 

8. 

M. S.Golden Gate 

1005 

Ferryboat 

1922 

2 

360 

250 

225 

DE-DC • 

760 

2 

145/180 

12 m. p. h. 

9. 

M. S. Golden West 

1006 

Ferryboat 

1923 

2 

360 

260 

226 

DE-DO 

750 

2 

146/180 

12 m. p. h. 

10. 

Naldnah II. 

— 

River Yacht 

1923 

2 

25 

250 

1000 

SE-DO 

60 

2 

600 

— 

11. 

M. S. Standard 














Service. 

2726 

Tanker 

1923 

2 

246 

230 

265 

DE-DO 

600 

1 

130 

9 

12. 

M. S. Alaska 














Standard. 

2725 

Tanker 

1923 

2 

245 

230 

265 

DB-DO 

600 

1 

130 

9 

13. 

M.S. Twin Cities 

3000 DWT 

Cargo-Oanal-Gt. L, 

1923 

2 

250 

230 

260 

DE-DC 

500 

2 

180 

S—IO—m (bj 

14. 

M. S. Twin Ports. 

3000 DWT 

Oai’go-Canal-Gt. L. 

1923 

2 

250 

230 

260 

DE-DC 

500 

2 

ISO 

8-10-m (b) 

15. 

Cutty Sark ex- 














Ariadne.’,., 

246 gr. 

Sea-going Yacht 

1924 

2 

65 

126 

600 

DB-DC 

150 

1 

240 


16. 

J. B. Battle. 

V-e" draft 

Stem Wheel River 














Towboat 

1923 

2 

90 

125 

450 

DE-DC 

200 

1 

600/26 gr. 

8-9 m. p. h. 

17. 

J. H. Senior. 

2336 disp. 

Tanker 

1924 

2 

185 

125 

276 

DE-DO 

455 

1 

100 

9 

18, 

A. Mac Henzie... 

>000 DWT 

Sea-going Hopper 














Dredge 

1924 

3 

700 

500 

160 

DE-DC-DA 

1600 

2 

90/110 

11^ 

19. 

W. L. MarshaU... 

2000 DWT 

Sea-going Hopper 














Dredge 

1924 

3 

700 

500 

150 

DE-DC-DA 

1600 

2 

00 

IIM 

20. 

Dan C. Kingman. 

2000 DWT 

Sea-going Hopper 














Dredge 

1924 

3 

700 

500 

150 

DE-DC-DA 

1600 

2 

90 

llj^ 

*21. 

William T. Rossell 

2000 DWT 

Sea-going Hopper 














Dredge 

1924 

3 

700 

500 

150 

DE-DC-DA 

1600 

2 

90 

11^ 

22. 

P.R.R.TugNo.l6 

— 

Tug 

1924 

2 

235 

250 

260 

DE-DC-DA 

676 

1 

125 


23. 

M.S.Van Dyke I. 

138 gr. 

Tug & Fireboat 

1924 

2 

155 

125 

257 

DE-DC 

370 

1 

120 

10 

24. 

M.S.VanDykell 

138 gr. 

Tug & Fireboat 

1924 

2 

165 

125 

267 

DE-DC 

370 

1 

120 

10 

25. 

M. S, Van Dyke 














III. 

138 gr. 

Tug & Fireboat 

1924 

2 

155 

126 

267 

DB-DO 

370 

1 

120 

10 

26. 

M. S, Brilliant... 

863 gr. 

Tanker 

1924 

2 

155 

126 

257 

DE-DO 

370 

1 

120 

10 

27. 

M.S. LaPlaya (c) 

3682 gr. 

Pass-Cargo 

1924 

4 

600 

220 

250 

DE-DO 

2500 

1 

96 

12 K 

28. 

M.S. LaMarea (c) 

3689 gr. 

Pass-Cargo 

1924 

4 

600 

220 

250 

DE-DO 

2500 

1 

95 

12 H 

29. 

J. W. Van Dyke 














ex-Allentown. 

7000 

Tanker 

(a) 

3 

600 

250 

225 

DE-DC-DA 

2300 

1 

100 

11H 

30. 

Kanawha. 

— 

Riverboat 

(a) 

1 

60 

250 

600 

DE-DO 

60 

Stern 

Wheel Boduc- 













tion 

Goar 


31. 

M.S. Hawaiian 












• 


Standard. 

— 

Tanker 

(a) 

2 

245 

230 

225 

DE-DC 

600 

1 

130 

9 

32. 

— 


Experimental Tow¬ 














boat 

. (a) 

2 

7-K 

125 

1200 

SE-DO 

18 

2 

Tunnel-Screw 

Type Be- 













duction Goar 


33. 

M. S. Lake Weir. 

2018 gr. 

Dredge 

(a) 

2 

400 

240 

200 

DB-DO 

1000 

2 

130 

10 m 

34. 

F. M. Coots, Ex-S. 














S,McChestney,jR, 

700 gr. 

Ferryboat 

(a) 

2 

176 

230 

267 

DE-DO 

360 

2 

14 

8 in. p. h. 


Two War Dept Towboats are under constructiion, having one 86-Kw., 240-Volt, 450 rev. per. min. generator, 100-li.p. motor, geared to stem 
paddle wheel, Diesel electric drive. 

(a) Under Construction DE Diesel-Electric 

(b) Designed speed, miles, per hour. SB Gasoline Electric 

(c) Propulsion Electric Machinery and Control by the British Thomson- DC Direct Current 

Houston Company, Ltd., Rugby. England. Equipment for the other DA Double Armature 
vessels by Westinghouse & General Electric Companies. GR Geared to Motor 
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{ I I ! \ l»y II, ( . ( }foliirKhiii, Muy 1924. 

Tli.‘ l)i(.-s.4 Kli.ci,iii- Sliip LA PLAY A |>y T. H. Itoltim. 
(U nn al Eh rtrir Ih rii ir^ Su(>tonih(M’ .1021. 

All Klfi-iriif Sca-iioiriir hy if. i\ Cohmiaii. 

Tlir Eh rtrir Jnuriitil^ SnpIrinlMM* Mr2'|. 

A ii? I Uy 1 m*«uiIv DiiRdSfjuo. *^2 (joiionil 

Moctitiir .*r liht SiM‘if‘(y ol* Naval Atvliihu-ts and Marino Kiiffl- 
lUMMs in N'rw Vnrk, Novonil»«ir Idainl I I, |.<)24, 

\Vrsiiii*4:!ii»iisc‘Marino Wv^ttinuhouar Ehrlric *(!' Maun- 

farturifuj EtuHpunif's Cirruhtr U>*J2. 

“Klr*'lric Siiip Propnlsinn/’ hy (Ninimumlor .S. W. Kohinson. 
n. S. 

“U. S. S. I’oiinos^oo,’' hy (’onuiuunlor (\ A, Joiujs, II.S,N.— 
Jountnf Aniorimn Snr-ioJy til* Naval Mn^inoors 

l)is<uissi<>n 

V, Kantpcdoflt ^rUo I )iosoI on^ino is c^ssoniiially a onnsiani- 
«p 0 (*d prijMo niowr, and I siiould llko h» ask Mr, Thau ahout its 
applit'alitut h» tin* lujL.if sorvicM*, wliicdi, to jiit*, is fvssontially a 
variahh* >ipfMMl applnfatinUf and also oin* involving a hif^h slip, 
oitlior in tin- oh*olrival otpiipjinnit or hotwomi tho proi>olhn* and 
I ho ohurniiiM; walor. Wilh a d*o. drivo, lht< I)i(*.std (*iijyi;ino can 
run a! a onuslanl spood, and iho d-o, iuotor on tho shaft oan \n\ 
oontmllod oiihor I»y a sorios rosistnn<«o or hy a rosistanon in tho 
Ih'ld (drcMiit. Hut I should Uko to know how this is doiuj with 
a-o. ilrivo. nr is tin* a-o. ilrivo not suitaliln for tho tuj^ sorvico? 

1 wish aho to jnontiun a s[H‘oilu? oiij^inoorlii/^: prol»loin wiiieh 
arisos in tho tnrhiiuwdootric niariiio drives with (dthi*r induction 
or synohroiious ntoiesrs. H'lns ittfiuotion motor has a circle dia- 
^^raIn, hut this diagram holds trim only at a cemsiant cnrnuit or 
ctinstunl \»iltaKr. in marine tirivo wo have insithor. If my 
information is oorroe*!, j!:f»iu*rati»t*s an* usually oporatod at a 
constatit hold t*urrout. in which ctiso the* te*nniual voltage hotwesem 
the* nieitor and Iho goni'ralor varies with tins tempu* e>n the» pres- 
pe*lle*r shaft. As this lori|Uf* incrouse*s, tlm gone‘rateir vedtage; eliess 
down. In coiuputiug Iho pe»rfe)rmanco (!haracteu*istics of suedi a 
se*!., \vi* ha Vo a ralhe*r elifthutit e*ngince*ring prejbloin, hocauso tln^ 
intoriial roaclance* in tin* ge*fn*rator and its armatures macthm have 
to he» i*on«iele‘re*d. as Well UH Ur* Ceinstauts eif tho jnote>r itsidf, the) 
vedltigo hot\vt*f*n the* hvei muchirms ht*nig at iho same time a func¬ 
tion i»f fin* load, 

€• H# Cidrotixi I sliall cimtiru* my remarks to river heiais, as 
I helii'vo ihfit many ongifie‘e*rs from this vicinity are inten*e?stod in 
this snlijoe*!. 

'rin* authors have* omlltetd refeTonen^ h) one ve'sscl which t 
he'Ueve ejosorves m(*.iition, as it is fuiee e>f tlm pionet?rHin its fliedd, 
naundy flm f*hninkfi, Tlu^ Chnnnka is a Htejrn-wheel towboat; 
77 ft., hmg, lO-ft. fH*am» and having a elisplacojnent. of 32 long 
teins. 

During ltr20, the* t.’imdnnati district eif the (1. B* Etigineer 
I>e*partme*nt «‘e|nippe*el it wilh e«h*ctric pre>])tilsiou, usinga 25-kwM 
giisoliin'-edoelrie* generating set, a 5(Mi, p,, Hhunt-W'ound mofee)r, 
and rhe*oslaf ie* emntro!* For eixpe^rimental purpe^seis, a producer 
\vtLH iiistidlod unel ( }h» e*ngine* eepe-rated on coal gas for a short time. 
The inl<*niiitleMti se*rvu*e* in which tlm vessel was used, howeever, 
was not eoiiducdve to gemd results with the producer, and it was 
finally ahandotie^d. Kerose'uo was useel with a fair degree of 
Hucce*Hs, l)Ul I he advantage eif bwer ftiel cejst was offset by operat¬ 
ing <linh»)dtio*4,aiid the engine is now being run on gasoline only. 

While the oi|ijipim*nl on the Chenoka does not conform to 
presf*nt marim* stamiunis in many nmpects, it has been in suc¬ 
cessful operation for a suflienmi huigUi of time to iirove the reli¬ 
ability of oloelrie drive for sjnall river boats where the mainte¬ 
nance is not always the b<»st, and where skilled operators cannot 
be eniployed for monetary reasons. 

Based on the restdts obtained on the Chenoka and tho Diesel- 
electric towboat,,/. Bufdr, the U. B. Engineer Department is 
designing and constructing a number of stern-wheel towboats 


for use on tho Mississippi ami Ohio rivM*rs. Those boats will have 
improvcjmmts incorporated which should caus(* tlumi to show 
even bettor results tljfin those now in op(‘ration. 

The most important of these ijn])rovements is tlu* adoption 
of a propulsion motor, the speed of which Jiuay he varied over a 
widt) range by field control, keei)ing the liorse-power output 
constant. Ward Leonard cotitrol for slow-spoed running, 
aect^lerating and reversing is, of course, retained. Tlui variable- 
speed motor allows full rated output of the prijue movc*rs to ho 
appli(*d to tho wiioel at an^' sptHHl of tho towboat from stamlsiill 
to lighl^nmniug spe<Rl. 

This is a decided advantage over any dir(‘Ct drive system 
where the Jior.se power varies wilJi Iho specMl of tlu* paddh' wlujel. 
From tests on existing towboats it is estimated that tin* (*lT<*ctive- 
iiess will be increased as follows: 

Variahh 


Bpeonl, 

Ehiclric Otiu'r 

Conditions Drive Systems 

Towing f*(Tort at standstill, p(*r t.... 100 100 

Speed bnving four barges, ymr cent. 110 100 

Speed light witlu>iit tow, per cent. 100 100 


The first condition means tJiat the tow can b(* uecelerated 
more cpiickly and a heavier tow can be nfaneuverc'd. 

The second condition show.s a substantial saving in tiling when 
handling heavy tows. 

Thc» third condition shtnvs Unit there is no sacnllce in ruiiniug 
light speed f4»r th<^ gain in towing ability. 

As tlie weight of the tow is ofUm limited by tln^ rapidity of 
the current when going iip-Htr(*ain, tho extra towing eiT<irt avail¬ 
able may enabh) the boat to liandlo heavier tows and l.o make 
“double tripping” unnece.ssary in the more rapid parts of the 
stream. 

(Nin.sid<*rabJe alb»ntion has boon given to tht^ control i‘qui[)- 
nient, with the hlea in mind of sim]ilifying ilio methods of opora- 
tion. Tho next towboats built for tho IJ. B. Etigiiuuu* Deparli- 
moiit will be equipjH'^l with automatic oonti’ol from the jjilot- 
honse* By means of a single masU^r switch, tho boat may bo 
maneuvered fmm full sperMl ahead to full sp(H)d astt<rn witliout 
tile necessity of watching electrical instruinents or without danger 
of overloading the iirime movers. No adjustmenfc of rheoslats in 
tho engine room will be requinsd for handling tows of various 
weiglits, as this is accomplished by the automatic devices. 

An attempt is being made to place the design of river boats 
on a more scientlhc basis than has h4?<*n possible herf‘torore, 
not only by means of cimiplefco model tests, but also hy s(*cnring 
operating data from vessels in service, Electric drive, with its 
attendant poHsihilitios fqr accurate measurement of powf*r under 
daily service conditions, will do much to aid tho investigators in 
this attempt, 

A# A. Coylcx I'lu*. propulsion of vessels hy olisci.ric penver is 
yet in its infancy, and like most oth<*rinventions, will heimprovtal 
from time to time ns def<‘cls in design and mechanism develop. 
This is the history of mechanical devices, and whih* there* may be 
0xc(‘i)tif>ns, wm know iif none in which tlio original design has n(»t 
been changed to meet tho conditions under which l.lu’y must 
op(*rate. 

Generally speaking, electric <lriv(j for boats has fiassed th(^ 
experimental stage, tin* installations made in tlm past and tho 
successful operation of the various craft in which the installations 
were made, demonstrate i1.s practicability and (dllciency bir boat 
propulsion. 

Boat owners and operators have been slow in adopting new 
or untried methods ftir tho operation of their boat s and the princi¬ 
pal reason for their conservatism will bo found in the fact that 
the margin of profit is so slight that experimental w^ork could not 
be undertaken, or even considered. Operating costs have 
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more than doubled, and the receipts or advance in rates have not 
been in the same proportion, resulting in what is termed hand«-to- 
mouth existence. With conditions unfavorable for successful 
operation of their boats, many have disposed of their interests, 
while others have continued the operation of their fleet with the 
hope that means for reducing the operating costs would even¬ 
tually be provided. The successful operation of boats propelled 
by Diesel-electric power has inspired boat owners to investigate 
the advantages of Diesel-electric over the steam drive, the 
result of which has convinced many that the Diesel-electric 
power is what is needed if river traffic is to be revived, and the 
operation of river craft made profltable. Diesel-electric power 
for river boats has the following points in its favor: 

a. Economy in operation (fuel and labor) 

b. Efficiency in maneuvering 

c. Concentration of responsibility in one man 

d. Positive control 

e. Insurance reduction 

f. Cleanliness 

g. Requires less deck space 

h. More deck space available, due to storage of fuel in hold 

1. Equal torque at all speeds 

With the facts above mentioned brought to their attention, and 
the necessity of reducing operating expenses to the minimum to 
realize a reasonable return on their investment, many boat 
owners have decided to install Diesel-electric power on all boats 
to be constructed by them in future, and in some oases will re¬ 
move the present steam installation and install Diesel-electric 
power. This wiU tend to revive river traffic, and the means by 
which the operators of river boats may recoup themselves for 
some of the losses sustained in the past. 

As is ^eraUy known, there are in use three methods for the 
application of electric power to stern-wheel boats, *. e., 

a. Longitudinal shafts with bevel or worm gears 

b. Chains running over sprocket wheels 

e. Pitmans, similar to those in use for steam drive 

For many reasons, the first and second methods are not satis¬ 
factory where applied to stem-wheel boats operating on rivers 
where silt and drift are prevalent. The construction, and the 
oracing of tte paddle-wheel supporting beams must necessarily 
be light to mme the desired draft of boats for shoal rivers, and 
tte wheel Wg subjected to both vertical and longitudinal 

out of alinement the 
^ corresponding loss of power. 
There IS ^e danger of drift and broken buckets coming in 
contact with the shafting, which often causes serious damaj to 
tte parts^d quite frequently disables the boat until suchtime 
M the parts can be unshipped, sent to a machine shop, repaired 

which repairs might be made, it is evident that delay in such 

Forthesereasonsithasbem 
all rnrio ‘^®signers and owners of stern-wheel boats to elitiiin5^,t .fl 

mav he *^®®® ®^'^o®atmg the chain or gear drive that aU parts 
^y be housed for protection, but even though this housinginay 

movement of the wheel, which tends to throw , 
he driving mechanism out of alinement. The housinir must 
^cess^ty be made very strong to withstand the usage to which 

theywmbesub,ected,foriftliisisdamaged itisaseSTusmlS , 

mS (Pit^s) to transmit the power from the i 

However opinion the best yet devised i 

SnvWf*^® M applied, is not entirely satLactoiy to 


the width of the boat. To this are attached the cranks and a 
large spur gear. This gear is attached to the counter-shaft at 
about the center, thus necessitating three or more bearings, a very 
bad feature when one takes into consideration the light construc¬ 
tion of the hull to which the counter-shaft bearings are secured, 
because it is then impractical to provide foundations with suffi¬ 
cient rigidity to insure proper alinement—an essential feature in 
fuel economy. And while the shaft alinement is not observable, 
it is more or less out of alinement, the amount depending upon 
the rigidity of the hull to which the shaft bearings are attached. 
A single motor is used for the full power required to rotate the 
paddle wheel at the desired velocity, and, as all of the power is 
applied to the large spur gear attached to the counter-shaft, it 
is evident that when one of the pitmans is on center the full power 
of the motor is transmitted to the other pitman which, for steam 
drive, would be designed to transmit only half of the actual 
horse power developed. Under no eiroumstanc(3 could more than 
half the power be applied to either pitman. Therefore, it is 
evident that pitmans, cranks and wrists for the electric drive as 
now applied must be proportionately larger than those in use 
for steam drive with equal power, to care for the increased thrust. 
This addition for increase in strength and weight of the pitmans, 
cranks and wrists occurs where it is most objectionable, as our 
great problem is to keep the stern of the boat up, in order to 
obtain maneuvering benefits. With the counter-shaft extending 
across the boat, and, necessarily, three to five feet above the deck, 
the space aft of the counter-shaft is not available for other 
pui^oses. 

We are of the opinion that it is possible to design, and apply 
a more efficient and better general arrangement than is now in 
use, and we are working with that end in view. Wo believe the 
power required to propel the boat should be in two units, (two 
motors) each acting independently on its own pitman, with a 
suitable control to cut out the current gradually as tho pitman 
approaches the center, and again applying tho current gradually 
immediately after ^e pitman passes the center, tho application 
of power being similar to that now in use with steam drives. 

There is a difference of opinion among electrical engineers 
regarding the practicability of such an arrangement, some 
coritending that motors as now constructed, would not stand up 
under such usage but, as the motor is not stopped, or even per¬ 
ceptibly slackened, it occurs to us that if motors as now con¬ 
structed will not meet the requirements, a motor can be built that 
will. 


The installatioii on the U. S. Towboat T n k m ■ i j 
• „d ven,!«,« 


_ R. A. Beelrawi My oomments refer to several points 
m the paper as indicated in the following notations: 

Paragraph beginning “The justification of the turbine electric 
system, etc. Taking transmission efficiency in its broadest 
senre, toat is, from the boiler to the propeller, the efficiency of 
the turbine electee system using a-e. machinery is in many eases 
equ ^ 0 , in some cases better than, the corresponding trans* 
^ssion ^ciency obtained with geared turbines. Namely— 
the geared-turbme losses including the losses in the gears, revers- 
mg element, cross-over connections, additional bearings, packings 
Md lubn^tmg oil required over and above that required by the 

®I®®*”° give a total of from 7 to 10.3 per cent 

or the total shaft horse power. 

turbine electric drive, the total toss including 
losses in toe motor, generator, control, and cables, and toe power 

ia ventilation of toe main machinery, 

*^® delivered to the pro- 

J?^®™i®'e, where single reduction gears are used, 
^turbme efficien<^ on the Rankin oyole should be higher in the 
^ of toe turbine for electric drive than toe turbine for geared 

“Turbines with reversing elements, etc.” 
The larger diameter necessitates larger radial clearances with 
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ieaction-type turbines, but if impulse-type turbines are used, 
^ ^Uial clearance is not a factor. 

Paragraph beginning “With turbine electric drive alternating 
<2'tirrent is more satisfactory, etc.” Greater emphasis should he 
R’lven to the advantages of d-c. turbine electric drive for the 
smaller ships where turbines are suitable. The important ad- 

^^tage is that a constant-speed turbine generator may be used 
wliich perlnits taking the auxiliary power either from the main 

Iterator or from the direct-connected exciter. We also have 
*^11 of the advantages incidental to the flexibility and reliability 
the Ward Leonard system of control repeatedly referred to 
m this paper. 

Paragraph beginning “The electrical machinery is practically 
ttre same as used in land installations,’’ etc. There is an increas- 
ing^ tendency to run the electric auxiliaries from the main pro¬ 
pulsion generator, in order to get auxiliary power at approxi- 
ixia/tely the efficiency of the main unit. 

Paragraph beginning “A 75-kw., 115-volt, 900-rev. per min. 
oxciter,” etc. This exciter also supplies power for miscellaneous 
^tirxiliaries. 

Paragraph beginning “The Ward Leonard system of voltage 
ooxitrol is by far the most satisfactory,” etc. The Ward Leonard 
fciVstem is not necessarily the most satisfactory system, inasmuch 
ixs the rheostatic-confcrol system has been used most satisfactorily 
0 X 1 at least flve ships. The rheostatic control was selected after 
eax-eful consideration of the special conditions to be met. Where 
two or more generators are used one generator may be operated 
ii/t constant potential, furnishing power for excitation and the 
sxiixiliaries as well as for propulsion, and the second generator may 
l>e operated on the voltage-control basis; This is a combination 
of rheostatic and Ward Leonard control where all maneuvering 
of the ship between 50 per cent and 100 per cent propeller speed 
IB obtained on a Ward Leonard, and hence, highly efficient, basis. 

Paragraph beginning^With the series connection of generators, ’ ’ 
cH;c. The statement regarding Ward Leonard system being less 
oxpcmsivo may be somewhat misleading, due to the fact that the 
necessary exciters should be considered a part of this system, 
Doth as regards expense and complication. 

Paragraph beginning “The control board contains suitable 
H witches,” etc. In the early days of Diesel-electric drive it was 
tlioiight to be desirable to have a time-delay element for limiting 
t Jici speed of operation of the control, but experience has shown 
tliaxt this is unnecessary and that we can go from full speed to the 
Btop point without hesitation. 

l^aragraph beginning “With this type of drive provision is 
usually made for both pilot-hoxise and engine-room control,” etc. 
A ixother advantage of pilot-house control of tug boats comes in 
}>oiug able to take slack quickly out of the tow ropes and uni- 
f orjxily accelerate the tow without objectionable strains. 

Paragraph beginning “Flexibility and Reliability.” The 
rxuxnber of generators is not limited by either the rheostatic or 
Wa/xd Leonard system of control. 

Paragraph beginning “It will be noted that the control for 
tlxese boats,” etc. The Fordonian has a control which is a oom- 
Dillation of Ward Leonard and rheostatic system, as described 
under Comment No. 6, 

Paragi’aph beginning “The Standard Service equipped with 
Peboific Diesel and General Electric machinery, etc.” 

rrhe Standard Service was put into commission in March, 1923, 
uxid similar tankers, the Alaska Standard and the Hawaiian 
Standard, were put into commission in December 1923, and 
peDruary 1925, respectively. This is a good example of an owner 
lieb'ving added Diesel-electric ships to his fleet after experience 
with the flrst boat. 

'W* E* Thau: • Professor Karapetoff struck on two vital points 
in connection with electric drive; one relating to the flexibility of 
direct current for tug boats and the other the unit design of an 
propulsion system. 

If an attempt is made to use alternating current for tug 


r.2l 


boats and that class of service, we should have a plant, w ^ 
extremely inflexible in comparison with direct cui’X'ent; ^ tu- 

thermore, if we had multiple-unit arrangements of engines, i r 
would be necessary to operate a-c. machines in pai'alleU wliieH is 
questionable, regardless of the arrangement; that is, the icitui o 
operating Diesel-driven, a-c. generators parallel oil boat'd 
In addition, we would lose about 80 per cent of tlie 
which the d-c. system possesses for tugboat work. 

Furthermore, by using the d-c. system, say with two 
and a single- or double-armature motor, we are ablo t<> 
that tug with one unit in case of failure of one of tlxo 
In case of failure of a direct-connected engine, tlie sittial hni is 
helpless. This particular advantage has proved to bo of great 
practical value in connection with the P. P. 16, 

operated by the Pennsylvania Railroad in New York- cme< 

occasion they had trouble with an engine and tliat tnigino wa« 
shut down and the tug operated on the remaining engiixc^t wit ht)Ut 
those for whom the towing work was done knowing* wlxcddit*r om 


or two engines were in operation. 

With the d-c. system, the Ward Leonard system of xnoior 
control is used. This permits the use of simple g€inorator*li«dti 
rheostats for providing a large number of speed valuoH hi 
direction in the most economical manner. The onginoB run at 
constant speed. The generators are connected in HGiden, tluiH 
dispensing with the necessity for parallel operation. gIoc* 

trical efficiency is maintained near the full-load value tbroxigbout 
the entire speed range from 10 per cent to 100 per cent Bpeiul. lu 
other words, the combined electrical efficiency curve is very flat. 

In the case of alternating current, the speed ooutx’ol wc mid have 
to be obtained by engine control or rheostatic coiitroL 'rin* 
former is no improvement over the direct-connectod xuigitu* and 
the latter is both complicated and wasteful. 

Furthermore, the d-c. system permits full pow^ox* to \h* had 
from a fractional number of engines, whereas with a~e. the cuigun* 
speed would have to be reduced to suit the load in the eane of 
operation on less than the full number of engines. 

In case of turbine electric drive, the question of torfiu«» couple 
between the motor and generator was brought uix. TIiIh 
something that would probably be overlooked by the uninitiated, 
but tbe fact is that the whole system from turbiixoH to eout.rtd 
must be designed as a unit and the functions cuxch part 
correlated. 

The pulling out of step of an a-c. drive is not due to tdie fact 
that the motor breaks its torque couple. The motor is cieHtgned 
for about one and three-quarters pull-out torque, and that 
it plenty of margin, so long as it is provided with a ooUHtaut 
voltage. The real cause of pull-out between the geiuvrator and 
motor is the collapse of the generator voltage diit^ tf> overload 
which Professor Karapetoff has mentioned. 

In all land installations, we have a relatively unlimitiKl nupply 
of power and the generators are sufficient in number and in 
to supply the total demands and take care of peak loadn. Htich 
machines are usually designed to provide about 5 per oont to 19 
per cent torque margins at the nameplate rating. 

In the case of ship drive, when the load varies -with sea enn- 
ditions, maneuvering, and so forth, we must provider an atnplc 
torque margin in the generator. That is provided by adcliitonal 
excitation. If we operate with too great excitation, tlie anichnicy 
of the motor drops considerably. This condition is very 
pointedly shown in certain tests that are made on boai*d Imttk 
ships, and are known as excitation, or drop-out tests. We Mtart 
with a high generator excitation and gradually doer€mH <5 it until 
the motor and generator torque couple is broken. T'be power 
input to the motors at the start of the test is apprecialdy htj^her 
than when zero torque margin is approached (approximately 
10 per cent) and, therefore, it is uneconomical to run with too 
much torque margin. That condition has been reGog-nized ! ti ilL 
Navy, and steps have been taken to operate wessols" with m 
economical torque margin. That margin is indicated hv an 
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instrument called a stability indicator which shows the torque 
ratio at any instant. 

Mr. Barrister brought out a point in connection with the 
steering gear on board the ship. This is another case where the 
complete facts must be known, and the motor, controller, and 
resistors designed as a unit and not with a motor picked here, a 
controller there and a resistor some other place. As already 
mentioned the various units picked at random have proven a 
failure. It is a definite application problem and where early 
failures have occurred, they can almost invariably be traced to 
the fact that the equipment has been taken out of stock and 
put on board the ship. Those of us who have had experience with 
the sea conditions know that that stock equipment does not 
work. When such care is necessary in the design of the equip¬ 
ment, it is no wonder we ask for competent electricians to take 
care of this electrical equipment. 

Mr. Giroux is in a very good position to discuss the river-boat 
situation, being the electrical engineer for the United States 
Engineering Department at Washington, and having had con¬ 
siderable to do with practically all of their engineering work in 
that line, which he has so ably described. 

The War Department is investigating and pioneering in that 
field and so soon as they prove to the private owners that the 
electrical is the proper system, we shall see private boats driven 
by the Diesel-electric system. Of course, the War Department 
is in a better position to make study and investigation of that 
kind because of its organization and funds. We civilians pay 
the taxes and they do the pioneer work in that and other fields. 
The results benefit every citizen in the country. The War 
Department is doing wonderful work along these lines, even 
though most of us are not aware of it. 

Mr. Coyle has enumerated the advantages of electric drive 
for river boats from a designer’s and builder’s point of view, and 
it will be noted that he* has confirmed, to a great degree, the 
claims for this type of drive in the paper. Mr. Coyle has spent 
practically his whole life in this work, and so is in a good position 
to analyze the situation. 

We feel that he is correct in his statement, that gears and chain 
drives are not as applicable to stern-wheel, river-boat propulsion 
as the pitman drive. It represents a very intricate problem 
and one which will require much close study before it comes to a 
high degree of perfection. The fact that the electric motor tends 
to produce constant torque introduces a problem for considera¬ 
tion in design of pitman. If it were possible to regulate the niotor 
performance similar to that of a steam-engine performance, it 
would help things along considerably. There has been devised 
a special form of pitman connection using two pitmans on each 


side of the wheel, and in each pair the pitmans are placed 180 deg. 
from one another. With that arrangement, having the other side 
at 90 deg., we have a system which will develop a constant turning 
effort on the wheel. That has a further good point, in that the 
wheel bearings do not have to be anchored solid. That elimi¬ 
nates a lot of trouble that might arise from any other pitman 
design. 

I should like to make just a few remarks in connection with 
Mr. Beekman’s discussion of the paper. I thought the paper 
recognized the suitability of d-c. equipment with turbine electric 
drive. We stated that the application for that type of equipment 
was confined more to the vessel requiring very restrictive maneu¬ 
vering. For a vessel, such as a tug or a ferry, operating in un¬ 
restricted water direct current is better suited than alternating 
current, and while the cost is more, the installation of the direct 
current is justified by its increased flexibility. 

The question of rheostatic control versus Ward Leonard is one 
that can probably be discussed for a long time. Some of the 
present rheostatic-control vessels are handicapped. In small 
installations there is no question that the rheostatic-control sys¬ 
tem can be used. I think that was mentioned in the paper and an. 
example cited. Those applications that require constant voltage 
can be supplied by exciters of suitable capacity driven from the 
main engines. 

The time-delay device, which was referred to, I believe, is 
absolutely necessary and essential on many classes of ships. So 
far, the application of Diesel-electric drive has been confined to 
slow-speed, coarse-line, low-inertia vessels, bixt when this type of 
drive is applied to fine-line boats with high powers, requiring 
considerable torque to stop them, some kind of a device will be 
required to regulate the current. D-e. machinery cannot be 
abused to the same extent as a-c. machinery. Mr. Giroux 
touched on that point in his discussion, and described how the 
U. S. Engineering Department expects to provide for a current- 
regulated device on its tow boats. 

In the case of direct-connected impulse turbines the large disk 
area resulting from the large-diameter wheels is a factor con¬ 
tributing to additional losses which are comparable to the radial- 
clearance losses in the reaction turbine. 

Auxiliary power cannot be taken from main units during 
maneuvering if the Ward Leonard system is xised. 

In any event, exciters or direct-connected auxiliary generators 
are very desirable for supplying auxiliary load, and they may 
just as well be made large enough to supply excitation for the 
Ward Leonard system. Therefore, they are not an added 
complication. 



Goal-Mine Electrification 

liV W. C. ADAMS' 

Mujnbcr. A t 15 15 . 


SifnopstH. imrchiis* ov t/i itrntff potrvr far mine rrqiiin;- 

wmis /.V ilthniunni on /n/.sf.s of ininhiuun pnwvr chanjo mjniuM 
i'onl pnuhtrhou. Mi, nuttinihrunrni transmission rrsnlls in 
lnH,r •JfirifUi hs ami hun r rosls, Thr rhairr of coal hoisUntf 
si/si,tn:; IS fnistti on nhahilitff with cost stTotulanj. Skip haislimj 


Jor iaiujv niinrs tjinrs lowrr costs of inslallation nntt operation, \cith 
{/rratrr rctiahitifn. \fan’’antl'^inatvri{it hoists arranip: to take care 
of veer if possfhlr rontimjcncn atjalnsi sh al-tttacn is aitrisnhfc. <*on- 
nertimj stations is the topical nrt/onl of supplpinp ilirect cncrenl 
to nmieraronml ettnipmenl. 


T HK conditions vary so .uroaLly at the dilFerent 
mines that it. is impossible to thoroughly cover this 
suhjei'l by discussions as to (he many i)roblems to 
be solved under varying conditions. This paper will 
inc'huh* a brief discussion ol some of the important 
problems of coal-mint! electrification with descriptions 
of some concrete inslallulion.s. 

Power supply t o t he mine is an irnixirtant fact.or anti 
must bt‘ considt*r(‘ti as coming fnnn one of two main 
.sources, either Kcneratetl by a plant at tlie mine or 
purchased from a public utility com()any. Kach has 
il.s place and the trhoice can be made only on the basis 
of cost as it affects tlu* (!Ost of coal production. 

A vital part of a .shaft coal mine is the hoisting etiuip- 
ment. ami reliabiliiy must, be of first consideration, ^'he 
economic sidt; is also di.scu.ssed to .show why ditferent 
(.yi»es of bousts may be installed to meet .special con- 
ditiotis. A general de.scriT»tion of tlu; largest coal hoist 
in th«! world is here giv(>n with a di.sc.u.s.sion of .some of 
the problems involvasl in its de.sign. 

After tin* <'oal is hoisted to the surface it must bo 
properly ijrejjared and suitable features of con(,ml have 
a vital Ix-aring on (he .success of the preimration. 

'I'he mining etiuipnu'tit in the undergi-ountl workings 
must bt? supplied with power and here, the distribution 
problem is mo.sl important, as the life and maintenance 
«>f all electrically <lriven etiuipment and its ability to pro¬ 
duce maximum result s is materially affected by power 
di.strihution. 

Soi!uc:b of Powkk 

The Public. Service (.k>mpanic‘s have materially 
reductsl the cost of powtT for coal mining operations. 
They have made it po.ssible for the coal operator to 
purcha.se his power requirements at a much lower cost 
than lhaf. at which he could produce it with the make- 
.shift uneconomical plants which u.sed to be a feature of 
every mining operation. In doing this they have .set up 
a bogey unit power cost for each mine. A generating 
plant owne<l and (qgjrated by the mining company is not 
warranted unle.ss it can procluce the power requirements 
at a cost at least equal to that of purchassed power, 
which cost mu.st include a reasonable return on the 
additional capital invested. 

1. Allen & (lareia f!(»., < Chicago. 

/’rixriilKtl nl the Spring Vonvrntion «/ Uu: A. /, E, E., to he 
uid at St, Lmm, Mo., April IS-tT, ll)2o. 


I'he Public Service Company luis the advantage of a 
large output and a relatively high load factor which, 
for a mining operation, is usually about 14 per cent an<f 
rarely exceeds 20 i)er cent. Both the quantity of out¬ 
put .and load facto!’ might be increased if it were pos- 
.sible to serve some outside ofT-])oak load; but this is 
I’arely the ease. 

Where two or more operations csin be served from 
one plant, tlie load fa<!tor will be imijroved, reducing 
the unit investment cost iier ton output and cost per 
unit of power generated, fn making a comi)a!’i.s(m of 
the cost of power genei‘ate(.l and power pui’chjised, t.he 
advantage of grouping is often over estimated unle.s.s a 
like grouping with a .single metei’ing point is considertsl 
for purchased power. 

As an illustration, a mining comptiny (jpenxting 
.seven properties with purchased power metered for 
individual mines made the necessiuy investment for 
rli.stributing lines from a single metering point. With 
l.hi.s .system the power bill wsis reducetl If) per cent, 
which represented over 20 i)er cent net annual return 
on the investment. 

A Public Service Company can locate its plant at 
.some advantageous point largely determined by the 
water .supply. At a mine site the quality and quantity 
of water available for boiler and condenser uses is often 
inadequate. This factor must be carefully consiidered 
before it can be determined that a generating plant for 
mine requirements is even feasible, for the expen.se and 
losses due to a shortage of water supply during one pro¬ 
longed dry period may offset the accumulated advan¬ 
tages of a mine plant over a period of many years. 

As against these advantages, the Public Service 
Companies must pay freight on their coal, and usually, 
becau.se of these freight charges, must buy high grade 
fuel, and then make a i)rofit over their costs. 

The individual operator can burn coal which he 
cannot sell or a grade which has relatively low market 
value or is hard to move. In the preparation of coal at 
almost every mine, impurities containing a certain 
amount of burnable material, are picked out, which if 
properly crushed and mixed with the low-grade sizes 
made in coal preparation, should give a fuel con¬ 
taining from 30 to 36 per cent ash. 

Every cod-mining generating plantshould be equipped 
to burn this product, thereby reducing materially the 
large.st item of cost in power production by a Public 
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Service Company. The plant must also be properly 
engineered, designed and equipped for the usual 
economies found in good Central Station practise, mak¬ 
ing allowances only for the difference in sizes of 
equipment. 

Reliability of the power source is essential and a 
Public Utility System, with its vast net work of trans¬ 
mission lines, is often at a disadvantage as compared 
with a plant located at the mine site. A Public Service 
Company which cannot show a good record for conti¬ 
nuity of service or that reasonably continuous service 
can be supplied, should not be considered a possible 
source of power for a coal operation where a power 
plant at the mine site is practical. 

“The coal mine operator in installing a power plant 
for generation of his power requirements is entering a 
field for which he is not organized” is an ar^ment very 
frequently used for the purchase of power. This, 
however, is not an argument that carries little weight 
for coal operators can and are now producing their 
own power requirements at a profit. 

This is demonstrated by an existing installation 
where a power plant was put in for a shaft operation 
having a daily potential capacity of 7000 tons. This 
plant is designed to secure maximum economies con¬ 
sistent with capital investment, and is burning the 
crushed mine picldnp, mixed with the lowest grade 
slack produced. 

The estimate on which the decision to install a plant 
at the mine site was based, showed that the saving of 
power generating cost as against purchased power cost, 
would pay 112/10 per cent interest on an investment 
of $460,000. 

This estimate of comparative power cost included for 
the generated power all items of labor, supplies, main¬ 
tenance, fud, water, amortization, obsolesence, and 
overhead items, excepting interest on capital invest¬ 
ment. For purchased power, similar items were added 
to the power bill, and the dbst of operating, maintain¬ 
ing, etc., a steam plant necessary for furnishing the 
steam required for heating, wash house purposes, air 
humidification and standby equipment was also 
included. . 

Based upon operation to date, it is safe to say that the 
saving estimated will be exceeded.. This, together with 
the fact that the Public Service Company had not been 
e^ecially reliable, has made the generating station at 
the mine a profitable investment. 

Like estimates for a somewhat similar operation 
in a field where lower power rates were in force failed to 
show that any saving could be made by the installa¬ 
tion of a generating plant at the mine. The failure to 
show any saving is partly explained by the fact that the 
capit^ investment was excessive due to the natural 
conditions affecting power plant construction. 

An investigation of cost of generating power versus 
purchased power for a large operating company where 
two mines could be served from one plant, determined 


that by an additional expenditure of $760,000, power 
could be produced at a cost which would earn 7% per 
cent on the investment in comparison with purchased 
power costs. 

This plant would require some, special provision for 
insuring water supply ^d this fact, considered with the 
earnings on the investment, resulted in a decision in 
favor of purchased power. 

Opinions as to the proper returns that such an invest¬ 
ment should show varies and is somewhat dependent 
upon theavailability of capital from a company'sreserves 
or the borrowing capacity. Itmust also be based upon the 
probable returns that could be secured by an investment 
by the company in other channels; another coal opera¬ 
tion for instance. It should not be less than 10 per cent 
and might, in many cases reasonably be set as high as 
16 per cent. 

Thelastmentioned company is now purchasing power 
for the complete operation of one plant and partial 
operation of the second. The power is metered at one 
point and parallel transmission lines are to be provided 
from this point to the Power Company’s system and to 
the second mine as an insurance against possible line 
trouble. 

The service is taken from the Power Company’s 
system at a point that is provided with transmission 
from one station over three routes, from a second sta¬ 
tion over one route and from a third station over one 
route, to make possibility of power failure remote. It 
is, however, not often possible to make such an ideal 
connection for power service, but wherever feasible, 
loop transmission should be provided with, proper 
switching equipment placed at the mine site to take 
advantage of the same. 

The practise of purchasing power for part of a mine’s 
power requirements and maintaining a steam plant for 
the hoist is quite common although is a very expensive 
practise. This condition is usually the result of an at¬ 
tempt to mininoize capital investment, either for supply¬ 
ing additional power requiremenis or the rehabilitation 
of the existing plant. The savings to be secured by 
using purchased power throughout are considerable 
and often obtainable by a relatively small additional 
investment. 

Power Characteristics . 

Progressive mining operations are now being equipped 
with every mechanical mining device which will meet 
the requirements of the existing condition and reduce 
the cost of coal production. Motor-driven cutting 
machines, loading machines, loading conveyers and 
loading scrapers can be equipped with either d-c. or a-c. 
motors. However, locomotives have proved satis¬ 
factory only with d-c. motor equipment. 

All this equipment operates at the mining faces, and 
it is necessary to provide transmission facilities for 
power to the extreme points of the area to be developed 
by a given operation. 

A d-c. transmission system for small mines, having a 
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small assigned acreage, may be designed for efficiency 
and installed with reasonable expenditure. However, 
the cost^ for such a system for the larger mines Muth 
large assigned coal acres becomes prohibitive, both be¬ 
cause of initial invratment and subsequent operation. 

The economical installation for such an operation 
employs alternating current for transmission with 
converting substations at load centers for the under¬ 
ground a-c. equipment and transformer substations for 
a-c. equipment. 

A capital fund when a large operation is opened, set 
aside at four per cent interest to cover the cost and 
maintenance of such a system throughout the life of the 
property would be from 25 to 40 per cent of the sum 
required for a complete d-c. system, and the average 
efficiency of transmission would be at least 15 per cent 
lower with the direct current. It is impractical to 
consider a d-c. transmission system on the same basis 
of efficiency as an a-c. system with converting sub¬ 
station, as the retiOTis from such an increased efficiency 
would not be adequate for the additional investment 
required. 

An investigation for a large operation with an exist¬ 
ing d-c. tran^ission system determined that to bring 
the transmission up to reasonable efficiency, additional 
copper at an estmated cost of $87,000 would be re¬ 
quired. There would also be a yearlv expense of 
apprommately $300,000 additional for tie life of the 
operation for reinforcement of copper. The initial 
expenditure for installation of motor-generator sets 
and substation was estimated at approximately 
$100,000 with an additional cost of $45,000 for changes 
of lines, bore holes, substations to keep the latter 
reasonably near load centers throughout the life of the 
operation. Therefore installation of motor generator 
sets showed a saving of $242,000 in capital investment 
through the life of the mine. The use of the motor- 
generator sets near the load centers made it also pos¬ 
sible to maintain an average of 16 per cent better 
efficiency. 

The advantages derived from a-c. transmission will 
outweigh any advantages that might be secured by 
d-c. motor drive for the tipple units, mine fan or shop 
equipment. 

Therefore, the source, whether from a public utility 
company or a plant at the mine, should provide a-c. 
power. 

Coal Hoisting 

In planning a mine, and especially a mine of large 
capacity, the effect of loads and rope on the size, power 
costs, and initial investment for the equipment should 
be considered. The rope speeds that can be obtained 
in hois^g are limited; hence the maximum capacity 
of a mine is set by the load carried per trip. Where 
large capacities are set for mines on a basis of cage 
hoisting, it is always possible to reduce the hoist initial 
cost and the hoist operating cost by using skips whereby 
two or more cars of coal can be hoisted at one trip. 


Table No. I and Fig. 1 will give a comparison between 
the hoisting equipment, the power consumption and the 
initial cost for two ^umed installations, all designed 
for the same^ capacity. The first is a self-dumping 
cage installation and the second an installation using 
overturning skips. 

Comparisons are made on the basis of a 400-ft. shaft 
and a hoisting capacity of 800 tons per hour. This, 
of course, is somewhat high for cage hoisting, although 
it is still within the limits of actual practise. If the 
comparison had been made on the basis of 1000 tons per 
hour, or for a deeper shaft, the skip installation would 
show only a moderate increase of power consumption 
while the cage installation would increase in such a 
rapid ratio as to soon exceed the practicable limits of 
construction and operation. 

Obviously comparisons throughout could not be 



TIME IN SECONDS 
PlQ. 1 


made for two existing mines of these types, as it would 
be impossible to obtain an exact paralled. The figures 
used, however, are based on actual results and are 
worked out upon the same basis, so as give a true 
comparison between the different systems and for con¬ 
ditions assumed. 

Comparisons are made on the basis of an equalized 
hoisting system which will limit the peak from the 
power source to approximately the average. On some 
power systems the peaks as imposed by the hoist motor 
used in connection with the skip hoist would be per¬ 
mitted and an induction motor type hoist could be 
used with a material reduction in fiirst cost. (See 
Fig.l.) 

It will be noted that the peak of the cage-hoisting 
cycle is about 3100 h. p. while the skip-hoisting cycle is 
about 1300 h. p. The skip installation shows a power 
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economy of nearly 25 per, cent as compared with the 
cage type. There is also a very great difference in cost 
between the hoisting equipments for cage and skip, 
this being approximately $37,000 in the examples cited. 

Where steam hoists are used, there is not so great a 
difference in favor of the skip since the size of the hoist¬ 
ing engine is determined by the total load rather than 
acceleration peaks. However, the steam consumption 
will be reduced approximately as for the examples 
shown for electric hoists. 

The consideration of steam hoisting is necessary 
only in case power is generated at the mine. For the 
Donk Brothers Coal & Coke Company’s Mine No. 4, 
where there was a decision to generate rather than 


TABLE NO. 1 



Self-Dumping Cage 

Overturning Skip 

Depth of Shaft. 

400 ft. 

400 ft. 



/ 

Pit 24 ft. 



Tipple 60 ft. 

Tipple 46 ft, 

Total Hoist. 

Dumping 6 ft, «466 ft. 

D umping 19 ft» 489 ft. 

Capacity 


800 tons per hr. 

800 tons per hr. 


Loading or 




caging. 

4 sec. 

8 sec. 

Hoisting' 

Accelerating.... 

6 sec. 

8 sec. 

Cycle 

Running. 

4 sec. 

16 sec. 


Retarding. 

4 sec. 

5 sec. 



18 sec. 

36 sec. 

Weight of cage or skip. 

14,000 lb. 

13,000 lb. 


Oar. 

4,000 lb. 



Coal. 

8,000 lb. 

16,000 lb. 



26,000 lb. 

29,000 lb. 

Size of hoisting rope,. 

IK in. 

l®/8 in. 

Hoist during dump,. 

6 ft. 0 in. 

13 ft. 0 in. 

Net wt. available for OtWt. 

12,000 lb. 

8,400 lb. 

Average rope speed,. 

2,000 ft. per min. 

1,050 ft. per min. 

Max. rope speed.. 

3,610 ft. per min. 

1,480 ft. per min. * 

Size of 

cyiindro-conical 



drum,.. 


7 ft. to 11 ft. dlam. 

8 ft. to 11 ft. diam. 



Direct connected 

Geared 

Size of d-c. hoist motor | .. 

2,000 h. p. 

850 h. p. 

sq. r. m. s. j 



Size of-d-c. generator on 



Iligner set,.. . 

1,400 kw. 

600 kw. 

Size of o-c. motor on same.. 

800 h. p. 

600 h. p. 

A-c. input per hour,. 

666 Icw-hr. 

625 kw-hr. 

A-c. input per ton of coal... 

0,82 kw-hr. 

0.660 kw-hr. 

Hoist-overall . efficiency 



based on 466 ft. hoist_ 

43.0 percent 

63.8 per cent 

Approx, cost f. o. b. factory 



1920 basis) drum,. 

S 25,000.00 

$30,000.00 

Electrical Equipment,. 

90,000.00 

48.000.00 


1 

$115,000.00 

$78,000.00 


purchase power on the basis of savings that mi^t be 
affected, the relative economies of a steam-hoisting 
engine and an electric hoist were carefully considered 
from every possible angle. 

The coal is hoisted in skips and the data upon which 
the hoisting equipment was based are: 


Total distance of hoist. 304 ft. 

Maximum weight of coal per trip... 18,000 lb. 
Average weight of coal per trip..... 12,000 lb. 

Weight of skip and yoke. 11,800 lb. 

Rest period. 9 sec. 

Total cycle....... 24 sec. 


An electric hoist for this service must necessarily be 
of the equalized type, as the generating equipment 


installed for economical plant operation would not 
meet the peak demands of an induction-motor hpist 
superimposed upon the peaks of the mining load. 

To secure comparable economy in plant operation 
when hoisting with steam equipment, the echaust from 
the hoisting engines must be utilized. This requires the 
installation of a mixed pressure turbine with a regenera¬ 
tor to store and regulate the flow to the turbine of low 
pressure steam in accordance with the demand. 

The electric-hoisting system would permit of greater 
flexibility of plant operation and give greater insurance 
against shut-down. The economy of the whole opera¬ 
tion with steam hoisting depends upon utilizing the 
hoist ^aust steam for power generation. A failure in 
the mixed pressure turbine would necessitate wasting 
this steam and, for lack of sufficient boiler power a prob¬ 
able curtailment of production. Such an emergency 
might be cared for by the installation of a spare mixed 
pressure turbine, but this expenditure is hardly war¬ 
ranted. With the electric hoist all of the turbines 
would be of like tsrpe, and spare capacity could be 
provided for hoisting and mine load by one unit. 

Comparative estimates of cost and economies of the 
two systems determined that the electric hoisting sys¬ 
tem would require an additional investment of $42,600 
for hoisting equipment, bmldings, installation, etc. 
The savings that could be effected by the electric hoist, 
including operation, supplies, maintenance, amortiza¬ 
tion, etc., for the' two systems, equaled a 5.3 per cent 
return on the additional investment. 

On this basis the steam hoisting system was installed 
with equipment as follows: 

1 Pair 24 in. by 42 in. first motion hoisting engines. 

1 937-kv-a. mixed pressure turbo-generator with the • 
prime mover designed to carry 937 kw. with all low 
pressure steam at 0-lb. gage. . 

29 ft. dia. by 25 ft. long Rateau regenerators. 

14,000-sq. ft. surface condenser. 

The hoist equipment, employs a double-rope system 
which so far as is known, is new in operation of this 
kind. A one-inch hoisting rope is used, both ends of 
which are fastened to the drum and coiled on in parallel 
grooves. The tension is equalized by a sheave on the 
skip-yoke. 

This system permits of the use of a smaller diameter 
drum at a higher speed and makes it possible to use a 
first motion steam hoist. It will also bean advantage for 
installationsofdectaichoistsv^enthesingleroperequires 
very low-speed motors or an excessive gear reduction. 

When power is purchased, the coal hoisting equip¬ 
ment should be electric, except possibly in the case of 
changing over an existing mine with but a short life. 
The practise of purchasing power for the mining load 
and maintaining a steam plant and engines for hoisting, 
costs the operator from two to six cents per ton. Com¬ 
pleting the electrification of such a plant has sho^ as 
high as 22 per cent return on the additional investment 
required for the installation of an electric hoist. 
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The system of electric hoisting applicable to any in¬ 
stallation can be determined only by an analysis of the 
requirements to determine comparative efficiencies, 
operating characteristics, costs, etc., of the several 
types. The power source, limitations of peaks and 
peak penalties imposed by the power company serving 
the installation also have an important bearing on the 
proper equipment to be used to secure the desired twitip 
output. 

In designing the hoisting equipment for the Chicago, 
Wilmington & Franklin Coal Company, Orient No. 2 
Mine, only the Ilgn^r-Ward Leonard system was con¬ 
sidered. The hoist has a potential capacity of 14,400 
tons in eight hours, with an expected average of 11,500 
tons, making the operation the largest shaft coal mine 
in the world. 

The coal is hoisted in skips and the data on which the 


hoist was based are: 

Total distance of hoist. 607 ft. 

Maximum weight of coal per trip... 26,000 lb. 

Average weight of coal per trip.22,000 lb.. 

Weight of skip and yoke.16,100 lb. 

Rest period. 9 sec. 

Total cycle. 26 sec. 


To fulfill the cycle, a maximum rope speed of approxi¬ 
mately 4000 ft. per min. with a rope tension of 67,000 
lb. for about 40 per cent of the travel, is required. 
This duty necessitates a carefully made rope provision 
for the fatiguing action which would result from the 
high-operating speed with the pronounced vibration 
that would be set up. A factor of safety of 8.1 based 
on the dead load is used. This factor of safety is pro¬ 
vided by a two-in. diameter rope of the modified Seale 
construction using i^ecial strength plow steel wires. 

The drum is of the cylindro-conical design having a 
minimum diameter of 10 ft., a maximmn diameter of 17 
ft. with a pitch of the grooves on the slope of 12 in. To 
take care of the side wear of the grooves which is great¬ 
est on the small cylindrical portion, the groove pitch for 
this section is increased to 2J4 in- as compared with 2J4 
in. on the large cylindrical portion. In designing the 
drum, careful consideration was given to the proper 
proportioning of the metal in the various sections and 
the ribbing to give strength and long life. Truss rods 
are provided which bring all parts of the drum shell in 
compression, thus giving the greatest possible strength 
to withstand the severe service expected. 

The motor equipment consists of two 2000-h. p., d-c. 
force-ventilated motors, direct-coupled to the drum 
shaft one on each side of the drum,—^two motors in¬ 
stead of one in order to reduce the armature inertia 
and permit the use of commercial units. 

The forced ventilation made it possible to reduce the 
motor capacity required by approximately 20 per cent, 
thereby reducing the armature inertia, as well as the 
cost of installation. Pan capacity for 35,000 cu. ft. of 
air per minute is provided, together with necessary air 
washing equipment. The use of the forced ventilated 


equipment made a net capitalized saving of approxi¬ 
mately six per cent. 

The motor generator-set converting the power to 
direct-current for the hoist as received consist of two 
1650-kw., 600-volt generators at 675 rev. per min., 
driven by a 2200-h. p. wound-rotor type induction 
motor. A 90,000-lb. fljnvheel 12 ft. diameter provides 
the necessary energy for equalization of hoist peaks and 
a 50-kw. exciter furnished excitations for the generating 
and hoist motors. All units are mounted on a single 
built-up bed frame forming a four-unit, six-bearing motor 
generator set with flywheel. 

The units are connected in the order, generator No. 
1 to motor No. 1 to generator No. 2 to motor No. 2, 
thereby limiting the potential on any part of the equip¬ 
ment to 600 volts. 

Slip-regulator control equipment automatically varies 
the speed of the set with the load and permits the fly¬ 
wheel to hold the input from the line below a predeter¬ 
mined valued and when hoisting on the given cycle will 
hold the power input to within five per cent of the 
mean. 

The Ward-Leonard system of control is used and the 
generator field is varied by contactors controlled by a 
master controller and current limit relays which func¬ 
tion during both acceleration and retardation. 

To maintain the cycle necessary to secure the large 
output expected from this mine, high rates of accelera¬ 
tion and retardation are necessary. The calculated 
rates of acceleration of the down-going skip is 13 H ft. 
per sec. per sec. Tests on rates of accelerations place 
the maximum without a dangerous slackening of the 
rope between 15 and 19 ft. per sec. per sec. With cur¬ 
rent limit control of acceleration only, it would be possi¬ 
ble to attain a rate of drum acceleration with light slap 
loads or empty skip which would be dangerous. To 
prevent this occurring, the field contactors dte controlled 
in addition to the current limits by a traveling nut 
switch which regulates the rate of building-up the 
generator voltage, thereby giving approximately con¬ 
stant acceleration rates irrespective of the load. 

While the control is equipped with current limit 
relays to limit the pump back load in retardation, there 
is a question whether these should be depended upon 
for retardation in emergencies when the maximum rate 
possible is desirable. The retardation time can be 
reduced as compared to retardation with current limit 
relays by the use of a Tirrill type relay which will hold 
the regenerative breaking current value to a constant 
which may be the maximum capacity of the generators, 
or at a safe retardation rate. 

In either of these cases, however, if the main breaker 
goes out, control of the hoist must be maintained en¬ 
tirely by the brake. To take care of this emeigency 
there is provided short-circuiting resistance controlled 
by contactors which will be immediately inserted across 
the terminals of the hoist motors with the opening of 
the main breaker. This resistance will give marinnitn 
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safe load for the motors and this load will be maintained 
as near constant as is possible by two additional sets of 
contactors which close successively when the motor 
armature voltage is reduced by the slowing down of 
motor or drum speed to a predetermined value. 

Provision for prevention of overspeeding at any 
point in the shaft, for slowing down when approaching 
dumping point, for overtravel and for starting in wrong 
directions are provided in duplicate by traveling nut- 
limit switches, cam turnoff device and limit switches, 
with necessary back-out switches. Men are not 
handled by this hoist; therefore protection for man 
hoisting is not necessary. 

In order to properly coordinate the operation 
of the bottom dump station with that of the hoist 
to secure maximum hoisting speed, signals are given 
and certain gates are operated by the hoist control 
devices. 

To thoroughly explain this feature, a description of 
the method of handling coal at thedumpstationisneces- 
sary. The coal is dmnped by means of an air-operated 
rotary dump directly into weigh pans. The weigh pans 
are manually operated and discharge the coal through a 
chute to the skips. At the end of this chute there is a 
safety gate which is open only when the skip is at the 
bottom. These gates are operated by a crank-shaft 
which revolves 180 deg. in opening and closing. To 
this crank shaft a motor is connected through a train 
of gears. On the second reduction gear shaft there is a 
magnetic clutch for each gate. 

There are three lights in front of the operator on the 
dump floor to show respectively when the skip is in the 
shaft clear of the safety gate, when the safety gate is 
opening or closing, and when the skip is landed and the 
gate is in the proper position for loading. 

When the descending skip has just passed the lip of 
the loading or seifety gate, a contact on the traveling 
nut limit switch releases the gate brake and sets the 
dutdi to rotate the gate to open. When the gate is 
open a cam switch on the crank shaft resets the brake 
and releases the clutch. This Operation requires about 
Ve of a second. 

The dump operator opens the weigh pan with the 
signal that the safety gate is opening. The weigh pan, 
in opening, energizes a time relay after which an inter¬ 
val of eight seconds gives direct to the hoisting engineer 
the signal to hoist. 

Similar operations control the closing of the safety 
gate. The operations are repeated for both skips so 
that the hoist works on a set schedule and relays reduced 
to practically nothing. 

Man and Mateirial Hoist 

The handling of men and material with the coal¬ 
hoisting equipment consumes considerable time, and, 
in many incidences, seriously curtails productions. An 
auxiliary hoist, preferably at the air shaft where men 
and materials can be bandied at all times without in¬ 


terfering with coal hoisting, is desirable at any mine 
and a real necessity where large capacities are 
involved. 

When skips are used for hoisting, the cage equipment 
at the man and material shaft must be suitable for 
handling solid-end cars. To meet this requirement at 
the Thermal Mine of the Donk Brothers Coal & Coke 
Company, and the Orient No. 2 Mine of the Chicago, 
Wilmington & Franklm Coal Company, an overturning 
cage is used. 

An auxiliary hoist may be used for the early develop¬ 
ment of the mine as well as for handling rock, coal, 
men and material throughout the life of the mine. 
Both mines mentioned were developed to a daily capac¬ 
ity of approximately 2000 tons before the main hoisting 
equipment was put into service. 

The man and material hoisting equipment for the 
Thermal Mine consists of a pair of fiist-motion steam 
engines. The exhaust steam from these units is car¬ 
ried to the main exhaust system with the main hoist, 
permitting the utilization of its steam for the mixed- 
pressure turbine and feed-water heating as required. 

At the Orient No. 2 Mine, where power is purchased, 
the main drive for the man and material hoist is a 
450-h. p. induction motor gem'ed to a 7-ft. by 10-ft. 
diameter cylindro-conical drum, giving a rope speed of 
approximately 900 ft. per min. To meet the require¬ 
ments of the power company’s peak limitations during 
their lighting peaks, an auxiliary induction motor of 
200-h. p. capacity with an additional gear reduction, is 
provided. 

In order to be able at all times to operate the hoist for 
handling of men and matmal, a twin steam-engine 
unit is also provided and geared to the drum to be used 
in case of power failure. The steam is provided from a 
small boiler plant which must always be imder steam 
for heating water for wash house, drying sand and heat¬ 
ing purposes. 

The larger motor is coimected permanently to the 
drum drive by a flexible coupling. The auxiliary motor 
and steam engine are arranged with an interlocked- 
dutch device, so that only one can be connected at the 
same time. The three drives are also electrically inter¬ 
locked, making it impossible to move the hoist if more 
than one drive is connected. 

Safety devices are provided for both coal and man 
hoisting for all three driving units. . These safety 
devices are so interlocked that it is impossible to move 
the hoist unless the proper set for the drive to be used 
is connected. Signal devices are provided to show in 
the hoist house, at cage landing and at the bottom 
landing, to indicate whether the man-hoisting or coal¬ 
hoisting safety devices are connected. 

Fan Drive 

Normally, the mine-ventilating fan is electrically 
operated. However, there is provided, for emergen¬ 
cies’ sake, such as motor double or failure of power, an 
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auxiliary steam engine which receives steam frorn the 
auxiliary steam plant mentioned above. 

This steam engine has sufficient capacity to furnish 
the full air requirements of the mine and is direct- 
connected to the fan shaft by means of a jaw clutch. 
The engine is equipped with a heavy fl3rwheel to elimi¬ 
nate any back lash. 

Considerable saving in power consumption for mine 
ventilation can be made by reducing the fan speed at 
such times as the mine is not working. However, this 
method of operation, has not met with much favor in the 
middle west field, due to the effect of varying quantities 
of air on the roof and to the liability of gas accmnula- 
tions. The general practise is to carry a constant 
volume at all times. This eliminates the necessity of 
using a variable speed motor, the most satisfactory type 
under these conditions being the squirrel-cage induc¬ 
tion motor or a ssmchronous motor, provided the latter 
is of a t 3 q)e that will accelerate the fan to full speed or is 
provided with a satisfactory clutching device for con¬ 
necting the fan after the motor is up to speed. 

The fan at Orient No. 2 Mine was originally installed 
with a 50-h. p. squirrel-cage induction-type motor and 
using short-center belt drive with idler. This motor 
to be used during the early development period and 
later changed to a size adequate for supplying the mine 
requirements. 

During the development of the mine, there is, of 
course, a steady increase in demand for air; this is 
provided for by changing the pulley on the driving 
motor and increasing the diameter as increase in fan 
speed is required. In the development of the mine, 
the increase in the demand for air can usually be cared 
for by four pulley changes. 

This results in a lower first-cost installation as com¬ 
pared with the variable or adjustable speed type 
motor and better operating efficiencies. 

Preparation Plant 

In the process of preparation and loading at Orient 
No. 2, the coal is handled from the receiving hoppers to 
which coal is delivered by belt conveyor from the aux¬ 
iliary shaftandskipsinthemain shaft, bytwopan feeders 
delivering to two screens. From the screens the coal 
passes onto picking .tables and thence to loading booms. 
The screenings may be delivered by belt con¬ 

veyor to the rescreening plant for further separation by 
shaking and vibrating screens. In addition to the 
preparation and loading equipment, there are a number 
of conveyers for conveying of coal, degradation and gob. 

Witib exception of the main feeders and the main 
scre^, the equipment is driven by constant speed 
induction motors. In normal operation of screens and 
feeders, there is usually required about 10 to 16 per 
cent variation in speed to take care of the different 
rates of feed required, and the different conditions of 
the coal which may require a faster or slower screen 
speed in order to secure the best separation. 


Wound-rotor type motors do not prove entirely 
satisfactory, it being impossible to maintain a fixed 
partial motor speed with varying load conditions and 
for the most satisfactory results, motors having shunt 
characteristics must be used. 

For this duty the a-c. motor commonly known as the 
brush-shifting t 3 ?pe, should prove satisfactory, as it is 
not frequently necessary to vary the speed, hence the 
mechanical control of speed would not be objec¬ 
tionable. 

There has always been considerable discussion re¬ 
garding the proper housing for tipple motors and it is 
often argued that open type are satisfactory, since the 
coal dust does not materially injure a motor. There is 
no doubt but that the collection of coal dust even 
though it will not directly injure the installation, is 
detrimental to the motor, as it seriously impairs ventila¬ 
tion. This is apparently recognized even by one who 
advocates the open t 3 pe motors, for it is a common 
sight on a tipple where open t 3 q)e motors are installed, 
to see small wooden enclosures built over the motors to 
protect them from dust. 

Enclosed or totally enclosed ventilated t 3 p>e will give 
the best satisfaction in tipple operation. This policy 
was carried out to a certain extent at Orient No. 2 
Mine, where motors which were subject to a great deal 
of dust were totally enclosed. 

The controls of the motors are automatic and control- 
stations are located at two points in the tipple and two 
points on the rescreener, accessible to attendants 
normally overseeing the preparation or loading of the 
coal. The control-boards are fitted with signal lights 
and speed points at which they are operated. 

Connecting conveyers, between the auxiliary tipple 
and the main tipple and between the main tipple and 
the rescreener, are provided with interlocking controls 
to prevent starting, or to stop units from the receiving 
end to' prevent the possibility of delivering coal to equip¬ 
ment not in operation. 

There is installed in the auxiliary tipple three motors 
aggregating 76 h. p., in the main tipple, seventeen 
motors aggregating 300 h. p., and in the rescreener 
twelve motors aggregating 290 h. p. 

The motors all operate on 220-volt circuits, with 
power supplied through three banks of transformers. 
The motors on the auxiliary tipple are fed from the 
service transformers which supplies 220-volt power for 
the shop and other miscellaneous motors. For the 
main tipple and rescreener separator, 2200-volt lines 
are installed from the central switching station located 
in the auxiliary hoist house to two banks of trans¬ 
formers, one located in the main tipple and the second 
in the rescreener. 

The motors are grouped as convenient on the dis¬ 
tribution lines originating, at the transformer second¬ 
ary busses and each line controlled by an oil circuit 
breaker. Control lines are provided from the low- 
voltage coil of these circuit breakers with cut-out 
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switches conveniently located so that the equipment 
can be shut down quickly in case of trouble. 

The underground system of power distribution 
between the central switching station and the various 
buildings housing the surface equipment of a mining 
plant, .is by far the most satisfactory. The original 
cost of such an installation is approximately 160 per 
cent of the cost of a well-designed overhead system. 
The saving in upkeep, longer life and elimination of 
power interruptions will more than effect this difference 
in first cost. 

Very satisfactory results have been obtained with 
underground system using fiber conduit in concrete 
with lead-covered conductors. 

The location of the central-switching station is 
dependent on local methods of operation. Wherever 
possible, location which would require extra operating 
labor should be avoided. 

Converting Stations 

For the operation of underground mining equipment 
consisting of locomotives, chain machines and mechan¬ 
ical loaders requiring d-c. power, converting stations 
must be supplied. These stations should be located at 
the various load centers at the face. The number of 
stations installed must be governed by the system of 
mine development, but should be as few as practical 
without necessitating excessive lengths of d-c. distrib¬ 
uting stations. This can often be accomplished by 
combining two or more sections carrying the connecting 
cables along room-aitries between tiie parallel cross or 
main entries. In mines of large capacity it is usually 
necessary to also provide a converting station near the 
shaft bottom to supply adequate power for the main-line 
haulage motors. 

In general,- the economical method of transmission 
of power from the central-mine switching station to tiie 
converting stations is by overhead lines carrying such 
voltage as is necessary to transmit the required load 
economically. High-voltage underground transmission 
should be avoided wherever possible as it is not only 
expensive, but introduces an element of danger. 

The substations may be placed either above'ground 
with the d-e. feeders entering the mine through bore 
holes, or the converting units may be placed below 
ground, thus necessitating the carrying of high-voltage 
feeders into tiie mine. 

The substation on the surface has the advantage 

Lower first-cost. 

Keeping high voltage out of the nodne. 

Better ventilation. 

Greater accessibility for repairs. 

Better inspection facilities. 

Can be kqpt in better condition. 

The disadvantages are— 

Makes it necessary to support heavier copper in 
holes. 

Cannot be reached as quickly in case of trouble.' 


More liable to malicious damage. 

Undergroimd converter stations must be in fireproof 
rooms, preferably with concrete walls and fioor and 
roof thoroughly secured by I-beams. Adequate 
provision must be made for vaitilation, and, to secure 
the best results, an air-split should be pro-vided with a 
continually moving current of air through the substation 
room. 

The cost of an underground substation room and the 
installation of the equipment varies greatly because 
of the difference in the material underground condi¬ 
tions existing in different mines. In specific instances, 
this cost has been 200 per cent of the cost of the building 
and labor of installing on the surface, and it is safe to 
say that, with proper underground room, the cost of 
same will always exceed the surface installations. 

Motor-generator sets have, in general, proven the 
most satisfactory for mine service. The dri-ving unit 
should be of the synchronous t 3 T)e, wtih capacity for 
such power-factor correction as is necessary to bring the 
resultant power factor of the total mine load up to 
economical values. 

Semi-automatic control,—^that is, the equipment 
started by a push button and further operation auto¬ 
matic,—^is desirable and will usually prove their worth 
in the elimination of station attendants for either sur¬ 
face or underground installations. These controls are 
now standard with manufacturers of electrical equip¬ 
ment and embody all the necessary safety features for 
protection of the units. 

The necessity of providing load-limiting features can 
only be determined by a study of local condition. 
However, it is seldom.tiiat such protection has a mate¬ 
rial value in coal mining installations. 

It is sometimes possible to eliminate the automatic 
features on the a-c. driving motor installed in under¬ 
ground substation. However, where the starting of the 
set is by manual control, there should be a man con¬ 
veniently near to act as station attendant in coimection 
with other duties. 

Rotary converters are also used in mining installar 
tions, but before such an installation, a careful study 
should be made to determine their adaptability to local 
power and load conditions. 

Based upon results that are being obtained with 
mercury arc rectifiers'both in this country and abroad, 
it would appear that better results can be obtained by 
use on mining loads in place of either the, rotary con¬ 
verter or motor generator set when cooling water is 
available. 

The converting equipment for the Orirait No. 2 Mine 
for a daily production of 6000 tons consists of three. 
300-kw. synchronous motor-generator sets, located in a 
concrete substation room approximately 1000 ft. from 
the main shaft. 

When tiie producing entries have advanced a suffi¬ 
cient distance, substations will be installed near the 
face in at least two sections, lea-ving only sufficient 
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equipment in the present substation to take care of the 
main line haulage. These prospective stations will be 
moved from time to time as it is necessary, in order to 
maintain an efficient d-c. distribution system for the 
ever advancing working faces. 

Mining Equipment 

The choice of mechanical mining, mechanical loading 
and haulage equipment is largely determined by the 
natural mining conditions and mining system used. 
The advantages of various types of equipment for these 
operations from an electrical standpoint, are usually 
considered secondary to their ability to produce de¬ 
sired results in the mining, loading and transportation 
of coal. 

The electrical features of the equipment furnished 
as standard by the manufacturers may often be altered 
to secure better economies under certain working 
conditions, but such changes must not be allowed to 
detract from the ability of the equipment to produce 
coal. 


DiseuBsion 

Carl Lee* Tlioro are a few exiwiiples cited iu this paper which 
might roquke amplification or qualification for an ouginuer not 
familiar with this i)articular industry. Estimates arc made 
showing returns of 6 to 20 per cent on the investment made 
on labor and fuel-saving equipment. Yet the cost in some cases 
runs up to nearly half a niillion dollars. The ordinary coal 
company would hardly decide to add so much to its ca])ital 
investment for a small return. The normal conditions of coal 
mining arc^ so frequently interrupted by strikes, poor market and 
competition that the smaller t.h<» mine investment the nearer 
the opei’ator can come to broakuig evtni in the long run. 

Without discussing the various points in detail, it might bo 
said that this paper emphasisjf^s the fact that in the mining 
industry, which has been so rapidly electrified, it is important 
that the cleeirieal engin(«?ring problems bo given duo considera¬ 
tion. To do this certainly requires the services of an engintior 
who has had experience in that line. Haphazard decisions will 
likely mean a loss in one way or another, which might 1)0 avoided 
by the analysis and reooinmendatif)ns of a properly qualified 
engineer. 

E. J, Gcaly* The <nily corrc^ct basis of deciding whether a 
coal-mining company should purchase power or generate it is an 
economie one as presented by Mr. Adams. All phases of the 
question should be given duo consideration. 

If a coal company is not preparenj to give its own power plant 
proper consideration and a fair opportunity to operate at best 
efficiencies, it is surely arguing itself into using purchased power. 
Often a coal company will do more to help reduce its power bill 
received from a utility company than it will to help its own power 
plant to operate economically. A power bill represented by cash 
to an outside company is always given more thought than costs to 
operate a mine power plant. Gonsequently a coal company 
will often do more to centralizt) its load, operate with a good load 
factor and good power factor when purchasing power than when 
generating its own energy. 

At most coal mines, low-grade fuel is available for use in the 
power plant. This low-grade fuel if loaded, shipped and sold at 
a remote point often represents a loss. In such cases the coal 
company using this fuel in its own plant may rightly credit the 
plant with the amount of this loss rather than charge it for the 
fuel at its selling price. 


Evidence of the fact tJiat a eoal-mino power plant can success¬ 
fully compete with a public utility is foiind throughout the coal 
fields. Outstanding examples are the Consolidated Coal Com¬ 
pany plant near Staunton, Illinois, which sells jiowor to the town. 
Another large coal company in ContriU Pennsylvania has boon 
selling power to a public utility company for years. Such exam¬ 
ples indicate quite clearly that the advantages are not all con¬ 
clusively upon one side or the other. Careful and thorough 
consideration must be given the question in all eases. 

I also know of a company which genc^ratos most of its own 
power but ties in with the power company Avhieh carries the peak 
loads. Thus the load factor upon the coal company’s plant is 
almost tinbeliovably good. The coinpanj^ has a large pumping 
load most of which is off in the day and on at night. 

Specific examples show that it is quite possible to generate 
power at or near some coal mines. Prom the tipj^le of the No. 12 
mine of the 0*0ara Coal Company near Harrisburg, Illinois, 
one can see almost directly under his feet the coal company*R 
power and also one of the largest public utility plants in 
Southern Illinois. Again, in Pennsylvania the Glen Aldon Coal 
Company generates more power than the public utility company 
in its district. 

However, then) is anotlier pJiase of this question to be con¬ 
sidered. Many coal companies can off(‘et juuch larger savings 
from capital invested in machiuory used iji the mining and 
preparation of coal than by owning their own power plant. 
Obviously a coal company should first consider placing capital 
where it will effect the largest savings or profits. 

Turning to the use of motor-generator sets at coal mines, it 
will bo interesting to note that records obtained early last year 
show that 73 p(3r cent of the automatic pc)wor-eonverting sub¬ 
station equipments furnished by the large manufacturers was 
equipped with motor-generator sets. 

Whore considerable induction-motor load exists the syn¬ 
chronous motor-gen(3rator set lends itself jwlmirably for power- 
factor correction. A lai*ge anthracite comx>any is now using a 
440-volt synchronous xnotor on one of its motor-generator sets 
and correcting power factor right where the poor power factor 
originates. 

W- C. Adamiss While an engineer’s natural tendency is to 
put in equipment to secure the greatest efficiencies, sometimes, 
irrespective of the cost, there is a limit to the amount that should 
bo expended to secure this better operating c^fficiency which is 
based on the earnings to be derived by such improvements. 
There is a difference of opinion of the yield required to warrant 
an expenditure. I believe tliat an investment should yield at 
least 10 per cent, and for conservative estimates, 15 per cent 
should be used. 

There is a tendency and feeling among coal operators—and 
it is often right—^ihat they should limit their investments in one 
oiioration to as low a figure as possible, with the thought that they 
can secure hotter returns on their money by other investments 
which may be operations in another field. 

Often available capital is limited and it is necessary to sacrifice 
some efficiency to secure the essential features necessary for a 
successful operation. 

With such a condition, an expc3nditure of $500,000 for a power 
plant might not be warranted, ©von though it would result in a 
yield of from 10 to 15 per cent. However, if such a power plant 
is dispensed with, it should be certain that a reliable source from 
which to purchase power can be secured. 

Irrespective of efficiencies that may bo obtained, the amount 
of capital expenditure warranted for a given operation must bo 
based on all the facts covering passible earnings and return of 
investment. To secure the correct answer, a careful study and 
analysis of the existing conditions must bo made and the decision 
must be an economic one. 
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Synopsis. — T?tis paper discusses the rule of thumb method 
of applyifig motors to mine locomotives. Itshows why the speed of 
a locomotive should he considered in selecting motor horse power. 


It indicates a rational method of selecting motors for locomotives 
for general application. . 

« « 41 « « 


Substituting in the above formula it becomes: 


h.p, = 


520 T. X mi. per hr. 
376 


I N successfully applying amotor tpaminelocomotive, 
it is necessary to have the following information: 

Weight of locomotive, gage, limiting height and 
width, maximum and average grade, minimum radius 
of c^e and service to be performed. The weight Txn, m , 
required for a given service is determined by the weight toils weight of the locomotive, 

required to haul, accelerate or brake the heaviest train , This gives the horse power at the wheel, at rated 
on the steepest grade. The minimum radius of curve PuU and speed. However, mine motors’are 

determines the maximum wheel base allowable. This, power at the pinion, so that to find the 

with the gage and the limiting height, determines the horse power required, it is necessary to introduce 

^ace available for the motor. The weight and speed ^oi^ula the gear efficiency. With the stand- 

of the locomotive determine the approximate horse ^angement of single reduction spur gear this is 

power of the motor, and the all-day service deter- to be 95 per cent. The formula then 

mmes the continuous capacity required of the motor becomes: 
to perform the service without overheating. 


1^1 manufacturers of mine locomotives have stand¬ 
ardized on certain weights of locomotives and on defi- 
mte motors for these weights varying with the gage and 
height lunitation. The horse power of the motors for a 
given weight locomotive is approximately 10 h. p. per 
ton, but varies from this, depending upon the speed and 
othOT conffitions. The basis of 10 h.p. per ton was 
established at the time all manufacturers built non- 
co^utating pole motors, and all locomotives had 
rated sp^s of six to seven mi. per hr. On this basis, 
the slipping point of the wheels did not require currents 

m the Trinf.nr.Q 


or 


h. p. 
h. p. 


520 T X mi. per hr. 
.95 X 375 

1.46 mi. per hr. 


or 


mi. per hr, = 1.45 


SX n*""*-* '>«“ “"nidered ta eelect- rating onrent of the n.K SJi b" "^^tt ” 

mg the motor horn power in addition to the wei^t. -^ted drawbar pnll. The 

If the how ratmg current is not exceeded at the steel-tired wheels is 30 to 33 ner c<nnf nftL 

rated draw-bar pull of the motor, the motor will never 'height of the locomotive. The startine iaw hor 
be caU^ upon to operate at currents beyond the will then be approxSelv 33 /^ ? ST™ 

^SyVS^fLTc'ceStffi7:u^r^ 

fo^A?°'^ dntenninad from the tomepondtartoM ^ m 

* ^ted draw-bar pull. With 

h. p. = - Tractive effort x mi. per hr. u*® ®°"’®®Ponding to 1.33 and 1.6 times the 

375- mSL corresponding current in the 

Sr Pl^ locomotive at rate^SS^li^^rthe 

20 ^P«^ton! Sated^r-btr^dr4rLd^e^ tS 

or m ib. ^&e TSf lOoVStve"} P‘> 1 ® atid 

these values, or 620 lb. per ton ^ snarKnc ®^eat for short periods without 

^ n 0, m. wwmwtoaw g.«. * 

.7=“ “ - w. d. f. g. g, j^rSptnX r 

provided it has sufficient continuous capacity. 
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The Ability of a motor to perform a given service 
without overheating depends on the continuous capac¬ 
ity and not on the hourly rating, although with similar 
designs, the continuous capacity is proportional to the 
hourly rating. The continuous rating of a tninp motor 
is measured in amperes at reduced voltage in line with 
the standardization Rules of the American InstitiUe of 
Electrical Engineers. The rating is in amperes so that 
it may be readily checked against the root-mean-square 
current as figured or measured for a given service. It is 
taken at reduced voltage because the average voltage 
impressed on a motor on a mine locomotive, during a 
definite time cycle of opm^tion, will be approximately 
half ^e trolley voltage, or less, as the locomotive is 
standing with no voltage on the motors a large propor¬ 
tion of the time and is operating with resistance in 
series with the motors or with the motors in series 
during acceleration, at which time the voltage across 
the terminal of one of the motors is considerably less 
than the trolley voltage. This neglects the line-drop 
i n the trolley wire from the substation to the locomotive. 

The continuous rating will vary with the design and 
s ize of the motor. Since it depends principally upon the 
radiating surface, it will be a smaller percentage of the 
hour rating current on larger motors than on smaller 
since the surface per weight, or volume, is less on the 
larger motor. The continuousrating of an enclosed motor 
will vary from 30 per cent to 50 per cent of the hour 
rating current. If ventilating cove’s are supplied on 
the motor and the armature is equipped with a fan, the 
continuous rating will be increased in proportion to the 
efl&ciency of the ventilation. However, in a mine, a 
self-ventilated motor draws in a large amount of sand 
and coal dust. While the fan will keep the motor 
cleaner than an enclosed motor, the dirt in the ventila¬ 
ting air has a destructive affect on the surfaces over 
which it passes. 

Another way to increase the continuous rating is the 
use of forced ventilation. A motor-driven blower is 
mounted on the locomotive and forces screened air 
through the main motors. By the use of forced ventila¬ 
tion, the continuous capacity is more than doubled. 
This method of increasing the continuous capacity has 
the disadvantage of requiring an additional piece of 
apparatus on the locomotive with additional space 
required for mounting the apparatus and the air 
conduits. On large locomotives this is not a serious 
disadvantage as it is easier to find place for the blower 
and air conduits than for the much larger motor re¬ 
quired, if the motor were an mclosed motor without 
ventilal^on. The blower equipment is standard on the 
larger three-axle , locomotives of several of the larger 
manufacturers of mine locomotives. It is also used on 
some smaller three-axle and two-axle locomotives, 
where mine clearances will not permit the use of an 
enclosed motor with sufficient continuous capacity to 
perform the service. 

In applying motors to a locomotive for any given 


service, the first thing to determine is the weight of the 
locomotive required. As stated in the early part of 
this paper, this is determined by the weight required 
to haul, accelerate or brake the heaviest train on the 
steepest grade. Based on steel-tired wheels and level 
tangent tracks, the formula for detomining the 
weight of locomotive is as follows: 

py =.- L (R + A) 

0.30 X 2000 - A 

Where W is the weight in tons of the locomotive 
required. 

L is the weight in tons of trailing load = NW 
where N is number of cars and W is 
weight in tons of car. 

R is the frictional resistance in pounds per ton 
of the cars and varies from 16 lb. to 
301b. depending on the weight of the car 
and tsqie of bearing. 

A is the acceleration resistance. This is 100 
for one mi. per hr. per sec. acceleration 
and is usually taken as 10 or 20, cor¬ 
responding to an acceleration of 0.1 
or 0.2 mi. per hr. per sec. 

30 per cent is the starting adhesion with steel- 
tired wheels. 

2000 is a factor to give the adhesion in pounds 
perton. 

Where there are grades, the weight of locomotive 
required to haul the train up the grade is determined by 
the formula: 


w= _ + 

0.25 X 2000-G 

Where G is the grade resistance in pounds per ton or 
20 lb. per per cent grade, and 25 percent is the running 
adhesion of the locomotive. 

The weight of locomotive necessary to start the trmn 
on this grade is determined by the formula: 

w _ L {R + G + A) 

~ 0.30 X 2000 - (G +A) 


A comparison of the last two formulas shows that a 
locomotive which will haul a train up the grade will have 
ample capacity for accelerating the train provided the 
grade is more than one and one-half to two pa- cent 
since the increase from 25 to 30 per cent adhesion on 
starting will more than make up for the addition of the 
accelerating resistance in the formula, since A is then 
relatively small in comparison with the sum of R -t-G. 

TVhere the grade is in favor of the load, the formula 
becomes: 


W = 


L(G-R) 
0.20 X 2000 - G 


and to brake the train on the grade: 
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W — L (G + B — R) 

^ 0.20 X 2000-(G + B) 

Where B is the braking effort in pounds per ton and 
equals 100 lb. per ton for a braking rate of one mi. per 
hr. per sec. or 10 lb. per ton for a braking rate of 
0.1 mi. per hr. per sec. Prom the safety standpoint, 
the adhesion is taken as 20 per cent. Itcan, of course, be 
increased by the use of sand provided the grade is short. 

If th^e are curves in the track of lengths equal to 
a train length, it is necessary to introduce in the above 
formulas the curve resistence, as for example, 

W — L (R G + C + A) 

^ ~ 0.30 X 2000- (G + C + A) 

where C is the curve resistance in pounds per ton. 
Curve resistance in pounds per ton for a train of mine 
cars may be determined by the formula: 

WBx 2000 

curve resistance = - z —=;— 

o X R 

■Whae B is the wheel base of the car in feet, andBis 
the radius of the curve in feet. 

Having determined the required weight of the 
locomotive, it is necessary to determine whether the 
standard locomotive of the weight required has motors 
of sufficient capacity for the all-day service. If this is 
gathering service, it is rather difficult to. figure the root- 
mean-square current of the motor, but the proportion of 
the time in which the locomotive is operating at high 
draw bar pull is very low, so that a motor applied in 
accordance with the formula of 1.6 h.p. per ton per mi. per 
hr. will have ample capacity for any gathering service, 
and a motor of smaller horse power than determined by 
this formula would usually have the required capacity. 

In haulage service it is, however, comparatiyely easy 
to figure the root-mean-square from the motor curve, 
the profile and tiie loads. Where the hauls are not too 
long or the grades long and steep, the standard motor on 
the basis of 1.6 h. p. per ton per mi. per hr., or approxi¬ 
mately 12 h. p. per ton, will usually have ample capacity 
for the service. But where the hauls are very long, so 
that the layover time at the end of the trip is very «maH 
in proportion to the total time, the root-mean-square 
current may figure highm* than the continuous capacity 
of the standard motor. In this case, it is necessary to 
use a larger motor than standard for a given weight of 
locomotive, or apply forced ventilation. 

In gathering service, tbe standard motors have 
ratan^ of approximatdy 10 h. p. per ton of ibenominal 
wmght of ihe locomotive, which is ample for locomotives 
with rat^ speeds up to seven mi. per hr. This speed is 
much higher than necessary for gathering service, 
btorage^battery locomotives with rated speeds at SU 
per In. are able to gather almost as many cars per 
day as the higher speed trolley Igqie gathering loco¬ 
motives. Both speed and horse-power rating of the 


motors on gathering locomotives can be reduced con¬ 
siderably without reducing the daily output of the 
locomotive, but with a corresponding reduction in 
power consumption and peak loads. In gathering 
service the runs are short, and on most of the runs the 
load consists of one car followed by a run with the 
locomotive light. A locomotive which has its speed at 
rated draw-bar pull of to 7 mi. per hr. will have a 
balanced speed running light or with one car on the 
level, of 10 to 15 mi. per hr. This is a higher speed 
than can be reached in the short runs in the rooms, so 
it is necessary to opiate with resistance in series with 
the motor a large percentage of the time. If the motors 
on gathering locomotives are designed for speeds of 
four to five mi. per hr. at rated draw-bar pull, the 
power required from the line will be 20 to 25 per cent 
less, the motor may have a correspondingly lower 
rating and the actual time of the trips of the light 
locomotive or of the locomotive hauling a light load will 
be approximately the same, since the motor will operate 
for a large proportion of the time with resistance cut 
out. On runs with heavy loads, the speed will be 
reduced, but if feeder capacity is limited, the reduced 
current draw of the lower speed locomotive will give a 
higher voltage at the locomotive which will increase 
the relative speed of the locomotive. 

Discussion 

C. Lee< The last paras^raph of Mr. Clark’s interestii^ papor 
brings out a point that has not been considered of much weight 
in the past, but which has recently been taken into account in 
some installations of gathering locomotives. It should be con¬ 
sidered in all cases. 

The duty cycle of a gathering locomotive and the physical 
condition of tracks, curves, etc., on which it operates certainly 
m^e it impractical to take advantage of the full-speed character¬ 
istics of a 7-mi. per hr. gathering locomotive. Locomotives 
built and rated at such speed have been sold to mine operators, 
^cause the operators have asked for a standard locomotive. 
The manufacturer offers a7-mi. per hr.locomotive as a standard. 

In some oases the operator wants a locomotive that can be used 
interchangeably for gathering or hauling service. A locomotive 
built to meet such requirements is not the most practical. 

Therefore, it seems that the manufacturers should build, rate 
and sell gathering locomotives rated at a speed of 3 to 5 mi. 
per hour, as standard gathering locomotives. 

E. J. Gealyt As an added bit of .information neceasary to 
apply a mine locomotive successfully to a given service, I might 
suggest that the size rail be considered. Most mining companies 
use smaller rails than advisable from a tractive point of view. 

To put a relatively heavy locomotive on a small rail is uncommon. 
Under such a condition the top of the rail is so narrow that a new 
set of locomotive wheels rides on a line contact for a considerable 
penod before wearing down to the shape of the rail. Thus it is 
impossible for the locomotive to develop its full drawbar pull. 

Another important detail about a mine locomotive is the clear¬ 
ance of the motor casings above the rails. At cross-overs and 
especially on nneven track, locomotive motors often drag and 
produce a heavy load. In service, wheels with false flanges and 
unaer-size wheels reduce the original clearance. The common 
practise of using undersized wheels from one t 3 rpe of locomotive 
on another type must be carried on with consideration. Excess 
oads may be placed on the motors by oversize wheels and the 
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clearance under the locomotive be greatly reduced when under¬ 
side wheels are used. 

Ever since the first trolley locomotive was built the motor 
horse power per ton of locomotive weight has been increased. 
The ultimate limit for the ordinary haulage locomotive with the 
usual type controller, wheels and speeds, seems to have been 
reached. This ratio, about 12 h.p. per ton, appears to be nearly 
the limit because a locomotive so equipped will slip its wheels 
before it can be seriously overloaded. However, with the in¬ 
creased use of dynamic-braking controllers, which place the 
motors in service both when hauling and braking, still 
larger motor ratios per ton of locomotive weight may be 
required. 

The ability of a slow-speed storage-battery locomotive to 
gather as much coal as a high-speed trolley locomotive, is sig¬ 


nificant. In gathering service, high speeds can rarely be attained, 
consequently much energy is used up in the control resistance to 
keep the locomotive running slowly. Wlien we consider the 
reduced speed for which storage-battery locomotives are designed, 
we see a very good reason for their low h. p. por ton. 

W. A. Clarks Mr. Lee feels that the manufacturers should 
sell as standard, gathering locomotives with rated speeds of 
3 to 5 mi. per hour. A motor which will fit in a definite space 
will have a horse-power rating varying almost directly with the 
speed of the motor. The horse power of the motor on low-speed 
locomotive would, therefore, be low. As shown in my paper the 
horse power of the motor need not be high but the general 
demand from mines is for large horse power irrespective of the 
speed. When the demand for slow-spoed gathering loeoinotivos 
becomes great enough, they will become standard. 
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T he convenience and flexibility of electric lighting 
is one of the principal reasons for the present 
universal use of complete electrical installations 
on automobiles. Electric lighting for automobiles was 
experimented with from very early days; the first 
installations provided parking lights from storage 
batteries, which were removed for recharging, as no 
charging generators were fitted. Headlights were not 
used, as the high-efficiency concentrated filament lamp 
was not available and the current requirements would 
have been prohibitive with the lamps available. 
Generator systems appeared with the development of 
the metal filament lamp, the early generators usually 


should be able to see the roadway as well as the car m 
question, when illuminated by his own headlamps, and 
whose vision must not be impaired or dazzled for an 
appreciable interval after he passes the others lights. 
Wien the headlamp is placed according to the present 
S. A. E. recommended standard, 36 in. above the road, 
the light which is at the B point, the center of the highest 
permissible candle power, strikes the road 172 ft. ahead 
of the car. This is undesirably close, since it causes 
bright illumination immediately in front of the car, and 
hinders vision of more distant objects. The light at 
the p point is the light which strikes the eye of the on¬ 
coming driver after he has turned aside to pass. The 
800 c. p., specified as a maximum, would be coniSidered 
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However, intensive ef ck> « maAmiuiu, woiua oe consiaereci 

wil g^erator-charging systems glaring by an appreciable percentage of individuals, but 

7^ tThff if f 1 oil some makes of it does not leave persons of normal vision momentarily 

to be followed by the complete starting and light- ^ 

ing systems a year later. 

The metal filament of the six-volt lamp could be 
concentrated to such an extent that a very narrow 
beam could be obtained with a fairly short-focus (IJ^ 
in.) parabolic reflector. This beam gave better pene¬ 
tration than the competing acetylene lamps, although 
the roadside illumination left much to be desired, which 
limit^ visibility when making turns, or when driving 
on winding roads. The high candle power in the center 
of the .beam, combined with the existance of very little 
side illumination to aid the driver of oncoming vehicles, 
caused the public to protest because of glare, a.nf^ 

were passed requiring dimming when meeting other 
vehicles. 

The problem was studied by committees of. the 
Illuminating Engineering Society and the Society of 
Automotive Engineers, with the final result of the adop- 
# specifications for the distribution 

of the hght from automobile headlamps. This distri¬ 
bution IS shown in Fig. 1, which shows the permissible 
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bhnd. It must be remembered that a considerable 
amoimt of light, causing no objectionable glare when 
passing through a clear windshield, will make seeing 
quite ^possible through a dirty windshield, or one 
covered with drops of water. Everyone could see fairly 
well with clear windshields, if, at the moment of passing 
cai^e-power Ifait, of aie «>”«>trated Ua attention on the 

This distribution curve is naturally a compromise L ^ passed over, instead of glancing at 

tae^theneedeofthemanbehindttelZ JX^^t Most of the etates .nqnire 
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« opwiAiutiwuxis i;nan ox^nerwise. 

It must be admitted, however, that while lamps con¬ 
forming completely to the I. E. S. specifications give 
^ce Imt results on level, improved roads, combinations 
ot conditions arise wherein the results are anything but 
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satisfactory. On rolling roads, or even roads which 
cause the car fr^e to rock about a transverse hori¬ 
zontal axis (a thing which often occurs on paved roads 
with certain combinations of speed and car springs) the 
high c. p-beam is flashed into and out of the eye of an 
approaching driver. On narrow, high-crowned coun¬ 
try roads, drivers head directly at each other until very 
near, and when they finally do swerve out, the rear end 
of the car tends to slide off the road, throwing the beam 
center of the light up and out to the left, directly into 
the eyes of any other approaching driver. As a result 
of this condition and the attendant dissatisfaction, Ohio 
and Michi^ still require the dimming of headlights 
when within a specified distance of an approaching 
vehicle. 

Today, gas-filled bulbs, giving 21 mean spherical 
c. p., are universally used for headlamps. These con- 
s^e about 16 watts each. The 6-8-\olt (rated) lamps 
give full c. p. at a terminal voltage of 6.5 volts. The 
12-16-volt lamps give full c. p. at 14.6 volts. These 
voltages are the results of careful survey by the lamp 
manufactm^ to determine the voltages actually exist¬ 
ing on cais in service, and are determined by a weighted 
average, the computation being made on such a basis 
that the average life would be the designed life of 100 
hours. Recently there has developed a very lively 
controversy between representatives of car manufac¬ 
ture and lamp manufacturers as to whether the proper 
basis has been taken for rating lamps. For reasons 
that will be discussed in the section devoted to batteries, 
the voltages impressed on the lamps will vary over 
very wide limits, and since the designed life is very short 
and based on a voltage much lower than can and does 
exist on a considerable percentage of cars, unsatis¬ 
factorily short life occurs in enough cases to cause car 
manufacturers considerable annoyance. Some of the 
car manufacturers are experimenting with bulbs 
designed for longer life, and a reasonably satisfactory 
compromise will undoubtedly be worked out. 

Prom the illumination standpoint, the effect of varia¬ 
tion of voltage upon candle power, and, incidentally, 
upon glare, is clearly of great importance. Voltages 
at the lamp-terminals are found to vary from 5.9 volts 
to 8.3 volts, the lower voltage being due to undercharged 
batteries and poor wiring, and the high voltage to charg¬ 
ing a very cold battery already pretty well charged. 
The law of candle power variation with voltage is the 
same for the automobile lamp as for the house lamp, and 
it is evident that the candle power at the D point of 
Pig. 1 can greatly exceed the specified minimum if the 
device has been so designed that 800 candle power is 
approached for a lamp at normal candle power. 

Dislaibution, approaching that shown in the chart, 
was maintained for a considerable period exclusively 
by the use of a properly focused bulb in a simple para¬ 
bolic reflector combined with a so-called lens, which, as 
a general proposition, is not a lens at all but simply a 
circular sheet of glass into which various combinations 
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of prismatic sections have been incorporated. This” 
results in rearranging the distribution of the light from 
the parabolic reflector, changing from a distribution 
giving a circular section perpendicular to the beam to 
one giving a rectangular section, or a very pronounced 
ellipse, with the shorter dimension vertical. The ideal 
device would take the beam from the parabolic reflector 
and, while leaving the full intensity in the horizontal 
and just below it, would divert the light above the 
horizontal to the sides and slightly below the horizon¬ 
tal, in conformity with the chart. 

The pressure for reduced cost is just as effective in 
regard to lighting as with respect to any other details 
on a motor car. To meet this demand, some car manu¬ 
facturers have recently adopted a headlamp in which the 
reflector itself has been modified from the parabolic 
form so as to give the desired lateral distribution of the 
light without increasing the depth of beam over that 
obtained by the plain parabolic reflector. No lens is 
used and it is obvious that there are many ways in 
which a mirror could be modified to accomplish this 
result. 

^ One method which is used considerably at the present 
time is one having the mirror made up of small vertical 
sections, each of which isgenwated by arightlinemoving 
parallel to itself and following a parabola at its center 
point. This parabola has its focus at the lamp fila¬ 
ment. Very satisfactory results are obtained by use of 
this principle and such r^ectors have the additional 
advantage of being unaffected by the breakage of glass. 
High optical accuracy is not maintained in the manufac¬ 
ture of headlamp glassware, and apparently the com¬ 
mercial re^ts of the use of the fluted reflector, in spite 
of theoretical difficulties in maintaining reflector shape, 
are as good as for the usual combinations of reflector 
and deflecting glassware. 

The most frequent cause of complaint against the 
lighting equipment, so far as glare is concerned, is due, 
however, not to design but to faulty adjustment. The 
desire for low cost has led to the use of many devices 
which are not mechanically secure, with the result that 
lamp bulbs although once properly focused, can shake 
out of focus; and the driver carelessly continues to use 
them with this faulty adjustment. Trouble has alan 
be^ caused by the lens which carries the light bending 
prisms turning around in the headlamp door, resulting 
in a light distribution entirely different from that in¬ 
tended. Another reason for the tendency of owners to 
leave lamps in faulty adjustment has been the difficulty 
of opening the lamp with some types of designs. 

The Society of Automotive Engineers has recently 
adopted recommended practises calling for • securing 
the lenses in place by a notch interlocking with a lug 
in the door itself, thus making turning impossible. 
They have also recommended a type of door more easily 
opened than the present type with the bayonet lock. 
The biflb manufacturers have made great progress in 
improving the accuracy of the lamp filament moimting 
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with respect to the base of the l^np, making an ac¬ 
curacy of plus or minus 3/64 in. With this degree of 
accuracy it is possible to design the reflector or the com¬ 
bination of reflector and lens so that with proper design 
of glassware there will be no necessity for provision for 
adjustment. Therefore, the distribution of the light 
would be within the permissible limits so long as the so- 
called precision lamps are used. To many familiar 
with the situation it seems that the commercial appli¬ 
cation of such a system will result in very real improve¬ 
ment for the whole situation. Replacing the bulb too 
often results in faulty adjustment. 

Faulty tilting of the lamp is undoubtedly a cause of 
considerable trouble from glare. Inspection of the 
chart of Fig. 1 shovra that if the minimum permissible 
candle power at the B point were raised to the A point, 
a light fflcceeding the maximum permissible would be 
obtained. This shift represents a shift of 1 deg. in 
tilt. The shorter wheel-base light cars on the market 
rock more than a degree, front and back, when the load 
is changed from one passenger to five passengers. If 
the headlamps have been adjusted to give a satisfactory 
driving light just inside the limits for one or two passen¬ 
gers, a glaring light inevitably results when the car is 
loaded. Of course, the lamps are supposed to be ad¬ 
justed with the full load in the car, but when this is done 
the bright light of the center beam strikes the road so 
dose to the driver that if he pays any attention whatso¬ 
ever to lamp adjustment, he is almost certain to raise 
the angle of the beam. 

Tilting headlamps, or rather a tilting of the beam, is a 
method of eliminating glare much more satisfactory 
than dimming. This can be accomplished by a me- 
. chanical control of the mirror from the dash, (a means 
which has been employed for several years by certain 
•mak««;) or by tilting the part of the mirror which 
reflects the greater part of the light flux directly back 
of the bulb. This tilting of the smaller part of the mir¬ 
ror can be accomplished by a combined spring and 
magnetic control without requiring a great amount of 
current. Recently a scheme involving the use of a 
double-filament biilb, having one filament at the focal 
point ^d one filament above, has been proposed. The 
beam is tilted down when switching from the filament at 
the focus to the upper filament, making a very simple 
electrical control. This latter method has not yet 
received universal approval by the state authorities but 
will probably ultimately find extensive use in one form 
or another. 

Altogether we may say that the headlighting is a 
phase of the application of electridty to the motor car 
that is least satisfactory as regards relations between 
the motor car drivers and thfe public. It seems reason¬ 
able ^ believe that, as a result of the great demand for 
improvranent, some method will be devdoped in the 
comp^ativeiy near future to provide real relief to the 
situation. However, the engineering complications 
are only a small part of the difficulties at the present 


time. We have forty-eight sovereign states, each with 
the right to set up their own inspection service and pro¬ 
vide their own rules for inspection and their own regu¬ 
lations. While fortunately these regulating bodies are 
showing a great disposition to cooperate, it is obvious 
that they can cooperate only upon the basis of mutual 
consent. Such being the case, one or two gentlemen of 
rather fixed opinions, properly placed, can postpone 
the adoption of a device of merit for a considerable 
period, since the imiversal use of the motor car for tour¬ 
ing makes it necessary that the equipment on a car sold 
in Texas shall be satisfactory to the authorities of 
California and Massachusetts, as well as all states 
between. 

No discussion of the other lamps on the car will be 
undertaken here, except a brief reference to the so-called 
spotlight. This is a lamp small in size, but usually of 
high candle power at the center of the beam. 21-c. p. 
lamps are generally used with a reflector smaller thn.ti 
that in a headlamp. While it was originally intended 
to be a manually directed lamp used for picking up 
direction signs, in states requiring dimming it is usually 
used to light up the right edge of the road. However, 
being controllable, it is frequently abused and some 
states forbid its use entirely. Even when pointed down 
and to the right, the diffused light from the reflector is 
often so bright as to cause momentary confusion to the 
eye of a passing driver when the lamp is mounted high 
on the left windshield post as is usually the 
Therefore, its presence is somewhat objectionable. If 
mounted on the right windshield post, its use would be 
much less objectionable, especially if it were fixed. A 
committee of the National Conference on Street and 
Highway Safety has recently recommended that the 
mounting of spotlights on the left side of the car be 
forbidden. 

Some possible methods of improvement might be 
mentioned as a matter of general interest, merely to 
point out possibilities, with no intention to pose as a 
prophet. 

Dimming, tilting the headlight beam, or permanently 
limiting the height of the beam are all done so that an 
approaching driver will not be prevented from seeing, 
objects illuminated by his own lamps, but any of these 
e^edients on the part of the meeting drivers limits the 
vision of each. The most important area to be illumi¬ 
nated is that immediately about the approaching car, 
pmticulOTly ^e road to be passed over. Each driver 
might illuminate this space about his own car, and 
this could easily be done without glare to anyone, for 
very little forward-projected light would be required. 
This could be accomplished by switching from the 
regular headlamps to special lamps when cars are within 
200 or 800 feet of each other. Sufficient illumination 
of the space about the car, especially at the left, would 
go far toward compei^ating for the blinding effect of the 
headlamps at full brilliancy. Since conditions of the 
road surface will greatly affect the results from the 
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illumination standpoint, it is doubtful if headlamps can 
be completely dispensed with by the adoption of such a 
scheme. An effort has been made in this direction by 
one car maker, but obviously the scheme cannot suc¬ 
ceed unless universally applied, which would require 
legislation and impose somewhat of a hardship on 
owners of old cars, the electrical systems of which 
would not lend themselves easily to its application. 

Illumination of the roadway by a permanent lighting 
system would also take care of the problem, and it is 
reasonable to expect that the main arteries of travel 
approaching our larger cities may be so lighted in the 
not-too-distant future. This is particularly desirable 
where they carry practically solid lines of traffic for 
several hours of the day, as is already often the case. 

In the early days of the automobile, acetylene lamps 
were used without nearly so much complaint regarding 
glare as there is today. These acetylene lamps did not 
have so great an intensity in the central part of the bulb 
as that of the electric lamp, but they did give a large 
amount of side illumination immediately in front of 
the car, which was of considerable advantage to the 
driver of the oncoming vehicle. A return to this general 
type of illumination is being advocated today by several 
different interests, the claim being that the more uni¬ 
form light distribution gives a much more satisfactory 
result, and that the lack of penetration in the center of 
the beam is more than compensated for by the fact that 
the driver’s eyes need not to be adjusted to the effect 
of the very bright spot on the road directly in front of 
the car such as exists with the present type of lamp 
adjusted to the 1. E. S. specifications. On the other 
hand the rather high intensity of illumination at the side 
of the car greatly aids the driver of the oncoming 
vehicle. 

Two schemes of obtaining this general result have 
recently come to the author’s attention. One of these, 
originated by W. D’A. Ryan, involves the use of a shal¬ 
low, hyperbolic reflector, so mounted in a lamp with a 
bowl-shaped front glass that the filament itsejf projects 
beyond all opaque parts of the lamp and throws a light 
directly on the side of the road. The maximum 
candle power in the center of the beam is from 30 to 40 
per cent of that obtmned with the parabolic r^ector, 
and with such a system, one can read the street numbers 
on houses being passed and still have the necessary 
vision of the road ahead. This side illumination is also 
of considerable assistance to oncoming drivers. An¬ 
other system for obtaining much the same result involves 
the use of a large frosted bulb having the filament of 
greater candle power than is now used, say 36 or 40, 
mounted in a parabolic reflector. This lamp also gives 
a very satisfactory side illumination, but has much less 
candle power in the central beam. However, it has the 
advantage of simplicity and ease of application to cars 
already in service. 

Everything indical^ that such types of lighting will 
be given rather careful consideration in the near future. 


as there is a determined effort on the part of many 
influential people to have the whole question of road 
illumination reopened and the basis of the present ap¬ 
proved design reconsidered. Preliminary tests indicate 
that very satisfactory road illumination can be obtained 
in this way, the penetration being quite sufficient for 
road speeds up to the usual 35 mi. per hr., and the side 
illumination gives an added feeling of security on wind¬ 
ing roads, as compared to a narrow concentrated beam. 
However, a large amount of light rising from the lamps 
would cause trouble in fog sooner than a beam with a 
cut-off parallel to the road. 

One reason for the adoption of the type of lighting 
just mentioned is the difficulty of m aintaining satis¬ 
factory inspection, at reasonable cost, of lamps installed 
according to I. E. S. speciflcations. It is cljumed that 
in states where inspection is maintained one can have 
his lamps adjusted at an official inspection station in 
one town and be stopped by the police in the next town, 
a new adjustment being required. Where infection 
is not provided for, tiie results are naturally bad. Ohio 
required approximately I, E. S. results for a short time, 
all devices approved being subjected to test. There is 
every reason to believe that the preliminary inspection 
was carefully done, but as no inspection was main¬ 
tained on service equipments, the glare situation be¬ 
came so bad, that the law requiring state approvals of 
devices was repealed and a dimming law enforced. It 
is claimed by the advocates of the lighting schemes in¬ 
volving the spreading light with the candle power of the 
central beam reduced in intensity, that inspection in 
service would become a very simple matter. 

A system of some theoretical interest has been pro¬ 
posed, based on the idea of the use of polarized light. 
If the headlamps of a car emitted plane polarized light, 
polarized parallel to a plane inclined 46 deg. to the verti¬ 
cal with the lower end at the left, and a plate on the 
windsMeld having the property of polarizing by absorp¬ 
tion, (as in the case with tourmaline), were arranged 
with plane of polarization at the same angle, it is 
obvious that a driver would see objects illuminated by 
his own lamps, and that the light coming directly from 
the lamps of a simflarly equipped car directly facing the 
first, would be quite completely cut off with no glare. 
Guggles containing analyzers could be substituted for 
the polarizing sheet on the windshield. It would 
probably be commercially possible to polarize the light 
emitted by reflection without prohibitive cost or weight 
in the headlamps. High optical properties are required 
in the system through which the reflected light is re¬ 
turned, and no substances of the necessary propertiesfor 
a polarizing windshield plate are yet known, while 
analyzing prisms for goggles are quite out of the ques¬ 
tion commercijjly. Therefore, it will probably be some 
time before such a system could be put in use. One 
cannot recommend the expenditure of a great amount of 
money in the development of the required materials, 
since such a system would require imiversal legislation 
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to put it into application, under which conditions the 
restrictions hkely to be imposed would undoubtedly 
prevent any very great profit in its application. With 
the proper materials, however, it would seem that the 
head-lighting problem should be solved. 

Glare can also be avoided by other schemes per¬ 
mitting the driver to see the light on the road as thrown 
by his own headlamps, but cutting out the light of the 
headlamps of oncoming cars. One method which might 
be used would be application of colored filters, the two- 
filter combination being so selected that the amount 
of light from an ordinary tungsten headlamp passing 
the filters of two colors, would be so small that the light 
which, would pass through the filter on the headlamp 
of the one car and then through the filter on the wind¬ 
shield of the meeting car would be Tni tii Tmim and 
could, therefore, cause very little glare. Thus, if all 
drivers going east or north, used orange filtera in their 
headlamps to give sharp cut-off, stopping ail light of 
wave lengths shorter than 580 m ix carrying the same 
colored filters on their windshields, while all drivers in 
the reversed direction had blue-green filters, cutting off 
all wave lengths longer than 680 m ju, it is obvious that 
there would not be much trouble from glare. 

Roadside markers, informing drivers which filters to 
use, could be incorporated in the ordinaryroutemarkers, 
and simple means to change from one combination of 
filters to the other, controllable from the driver’s seat, 
could be incorporated in the design. The dividing line 
for the colored filters should be chosen for wave lengths 
longer than that corresponding to maximum sensitivity 
of the light, since more energy would be available for 
the longer wave lengths than for the short. 

However, compared to the polarized light scheme, 
and due to the loss of light of the most effective wave 
lengths, such a system would have the disadvantage of 
lower efficiency, since filters with a vertical cutoff line 
are not now or likely to be available, and the cutoff 
comes close to the point of maximum sensitivity. 
There woffid also be difficulty for a small percentage of 
persons having a very bad form of color blindness, and 
the affect of the colored light on the roadside might be 
objectionable to some people, although preliminary 
^periments indicate that the subjective effect is not as 
83 ^t as one might think. Changed color for danger 
signal lights would also become necessary although this 
would be only a minor part of the difficulty which would 
be caused by the fact that it will be necessary to have 
universal legislation. 

An attempt has been recently made to sell such a sys¬ 
tem to motor car manufacturers. In this particular 
system, invented by Karl D. Chambers, a green filter is 
used for one combination and a magenta for the other, 
provision being made for the equivalent of two pairs of 
he^amps, one pair for each color and for means of 
switching from one colored headlamp to the other when 
switehing filters. To take care of the rather large losses 
in light fiux, due to the fact that only a small part of the 


visible light is used, lOO-c. p-lamps are used in place of 
the usual 21-c. p. The light flux which passes through 
the filters on the headlamps is approximately equivalent 
to 21 c. p. of white light. Road tests have demon¬ 
strated that this system does eliminate glare, as when 
using it one can see the whole of the approaching auto¬ 
mobile instead of simply the headlamps as at the present 
time and also see this automobile in its proper relation 
to the roadway. The greatly increased current con¬ 
sumption, requiring a larger generator and a new cixrrent 
control make an undesirable increase in the cost. This 
would undoubtedly make it difficult to get the required 
legislation as the great majority of the cars on the road 
are of the type where it would be exceedingly difficult 
to fit generators of the capacity that would be needed. 

The schemes which have been mentioned above will 
undoubtedly seem very wild to the average engineer. 
However, it appeared desirable to bring them to your 
attention in the hope that they might stimulate thought 
on this very important question and possibly cause the 
development of more practical plans than those dis¬ 
cussed. A proper and universally satisfactory solution 
of the headlighting problem is one of the most important 
needs in the automobile industry. There is no disposi¬ 
tion on the part of the author to seem to criticize un¬ 
kindly the work of the I. E. S. in developing our present 
specifications. Under ideal conditions there would be 
very little criticism from anyone. Unfortunately, 
however, conditions are far from ideal and there is a 
great amount of adverse criticism. It, therefore, seems 
necessary to reconsider the whole question, as a joint 
committee is now doing. If it is found impossible to 
develop a more satisfactory method of meeting the 
problem that we now have, we shall at least have con¬ 
vinced more people that this is the fact. 


Discussion 

R. N. Fal^e: Mr. Hunt points out that with headlamp Learns 
which meet the I. E. S.-S. A. E. speciflcations at the B 
point (175 ft. ahead of the car) the vision of distant objects is 
interfered with by high road brightness near the car. It is true 
that this criticism applies to some of the equipments which, meet 
that specification, but only because they are poorly designed. 
The fault is not with the intensity directed to the B point but 
rather because of the excessive intensities directed to the lower 
angles and striking the road near the car. Such undesii'able 
light distribution is not at all inherent in the specifications. The 
better equipments follow the S. A. E. Recommended Practice 
which provides for a relatively high intensity at the B point and a 
gradual reduction in intensity at the lower angles to provide 
satisfactory uniformity of road illumination for distances of 
several hundred feet ahead of the ear. 

Mi. Hunt says that very satisfactory road illumination, quite 
sufficient for speec^ up to 35 mi. per hour, can be obtained from 
lamps provided with 36 to 40 candle power filaments and large 
frosted bulbs when used in parabolic reflectors with plain cover 
glasses. That there are conditions under which this would be 
true, I quite agree, but as a general statement covering the range 
of road, atmospheric, driving and car-voltage conditions over 
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which headlights must operate, there is ample evidence to dis¬ 
prove its adequacy. One might, to be sure, drive for a consider¬ 
able time with these frosted lamps without encountering the more 
exacting conditions for vision and be quite oblivious of the po¬ 
tential hazards which the inadequate lighting entailed and of the 

extra eye strain and fatigue imposed. When, however, a car is 
equipped with two sets of headlamps, such that the driver can 
shift at will from the frosted-bulb distribution to the recom¬ 
mended beams, he very quickly arrives at an appreciation of the 
advantages offered by the latter. We have had much experience 
with such facilities and the various observers have all come to the 
conclusion that the light from the frosted bulbs is dangerously 
inadequate. There is furthermore, a large amount of data 
avahable as to the minimum illumination desired for safety under 
different road and driving conditions as determined by numerous 
• observers in a ear equipped so that they could vary the form of 
beam and the intensity at all angles while driving. These data 
indicate that devices are needed designed to direct to the road 
intensities of the order of those called for by the S, A, E, Recom¬ 
mended Practice, The determinations did not involve any unu¬ 
sual conditions as far as atmosphere or driving were concerned 
although they were made on roads with which the observer was 
not familiar. Memory and assurance of the absence of any 
special hazards could, therefore, not be counted upon to take the 
place of vision. The frosted bulb gives a maximum of only 
3000 to 4000 candle power and this has most clearly been shown to 
be insuf&cient. 

So much for the requirements of the man behind the lights. 
But what of the man approaching, who faces but 800 candle 
power with the conventional devices and 3000 to 4000 candle 
power with the frosted bulbs. Hero again careful investigation, 
and long experience has demonstrated that something of the order 
of 1000 candle power is the maximum value that one can face on 
the road without undue interference with vision. Even with 
that value there is glare; hence the advantage of the further 
relief afforded by the depressible beam, even on level roads. 
Without wishing in any way to discourage the careful study of all 
possibilities which may lead to better driving conditions at night, 

I feel it desirable to point out this tremendous gap between what 
has been found necessary on and above the road, and what is 
provided with the frosted bulb. 

L. C. Portert Mr. Hunt rather strongly advocates the use of 
the large frosted bulbs of 36 or 40 candle power, stating that this 
lamp gives very satisfactory side illumination. That is true; 
but I should like to call attention to the fact that the frosted bulb 
itself becomes the light source, or at least a partial light source, 
and the reason that it gives the side illumination is, because it is 
so far out of the focal point of the reflector. For the same rea¬ 
son the light is spread upward as well as to the sides, and it is spread 
upward at such a steep angle that lenses and other glare-reducing 
devices cannot control it. Headlamps using such bulbs, there¬ 
fore, would be very glaring, and unquestionably exceed the glare 
limits set by the various state laws. A headlamp of this type 
reverts to the same general conclusion as the old Warner lenses, 
which were beautiful from the driver’s point of view, as they 
illuminated all of the surrounding scenery,—even to the tops of 
the trees, but were abominable from the point of view of the 
approaching driver, and for that reason have been absolutely 
ruled off from the road. 

W. D*A. Ryan (by letter): This paper is a direct and timely 
exposition of one of our greatest public menaces resulting in 
accidents and mortalities which are mounting at an alarming 
rate with each succeeding year. Unless something tangible is 
done to improve the situation the present automobile headlight 
laws and regulations must of necessity fall into disrepute. It 
must be admitted, however, that were it not for the I. E. S. 
specifications, which have been quite generally adopted, the 
situation would be much worse. 

Some maintain that the majority of accidents are caused by 


glare, others claim that glare may be disagreeable but not par¬ 
ticularly dangerous and that insufficient light on the road surface 
is the weak point. I am inclined to believe that if glare were 
eliminated we would find that we had sufficient illumination on 
the road surface at the present time when using the best units 
available. I am not opposed to increasing the illumination and 
believe it should be done if possible but this would be of little 
avail unless glare is eliminated. Just so long as we are allowed 
from 800 to 2400 candle power at the C point dangerous glare 
cannot be eliminated and we may as well realize this fact now. 
If the headlights are set for 800 to 2400 candle power at C point 
we will have glare but will comply with the range of 160 to 180 
ft. as called for in the different states. If we out the light down 
so that there is no glare at C, the range in most cases will be re¬ 
duced to less than 100 ft. which is not sufficient for safe driving. 
This combination is brought about by the inherent defects in the 
design of a majority of the headlights in use to-day. 

There is no rough and ready way of checking the I. E. S. 
specifications with any degree of accuracy in the existing testing 
stations. The rule now seems to be in a great many of them to 
tilt the headlights by bending the forks or otherwise until they 
consider that there is no glare, with the result that the maximum 
light strikes the road surface far short of the legal requirements 
for range. As Mr. Hunt points out, the lamp adjustment prac¬ 
tised in one state does not of necessity comply with the adjust¬ 
ments in other states. I know of two cities within a compara¬ 
tively short distance of each other which have entirely different 
ideas as to what is legal and what is not. You may have your 
lamps adjusted in one city and passed o.k. and be arrested in the 
other for improper adjustment. If the facts were known very 
few headlights, if any, in service would be found to comply 
strictly with the legal specifications on all points, and as matters 
now stand it is difficult to offer any useful constructive suggest¬ 
ions for a radical improvement before something tangible is 
available in the way of improved automobile headlights, other 
than to suggest federal control or other means of unifying the 
regulations in all of the states. Until this is accomplished the 
present absurd situation is bound to continue. 

One serious objection to the use of frosted lamps, especially 
of high.candle power, (36 or 40 as mentioned in the paper), is 
that the entire reflector becomes a disagreeable source of glare 
and as Mr. Hunt points out a great deal of this light would be 
reflected upwardly with sufficient intensity to give serious trouble 
in fog. This can be obviated with dear-bulb lamps by project¬ 
ing the main beam so that the high candle power rays do not rise 
above the horizontal, I have found from experience that driving 
with such a light when you are looking over the main beam to the 
distant range and not through it, allows good visibility in the 
fog. This is further helped by direct light (not reflected) in the 
front and to the sides of the machine which, on account of the 
low candle power intensity, does not bnUiantlyUluminate thefog 
but is of sufficient intensity to make the sides of the road, edges 
and fences discernible. 

After headlights permitting control of glare are placed on the 
market, high-candle power lamps to give greater road illumination 
may be approved, but until such time it will be difficult to con¬ 
vince the authorities having to do with automobile headlight 
regulations that a 21-candl6 power lamp, improperly focused,is a 
much greater source of glare than a 60-candle power lamp op¬ 
erated under proper conditions; so that for the present we are 
confined to the 21-candle power lamp, (which is standard for most 
of the states) and any improvements effected must be the result 
of better distribution, the utilization of stray light including that 
now producing glare and the elimination of losses in the housing 
and front door or lens. In view of the fact that there are few 
headlights today that are effectively utilizing more than one-third 
to two-thirds of the total Irimens of the source, there is a fair 
opportunity to obtain considerably more useful light even under 
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the 21-candle power handicap and other limitations imposed by 
the diversified laws of the different states. 

The requirements of a first-class headlight can be summed up 
as follows: 

First. A non-glare unit having a range between 200 and 300 
ft. on a level road. It should be non-focusing, capable of opera¬ 
ting with lamps of any candle power without change of focal 
adjustment. 

Second. The light distribution should be of fairly wide char¬ 
acteristic with reasonable depth and should be homogeneous with 
a gradually increasing intensity from a point near the machine 
to the most distant point and the refiected beam should not rise 
above the horizontal. There is always sufficient light from even 
a macadam road surface to take care of softening the cut-off 
above the horizontal at long range. The area of greatest in¬ 
tensity should not be concentrated in a small spot of high candle 
power but should have a reasonable lateral divergence. It is 
important to bear in mind that a very intense spot, particularly 
on a wet road surface introduces a new element of glare (reflected) 
which should be avoided. 

Third. A reasonable amount of light should be projected at 
right angles to the plane of the main beam and even a few degrees 
to the rear so as to light up the gutters and make turns safe in 
difficult places and also make possible the reading of road direc¬ 
tions on either side without the use of spotlights. 

Fourth. Sufficient light should be thrown on the front of the 
machine, that is the radiator, forward wheels and bumper, so 
that they are clearly visible and if one light fails there should be 
no chance of mistaking an automobile for a motor-cycle. The 
cut-off of the beam should be such that there would be no upward 
high-candle power rays to scatter in the fog and reduce visibility. 

Fifth. There should be a general dispersion of unreflected 
light to illuminate trees, telegraph poles and give general vista 
^thout glare so that distance can be judged at night as in day¬ 
light driving. If the non-glare feature of the unit is further 
improved by lighting up the front of the machine and the general 
surroundings, the intensity of the source becomes less brilliant by 
simultaneous contrast. Furthermore, the main beam should be 
of such a nature that it will become even more dead as the car is 
approachedwhich in turn willimprove the ability of the oncoming 
driver to see beyond the approaching car. 

Sixth. The lights should be definitely focused for city and 
country driving so that there would be no necessity for dimming, 
tilting or other manual operations which in the nihjority of cases 
with the present increased automobile traffic is impracticable, 
unless operated at the low point practically all the time. 

Now from a mechanical point of view: 

First. The lamp should be adaptable to modification of de¬ 
signs to meet the aesthetic lines of the car and embody the 
elements of true Art which at a glance suggest that the unit is 
primarily a functioning light source rather than a decoration. 

Second. It must be sufficiently rigid in construction so that 
it cannot get out of adjustment. 

Third. It should be dust and rainproof and a simple means of 
opening the door should be provided so that the replacement of 
lamp or cleaning of reflector can be done without the use of tools 
or unusual exertion. 

Fourth, A simple means of adjustment of the beam should be 


provided which will not require bending of forks, difficult 
manipulations or technical knowledge; in fact, so simple that 
anyone can make the adjustment and there will be little e.xoiise 
for failure to comply with state or police regulations. 

Fifth. The headlights must be produced at a cost which Avill 
not make them prohibitive even for the low-priced cars. 

I believe the above specifications are well within the range of 
possibility and can be made without great difficulty and at I’ea- 
sonable manufacturing cost. 

J. H. ’Hunt: It seems to me that as far as the S. A. E. 
specifications are concerned, the greatest criticism is not against 
the unfavorable results that come under tlie special road condi¬ 
tions, but against the difficulty of enforcement. The regulations 
specify definite quantities of light flux at definite angles. Tlie 
enforcing officers do not use instruments to make measurenients 
on these requirements. 

In line with what Mr. FaJge has stated, it seems to me there is 
one defect in the specification. I wish to make the point that the 
maximum intensity strikes the road at 172 ft. If it strikes the 
road at this point, it is not available for greater distances. It 
would seem that an additional specification should be added 
to the S. A. E, specifications, limiting the light below the hori¬ 
zontal as well as above the horizontal. 

Some comments have been made as to tlie speed limits of driv¬ 
ing vath oars with frosted bulbs. In the chart shown in the paper, 
the light along the horizontal for the frosted bulbs is about Jialf 
the candle .power available along the horizontal from lamps 
conforming to the S. A. E, specification. Now, the eye is not a 
physical instrument. It probably works in conformity to photo¬ 
chemical laws, and the relation between illumination and seeing 
is a logarithmic relation. As a result, the visibility of distant 
objects when using the frosted bulbs is veiy much greater than 
half the visibility when using lamps conforming to the specifica¬ 
tions, p^ticularly since there is not so much interference because 
of high illumination directly in front of the car. It is my person al 
opinion that it would be perfectly satisfactory to drive 35 mi. 
an hour with the frosted bulbs. This is based on considerable 
experience. 

The only reason I am bringing these particular lamps to your 
attention is because they seem to offer a possibility which should 
be studied and they are absolutely fool-proof in their application. 

I will, defy anybody to make an installation very much worse 
than the best installation can be with them. 

With the windshield clean, it is perfectly possible for drivers 
of two cars, equipped with both of these lamps, to drive past each 
other on the road without dimming, and maintain 35 mi. an hour, 
without any more i*isk than is involved, I believe, in driving by 
with a tilted lamp. It would take quite a little investigation to 
find out whether they will be practicable under every conceivable 
condition. 

Wi^ respect to driving in foggy weather,! have had a limited 
experience with the frosted bulbs in foggy weather, and I am 
convinced that in a light fog, I would be just as willing to use the 
frosted bulbs as the S. A. E. specification lamps. I have not had 
an opportunity to drive in a very dense fog and it is quite possible 
that they will not meet that situation. I had not expected, how¬ 
ever, very much more trouble with them than that experienced in 
an ordinary fog. 
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Synopsis,--The author gwra a brief survcii of the 7norc reeout 
achieveinenifi in iududrial electric heating, and shows the mcreasing 
tendcnicy of industries to adopt electric heating, particularly for 
high grade products, Specific installation for such processes as 
steal treating, copper and brass annealing, vitreous enamelling, 
glass annealing, baking japans, cores, bread, etc., on a large scale, 
are described and illustraiad. 


T he success attained during the past few years in 
the application of electric heat to manufacturing 
processes, indicates that the electric heating load 
will have a far-reaching affect on the future develop¬ 
ment and growth of central stations. 

A general survey of some of the more important 
achievements in the industrial heating field will be at¬ 
tempted in the hope that such a survey will assist the 
various central stations of the country to analyze the 
load-building possibilities of industrial heating in their 
respective territories. 

The use of heat in the preparation of raw materials, 
including the use of arc furnaces for steel melting and 
electrochemical processes, will not be discussed in this 
paper. Attention will be directed rather to the heat 
required in manufacturing operations subsequent to the 
preparation of raw materials. 

An appreciation of the extent to which heat enters 
into .such manufacturing operations can probably best 
be gained by considering the various steps in the manu¬ 
facture of some well-known product. A familiar exam¬ 
ple, and one of which the manufacture probably best 
illustrate.s the extent to which electric heat has super¬ 
seded other heat sources, is the electric motor. Heat 
must be supplied for annealing and enameling the 
punchings, annealing frame castings, and copper, for 
enameling and varnishing the wire, for japanning end 
shields, heating coil moulds, heating impregnating 
tanks and baking ovens, soldering, preheating rotors, 
melting aluminum used for rotor bars, and for heat- 
treating the dies and tools used in this line of manufac¬ 
ture, Electric heat is now being successfully applied to 
most of these processes. 

An analysis of the heat and power required in the 
manufacturing of most products reveals the fact that 
the energy required for heating greatly exceeds that 
required for power. Whether the electric heating load 
will ever equal the power load, as has often been prophe¬ 
sied, will thus depend upon the extent to which electric 
heat will be able to supersede other heat sources. At 
present, only tendencies in this direction can be defi- 
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It is shown that the quality of product has been improved by the 
use of electric heating with little if any increase in cost, and in many 
ca.scs, at a lower "over all” cost. 

The desirability of heating load for the central station is empha¬ 
sized, due to its high power factor and load factor. 

*ie * * 


nitely stated. These tendencies can probably best be 
brought out by considering the achievements of electric 
heating in individual applications. Accordingly, a few 
installations in each of the following fields, where electric 
heat is now successfully competing with other heat 
sources, will be discussed; 

I. Steel Treating 

II. Copper and Brass Annealing 

HI. Vitreous Enameling 

IV. Glass Annealing 

V. Baking Ovens 

VI. Impregnating Tanks 

Steel Treating. Heat is used in steel treating chiefly 
for annealing, hardening, drawing and carburizing. 



B’iq. 1—ELBCTnic .Shbet-Stkel-Annealino Puenacb 

Annealing has for its main object, the softening of 
steel to increase machinability or ductility, the relieving 
of easting strain, or, in the case of electrical sheets, the 
reduction of eddy current and hysteresis losses. 

li’ig, 1 shows an electric-annealing furnace of the 
elevator type, for annealing sheet steel. The sheet steel 
is stacked directly on top of the furnace car without 
the use of the annealing boxes familiar in fuel-fired 
practise, and the car is charged into the furnace by a 
hydraulic elevator. This type of furnace is used in pref¬ 
erence to the more common car bottom furnace with 
doors, since the air can be more effectively excluded and 
the furnace atmosphere controlled. 

Since the heat in the fuel-fired furnace must be sup¬ 
plied by combustion within the furnace chamber, prod- 
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ucts of combustion are present which have a strongly These small electric furnaces have been found partieu- 
oxidizing effect on the punchings or other material larly useful in demonstrating to manufacturers the 


being heated. Heavy steel or iron boxes which, in 
many cases, exceed the weight of the pimchings them¬ 
selves, are required to protect the punchings from this 
oxidizing atmosphere. Thus, the fuel-fired furnace 
labors under the disadvantage of heating practically 
twice the material heated in the electric furnace for a 
given output of punchings and, at the same time, is 
charged with a high annealing box depreciation. These 
two factors have made it possible to materially reduce 
annealing costs with the electric furnace. 

This advantage, coupled with others of lower mainte¬ 
nance costs, more uniform product and better working 
conditions, indicate that the field for electric annealing 
of sheet steel is one capable of great future expansion. 
Fourteen electric furnaces of this type, having a total 
connected load of 2200 kw., are now being operated by 
one concern. 

The widespread adoption during the past few years 
of electric-melting furnaces by steel foundries, is now 



Fig. 2—^Electric Tool-Hardening Furnaces 


being followed by the general adoption of electric 
furnaces for annealing. Since annealing can be carried 
on without attendance, it is usually done at night to 
secure the advantage of low off-peak rates. The 
advantages swured are a better and more uniform pro¬ 
duct, 1^ scaling and better working conditions. 

Steel is hardened by heating above its critical or. 
teansformation point and cooling quickly by immersion 
in some quenching medium, such as water or oil. This 
treatment greatly increases the hardness and tensile 
strength at the same time decreasing its ductility or 
toughness. The proper combination of hardness, ten¬ 
sile ^rmgth and toughness is secured by subsequent 
heating, known as drawing. Hardening and drawing 
are applied to tools and dies to give hardness and 
strength to the cutting edge, and to automobile parts, 
etc., to give maximum strength and toughness. 

A typical tool-hardening room equipped with elec- 
tnc fundees is shown in Fig, 2. Tool-room furnaces 
^e i^Uy of the box or pit type and require an energy 
input of from five to forty kw., depending on their size. 


superiority of electric heating, and have in factories 
where they are used thus formed the basis for the 
more extensive use of industrial heating, for other 
processes. 

Uniform heating of steel to the proper temperature 
throughout its mass is essential in order to secure maxi¬ 
mum properties of hardness and strength. Even a 
slight deviation from these conditions will greatly 
reduce such properties, or may even cause the breakage 
of a tool of die in quenching. This clearly marks the 
hardening of dies and tools as the field of the electric 
furnace, with its accurate temperature control and uni¬ 
formity of heating. 

It is interesting to note that these advantages can be 
secured at average commercial rates for electricity 
without additional operating cost. To definitely es¬ 
tablish this point accurate tests have been conducted 
in several plants. It might be well to add, however, 
that undue prominence is often attached to the cost of 
fuel or electricity for heating operations. A careful cost 
anal 3 rsis, made of several steel parts, showed that the 
cost of electricity used for heat treating averaged only 
one-half of one per cent of the factory cost of the parts, 
while improvements in these parts equal to many per 
cent could, in most cases, be definitely credited to the 
electric furnaces. 

The advent of the automobile, with its requirements 
for lightness and great strength, has given pronounced 
impetus to the heat treatment of steel. Some parts, 
such as ball bearings, are heated as many as six times 
dunng their manufacture. The same care and accuracy 
in hating are required as for tools and dies and, ac¬ 
cordingly, many of the automobile manufacturers are 
turning to the electric furnace as a means of securing 
maximum results. 

The operation of electric furnaces for this work over 
a period of three or four years has clearly demonstrated 
that not only can maxunum results be obtained through' 
their use but that these results can be secured at a lower 
over-all” cost. In most cases the cost of electricity 
exceeds the cost of oil but this higher cost is more than 
offset by lower rejections, greater uniformity of hard¬ 
ness m^ng possible the speeding up of subsequent 
machining operations, less cleaning, less labor, and more 
favorable working conditions which, in turn, results 
in lower labor turnover. 

Continuous furnaces, in which the parts are pushed or 
carried through the furnace and quenched automat¬ 
ically, are used extensively for this work. 

Pig. 3 shows a rotary-hearth furnace in common use 
for heating gears and small parts. A furnace of this . 
type was installed by one concern four years ago. This 
concern now has seven such furnaces in operation with a 
total coimected load of 1200 kw. Space permitting, 
numerous other examples could be given in the aggre¬ 
gate showing a very definite trend toward the complete 
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electrili^tion of this important field with its enormous 
load-building possibilities. 

Carburization of steel consists in increasing the car¬ 
bon content of the surface of a soft steel part by heating 
it to high temperature in the presence of carbon. The 
steel psrts are packed in a suitable container .with 
carbonaceous material, heated in a furnace to the proper 
temperature and h%ld at this temperature for a period 



Fig. 3—^Electric Rotary-Hearth Frenaob 


of several hours. Numerous installations of electric 
furnaces have proved them ideal for carburizing and 
on the cost basis alone able to successfully compete 
vnth fuel-fired furnaces. This is due to the, high effi¬ 
ciency of the electric furnace during the long “holding” 
period. 

linger life of carburizing boxes, less labor and more 
uniform results are advantages gained by the electric 
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would cause it to break. It is then necessary to restore 
its softness and ductility by heating or fl.r>Ti<.gKTig in 
the manufacture of light gage sheet or wire it inay be 
necessary to anneal sevmal times. A final accurate 
annealing of some finished products is of vital impor¬ 
tance. A good example is the copper used for electric 
motors and genera,tors where great ductOity is required 
to prevent (nystallization and breakage due to vibration. 

An electric furnace for bright annealing copper wire is 
shown in Fig. 4. In charging the furnace the platform, 
with its load of copper, is lowered by a hydraulic cylin¬ 
der into a pit filled with water. The furnace is mounted 
on wheels ^d, by means of another hydraulic cylinder, 
is pushed into a position directly over the submerged 
charge of copper. Raising the platform to its original 
position then places the charge inside the furnace 
chamber. Two platforms are provided in order that 
one may be loaded or unloaded while the other is being 
heated. 

Heating units are mounted on the walls of the fur¬ 
nace, radiating their heat directly to the charge. 



Fia. 5 —^Elbcteic Vitreous Enameling Furnace 
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Fifl- 4 : —^Electric Copper-Annealing Furnace 


carburizing furnace which promise to give great im¬ 
petus to its future use. 

Copper and Brass Annealing, The working of copper 
and brass increases its hardness and reduces its duc¬ 
tility. With continued working, the hardness of the 
metal reaches a point where any further reduction 


Bright annealing is secured by keeping the furnace 
chamber filled with steam and thus precluding the air. 
Accmate temperature control and imiform h^t distri¬ 
bution produce uniform results which can be absolutely 
duplicated in every heat. 

In the fuel-fired furnace, steel muffles are required to 
exclude the products of combustion from the working 
chamber. 

The chief advantages gained by electric furnaces of 
this type are lower costs and better and more uniform 
product. One company has five of these furnaces in 
operation with a total connected load of 900 kw. 

For brass annealing, a large tunnel t 3 q)e of furnace is 
usually employed. One such furnace, with a connected 
load of 600 kw., has been in continuous operation for 
three ye^. The cost of electricity slightly exceeds the 
cost of oil but advantages,, such as less scaling, greater 
umformity of hardness, and lower rejections, have made 
the “over-all” cost in the electric furnace lower. Sev¬ 
eral such furnaces are now in operation. 
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Vitreous Enameling 

In, applsnng the vitreous enameled coating, familiar 
in lighting reflectors, kitchen ware, and sanitary ware, 
it is necessary to heat the metal to a high tempertuare 
to fuse the coating and render it adherent to the metal. 
The coating, consisting essentially of pulverized glass, 
is applied to the metal either as a thin paste or liquid 
by dipping, or, as a powder, by dusting it on the hot 
metal. The former, or wet process, is used chiefly on 
sheet metal parts such as kitchen ware, and the latter 


location of heating units gives a uniform temperature 
throughout the cross section of the lehr and the several 
automatically controlled zones make it possible to 
accurately govern the cooling of the glass along any 
desired curve. 

This accuracy of control has niade it possible to pro¬ 
duce a glass of much greater strength, particularly 
noticeable in the reduction in brealiiage of electrically 


for cast iron parts such as sanitary ware. 

Fig. 6 is a typical installation of the furnace used for 
enameling sheet metal. The chief requirements of the 
enameling furnace are: 1. High rate of production, 
since the labor of charging the furnace constitutes a 
large part of the enameling expense. 2. Pure furnace 
atmo^here to prevent contamination of the enamel. 
3. Uniform heating to the correct temperature to 
maintain a high quality product. 4. Low mainte¬ 
nance cost. 5. A minimum of interruptions in 
production. 

.In order to meet the requirement of a pure atmos¬ 
phere, it is necessary to either fire the fuel-fired furnace 
intermittently while the furnace is empty, thus reducing 
production, or to interpose a muffle between the com¬ 
bustion chambOT and the working chamber. This also 
retards production and gives rise to frequency interrup¬ 
tions and high maintenance cost. 

On the othOT hand, the electric furnace ideally fulfills 
^1 these requirements. At av^age rates for electricity, 
it suffers the disadvantage of a somewhat liighftr cost for 
heat. However, the large number of furnaces in opera¬ 
tion have demonstrated conclusively, that in most cases 
other advantages of the electric furnace readily out¬ 
weigh this higher heat cost and give a product of better 
quality at a lower “over-all” cost. One ftnamaiiT'g 
comply has, over a period of four years, increased its 
electric furnace installations to sixteen with a total 
connected load of 3600 kw. 



anneal^ glass in bottling machines. The cost of 
electricity for heating the lehr is, in most cases, high^ 
than the cost of oil, but, as in many other instances 
referred to earlier in the paper, the cost of heat for an¬ 
nealing represents such a small portion of the cost of 
the ^sh^ product that even a slight improvement in 
quality will offset the additional cost. One company 



Glass Annealing . 

Glass, as it comes from the moulds in which it is 
formed, is at a high temperature. If permitted to cool 
qmcldy in air, strains would be set up in it that would 
cause easy breakage. The formation of these strains 
can be prevented by cooling the glass slowly in a fur¬ 
nace or lehr. This lehr is usuaUy of the continuous con¬ 
veyer type, in which the temperature is graduated and 
the speed of the conveyer so set as to cool the glass to 
room temperature at the proper rate. There are cot- 
tam critical temperatures in the cooling curve where 
great accuracy of temperature control is required to 
prevent the formation of strains. 

^ electricaUy-heated glass lehr. 
It is^hea^ by resistors mounted beneath the conveyer 

These resistors are 
divided mto five mdependent zones, each of which is 
arranged for automatic tempmiture control. The 


Pig. .7—^Blkctbic Cobb Oven 

hw installed eight lehrs during the past three years, 
with a total connected load of 1800 kw. 

Baking Ovens 

Baking ovens cover such a broad field that space will 
permit of only brief reference to a few of the more 
im;^rtant applications, such as japanning, core baking, 
and bread baking. M 

The development of low temperature heatersW 
baking ovens preceded by several years the development 
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of suitable high temperature heaters for steel treating 
and other high temperature applications previously 
discussed. Accordingly, the low temperature appli¬ 
cations have been more fully developed and still repre¬ 
sent the greater part of the industrial heating load 
exclusive of arc furnaces. ’ 

The extensive use of japanned metal for automobile 
parts, furniture, typewrites, cash registers, etc., make 
the field of the electric japanning oven from the stand¬ 
point of load building one of great importance. There 
are numerous installations throughout the country 



Fig. 8—Elbctbic Bread-Baking Oven 


ranging from small-box type ovens to great batteries of 
conveyor ovens. One company has a connected load 
of 12,000 kw. for japanning, built gradually up to this 
point over a period of ten years. 

Because of the superior quality of electrically baked 
cores, electricity is becoming more generally used for 
core baking. Pig. 7 shows one of a battay of eighteen 
ovens used by one company. Another installation of 
1000 kw. in core ovens is now in process of erection. 

Bread baking by electricity has, for a long time, been 
succe^ully practised in homes, hotels and small 
bakeries. However, it is only recently, that the use of 
electricity has been considered for large bakeries. 
Fig. 8 shows a 450-kw. oven recently placed in success¬ 
ful operation. This oven is 9 ft. wide and 80 ft. long, 
,and has an output of 4000 pounds of bread per hour. 
Accurate temperature control of the oven is secured by a 
large numbw of automatically controlled heating zones. 

One 800-kw. oven and several smaller ovens are being 
used by one company for baking breakfast food. The 
cost of electric heat required for baking usually repre¬ 
sents such a small part of the total cost of the product 
that even a slight improvement in quality will readily 
compensate for the additional cost of electricity for 
baking. 

Impregnating Tanks 

An interesting installation of electrically-heated 
vacuum impregnating tanks is shown in Fig. 9. Be¬ 
cause of the fluctuations in steam pressure and the diffi¬ 


culty of securing high enough temperatures for aU 
purposes, electric heating units were applied to these 
tanks. Contrary to expectations, the cost of heating 
electrically exceeded by only a few per cent the cost of 
heating with steam. Increased production as well as 
improved quahty, made possible by uniform tempera¬ 
ture distribution and automatic temperature control, 
actually reduced the cost per unit of product. 

In addition to the large capacity installations dis¬ 
cussed undo’ these various headings, there are numerous 
other applications such as melting pots, soldering irons, 
glue pots, local heating units, etc., which, in the aggre¬ 
gate, represent a large load. These devices possess the 
advantage of low first cost and low operating cost and 
thus find a ready market. 

The many advantages of electric heat oyer other heat 
sources thus established in numerous individual instal¬ 
lations through a broad field of 'applications, indicate 
that the coming years will witness a great expansion of 
this ^ntral station load. It should not be overlooked 
that it represents a particularly attractive load from the 
standpoint of the central stations, for it is all at unity 
power and high load factor. Most of the furnaces 



Pig. 9—Electric Impregnating Tanks 


operate twenty-four hours a day but many can operate 
to advantage only dunng off-peak periods. 

The rate of expansion of the heating load will depend, 
to a large extent, on the amount of effort spent in educa¬ 
ting manufacturers to the advantages of electric heat. 
Effort was required to establish the electric light and 
electric motor as accep'ted standards in their respective 
fields; it now appears that similar effort on the part of 
electrical manufacturers and central stations will ulti¬ 
mately establish electricity as the accepted standard for 
industrial heating. 


Discussion 

H.N.Shawi The maximum temperature of eleotaie furnaces 

is fixed by the limitations of the heating elements available. 
Above 2000 deg. fahr. metallic elements are impractical due to 
their loss of meol^oal strength, but non-metallie elements are 
now available which are practical for use in industrial furnaces 
operating at temperatures up to 2600 deg. fahr. 

During the last few months, tests have been run on forging 
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furnaces operating at 2400 deg. fahr. in which a non-metallic 
element is used, and the results have proven that a forging fur¬ 
nace with automatic temperature control can be built so as to be 
as successful as the electric furhaces now used for steel treating. 

This development opens up a new field for the sale of power in 
very large blocks to forging shops and steel mills. One large 
shop, for example, will require more than20,000 kw. when all the 
oil furnaces are replaced by electric furnaces. Preliminary tests 
have shown that the electric furnace will cost less to operate and 
will require one less workman, due to the automatic temperature 
control. Besides this direct saving, the shop will be converted 
from a hot smoky place to a clean cool shpp and thereby reduce 
the labor turnover. 

The use of electric forging furnaces should bring about decided 
improvements on present-day forging practise, in a manner 
similar to that in which improvements in japanning practise 
were brought about, by the introduction of the electric japanning 
oven. 

C. L. Ipsen: I was very much interested in Mr. Shaw’s 
aescription of a new form of heating unit which he considers 


suitable.for use in forging furnaces. A great variety of electric 
forging furnaces have been designed in the past which have 
clearly demonstrated the desirability of using electric heat for 
forging but none of'these has pro’C^ed successful on account of the 
high cost of maintenance. 

The question has been raised concerning the.power surges 
caused by electric furnaces. The various ovens and furnaces 
covered by my paper are all of the resistance typo and operate 
at practically unity power factor. The load is of much the same 
nature as the incandescent-lighting load and consequently does 
not give rise to any power surges. 

Concerning the desirability of this type of heating load to the 
central stations—it might be of interest to point out here that 
one large central-station company made a study of the relative 
returns from their heating load and from their lighting and power 
load. It was found that the lighting and power load returned a 
revenue of $26 per year for each kilowatt of demand and that the 
heating load returned $43 per year for each kilowatt of demand,— 
indicating very clearly the inherently high load factor of in¬ 
dustrial heating equipment. 



A High-Frequency Induction Furnace Plant 

For the Manufacture of Special Alloys 

BY P. H. BRACE* 

Non-member 


Synopsis.— High-frequency induction furnaces have been used 
for some time for the laboratory preparation of special aUoys on a 
relatively small scale, and, to a limited extent, on a commercial 
scale. High-frequency power has, in general, been secured from 
aparh-gap oscillation generators. RecenUy the Westinghouae 
Electric & Manufacturing Compan„. installed a plant having a 
nominal capacity of SO tons per month, in which alloys are being 


produced in high-frequency induction furnaces supplied with power 
from •» 100-kw., 5000-cycle inductor-type alternator. Zirconium 
sUicate finds extensive use for furnace linings and thermal insulation. 
Alloys of great purity, which meet unusucd and severe requirements, 
are being produced at a cost which compares favorably with that of 
oridnary commercial materials of the same nominal composition hut 
having much inferior properties. 


T he plant desoibed in the following paper was 
developed for the express purpose of manufacturing, 
on a commercial scale, metals and alloys of the 
same degree of purity, and having the properties of those 
heretofore available only as the result of costly small- 
si^le laboratory production. The general plan of 
operation h^ been to melt the purest metals obtainable 
under conditions insuring the mi nim um of contamina¬ 
tion, and very gratifying results have been obtained by 
the use of electrolytic metals and high-frequency in¬ 
duction furnaces of the type originated by Dr. E. P. 
Northrup. 

The equipment of this plant falls into three main 
groups as follows: 

1. Electrolytic iron refinery 

2. High-frequency power plant 

3. High-frequency furnace plant 
, The description which follows will be divided along 
these lines. 

Eleotrolyho Iron Refinery 
The electrolytic r^ng of iron is no new thing, and 
the practise followed in this plant does not differ 
fundamentally from that found successful in the 
laboratory. The electrolyte is a distilled-water solu¬ 
tion of the best grade of technical salts, as given by 
Table I. 

Chemical control of the plant is maintained by 
periodical analysis of the elecfroljrte, to determine the 
acidity and concentration of iron as well as the pro¬ 
portions of the other copaponents. The acidity is 
measured by electrometric titration in terms of the 
hydrogen-ion concentration. 

In practise, it has be^ found that the concentration 
of the electrol 3 d:e and the relative proportions of the 
component salts may vary over a considerable range 
without causing serious difficulty. Satisfactory de¬ 
posits are obtained with the iron concentration within 
limits of 46 and 55 grams per liter, and with the'hy¬ 
drogen-ion concentration between 1.5 X 10"-® and 
0.7 X 10-*. 

•Research Engineer, Westdaghonse Electric & Mfg. Co. 

Presented at the Spring Convention of the A. I. E. E., 
at St. Louis, Mo., April lS-17,19S6. 


The acidity is adjusted by addition of hydrochloric 
acid or ammonia, the latter being very conveniently 
added by injection into the circulating system from a 
tank of liquid ammonia. 

The temperature of the electrolyte ranges between 
26 deg. and 35 deg. cent, the only heat supplied being 
that due to the passage of the electrolyzing current. 

Ip order to clarify the electrolyte and maintain 
unifoimity of composition, it is circulated continuously 
through, a nine-foot, five-tray Dorr thickener. The 
chief difficulties in the operation of the plant have been 
connected with the circulation and clarification of the 
electrolyte. These have been due to the fact that 


TABLE I 


Composition of Blectrplyte 

I Concentrations 


Salt 


Quantity 


FeOl2. 4 H 2 O 
FeS04. 7. H 2 O 

(NH4)2 S04... 


71 ; grams per liter 
(4.7 lb. per cu. ft.) 
150 grams per liter 
(9.4 lb. per cii, ft.) 
100 grams per liter 
(6.26 Ib. per cu. ft.) 


Totals.,.. 


(group per liter) 


Fe 

Cl. 

SO 4 

NH 4 

21.1 

20.8 



32.0 


45.5 




68.0 

31.2 

53.1 

26.8 

113.6 

31.2 


aeration of the electrolyte from any cause results in 
oxidation of the ferrous salts and the precipitation of 
the iron as basic hy^ates. As the removal of the iron 
proceeds, the acidity of the electrolyte rises, and 
shiny, brittle, deposits are produced, which peel from 
the cathode sheets and fall to the bottoms of the tanks. 
It has been necessary to arrange the pumps and piping 
and the inlets and outlets of the tanks so as to avoid 
turbulent flow and prevent entrainment of air. Clari¬ 
fication of the electrolyte is necessary to prevent 
contamination of the deposited iron by inclusions of 
sludge from the anodes. 

The anodes are made from hot-rolled slabs of Armco 
iron two inches (6.1 cm.) thick by 28 inches (71.2 cm.) 
wide by 40. inches (102 cm.) long. They are supported 
in the tanks by two L-shaped lugs, arc-welded to the 
comers of the slabs at one end. 
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The cathodes are cut from ordinary soft steel sheets. 
They are clamped between brass bars which support 
them in the tanks. The general appearance of the 
anodes and cathodes is shown in Fig. 1. The anode at 
the right has been in service for some time and the uni¬ 
formity of the corrosion is noteworthy. The cathode 
shown has received a deposit approximately inch 
(0.6 cm.) thick, and will be ready for stripping when 
the deposit is approximately % inch (0.9 cm.) thick. 

Armco iron was chosen for anode material because it 
was but slightly more expensive than other suitable 
material and because its very small content of impurity 
would minimize the contamination of the electrolyte by 
foreign metals and sludge. 

A large proportion of the insoluble impufities re¬ 
mains on the surfaces of the anodes as the iron is eaten 
away and forms a black, somewhat gelatinous, coating 
which interferes with the corrosive action of the 
electrolyte. If this sludge is allowed to accumulate, 
the bath will become impoverished in iron; therefore, 
the anodes are removed from the tanks about every 


'‘oxidation” method. The latter method should always 
be used when analyzing electrolytic iron for sulphur 
because it determines the sulphur present as sulphates 
as well as that present as sulphide, while the evolution 
method shows only sulphide sulphur. 

The deposits on the cathodes are allowed to build up 
to a thickness of approximately ^ inch (0.9 cm.) and 
are then washed for 48 hours in hot water agitated by 
steam jets. Two changes of water are used. By this 

TABLE II. 

Outline Specification for Electrolytic Iron Refinery 


Total floor space.71 ft. (21.6 m.) x 32 ft. (9.7 m.) 

Output.700 lb. (310 kgO per 24 hr. 

Current.2000 amperes maximum 

Current density.10-12 amperes per sq. ft. (1.20-144 amperes per 

sq. mo 

Voltage.20 maximum 

Power supply.50 kw., 2000 amperes, 20 volts sepai'ately ex¬ 

cited, d-c. generator with field control, driven 
by 70-h.p., 2200-volts, 3-phase, 60-cycle induc¬ 
tion motor. 

Tanks.18 wooden tanks, connected in series, each con- 

• taining 10 anodes and 9 cathodes. The tanks 
are 3 ft. (91 cm.) wide by 6 ft. (183 cm.) 
long and 4 ft. (122 cm.) deep insido. 

Piping.Lead and stoneware. 



Fitting, valves.. Durlon. 

Pumps.Two Durion centrifugal piunps, rated at 100 

gal. per min. (37.8 1. per min.) at 60 lb. per 
sq. in. (3.6 kg. per sq. cm.) driven by direct- 
connected 10-h. p., 220-volt, 3-phase induc¬ 
tion motors. 

Clarification.9 ft. (276 cm.) diameter, 6-tray Dorr thiclcener, 

operating with a flow of 50 gal. per min. 
(1881. per min.). 

.Armco iron, 2 inches (6.1 cm.) by 28 Inches 

(69 cm.) by 40 inches (102 cm.) ‘ 

Cathodes.Sheet steel. 1/16 in. (0.16 cm.) by 30 inches (76 

cm.) by 40 inches (102 cm.) with coating of 

_ black oxide to prevent sticking of deposits. 


1—^Electrolytic Iron Refinery Cathode (Left) 
vriTH In. (0.6 Cm.) Deposit of Electrolytic Iron; Anode 
(Right) After Approximately Four Weeks’ Use. Note 
Uniform Corrosion 

third day and washed with a strong stream of water 
from a hose. 

The cathode sheets are prepared for receiving de- 
posite by cleaning to remove grease and rust and 
hating in a gas furnace to a dull red heat for a short 
tinie. A thin coating of black iron oxide is produced 
which prevents strong adhesion of the deposits and 
makes it an easy matter to strip the electrolytic iron 
from the sheets. 

Carbon and sulphur are the most objectionable 
impurities. The former is removed very completely by 
electrolytic refining, as it remains in the tanks as part of 
tte sludge. The sulphur in the original iron is not 
transfOTed, but some sulphur is introduced by the 
occlusion of electroljde in the deposit. Analysis of a 
sample of good electrolytic iron by the “evolution” 
mettod will show a sulphur content of the order of 
0.002 per cent or less. The same sample may show a 
sulphur content of 0.015 per cent when analyzed by the 







Fig. 2-—General View op Electrolttic Iron Refinery. 
Dorr Thickener Installed Beyond Partition at Par End. 
Mixing Tanks, Left-Center. Washing Tanks, Extreme 
Left 

me^s the total sulphur can be kept below 0.01 per cent 
and occasionally as low as 0.006 per cent. After 
washing, the deposits are stripped, broken by hand 
hammers to approximately two inch (5 cm.) size and 
stored ready for melting. 

The principal data concerning this plant have been 
summarized in Table II, and Fig. 2 gives a general 
view of the installation. 
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High-Frequency Power Plant 
High-frequency power for the induction furnaces is 
furnished by a motor-generator set designed and built 
especially for this work. This machine was designed by 
C. M. Laffoon of the Power Engineering Department, 
Westinghouse Electric and Manufacturing Company, 
and has been described by him in some detail*. The 
alternator is of the inductor type with a cylindrical 
rotor, and operates normally at 3750 rev. per min., 
giving a frequency of 6000. cycles per second at this 
speed. The machine delivers 400 amperes continuously 
at 250 to 300 volts, corresponding to an output of 100 



Fig. 3—Control Panrl fob High-Pbequbncy Power 
Plant. Furnaces and Driving Motor of High-Fbbquenot 
Alternator Seen in Background at Right. 

to 120 kv-a. Under these conditions there have been 
no indications of excessive temperature rise in the 
windings, and the mechanical performance has been 
excellent under all conditions. The alternator is driven 
through a standard Westinghouse turbine reduction 
gear, giving a speed ratio from generator to motor of 
4.12 to 1. The motor is a standard Westinghouse 
Type S K motor, rated at 200 h. p., 230 volts, 910 rev. 
per min. provided with field control to give a frequency 
range from 4600 to 6000 cycles per second. 

The entire control of the high-frequency power supply 
is centered in the control panel shown in Pig. 3. This 
panel carries the following equipment. 

1. Relay switch for operating the automatic motor¬ 
starting equipment. 

2. Motor field rheostat for controlling motor spe^. 

3. Field switch for high-frequency generatot. 

4. Field rheostat for high-frequency generator. 

5. Push-buttons controlling the solenoid-operated 
condenser switches. 

6. Freq uency meter calibrated, in cycles per second 

*High Frequency Alternators, by 0. M. Laffoon: Electric 
Joumal, Sept. 1924, Vol. XXI, No. 9, p. 416-420. 


and operating from a speed-indicating magneto direct- 
connected to the motor shaft. 

7. Direct-current ammeter for measuring field cur¬ 
rent of high-frequency alternator. 

8. Thermal ammeter for measuring high-frequency 
generator output. 

Thus, one man has complete control of the starting 
and stopping of the high-frequency gererator, of 
frequenqr, of condenser capacity, and of the voltage 
and current output of the alternator. For a given 
material and weight of charge, the furnace operations 
soon reduce to a routine matter of shoveling in the 
charge and the following of a definite current-time 
schedule. 

The windings of the alternator are divided into twelve 
similar sections,—^six on each end of the stator,—^and 
these are operated in series-parallel connection, giving 
six groups, each having two coils in series. These six 
groups are connected in parallel to the busbars through 
60-ampere, 500-volt fuses and the equalizing trans¬ 
formers. The purpose of the equalizing transformers is 
to ensure equal division of current among the paralleled 




Pig. 4—Schematic Diagram of Circuits of High-Pbbqubnct 
Alternator, Condensers and Furnaces 

sections of the windings. Previous experience with a 
small alternator of this same type showed that itwas very 
difficult to get similar characteristics in all the coils, 
and that the relative characteristics of the coils would 
sometimes change appreciably with time, because of 
altwations produced in the dimensions or relative 
positions of the parts of the machine by temperature 
changes or othw causes. As a result, it was impossible 
to form a grouping which would give an equal distri¬ 
bution of load under all conditions. 

Pig. 4 is a schematic diagram of the generator, equal- 
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izing transformer, condaiser and furnace circuits. 
From this it will be seen that the equalizing transformers 
consist of cores with a primary winding on each and 
that one of these primary windings is in series with each 
series pair of generator .coils., All the cores are linirH 
Twth a common secondary winding which is short- 
circuited. on itself. Thus, the secondary current is 
always alike in all the transformers and the tenden<qr is 
to mmntain the equality of the primary currents; hence 
equal distribution of current among the various coil 
groups. If, for any reason, an open circuit develops in 


elsewhere*. Westinghouse oil-insulated paper con¬ 
densers, such as are regularly used for 2300-volt power- 
factor correction service, were used to build up this 
bank of condensers. The individual units have a 
capacity of 1.21 ixt. and there are eight groups of them, 
each containing 20 units in parallel. Each group is 
provided with a remote controlled short-circuiting 
switch and adjustment of the condenser capacity is 
effected by manipulating these switches to vary the 
number of condensers in the circuit. Table III shows 
the great flexibility made possible by this arrangement. 



TABUE Ill. 

Capacity Kangc of OoiitltmKrr Inink 


No. of Groups 
iu Circuit 


Max. Total 
voltago 


(Japacitancu 

iniiTofaracls 


Max. Torul 
Kv-a. 


TKANSPOBMilR TaNK, CoeBS SuHKOUNDED 
•BT Secondary CiRcviT. Fusible-Link Thermal Cut-Outs 
and Leads to Primary Coils 

coil group, the iron of the (xirresponding trans- 
fomer core is unmediately subjected to the full mag- 
t zing force due to the secondary current impelled by 
f destructive tempera- 

tnio ,1 reached. The transformers are safe- 

S^mSt^nn*' contingency by placing a link of 

core Thi^-T “ immediately above each 

core. The^ links are connected .in series with the 

field coil of the alternator. Hot oil rista? frem ^v 
core mdts the conesponding M>lc Itok 
This mtcrrupts the. field cunent and protected 

.atict ° -1 This arrangement ban worked 

Stiif aeries^S^S 

structural details of a groun of 
eq^izmg transforma^. The cases for 

^rora“tn“r(tof^~^ 

plete the circuit TLo Ar^ ^ “^i^.copper bars to com- 

me alternator is connected in series witL # 
nace, mduetor coil and the banV nt « j ^^® ' 

shown diagrammatically by Fig 4 ‘ 

ManntactnLg STpS^ ■ 


The condensers are mounted in grounded .structural 
iron frames, from which they are insulated by porcelain 
msuktors designed for a.maximum stress of 10,000 volt.s. 
Much mg^uity was exercised in arranging the electrical 
cmcuits within the iron frame in such a way as to avoid 



From’w?® Power Plant. 

lvm<^MoZaZl’ Controller. Hioh-Pre- 

PvBNACE Vacuum JJir CoNTRorP fv"*' 

Vacuum Furnace ’ Rkab), 


by ttehigWrequcncy magnetic 

and eonriorimgst. “ -mi® condenser frames 

expanded ®^® in a grounded, 

the ton of Ni ®’^sbars are carried around 

switch^ ^rame and disconnecting 

furnaces are «!irer ^^.4 aJid the sevmil 

__--— pplied with power through these switches 

Furnaces,^by°M®*k**° ^®ii<iQnsera to High Frequency 
P. 421-422. ■ Electric Journal. Sept 1924, 
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which are hand-operated by means of the usual wooden 
hook-stick. 

This- condenser installation is much more elaborate 
than would usually be necessary, and was made so 
purposely in order to provide flexibility, for, although 
the plant as a whole was designed as a' productive 
manufacturing unit, the expectation was that it would 
also serve as an experiment station for the practical 
development of other applications for high frequen<gr 
power, particularly in connection with heating prob¬ 
lems. In passing, it may be said that this expectation 
has been fully realized. 

Mg. 6 shows a general view of the motor-generator 
set, condenser bank, and a furnace being assembled 
for charging. 

High-Frequency Furnaces 

The high-frequency furnaces used in this plant ai-e the 
same in principle as those which Dr. E. F. Northrup has 
so successfully developed for use with high frequency 
power deriv^ from spark-gap oscillators. Slight 
modifications in design have resulted from the fact that 
the applied voltage is practically sinusoidal instead of 
being a series of impulses, as in the case of the spark-gap 
oscillator. From an electrical standpoint, a high- 
frequency furnace may be considered as a special case of 
the transformer. Physically it consists essentially of a 
water-cooled helix of copper tubing surrounding the 
material to be heated. The magnetic field produced by 
high-frequency current traversing the coil, or primary, 
induces voltage in the charge, or secondary, and the 
resulting currents cause heating. It will be obvious 
that if the resistivity of the charge is very high or very 
low the heating effect will be small, for, in the first case 
only negligible currents will flow, and in consequence, 
the product J* R will be small, while in the second case, 
low resistance will result in a small P R product. In 
practise, satisfactory heating is obtained at 5000 
cycles per second when the i;esistivity of the material 
to be heated lies between the approximate limits of 50 
and 1000 microhms per centimeter cube and when the 
pitch of the coil and the current through it are such as 
to pve approximately 500 ampere-turns per inch as a 
minimum. The efficiency of the furnace will increase 
as the rate of heating is increased because as'the time 
required to reach a given temperature is reduced, the 
heat lost by conduction becomes a smaller proportion 
of the total amount supplied. 

As in the case of the ordinary transformerj the closer 
the electromagnetic coupling between the primary and 
secondary, the higher the power factor and electrical 
eflBciency. In the case of the furnace, however, close 
coupling requires close approach of inductor and charge, 
and a point is reached at which the gain in electrical 
efficiencg^ due to improving coupling is counterbalanced 
by the loss in thermal efficiency resulting from decreas¬ 
ing thermal-insulation. The op'timuni coupling is not 
a constant but depends upon the rate of energy supply, ■ 


the temperature to be reached and the nature of the 
temperature cycle. The coupling coefficient will be 
denoted by <f> and is defined as the fraction of the total 
magnetic flux produced by the coil which is linked with 
the charge. Roughly it is proportional to the ratio of 
the square of the diameter of the charge to the square of 
the diameter of the coil. For most high-temperatime 
melting operations satisfactory performance is obtained 
when this ratio lies between the approximate limits of 
0.5 and 0.7, and a usual value is 0.6. In a general way, 
the coupling gmng the best results will approach the 
lower limit when it is desired to reach the maTirmiTn 
temperature with a given amount of power, and will 
approach the upper limit when a given temperature is 
to be quickly reached by generous application of energy. 

The accurate calculation of 'the electrical characteris¬ 
tics of a given combination of inductor and charge is a 
matter of considerable difficulty, not only because of the 
purely mathematical problems of determining the 
effective resistances and reactances of the coil and the 
charge, but also because of our ignorance of the electrical 
and thermal properties of conductors and refractories 
af high temperatures. Northrup* has developed 
approximate formulas which are found to be sufficiently 
accurate for most engineering purposes when the 
frequencies are high enough to justify the assumptions: 

1. That the effective ohmic resistance of the charge 
is equal to its reactance. 

2. That the resistance of the inductor coil is negli¬ 
gible compared to its reactance. 

Two of these formulas are particularly useful in 
designing furnaces to operate on given voltage and 
frequency, and are given below. 

P -_ (1) 

„ 0.45 

P = - • f2) 

V<P* + 2-2<l>^ 

Here, P is the power absorbed, by the furnace: 
is the fraction of the total flux produced by the coil 
which is linked with the charge; E is the root-mean- 
^uare voltage across the coil; I is the current through 
it and L is its inductance. 

In designing the furnaces for the plant here described, 
we have used somewhat different design methods, as 
outlined below. 

1. Given: .An ingot of a certain size and material to 
be melted. 

2. Required: An estimate of the length, diameter, 
number of turns of the inductor, and the range of 
condenser capacity and kv-a. required for operation 

♦Eleetno Heating by Ironless Induction, by E. F. Northrup: 
aener(d Electric Review, Nov. 1922, Vol. XXV, No. 11, p. 656-666! 

*Frmoiple8 of Inductive Heating' by High Frequency 
Induction, by E. F. Northrup: Transactions Atner. Electroohem. 
So(^tv, Vol. XXXV, 1919, p. 69. 
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with a power supply of which the voltage, current and 
frequenQT are given. 

3. Experience was drawn upon to m^e a plausible 
estimate of the ampere turns per unit length of the 
inductor, and also to select a reasonable ratio for the 
dimneters of inductor and charge. 

4. The axial length of the inducts coil is determined 
by the length of the charge, and it has been our practise 
to make it somewhat greater than that of the charge, 
the excess in genera) not exceeding the diameter of the 
charge. 

5. From (3) and (4) the dimensions of a trial coil 
are found. Its inductance is calculated, and from this 
and the given values of current and frequency, its reactive 
voltage and kv-a. are found. 

6. The electrostatic capacity required to resonate at 
the assigned frequency with the inductance determined 
in (6) is calculated, using the formula. 


where C is the capacity in farads: /, the frequency in 
cycles per second: and L tiie inductance of the cdl. 
This establishes the maximum voltage and kv-a. 
rating for the condenser and the miniminn value for its 
electrostatic capacity. 

7. The effective resistance of the inductor is calcu¬ 
lated from its direct-current resistance in the light of 
test results. Test data are available which show that 
for frequencies between 5000 and 10,000 cycles per 
second the high-frequency resistance of the usual fur¬ 
nace coils will oe from 6 to 25 times the direct-current 
resistance. For H inch (1.27 cm.) by % inch (1.9 cm.) 
copper tubing flattened to 0.45 inch (1.14 cm.) and 
edge-wound with a pitch of two turns per inch (0.79 
turns per cm.) the a-c. resistance is approximately 25 
times the d-c. resistance for coils having proportions 
usually encountered ini furnaces, the length-diameter 
ratio being of the order of two to three. 

8. The resistance of the charge is calculated on the 
assumption that it is a thin cylindrical shell of which the 
length and outside diameter are those of the charge, and 
the thickness is given by Steinmetz's* formula for the 
depth of penetration of current in a conductor, 

6030 

Jjn — ~ ~ 

VXm/ 

where 

Lp is the effective depth o)f penetration in centimeters: 

X the conductivity of the material in reciprocal 
ohms per cm.’: 

M the magnetic permeability of the material and 

/, the frequency in cycles per second. 

9- ^ The inductance of the charge is calculated by 
assuming t hat it is a very thin cylindrical shell whose 

‘Transient Eleotrio Phenomena and Oscillations by C P 
Steinmetz: 1909 Edition, p. 376. 


mean length and mean diameter are those of the shell 
given by (8). 

10. The mutual inductance of coil and charge are 
calculated by means of the approximate formula. 


M = 

dxl0» 


and 


<i-^-v/i + (^) 

where 

M is the mutual inductance in henries: 

At the means radius of effective current zone in 
charge in centimeters: 

%!, the total turns on coil; 

« 2 , the total turns on charge (= 1); 

X, the half length of the coil, and Ai the effective 
radius of the coil in centimeters. 

11. The effective inductance of the coil when the 
charge is in place will be less than that of the coil alone, 
and is calculated from the formula given by Morecroft,* 



where 

W is the effective inductance of coil with charge; 

Li, the inductance of the coil alone; 

w, the product 2 ir X frequency in cycles per 
second; 

M, the mutual inductance of coil and charge; 

Li, the inductance of the charge and 

Zi the impedance ( + Li) of the charge. 

12. The effective resistance of the coil will be 
increased by the introduction of the charge because of 
energy absorption by the latter. The effective resist¬ 
ance of the coil when surrounding the charge is calcul¬ 
ated by a formula given by Morecroft. t 



where 

R)} is the effective resistance of the combination of 
coil and charge: 

i?i, the high frequency resistance of the coil alone: 

Ri, the resistance of the charge as calculated in (8). 

13. The minimum values of the reactive kv-a. and 
voltage of the coil and hence of the condenser, and the 
maximum electrostatic capacity required, are deter¬ 
mined by the effective inductance of coil and charge as 
calculated under (11) on the assmhption that the 
condenser capacity will be adjusted to give resonance 
at ^e chosen frequency. 

14. The effective resistance of the condenser is 
calculated from a knowledge of its power factor as 

‘Principles of Radio Communication: Morecroft, p. 87. 

t loo. oit. 
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determined by test, and Idle kv-a. corresponding to a 
given current. 

16. The maximum power and current which will be 
talcffli by the furnace at the given generator voltage is 
then calculated by summing the resistances given by 
(12) and (14), and any circuit resistance which may 
enter, and appl 3 nng Ohms' law, assuming operation at 
resonant frequ^cy so that the inductive reactance of 
the furnace circuit is balanced by the capacitive 
reactance of the . condenser, and hence that the apparent 
resistance between the terminals of the condenser-fur¬ 
nace circuit is equal to the true ohmic resistance. 

16. The power input to the charge is found by sub- 
tocting the copper losses in the coil (determined from 
its high-frequency resistance and the current) from the 
total power as determined by (16). The maximum 
temperature obtainable can be found approximately by 
calculating the thermal resistance of the refractories 
separating charge and coil, and from this the tempera¬ 
ture drop from charge to KJoil required to transfer the 
thermal equivalent of the power input to the charge. 

17. Having thus arrived at a tentative design for 
the inductor coil and an approximate estimate of its 
performance, the final design can usually be obtained 
by a second approximation with sufficient accuracy. 

In practise, it has been found that the method out¬ 
lined above gives very good results so far as the deter- 


The actual construction of two types of furnace now 
in use is shown by Figs. 7 and 8. 

Fig. 7 is a vacuum furnace designed tomelt 60-to 60 lb. 
charges of iron. The vacuum jacket enclosing the 
furnace proper consists of a micarta tube to which 
micarta duck-end plates are sealed by means of a special 
wax. The furnace proper consists of a slightly tapered 
helix of copper tubing supported on r^ial asbestos 
abutments carried within a second micarta tube. 
Water and electrical terminals are brought out from 
both ends and the middle of the coil. Above the coil 

TABLE IV. 


Resonant 
Fre¬ 
quency 
(with full 
charge) 

Furnace 
Current 
with fuU 
charge 

Coil 
voltage 
(for 184 
amperes) 

Power 

Factor 

6200 

6100 

300 

184 

735 

740 

6.5 

10.7 


Input 

kw. 


23.8 

14.5 


Terminals for Water and 
Electrical Connections 



Micafta Tube supporting 
Asbestos abutments 


SilHKel Brick 


Sight Hole. Glass Covered 

Water Cooled Cover 
Bekelite Duck 
End Plate 

,Wax Seat 

Thermal Shield, Copper 
tubing embedded in neat 
Portland Cement 

Vacuuin Connection 


Bakelite Micarta 

Inductor Coil 
Top I.D., 8/' Length 14," 
Taper 1" per foot on 


45 Turns of copper tubing 
0.405 (1.028 cm.) O.D. X 
0281 (0.71 cm.) ID. 

Wax Seal 


100 Mesh liroon- 
Fig. 7—50-Lb. Vacuum Fubnace 

mination of condenser capacity and coil voltage are con¬ 
cerned. The results for maximum temperature obtain¬ 
able and the ^ective resistance of the coil with charge are 
less accurate. This is due to the approximations nec¬ 
essary in the calculation of the copper losses in the coil 
and the effective resistance and inductance of the charge 
(hence the effective resistance of the coil with charge) 
and to uncertainty as to the true values of the electrical 
and -thermal properties of materials at high tempera¬ 
tures. Table IV gives a comparison of the results 
of calculation and test for a certain melting furnace. 


is a water-cooled cylindrical shield formed by casting a 
sheU of neat Portland cement around a helix of copper 
tubing. This shield supports the thermal iriRii1a.f-.i nTi 
aroimd the upper «id of the furnace .chamber and 
protects the micarta easing of the furnace against heat 
from the charge. The top end-plate is provided with 
an opening toough which the furnace is filled. When 
the furnace is in operation, this opening is closed with a 
water-cooled cover pro-vided with a glass observation 
window. A rubb«- gasket and stopcock grease form a 
vacuum-tight joint between the cover and the end 
plate. 

The mdting chamber is formed by placing a crucible 
within the coil and inverting a second one over it. A ‘ 
hole is cut through the bottom of the second crucible 
to allow for charging and for observation of the occur¬ 
rences within. Zirconium silicate, ground to a uniform 
size of approximately 100 mesh, has been found a very 
satisfactory material for providing the necessary re¬ 
fractory thermal insulation around the furnace chamber. 
All the space between the crucibles and the coil and 
thermal shield is packed with this material, and the 
furnace is then ready for charging. The whole volume 
of the melting chamber is available for containing the 
ingredients of the charge because as melting proceeds 
in the bottom crucible fresh material settles down from 
the top. 

With the furnace charged and the cover in place, 
evacuation is next in order. We have used No. 2 
Trimount rotary oil pumps, exhausting into a system 
whose pressure is kept at approximately 3^ inch 
(10-12 mm.) of mercury by a reciprocating vacuum 
pump. When the furnace is cold, the pressure within 
it can be reduced to a few hundredths of a millimeter of 
mercury, but it is usually impossible to get much below 
five millinjeters of mercury when the furnace contains 
a molten 50-lb. charge of iron, for example, be- 
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cause of the evolution of gases from the charge and the 
hot refractories. 

With the furnace exhausted and water flowing 
through the coils, it is ready for operation. It is con¬ 
nected to the busbars and tiie alternator is stained and 


TABLE V. 

Log of High Frequency Vacuum Furnace Operation 
Charge: 60 lb. 4 per cent Silicon-Iron Alloy 


Time 

Mins. 

Current 

I'oltege 

Fre¬ 

quency 

cycles/ 

second 

Vacuum 
mm. Hg. 

Remarks 

0 

0 

0 

.... 

0.5 

Power on. 

10 

100 

.... 

8000 

.... 

Top half of coil. 

20 

150 

500 

8500 

.... 


30 

176 

600 

9000 

2.5 


50 

80 

500 

10600 

2.6 


65 

140 

750 

>7000 

30. 

Changed to full coil. 

75 

180 

1000 

7400 

20. 

Melting evident. 

90 

192 

1100 



Melting complete. 

130 

210—180 

Off scale 


.... 


150 

200 

Off scale 


22. 


155 

l^ioo 

.... 




165 

!> 50 



16. 

Freezing commences. 

170 

l> 0 

.... 


.... 

Top solid, power off. 

410 




3. 

Furnace opened. 


allowed to speed up with small field excitation. At 
flrst the current is imperceptible but it soon rises 
sharply to a maximum as the resonant frequency is 
pa^ed. When the resonant frequenqr has been found, 
the alternator speed is reduced to give a slightly lower 
frequency and the fleld excitation adjusted to give the 
desired furnace current. Stable operating conditions 


After the melt has been brought to the proper con¬ 
dition, it is cooled by decreasing the power input and 
bringing the t&nperature. of the charge down until 
it is close to'the solidification point, and then cutting 
off the power, allowing it to freeze. The cooling schedule 
has an important .bejiEqing on the soundness of the ingot 
and is deteniiined by'’'4:^erience. By using only the 
top half of the coil during cooling, the solidification of 
the top of the ingot can be retarded. This practise 
aids considerably in getting ingots which are free from 
shrinkage cavities. 

The log of a typical nm of one of these vacuum 
furnaces is given in Table V. 



Fig. 9—^Hioh-Pbequkncy Fubnacbs, 22.5-Lb. (100 Ka.) 
Capacity. HiGH-PaEQUBNCY Motou-Cbneuatob Set and 
C oNOBNBEn Bank in Backguound 



The variations in the frequency are due to the changes 
in the inductance of the furnace caused by the changes 
in the coupling coefficient and the re s istance of the 
charge which occur as the latter is conveirted from a 
stack of irregularly shaped pieces of metal to a cylin¬ 
drical molten mass. 

When the ingot has cooled sufficiently, the vacuum is 
released, the zircon scooped out and the crucibles and 



Fig. 10—^High-Frequency Furnaces. From Left to 
Right; Controi, Panel, Vacuum Pump, 'SO-Lb. Vacuum 
Furnace, Two 225-Lb. (100 Ka.) Furnaces, Hydrogen 
Tank. Crucibles and Ingots in the Foreground 


are obtained by working slightly below resonance 
because tendency to increasing speed is counteracted 
by the iucreEsed load on the generator due to increases 
m both funiace cur^t and power factor at the genera¬ 
tor terminals which take place as resonance is 
approached. 


contents lifted out with a pair of specially designed 
tongs. The taper of the furnace coil facilitates removal 
of the charge. 

The bottom crucible is used but once, but the top 
one usually lasts through five or six heats. The zircon 
is used repeatedly although there is some loss due to its 


















C'ilkinK oiri j, ji • j i! , 

(lis(*ai-tle «3 outside of the lower micible, and being 

FiK- 8 -ic 

clt*si"’ia‘cl f- ^ ciiugr&Hunatic cross section of a furnace 
•appearjtr. melt 225-lb. charges of iron. The general 
F'ii i>. ^ furnaces of this typte is shown in 

t-.-iouiH.t‘cl earned by structural iron frames 

•xl)()Ul. i-ollers so that they may be easily moved 

f-nted 3- ti-unnions are provided so that they can be 

hv t w<) chamber is formed 

V-i<-mun ' f one inverted above the other as in the 

cr*»s is hydrogen, or other protecting 

«»■»</ of f U through a small side opening near the top 

Sot woi*n crucible. Zirconium silicate is packed 

'ii'ii it ^cifeles and coil and rings of asbestos lumber 
tain 1 . <a.ro-iana the upper ferucible, above the end of the 

of such large 

. of ^ questioned, but experience with 

fr.t>ni<. <n tile first furnaces-built shows that the inductor 

coil mu«t possess considerable mechanical strength if it 
t.o the stresses caused by the expansion of the 

er wciiiJt-. The zircon packing between the crucible and 
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type, shown diagrammatically in Fig. 8. The one 
next to the vacuum furnace was in operation when the 
photograph was taken. In the foreground are two 
ingots from the large furnaces and two of the crucibles 
used to make them. 

In the fearly stages of our high-frequency furnace 
work the problm of refractory thermal insulation and of 
cmcibles and furnace linings gave us much concern. 
Zirconitim silicate is now used almost exclusively for 
thermal insulation, and the same material bonded with a 
small percentage of refractory clay is used to make 
furnace linings and crucibles. The process for making 
these crucibles was worked out by A. A. Frey, of the 
Research Department of the Westinghouse Electric & 
Manufacturing Company, and the crucibles are now 
being manufactured regularly at a cost which makes it 
economical to allow the ingots to solidify in the crucibles 
and use the crucibles but once. Thus, we avoid the 
pouring of ingots and the attendant complication and 
expense, eliminating the need for skilled personnel 
which would otherwise be required for this work. 

Because of the unusual character of some of the 
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TABLE VI. 


Log of Rim of 225-lb. High-Frequency Furnace Ohaige: 225-lb. Iron-Nickel Alloy 



Ourront 

111 

1 Voltage 

Kw. 

Generator 

Output 

Kw. 

iron-JNicKeJ Allc 

>y 

— 

l?*uniacc 

Generator 

. Furnace 

Motor 

Input 

Frequency 

Remarks 1 


280 

400 

400 

400 

400 

250 

250 

206 

205 

205 

0 

252 

256 

232 

232 

210 

180 

87 

71 

70 

70 

0 

1780 

2330 

2260 

2120 

2030 

1260 

1020 

800 

805 

805 

0 

70.6 
102.5 

93.0 

93.0 

84.0 

45.0 

21.6 

14.5 

14.3 

14.3 

0 

99 

140.6' 

136.0 

115.0 

104.8 

60.0 

48.6 

42.0 

42.0 

42.0 

0 • 

4650 

4650 

4800 

5000 

5200 

4700 

4700 

4700 . 

4700 

Start 80 lb. metal in furnace 

150 lb. of metal in fumaco 

Charging completed 

Melting completed 

Cooling started 

Top frozen 

Power off 


coil (loe.s not seem to possess a great deal of realience, 
a.n<i wal.oi:’ leaks in two coils were definitely traced to 

str<}t<-hin;Pf fine to the thermal expansion of the crucible 
and rffrftctojry jpacking. 

'I'liu operating routine of these furnaces is not 
greatly flifTerent frona that of the vacuum furnace just 
fieK«,;ril«!fI. nVCelting is done at atmospheric pressure, 
■usually un <3.&r tlxe protection of a suitable gas. Hydro¬ 
gen i.H veni®ut and has been used in the majority of 
case.s. TJbe ga® is supplied from a tank of compressed 
gan throUgJ^ ^'egulating valve. A typical log of a 
furnace run un a 226-lb. charge of iron-nickel alloy is 
shown by Tahle Vl. 

10 giv'es. a good idea of the general appearance of 
^ Portion of 'tke melting floor as seen when looking to- 
the control panel and high-frequenqy motor- 
generator ssO'*'* . center is seen one of tJie vacuum 

furnaces fiescribed above, and between it and the con- 
■trol panel seen the vacuum piping and the oil 

Pump. iuo**eury manometer and vacuum connec¬ 

tion to the fut-uaee appear on the right side of the fur- 
Uace. Tho right-hand furnaces are the 226-lb. 


proems and much of the equipment used in this plant, 
it might appear that it is nothing more than an over¬ 
grown laboratory, burdened with all the complications 
and exp^e usually associated with laboratory opera¬ 
tions. A laboratory might be defined as a place where 
results are obtained without regard to cost or output, 


TABLE vn. 

Analysis of Production Costs based on Monthly Output of 30,000 lb. 
_ (13,500 kg.) (Costs in cents per pound) 



Electrolytic Iron 

Iron-Nickel Alloy 
(ingots) 

Labor. 

1.96 

10.36 

4.23 

16.55 

1,61 

6.81- 

28.3 

36.62 

Incidental factory expense. 

Material. 

Totals. 



while the plant must produce the same results without 
regard to anything but cost and output. 

When the plant is operating on a production schedule, 
there is one furnace connected to the power supply at 
all times, while others are being charged or emptied. 
The maximum output which has been required in any 
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one month was slightly, more than 30,000 pounds, and 
this figure was reached without difficulty. 

The opa-ations of this plant have been subject to the 
same cost analysis and accounting procedure as other 
works departments of the Westinghouse Electric & 
Manufacturing Company, and the figures’ given by 
Table VII are believed to be trustworthy. The item 
“Incidental Factory Expense” covers capital charges, 
amortization, rental, supervision and all other overhead 
charges. 

These figures are very satisfactory for they indicate 
that, by the extension of laboratory methods, it has been 
possible to produce a highly specialized material of 
great purity which meets very stringent specifications, 
at a cost not far different from the market price of 
ordinary commercial material having the same nominal 
composition but very much inferior properties. 
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Discussion 

H. N. Shawt I should like to ask what the over-all efficiency 
of that high-frequency induction furnace really is? That is, the 
ratio of the B. t. u. put into the motor to the B. t. u. actually 
developed in the iron of the furnace. It seems to me that there 
would be other applications if that efficiency is at all high. 
Offhand, it would seem to me to be quite low. 

P. Ha Brace: In reply to Mr. Shaw’s question as to the over¬ 
all thermal efficiency of the high-frequency furnace and generator 
installation, I should say that for an input of approximately 
150 kw. to the motor we get slightly more than 100 kw. out of the 
generator. Twenty kw. are lost in the copper of the inductor 
coil of the furnace and five kw. in the condensers, thus leav¬ 
ing a balance of about 76 lew., which is converted into heat in 
the charge. This is not a particularly high thermal efficiency as 
compared with that obtained with large arc furnaces, but with 
the present type of furnace we can easily do things that are not 
practicable with other types. We have complete control of our 
furnace atmosphere and in our particular design of furnace 
we have avoided all the troubles due to the casting of ingots 
and done away with all of the heavy labor. The use of 
electrolytic metals has eliminated the fire refining steps required 
in ordinary steel-making processes and we have attained a prod¬ 
uct which we were unable to secure in any other way. 1 might 
emphasize the fact that this plant is more than a plaything; we 
are producing approximately 40,000 lb. per month of one particu¬ 
lar material. 



Synchronous Motor Drive for Rubber Mills 

With Special Reference to Dynamic Braking Control 

for Safety Stopping 

BY C. W. DRAKE! 

Member, A. I. E. E. 


Synopsis* Since wound-’Totpr induction motors with clutch 
brakes have been very commonly used for this application, a review 
of the operating conditions and safety requiirements is given, in order 


to show why synchronous motors wUhout clutches may be used for 
the same application. 


D uring 1920, the Rubber Subcommittee of the 
Industrial and Domestic Power Committee of the 
A. I. E. E. collected and prepared considerable 
data relative to the choice and selection of motors for 
mill-line drives (paper presented January 14, 1921 at 
the Akron-Cleveland meeting). It was mentioned in 
this report that S3mchronous motors had certain desir¬ 
able characteristics for mill-line drives and that there 
were a few in operation which had given very satis¬ 
factory service.' The real demand for synchronous 
motors, however, has come only since the interest in 
power-factor improvement has been given thoughtful 
consideration. 

Mill-line drives may be divided into two groups; 
namely, the geared type, in which gear units with high 
or moderate speed motors are used, and the gearless 
type, in which the motors operate at the speed of the 
mill line or about 100 rev. per min. For the latter 
group, ssntichronous motors have been used principally 
on account of their lower cost and better performance as 
compared with induction motors, while those synchro¬ 
nous motors which have been used for gear drive were 
imdoubtedly installed primarily for power factor pur¬ 
poses, since there is little advantage in efficiency or 
difference in cost^ compared with the induction motor. 

Rubber mill drives impose two severe conditions upon 
the motor equipment, first, a high starting torque when 
the ^Is are started with rubber in the rolls, and second, 
a quick stopping in case of accident or emergency. The 
risk and danger involved in the Tnilliug of rubber 1^ 
been appreciated ever since the industry started, and 
tiiese factors have always had an important bearing 
on the type of driving equipment used. In other words, 
the question of safety to employees has had, as it 
rightly should have had, preference over other factors 
in the layout of mill drives. A knowledge of thps e 
conditions explains why the wound-rotor induction 
motor, which has been most ectensively used for mill 
drives, has in most cases been equipped with a clutch 
brake. From the standpoint of starting and running 
the. clutch is unnecessary, as such motors have, ample 
starting torque. However, since most of the stored 
energy of t he system is in the rotor of the motor, it is 
1. Westingliouse Eleo. & Mfg. Co, East Pittsburgh, Pa. 
Presented at the Spring Corivention of the A. I. E. E., 
SL Louis, Mo., April 1S~17,19SS. 


not surprising to find that one of the first methods of 
obtaining quicker stopping was to disconnect the motor 
and then apply a brake on the remaining load. Al¬ 
though clutch brakes have been quite generally used, 
it has been found in many cases that it is the practise 
in starting to close the clutch first and then start the 
motor, thus using the clutch only as a safety feature 
and saving the wear which would be occasioned during 
starting to the clutch lining. 

In view of the established or common practise em¬ 
ployed in the installation of wound-rotor motors, it was 
to be expected that synchronous motors which had lower 
starting torque and, as a rule, more stored energy, would 
be equipped with similar clutch brakes, and that these 
would be used both during starting and stopping. 
Thus equipped, the synchronous motor should give 
service identical to that of the induction motor, since 
each may be designed for the same maximum torque, 
although the fact that the induction motor slows down 
considerably before reaching its maximum torque may 
sometimes give sufficient warning to prevent its pulling 
out and stalling. Many of the early installations’of 
synchronous motors were of the gearless type, and since 
motors as slow as this have a low starting torque, the 
clutches were undoubtedly needed to obtain a starting 
torque comparable with that developed by the wound- 
rotor motors. Synchronous motors used with gear 
umts have much higher starting torque but the question 
is just how much torque is required to start a mill lino , 
Under normal conditions the mills are started empty, 
since the rubber is always removed before shutting down . 
at the end of each shift. The torque required to start 
an empty mill line is so low that it may be entirely 
neglected. If the mill line is shut down by accidentally 
pulling the safety switch or by loss of voltage, the torque 
required to start toe mills will depend upon the condi¬ 
tion of toe rubber in the mills at that time, and that 
may take from 60 per cent to 150 per cent of full-load 
torque. If the motor is shut down due to pulling out 
or toe openmg of the overload relay, which is usually set 
at about 2O0 per cent load, it is evident that if the motor 
cannot carry toe load at ssmchronous speed, it cannot 
start it from rest, and one must resort to other means 
in order to reduce the load. The most usual method 
is to reverse the motor, thus backing up toe rubber in 
the mills. Depending on conditions, the rubber may 


669 



560 


DRAKE: SYNCHRONOUS MOTOR DRIVE 


Transactions A. I. E. E. 


either be removed if very stiff and cold, or, after again 
starting the motor in the normal direction, the rubber 
may be forced through the rolls, since by this method 
the motor gets a start before the rubber enters the 
wedge of the rolls. Experience has proven that with a 
motor of correct capacity for a given mill line the shut 
downs with loaded mills are not numerous, and conse¬ 
quently the question of starting torque should not un¬ 
duly affect the rating or design of the motor. 
Synchronous motors designed to operate at 80 per cent 
power factor and at a speed of about 600 rev. per min., 
which is commonly used for geared drive, have a starting 
torque on full voltage var3dng from about 1.6 times full 
load torque for motors of 100 h. p. up to about 2.5 
times full load torque for motors of 400 or 600 h. p. 
capacity. When started on the 80 per cent voltage 
tap of the starting transformer a torque varsnng from 
1.0 to 1.5 times full-load torque will actually be obtained, 
and although this is not as high as could be obtained 
by a wound-rotor motor or by a clutch, it has been 
found sufficient to meet all requirements. 

As long as a clutch was thought necessary to obtain 
sufficient starting torque, the simplest, and probably the 
cheapest, method of obtaining safety stopping was by 
means of a brake on the mill side of the clutch. The 


reactive component of 106 kv-a. Consequently the 
replacement of an induction motor by a synchronous 
motor in this case effects a reduction of 124 plim 106 
or 230 reactive kv-a. in the total plant load. ^ ^ 

The details of a control equipment for a synchronous 
motor with dsmamic braking will vary considerably 



Pig. 2—Schematic Diagram op Synchronous Motor 
Control Showing Starting Panel, Dynamic Braking 
Panel and Reversing Switch ■ 
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Fig. 1—Schematic Arrangement op Two 60-in. Mills 
WITH Coupled-Type Synchronous Motor 

dimination of the clutch gave opportunity for other 
methods of braking, and electrical engineers naturally 
considered first the possibilities of electrical systems. 
Tests conducted a number of years ago on ssmchronous 
motors proved conclusively that very quick and uni¬ 
form stopping could be accomplished by disconnecting 
the motor armature from the a-c. supply, and con¬ 
necting it to a resistance of suitable value, while the 
field circuit of the motor is left energized at its normal 
full load value. Although the above facts and pmci- 
ples were known many years ago, it is only during the 
last two or three years that practical application has 
been made of them in the rubber industry, and to the 
best of the author’s knowledge, no other industry has 
attempted a similar application. 

Fig. 1 sho^ a characteristic layout of two 60 in. 
mills, which, in this case, are driven by a 200-h. p., 80 
per cent power factor, synchronous motor, three-phase 
440-volt, 60-eycle, 600 rev. per min. This motor is 
connected to the gear unit by means of a flexible coup¬ 
ling and when delivering 200 b. h. p. will have a leading 
mctive component of 124 kv-a., while a wound-rotor 
mduction motor of similar rating would have a lagging 


with the size anci voltage of the motor, also with the 
desires of the rubber company, but the fundamentals 
are the same in all cases. For instance, one company 
may desire the simplest type of manual starter while 
another desires a full automatic starter in order to in¬ 
stall it in some remote location. Consequently the 



Pig. 3—GRAViTT-OPBRATiiD Dynamic Braking Contactor, 
with Reversing Knife Switch 

dynamic braking contactor has been designed as a 
separate unit which may be used with any type of 
starting equipment. Mg. 2 is a schematic or simplified 
diagram of the control in winch the motor starter may 
be either manual or automatic. The three-pole* 
double-throw, d3mamic brakmg contactor is really the 
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heart of the system, for the stopping of the mills in case 
of emergency is entirely dependent on this and is inde¬ 
pendent of the rest of the control. As seen from the 
diag^, also from the photograph of this contactor 
in Fig. 3, the upper contacts open the circuit to the 
motor in series with those of the main controller thus 
introducing a double break and insuring opening the 
circuit even though the main circuit breaker or con¬ 
tactor does not open. The safety switches, of which 
there is at least one for each mill, are connected in series 
and upon the opening of any of these, the circuit is 
opened to the low-voltage release coil of the starter 



Fias. 4 AND 5—^Installation of a 200-H.P. Stnchbonovs 
Motor with Dynamic Bbakino Control Driving Two 
60-in. Mills 

and to the upper magnet coil of the dynmic braking 
contactor. Upon the opening of tins circuit the upper 
contacts open and the lower contacts are instantly 
closed by the action of gravity aided by the spring pres¬ 
sure of the upper contacts. The closing of these lower 
contacts connects the motor armature to the dynamic 
braking resistance, and since the field circuit has not 
been opened, the voltage generated produces a current, 
the value of which may be regulated by the value of 
resistance used. The voltage generated during brak¬ 
ing is also utilized to energize the lower magnet and hold 
the lower contacts firmly together until the motor stops. 


The two-pole double-throw knife switch located below 
the three-pole contactor is used to reverse the direction 
of rotation of the motor when necessary and this switch 
is intended to be opened only when the motor is shut 
down. To provide against opening power current on 
this switeh auxiliary contacts are provided which open 
the main circuit breaker or contactor of the starting 
equipment, also the d 3 niamic braking contactor before 
the knife blades leave the jaws. Fig. 4 and 5 show 
installation views of a 200-h. p. synchronous motor 
mill line drive as shown diagrammatically in Fig. 1, 
together with the starting equipment. The starter 
is of the manual type panel-mounted consisting of a 
double-throw oil-immersed starting switch with sepa¬ 
rate mounting auto-transformers, the dynamic brak¬ 
ing contactor, reversing knife switch and braking 
resistance are mounted in the cabinet at the rear of 
the starting panel. 

To obtain the maximum possible safety on a rubber 
mill drive, the dynamic braking control should: 

1. Operate by gravity and not depend upon closing 
a contactor electrically. 


440 Volt, 60 Cycle Control 



Fig. 6 


2 . Operate at high speed, in order to obtain as short 
a stop as possible. The special contactors developed 
for this work operate upon failure of the control circuit 
by any cause and, due to the method of construction 
tised, a very high speed is obtained. Tests upon a 500- 
ampere contactor show a total time from the opening 
of the control circuit of the upper magnet coil to the clos¬ 
ing of the lower contacts of about 1/20 of a second. 
High speed at this point is of great importance, for until 
the lower contacts are made, the rubber millg are travel¬ 
ing at full speed. The average speed of the front roll 
in the present case was about 100 ft. per min. or 20 in. 
per sec., so that the roll travel from the opening of the 
safety switch to the close of the dynamic braking cur- 
cuit of the motor would be about one inch. 

A committee of the National Safety Council has been 
^thering data regarding the stopping distances of mill 
lines with a view of eventually preparing a safety code 
for rubber mills. No conclusions have as yet been 
reached but the Department of Labor of the State of 
New Jersey, in a tentative code, has decided upon 18 in. 
as a maximum travel for group-driven milk with roll 
diameters from 16 to 24 in. The travel is to be meas- 
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ufed with the mills empty on the surface of the front 
roll by means of an dectrical device which operates 
when the safety switch circuit is broken. This method 
of measuring the travel, although it gives the results 
desired by the safety engineers and the rubber engi¬ 
neers, does not allow the electrical engineer to analyze 
the entire operation. Consequently, oscillograph 
records have been taken using three elements and a 
characteristic film is reproduced in Fig. 6. The upper 
element indicates the current through the safety switch, 
the center element the current in the motor armature 
and the lower one the voltage at the motor terminals. 
At point a the safety switch opened, while the motor 
current was not interrupted until point h was reached. 
The small gap between h and c represents the time re¬ 
quired by the contactor passing from the upper to the 
lower position. The distance from c to d indicates the 
time for the motor to stop after the braking current is 
completed, and by counting the number of cycles, it is 
possible to determine just how many revolutions the 
motor made. For instance, in this case there are 16 
cycles, and since the motor has 12 poles or six cycles 
per revolution, the total number of revolutions is 
16/6 or 2% revolutions. On the mill line under con¬ 
sideration the ratio between the motor sp ee d and 
the roll travel is approximately 600 rev. per min., 
to 100 ft. per min., or 10 revolutions equal 20 in. • 
travel. Consequently 2% revolutions represents about 
inch travel, to which it is necessary to add 
about one inch for travel during the operation of the con¬ 
troller, making a total travel of approximately Q}>i in. 
The time required for the motor to stop can be adjusted 
to the maximum torque obtainable by adjusting the 
braking resistance. Probably the limiting condition 
in all cases will be the gears and mechanical parts of the 
mill drive, since the stresses in the motor when stopping 
in the minimum distance are not greater than those 
obtained when the motor is pulled out of step, due to 
overload. Asaroll travel of about 10 in. with millsempty, 
is considered amply safe by motor engineers on mills 
of l^ge diameter, there is Uttle need of subjecting the 
equipment to unnecessary strain, and especially sinf»p 
every safety device should be operated and checked at 
least once a day to see that it is in satisfactory operatine 
condition. 


stopping in a given distance, the djmam] 
brafang mil always be easier on the equipment tha 
mechamcal braldng, since the torque developed in th 
motor is transmitted to the revolving field through th 
flexible medium of a magnetic field as compared wit 
brake Immg and mechanical friction in the latto caa 
Tests have also shown that the current values in the pri 
wi^g, when braking, are materially less tha 
when starting under average conditions, so tiiat as fa 
M the motor is concerned, if it is of sufficient capacit 
to s^ and operate tiie mill line satisfactorily, tiios 
mcbons wiU be more severe than those encountere( 

m stoppmg by dynamic braking. 


Discussion 

S. H. Mortensen: Mr. Drake’s paper recognizes the impor¬ 
tance of the application of dynamic braking to motors driving 
rubber mills and similar industrial installations where quick stops 
are necessary for safety reasons. The importance of this was 
brought to the speaker’s attention in 1918, in connection with the 
design and operation of a 500-h. p., 450-rev. per min., self-starting 
synchronous motor, geared to a four-roll rubber-mill drive in the 
plant of the B. F. Goodrich Company in Akron, Ohio. This 
motor was installed for power-factor improvement and as it 
replaced a wound-rotor induction motor, it was connected to the 
mill by means of the magnetic clutch which formed part of the 
original motor drive, together with a solenoid-operated brake for 
stopping the mill in case of accident. As this installation was a 
novelty at that time, extensive tests were made on this motor. 
These proved not only its suitability for this type of drive but 


Reversing Panel Synchronous Motor Pane) 

B A 



also that it did have ample starting torque to bring the mill up 
Xro speed with the clutch energized. Its pull-out was beyond any 
loaa that could be put upon it by overloading the mills with, the 
toughest rubber available. 

The first opportunity for applying dynamic braking in con¬ 
junction with a synchronous-motor rubber-mill installation, oc¬ 
curred in 1920, when two 600-h. p., 450-rev. per min. synchronous 
motors were designed for direct gearing to two four-roll, rubber- 
binding mills in the plant of the Fisk Rubber Company, 
Cudahy, Wis. In this installation the magnetic clutch was 
omtted from the mill drive, together with the mechanical brake, 

e motors being designed with a heavy squirrel-cage winding 
b^Portioned to develop a starting torque of 2.3 times full-load 
torque which enables it to start the fully loaded mills from rest 
and bnng them up to sjrnchronous speed. The motor was de¬ 
signed for dynamic braking. To stop the mills a safety switch 
located over the rolls is tripped and this automatically discon- 
nec a the fully excited motor from the power supply and short 
circuits Its armature winding through a resistance, thereby pro- 
uc g the brafeng effect. The type of control used is shown in 
J^ig. I, herewith. This installation is to the best of the 
speaker s knowledge the first where the driving motor is geared 
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direct to the mill and dynamic braking is used for emergency 
stopping. After these motors had been in service for a consider¬ 
able length of time they were subjected to a number of tests and 
tJie result of these tests together with a description of the general 
installation was written by the speaker and published in the 
August 4th, 1923, number of the Electrical World. 

Pig. 2 is an osoiUographic record of the voltage and currents 
obtained at the terminals of this motor during the period of 
dynamic braking. The upper records show that the time re- 



Pia. 2 


quired from the instant the safety switch was operated to the 
time the empty mill came to a stop corresponds to 2.9 revolutions 
on the 450-rev. per min. motor. As the gear ratio on tins mill is 
1 to 20, the mill rolls actually came to a stop in 0.145 revolutions. 
The lower record of Fig. 2 shows the same condition as the upper 
part except that the mills were loaded when this test was made. 
Under these conditions the motor came to a stop in 1.8 revolu¬ 
tions. By making simple adjustments this stopping time 
could be further reduced. 



Pig. 3 


Comparative tests were made on mills similar to the one 
described above, except that they were driven by induction motors 
through a magnetic clutch and stopped by disconnecting the 
magnetic clutch and setting the mechanical brake pn the mill side 
of the drive. In all oases it was found that the dsmamic braking 
was superior to the mechanical braking. It is consistent in 
values and acts more quickly than the mechanical brake and with 
less mechanical shook to the mill parts. The rapidity with 
which the rolls of a mill can be stopped by means of dynamic 
braking depends upon the stored energy of its rotating parts, the 
time elements of the switches, the characteristics of the motor 
and the amount of resistance connected in the armature circuits 


during braking. When the resistance is adjusted to give a maxi¬ 
mum braking effect, the initial torque during dynamic braking is 
comparable to the pull-out torque of the motor with unchanged 
excitation. On the high-speed, gear-type synchronous motors 
the braking effect is as a rule ample to stop the mills in as short a 
time as the strain in the mechanical parts involved will permit, 
but where slow-speed direct-connected synchronous motors are 
involved the dynamic braking torque may not be sufhcient to 
stop the mill in the desired time. In such installations the brak¬ 
ing effect can be fiuther increased by increasing the motor excita¬ 
tion simultaneously with its being disconnected from the line. 

In connection with the installation described in Mr. Drake’s 
paper, I should like to ask how this mill is stopped in case it 
becomes necessary to bring it to a sudden stop during the 
starting period, prior to the time when excitation is supplied to 
its fields. 

In conclusion it may be of interest to the members of the 
American Institute of Electrical Engineers to know that dynamic 
braking has found successful application in connection with 
synchronous-motor-driven steel-rolling mills. An installation 
of this kind is shown in Pig. 3, which depicts a synchronous- 
motor-driven roughing mill. In this installation the dynamic- 
braking feature has proven its value as a safety measure and the 
rapid stops which it insures have, in several instances, either 
eliminated or minimized accidents which otherwise might have 
proven fatal to human life. 

E. A. Hoeners The writer is connected with the Firestone 
Tire & Rubber Company; as engineer, also chairman of the En¬ 
gineering Committee, Rubber Section, National Safety Council. 
We are collating data with reference to stopping distances on 
rubber mills and I am, therefore, very much interested in this 
discussion. In this connection I have come in contact with state 
commissions and have discussed with them the merits of the 
magnetic clutch brake and synchronous motors for stopping 
mill lines. One item which the synchronous-motor manufacturers 
have overlooked and which the state officials are giving not a 
little consideration is, what happens when the power goes off? 
We have had accidents due to power interruption on the part of 
the public utility or trouble in our own main power house 
causing power and lights to go off at the same time and mill men 
working on mills have been caught in the bite of the rolls. In 
oases of this kind dynamic braking does not do much good. We 
realize this is a very remote accident hazard, however state 
industrial boards think along these lines. 

Another item to be considered is the changing over of existing 
equipment. I am interested in getting some of the rubber 
manufacturers in the United States to change their present equip¬ 
ment in such a way that it will become reasonably safe. It is 
hard to realize that there are rubber mills in existence which have 
only a motor direct-connected to the mill line without a brake 
or other safety device. This results in the line coasting to a stop 
after the power has been shut off. We also realize that when 
the manufacturer is making a new installation, he will seriously 
consider the installation of a synchronous drive on account of 
power-factor correction. However, this does not help out the 
manufacturer who desires to change over existing equipment in 
order to cut down the length of stop. 

We have in Akron, particulai'ly at Firestone, some very large 
mill lines direct-connected to 800-h. p. induction motors by means 
of magnetic clutch brakes. I shall grant that the stopping dis¬ 
tances so far obtained on these lines have not been very good. 
The chief trouble has been in demagnetizing the clutch. In 
other words, the mechanical brake has to help overcome the 
magnetization that stays in the clutch. We, along with the man¬ 
ufacturers of equipment, have been working for some time to 
overcome this trouble. 

A great deal has been done in correcting faulty equipment 
although there is a great deal stiU to be done. Mills, in my opin¬ 
ion, offer one of the greatest hazards in the rubber industry 
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because it is impossible to guard the bite of the rolls and still 
have them do the job for which they were installed. 

Quentin Graham: The performance of a synchronous 
motor when used for dynamic braking, as described by Mr. 
Drake, can be predicted with reasonable accuracy in a fairly 
simple manner. During the braking period, the motor becomes 
a generator feeding a non-inductive load. The energy of rota¬ 
tion of the machine and its load is converted into heat which is 
dissipated mainly in the external braking resistor. Since the 


sistance for a particular motor. Fig. 5 shows the corresponding 
values of braking torque determined from the kiloAvalt output 
curves. The losses within the motor, which also have a re t arding 
effect, were neglected in plotting these curves since tlioy are 
relatively unimportant. An inspection of the curves in Fig, 5 
shows that at about 4 ohms per leg the braking torque would bo 
most effective. Pig. 6 gives calculated and test curves showing 
the rate of retardation of the motor. For the case shown here 
the maximum braking torquet was between two and a hadf and 
three times full-load torque! 



OHMS PER LEG OF BRAKING RESISTOR 


Fig. 4 




Fig. 6 
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For the retardation of heavy inertia loads which require much 
longer periods of time, there are two refinements of control 
which are used. First, the field current is increased to the maxi¬ 
mum value so as to give the greatest possible output of tlu^ 
motor. Secondly, the braking resistance is varied as tho speed 
decreases so as to obtain maximum oulput at all speeds. For 
most applications of dynamic braldng, however, the retanlntioii 
is too rapid to justify the use of these added complications. 

P. C. Jones (communicated after adjournment): Mr. 
Drake’s paper brings up a subject which should have l)eeij ^» iven 
more attention before, not only because it pertains to a (listincfr 
change in industrial drives but because the general use of such 
a method would vitally affect the entire central station iuclnsl»ry 
by its decided affect on system power factor. 

Thus, while there are any number of phases of the subjec i that 
could well be discussed, there are just two points I wisli to In-ing 
ur»—both of them referring to the use of synchronous motors fur 
dynamic braking. 

It has always been recognized that braking equipment, par- 
tioulaily if used for emergency purposes, should be indepoiKlont 
of any external source of energy. For this reason electrically 
operated brakes ha.ve been arranged so that the magnet, solenoid, 
or motor as ease may be, holds tho brake released and a sirring 
or weight sets the brake. Thus, even though the power sliould 
fail at the time the safety bar was pulled there would l.>o no 
failure to stop. This principle is violated to some extent in tho 
use of a synchronous motor as a dynamic brake. Whc*ro a 
direet-coiineoted exciter is used the issue is met part way but not 
completely. 

Of course, the chances of a power outage occurring at the time 
of braking are remote and generally will not bo a suffioieutly 
strong counter argument to have any appreciable weight in the 
ultimate conclusion, but they should always be considered if for 
no other purpose than to insure reliable excitation. 

'Jhe second weakness I want to point out is inherent in all 
dynamic braking schemes. The stopping of a motor under a 
puie y dynamic effect follows an exponential curve an cl is 
ajmptotic to the axis of zero speed. Under pure dynamic 
eSMt, therefore, a motor will never stop. The expression for 
velocity is, 


moment, vo its initial 
spe^, it a constant, I the moment of inertia of the system, and 
Z the impedance of the braking circuit. 

In ^y actual case, however, in addition to the dynamic action 
“ a oerton amount of line and motor friction and windage. 
U der this influence the velocity expression changes to the 


N'vo - (JV e. + 1) e~~7r- M (b) 

If the ^pression (a) is integrated to obtain the distance 
traveled before stopping, the result wiU he infinity, but the 
^TSw-^^ ^ integrated and yields a result in the 

o = {PI/Z)-Q " (c) 

anrf A ®®ti8tants, 8 the distance traveled before stonping, 
^®f“S the same significance as above. Actually 
( ) n (c) are modified by armature reaction which cuts 
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down the initial torque and thus decreases the initial rate of 
deceleration, and, in the case of an a-c. generator, here being 
discussed, by the decreasing frequency which, by decreasing the 
reactance drop, has an opposite affect. 

There is never any question as to the satisfactory stopping of a 
synchronous motor-driven mill line by dynamic braking under 
load conditions. Under unloaded conditions, however, where 
the friction load is low and the moment of inertia is high, and a 
very quick stop for safety purposes is desired, the conditions 
should be carefully checked. 

Hans Welchsel (communicated after adjournment): It 
appears that the gi*eat number of applications to which the syn¬ 
chronous motor has proved to be useful, contradict the statement 
made by one gentleman that the synchronous motor cannot be 
considered as a machine of the future but rather one of the past. 

It is interesting indeed to see from Mr. Drake’s paper that the 
synchronous motor has been successfully used to replace induc¬ 
tion motors with wound secondares which, up to the introduction 
of the synchronous motor, had been used for this class of service 
on account of its superior starting characteristics. The operating 
result,s have shown that the synchronous motor can perform this 
work not only as well as an induction motor but has proved to be, 
in mmy rcjspoets, superior to it. There are two pronounced 
advantages obtained by the application of the synchronous 
motor, viz: 

1. The power-factor corree tion 

2. The possibility of applying dynamic braking 

Keferring to power-factor coxTeetion, the author properly calls 
attention to the fact tHat the obtainable correction is not equal 
to the leading component of the synchronous motor but equal to 
the sum of the lagging component of the replaced induction mo- 
t*Dr and the leading component of the replacing synchronous 
motor. This is a fact which quite often seems to have been over¬ 
looked in considering the field of usefulness of sy nehronoii s motors. 

Referring more particularly to the contactor arrangement for 
obtaining the dynamic bralring, the author states that the 
^‘voltage generated during biaking is utilized to energize the lower 
magnet and hold the lower contacts together until the motor 
stops.” No reason is given by the author why the voltage and 
not the current is used for this retaining action. I should 
think that in all possibility the decision was based on the following 
two points: 

1. Mechanically, it is easier to grange for a voltage coil than 
for a current coil. . 

2. Under the conditions existing during the braking penod, 
the magnetism produced by a voltage coil is nearly constant for 
all speed conditions, while the magnetism produced by a current 
coil would decrease approximately proportionally with the de¬ 
creasing speed. 

It will be interesting to hear from Mr. Drake if these are me 
reasons w^hioh governed him in deciding for. a voltage coil. 

There are a few other questions which I should like to ask in 
tliis connection. A statement is made that, for maximum 
possible safety, the dynamic braking control should be ‘‘operated 
by gravity and not depend upon closing a contactor electrically.” 
It would be interesting to have this statement explained more in 
detail. It appears to me that an electrically operated contactor 
is just as safe as a contactor operated by gravity as long as elec¬ 
tric supply is in e.xistence, but if the electric supply gives out, the 
dynamic braking effect fails no matter whether the contactor is 
operated by gravity or by electric means, because the possibility 
is very great that, with failure of the a-o. supply voltage, the d-c. 
supply voltage for exciting the synchronous motor also fails. 
Therefore, the braking effect in such an abnormal case would be 
zero, no matter whether gravity or electriq control is used for the 
contactor. 

This reasoning assumes that the d-c. exciter is not directly 
connected to the synchronous motor, but is driven by an auxiliiiry 
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unit. Prom the photographs and oscillograms given in the paper, 
it appears that this assumption is justified. 

The very short time required for bringing these mills to a rest 
by aid of this dynamic braking equipment is extremely interest¬ 
ing, especially in connection with the fact that the current values 
in the primary wdnding when braking are materially less than 
when starting under average conditions. Naturally this is 
readily explained, because in starting, the motor has to over¬ 
come the inertia torque plus the torque necessary to move the 
rubber through the mills, while during the braking period, the 
generator torque plus the torque to move the rubber through 
the mill is equal to the inertia torque. It would be interesting to 
hear from Mr.Drake how^ often, under average working conditions, 
use is made of this dynamic braking equipment. It would seem 
that the number of braking periods during a day are so few 
and the time required for the actual braking so short that the 
braking conditions can be enthely neglected in selecting the 
frame size of the synchronous motor for a given horse power 
capacity. 

E. W. Pilgrim (communicated after adjournment): It is 
my belief that dynamic braking of sy nchronous motors is by far 
the best method of emergency stopping for this typo of motor. 
Tests we have made check with the data submitted in Mr. 
Drakes’s paper and indicate that there are no severe strains 
imposed upon the motor or machine and I believe that this sys¬ 
tem w'hich as far as I know is employed only in rubber mills, 
will become more or less the universal method in other industries. 

Stopping by dynamic braking is always of the same value, 
whereas stopping by means of mechanical brakes is not, due to 
the fact that the brakes are not always in perfect adjustment. 
There is a definite resistance value for stopping the motor in the 
shortest time, and by varying this resistance, the time can be 
lengthened. We have found from experiments that increasing 
the resistance wiD lengthen the time and also decreasing the* 
resistance over this definite value wdll also increase the length of 
time required for stopping. 

I much prefer the automatic control as I believe that the me¬ 
chanical control does not include all the features that should be 
included, and is not nearly so fool-proof. With hand control, if 
the operator throws the starting compensator into the starting 
position and the motor does not start, he is very apt to pull the 
compensator back to the “off’' position which will cause severe 
arcing on the switch and perliaps its total destruction. The 
equipment should embrace a relay operated by the field current 
of the motor so that if the motor loses its field, it will stop. This 
would indicate to. the operator that something was wrong and the 
trouble could be corrected. Otherwise, an emergency stop might 
be required when there is no field on the motor, in which ease 
the dynamic braking would not be affective. 

I do not think that it is absolutely necessary to operate the 
dynamic-braking contactors by gravity inasmuch as an electric¬ 
ally operated contactor functions fully as well and I can see no 
objections to this type of contactor, but the control should have 
other safety relays for stopping the motor in case of loss in field or 
loss in voltage. The chances that emergency stopping would be 
required at an instant when voltage fails, are very remote and I 
do not feel that it should be considered serious. 

Dynamic braking of synchronous motors will, no doubt, be 
used very extensively now that experiments conducted by various 
electrical manufacturers have proven its reliability. 

A* S. Rufsvold: The early synchronous motor dynamic 
braking installations described by Mr. Mortensen, are of Con¬ 
siderable historical interest. Like any other electrical develop¬ 
ment, the scheme of control for dynamic braking has been con¬ 
siderably improved since it was first used. 

In explaining the oscillograph records which he presented, Mr. 
Mortensen stated that the time required for the operation of the 
control immediately preceding the braking action was “ver 3 ^ 
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short.” The length of this time interval is of vital importance, 
because during the preliminary functioning of the control, the 
motor K traveling at full speed. In ttie apparatus described by 
Mr. Drake, this time interval is reduced to a minimiun value of 
about 1/20 sec. by the use of a specially constructed contactor. 
This is an improvement over that type of control which depends 
upon the opening of one contactor and the closing of another by 
the use of relays, all of which takes up a considerable interval of 
time, and is less safe. 

Mr. Mortensen has asked what provision has been made in the 
control described by Mr. Drake for dynamic braking during the 
starting period, before the excitation has been applied. On the 
latest type of control, this has been taken care of by arranging the 
control to automatically apply the excitation when a safety 
switch is opened during the starting period. 

Mr. Hoener mentioned the possibility of the failure of power 
at the same instant a man is caught in the mill rolls. Although 
this is an exceedingly remote possibility, yet it is a point which 
is considered by safety committees. In the control described by 
Mr. Drake, since the dynamic braking contactor operates by 
gravity, failure of the a-c. power would not interfere with its 
operation. Of course, the braking action depends upon main¬ 
taining the field excitation, but should the main plant circuit 
breaker open, there is sufficient energy stored in the rotating 
parts of the motor-generator set supplying the direct current to 
maintain excitation during the brief dynamic braking operation. 
This brings up the question of what would happen in case a direct- 
connected exciter were used with the motor. On first thought it 
might be expected that no braking would be obtained, but tests 
have shown stopping distances quite comparable to those 
obtained by using separate excitation. 

C. W. Drakes Mr. Hoener, Mr. Jones and Mr. Weichsel 
seem to be under the impression that no dynamic braking is 
obtained if the a-e. supply fails. This may be true with some 


types of control, but with the construction described, the failure 
of a-c. voltage automatically releases the upper contactors and 
the lower ones are closed by gravity. The d-o. field is maintained 
because any rotating d-c. machine,' such as a motor-generator set 
or a synchronous converter, will, upon the failure of the a-c. 
supply, maintain its d-o. voltage for a sufficient length of time to 
give dynamic braking. 

Mr. Jones, in his mathematical discussion, indicates that the 
synchronous motor losses and friction may materially affect the 
results of the various equations. He also states that for a quick 
stop with no load, such calculations should be carefully checked. 
Tests made on the stopping of synchronous motors in the factory 
with no load whatsoever indicate that there is no tendency for the 
motors to coast or drift at low speed. Fig. 6 in Mr. Graham’s dis¬ 
cussion shows a retardation curve under such conditions and it 
will be readily appreciated that the addition of a gear unit and 
mill line wdU add friction which will still further tend to eliminate 
drift. 

Mr. Weichsel asks why a voltage, instead of a current coil, is 
used on the lower contactor for holding it closed during braking. 
The principal advantages of a voltage coil are as follows: 

1. Easier to wind and connect 

2. Few^r coil designs required to cover all applications 

8. Gives more nearly uniform pull, since the impressed 
voltage and frequency decrease in proportion 

Mr. Weichsel also questions the advantages of the gravity- 
operated contactor and quite definitely states there would be no 
braking in case of power failure. We have already explained why 
braking is obtained under these conditions and practise has 
proven it. Another advantage of the gravity-operated contactor 
is that any break in the control wiring immediately shuts down 
the mills, while if any circuit has to be made during the braking 
cycle, a failure in that wiring would remain"unnoticed until it 
was required to operate. 
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Synop8i8!-^The paper gives some general statistics on plate-glass 
manufacture, and estimates that the present total electrical require^ 
ments of the industry in the United States, are about 360,000,000 
kuhhr, per annum. 

About 60 per cent of this energy is purchased and is considered 
a very desirable load from the central station point of view, as 
the plants generally run almost continuously and shut down 


only a short time on Sundays, giving a very desirable load 
factor. 

Ths paper briefly describes the manufacturing processes, and 
shows the different operations requiring the application of power. 
Specifically, it descnbes the 110-hv. station buUt for the Crystal 
City plant. This is designed along very simple lines to take the 
place of an isolated plant. 


General Statistics, Plate Glass Manufacture 

SEARCH of the Transactions of the Institute 
for quite a number of years back fails to show any 
papers presented on this subject, or, in fact, the 
application of electric power in anyway to the manu¬ 
facture of plate glass. In consequence of this, it might 
be well to present to the Society the general magnitude 
of the business as it affects central stations; then go 
into details. 

It appears that the first attempt at plate-glass making 
in the United States dates back to about 1860. Noth¬ 
ing came of this and, in fact, various companies were 
formed and failed. Until 1883 no company seemed to 
be successful commercially. Prom that time on, 
plants have been built in small numbers until, at the 
present time, there are about sixteen separate factories 
operating. 

In 1884 approximately one and one-half million 
square feet of glass were produced; now the American 
production is about one hundred million feet while 
approximately twenty-five million feet are imported. 

Raw Materials Affecting Plant Location 

Large amoimts of very high grade silica sand, natural 
gas or coal and considerable quantities of water are 
required in the business, and most of the plants are 
located in a rough rectangle with Pittsburgh, Buffalo, 
Chicago and St. Louis as the four comers. In nearly 
all of this territory the supply of natural gas was 
plentiful and as it was particularly desirable as com¬ 
pared with producer gas which is now generally used, 
and as the melting end of the manufacture required 
about one-half of the total fuel used, a cheap and plenti¬ 
ful supply of natural gas largely dictated the location 
of the plant. 

Previous Sources of Power 

In the early plants most of the work was done by 
hand and most of the product was of relatively small 
dimensions. Gradually, however, individualhigh-speed 

1. Pittsburgh Plate Glass Company, Pittsburgh, Pa. 

Preiented al the Spring Convention of the A, I. E. E., 
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engines were used for the grinding and polishing 
processes, to be later supplanted by Corliss enginfla, 
driving line shafts, from which principal units were 
driven through friction clutches. This later develop¬ 
ment required that the machines be driven at constant 
sp^d and about this time a developmait in the m a - 
chin^ itseff made that feature possible. Line-shaft 
driving attained its maximum when 6000-h. p. enginAs 
were put in use. 

Natural- and producer-gas engines were the next 
development, driving generators, many of which were 
26-cycle, the principal units of the load being operated 
by means of belted motors. Overhead cranes and in¬ 
dustrial locomotives were usually operated by 260 
volts d-c., obtained by smaller gas engines or motor- 
generator sets. 

Total Kilowatt-Hour Required 

The present total requirements of the industry 
probably call for something like 360,000,000 kw-hr. 
per annum in the United States and an increasing per¬ 
centage of this is being transferred to central station 
systems. At the present time, about 60 per cent of this 
is used in completely electrified plants and at least 60 
per cent of this energy is purchased. In several of tihe 
Imger plants, new power houses were built fifteen to 
twenty years ago and the normal depreciation of these 
plants has brought their life to an end within the last 
few years. So the question of changing over to central- 
station power has recently become a very important one. 

Load Factors 

Plants usually run continuously, shutting down 
only from eight to sixteen hours on Sundays during 
which time maybe 16 or 20 per cent of average power is 
required for operating machine shops, pump houses, 
cranes and locomotives. The aimual shut-down, due 
to the necessity of making certain repairs about the 
furnaces, may decrease the demand on the power sys¬ 
tem to 10 or 16 per cent for two or three weeks, but in 
the event that a stock of semi-finished glass is available, 
the machinery part of the plant may be continued in 
operation, which makes a very desirable load from the 
central station man’s point of view. 
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Central Station Power Applied to Particular 
Plant 

It so happens that at the present time one of the 
larger plants of the country, located within trans¬ 
mission dist^ce of St. Louis,—^namely, the Crystal 
City, Mo. plant of the Pittsburgh Plate Glass Com¬ 
pany,—^is being changed over to central station power 
and, as certain features of this change-over may be of 
interest to electrical , engineers, this paper is prepared 
to make such information available. 

In order to give a clearer understanding of the 
detailed application of power, we might describe briefly 
the process of plate glass manufacturing. 

Detail op Manufacturing Process 
The raw materials are chiefly a high grade silica sand, 
soda ash, limestone, together with a very small amount 
of sodium sulphate charcoal and arsenious oxide. 
The proper mixture of this raw material in a perfectly 
dry state is accomplished in a manner similar to that 
used with concrete. It is placed in fire-clay pots, which 
are, in turn, placed in the equivalent of an open-hearth 
furnace. The temperature is gradually raised until 
melting is complete. This is followed by a few hours of 
refining, after which the furnace is allowed to cool down 
so that the glass attains the consistaicy of “cold 
molasses.” The pot is thai removed from the furnace 
by an overhead crane and dumped on a water-cooled 
cast-iron table, somewhat larger than the largest plate 
desired to make. This is done by means of a special 
crane giving a motion to the pot very similar to a mason 
placing a trowelful of mortar on the brick. 

A water-cooled cast-iron roller is then rolled over the 
hot glass, the thickness of the finished sheet being 
determined by flat strips of metal put under the ends 
of the roller. After the plate is cooled suflficiently to 
be capable of being pushed by its cold edge, it is forced 
into an annealing oven and is, by various mechani¬ 
cal methods, moved through a series of annealing 
ovens so that eventually it comes out at atmospheric 
temperature. 

The “rough glass,” approximately in. thick, is 
roughly examined and cut in such a way as to remove 
drfects, and stocked. 

The next part of the cycle consists of grinding and 
polishing. The first step is to secure a sheet of rough 
gla® to the Approximately true top. of a circular table 
wluch, when placed in the grinding or polishing ma- 
^e, is in effect the same as a table of a boring mill ‘ 
T^his attaching of the glass to the table is done by 

^ i consumed and 

yet the attachment is not so good but that it can 
later be quite easily separated. 

Refermg to illustration. Fig. l, which is a vertical 
cros^section taken through the grinding or polishing 
mac me, it will be seen that the table which is provided 
TOth four wheels to operate on a system of tracks around 
e works, is supported by and revolves, with the circular 


casting at the top of the large shaft, which casting at 
all times remains secured to the shaft. It is evident 
that relative vertical motion of some part of the 
machine is necessary to place the table on the “spider” 
and this is usually accomplished in either one of two 
ways: 

First, the tracks over the machine may be lowered by 
hydraulic jacks or equivalent, so that the table comes 
down on top of and rests on the spider, the rails going 
downward a sufficient amount to clear the wheel 
flanges: Second, the rails may be kept permanently in 
position and the shaft, together with the spider on the 
top, may be raised by a hydraulic jack until it lifts the 
table from the rails. 

In the plant in question the last method is the one in 
use and the hydraulic jack at the bottom of the shaft. 
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Pig. 1 Gbnbral Cross-Section, Grinding and Polishing 
Machine 

together with a safety lock or wedge, is introduced 
after the operation is completed, is shown at the bottom 
of the pit. 

Grinding is accomplished with sand and water ap¬ 
plied between the glass and iron blocks. These blocks 
are usually secured to disks, two or more of which are in 
contact with the top of the glass, with axes parallel but 
not in line with the main shaft. It is evident that 
rotation of the table produces a torque on these “run¬ 
ners,” which revolve freely in their bearings, and pick 
up a speed intermediate to the table. 

After coarse grades of sand have been applied, 
finer grades ^e usually followed by several grades of 
emery until the glass is as smooth as it is possible to 
make it. The table is then stopped, removed from the 
spider, transferred to another machine which is similar 
so far ^ the driving mechanism is concerned, but 
having in place of the cagt iron blocks, pieces of felt 
saturated with iron oxide—“rouge”—-and the glass is 
thus brought to a polish by the operation of the 
machine. 

After one side of the glass is ground and polished, it is 
necessary to turn the plates over, bed them in plaster 
agam, and repeat the cycle, after which the glass is 
r^oved from the table, washed with acid to remove 
the plaster, and, when dry, cut up into desired sizies 
and placed m stock. 
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In considering the application of electric power to the 
complete process of manufacture, we might first give 
consideration to the handling of the raw material. 
This is a proposition for handling raw material in which 
the usual methods are used and the only thing to be 
considered in applying a motor relates to the fact that 
the principal component, dry sand, is very highly abra¬ 
sive. The other components, being alkaline, will 
attack certain parts of the equipment, particularly in 
the pi-esence of moisture, and as a final item to look out 
for It is necessary to use every precaution to keep stray 
iron out of the batch material, which calls more or less 
for the use of magnetic separators,—usually pulleys. 

The manufacture of the clay pots and other large 
amounts of fire-clay products is more or less similar to 
bnck manufacture except that the clays are in a greater 
state of purity and must be kept so, and must be far 
more thoroughly mixed. The machinery consists of 
extra longpugmillsin which the clay is mixed with water 
to the properconsistency, with rock crushers to crush up 
the raw clay, as well as fragments of previously burned 
c^y, and chaser mills which grind the mixture of the 
different clays into powder. 

Induction motors seem to be the proper driving 
medium and gear boxes, or similar devices taking up as 
little room as possible and closed against the entrance of 
dust, should be the connecting medium. As most of 
the^ machines either start up under load regularly or 
accidentally, they should be provided with slip-ring 
or double-wound rotor motors, 40- or 50-h.p. motors 
being about the limit as to aiV.** 

The entire melting or manufacture of the rough 
glass does not represent any features of interest to the 
electrical man, except in one or two small details. One 
of these is the “teeming crane” that pours the pots on 
the casting table. This teeming crane must move 
horizontally not more than twenty feet in two seconds, 
starting and stopping within this distance; and the 
motion- must be cdmbined with the pouring motion 
which occupies even less distance in this period. This 
power problem is usually met by applying a direct- 
current crane, or better still, mill motors and control 
that has practically no current or time limits. 

The other item of interest is the considerable number 
of electric pyrometers required to follow the tempera¬ 
ture of the glass throughout the various parts of the cycle. 

The gnnding and polishing part of the manufacturing 
process is the largest and by far the most important 
application of power as these machines consume up¬ 
wards of 86 per cent of the entire power requirements. 
They also require the largest motors and are usually 
the only drives outside the ordinary daily applications. 

CONSIDBRATION OF MAIN DBIVB 

In the plant under consideration, 36-ft. tables are in 
use, a well-recognized maximum general size many 
of the larger plants; and this size table requires up¬ 
wards of 700 h. p. for the polishers, the speed of rota¬ 


tion being somewhere from 10 to 15 rev. per min., and 
the grinders require upwards of 600 h. p. at approxi¬ 
mately double th^ speeds. We, therefore, have the 
problem of applying electric power to a vertical shaft 
running at very low speeds, and of course the first 
scheme would be a direct motor application. There are 
no examples, of this kind of drive in use but it has com¬ 
mercial possibility. 

ii®xt solution is using a higher speed motor with a 
single gear reduction; if the machine in general is of the 
type in which the rails are lowered to permit the revolu¬ 
tion of the table, then the high-speed shaft may be con¬ 
nected to the low-speed by either bevel gears, when the 
shaft would be horizontal, or, if the machine is of a type 
with fixed rails and the main shaft requires to be raised 
and lowered to permit the revolution of the table, then 
bevel g^rs are impossible and a high-speed vertical 
shaft with q>ur gears is necessary. With ordinary 
gear ratios, this will give, a vertical shaft speed of 
somewhere from 60 to 160 revolutions and a vertical 
motor can be considered, as in the installation which 
we are describing. 

The third scheme would be to apply bevel gears to the 
high-speed vertical shaft and on the horizontal shaft 
revolving at, say, 200 or more revolutions, the motor 
could be direct connected. Machines of this t 3 ^e are 
in successful operation. 

Another scheme is to use a bellied motor driving the 
last mentioned horizontal shaft, when, due to the motor 
being belted there are no particular limits as to the 
motor speed required. This last plan has been in use 
in this plant for ^me fifteen years and is in fact in 
quite general use in all plants. 

In changing over this plant from 25 cycles produced 
locally to the 60-cycle central station power, (the 26- 
cycle system .having been installed something over 
fifteen years ago) it was particularly necessary to con¬ 
sider the use of new motors rather than the use of the 
old motors with a frequency changer. This being the 
case, any type of motor could be selected; but due to 
mechanical troubles with belts,- pulleys, bearings and 
bevel gears, which originally were designed for 300 and 
600 h. p. but now with improved methods of manu¬ 
facture, were loaded to peaks of 600 and 700 h. p., it was 
considered necessary to use a drive which would elim¬ 
inate all bevel gears and belting. This decision re¬ 
duced the methods of driving to. the first two mentioned. 

It is needless to point out that a motor revolving at 
10 revolutions is a very large and expensive machine 
and nearly impossible at 60 cycles, although quite 
practical with the aid of a lower number of cycles and a 
frequency changer. Some of the saving due to a motor 
of this kind would be the reduction in size of the large 
pits required under the machines, formerly necessary to 
hou^ the belted motors and various arrangements of 
gearings. Such a saving, however, could not be ob¬ 
tained except in a new plant designed particularly for 
motors of this kind and as it would also involve the 
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complete redesigning- and rebuilding of the machine on the stator frame to adjust the air-gap. The result- 
itself, it would mean a large loss in production; the ant side-pull at the bottom of the shaft due to reaction 
machine being in use 144 hours per week. It was, at the pinion, while not great because of the relative 
therefore considered unfit for this case. ratio of the lever arms, was, nevertheless, a consider- 

The second scheme of the vertical motor revolving able amount to be added to by variations in air-gap, 
at somewhere between 50 and 160 revolutions was and this side thrust was brought quite low on the 
found to be very satisfactory, if i^chronous motors bearing due to the fact that the thrust bearing is 
were used, both from an eflSciency and a financial point vertically ratha- thin, 
of view. 

Following is the problmn which the motor manu¬ 
facturers were called upon to meet: 

Motors were to be three-phase, 60-cycle, 2200-volt, 
one rated 700 h. p. at 68 revolutions, and the other 
500-h. p. at 106 revolutions; temperature rise being 
50 deg. cent, and continuously loaded. Mechanic¬ 
ally the motors were required to fit present pits and, 
specifically, not to exceed a cotain diameter, approxi¬ 
mately 15 ft. on aceoimt of their striking the main 
shaft or necessitating excessive cutting away of the 
concrete pillars supporting the upper part of the ma¬ 
chinery. The stators were to overhang the pit without 
support. One bottom combined guide and thrust 
bearing was called for, this to be attached in the sim¬ 
plest possible manner to what remained of the concrete 


Pig. 2—Cross-Section, Synchronous Motor tor Polishing 
Machine 

after the block supporting the vertical shaft had been 
cut off to a level with the floor. The motors would be 
sync^onous with 260-volt external excitation, self¬ 
starting and, when thrown directly across the line, 
were to develop sufficient torque to start. Due to the 
load at this plant being practically 95 per cent syn- 


Fig. 3 Enlarged ViBwa op Bearing of Motor Shown in 

Pig. 2 

ing the center line of the active part of the motor down 
nearer the^ floor and quite close to the center of the 
lower bearing, the effect of this being that even consid¬ 
erable wear of the upper bearing would not cause any 
material change in the air-gap. 

1 ® taking the front 

plate off the bearing and raising the shaft slightly by 
means of jacks under the rotor rim, the bearing plates 
can if necessary, be very quickly removed and replace. 


vAuuiiuus, uuiLy power 
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Referring to the illustration, in Pig. 1, may be s 
the rnanner in which the above specifications w 
carried out. The tooth reaction on the large moto: 
on the order of 46,000 pounds, which required the us« 
an 18-m. shaft to avoid excessive deflection ranging i 
s^isfactoiy operation of the pinion and gear, or p 
able rubbing in the gap. The shaft is in two piec 
tile idea being that pinion trouble, which has occun 
m the p^t, could be quickly overcome by ranoving i 
top half of the shaft. The stator frame (Pig. 2) vi 
made sufiiciently deep to act as a girder in a verti( 
directum to take care of the overhang. The thn 
^ Ws. 8), wa, aet upon 

SS? Witt 

ttift tte beanng sideways and allow a linto 
np of the gear teeth and similar arrangements provid 
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The^ motors have been unusually successful in 
operation being put into regular continuous service 
within an hour or two after first being started. They 
show very high efliciency in spite of the low speed, the 
700 h. p. being 92.3 per cent and 92.8 per cent for the 
500 h. p. The motors are thrown directly across the 
line by means of a special contactor which is designed 
to have approximately 15,000-amperes rupturing capac¬ 
ity in the event of a short circuit; but this is sufficiently 
rapid in operation to permit of a jogging motion being 
given, so that the table may be slightly turned to bring 
the wheels above the track. The field is automatically 
closed by a definite time limit relay, set at something 
less than thirty seconds and put into operation by the 
throwing on of the stator current. The starting 
current, while not a limiting feature, is quite satis¬ 
factory, being less than the guaranteed 280 per cent of 
normal for the 700 h. p. and 250 per cent for the 500 h. p. 

In conclusion, it might be stated that we are unable to 
locate any similar slow speed vertically geared ssm- 
chronous motors in tlie United States, and that ap¬ 
parently those described herein are unique in several 
particulars. 

High-Tension Substation 
With reference to the central station power supply, 
the Union Electric Light and Power Company, of St. 
Louis, has built a double-circuit steel tower linA^ op¬ 
erating at approximately 115,000 volts from the Cahoka 
Power Plant to Crystal City, a transmission distance of 
34 miles. 

The power being purchased at 110,000 volts, the glass 
plant was required to build a complete receiving and 
transforming substation and other parts of the system 
required to receive this power from eithw* or both of 
the transmission lines, the step-down transformer banks 
to be considered as a unit with the line. In other 
words, there were no cross connections. 

The high-tension oil switches were required to have 
upwards of a million and a half-kv-a. rupturing capacity 
and their bushings, as well as the transformer bushings, 
were required to have at least leakage surface equivalent 
to that supplied on 132,000-volt equipment, becau^ 
of the prevalence of coal smoke and similar dirty con¬ 
ditions of the atmosphere. The power factor of the 
load had to be above a cwtain amount, but this was 
more than met in that the bulk of the load consisted of 
synchronous apparatus. 

From the consumers’ viewpoint, in designing the 
high-tension substation the problem was presented of 
locating the station on a limited piece of ground ad¬ 
jacent to other high buildings and railroad tracks, 
compelling the transmission line to make a ^an of over 
1600 feet across a number of the railroad yards of the 
company on which locomotive cranes were in constant 
use. This requirement in itself forced the use of a dead¬ 
ending tower approximately 135 ft. above the ground. 

The peak load of the plant, amounting to 7500 kw. or 
more, together with some possible extensions, called for 


the consideration of 10,000 kv-a. banks. With these 
fundament^ requirements in view, the substation 
shown in Fig. 4, was designed and built. 

It will be seen that the two transmission linAs are 
dead-ended on the upper platform of the tower and the 



Pig. 3 a—Hioh-Tbnsion Teanspokmeb, with Pooe-Row 
Tubulab Tank 

wires are 20 f^t apart. The circuit is then carried 
through motor-operated pole top switches having a 
single break six ft. long. The circuit continues down 
the inside of each of the outside sections of the tower, 
the wires being eight ft. apart, and having some five- 
ft. clearance to ground, supported at the upper end by 
strain disks, and at the lower end by a rigid insulator 



Pig. 4—^Vibw op 110-Kv., 20,000-Kw. Substation 

hinged on the steelwork of the tower to swing in a 
vertical direction and clamped to the wire on the out¬ 
side end. A weight of approximately a thousand 
pounds is attached to the head of theinsulator,toputsuf- 
ficient tension in the vertical wire topreventsidemotion. 
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Running through the base of the tower are two 
standard gage tracks, on one of which are two 130,000- 
volt oil switches and on the other two 10,000-kw. 
three-phase, circular-coil core type transformers, pro¬ 
vided with conservators and two-in. tubes for cooling. 
It will be noticed that the line side of the oil switch is 
within a few feet of the steadying insulator before 
mentioned, the relative arrangement being such that if 
the line should bum off at the upper end, the insulator 
and the weight are expected to swing downward and 
thus prevent damage to idie oil-switch bushing. The 
oil switch and the transformer are as close together as 
possible so that no high-tension insulators are requir^ 
between the two. The 2300-volt secondaries are 
connected to the leads going into the building by short 
lengths of flexible cable. 

The central part of the tower, approximately 28 ft. 
square and 50 ft. high, constitutes the repair shed. 
Roll-up doors, 20 ft. wide and 23 ft. high, admit both 
the oil switch and the transfonner to the building, 
where a 25-ton trolley of the standard type used on 
overhead cranes, operates on a fixed track at right 
angles to the transformer track. This crane is provided 
with a motor for the lift and hand motion for the cross 
travel. The lifting speed is approximately two feet per 
minute, which is very handy for transfonnerrepairwork. 

The outstanding points of the high-tension part of the 
substation lie in the fact that only twelve high-tension 
insulators are in use outside of the apparatus bushings; 
20,000 kw. with switching and repair facilities is lo-^ 
cated on approximately 2000 sq. ft. of ground; and 
the transformers, we understand, are the largest, or 
among the largest, provided with tubes, that have 
ever been shipped filled with oil. 

The low-tension part of the sub^tion is a two-story 
building on the second floor of which is the 2300-volt 
bus stracture consisting of the usual concrete and brick 
arrangements, with disconnecting switches connected to 
the H-type oil switches, arranged along each side of the 
building by one-quarter by four.bars run imder the 
removable steel floor and above the four in. concrete 
ceiling. On the first floor, two 1200-kw. motor genera¬ 
tors, with space for a third, are installed. 

Along one entire side of the building is the ronote 
control a-c. and the hand-operated d-c. switchboard of 
the usual design. A mezzanine floor located back of 
the panels and slightly above them, is provided to give 
access to the outgoing disconnecting switches and to 
cover part of the control conduit. There is also a 
partition wall running from the top of the switchboard' 
panels to the ceiling which contains the balance of the 
contool conduit and also protects the balance of the 
station in the event of a cable pothead or a current 
transfqrmer blowing up. At the' top of the panels is 
located a puff box, about 4 in. by 12 in. and extending 
the entire .length. 

In this connection it will be seen that considerable 
expense has be^ incurred to place barrio throughout. 


the low-tension busbar system, as it was considered 
that short circuits of about 260,000 kv-a. might occur. 

The outgoing a-c. feeders, in three-conductor leaded 
cable, go down the side of the building from above the 
mezzanine floor and, in fiber ducte encased in concrete, 
into the pit underneath the switchboard. The d-c. 
cables of the same general description enter the ducts on 
the other side of this pit immediately under the switch¬ 
board panels. 

Substation Equipment 

High-tension disconnecting switches: 

2—L G 119—164 kv. on 136-kv. insulators, motor 
operated. 

High-tension oil switches: 

2—F H K 0—72 0—136,000-volt, 400-amperes, 
solenoid operated. 

High-tension transformers: 

2—Type H. circular coil 10,000-kv-a.—110,000- 
2300-volt, three-phase, 60-cycles, air-cooled 
by 2 in. tubes, with conservators. 
High-tension oil storage and treating system: 

2—12,000 gal. 

1—^7 in. filter press. 

High-tension repair shop: 

1— ^26-ton crane. 

Low-tension oil switches: 

2— 3000 amperes, 16,000 volt. 

2—1200 “ 

4— 800 “ 

8— 600 “ “ 

Type H-206 and 203. 

6—^Motor-generator starting switches,—F. K. 
132-A&B. 

Bus insulators, 16,000 volt, heavy duty. 

Motor generators: 

2—1200-kw. 260-vqlt, with ssoichronous motors. 
Switchboard: 

12—A-c. remote control panels, 

21—D-c., manual. 

Above electric equipment by General Electric 
Company, 

Substation peak, 10,000 kw. annual kw-hr., 
60,000,000. 

Plant Equipment: 

8—^700-h. p. synchronous motors, G. E. Co. 

8—600-h. p. synchronous motors, G. E. Co. 

1—600-h. p. s3mchronous motors for air com¬ 
pressors, G. E. Co. 

Control for above. 

676-h. p. induction motors—^for pumps—G. E. 
Co. 

960-h. p. motors various uses, 

600-motors, (approx) 260-.volt, d-c. for all 
other uses. 

600-kw. total lighting transformer. 

Main distributing system—7 miles 3-conductor 
lead cable mostly underground. 
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Discussion 

C. W. Fick (communicated after adjournment): Mr. 
Harrington’s very interesting paper may raise the question of 
why this arrangement of vertical synchronous-motor drive is not 
universally adopted by the plate-glass manufacturers. There 
are some twenty plate-glass plants in this countiy with a total of 
100 to 125 grinding and polishing machinos. Of this number a 
inajority must operate for a short time at slow speed at the be¬ 
ginning of each operating cycle, due to the method of lowering the 
grinder and polishing disks onto the glass. Thus, the synchronous 
motor is eliminated for these cases, unless a frequency changer 
and double bus arrangement is used. 

A wound-rotor induction motor arranged as were the synchro¬ 
nous motors described by Mr. Harrington would have a power 
factor of between 65 and 68 per cent and would be more costly 
and require more control equipment. 

However, there is no reason why the belts and ropes which are 
at present used on perhaps 75 per cent of these tables, cannot be 
eliminated by the use of horizontal slip-ring motors (as new 
motors are required) of 200 to 260 rev. per min. coupled to the 
bevel-gear shaft, with a saving of maintenance and power, and 
in some eases of first cost. 


A. L. Harrington: The question has been asked why high- 
tension lightning arresters have been omitted from this substa¬ 
tion. It was our privilege to be connected with a power system 
having some of the earliest outdoor substations. This system 
was in a locality subject to lightning any day of the year. Al¬ 
though the original main and substations were equipped with 
arresters, business increased so rapidly that it came about that 
transformers (in some eases) were on hand for new customers but 
no lightning arresters. A comparison was then available 
between protected and unprotected stations. Such failures as 
were experienced were never from line to ground but rather 
fi’om turn to turn or coil to coil in the transformer. Much 
evidence was present to show that the dangerous disturbances 
were often of low potential but high frequency. In many 
cases results did not seem to justify the cost of lightning 
arresters. 

With the gi'eatly improved design of some modern transformers, 
we feel that they do not need the assistance of arresters. Re¬ 
cently these conclusions have been proven true in the Pittsburgh 
territory, but at a lower voltage than the substation under 
discussion. It is possible to add arresters to this job later if 
conditions of actual service seem to warrant them. 



Sleet and Ice Troubles on Transmission Lines 

in New England 

C. R. OLIVER* 


Associate, 

Synopsis*—This paper deals with the troubles one of the large 
power companies in New England has encountered from sleet and 
ice on transmission lines. The experience of this company should 
bring home to the transmission line designer the fact that in certain 
parts of the country sleet is a very serious problem and should he 


U NTIL recent years, New England was not thought 
of as a section of country particularly susceptible 
to sleet; in fact, no serious trouble had been 
experienced by any of the communication or power 
companies before the storms of recent years, and out¬ 
side of the usual one-half inch of ice and 8-lb. wind 
pressure, no particular attention was given by the 
designing engineer to the possibility of trouble from 
this source, either in the tower or in the conductor. 
Our recent experience has convinced us that there is 
no single tower line in New England built before 1922 
that would stand up under the excessive loads that 
they may be called upon to carry. The only reason 
that any of them are standing today is that they have 
been fortunate enough to escape the sleet. 

The New England Company Power System 
In describing the sleet troubles, the author will 
confine himself to those experienced by the New Eng¬ 
land Company Power System lines, with which he is 
most familiar. 

This system, with its connections, extends from the 
New York State line across the State of Massachusetts 
to Boston, down into Rhode Island to Providence, and 
across to Fall River. In the northern section it 
extends half-way through Vermont, into New Hamp¬ 
shire and across the State of Connecticut to New 
London and Stafford Springs. Its main IxTink lines 
are towers built in 1908 to 1914. Witbin recent years 
wooden pole lines have been constructed instead of 
tower lines. All of these lines operate at 66,000 volts. 
Last year a new double-circuit tower line was com¬ 
pleted, 75 miles long across the center of Massachu¬ 
setts, designed to operate at 110,000 volts. There are 
240 miles of 66,000-volt, double-circuit tower line; 
70 miles of 66,000-volt, double-circuit pole line; 275 
miles of 66,000-volt, single-circuit, pole line; 75 miles 
of 110,000-volt, double-circuit, tower line, and approxi¬ 
mately 75 miles of 22,000- and 13,000-volt feeder lines. 
Trouble op 1916 

The first serious trouble on the system, due to sleet 
came on D ecember 22, 1916, on the tower line that 

1. Assistant General Manager, New England Power Co.. 
Worcester, Mass. 

Presented at the Regional Meeting of the A* L E. E., SwampscotL 
Mass*, May 7,1925* 


A. I. E. E. 

taken into account in designing all new transmission lines* It also 
shows the necessity for looking over the existing transmission systems 
with a view to providing some quick and easy method of thawing 
sleet from the lines already constructed* 


connects the station near Hoosac Tunnel, Massachu¬ 
setts, with the substation at North Adams, Massachu¬ 
setts. This line was built in 1913, and consists entirely 
of 75-ft. standard square towers weighing approxi¬ 
mately 5000 lb. each, with two circuits of No. 1 copper 
conductor, each circuit being arranged in a vertical 
plane, and with a ground wire at the peak of the towers. 
It is only 8.3 miles long, but in this length it crosses a 
section of country varying in elevation from 1000 to 
2300 ft. above sea level. During the first winter of 
service on this line it was observed that quite fre¬ 
quently a slight sleet formation took place on the wires, 
and the engineers of the company thought that the 
No. 1 copper was too light to carry the sleet load. 
In the following smnmer, the No. 1 copper on 
five towers over the highest peak, weis replaced with 
?^-in. CTucible steel conductors, and all of the towers 
over this peak were dead-ended. 

This decision was very unwise, for two years later, 
in 1916, this section of the country was visited by a 
very heavy sleet storm, and ice of three to four inch 
diameter was sticking to the wires. All five of 
these towers on which the heavier conductors had been 
installed were completely wrecked. This failure oc¬ 
curred without a single break in the conductor, showing 
conclusively that had the towers been designed for the 
stronger conductor, no interruption would have 
occurred. 

Only temporary repairs could be made, using low 
wooden structures, as the whole mountain side was 
frozen and covered with glare ice. Later, in the sum¬ 
mer, the wooden structures were replaced with ten 
low towers, placing all wires in a horizontal plane. 
These towers were designed to withstand the sleet 
and wind loads for this section, and since their instal¬ 
lation no trouble in this particular section has been 
experienced, although there have been some very 
heavy sleet storms on this line. 

Fig. 1 shows the replacement towers which have 
been very satisfactory. 

Trouble op November, 1920 

During Thanksgiving week of 1920 another sleet 
storm swept over this line, affecting a four-mile section 
varyingin elevation from 1500 to2800 ft. The sleet was 
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again three and one-haM in. to fourin. thick, and although 
there was no tower failure, there were many span-wires 
broken; so many in fact, that later in the summer this 
whole section had to be resagged. The storm lasted 
five days and no headway could be made toward getting 
the line back into ^rvice, for as fast as breaks were 
repaired in one section trouble would develop in other 
spans. In desperation some 2300/220-volt trans¬ 
formers were borrowed from one of the manufacturers 
and, by a temporary connection, were so arranged 
that it.was possible to secure approximately 6000 volts; 



Pia. 1 —Section of the Line Showing Type of 
RispijAcbmbnt Towers 


and with this pressure, using about 300 amperes, the 
sleet was cleared from the line by heat. During all 
this time the customers supplied from the North Adams 
substation were without power. 

After the storm a careful examination of the line 


Trouble in 1921 

The most disastrous sleet storm on record in this 
section of the country started December 28, 1921. 
There was a steady, drizzling rain for three days 
with a temperature of around 32 deg. fahr. This 
froze as soon as it struck, thus accumulating 
ice three, and four inches in diameter on wires, 
towers and trees. There was also a wind of about 
thirty miles an hour accompanying this storm, which 
appeared to have three distinct paths; one across 
the mountains between Shelboume Falls and North 
Adams, one in the hills between Leverett and Ware, 
and one from Gardner east to the coast, the storm 
being heaviest within a 30-mi. radius of the city of 
Worcester, Massachusetts. Down the Connecticut Val¬ 
ley and in other sections of the system there was snow 
and very little damage to power and lines of com¬ 
munication. On the mountains around Hoosac Tunnel, 
where for years there had been so much trouble from 
sleet, the ice was just as heavy as in previous years 
but during this whole time service was maintained on 
two circuits 66,000-volt tower line without interrup¬ 
tion. This was due entirely to the sleet-thawing method 
previously worked out. The telephone trunk-line over 
this mountain had, in early years, successfully with¬ 
stood the sleet but was now completely wiped out. 
Lines affected in the company system were as follows: 

1. Over 65 miles of double-circuit, 2/0 copper on 
75-ft., square towers, weighing approximately 6000 
lb. each, with the wires in a vertical plane and the 
ground wire at the peak: This line was built in 1913- 
1914 and extends from Shelboume Falls to Millbury 



^ i Towers os ori 9 inQlfy constriicted. 

Replacement towers of 1917. 

Vi;^Majflmum recorded Ice deposit at onu 
point durln 9 life of.linepreii'ious to 1921. 

Fig. 2— 'Profilb of Nos. 9-10 Lines from No. 5 Station to Adams Substation 


showed no signs of any of the towers being overstressed, 
nor were the wires stretched beyond their elastic limit. 
The only apparent damage was the broken conductors 
due to the overloading of the ice. 

Pig. 2 shows the profile of the. line from Hoosac 
Tunnel station to Adams substation, and the extent 
of ice trouble is indicated by the shaded part of the line. 


and Pawtucket. There were 69 tower failures, five 
towers with broken peaks and four witii dmnaged 
crossarms. The tower failures consisted of broken 
masts, crippled legs, broken crossarms, damaged foot¬ 
ings, both in tension and compression, and a number of 
towers was completely wrecked. 

Approximately 76 per cent of the damage was at 
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dead-end points, and in addition to the tower failures, 
there were many hundreds of broken spans on both 
power and ground wires. 

Temporary repairs were made by building a 66,000- 
volt, single-circuit pole line along the edge of the right 
of way, and later, the good parts of the damaged towers 
were salvaged, the towers being replaced with new 
mateiial purchased. 

2. Over 40 miles of double-circuit. No. 2/0 and No. 2 
copper line, with bayonet type towers, 50 ft. high, with 
pins, insulators and wires arranged in a triangular 
position: This line was constructed in 1908 and extends 
from Vernon, Vermont, to Worcester, Massachusetts, 
and all towers had been designed to break the con¬ 
ductor. Only three towers failed on this line, two 
being at angle points of over 45 deg., and the third 
tower was pulled down by the failure of the other two. 
Between Worcester and Gardner there were many 
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Fig. 3 Enclosures Show Sections Most Seriously 
Affected by Sleet 

hundreds of broken spans, and damaged insulators and 
pins. 

3. Over ten miles of' “A’’ frame, double-circuit 
tower line with No. 2 copper in a vertical plane and 
H-m., copper-dad ground wire at the peak of thetower: 
This line passes around the city of Worcester on a 
very crooked right of way, with many large angles. 
Among the “A” frames were mixed a few 75-ft., square 
towers at heavy angles and guyed to take the expected 
loadmg. Due to the excessive sleet loading, however, 
some of the angle towers gave way and 78-towers were 
TOmpletely 'wrecked. On the remaining towers a num¬ 
ber of span wires were broken and the whole line was 
so completely wrecked that it was necessary to iwlace 
aU of toe damaged towers with two-pole structures. 

4. Over 50 miles of wooden pole line with wishbone 
crosMims ^d suspension insulators: These poles were 
substotiaUy guyed and double-pole construction used 
on aU dead-end points. Four or five crossanns were 

^ thrown out of toe 

line, but there were no broken poles; there were also a 


, few broken conductor spans of No. 2 copper, but it was 
i a comparatively easy job to put these pole lines back 
in service. 

5. In addition to the high-tension trouble, there 
; were many miles of 13,000- and 22,000- volt feeder 
1 lines running along city streets carrying No. 2/0 
copper and smaller. There were many broken span 
• wires, but this was caused primarily by the trees, over¬ 
loaded with ice, falling on the feeder lines and carrying 
them down. There was very little pole damage, and 
these lin^ were quickly put back into service as soon as 
toe sleet was cleared. 

Fig. 3 shows the area most affected by sleet during 
this storm. 

Troubles op March, 1924 

On the 11th of March, 1924, during a heavy snow¬ 
storm, toe system began to experience trouble in toe 
southern section, .centering around Worcester and 
Providence. The wet snow packed around the insu¬ 
lators and stuck to the wires. By night it became so 
serious that Millbury, Mass., and Woonsocket 
^d Warren, R. I., substations were completely 
isolated from the system. The storm centered in 
Rhode Island, and i'ts effect on toe balance of the system 
around Worcester was not so serious. 

The trouble was caused by the very wet show, sticking 
to the wires and towers, becoming solidified due to a 
drop in the temperature and this combination of snow 
load and a 60-mile wind completed the damage. 
In Rhode Island, snow accumulated to a diameter of 
foim inches and actual measurements showed that it 
weighed 48 lb. per cubic foot. Around Worcester the 
snow was not so wet, and although the snowfall there 
was greater, toe accumulation on the wires was much 
less. On lines north of Worcester there were very few 
broken spans on any of the circuits, and these circuits 
were all back in condition within a short while. 

Be^een Worcester and Pawtucket, R. I., a distance 
of thirty miles, thwe were 36 broken span wes, 21 of 
them occuring in the last ten miles; but there was no 
structure damage. All of the towers in this section 
were standard 75-ft. square towers, weighing approxi¬ 
mately 5000 lb., with the wires in a vertical plane. 

The hea'viest damage' centered around Providence 
and on toe transmission line to Pall River, (16.5 miles), 

94 out of a totdH of 147 towers were damaged. This 
damage varied from broken masts to completely 
wrecked structures. The line consisted of 75-ft. 
standard square towers wito the wires in the vertical 
plane and weighing about 3500 lb. Being lighter than 
toe other 75.ft. towers on the system, toe effect of toe 
storm on these was much more disasteous. Temporary 
r^airs were made by building a double-circuit, 
wooden-pole line along the edge of toe right of way. 

Pigs. 4 and 5 show tj^ical tower failures, illustrating 
how completely the towers were wrecked, and Fig. 6 
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IS a photo Of solidified snow on the wire, four inches in 
diameter. 

^ interesting thing developed during this storm; 
a 66,000-volt, double-pole, double circuit of No. 2/0 
copper, wooden pole line with all wires in a horizontal 
plane runs around the north side of Pawtucket to East 
Providence. This pole line for quite a distance is on 
an adjacent right of way with a standard 75-ft. tower 
line. The ten miles of wooden pole line came through 
the storm with only three broken conductors and a few 
unhooked insulator strings, while the tower line had 
several towers completely wrecked and a great many 
broken span wires. One of these towers, due to the 
heavy load of ice, fell across the pole line and caused 
one of the above mentioned broken spans. The pole 
line had no broken or damaged structures and was put 
back in condition in one day’s time. 



Fias, 4-5 —Tower Failures 


Fig. 7 is a photograph of the 76-ft. tower which, in 
falling, put the wooden-pole line out of service. 

Sleet Thawing 

The first experience of sleet thawing on the company's 
system was during the storm of 1920. The lines were 
cleared of ice in western Massachusetts by using a group 
of 2300/220-volt transformers connected in series and 
paralleled, to secure from 6000 to 8000 volts at 300 
amperes. This was only a temporary connection made 
up after six days of ineffective work trying to dear the 
lines, and much to the surprise of all it worked amazingly 
well. Th^ were retained in the plaiit during the 
remainder of the winter. Plans were then made to 
provide the Hoosac Tunnel Station witii permanent 


means of thawing the ice from the two No. 1 copper 
lines running over the mountain to North Adams, eight 
miles, ^d the two No. 1 circuits nmning over the 
mountains to Shelboume Falls,—14 miles. Equip¬ 
ment in this station consisted of two 11,000-volt, 25- 
cycle generators, and two 2300-volt, 60-cycle genera¬ 
tors; five 3000-kv-a., three-phase, 66,000- to 2300-volt 
transformers. 

. From many tests made in the field, it was evident 



Fig. 6—Soltdipied-Snow-Covbrbd Cable 


that from 250 to 300 amperes at 6600 to 8000 volts 
would be required to clear in an hour the Nd. 1 copper 
of sleet. The engineers of the company were in 
favor of providing a separate auto-transformer for 
this service only, but on receiving the proposal from 
the manufacturers, the proposition was abandoned as 
too excessive in cost. Further study was made and 
it was finally discovered that by opening the delta on 
the low-tension side of one of the three-phase trans¬ 
formers and connecting the individual coils in series 
with the delta of a second three-phase transformer and 



Fig. 7—Destruction op, Wooden-Pole Line by Fall op 
75-Pt, Tower 

with the two high-tension sides connected in multiple, 
an extended delta could be secured, giving the desired 
voltage. 

Fig. 8 shows the diagram of connection and the 
method of connecting the two deltas. 

In order to msdce use of this combination for sleet 
thawing and still keep the transformers available for 
ordinary service during the other times of the year, 
all six secondary leads were brought out of one of the 









OLIVER: SLEET AND ICE TROUBLES ON TRANSMISSION LINES Transactions A. I. E. E. 


three-phase transformers to disconnecting switches 
mounted on the ceiling overhead the unit. These 
switches were so arranged that the special combination 
for thawing could be made very quickly, and special 
cables were run from the extended delta up to the roof 
of the building, where a flexible coimection of a hundred 
feet of three-phase cable was provided, by means of 
which connections could be made to any of the four 
lines on the roof to be thawed. The total apparatus 
tied up for sleet thawing consisted of one 60-cycle, 



2300-volt generator, and two three-phase transformers. 
This equipment, with a separate exciter, could be 
operated independent of the balance of the equipment 
in the station. The total cost of the sleet thawing 
outfit was, therefore, very moderate, and the only new 
equipment required was a few sets of 6600-volt, dis¬ 
connecting switches and some cables. A test made 
under actual operating condition on the line to North 
Adams, (8.3 miles long and of No. 1 copper), showed 
the following result at 60 cycles. 


JJne Amperes 

Generator Volts 

Line Volts 

200 

1170 

3150 

250 

1460 

3930 

300 

1740 

4760 

300 

2300 

6150 


A test on the line to Shelboume Falls, (14.7 milAg 
and of No. 1 copper), showed the following results: 


Line Amperes 

60 Cycle 
Generator Volts 

Line Volts 

200 

2290 

5600 

250 

2600 

6970 


40 Cycle 


200 

1670 

4470 

250 

2090 

5590 

275 

2300 

6120 

300 

2500 

6700 


Within the last y^, the third 26-cycle, 11,000-volt 
generator has been installed, and this will alan be 
available for sleet thawing. 


The success of the sleet-thawing arrangement de¬ 
pends entirely upon complete cooperation between the 
generating station at Hoosac Tunnel and the stations 
at the end of the line to be thawed. This cooperation 
normally requires telephone connection between the 
stations, but during sleet trouble, the telephone lines 
are usually the first ones to be put out of commission, 
so it was necessary to devise a means of working the 
sleet thawing device absolutely independent of tele¬ 
phone. Accordingly, a definite schedule was worked 
out for 24 hours, whereby sleet could be thawed on any 
or all of the four lines radiating from this station. 
This schedule is independent of dispatchers’ orders or 
telephone, and it functions even when all telephone 
coimections have been completely wiped out. 

The sleet thawing is always started and canned on in 
accordance with this schedule regardless of the time 
of day and the number of lines to be thawed, so that the 
crews at both ends of the lines are thoroughly familiar 
with the routine of operation. A complete cycle of the 
schedule is given as follows: 


Time 

Shol. Falls Sta. 

Hoosac Tunnel Station 

North Adams Substa. 

2:45 p.m. 

Remove short 

Start heat on No. 10 



from No. 7 Line 

Line 


3:00 p.m. 

Close No. 7 Line 
when alive 

Energize No. 7 Line 
at 66,000 volts 

•• 

3:15 p.m. 

Open and switch 

Open and switch No. 



No. 8 Line 

8 Line 


3:30 p.m. 

Attach short to 
No. 8 Line if 
dead 

Stop heat on No. 10 
Line 


3:45 p.m. 


Start heat on No. 8 
Line 

Removo short from 
No. 10 Line 

4:00 p.m. 


Energize No. 10 Lino 
at 66,000 volts 

Close No. 10 switch 
when alive 

4:30 p.m. 

.. 

Open and switch No. 

Open and switch No. 



9 Line 

9 Line 

4:45 p.m. 


Stop heat on No. 8 
Line 

Attach short on No. 

9 Line if dead 

6:00’p.m. 

Remove short 

Start heat on No. 0 



from No. 8 Line 

1 Line 


5:15 p.m. 

Close No. 8 Line 
switch when 
alive 

! Energize No. 8 Lino 
at 66,000 volts 


5:30 p.m. 

Open and switch 

Open and switch No. 



No. 7 Line 

7 Line 


5:45 pm. 

Attach short to 
No. 7 Line if 

Stop heat on No. 9 



dead 



6:00 p.m. 

• • 

Start heat on No. 7 
Line 

Remove short from 
No. 9 Line 

6:15 p.m. 


Energize No. 9 Line 
at 66,000 volts 

Close No. 9 Line, 
switch when alive 

6:45 p.m. 

* • 

Open and switch No. 
10 Line 

Opon and switch No. 
10 Lino 

7:00 p.m. 

.. 

Stop heat on No. 7 

Attach short on No. 

7:16 p.m. 

Remove short 
from No. 7 Line 

Line 

10 Line if dead 

Start heat on No. 10 
Line 


7:30 p.m. 

Close No. 7 Line 
swltdi when 
alive 

Energize No. 7 Line 
at 66,000 volts 



The sleet thawing equipment was completed several 
wee^ before the storm of 1921, but the ctbws atjthe 
station had not become proficient in its use, and “when 
the sleet storm struck, it was not deemed wise to at¬ 
tempt to keep all four lines free from ice. All energy 
was devoted to keeping the lines over Florida Mountain 
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clear. a result, these two lines came through the 
stom with a clean record and service was maintained 
to the customer during the whole time, in spite of the 
fact that all other communications and telephone lines 
m this part of the country were very seriously affected 
by the storm. This test thoroughly convinced the 
organization of the efficiency of the device, and 
that time, sleet-thawing devices have been installed 
in several other points on the system. 


country. During the past two years, the Company 
has constmcted over 125 miles of 110,000-volt trans¬ 
mission lines and these lines have been designed 
with the thought that it was possible to build one that 
would withstand even the severe sleet storms of New 
England. Advantage has been taken of the lesson we 
have learned from the other sleet storms, and it is 
believed that the present transmission line will prove 
satisfactory. 


Conclusions 

The lessons learned during the past few years have 
been very expensive, but it is hoped that the future will 
benefit by so designing the lines of the system that 
they will come through a storm with a clean record. 
The following facts have been discovered: 

1. That towers should be designed to stand regard- 
leK of the load on the conductors. A conductor 
failure is bad, but a structure failure is positively 
disastrous. 

.2. That earth footings fail very often in compres¬ 
sion and this failure has wrecked many towers. There 
are also some faOures of footings in tension. 

3. That guying towers at angle points instead of 
using a heavy structure is very poor makeshift. The 
tower usually fails before the guy has a chance to do 
any work. 

4. ' That “A” frame towers are not an ideal com¬ 
bination for sleet conditions even when all points are 
reinfor^ with heavy square towers installed every 
half mile in tangent and with a heavy ground wire 
overhead. 

5. That vertical spacing of conductors will never 
prove satisfactory for sleet condition, not even with the 
middle crossarm Krtended. 

6. That the so-called 75-ft. standard square towers 
as used in this section of the country for years will not 
withstand the sleet and wind load. 

7. That wooden pole lines, have suffered less damage 
and are easier to put back into service than light tower 
lines. 

8. That in building important high-tension lines 
there is no half-way groimd. To withstand the sleet 
it should be either a double-pole construction with 
steel crossarms or a steel tower with suitable factors 
of safety and with all wires in a horizontal plane. 

9. That wherever possible it is advisable to install a 
thawing device if it can be done at a reasonable figure. 
This is a very desirable addition in New England, and 
will pay fot itself many times on transmission lines 
thus protected from the sleet storm. 

10. That over 60 per cent of trouble occurs at dead¬ 
end towers. These should be self supporting and not 
guyed, and as many angles as possible eliminated. 

It is quite evident that ideas have had to be revised 
about transmission line design for this section of the 


Discussion 

L. W. W. Morrow t The Penn^lvania Power & Light 
System, as w^ as other companies in central Pennsylvania 
have encountered this sleet problem for several years, and have 
introduced a method of combating sleet which I think will 
prove of interest. It is somewhat along the same lines as the 
method used by the New England Power Company. 

The method is based on the premise of catching sleet before it 
forms. In other words, we all know that it takes a large amount 
of heat to melt ice once formed. Down there most of their 
sleet occurs only in the high-altitude territory, so they have 
oiganized a system whereby, after studying all weather maps 
and close observation of approaching storms, all patrolmen are 
Concentrated into the sleet areas to be on the job to start im¬ 
mediately if there is any chance whatsoever of sleet forming on 
any line. 

If a report comes in that a sleet storm is approaching, they 
immediately oi^nize to combat the sleet. This is done by 
isolating generators in stations sectionalizing lines as much as 
possible, improvising equipment that can short-circuit any line, 
and attempting to heat the lines before the sleet forms.- It 
doesn t take much heat in a line to keep sleet from forming, but 
it takes an immense amount of heat to melt ice off the line once it 
is formed. So them method is sectionalization and crowding 
loads into lines, utilizing generators in stations, putting energy 
into the lines they are trying to warm to keep sleet from 
fonmng. It is a scheduled proposition, definitely arranged, with 
all men on the whole system alert to prevent sleet from dfl.Tnii.gin g 
the system. 

The result of their experience has been that in the last year or 
two they have had very little trouble and have been able to 
combat sleet very successfully, 

J* Roubicekx I think it interesting to see how the sleet 
melting is effected in one of the recent additions to the New 
England Power Systems, I am referring to the Montauk 
plant in Pall River. 

There is a 32,000-kw, generator operating on a bank of trans¬ 
formers temporarily connected to give 66,000 volts on the high- 
tension side. The generator cables are led to a small cable 
house in the outdoor switchyard, from which point bare copper 
connections are made to the transformer, A double-throw, * 
disconnecting switch is located in the top of the cable house, by 
means of which it is possible to throw the generator output 
either on the transformer bank, or directly on the outgoing 
high-tension line, (hereby bridging switches, transformers and 
high-tension apparatus in the outdoor switchyard), and subject 
the high-tension lines to the passage of the heavy generator 
current. Lamps in the cable house indicate whether the trans¬ 
former oil switches are closed or opened, so that the operator 
can make no mistakes in interrupting the transformer circuit 
while the breakers are in. The connection of the 14,000-volt 
sleet-melting cable to the high-tension line is made by solderless 
connectors which are disconnected when not in use. 

H* S« Knowltons The cost of modern transmission lines 
for high-voltagef service is rapidly approaching a figure per mile 



OLIVER: SLEET AND* ICE TROUBLES ON TRANSMISSION LINES Transactions A. I. E. E. 


comparable with the cost of building steam railroads perhaps a 
generation ago, and it is certainly pretty nearly one-fourth of the 
cost of building steam railroads per mile through some of the 
canyons of the Far West. I think it would be very interesting 
if Mr. Oliver would say just a few words about what range of 
costs per mile have been encountered in his practise. 

R. E. Ardersin^er: Some twelve years ago, before much 
trouble of sleet on transmission lines had been experienced in 
New England the company with which I am connected built a 
transmission line in Connecticut. This was a two-circuit line 
with No. 2 copper wires, each circuit in a vertical plane on one 
side of the tqwer. 

Considerable sleet trouble was experienced, but a large 
portion of it was eliminated by extending the middle crossarm. 
However, it was later decided to attempt to melt the sleet from 
the wires and this was done successfully over a length of line 
approximating 20 mi., by short-circuiting one end of the 
circuit and applying voltage at the other end. A current of 175 
amperes will melt sleet on these No. 2 wires with the air at about 
32 deg. fahr. However, if there is a breeze and the temperature 
gets down to 20 deg. fahr., it will take nearly 300 amperes to 
obtain sati^actory results. 

I did not clearly understand from Mr. Oliver the size of wire in 
the case to which he referred. 

C. R. Olivers It is our experience that 300 amperes will 
thaw the sleet if it is taken in time. The size of which I was 
speaking is No. 1. 

R. E. Ar^ersin^er: If you start as soon as sleet begins to 
form, considerably less current is required to prevent further sleet 
formation than would be necessary to free the wire from a con¬ 
siderable thickness of sleet after definite formation. 

I believe that in view of sleet troubles which have occurred in 
New England in recent years, more attention should be paid to 
the design of the line towers. In too many cases towers are 
purchased without suificient attention to stresses allowed in the 
design and the compression formula employed; also to the 
proper factor of safety. 

Ijast winter St. Louis experienced a very severe sleet storm 
and a great deal of damage was done throughout the district to 
overhead work. As reported to us the Keokuk-St. Louis steel 
tower line ‘^stood like a rock,”—^the result of careful structural 
analysis in the design and an ample factor of safety. 

A. Johnsons Some years ago I had occasion to design a 
transmission line and carried out that old practise of going into 
the market and bu3dng a standard product from a manufacturer. 
During the construction of the line, a heavy sleet storm occurred 
and several towers were wrecked before the line was ever put in 
service. The point I wish to bring out is that this sleet-thawing 
device ought to be the first thing provided when building a 
transmission line, and one ^ould not wait until the line has been 
built and in service several months before beginning to think of 
sleet protection. 

G. R. Oliver: It has been our experience that in the two or 
three hours between the time we stop thawing a line and get back 
to it, the sleet forms alittle but not seriously. The whole trick that 
we have learned in sleet thawing is to get at it quickly. With 
very light sleet we have no trouble, but once the sleet gets two 
inches thick, you have real trouble on your hands, because your 
conductors sag down in the old vertical spacing and one span 


will unload before the other span does and a burned-off con¬ 
ductor results. We try to get to thawing the minute we find 
there is any sleet. 

It has been true that there has not been as much thought put 
into the transmission-line tower design as we have put into our 
substation design or power house design. 

We build a substation structure, and the structural engineer 
will calculate every member in that structure and all the stresses, 
and then add one hundred per cent in order to play safe. And 
by the time he gets through he adds another hundred per cent. 
We don^t put that factor of safety into transmission lines; 
at least we haven’t in the past. Very few men can actually 
calculate stresses in the mast of the tower, particularly in the 
old type of tower. A footing designed with delightful intention 
very often crumbles in compression, and if just one member 
crumbles in a particular footing a damaged tower results. 

On the line that we finished just last year, we tried to put 
as much thought into the building of these individual towers 
as we did into the building of a structure of any kind. When 
the footings were excavated an engineer was there with a transit, 
and he stayed with the footing crew the whole time, and that foot¬ 
ing was set just as carefully and just as much to grade as if we were 
setting the footing of a building. 

Regarding the question of single-pole construction, this has 
been a standard on our system now for about six years; that is, 
up to angles of 15 deg. we use a so-called doublo-pole construc¬ 
tion with a single crossarm, but over angles of 15 deg., we take 
an individual pole and dead-end of the wire with a i)ull-off con¬ 
struction for each phase. 

Regarding the Moloney-type footing, we haven’t used any 
of these. We know nothing about them except what some of 
our friends who have tested them have told us, but we hope to 
try some of them out in test if not in actual use. 

Mr. Knowlton asked about the cost of transmission lines. 
Well, that depends much on the designing engineer, the type of 
country you are going through, the type of service you have 
to give. There are many indeterminate figures in the problem. 
We can give you what a 110,000-volt line costs, but it is dangerous 
to use it on any other section of the country; in fact, it is dangerous 
to use it in any way except as a guide. 

We had that illustrated some time ago with one of our financial 
men. We were talking to some of the Southern fellows about 
building transmission lines, and had just put in an estimate of 
$15,000 a mile. He said, *‘We build that kind of lines for 
$8000 a mile,” and we have had a very difficult time explaining 
to our people why we can’t build them for $8000 a mile. But 
it is due to the character of the country, to the loadings wo get, 
to the care we try to put into the lines, and it makes your cost go 
up. We have seen some recent estimates of 220,000 volt, 
running about $40,000 a mile for double circuit. On the 
110,000, so-called fiat construction with six wires in one plane, 
we run about $25,000 a mile, including the right of way and the fees. 

Mr. Morrow spoke about sleet-thawing down in Pennsyl¬ 
vania. They have an ideal condition with their load at one 
point and power station at another part of the system, and can 
bunch their load therefore on one line. But we have a con¬ 
dition in New England quite different from that, that is, we 
have a 66,000-volt distribution system in effect, and there is no 
way that we can bunch the load over one line and keep the 
sleet off. 
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Synopsis—Attention is called to the need for voltage and 
power-factor regulating equipment on lines used for tying together 
large generating stations and for interconnection of systems. Such 
lines must be capable not only of transferring large amounts of 
energy vn either direction, but must also be suitable for connecting 
generating sources operating at essentiaUy equal voltages. 

The important characteristics of the three principal methods for 
voltage regulation on interconnecting lines,—namdy, synchronous 
condensers, tap changing under load, and induction regulators,— 
are presented, discussed and compared. The comparison includes 
such factors as first cost (including instdUalion) relicMUy, ease of 
operation, losses, effect on system power factor and losses, mainte¬ 
nance, adaptabUity to reversible energy transfer and ability to give 
close voltage regulation* 


I N an effort to obtain satisfactory voltage regulation 
more economically for certain transmission require¬ 
ments involving step-up transformation during the 
past two or three years, methods and equipment have 
been developed by which the voltage ratio of large 
power tranrformers can be changed while in service 
without interrapting the load. Changing taps by any 
such method is commonly referred to as “Tap Chang¬ 
ing under Load.” 

The purpose of this paper is to indicate, so far as 
possible, the field in which transformers provided with 
tap-changing equipment might be economically and 
satisfactorily applied, comparing their characteristics, 
advantages and disadvantages with those of the other 
better-known types of regulating equipment, such as 
synchronous condensers and induction regulators. The 
development of equipment for tap changing and the 
various schemes by which this may be accomplished will 
be but briefly referred to, as this is to be the subject of 
other papers. As a result of experience in a recent in¬ 
stallation of four 20,000-kv-a., 66-kv. transformers of 
this t 3 T)e on tie lines between two important generating 
stations of The Philadelphia Electric Company system, 
however, some suggestions will be made from the 
standpoint of the operating company relating to their 
design, construction and installation. 

Where step-up transformation is involved, voltage 
regulation requirements have usually been those re¬ 
lating to one way transmission, but the tremendous 
growth in capacity of individual systems in the last 
decade, and the decided trend toward interconnection 
of systems, has brought with it another somewhat 
different problem of controlling voltage and transferring 
reactive kilovolt-amperes with reversible energy flow. 
The time is not long past when there were scarcely any 

1. Engineer, Station Elec. Design & Const. Philadelphia 
Electric Co. 

Presented at the Regional Meeting of the A. I. E. E., Swampscott, 
Mass., May 7, 1926. 


The requirements of regulating equipment, particularly from the 
operator s standpoint, are discussed with the idea of bringing out 
the necessity of obtaining a high degree of reliability, ease of opera¬ 
tion and flexibility to meet the various operating eonditions. 

The fields of application of various methods of regulation are 
discussed, showing the advantages of each for different requirements 
and pointing out that in some eases the best solution of the problem 
lies in the application of a combination of two different methods of 
regulation to secure the best over-all results. 

Brief descriptions of three installations (two of tap changing under 
load, and one of induction regulators) for voltage regulation and 
power-factor control on lines of The Philadelphia Electric Company 
are included. 

* ♦ ♦ * ♦ 


ties between neighboring systems and but few of any 
considerable capacity between generating stations of the 
same system, since most companies could boast of but 
one large plant. The greatly increased demand for 
energy has^resulted in the building of many large ca¬ 
pacity generating stations, which, for economic opera¬ 
tion, are tied together in any one system. In the past 
few years considerable progress has been made in the 
interconnection of adjacent systems to secure even 
greater economies. With the general spread of the 
“superpower” idea through the country and the conse¬ 
quent increase in the number of such ties, this newer 
problem of regulation, where energy transfer may 
be in either direction, is of growing importance. 

Except for the induction regulator which has been 
applied only to a limited extent, until the recent de¬ 
velopment of tap-changing equipment; the synchronous 
condenser has been practically the only means of ob¬ 
taining the voltage regulation to meet the requirements 
discussed in this paper. With tap-changing equipment 
available, however, the best solution of many problems 
may be a combination of this equipment with syn¬ 
chronous condensers, or, in certain cases, of tap-chang¬ 
ing equipment alone where its range is sufficient. Of 
course, there are many cases in which bulk power is 
supplied to distant points, where it is practicable to 
obtain some or all of the required regulation by varia¬ 
tion bf voltage at the generating station, particularly 
when there is no local distribution from that point. 

Application of the three above-mentioned types of 
equipment, for obtaining voltage regulation where 
step-up transformation is involved, may be commented 
on as follows: 

Synchronous Condensers 

This type of equipment has been extensively used for 
voltage regulation, particularly for one-way transmis¬ 
sion, and has the following characteristics: 
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a. Veiy important advantage of ability to cany 
reactive kilovolt-amperes, thus minimizing system 
losses and permitting best utilization of system capacity. 

b. Ability to obtain smooth voltage regulation and, 
when necessary in cases where the charging kilovolt¬ 
amperes of the line is high, to prevent voltage rise at 
light loads. 

c. Ability to maintain level-voltage transmission 
which may be of advantage where loads are tapped off 
along the line. 

d. High cost of complete condenser installation, 
due not only to cost of the apparatus in the capacities 
required but also to the necessity of providing founda¬ 
tions and building. 

e. Comparatively high operating and maintenance 
costs and losses;' the latter, however, generally being 
more than balanced by savings in system losses. 

f. Extremely high cost of installations to take care 
of reversible energy transfer, as duplicate equipment 
must be installed at each end of the line with possibly 
little appreciable additional saving in system capacity 
or losses to offset charges on the additional investment. 

g. Units may be taken out of service purposely or 
accidentally without necessarily causing a serious 
disturbance. 

Tap-Changing Transpobmbrs 

This type of equipment of recent development, so far 
installed chiefly on tie lines between generating stations, 
is possessed of the following characteristics: 

a. low cost, since the only amoimt involved 
is practically the difference between transformers 
provided with tap-changing equipment and those not 
so provided. 

b. Adaptability to reversible energy transfer where 
line power factor is high or distances are relatively short. 

c. Inability to improve system power factor and 
thus decrease losses and increase system capacity. 

d. Inability to give smooth voltage regulation, 
changes being made in steps. 

Induction Regulators 

Induction regulators have been used, to a limited 
extent, on the low-tension side of transformers con¬ 
nected with high-voltage transmission lines and have 
the following characteristics: 

a. Moderate cost. 

b. Adaptability to reversible energy transfer. 

c. Ability to give smooth voltage-regulation. 

+ 1 ,'^' ^ improve system power factor and 

thus decrease losses and increase system capacity. 

6. Moderate losses. 

f. Ii^duction of phase angle between line and bus 
voltage by polyphase regulators. 

Comparisons 

TnJ«f^ regulating equip- 

, t will be seen that induction regulators and tap 
changers perform very much the same function—they 


vary the voltage, but have no beneficial effect on power 
factor, as in the case of synchronous condensers. Of 
these two equipments, tap changing is considerably 
cheaper, more efficient and occupies less space. For 
instance, a 1)^2 per cent buck-and-boost, polyphase, 
induction regulator, in series with the low-tension side 
of a 20,000-kv-a., 66-kv., three-phase transformer, 
would probably cost almost as much as the transformer 
itself, while a transformer of the same capacity provided 
with tap-changing equipment to give the same voltage 
range, would probably cost less than 150 per cent of the 
transformer without such equipment. In addition to 
this advantage in firat cost, there would be a consider¬ 
able annual saving by elimination of the regulator 
losses. There is also another advantage in favor of the 
tap-changing equipment; the regulator is almost as 
large as the transformer itself, requiring special founda¬ 
tions and more space than the tap-changer equipment. 
The regulator does give a smooth variation of voltage 
instead of in steps, but in many cases this is not of suf¬ 
ficient importance to overcome the other disadvantages. 
An application of tap-changing transformers of con¬ 
siderable interest is one in which the voltage change 
from one tap to the next is accomplished gradually 
through the use of a small induction regulator which 
may r^uire an insulating transformer between it and 
the main transformer. 

The polyphase regulator also introduces a phase angle 
between line voltage and bus voltage, which makes 
paralleling difficult. When voltage regulation is de¬ 
sired for ej^ting installations, it may be quite difficult 
and expensive to safely apply tap changing and, in such 
cases, the^ induction regulator may work out very 
satisfactorily. It, therefore, seems that in new installa¬ 
tions where step-up transformers are required, tap¬ 
changing equipment has decided advantages over 
regulators. 

In a comparison of tap-changing equipment with 
synchronous condensers for voltage regulation, the two 
points of outstanding importance are, on one hand, the 
tremendous advantage of first cost of the tap-changing 
equipment over the condenser installation, and on the 
other hand, the ability of the condenser to supply re- 
actiye 1^-a. in addition to voltage regulation, thus 
minimizing system losses and permitting best utiliza¬ 
tion of systOTi capacity. It would seem, however, 
from an economic standpoint that, in many cases, the 
advantages of tap-changing equipment would outweigh 
those of condensers, if the tap changers would give the 
desired voltage range. As this is perhaps hardly pos¬ 
able, the best solution of many problems would very 
likely be a combination of tap-changing equipment 
with a smaller capacity of condensers than would other- 
wi^ be r^uired. This compromise would permit 
of installation of condenser capacity sufficient to bring 
the power factor to the economical point and obtain the 
remaining regulation required with tap changing. 
Where the system power factor is already fairly high, 
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the desired voltage regulation can be obtained with 
tap-changing transformers of the maximum, practical 
voltage range, supplemented by condenser equipment 
if necessary. The combination of condensers and tap¬ 
changing transformers gives the advantages of both 
types of equipment and overcomes most of the dis¬ 
advantages. 

In many cases where the charging kv-a. of the line at 
no load is high, there may be no alternative other than 
the installation of condensers; but, even with this the case, 
the combination may work to advantage. It is again 
pointed out that where it is practical to vary the 
generating station voltage considerably, this, in com¬ 
bination with the use of condensers, may be a better 
solution than tap changing. 

Development op Tap Changing 

There has been a growing appreciation of the ad¬ 
vantages of taps in transformer windings and a desire to 
increase their availability, and this even with recogni¬ 
tion of the fact that taps do introduce some slight haz¬ 
ard and that the number should be kept down to the 
minimum advantageous for use. This first took the 
form of adding a terminal board with links whereby the 
ratio of transformation could be varied. However, 
this required the opening of a handhole over the ter¬ 
minal board or the lifting of the cover—an inconvenient 
procedure at any time and especially undesirable in bad 
weather. Thus, with the necessity for c hanging taps 
frequently to care for seasonal variations in load, this 
led to the development of ratio adjusters operated from 
without the transformer tank, with the unit out of 
service. As the necessity for making these changes 
became daily rather than seasonal, the next step was 
naturally towards means of changing taps without 
interrupting the load. 

It may be of interest here to recall that many years 
ago schemes were developed and applications of small 
capacity were made in which taps were brought out 
from transformers to a dial-head and line connections 
were changed from one tap to another while the section 
of winding between taps was momentarily short-cir¬ 
cuited through reactance. 

There are several methods whereby tap c hang ing 
imder load may be accomplished; among them the use 
of (a) two parallel windings which can be cut out of 
circuit, one at a time, by oil circuit breakers or contact¬ 
ors in order to change taps; (b) one winding in which 
adjoining taps are momentarily tied together through 
oil circuit breakers or contactors during the change¬ 
over with or without ''bridging” reactance or small 
induction regulator; (c) one winding in which taps 
are changed by taking each phase out of service in 
succession, the load being carried open-delta on the two 
remaining phases in the meantime. 

In cases a and b, the windings from which the taps 
are brought out may be either those of the main trans¬ 
former themselves or those of an auxiliary regulating 
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transformer excited from the main bank. While the 
former is more compact and cheaper both in first cost 
and operating losses, it does not provide a means for 
keeping all the tap-changing equipment outside the 
main tank. Where regulation is desired on an existing 
transformer bank, this may be accomplished by the 
addition of such an auxiliary regulating transformer. 

Where the voltage of the circuit is too high to permit 
the safe installation of tap-changing devices directly, it 
is possible to accomplish tap changing through insula¬ 
ting transformers, although, of course, this would be at 
increased cost. 

The application of the general principle of tap 
changing under load presents possibilities for many 
ingenious arrangements to meet specific requirements, 
illustrated by the variety in the equipments already in 
s^vice or on order. Undoubtedly there will be further 
developments involving new schemes or modification of 
existing ones. 

While this paper treats mainly of tap changing ap¬ 
plied to step-up or step-down transformers, it should be 
pointed out that tap changing can also be applied to 
series transformers where the line to be regulated in¬ 
cludes no voltage transformation. 

Philadelphia Electric Installations 

It will be of interest to briefiy describe an 80,000- 
kv-a. installation of tap-changing transformers at the 
Chester Generating Station of The Philadelphia 
Electric System. This station is fourteen miles from 
the Schuylkill Generating Station and is connected by 
two 66-kv. overhead circuits of No. 00 copper. Until 
recently two 18,760-kv-a. banks were installed at each 
end of the lines. Although these lines were intended to 
be for generating station ties only, it was not very long 
before two important, large customers for special 
reasons were tapped off not far from the center of the 
lines. Control of transfer of load and reactive kv-a. 
for the first two years was obtained by variation of the 
bus voltage of thp Chester generating station, as the 
local distribution was not extensive and not particularly 
affected thereby. However, in 1920, this became less 
practicable and the need for some means of more 
effectively controlling the lines under various loading 
conditions was so great that after much consideration 
two 1750-kv-a., 13,600-volt induction regulators, to 
give 9 per cent buck-and-boost in a 18,750-kv-a. circuit, 
were purchased and installed at the Schuylkill end of 
the lines. These were and probably still are the 
largest regulators ever built. In 1924, however, it was 
decided to double the transformer capacity installe4 
the Chester Station end and extend a 66-kv. tap from 
the line to a distribution substation with requirement of 
20,000 kv-a., the transformers from Chester being 
transferred to that point. The increased line loading 
brought a greater voltage drop and it was deemed best 
to take care of this by making the new transformers at 
Chester tap changing instead of purchasing additional 



584 


ALBRECHT: TRANSFORMER TAP CHANGING UNDER LOAD Transactions A. I. E. E. 


induction regulators or installing s 3 mchronous conden¬ 
sers. Five per cent buck-and-boost induction regula¬ 
tors were purchased for the tap off substation, as tap 
changers could be applied to the transformers available 
only with difficulty. Pour 20,000-kv-a., 13.8/69-kv., 
delta-delta, three-phase, water-cooled transformers 
were placed in service the first of last Novanber and 
arranged with six taps in the low-tension winding, to 
give up to 13 per cent rise at no load in the high-tension 
winding, or 78,000 volts. The low-tension windings are 
in two parallel circuits with taps in the middle of each 
winding, taps being changed on one winding, while the 
other is temporarily carrying the entire load. A single 
op^tion of a control switch carries to completion, the 
changing from one tap to another, in all three phases. 
Other papers give description of this equipment and its 
design problems in detail. 

Since their installation these transformers have been 
operating very satisfactorily. Their control is simple 
and tap changes of 2.2 per cent cause no noticeable 
disturbances on the line. While the tap changers at 
Chester and the regulators at Schuylkill are non¬ 
automatic and imder the control of the operators, the 
regulators at the substation are controlled from a con¬ 
tact-making voltmeter, thus insuring the maintenance 
of a constant voltage at that point irrespective of varia¬ 
tions of the voltage of the 66-kv. line, due to direction 
and amount of energy transferred. 

Construction work is well under way on the Rich¬ 
mond Station in Philadelphia, designed to ultimately 
house twelve turbd-generator units of at least 50,000- 
kw. capacity each, the first two of which are expected 
to be in operation by the end of 1925. It is anticipated 
that about one-half of the minimum xiltimate capacity 
of 600,000 kw. will be distributed at 13.2 kv. and the 
remainder at 66 kv., and that half of the twelve genera¬ 
tors will be connected to the 13.2 buses and the others 
to the 66-kv. busses through transformers coimected 
directly to the generator leads. Provision is being 
made to tie the 13.2 and 66-kv. busses togetho* through 
tlu’ee 60,000-kv-a. transformer banks. As distribution 
within the next few years will be considerably greater 
at 13.2 kv. than at 66 kv., the first few generators will 
he connected to the 13.2-kv. busses. Two of the three 
60,000-kv-a. tie transformer banks, each consisting 
of three 20,000-kv-a., single-phase, water-cooled units, 
connected delta-Y, have been ordered and will be 
placed in service the latter part of this year to provide 
for the demands for 66-kv. supply. In order to facili¬ 
tate the ultimate reversible transfer of energy between 
the 13.2and 66-kv. busses, these transformers have been 
ordered with tap-changing equipment of 10 per cent 
rmge in four 2 per cent steps. An interesting feature 
of this installation will be that individual tap-changing 
equipments will be furnished with each single-phase 
transformer, no provision being made to have the taps 
on the three different phases changed simultan¬ 
eously. 


General Comments 

In general, transformers, particularly in large capaci¬ 
ties, have a record of high reliability. Tap changing 
necessarily adds complica,tions to both the transformer 
itself, and the auxiliary equipment. It is extrmnely 
important that the design be developed in all its details 
so as to minimize any adverse affect upon the over-all 
reliability of the equipment. Operators are reluctant 
to add complications, to important equipment, but 
in large capacity units, in which tap changing is of 
particular advantage, the extra expense to secure ex¬ 
ceedingly substantial tap-changing equipment is a very 
small percentage of the total cost. A requirement of 
The Philadelphia Electric Company is that the tap¬ 
changing equipment inside the transformer tank be 
built so substantially as to require no attention under 
the expected duty other than that which would natu¬ 
rally be given on the rare occasions when it is necessary 
to untank the unit in case of winding failure. 

It is true that some hazard is introduced by tap¬ 
ehanging equipment and some operators prefer schemes 
in which taps are brought outside the tank because of 
possibility of trouble in the tap-changing mechanism. 
This, however, brings about other disadvantages, such 
as the hazard in the additional exppsure of important 
circuits and added first cost. Transformer windings are 
quite often somewhat special when built for tap-chang¬ 
ing service and the design must be carefully worked out 
to obtain toe best balance to meet all requirements; 
for instance, with schemes involving parallel windings, 
care must be taken to obtain the best compromise be¬ 
tween circulating current and regulation when the load 
is carried for a short time on one winding during tap 
changing on the other. 

The amount of tap-changing range that is practicable 
and the affect upon cost and characteristics are inter¬ 
esting subjects for disciission and have important 
bearing upon its application, particularly for reversible 
energy transfer. For instance, as previously indicated, 
the economic solution of many problems may involve a 
combination of synchronous condensers with tap-chang¬ 
ing transformers in proportions determined largely by 
the maximum practicable range of the tap-changing 
equipment. It must be appreciated, however, that 
high ranges impress voltages higher than normal upon 
transformer, oil circuit breaker and other equipment, 
and toe line itself. 

It is of the highest importance that the design and 
constouction of the tap-changing mechanism be such as 
to insure sturdiness and reliability; and there should be 
no tendency to skimp in this direction. Whether oil 
switches or contactors should be used for disconnecting 
devices, and the relative merits of different types of 
ratio adjusters, are matters to be carefully looked into 
for particular applications. Tap-changing equipment is 
wdl adapted to remote control and experience has 
indicated the value of but one operation of a control 
switch for a complete movement from one tap to 
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another. Of course, provision must be made for manual 
operation in case of motor trouble, or failure of control 
system. The complete movement, whether remotely 
or manually operated, should be made in the minimum 
length of time possible without any shock to the mech¬ 
anism or sacrifice in durability. That portion of the 
tap-changing mechanism external to the transformer 
should be properly housed and specially designed to 
withstand moisture from condensation. The mecha¬ 
nism should be readily accessible for inspection and 
maintenance. . 

It is essential that the operator know the tap on 
which the bank is operating and that any change he 
desires has actually been completed. Therefore, a 
position indicator of some kind should be provided on 
the switchboard and also at the mechanism. It is often 
desirable to know the voltage on the high-tension side 
of transformer banlcs and costly high-voltage potential 
transformers may be avoided if the voltage is measured 
on the low-tension side (compensating for drop through 
the transformer). Since, in the case of tap changing, 
the actual ratio of transformation is varied, it is neces¬ 
sary to also provide some device such as a small auto¬ 
transformer the ratio of which is correspondingly varied 
by a dial-switch operated from the mechanism; Such a 
device has been operating satisfactorily in the installa¬ 
tion at Chester Station, already described. 

In providing the usual differential relay protection, 
this change in the ratio of transformation must be pro¬ 
vided for either by the use of an auto-transformer 
the ratio of which is varied with that of the main unit 
or by designing the turns of the relay for the mid posi¬ 
tion of the tap changer and setting the relay sufficiently 
high to prevent its operation on through short circuits. 

Any failure of the mechanism that may damage the 
transformer winding thermally should be guarded 
against, but should one occur, it should be indicated by 
an alarm. In the case of the double-winding transform¬ 
ers at Chester this is accomplished by relays connected 
differentially between the two windings which operate 
when either winding is carrying all the load or when the 
two windings are in parallel on different taps. These 
relays in turn operate a definite time limit relay which at 
the end of one minute gives an alarm. 

Conclusion 

The author believes that there is a real field for trans¬ 
former tap changing under load and that this will 
continue to increase with the expansion of interconnec¬ 
tion and superpower. Development will be stimulated 
as its possibilities are more widely recognized and 
appreciated. 

Acknowledgment is made of the assistance of 
Messrs. R. A. Hentz, Raymond Bailey, B. E. Hagy and 
Jos.LTabakin,. of The Philadelphia Electric Company, 
in the preparation of this paper. 


Discussion 

B. G. Jamieson: On the system of the Edison Company in 
Chicago, there has been built up within the last four years, a 
33,000-volt nominal voltage, 60-Cyole system of about 360,000 
kilowatts. The transformers were generally equipped with the 
tap-changing systeni described, the earlier forms with the double 
winding, and in other cases, a system which involves the step 
switching scheme with a connected reactor giving the same effect 
that the last author described. 

The operations have been about forty in number, and from the 
standpoint of the effect on the load, nothing more could have 
been desired. Changes were made promptly, and we found 
that with approximately two and a half per cent steps, we got all 
desired smoothness. It came to our notice, however, very early 
in the development of these schemes that the complication added 
to the transformers indicated the desirability of getting the maxi¬ 
mum amount of this extra system outside the tank. We are not 
yet able to take a final position in the matter of requiring this 
development further than to call to the attention of engineers 
the many extraordinary things that happen in transformers and 
the undesirability of having minor troubles or difficulties aug¬ 
mented by the proximity or presence of supplementary internal 
devices of this character. 

As to the schemes of regulation involving the regulator system, 
this refinement will, I believe, be necessary only in exceptional 
cases, but where we have used the double winding we are 
prepared to add the regulator when necessary. 

In our committee work in the N. E. L. A., some discussion has 
arisen regarding the nomenclature, and I must say that there was 
not complete agreement on this score. The name tap changer 
and the name ratio adjuBtor were offered for consideration, but 
the choice seems to be still open. Generally speaking, one as¬ 
sociates wdth the term tap changer a minor piece of equipment 
and with the term ratio adjustor a somewhat more comprehen¬ 
sive system. It would appear from what has been seen that 
perhaps the term ratio adjustor has a little more exact 
significance. 

H. W- Smith: These papers point out the need for some 
scheme of regulating transformer voltages under load, and men¬ 
tion one solution. I wish to point out, however, that other 
schemes have been used, and in considering any given problem, 
these alternatives should be investigated. A tap-changing 
scheme has been used in which the taps have been brought out of 
the transformer and changed by oil circuit breakers using an 
auto-transformer in switching from tap to tap. This also pro¬ 
vides a method by which additional voltage points can be 
obtained half-way between the taps so that, forinstance, with five 
taps, nine voltage steps can be obtained. Pour .15,000-kv-a., 
three-phase transformers using this scheme are in operation in 
Chicago. This scheme has also been used in connection with 
air-blast transformers supplying converters. The transformers 
having a primary voltage of 11,000 and standard contactors were 
used for changing the taps. This equipment has beon in use in 
San Francisco for several years with satisfactory operation. 

Another scheme which is particularly applicable to an inter¬ 
connection between high-voltage systems, is that of using a com¬ 
bination of transformer with an induction regulator to bridge 
between the taps of the transformer. This equipment is termed 
a ‘'step induction regulator.” An interesting equipment involv¬ 
ing this scheme and rated at 15,000 kv-a. has been used to inter¬ 
connect the Tacoma Municipal System with the Seattle 
Municipal System. The Tacoma voltage is 50,000, three-phase, 
delta-connected, while the Seattle voltage is 57,000 volts, 
three-phase, star-connected. With the equipment, a voltage 
variation of 48,000 to 64,000 on the star side is provided. This 
installation has been described in an article “The Tacoma-Seattle 
Power Exchange Line,” by R. E. Towne in the Electric Journal 
of June 1923. This same scheme has been applied to synchronous 
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converters to get a large range in voltage for reenergizing a d-c. 
Edison system when a shut-down occurs. 

Another scheme which has been used is that of opening the 
delta on a bank of transformers, switching the taps on one trans¬ 
former, then replacing it and doing the same with the remaining 
transformers. This has been applied to a bank of transformers 
supplying synchronous converters for obtaining low voltages to 
reenergize a dead Edison system. 

There will be a large field for tap changing on transmission 
systems supplying scattered areas where the tap-changing equip¬ 
ment must be relatively inexpensive. An experimental installa¬ 
tion is being supplied to one property which will use air-break 
switches with the ordinary type of tap changer. The operator 
will disconnect one transformer by means of air-break switches, 
operate the tap changer, close the disconnect switches again, and 
then carry on this same procedure in the case of the remaining 
two transformers. The scheme, of course, relies upon the opera¬ 
tor to perform the functions in the correct rotation. 

A. H. Kehoes It is important from the operating standpoint 
that this equipment, which becomes a controlling element in our 
large capacity lines, should be specified and manufactured in a 


manner to make it reliable without constant inspection. On the 
other hand, all operators of such equipment should have regular 
inspections made until simplified designs have been developed 
which demonstrate in practise that such inspections are not 
required. 

H. R. Wilsont I believe that we are indebted to C. R. 
Oliver for inaugurating the idea of changing transformer taps 
under load by using the scheme of parallel windings. About 
ten years ago, he installed at Pawtucket, two 18,625-kv-a. three- 
phase transformers operating in parallel. Each transformer was 
provided with ratio adjustors, and high- and low-tension oil 
circuit breakers. Tap changes were accomplished by opening 
the breakers of one bank, changing taps by means of the 
adjusters, and closing the breakers and the operation being 
repeated on the second bank. 

As regards using disconnecting switches, The Consumers 
Power Company has had in operation for several years, a scheme 
whereby switches connected the taps in each leg of the delta so 
that the taps could be changed in one leg at a time; the trans¬ 
former operating in open delta during the period the taps Avere 
being changed. 
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Synopsis^ Heretofore the subject of universal motors has not 
received very much publicity but the field for these motors has been 
increasing so rapidly that a great deal more attention is now being 
given to them. 

The paper endeavors to bring out points of general interest rather 
than going into the fundamental design and other details. 

The term **universal** as applied to this type of motor is defined^ 
together with a description of the operating characteristics in general. 

There are two types of universal motors; namely, com¬ 
pensated and non-compensated, both of which are de¬ 


scribed as to general design, construction and applications. 

The question of ratings and limitations of the universal features o 
both types of motors brings out some interesting points. 

Commutation and mechanical balance are questions demanding a 
great deal of attention due to the comparatively high speeds at which 
these motors usually operate. 

Some of the applications best suited to the universal motor are 
described, showing the possibilities of this type of motor when 
properly designed, manufactured and applied. 

4* « « « >|e 


T he tmn “universal” is applied to certain .gmall 
series-wound motors, the performance of which 
is almost identical when operated on either 
alternating or direct current. (Alternating current 
is used in this paper to mean frequencies of 60 cycles and 
lower.) Universal motors have been in commercial use 
for fifteen or more years and are still most popular in the 
two applications in which they were first used in quanti¬ 
ties; namely, portable drill and vacuum cleaner drive. 
However, with improvement in the motors and increase 
in the number of small motor-driven appliances, a 
number of new fields for the application of these motors 
are being found.. If a manufacturer’s product is sole 
over a large area, it is obviously to his advantagd 
to use • a motor which will operate equally well on 
either alternating or direct current, and only the 
voltage of the circuit need be considered. This advan¬ 
tage has led some appliance manufacturers to modify 
their machines so that the operating characteristics of 
universal motors will be satisfactory for driving them. 

All of the universal motors on the market are series 
wound and their performance characteristics are very 
much like those of the usual type, d-c. series motor. 
The no-load speed is quite high but seldom high enough 
to damage the motor, as is the case with larger d-c. series 
motors. When a load is placed on the motor, the speed 
decreases and continues to decrease as the load is in¬ 
creased. Although universal motors of several ts^es 
of construction are manufactured, they all have the 
varying speed characteristic just mentioned. 

Due to the diflSculty in obtaining like performance 
on alternating and direct current from motors designed 
for operation at low speeds, most universal motors are 
designed for operation at speeds of 3600 rev. per min, 
and higher. Motors operating at load speed of 8000 
rev. per min. to 10,000 rev. per min. are c omm on. 
Practically all portable vacuum cleaner motors come 
within this range. Working speeds above 10,000 rev. 
per min. are not so common, due to there being few 
applications where such speeds^ desirable and to the 

1. Westmgrhouse Electric & Mfg. Co., Springfield, Mass. 
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manufacturing difficulties in producing motors whicli 
will run at such speeds. Small stationary vacuum 
cleaners, truck-type vacuum cleaners and the larger 
size of portable tools have motors with operating speeds 
of 3500 rev. per min. to possibly 8000 rev. per min. 

Ratings from zero h. p. to one h. p. are being manu¬ 
factured. However, it is not possible to obtain the very 
low h. p. ratings at the lower speeds and get the same 
performance when operating over the whole range of 
frequencies from direct current to 60 cycles. In other 
words, the motors designed for very low horse powers 
and the lower speeds cease to be universal, for although 
they will operate on either alternating or direct current 
their speed for a given load varies over too wide a range 
with changes in the frequency of the supply circuit. 

It is not possible to set a definite limit of difference in 
speed for a given load, inside of which a motor may 
be said to be universal and outside of which it would 
not be designated as universal when motors are operated 
on direct current or on various frequencies. That is, 
it cannot be said that when operating at rated load, the 
yariation in speed must not be more than 10 per cent, 
16 per cent or 20 per cent, if the supply circuit is changed 
from 60 cycles to any lower frequency or to direct 
current. In the usual universal ■ motor applications, 
such speed variations will probably be found. However, 
in any application, the motor is considered as being 
“universal” if it will operate the apparatus satisfac¬ 
torily when the power supply is varied over the entire 
range of commercial frequency with rated voltage 
applied in each case. 

Vacuum cleaners and portable drills are two examples 
of very satisfactory applications for universal motors. 
In both of these applications, the variation in perform¬ 
ance when operating on var 3 dng frequencies, can 
easily be kept wdthin the required limits and it is desir¬ 
able to have the speed vary with the load. If a vacuum 
cleaner is used under conditions which decrease the 
volume of air handled, the load on the motor is decreased 
and the speed increases. The increase in speed in¬ 
creases the vacuum, causing the cleaner to handle more 
air than it would if driven by a constant speed motor. 
Portable drills are almost ideal applications for universal 
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motors. The cutting speed is automatically adjusted 
by the load, since the smaller the size of the drill being 
used the lighter the load and consequently the higher 
the speed, and vice versa, when larger drills are used. 

The same conditions exist when universal motors 
are used in small pipe-threading machines and in certain 
other metal and woodworking machines. 

The speed of a universal motor can be adjusted by 
connecting a resistance of proper value, in series with 
the motor. Advantage is taken of this characteristic 
in such applications as motor-driven sewing machines, 
where it is necessary to operate the motor over a wide 
range of speed. In such applications adjustable 
resistances are used and the speed is varied at will. 

When considering the use of universal motors to 
drive any apparatus, the following characteristics of the 
motor should be considered: 

Change in speed with change of load 

Change in speed with change in frequency of power 
supply 

Change in speed due to change in applied voltage 

The last item has not before been referred to except 
indirectly in connection with the use of series resistance 
to adjust the speed. However, a larger percentage of 
all small motors is connected to lighting circuits and the 
voltage conditions are not always of the best. This 
condition must be kept in mind when determining the 
proper motor to use for any application regardless of 
t!^e. In general, the speed of a universal motor varies 
directly as the voltage. 

The starting torque of imiversal motors is usually 
much more than that require and in most applications 
does not have to be considered. 

There are some motor applications where the motor 
runs all of the time and the load is connected and dis¬ 
connected by means of a clutch. On such applications, 
if the operating characteristics of a universal motor are 
satisfactory while the load is applied but the no-load 
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speed is too high, it is sometimes possible to arrange to 
have a series resistance connected in the line during the 
time the dutch is in the position to release the load. 
The value of this resistance can be made such as to give 
the desired no-load speed. 

Universal motors are applied with two kinds of con- 

non-compensated and 
( 2 ) distnbuted-fidd, compensated. Most motors of 
low h-p. rating are of the concentrated-pole, non-com¬ 


pensated t 3 ^e, while those of the higher ratings are ot 
the distributed-field, compensated type. The dividing 
line is somewhere near h- P-. but the type of motor 
to be used is determined by the severity of the service 
and the performance required. All of the motors have 
wound armatures of the same construction as the 
ordinary d-c. motor. 

The concentrated-pole, non-compensated motor is 
exactly the same in construction as a d-c. motor except 
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that the complete magnetic path is made up of lami¬ 
nations. The laminated stator is made necessary be- 
caizse the magnetic field is alternating when the motor 
is operating on alternating current. The stator lami¬ 
nations are punched with the poles and thd yoke 
in one piece. This makes a very simple construction 
and one which is very satisfactory to the appliance manu¬ 
facturers who buy the motor parts as shown in Fig. 1, 
and assemble them in their apparatus. 

The compensated type of motor has stator lamina¬ 
tions of the same shape as those in an induction motor. 
These motors have stator windings of one of two 
different t 3 T)es. The parts of a compensated motor, 
as they are supplied to be built into the apparatus, are 
shown in Fig. 2. 

The question might naturally arise as to why it is 
desirable or necessary to have the non-compensated and 
the compensated motors and why the ratings are 
usually limited to fractional horse powers and high 
speeds. The non-compensated motor is more simple 
and less expensive than the compensated motor and 
would be used exclusively over the entire range of 
ratings if its performance were as good as that of the 
compensated motor. However, as before stated, the 
non-compensated motor is used for the higher speeds 
and lower horse power ratings only. Figs. 3 and 4 show 
the speed-torque curves for a compensated motor and a 
non-compensated motor, respectively. It will be 
noted in Fig. 3 that although the rated speed is rela¬ 
tively low for a universal motor, the speed-torque curves 
for various frequencies lie very close together up to 50 
per cent above the rated torque load. In Fig. 4, the 
performance of a much higher speed, non-compensated 
motor is shown. For most universal motor applies- 
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, tions, the variation in speed at rated loads as shown on 
this curve is satisfactory. However, the speed curves 
sep^te rapidly above full load. If this motor had been 
designed for lower speed, the tendency of the speed- 
torque curves to separate would have been more 
pronounced. The chief cause of difficulty in keeping 
the speeds the same is the reactance voltage which 
exists when the motors are operated on alternating 
current. Most of this reactance voltage is produced in 
the field .windings by the main working field. How¬ 
ever, in the non-compensated motor some of it is 
produced in the armature winding by the field pro- 



Fig. 3 —Universal Motor Compensated H. P.—3400 
Rev. Per Min. 

duced by the armature ampere-turns. The true 
working voltage is obtained by subtracting the re¬ 
actance voltage vectorially from the line voltage. If 
the reactance is high, the performance at a given load 
will be the same as though there were no reactance 
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voltage and the applied voltage had been reduced with 
consequent reduction in speed. 

The reactance voltage varies with the frequency 
and is almost entirely responsible for the difference in 
performance on the different frequencies of alternating 
current. However, the difference in performance, 
when operating on alternating current and when 


on direct current, is caused not only by reactance 
voltage but also by the difference in the amount of 
flux produced by a given value of direct current and by 
the same value of alternating current. Due to the 
saturation of the iron in the magnetic path at the time 
of the maximum value of the alternating-current wave, 
the alternating current does not produce an effective 
value of flux equal to that produced by ah equal value of 
direct current. While the reactance voltage reduces the 
speed, the reduced flux on alternating current increases 
the speed. The reactance voltage varies with the 
frequency, but the flux for a given value of alternating 
current remains constant, regardless of the frequency. 
When the motor is operated on low frequency the 
effect of reactance is almost negligible, while the 
reduction in flux is just as high as for the higher fre¬ 
quencies. The result is that on very low frequencies 
the speed is always higher than when the motor is 
operated on direct current. It is even possible to have 
conditions such that the speed on 60 cycles is higher 
than that on direct current. However, the latter 
condition can seldom be obtained in a motor design 
which is satisfactory in other respects. 

It is now apparent that, to get like performance on 
alternating and direct current, the reactance voltage 
must be low and the difference between the flux on 
direct current and alternating current must be de¬ 
creased wherever possible. The difference in magnetic 
flux produced by a given value of direct current and 
that produced by an equal value of alternating current, 
can be changed only slightly by changes in the material 
used or in the design of the parts. The reactance 
voltage can be reduced or increased within certain 
limits by changes in design. As mentioned before, 
the major part of the reactance voltage is produced by 
the field flux passing through the field winding. By 
keeping, the product of the field turns times the flux 
to a low value, the reactance can be kept proportionally 
low. This results in what is usually tenned a ^Veak 
field'', motor. Now a weak field in an ordinary d-c. 
motor permits the field to be distorted by the ampere- 
turns in the armature, resulting in a tendency towards 
poor commutation and greater changes in speed with a 
given change in load. Identical conditions exist in a 
concentrated pole, non-compensated, universal motor. 
However, it is necessary to keep the reactance voltage 
low to prevent the speeds from becoming too low on the 
higher a-c, frequencies. Within a certain range of 
speed and h-p. ratings, the reactance voltage can be 
made low enough to keep the speed variation within 
reasonable limits and at the same time secure satisfac¬ 
tory performance from the motor. Much has been 
done in the matter of improving the commutation of 
weak field motors by improvement in the grades of 
carbons and by better motor design. When, in a 
desired rating, the horse power is too high or the speed 
too low to obtain satisfactory operation with a non- 
compensated motor a compensated motor is used. 
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In the compensated motor there is a series winding 
having a magnetizing force equal and opposite to the 
magnetizing force of the ampere-turns in the armature. 
This tends to eliminate field distortion and the re¬ 
sulting bad commutation. When the field distortion 
has been eliminated, a very weak field can be used with 
a resultant decrease in reactance voltage and the 
corresponding decrease in variation in speed for 
change in frequency. Due to mechanical reasons, it is 
impossible to distribute the compensated windings so as 
to exactly compensate for the ampere-tums in the 
armature. It is this lack of exact compensation which 
limits the horsepower and speed to be obtained in the 
compensated t 3 q)e of universal motor. 

Two t 3 rpes of stator windings are used in the com¬ 
pensated motor: In one type, two distinct field windings 
are employed. The compensating winding, which has 
just been referred to, is equal and opposite to the 
effective ampere-tums in the armature and is dis¬ 
tributed to correspond to the armature winding. 
The main field winding is located 90 electrical degrees 
from the compensating winding and produces the 
working field. This winding usually occupies just two 
slots per pole. In the other t 3 T)e of field winding but 
one distributed winding. is used. By shifting the 
brushes to the proper position, the armature ampere- 
turns are opposed by a certain portion of the field 
ampere-tums and the remaining portion of the field 
ampere-tums produce the working field. 

When the two-winding type of stator winding is 
used, the bmshes are located on the neutaral with 
reference to the main field winding. This permits the 
direction of rotation to be reversed by reversing the 
main field. When assembling this type of motor, the 
brushy can easily be set in the proper position by 
applipng alternating current to the compensating 
winding and operating the motor as a repulsion motor 
by short-circuiting the brushes. When the brushes are 
so set that the armature field is directly opposite the 
compensating field there will be no tendency in the 
amature to rotate. When the brushes are moved 
slightly from this position, the armature will turn in the 
J^tion in which the bmshes have been moved. 
The wishes are in the correct position when the arma- . 
turn field IS dir^tly opposite the compensating field. 

Vmn d^gning a motor using the one-winding type 
of stator winding, if certain limiting proportions of field 
and ^a^ turns are adhered to, it is. possible to get 
exactly the s^e conditions as to compensation and 
mam field as is obtained when using tiie two-winding 
^e of stator winding. However, due to the restric- 

fieM, It IS difficult to get complete compensation for 

^n mtmgs The fact that the brushes are located 

off of the neutral of the field winding makes it neces- 

S thp?®’’ y compensation, to ?hift the brushes 
when the dmeetion is changed. This makes this type of 
m^r onsatisfactoty for reversing service. 

The two most difficult problems in the manufacture 


of these high-speed motors, is that of obtaining good 
commutation and good mechanical balance. In addi¬ 
tion to these, it is necessary to have all parts of the arma¬ 
ture well made so that they will withstand the larger 
centrifugal force which is present when the motor is 
operating at the high speed to which it will be subjected. 

Aside from the usual commutating conditions which 
are encountered in the ordinary d-c. motor, there is a 
. transformer voltage generated in the short-circuited 
coil by the alternating main field flux. This trans¬ 
former voltage is one of the chief causes of commutation 
trouble, and poor mechanical balance causes sparking 
at the commutator due to the inability of the bmshes to 
make good contact with the commutator when the 
armature is vibrating at high frequency. In addition to 
this it will be realized that, in motors running at speeds 
around 10,000 rev. per min., the time permitted for the 
current to reverse in the coil while it is being commu¬ 
tated, is very short. In an ordinary vacuum-cleaner 
motor, this reversal of current in the coil being com¬ 
mutated must be accomplished in one-half of 1/1000 
of a second. The fact that the coil is short-circuited for 
such a short time determines, to a certain extent, the 
amoirnt of short-circuit current which exists in the coil.. 

When considering the mechanical balance, the 
unusu^ speed of these motors must be kept in mind. 
Referring again to the ordinary vacuum-cleaner 
motor, we find that the centrifugal force acting on an 
object at the surface of the armature when the motor 
is op^^ting at normal speed, isapproximately two thou- 
smd times the weight of the object. As an example, if a 
piece of No. 20 wire, 1}/^ in. long, were placed at the top 
of the armature slot, the centrifugal force acting on the 
^ would be equal to the total weight of the armature. 
With this in mind, it is quite obvious that the weights in 
the armatpe must be thoroughly balanced or there will 
be ^cessive vibration and excessive pressure on the 
bearings. The usual static balance of armatures 
improves any unbalance that may exist due to the 
uneven distribution of the win<iings or due to there 
bemg a slightly heavier coat of armature insulating 
varnish in one place than in another. However, if 
when balancing an armature statically the correction 
of weight is made at the end of the armature opposite 
that at wWeh the unbalance exists, there is still a very 
bad condition of dynamic unbalance which will be 
destructive to bearings and brushes and cause thfe motor 
^d ^ven appliance to be noisy. This condition can 
be diminated only by very careful dsmamic balancing. 

The results which may be obtained by using extreme 
care m designing ^d manufacturing are shown by tests 
made on a particular vacuum-cleaner motor. This 
motor was so desired, electrically, as to get the best 
commutating conditions, and accurate dynamic balance 
was obtdn^. At the end of a 6000-hour endurance 
run, toe indicated total brush life for one set of brushes 
was 9000 to 10,000 hours. As stated, this motor was 
very carefully built and such motors could not be pro¬ 
duced commercially due to the increased manufacturing 
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cost. However, the tests on this motor did show the 
results of careful design and dynamic balance. There is 
no need in vacuum-cleaner service for a motor such as 
the one described. If a vacuum cleaner were used 
continuously two hours per week, which is probably the 
average, the total hours run per year would be approxi¬ 
mately one hundred and the total life of one set of 
bri^hes would be 100 years. It is quite obvious that 
it is not necessary to go to the expense of building a 
motor of this quality when it is impossible for the driven 
appliance to remain in service such a great length of 
time. However, it must be Vemembered that the brush 
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life which has ordinarily been obtained in vacuum- 
cleaner motors has not been equal to the life of the 
vacuum cleaner. The vacuum cleaners being built 
today are of better quality than those of several years 
ago and are standing up better, with the result that 
better motors must be supplied. It is such tests as the 
one just mentioned which are pointing the way to 
better motors and are actually bringing about results in 
the commercial motors now being supplied for vacuum- 
cleaner service. 

Vacuum cleaners and portable drills have already 
been mentioned as very satisfactory applications for 
universal motors. In addition to these, there are many 
other applications in which universal motors are being 
used. In many cases, the motor parts are supplied to 
the appliance manufacturer and built into his appli¬ 
ance. In other cases, complete motors, such as the 
one of which a part cross section view is shown in Fig. 5, 
are used to drive the appliances. Some of the devices 
to which these motors have been applied are advertising 
machines, portable, motion-picture machines, dish 
washers, hair clippers, sewing machines, drink-mixing 
machines, small ventilating fans, hair driers, pipe 
threaders, small grinders and small wood shapers and 
routers. This is a rather varied list of applications and 
the variety and number of applications are growing 
daily. 

Discussion 

W. L. Smithx I wish to emphasize the fact that on these 
little motors there is one thing that I heheve is very important 
and that is that the gi*eatest care should he given to perfection in 
insulation. 

H. W. Hillst We oan^t blame the insulation for alL trouble, 
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for, because of the way these machines are used, the insulation 
becomes oily and hard and even the best insulation, after being 
subjected to such conditions, will eventually fail. The only 
thing to do is to provide a good ground on the machine itself. 
This can easily be done by incorporating a third wire for a 
ground wire along with the two supply wires. This ground wire 
can be attached to ground while the machine is in operation. 

L. C. Packer: Recently the underv^riters have specified 
insulated brushholder screws for commutator motors. That is 
a point that the apphance manufacturers have stressed a good 
bit, and the underwriters have specified certain design points 
that must be adhered to. Insulation of brush-holder screws 
is one very important item, especially in vacuum-cleaner 
and sewing-machine motors. 

There is another point about the insulation. Most of the 
manufacturers of this type of motor test to ground at 1200 or 
1400 volts, on a standard. 110-volt motor. The motor itself 
is just as well insulated as higher types of motors. Most of the 
grounds are caused during the assembly of parts by the appliance 
manufacturers in grounding the connections against the frame: 
sometimes the insulation is pinched off the leads in assembly. 

C« A- Adams: I should like to ask Mr. Packer how he can 
get substantially 100 per cent power factor. 

L. C. Packer: In the compensated motor the field is usually 
fairly weak and its reactance voltage comparatively low; that is, 
from 10 to 20 volts on 25 cycles at rated load. The equivalent 
values on 60 cycles are 24 to 48 volts. The average motor, 
of course, will have about the average value between these 
figures. For illustration in an average design the reactance 
voltage due to the field is 15 volts on 25 cycles, and 36 volts on 
60 cycles. Then suppose we work the motor over a range of 
load such that the value of reactance voltage would be from 10 
to 20 on 25 cycles, and from 24 to 48 on 60 cycles. Since the 
reactance voltage varies directly with the flux, these values 
represent considerable change in load. 

Since the true working voltage is the vectorial difference 
between the line and reactance voltages and since the power 
factor is equal to the true working volts divided by the line 
volts, it can be seen that it takes quite a material change in re¬ 
actance voltage to show much change in power factor and it 
also takes a comparatively large amount of reactance voltage 
to drop the power factor an appreciable amount below unity. 

As a rule, the power factor of the non-compensated type of 
motor is much lower than that of the compensated type. There 
is no compensating field; therefore, it is necessary to use as 
strong a main field as possible to keep down the distortion. 
This of course results in higher reactance voltage and lower 
power factor, which varies with different designs. There may be 
cases where the field may be comparatively weak, resulting in 
very good power factor, and again in cases of very low horse 
power rating at low speeds, the power factor may be as low as 
70 per cent. 

The reactance voltage in the armature is small compared with 
the reactance of the field of the non-compensated motor, and 
although larger in proportion to the main field in the com¬ 
pensated motor, in neither type has it much effect upon the 
ultimate result. For commutation reasons, however, it should 
be kept as low as possible. 

In going through the complete design you would, of course, 
include all of the reactance voltages, even though some of them 
were negligible. 

The air-gap in these motors is about 0.015 in. to 0.020 in. 
(single air-gap). The very small motors of cheaper design have 
from 0.020-in. to 0.025-in. and as much as 0.032-in. single air-gap, 
due to the fact that the appliances using them, in most cases, 
must be low in price, thus reqxiiring cheap motors. The large 
air-gap permits of cheaper bearing design and lowers manufactur¬ 
ing costs. 
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Synopsis.—Underground cables for transmission of power 
at SSfiOOfL and above have only recently come into use in America^ 
or received much attention here. In connection with such cables 
suitable terminals are necessary and present an important problem 
in high-voltage design. . 

A marked tendency is noted toward the oiUfiLling of cable joints; 
terminal conditions make this procedure both logical and desirable. 

Dielectric strength must first be specified, and should exceed that 
of the cable; fiashover should occur without puncture; lightning 
voltages should be guarded against in the design. Proper drc. tests 
are still undetermined for various combinations of solid and liquid 
dielectrics, and a rigid practise can not yet be established with as¬ 
surance. At present, high-voltage cable lines are intended for Oz-c. 
operation, and safety factors should be determined for that hind of 
service. High-voltage d-c. operation may come into practise later, 
and research in d-c. testing should be pushed. 

Standard ratings of terminals are proposed, corresponding to 
the accepted standard ratings for other high voltage apparatus. 
Consistency with other terminal insulation, such as apparatus 


bushings and line insulators, is desirable. Cable insulation may 
eventually experience similar standardization. The method of 
rating single-conductor and three-conductor cables should be 
harmonized, and both based on operating-line voltage. 

Four typical designs of high-voltage cable terminals are described 
representing a carefully worked out and effective solution of the 
problem. These are (a) 37,000-volt three-conductor; (b) 50,000- 
volt single-conductor; (c) 78,000-volt, single-conductor; and (d). 
110,000-voU single-conductor. Fiashover tests and time tests, corre¬ 
sponding to breakdown and endurance tests on equivalent cables, are 
reported to illustrate the ability of the terminals to withstand factory 
and field tests on the cables, and to show the ample factors of safety 
under operating conditions. Results of an experimental installa¬ 
tion of the 110,000-volt terminals demonstrate the safety of the 
design, predicted from calculations and confirmed by laboratory tests. 

For temporary testing purposes these oil-filled terminals are most 
convenient and economical, and contribute to the uniformity and 
reliability of the results in cable testing, which are the factors of 
greatest importance. 


Od>FiijLbd Terminals for High-Voltage Cables 

W ITH the introduction of lead-encased cables into 
the field of high-voltage power transmission, 
there has arisen the necessity of providing, at the 
ends of these cable lines, suitable terminals or end-bells, 
capable of maintaining safe connection between the 
cable and the apparatus or the overhead line with which 
it is to operate. Three-conductor, 33,000-volt cables 
have been used in this coimtry for only a few years, and 
the number of such installations is still small. Opera¬ 
tion of single-conductor cable lines at higher voltages is 
still more recent. Interest in high-voltage power trans¬ 
mission over cable lines has been rapidly increasing be¬ 
cause of the large blocks of power which it is necessary 
to deliver through congested urban sections, and which 
cannot be handled on overhead lines. At present thae 
is active interest in cable for 132,000-volt operation and 
a reasonable prospect of attaining this rating in the not- 
far-distant future. This rapid increase in cable voltage 
has led to an intensive effort in the development of the 
necessary joints and terminals for these higher voltage 
cables. It is the purpose of this paper to present some 
of the results of this work as related to the problan of 
terminals. 

Tendency Toward Oil Filling 

There is ewdent in the development of high- 
tei^on cable joints a definite tendency toward oil 
filling, i. e., complete filling of the enclosing shell 
with a fiuid oil under sufficient pressure from 
aiiriliary r eservoirs to eliminate all voids or pockets 

1. Engirieer High Voltage Boshing Eng. Department, General 
Blectne Company, Httsheld, Mass. 
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within the joint. The use of hard compounds is 
accompanied with certain well-known and serious 
disadvantages, among them being the shrinkage upon 
cooling which leaves unfilled cavities, separation from 
the surfaces of the insulating materials thus inviting 
local breakdown, and incomplete sealing of the joint 
. against entrance of moisture through holes in the shell 
and the lead wipes. These disadvantages are effect¬ 
ively corrected by the use of a fiuid filler under pressure. 

The tendency toward the oil-filling of cable joints 
has already received expression by the substitution of 
softer compounds as fillers in place of the harder com¬ 
pounds commonly used with the lower voltage joints. 
Of the soft compounds petrolatum is the most common, 
while in one or two prominent cases a mixture of transil 
oil and petrolatum has been employed. Auxiliary 
pressure reservoirs of several types have been advocated 
and used to maintain complete filling of the joints. 
The use of these softer fillers has been fully justified by 
the results obtained, and these point the way to the 
oil-filled joint as a logical and promising solution of 
splicing in high-toision cable lines. 

Terminal Conditions 

From similar considerations the oil-fidled terminal 
is the logical solution of the problem of insulating the 
ends of high-tension cables. In two prominent particu¬ 
lar the terminal offers a simpler problan than the 
joint, in that space limitations are largely removed, and 
the bared conductor does not have to be enclosed 
withm grounded metal. On the other hand, the 
terminal presents difficulties not met with in joint 
design, since it combines the joint problem of insulating 
the cable end from the sheath by solid and liquid didec- 
trics, with the further problem of insulating it at the 
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same time from the sheath through the air. There is 
also the greater temperature variation, and complete 
e:posure to the elements. In addition to these physical 
differences, the location of a terminal at the junction 
point beiween underground cable and overhead line 
may at times impose far greater potential strains upon 
its insulation than most of the cable system is ever 
called upon to withstand. The cable terminal in 
general, therefore, is subject not only to those potential 
stresses originating or developing within the cable 
system, but also to those stresses occurring in the 
overhead system as well, including lightning. This 
latter source of over-voltage stress is usually far more 
destructive to solid insulations than to liquids. The 
use of oil in a cable terminal offers the best-known means 
of dealing with the lightning problem, at the same time 
contributing very effectively to the quality of the 
cable near the terminal by serving as an oil reservoir. 

Dielectric Tests 

The dielectric -strength is the first feature of the 
design to be determined. Obviously the terminal must 
be able to withstand all tests applied to the cable after 
installation. This it might do but still be weaker than 
the cable. Properly, it should be stronger than the 
cable so that it will not fail at any voltage, either mo¬ 
ment^ or sustained, which the cable can withstand. 
By failure is meant internal breakdown. The internal 
strength should be greater than external flashover, the 
value of which should be consistent with the fiashover of 
bushings on connected apparatus and insulators on 
connected lines. The desirability of flashover without 
puncture in the case of bushings and insulators is well 
established, and the same should be true of cable 
teminaJs. The terminal, therefor^, should be able to 
withstand both the short breakdown tests and the 
longer time tests, it should flashover externally without 
internal failure at normal frequency, and it should be as 
nearly lightning proof as possible. 

In the foregoing paragraph, alternating voltages have 
been in mind. Of course, where d-c. testing is employed 
the terminals must be able to withstand the applied 
d-c. voltages. Whether this means a greater strength 
than for a-c. testing will depend largely upon the kind of 
insulation and the ratio of d-c. to a-c. voltage. The 
proposed ratio of 2.4 is probably not far from correct 
for cable paper; for oil a smaller ratio exists, near^ 
1.6; and for a combination of oil and paper an inter¬ 
mediate ratio woifld probably apply, expected to vary 
with the proportions of these materials. At present, 
data on the strength of various materials under high 
direct voltages are too meager to draw definite conclu¬ 
sions or establish a rigid practise. It should be re¬ 
membered, however, that the terminals and cable are 
to operate with altonating current, and it is of first 
importance that they withstand a-c. potentials suc¬ 
cessfully. The difficulties of applsdng a-c. tests to long 
lines of high capacitance will encourage the use of d-c. 


testing equipment; and some cable lines installed at 
first for a-c. operation may even experience later on a 
conversion to d-c. operation. Research in d-c. testing 
must, therefore, be pushed vigorously, in order that only 
proper d-c. tests shall be employed. It is not unlikely 
that both kinds of tests will become a part of the 
designer’s check upon his product. 

Standard Ratings 

In order that both manufacturer and consumer may 
benefit by standardization of parts and designs, stand¬ 
ard ratings should be adopted and designs developed 
accordingly. It seems logical that the standard voltage 
ratings for high-tension apparatus should apply to 
cable terminals as well. This would harmonize ter¬ 
minal design with that of bushings, insulators, switches, 
metering transformers and lightning arresters. Stand¬ 
ard ratings, as shown in the following tabulation, are 
already in general accepted use for tiiese devices. 


15,000 

88,000 

25,000 

110,000 

37,000 

132,000 

60,000 

154,000 

73,000 

220,000 


These ratings, when applied to cable terminals, 
should represent the practise for both Y and delta 
circuits, grounded and ungroimded, exc^t as modified 
for other apparatus using terminal insulators. The 
cable should not be equipped with terminals of lower 
flashover voltage than that of the b ushing s of trans¬ 
formers, circuit breakers, and lightning arresters con¬ 
nected thereto. 

Intermediate ratings of cable may be found neces¬ 
sary for economic reasons. This will not prevent the 
use of standard terminals, however, which is highly 
desirable so that their line-to-ground flashover strength 
shall not be inferior to other apparatus on the S 3 ratem. 
It is already genially recognized that the insulation of 
apparatus located at different points on a high-tension 
system should have a uniformly high value, even though 
some of the apparatus is located on a part of the S 37 stem 
normally operating at lower voltage than another part. 
Cable insulation may eventually experience this garnp- 
standardization. 

This proposed standardization of voltage ratings 
of terminals for high-tension cables emphasizes the de¬ 
sirability of a uniform practise in applying‘voltage, 
ratings to the cables themselves. Three-conductor 
cables are rated in terms of line-to-line voltage and their 
tests determined by this rating. In the case of single¬ 
conductor cables, however, it has been the practise to 
determine their test voltage on the basis of theirworking 
voltage between conductor and sheath. This has often 
resulted in the working voltage from conductor to sheath 
being used as an expression of the operating voltage, 
whereas in the case of all other apparatus the operating 
voltage is understood to be the voltage from line to line. 
It would appear rather inconsistent to rate single- 
conductor terminals in terms of the working voltage of 
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the cables, as this would give the terminal an entirely 
different rating from the other apparatus to which 
it will be connected. For example, a single conductor 
cable for a 50,000-volt system, although its working 
voltage is 28,900 volts, should have a terminal whose 
rating is 50,000 volts. Furthermore, if the cable and 
its terminals are to have their voltageratings determined 
on the same basis, both would properly be assigned a 
rating of 50,000 volts. 


the tank has been allowed for transposition of con¬ 
ductors for phasing, without intermediate link connect¬ 
ors. No side opening in the tank is necessary, as the 
insulators and cover are removable. The insulators are 
of wet-process porcelain formed in one piece, with 
smoothly ground ends, against which bakelized cork 
gaskets are compressed by means of the metal clamp¬ 
ing rings cemented around the ends of the porcelain. 


Typical Designs 

In light of the foregoing considerations, a careful 
study of the high-voltage cable terminal problem was 
made, which resulted in certain definite design features, 
including oil filling. To illustrate the principal fea¬ 
tures of these oil-filled terminals, four sizes will be 
described; (o) 37,000-volt, three-conductor, correspond¬ 
ing to the highest rated satisfactory three-conductor 
cable yet produced, viz., 33,000 volts; (b) 50,000-volt 
single-conductor, applicable to the lowest rated single 
cables above the present three-conductor range; (c) 
73,000-volt, single-conductor, corresponding to tiie 
highest rated single cable in practical operation in this 
country; and (d) 110,000-volt, single-conductor, as now 
being used in the highest voltage experimental cable 
installation thus far undertaken. Terminals of this 
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Fig. 


1 37,000 Volt, Thrbb-Conductob, Oil-Filled Terminal 
POR Lead-Covered Cable 


last rating were used also in the elaborate series of tests 
conducted by the Electrical Testing Laboratories of 
New York at the Pittsfield Works of the General Elec¬ 
tric Company during the summer of 1924, when several 
manufacturers contributed samples of their best efforts 
toward 132,000-volt cable. 

S7,000-voU three-conductor terminal. This design is 
illustrated in Fig. 1. The three insulators are in the 
same plane, an arrangement which makes the tank very 
much la^CT than a triangular arrangement, and the 
spr^ of the i^ulators twice as great; but it lends itself 
readily to wall or pole mounting. Sufficient space in 
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PiQ. 2— Dbawing Showing Constbuction op 37,000- 
y^OLT, Thbdb-Conductob Oiii-Pilmd Tbbminal pob Lbad- 
CovEBBB Cable 

The glass cylinder mounted above each insulator serves 
as a sight gla^ registering the level of the oil with which 
the terminal is filled. An auxiliary reservoir should be 
provided in connection with a tank of this size, to care 
for the expansion of the large volume of oil,—in this 
case about 22 gallons. The lower end of the iron ta n if 
is flanged and bolted to the brass-wiping sleeve. The 
joints here and from tank to cover, as well as at the 
ends of the porcelain insulators and glass gages, are 
made^ oil-tight with treated cork gaskets. Filling and 
draining is accomplished through apipeconnectiontothe 
wiping sleeve. 

The internal construction is shown in Fig. 2. The 
cable sheath tominates just within the wnping sleeve. 
A thin copper band slipped under the end of the lead 
protects the paper from sharp edges and damage in 
soldering. The belt insulation is removed in steps, 
and the three conductors separated and spaced by a 
porcelain block. A reenforcement of insulating tape 
IS budt up around tihe outside of the three conductors 
to give predetermined shape and dimensions, so chosen 
as to secure a safe distribution of both radial and lateral 
stresses. Upon the lower portion of this reenforcemait 
IS wounu an ova-lay of metal tape, soldered at the lower 
end to the cable sheath. The upper end of this metal 
overlay approaches close to the inner surface of the 
wiping sleeve, which then recedes from the reenforce¬ 
ment and the conductor insulation to meet the lower 
fl^ge of tee tank. The shape of these metal surfaces 
yiteUy influences the potential stresses radially and 
laterally, and largely controls tee circumferential 
stress around the conductor insulation, which seems to 
be a large factor in so-called crotch failures. 
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Above the reenforcement, the conductors pass in 
gentle curves to porcelain tubes mounted in a treated 
wood support, and thence in straight lines to the termi¬ 
nal studs soldered to their bared upper ends. Fairly 
close fitting paper tubes preserve the concentric aline- 
ment of the conductors within the grounded metal 
shields in the cover. These shields present a smooth, 
uniform and definite surface to the electric field from 
the conductors, and also serve to improve the potential 
distribution on the external surface of the porcelain 
shells. 

The terminal stud at the end of each conductor is 
locked in place by a double-threaded nut in the recessed 
depression of the top washer. A terminal cap engages 
with the stud and seals the top against moisture by an 
enclosed cork gasket. External connection is made 
through attachment to the threaded stud extending 



Fig. 3—^Flabhovbk Tkst at 170,000 Volts prom Cap-to- 
Cap on 37,000-Volts, TmuiiE-CoNDTJCTOB Oil-Filled Termi¬ 
nal FOR Lead-Covered Cable 

from the top of the terminal cap. A drain cock in the 
top washer above each gage glass permits the escape 
of air during filling of the terminal with oil. 

Samples of this terminal have been tested with three- 
phase potential to fiashovw at 170,000 volts, from cap 
to cap, as i^own in Fig. 3. The flashover voltage from 
cap to case is about 160,000 volts. Time tests have 
been made at 76,000 volts for seven hoius, followed by 
100,000 volts for four hours. Subsequent examination 
failed to disclose any signs of deterioration. 

While such terminals for three-conductor cables are 
perfectly practicable from the standpoint of design, they 
have some disadvantages in inst^lation, cost, and 
aaintenance, that encourage the use of single-con¬ 
ductor terminals on short single cables spliced to the 
three-conductor cable, a short distance from the end of 
the line. This practise is likely to displace the former 


for sound technical as weU as physical reasons. With a 
length of single cable at the end of the line, extra 
insulation may be provided against the higher stresses 
in a connected overhead line, or, due to proximity to 
refiection points in connected apparatus: Single tenni- 



Fia. 4—60,000 -Voi,t Single-Conductor Oil-Filled Cable 
Terminals with Test Piece op 20/32 In. Paper Insulated 
Lead-Covered Cable. Right-Hand Terminal Dismantled 
to Show Construction 

nals which can be mounted directly underneath over¬ 
head lines of greater spacing than the three-conductor 
terminal would have, are much smaller and lighter' in 
weight and hence easier to handle, and require much 
less oil for filling with consequently less expansion 



Fig, 5— Drawing Showing Construction op 50,000 Volt 
Single-Conductor Oil-Filled Terminal por Lead-Covered 
Cable 

capacity in the oil reservoir. The glass gage at the top 
of the single type of terminal is sufiicient for the expan¬ 
sion of the oil in the terminal itself. Single-conductor 
terminals for higher voltages are described in the follow¬ 
ing paragraphs. Designs for the, lower voltages where 
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three-conductor cables are used, as at 22,000 volts and 
33,000 volts, have been worked out along the same 
lines. 


50,000-Volt Single Terminal 

This design is illustrated in Fig. 4. In this case 
the wiping sleeve and support are in one piece, the 
latter taking the form of a square flange for bolting to 
horizontal brackets. The one-piece porcelain shell is 
cemented into the clamping ring at its lower end, and 
into the recessed cap at its upper end, with cork 
gaskets in the joints. The cap shown in the illustra¬ 
tions was designed for petrolatum-filled terminals; 
for oil-filled terminals a glass gage would be used to 
give' a constantly visible indication of the oil level. 
The connection details at the top are similar to those 
described for the 37-kv. terminal. 

The internal construction is shown in Fig. 6. The 
lead sheath terminates, as before, just within the wiping 
sleeve, and the copper band is inserted under the edge of 
the lead. A reenforcement of insulating tape is ap¬ 
plied directly upon the cable insulation, and the lower 
aid of this reenforcement is overlaid with a metal tape 
up to its greatest diameter. The reenforcement prb- 



Fiq. 6--FLASHoviiR Test at 190,000 Volts on a 50,000- 
Volt Sin^b-Condtjctok Oil-Pilled Terminal for Lead- 
Covered Cable 


jects above the support flanges and within the groun< 
me^ shield, with dimensions so chosen as to keep 
rai^ and lateral stresses within safe values. A pa 
cylinder surrounding the conductor insulation, 2 
paced fpm it by means of narrow strips of press^bdj 
k^ps the conductor straight and concentric witi 
the ground shield, and divides the oil space into cy] 


drical ducts, thus increasing the insulating value of the 
oil, and directing its circulation. 

Samples of this terminal assembled with 500,000-cir. 
mils 20/32 in. paper cable* have received repeated flash- 
over tests at an average of 190,000 volts, as shown in 
Fig. 6, and have subsequently withstood, in consecutive 
order, the combination of all the several cable tests 



Fio. 7—Two 73,000-Volt Sinole-Conductob Oil-Filled 
Tebhinals fob Lead-Covered Cable, Assembled with 
Test Piece op 66,000 Volt, 30/32-In. Paper Insulated Cable 

for 40,000-volt cable taken from the proposed Edison 
specifications, as follows: 

114,000 volt for 6 min. (breakdown test) 
71,000 volt for 15 min. (full reel test) 

57,000 volt for 8 hours (high voltage time test) 
No disturbance of any kind developed during these 
tests, and no deterioration could be observed upon later 
examination. 

73,000-'V’olt Single Terminal 

In Pig. 7 there is shown the terminal developed for 
use with 66,000-volt cable. In external appearance 
and conslroction it closely resembles the 50,000-volt 
terminal just described. Internally, the only promi¬ 
nent difference is in the insulating of the metal ground 
shield by embedding its upper end in varnished cambric 
supported directly upon the paper cylinder. Perfora¬ 
tions through the flange of the ground shield permit 
downward flow of the circulating oil in the duct out¬ 
side of the cylinder. These details and the general 
construction are illustrated in Pig. 8. 

A typical flashover test on this terminal at 290,000 
volts is shown in Pig. 9. Time tests on sample termi¬ 
nus have been made at 200,000 volts for several hours. 
These tenmnals have also been used with great satis- 
faction in making time tests on samples of 30/32 in. 

1. Cable of this size and insulation is being installed at 
Columbus, 0., for operation at 40,000 volt, three-phase. 
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paper cables at 200,000 volts and in one instance, a test 
of 225,000 volts for 36 hours was made on such a cable 
with no terminal trouble. 



Pia- 8 —Deawing Showing Constevction of” a 73,000- 
VOLT SiNGLE-CONDUCTOE OlL-PlLLED TbBMINAI, FOB LbAD- 
CovBBED Cable 

110,000-Volt Single Terminal 

The terminals shown in Pigs. 10, 11 and 12 were 
developed first for testing of cables having 30/82 


in assembly, the wiping sleeve is separate from the 
hom-shaped support casting, with a cork gasket be¬ 
tween bolted flanges to form an oil-tight joint. A re¬ 
enforcement of insulating tape encircles the cable 
insulation from the termination of the lead sheath to a 



PiG. 10—110,000 -Volt Sin- Fig. 11—110,000-Volt Sin- 

GLE-CONDUCTOR OlL-FiLLBD GLE-CONDUCTOR OiL-FtLLBD 
Terminal for Lead-Covered Terminal for Lead-Covered 
Cable Cable, Showing Terminal 

Removed from Cable, Ex¬ 
posing Reenporcement op 
Cable Insulation 

point opposite the top of the ground shield. Radial 



and lateral stresses are controlled as before by this re¬ 
enforcement, together with the configuration of the 
enclosing metal. A bare ground shield is possible by 



Fig. 12— Two 110,000-Volt Single-Conductor Oil-Filled 
Terminals for Lead-Covered Cable, Assembled with 
Two Pieces op 30/32 In. Paper-Insulated Cable Spliced 


Fig. 9—Flashovbr Test at 290,000 Volts on a 73,000 with an Oil-Filled Joint 
’’^OLT Single-Conductor Oil-Filled Terminal for Lead- 


Covered Cable 


reason of its diameter, and two paper cylinders break 


up the oil space into vertical ducts. In addition to the 


in. paper insulation, to determine how near an ground-shield, a terminal-shield is provided inside the 
approach had been made to a safe and reliable upper end of the porcelain shell to improve the potential 
132,000-volt cable. For economy and convenience distribution along the outside surface of the porcelain. 
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The porcelain shell and its two clamping rings, and probable that time tests as high as 300,000 volts for 
the glfljgg oil-gage and the two adjacent castings are eight hours could be made without trouble developing 
borrowed without change from the standard inter- in these terminals. 

changeable oil-filled bushing for transformers, oil. It is of very real practical interest, also, that an ex¬ 
circuit breakers, and li gh tn ing arresters, and illustrate perimental or trial installation of similar cable equipped 
again the value, and convenience of standardized with these terminals is receiving a service test on the 




110,000-volt system of the Adirondack Power and 
Light Company, at Albany, N. Y. Fig. 15 shows the 
installation. This piece of cable is lying exposed on the 
ground "with the ends extending into the terminals, 
which are mounted on a frame work several feet high. 
An auxiliary reservoir of oil maintains the oil in the 
tmninals at the proper level, and supplies whatever 
absorption into the cable there may be. No current is 
carried by this cable, which fact, coupled with its 
exposure above ground, imposes a much more severe 
temperature variation than would be the case with a 
loaded cable buried in the ground. The test has been 
running now for four months (to Feb. 1,1926), and the 
terminals have given no trouble whatever. 

Terminals for Testing Purposes 

It may not be inappropriate to say a word about 
the use of such terminals, as are here described, for 
temporary or testing purposes. While at low voltages 
it is usually sufficient to immerse the ends of the cable in 


Pig. 13—Drawing Showing Pig. 14—^Plashover Test 

Construction op a 110,000- at 400,000-Volt on a 110,000- 
Volt Single-Conductor Oil- Volt Sin glb-Conductor Oil- 
Filled Terminal for Lead- Pilled Terminal for Lead- 
Covered Cable Covered Cable 

material. The details are shown in Pig. 13. The 
construction is such that, with the exception of the top 
coimector and the wiping sleeve, this terminal may be 
assembled complete before installing over the prepared 
end of the cable. This is of great advantage in a ter¬ 
minal of this size and weight, which must be handled 
with a hoisting tackle of some kind. During installa¬ 
tion the long stud, into which the end of the cable is 
soldered, is passed through the tube in the top of the 
terminal and secured at the proper elevation by a lock 
nut above the cover casting. The wiping sleeve is then 
raised into position, bolted to the support casting, and 
wiped to the lead sheath. 

In the tests on the proposed 132-kv. cable, for which 
this terminal was first developed, it successfully with¬ 
stood the breakdown tests up to its fiashover voltage of 
360,000 volts. These breakdown tests were made, as 
usual, by starting at some predetermined voltage, and 
increasing in 10 per cent steps at short intervals. 
Momentary fiashover voltages of 400,000 volts, as 
shown on Pig. 14, have since been measured ou these 
same terminals, when raising the voltage steadily up to 
the fiashover point. Time tests of six hours at 275,000, 
and eight hours at 240,000 volts were obtained on some 
samples of cable, the terminals functioning with com¬ 
plete satisfaction. With sufficiently good cable, it is 



Pig. 15— ^Experimental 110,000 Volts Cable Undergoing 
Field Test at North Ai^bany Station op Adirondack 
Power and Light Corporation, Equipped with 110,000- 
Volt Single-Conductor Oil-Filled Terminals 

oil or compound, either in a tank or by means of cones of 
metal or paper surrounding the ends of the cable, yet at 
higher voltages, such as more than 200,000 volts, such 
temporary methods often become both inconvenient 
and unsatisfactory in results. The oil-filled type of 
porcelain terminal, as described above, lends itself most 
admirably to testing purposes,® as well as to permanent 

2. See also paper on ‘‘Testing High-Tension Impregnated 
Paper-Insulated, Lead-Covered Cable” by Everett S. Lee, pre^ 
sented at the Midwinter Convention A. I. E. B., New York, 
Peb. 9-12, 1925. 
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service installations. The preparation of the cable 
ends for assembly with the terminal is a simple and 
rapid process, the terminal parts are easily and 
accurately adjusted to the cable, the oil filling can be 
done without delay, and the testing can proceed almost 
as soon as the filling is completed. With equal facility, 
the oil can be drained, the terminal removed, and a new 
piece of cable prepared for test with the same set of 
terminals. Not only does this method speed up the 
work, but it makes necessary only a small amount of 
equipment, avoids the use of large tanks of oil, and 
saves the loss of much temporary material wasted in 
some methods of testing. Of even far greater impor¬ 
tance are the uniformity and reliability of results ob¬ 
tained, which factors are well nigh indispensible to the 
value of the test data on the cables themselves. 


Discussion 

A. Austin (by letter): There has apparently been a 
material improvement in potheads for high-voltage cable. 
There is no reason why a pothead cannot be made having any 
desired electrical characteristic, as the problem is not essentially 
different from making a high-voltage bushing. 

The accompanying illustration shows a type of pothead which 
is quite similar to that shown in Mr. Eby’s paper. This pothead 
was used for running tests on joints and cable for The Cleveland 
Electric Illuminating Company. 

These potheads have an appreciable diameter at the center and 
form a good reservoir for oil which may be fed into the cable. 
With potheads of this size it was not possible to flash them over 
without breakdown of the cable. 

In maldng the tests it was evident that if the cable was free 
from defects that high frequency had little or no effect. Since 
high frequency tends to magnify a defect, a much lower voltage 
may be used and I believe that in the end one of the most valu¬ 
able cable tests will be that made at high frequency. 


If the faulty sections can be eliminated it will be a compara¬ 
tively easy matter to establish a high degree of reliability. In 
the potheads shown the stress is reduced to a very low value^on 
the insulation surrounding the cable, as the cable projects up into 
the bushing. Hence, there is little or no danger of breakdown in 
the bushing. 



Fig. 1 


The potheads were so designed that it is not necessary to use a 
wiped joint, as a lead sheath may be clamped to the lower end of 
the pothead bell using a soft gasket. With this arrangement an 
installation can be made in a few minutes and there is no danger 
of damaging the insulation from heat. Pin holes caused by the 
leaking of oil through the wiped joint are also avoidable. 




Investigation of High-Tension Gable Joints 

BY E. W. DAVIS* and G. J. CROWDES* 

Member, A. I. E. E. Associate. A. I. E. E. 


Synopsis* —With suitable cable, the successful operation of 
a high-tension cable system depends on the joints between con¬ 
secutive lengths and this phase of high-voltage cable installation must 
receive considerable attention in the near future* 

The essential properties of a good cable joint are: 

1* Simplicity of design 
2* High dielectric strength 
S. Low dielectric loss 

The dielectric strength of a joint, assuming proper care and 
method in assembly, depends upon the materials used. It does not 
necessarily follow that a joint with high dielectnc strength will have 


low dielectric loss. Low dielectric loss is essential because of the 
high thermal resistance of the joint. 

Data is given from experimental tests carried out on seven different 
types of joints, four with 26,000-volt cable, and three, with Sii,000- 
volt cable. 

The joints were made up in the center of a ten foot piece of cable 
and dielectric loss tests made at various temperatures and voltages. 
Knowing the loss of the cable itself it was possible to determine the 
actual loss in the joint. In no case was this loss found to be lower 
than the loss of an equal length of cable. 

The sample of cable with the joint in the center was then tested 
with high potential at room temperature. 


T he demand for cables to operate at high voltages 
has resulted in much research work being done by- 
cable manufacturers, engineering societies, and 
operating companies, the result of which has been a 
material improvement in cables for such service. Di¬ 
electric losses have been decreased, dielectric strength 
increased, and insulatingmaterialsdevelopedthatarenot 
seriously affected by operating temperatures. 

The constants of insulating materials are better 
Imown to-day than ever before, and cables can be de¬ 
signed for the normal operating voltages with greater 
assurance of success than would have been possible a 
few years ago. 

There is, however, one phase of high-voltage cable 
installation that must receive considerable attention 
before satisfactory operation of high-tension cable 
S 3 ^tems can be assured. No matter how complete the 
design, how low the dielectric loss, or how high the di¬ 
electric strength of a cable may be, it is of little value if 



Fig. 1 

Three-conductor, 300.000-clr. mU. sector conductor 
9/32-in. wall paper on conductors 
6/32-in. belt paper over three conductors 
9/64rln. lead sheath 

the joints between consecutive lengths are not equal in 
quahty to the cable itself. 

We believe that the essential properties of a good 
cable jomt are as follows: 

1. Simplex Wire & Cable Company, Boston, 1vr»..«a 
Presented a< the Regional Meeting of Diet. No. 1, Swamp- 
scott, Mass., May 7-9, 1925. ^ 


a. Simplicity of design 

b. High dielectric strength 

c. Low dielectric loss 

In this paper, there will be discussions of the last two 
essential properties of a joint as just named, assuming 
that the Simplicity of Design needs little or no discussion* 



IG. 2 Dielectric Loss—Three-Phase Watts per Foot 
vs. Kilovolts 

Threc-couductor, 300,000-clr. mil, sector, 26,000-volt cable 

The dielectric strength and dielectric loss of a cable 
joint depend upon the insulating materials used, the 
method of application, and the exercising of extreme 
care in assembling. Low dielectric loss does not neces¬ 
sarily follow from the fact that a joint has high di¬ 
electric strength. 

The insulating material on a joint is usually consider¬ 
ably thicker than on the cable itself, which results in a 
greater thermal resistivity for the joint. Even though 
the joint has a greater heat dissipating surface than the 
^ble, it can be readily shown that temperature of the 
jomt, with normal copper loss and dielectric loss, would 
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be higher than that of the cable. Hence the necessity 
of making the dielectric loss of a joint as low as 
possible. 

The following experimental work was carried out on 
seven different types of joints for cables to operate on 
25,000 volts and 33,000 volts working pressure. The 
first four joints w^e made on a 25,000-volt cable, a 
cross section of which is shown in Fig. 1. 


voltages as the temperature increases. Assuming that 
ionization is due to entrapped air, this phenomenon of 
the ionization point may be accounted for by the fact 
that the dielectric strength of air increases with increase 
of temperature and increase of pressure. 

The first joint constructed was of varnished cambric 
insulation with dimensions as shown in Pig. 3. 

The varnished cambric used was of the best grade. 



PiQ. 3 —Construction and Dimensions of Varnished Cambric Joint 
Three-condnctor. 300,000-clr, mils, sector, 2S,000-volt cable 


A ten-foot length of the cable was placed in a rack, 
cut in two, and a joint constructed in the center of the 
length. The length, with the joint, was then put into a 
heat box and three-phase dielectric loss tests made at 
various temperatures and voltages. After the dielec¬ 
tric loss tests, the cable was removed from the heat box 
and dielectric strength tests made at room temperature. 

From data of dielectric loss tests of the cable itself 
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bias cut, black cloth with an average dielectric strength 
of 1100 volts per mil. It may be noted in Pig. 3 that a 
soaked linen tape was applied over the copper sleeve. 
This tape was of the kind commonly used by cable 
splicers, boiled out in petrolatum grease. After 
wiping on the lead sleeve, the joint was filled with a 
standard high-grade filling compound, sealed, cooled, 
and made ready for test. 

Fig. 4 shows the results of dielectric loss tests on the 
varnished cambric joint. The dielectric loss is ex¬ 
pressed in watts per foot of joint for convenience in 
comparing the values with similar values for the 
cable. 

It will be noted that while the ionization point of the 
cable occiured at from twenty to twenty-five thousand 
volts, (See Pig. 3), the ionization point of the joint 
occurred at the lower voltage of from fifteen to twenty 
thousand volts. 

Table I gives the ratio of three-phase dielectric loss of 
the joint and the original cable at 25,000 volts working 
pressure. 
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Fia. 4 —Dibdbctuic Loss—Thbbe-Phasb Watts per Foot 
vs. Kilovolts 

Varnished cambric Joint—three-conductor, 300,000-cir. mils, sector, 
conductor 26,000-volt cable 


and data of the dielectric loss tests of the cable with the 
joint, the dielectric loss of the joint only was calculated. 

Fig. 2 shows the results of dielectric loss tests on the 
cable. 

The loss curves plotted to logarithmic scale show a 
definite ionization point, and this point occurs at higher 


TABLE I 

Ratio of Three-Phase Dielectric Loss 
Varnished Cambric Joint to that of Original Cable 
Three-Conductor, r300,000-Cir. Mil Sector Conductor 25,000- 
Volt Cable 

Ratio—^Three-Phase 
Temperature Dielectric Loss Joint 

Deg. Cent. to Cable 


25 

40 

60 

80 


4/1 

5/1 

6.6/1 

7/1 


After the dielectric loss tests, the following dielectric 
strength test was made at room temperature. 
(Approximately 25 deg, cent.) 
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No. 1 Conductor vs. No. 2—^No. 3 Conductor and Lead Sheath 
75,000 volts—five minutes 

100,000 volts—^reached by 500-volt steps held 30 seconds 
at each gtep. 

Retiu’n to 75,000 volts—^30 minutes 

No. 2 Conductor vs. No. 1—No. 3 Conductor and Lead Sheath 
75,000 volts—^30 minutes 

No. 3 Conductor vs. No. 1—^No. 2 Conductor and Lead Sheath 
75,000 volts—180 minutes. 


The dielectric loss of this joint is considerably lower 
than that of the varnished cambric joint, but still 
higher than that of the cable itself. The ionization 
point for this paper joint is higher than that of the 
varnished cambric joint—in fact,it occursat practically 
the same voltage as for the cable. 

The ratio of dielectric loss of the impregnated paper 
joint to that of the cable is shown in Table II. 



Fia. 5 —Construction and Dimensions op Impregnated Paper Joint 
Tliree-conductor. 300,000-cir. mils, sector, conductor 26,000-volt cable 


The joint, after the high-voltage test, was cut open 
and examined, and there was no evidence of burning or 
charring of insulation. 

The second joint tested was of practically the same 
dimensions as the first, with impregnated paper for 
insulation. The dimensions and construction were as 
shown in Fig. 5. 

The impregnated paper used was a four mil tape, 



Pig. 6—Dielectric Loss—Three-Phase Watts per Foot 
vs. Kilovolts 

Impregnated-paper joint tliree-conductor, 300,000-cir. mil, sector, con¬ 
ductor 26,000-volt cable 

kept immersed in cable compound in a sealed can until 
applied to the joint. The joint was filled with a paper 
^ble compound. The results of dielectric loss tests on 
this joint are shown in Pig. 6. 


TABLE II 

Ratio of Three-Phase Dielectric Loss 
Impregnated Paper Joint to that of the Original Cable 
Three-Conductor, 300,()00-Cir. Mil Sector Condiietor-25,000- 
Volt Cable 


Temperature 

Ratio—Three-Phase 
Dielectric Loss Joint to 

Deg. Cent. 

Cable 

26 

2.4/1 

40 

2.3/1 

60 

2.1/1 

80 

2.1/1 . 


After the dielectric loss, the following dielectric 
strength test was made at room temperature—Single¬ 
phase voltage. 

No. 1 Conductor vs. Nos. 2-3 and Lead Sheath 
76,000 volts—^five minutes 

100,000 volts by 5000-volt steps held 30 seconds at each step. 
Return to 75,000 volts—30 minutes 

No. 2 Conductor vs. Nos. 1-3 Conductor and Load Sheath 
75,000 volts—173 minutes when breakdown occurred. 

Internal discharges were heard at the end of 160 
minutes. These discharges grew gradually more fre¬ 
quent and severe until breakdown occurred. 

Examination of the joint after breakdown showed the 
failure occurred 9% inches from the center of the joint. 
Severe burning was evident from the end of the copper 
sleeve along the conductor and up the insulation pen¬ 
ciling. The paper on the joint showed burned spots at 
many places. 

While this joint showed much less dielectric loss than 
the varnished cambric joint, its dielectric strength was 
considerably lower. 

The third joint to be constructed and tested was a 
paper-insulated ^^step'^ joint with dimensions and con¬ 
struction as shown in Fig. 7. 
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In the step joint, the conductor insulation instead 
of being "penciled” or "scarfed” smoothly down to the 
conductor, was cut away in steps or terraces. In every 
other way the construction was similar to the previous 
paper joint. 

The results of dielectric loss tests for this joint are 
shown in Fig. 8. 

The dielectric losses in this joint are somewhat lower 
than thoM of the pencilled paper joint (see Fig. 6), 
but are still higher than those of the cable. Table III 
shows the ratio of the dielectric losses of the paper step 
joint to those of the cable. 
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An examination of the joint after failure showed 
extreme burning starting at the end of the first step and 
extending to the edge of the joint insulation. 

The fourth and last joint for the 25,000-volt cable to 
be described was the so-called "Conducel” joint, a cross- 
section of which is shown in Fig. 9. 

The conductor insulation was pencilled as in the 
second joint made, and the insulation over the copper 
sleeve built up even with the original conductor insula¬ 
tion. After the porcelain and conducel insulators were 
in place, the lead sleeve was wiped on and the joint 
filled with paper cable compound. 
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Fio. 7—CoNSTnacrioN and Dimbnsions op Impregnated-Paper Step Joint 
Tliroo-conducfcor .300,000 cir, mil., sector conductor 25,000-volt cable 


TABLE III 


Ratio—Three-Phase Dielectric Loss 
Impregnated-Paper Step Joint to that of the Original Cable 
Three-Conductor, 300,000-Cir. Mil Sector Conductor 25,000- 
Volt Cable 


Ratio—Three-Phase 

Temperature Dielectric Loss Joint to 
Deg. Cent. Cable 


40 1.7/1 

60 . 1.7/1 
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Pi a. S— Dielectric Loss—Three-Phase Watts per Foot 
vs. Kilovolts 

Imprognated-papor “step** Joint three-conductor—300,000-clr. mil, 
sector condiictor 26,000-volt cablo 


-After the dielectric loss test, the following dielectric 
strength test was made with single-phase voltage. 


No. 1 Conductor vs. Nos. 2-3 and Lead Sheath 
75,000 volts—^five minutes 
80,000 volts—^30 seconds ‘ 
85,000 volts—^joint failure. 


The results of dielectric loss tests on the Conducel 
joint are shown in Fig. 10. 

Table IV gives the ratio of the dielectric loss in the 
Conducel joint to that of the original cable. 



Pig, 9—Construction and Dimensions—Conducel Joint 
Three-conductor 300,000-cir. mils, sector conductor 25,000-volt cable 


TABLE IV 

Ratio—Three-Phase Dielectric Loss 
Conducel Joint to that of the Original Cable 
Three-Conductor, 300,000-Cir. Mil Sector Conductor 26,000- 
Volt Cable 

Ratio—Three-Phase 

Temperature Dielectric Loss Joint to 
Deg, Cent. Cable 


40 1.7/1 
60 2.0/1 
80 2.9/1 
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It should be noted that while .the dielectric loss of 
this joint at low temperatures is practically the same as 
found for the other paper joints, it is very much greater 
at the high temperatures. 



10 15 20 25 30 35 
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Pig. 10 Diblecthic Loss—^Thbbe-Phase Watts per Foot 
vs. Kilovolts 

Conduce] joint three-conductor 300,000-cir. mil sector conductor^25,000- 
volt cable “ 


At the end of two minutes, loud internal discharges 
were heard, which gradually increased in frequency and 
magnitude until failure occurred. 

Examination after failme showed the conductor in¬ 
sulation badly burned and the conducel insulator 
punctured. 

The remainder of the joints to be described in this 
paper were constructed for 33,000 volts. 

The cable used was three conductors 300,000 round 
type, 10/32-in. wall paper by 7/32-in. belt paper, 
9/64-in. lead sheath, designed and manufactured for 
33,000 volts. A cross section of this cable is shown in 
Fig. 11. 

Fig. 12 shows the results of three-phase dielectric loss 
tests on this cable. 

The construction and dimensions of the first joint 
made in this cable was as shown in Fig. 13. 

Results of dielectric loss testa at 33,000 volts at vari¬ 
ous temperatures are shown in Fig. 14. 

Table V gives the ratio of dielectric loss in the joint 
to that of the original cable. 



TABLE V 

Ratio—Three-Phase Dielectric Ijuss 
I mpregnated paper joint to that of the original cable 
Three-conductor, 300,000-cir. mil round conductor 33,000- 
volt cable 

Ratio—Tlireo-Pliaso 

Temperature Dielectric Loss Joint to 
Deg. Cent. C«,ble 


25 

40 

60 

SO 


1,32/1 

1 . 11/1 

1 . 22/1 

1.27/1 


Fig. 11 

Three^onductor 300.000-cir, mils, round conductor 
10/32-in. wall paper on conductors 
7/32-in. belt paper over three conductors 
9/64-in. lead sheath, 33.000 volts 





MMM—i 


" 60 ao”" 

temperature,DEGREES CENTIGRADE 

Pig. 12— Dielectric Loss— Three-Phase Watts per Foot 
VS, Temperature 

TJuree-ccnductor SSO.OOO-cir. mils, round conductor 33.000-volt cable 

The high potential tests on the Conducel joint showed 
veiy low dielectric strength. ^ 

iSr**"u “ ^ ^ Sheath 

75,000 volts-three minutea-faflure between conductor. 


The dielectric loss of this joint is very nearly the same 
as that of the original cable. 

The following dielectric strength test was made on^the 
cable with joint after the above dielectric loss test had 
been completed. Three-phase, 60-cycle voltage used. 


103,000 volts. 

110,000 “ . . 30 

120,000 “ .;.' ■ ■ ■ 'ao 

130,000 “ 30 

140,000 “ 30 

150,000 “ 20 


minutes 


Failure. 


The breakdown occurred inside the metal sleeve'of 
toe joint about one and one half inches from the end of 
the j^ket. Excessive burning of the filling compound 

+ i conductors indi¬ 

cated that aere was considerable stress between the 
e ge of the jacket and the edge of the joint insulataon. 
1 here were no signs of burning in the insulation oyer the 

copper sleeve nor along the penciling of the conductor 
insulation. 

Throughout the high potential test after the first 
nve minutes, internal discharges were clearly heard. 
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although they were rather intermittent and did not The dielectric loss of this joint was very close to the 
mcr^e in frequency or magnitude during the test. same as that of the first joint in the 33,000-volt cable. 
After carefut examination of this first joint in the (See Fig.. 14.) 



Fig. 13—Construction and Dimensions op Impregnated-Paper Joint 
Tlipee-conductor 300,000-cir. mil, roimd type, 33,000 volts 



TEMPERATURE. DEGREES CENTIGRADE 

Fig. 14— Dielectric Loss— Three-Phase Watts per Foot 
vs. Temperature at 33,000 Volts 

First impregnated-paper joint in three-conductor 300,000-round 
conductor 33,000-volt cable 


The following dielectric strength test was made on 
the second joint, three-phase, 60-cycle voltage. 

103,000 volts.60 minutes 

110,000 “ .30 

120,000 “ .30 

130,000 “ 30 

140,000 .30 

150,000 “ 30 

160,000 “ .26 

At the end of twenty-six minutes with 160,000 volts, 
flashover occurred and the test was discontinued. 

Examination of the joint showed no signs of burning 
either in the joint insulation or the filling comppund. 
No internal discharges were heard during the test 



Fig. 15—Construction and Dimensions—Reinforced Paper Joint 
Three-conductor 300,000, round conductor 33,000-volt cable 


33,000-volt cable, a second joint was designed which nor was there any evidence of the joint temperature 

was substantially fhe same as the one just described being higher than that of the cable. 

eccept that the conductor insulation was reinforced The last 33,000-volt joint to be described in this 



Fig. 16—Construction and Dimensions—“Undercut Curtain” Joint 
Three-conductor 300,000 cir. mils, round conductor 33,000-volt cable 

from the cable crotch to the insulation over the copper paper was an “undercut curtain" joint, the construe- 
sleeve. Construction and dimensions were as shown in tion and dimensions of which are shown in Fig. 16. 

This type of joint was somewhat different from any 0 
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Transactions A. I. E. E. 


preceeding joints in both design and assembly. The 
conductor insulation was xindercut by means of a special 
tool and copper sleeves of the same outside diameter as 
that of the insulated conductor, sweated on. The paper 
insulation, which was in the form of a roll of single sheet, 
was spiralled around the conductor and then “wound 


what has been completed to date. Conclusions will be 
drawn only after the work is completed. 

The authors are greatly indebted to Mr. L. R. Hicks 
and Mr. C. A. Mayo of the C. H. Tenney Co., Boston— 
and Mr. Harry Tounge of McGonigle & Tounge, 
Boston—for materials and suggestions made during the 
experimental work. 



20 40 60 80 

TEMPERATURE,OEGREES CENTIGRADE 

Fig. 17—^Dielectric Loss—^Three-Phase Watts per Foot 
vs. Temperatdre at 33,000 Volts 

Undercut curtain joint on three-conductor 300,000 dr. mils, round 
conductor 33,000-Yolt cable 

or tightened until it was as solid and firm as the 
conductor insulation itself.. 

T£e dielectric loss at 33,000 volts at various tempera¬ 
tures are shown in Fig. 17. 


Discussion 

A. P. Thoms: I do not see why so much stross should be 
placed on the dielectric loss in a joint. E. S. Lee, in a paper be¬ 
fore the A. I. E. E. Midwinter Convention^ stated that the 
dielectric-strength test is the most important and the best test 
available at the present time; that indications are that the 
present standardized voltages should be increased and that 
increasing the application of the test two or three minutes is of 
doubtful value. The authors of this paper have usod the stand¬ 
ardized ^electric-strength test with the application increased 
a few minutes, and this test, according to Lee, is of doubtful 
value. 

All the dielectric-strength tests were made at room tempera¬ 
ture. They should be made at maximum and minimum tem¬ 
peratures experienced in normal operation of the cable, and 
should range down to at least 5 deg. cent. 

Accelerated life tests should, in my opinion, be at from 2.5 to 
5 times the rated voltage. A single dielectric-strength test 
not determine whether a joint will be satisfactory in opera¬ 
tion. We should have a test on a joint similar to that required 
on a cable. If the joint is not subjected to, tests to which we 
subject a cable, such as those required by the N. E. L. A. specifi¬ 
cations, we should at least standardize our tests so that we can 
compare them. I do not see why all the tests were not made 
with three-phase voltage. 


±aDie VI gives bxj.^ xcbi/Jiu V 
to that of the origiml cable. 


TABLE VI 

Ratio—Three-Phase Dielectric Loss 
Undercut Curtain Joint to that of the Original Cable 
Three-Conductor, 300,000-Cir. Mil, 33,000 Volt Cable 

Ratio—^Three-Phase 

Temperature Dielectric Loss Joint to 
Deg. Cent. _ Cable 

40 1.30/1 

40 1.33/1 

00 1.34/1 

00 1.68/1 

The following dielectric strength test was made on 
this jomt with three-phase, 60-cyele voltage. 

.60 minutes 


110,000 • 
120,000 
130,000 
140,000 
150,000 


.30 

.30 

.30 

.30 

.10 


At the end of ten minutes with 150,000 volts, failure 
occurr^ appa^tly in the joint. Examination of this 
jomt showed burning at the edge of one of the paper 
m at oae end of the joint. 

as to the behavior of 
f described joints nor have we drawn any 

^ construction. 

This paper is merely a preliminary report of the work 


aiiKii: a joiui, lauB on a rest, It 18 very important that the joint 
be opened and examined in very minute detail. In looking over 
the paper, I could not determine the complete path of carbon¬ 
ization. This seeM very essential, as it affords information 
whereby we may improve the weak points in the joints, either 
by changing the material or by changing dimensions. 

The voltage at which sounds of distress in the joint are heard 
is also very important as this voltage denotes deterioration 
in the joint. This can be taken with a stethoscope or with a 
long paper tube held to the ear. Most of the large operating 
Mmpanies are testing their long transmission lines with a 
kenotron or d-c. test. H the proper ratio between the a-c. and 
d-c. for the cable is 2.4, it may be 1.7 for the joint, and it is very 
essential that we know beforehand that these joints are not 
going tb break down when the line is subjected to the initial 
acceptance test. 

Puritet In giving the results of the last 33,000- 
yolt joint described, Mr. Davis speaks of an "undercut curtain'’ 
joint. The patented Pirelli, three-phase joint, with undercutting 
and tightened paper rolls, is exactly of that type and has been 
used in Europe for many years. A full description of this joint 
may be found in the Electrical Bevim, London, August 10, 
19^, and a further description with the latest improvements 
be published in the Report of the Underground Systems 
Committee, N. E. L. A., to be printed this year. 

^ About 200 of these joints for 35,000 volts have lately been 
installed in Chicago and Boston and it may be interesting for 
you to know some' of the results obtained in the tests in 
the laboratories of companies of tiiis country. The test joints 
TOre all of about the same dimensions as those described by 
Mr. Davis whieh were filled with soft compound and differed 
only in that the lead sleeve was of smaller diameter and the 

Inmiegnated Papeivliisulated. Lead-Ooveted 
Oable, by E, S. Lee, A. I. B, B. Joubnal, February, 1028, page 166. 
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reservoir on top. One joint was tested on three-phase, starting 
at 100 kv. and increasing 15 kv. every 30 sec. At 200 lev., after 
5 sec., flashover occurred at the pothead. The voltage was 
lowered to 183 kv. and after 5 min., failure again occurred in the 
pothead. No sign of failure or carbonization was evident in the 
joint. 

Four other joints of the same type were tested on single-phase, 
one conductor against the other two, with the lead at the middle 
point. The voltage was applied, starting at 120 kv. and in¬ 
creasing 10 kv. every 30 see. One joint failed at 190 kv. after 
21 see. because of moisture in the compound. The three other 
joints withstood the test potential of 200 kv. (the maximum 
pressure available) without evident trouble, and all failures 
occurred in the potheads as follows: after 20 min. at 200 lev. for 
the first; after 20 min. 15 sec. for the second; and after 20 min. 
5 sec. for the third. No signs of carbonization were found in 
the joints. 

Tests of the three conductors in parallel against ground were 
also made on three other joints with failures of the joints at 
voltages corresponding to 225,000, 242,000 and 225,000 volts, 
delta pressure. 

In a long-time test run in single-phase, 100-kv., one phase 
against the other two and the lead at the middle point, another 
joint was perfect after 18 hr. and 18 min. when the cable failed 
at a bend, duo to excessive increase of temperature of the dielec¬ 
tric. Of course, after this test some leaf-shaped carbonizations 
were found on the conductors aU along the cable and in the joint, 
and these carbonizations showed on about 15 of the outside 
layers of the conductors, especially due to the single-phase test, 
but the carbonizations in the joint were not so deep as carboni¬ 
zations on the cable. 

The cables on which the test joints were made were either 
three 350,0(X)-cir. mil. or a three 300,000-cir. mil., 36,000-volt, 
round conductor, 8 X 4.5/32-in. insulation, in. lead and 3-in. 
over-all diameter. 

F. A. Brownell: The authors touch upon a vital point when 
they state that extreme care should be used in assembling the 
joint. We believe that is at least 50 per cent of the battle, and 
that the balance is in the right combination of materials entering 
into the joint. 

From our experience with the right combination of low-dielec- 
fcric-loss materials, we have found that the joint under stress is 
cooler than the cable. No actual temperature data are at hand, 
but in one case, after 13hr. at 105 kv., the cable and joint were 
examined and while the cable was actually hot, the joint was at 
only slightly higher than room temperature. 

If the theory of graded insulation is sound, then we are not 
following the correct principle by wrapping varnished cambric 
upon paper of a lower specific inductive capacity, as this will 
place a higher stress upon the penciled surface. By plotting 
voltage-gradient curves using a specific inductive capacity of 
3.5 for paper and 4.5 for varnished cambric and taldng a point 
a in. back on the penciled surface of the paper, we get a 
voltage gradient of 12 kv. per cm. more than if paper had been 
used for insulation. 

We made up two single-conductor joints with stepped insu¬ 
lation and with the same thickness of insulation in each case; 
we wrapped one joint with varnished cambric and in the second 
paper was used. 

Failure in each case was at 190 kv. and the surface of the 
stepped insulation was badly burned. Then we were at loss to 
know whether this was due to reverse grading or to voids, due 
to the fact that it is practically impossible to obtain a tightly 
wrapped joint with paper. The one advantage in ^e use of 
varnished cambric is that it makes a tighter wrapping. 

It might be of interest to compare two joints we made, similar 
in design to joint No. 3 except that we used a special material 
for wrapping over the connector to a level of the factory insu¬ 


lation and then wrapped paper over this, giving the same thick¬ 
ness of insulation as in joint No. 3. 

Tests made on these joints with single-phase voltage are as 
follows: 100 kv., 4 hr.; 120 kv., 2 hr.-45 min.; failure in crotch 
of joint. 

On the second joint, we held 80 kv. for 4 hr. and raised the 
voltage 10 kv. each hour. After 13 min. at 130 kv,, failure 
occurred in the end-bell. This was repaired and when voltage 
was rapidly applied, failure occurred at the same place at 160 
kv. The ends were again cut back and failure occurred again 
in the end-bell at 166 kv. 

While the second joint did not fail, it showed signs of high 
stressing. The surface of one conductor at the edge of the belt 
was charred and the petrolatum had changed in color with 
particles of carbon throughout. In. neither joint were there 
signs of charring along the surface of the stepped insulation. 

Our experience has been that we could get higher breakdowns 
with a stepped joint and we have found that the average cable 
splicer will make a better and more uniform stepped joint than 
penciled joint. 

We have examined joints that have been in service for a num¬ 
ber of years and found that where they had been penciled very 
uneven surfaces were left to tape ovetr. 

In the first 33-kv. joint, the failure and signs of distress near 
the edge of the belt showed plainly that this was due to the 
tangential stresses at this point. In the second joint the insu¬ 
lation was extended back to the crotch and as this joint did not 
fail, we are led to believe that this is due to the added insulation. 

I cannot conceive of overcoming tangential stresses by adding 
more insulation, but would rather borrow Mr. Ely’s idea (and 
this was done) of using an electrostatic shield to overcome the 
tangential stresses and smooth out the voltage gradient at the 
edge of the lead sheath. In fact, by using this and some slight 
refinements, we have developed a joint that is apparently 
stronger than the cable. 

In the final joint, the use of the Cleveland idea of undercutting 
the insulation and extending the connector to the level of the 
factory insulation is no doubt good, but it is limited to round 
conductors. 

From our observation of splicing cable in the field we could not 
conceive of using a paper roll on three-conductor cables, for it is 
seldom that the three conductors can be brought out on a plane 
and a tight wrapping cannot be obtained. 

As the authors have drawn no conclusions from their experi¬ 
ments, we are tempted to advance the following for them: 

That with varnished-cambric wrapping and the joint fiUed 
with a hard asphaltum compound, the dielectric strength on 
short-time breakdown is high, but on life tests at high potential, 
a weU wrapped paper joint filled with petrolatum will give a 
higher breakdown. This is perhaps accounted for by lower 
dielectric loss. 

That the difference of tests between the joints shown as Figs. 
13 and 15 could be accounted for in workmanship. 

To sum up, we have concluded from our experimental work 
that for a 33-kv. joint (a) the material entering into the con¬ 
struction of the joint should in characteristics approximate the 
material in the cable; (6) we cannot get a tightly wrapped joint 
with impregnated paper and we have substituted a material with 
the same characteristics but more pliable; (c) tangentisd stresses 
at the termination of the lead sheath should be taken into con¬ 
sideration and it is believed that they could be overcome by 
the use of static shields or by the proper slope of the lead sleeve; 
(d) to get a well-filled joint, it must be filled under pressure and 
(fi) the education of the splicer is very essential. 

The only apparent objection to the use of petrolatum in 
fifiing joints is duo to migration of the oil from the joint and this 
we believe could be overcome to some extent by using a petrola¬ 
tum with a higher viscosity than possessed by that used at present 
and still having approximately the same dielectric strength. 
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Regarding Joint 13, Mr. Crowder asked us if we didn*t believe 
that, due to the fact that he has added more insulation, he has 
given a higher dielectric strength to that joint? I don’t believe 
so. We made up joints of different thicknesses of insulation. 
In two cases I recall we made up joints with 40 per cent more 
insulation than used on the cable; in another case, 65 per cent 
more, and by some peculiar coincidence, the joints with the 
most insulation failed at a lower voltage. If we plot a curve 
between voltage gradient and distance from the conductor we 
would find that we would get what could be likened to a satura¬ 
tion curve, or a point out from the conductor at which there is a 
very small voltage gradient—^in fact practically no stressing,— 
and from the little work I did I should imagine that they had 
just about reached that saturation point, or perhaps extended 
beyond it. In other words, they had more paper than they 
actually needed. 

C- F. Hanson: In witnessing a dielectric-strength test on 
cable splices recently, I observed a phenomenon which, in my 
opinion, requires consideration. 

The cable with the splice was bent into Ihe form of a horse shoe 
and rested on wooden blocks supported by two I-beams laid 
across the top of a tank with the cable ends dipping into trans¬ 
former oil in the tank. Between the sheath of the cable and the v 
I-beam was an air-gap about 1 in. long. 

The voltage was applied in steps and at each step the voltage 
was maintained constant for a given period of time. When the 
voltage reached a certain value a train of electrical discharges 
would occur intermittently across the air-gap. Coincident with 
these discharges, bubbles in the transformer oil would rise from 
the end of the cable. As the voltage was further increased, 
these intermittent discharges would generally cease for a while. 
Then later on, when the voltage had been increased stiU further, 
these discharges would again occur but with greater intensity. 
They would grow more violent until complete electrical break¬ 
down occurred either in the cable or in the splice. 

The phenomenon to which I alluded is the first train of dis- 
e^ges across the air-gap in conjunction with the bubbles 
rising in the transformer oil. The only* logical explanation for 
this phenomenon which I can give, is as follows: 


The discharges must have a high frequency in order that the 
impedance across the air-gap may be less than that of the return 
wire to the transformer. The thing which caused these high- 
frequency surges must have been a disturbance in the electric 
circuit. One source of disturbance is a surface discharge in the 
splice along the penciling of the original cable insulation. After 
a number of these surface discharges have occurred, the com¬ 
pound, which in this case was petrolatum, would have been 
heated locally and sufficiently to permit the compound to flow 
into the discharge path and temporarily oppose further dischar¬ 
ges. The local heating would, of course, expand any air which 
might be present. The increased pressure could be relieved 
at the end of the cable, causing bubbles to rise. With further 
increase in voltage, the dielectric stress may become sufficient to 
expel the compound which had flowed in, when discharge would 
again occur. If the stress is sufficiently great to prevent the 
compound from flowing back into the path of discharge the 
sph^ will finally break down completely with a mass of car¬ 
bonized compound. On the other hand the surges may breaJc 
doim the cable insulation before enough compound has become 
oarbomzed to form a complete short circuit in the splice. 

A TObsoquent examination of one of the splices seems to sub- 
^tiate ae foregoing explanation. Apparent^, this spHoe 
had not failed but the cable had. Hourever, upon diBaantiTig tiie 
sphTO, SIX layers of the original insulation and eight layers of the 
apphed insulation we badly charred. Also a coLiderable 
amount of petirolatum was charred. 


B the foregoing reasoning is correct then the breakdo 
voltage of a sphoe is that obtained when the first electri 


disturbance occurs and not that obtained when a complete 
short circuit occurs. When the first disturbance occurs, the 
splice has become a menace in the electric circuit because 
it produces disturbances which are hazards to other electrical 
equipment in the circuit. 

When reporting tests of splices it is frequently stated that the 
cable fails before the breakdown voltage of the splice is reached. 
If, however, the tests are interpreted as above suggested, it will 
probably be found that the splice has failed first. 

C. F. Hood: The purchasers of high-tension cable have kept 
the manufacturers so busy in trying to meet their demand that 
the efforts which we have put forth in developing joints have 
followed somewhat behind the effort put into the development 
of cables. 

In attempting to develop a joint which we feel can be recom¬ 
mended to the users of high-tension cables, we are now con¬ 
ducting a series of experiments similar to those outlined by 
Mr, Davis. 

So far it appears that we can produce a wrapped joint wliich 
will be as good as the cable for which it is intended. We have 
made some experiments on wrapped joints in comparison with 
the so-called patented joints, and so far the wrapped joints 
have shown themselves to be considerably better than the type 
of joint built up with a barrier insulation. 

Along these lines, I don’t think that wo can stress too sti’ongly 
the necessity of having the jointers appreciate just what work 
they are trying to do. If they are not men who realize the 
importance of detail and following that very closely, as already 
pointed out, a good joint can be spoiled by a poor worlanan. 

I think that a great deal can be gained by much closer co¬ 
operation between the manufacturers of the cable and the users. 

A. H. Kehoe: The paper infers that due to the existing 
situation in joint design satisfactory operation of high-tension 
cable systems cannot be assured, I believe that satisfactoiy 
joints are now in operation on cable systems of all voltages for 
which we have been able to obtain cables. For ordinary joints 
we know that adequate factors of safety exist. For the high- 
voltage joints the factors of safety can only be estimated as we 
do not have good enough cable to test these properly. 

The authors divide the essential properties of a good joint into 
three classes. We believe that simplicity of design is by far the 
most important element in comparing successful types of joints 
in service. 

To further decrease the dielectric loss obtained with any practi¬ 
cal joint today is not highly important, as cables in ducts run 
at a higher temperature than cables in manholes, so that the 
limiting condition is the heat of the cable in the duct. 

Short-time applications of extremely high voltages may 
set up conditions not duplicated in actual service as certain 
types of dielectric have a high voltage-breakdown value for 
short-time applications, while other types do not. Results in 
practise at normal stress may thus give opposite results from 
such tests. In selecting test values it is important to ascertain 
whether the particular materials tested are stressed beyond 
their known breakdown values, rather than to make a large 
number of different joints some of which only demonstrate this 
breakdown limit which could have been positively predicted 
before the expense of testing was undertaken. The high-voltage 
accelerated-life test provides an important element of time 
saving in making tests but results are not directly comparative 
between varying types, as to normal voltage operation, partic¬ 
ularly if high-voltage short-time values are used as is the case 
in these tests. 

I bdieve that the essential element in cable joints and in 
<^ble installations is simplicity of design. From it, uniform 
results are most likely to be obtained. The greatest difficulty 
I have experienced in making joints is to be certain that all of 
^em are tight, that is, that they are all waterproof. It is 
important in order to accommodate existing structures that a 
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short joint be used. This same condition causes many com¬ 
panies to use sector cable and it is more difficult to obtain a 
joint with proper factors of safety on sector cable than on round- 
conductor cable. Simplicity of design also makes it easy to 
eliminate voids. I believe that many of the joints tested failed 
because of voids in the filling compounds. Testing a few joints 
all of different types or even a few joints of one type does not give 
a definite indication of the factors of safety unless they all 
target very closely to the same value on the test curve. 

I should like information from the authors as to how they 
handled the end-bells in testing. The paper infers that dielectric 
loss was obtained first on long cable lengths averaging so much 
per foot, and any increase was attributed to the joint. It is 
not clear hoAV the dielectric loss of the end-bells was accounted 
for. 

We have had several thousand joints of the fourth type 
tested by the authors, operating successfully at 28 kv. for over 
two years, and several other operating companies have had 
similar experience with this joint at similar voltage. The 
uniformly successful operation obtained with this type of joint 
for installation up to 33 kv. would not be predicted from the one 
joint tested. 

In testing Iho first four types of joints, the dielectric strength 
to ground was tested, as three-phase potential should have been 
used to obtain the comparable results with the last three joints 
made from round-conductor cable. The initial voltage applied 
to the first four was equivalent to 130 kv.in so .far as failure to 
ground was concerned. Certain of the joints tested have factors 
of safety to ground which are slightly lower than failure between 
phases, as this makes the best operating type of joint. The 
failure of No. 4 joint by puncture of the factory-formed insulator 
is the second case which has come to my attention; in the first 
one the workman did not understand the assembly of the material 
and the joint was poorly made with large voids existing in it. 
From the internal discharges reported on this test I judge that 
some similar phenomena occurred. 

In discussing the last three types of joints tested it is well to 
emphasize the practical advantages in using a short-length joint 
where proper factors of safety can be obtained. It is evident, 
however, that the longer the joint the more reliable it will be in 
operation regardless of its typ§. 

The method of accelerated-life testing is important in com¬ 
paring results published by other authors. For instance, this 
is the first case which has come to my notice where thirty 
minuU)s per 10 kv. change has been used instead of increments 
of one hour for 10 kv. As there has been considerable doubt 
expressed in the past that even the one-hour increment gives 
proper comparative results for various types of joints, we believe 
that testing of this character should be longer and reduced 
voltage values used. Such a test method is more expensive but 
gives a better indication of the service results that are likely to, 
be obtained. 

The seventh joint of the so-called “ourtain-roir' type is one 
with which Ave have had successful experience on a single-con¬ 
ductor 44-kv. installation. The joints are but 20 in. long, al¬ 
though the stresses are approximately the same as those tested 
by the authors on a 36-in. structure. This construction pro¬ 
duces simple joints of uniform workmanship for round conductors, 
as long as they are straight, but it cannot be applied to sector 
conductors. 

C. A. Adamis: As yet we know practically nothing about 
the fundamental nature of dielectric phenomena. There ^e 
several hypotheses and much superficial misconception. As 
yet, we don’t know even what are the significant variables with 
which we ai*e concerned in this field. Moreover, much of the 
so-called “practical research work,” which has been done bit by 
bit here and there without coordination is likely to be not only 
useless but in some cases actually misleading. 

If manufacturers and users of instilated wires ap.d cables and 


of other insulated apparatus would cooperate in a comprehensive 
research into the fundamental nature of dielectric phenomena 
at an expense to each which would be extremely modest as 
compared with the probable value of the results, there would be 
some hope of solving this most important problem. In such an 
undertaking, it would be necessary to enlist the assistance of the 
ablest physicists and chemists in the civilized world, but for 
work of this kind such assistance can be obtained at relatively 
small expense. 

I have been endeavoring to start such a movement for the past 
seven years and a small start has been made by the organization 
of the Insulation Committee of the Engineering Division of the 
National Research Council, this Committee being also attached 
to the Research Committee of the A. I. E. E. But it is only 
recently that some of the users of cables are being forced to 
realize the need of such fundamental research. 

^ L. A. Zima (by letter): The authors start out with an assump¬ 
tion of “Suitable Cable.” This is a broad assumption to make 
for high-voltage cable, considering our limited operating experi¬ 
ence ^ to date. They further state that high-voltage cable 
jointing must receive considerable attention in the near future. 
Perhaps, from the manufacturer’s standpoint, this is correct; 
but the cable iiser has given a great deal of attention to this 
problem ever since high-voltage cable has been manufactured, 
and has had reasonable success. This success is based on long 
practical experienco following long tedious research work on 
experimental joints. Work along this line has been somewhat 
retarded waiting for the cable manufacturers to make suitable 
cable. 

I rather question the three essential properties mentioned,. 
Simplicity of design is certainly to be desired but it is not an 
essential property. 

High dielectric strength is desirable but this does not neces¬ 
sarily mean very high instantaneous breakdown voltages or on 
short-life test. It is possible to make up a joint to give very 
high dielectric strength on instantaneous voltage application, 
but which will fail utterly to give satisfactory results in normal 
operation. 

Dielectric loss, as low as that of the cable, is not an essential 
property of a cable joint. Due to the lai’ge radiating surface of 
the joint and the large volume of surrounding air in the manhole, 
the cable joint is at a much lower temperature than the cable 
inside the duct line. 

The essential properties and requirements of a satisfactory 
cable joint are as follows: 

a. Proper design, keeping the voltage gradient of all points 
in the joint within proper limits. 

b. Materials of good quality, having high dielectric strength, 
with an specific induction capacity of relatively the same value 
as that of the cable. These should not vary in normal operation. 

0 . Workmanship of the highest order. 

The voltage tests made on the various joints were of com¬ 
paratively short duration, lower values and longer time Avould 
be more desirable and would more nearly approximate service 
conditions. 

My attention is particularly directed to the electrical character¬ 
istics of Joint No. 4. Of the seven types of joints, the author 
finds this one to be the poorest of the lot as it has the lowest 
dielectric breakdown value. The reason for this, it seems to me, 
is not that of design but rather the general method of construc¬ 
tion, especially of workmanship. The materials were not properly 
assembled and the filling probably faulty. 

There are many of these joints in operation and they are 
giving satisfactory service. If properly assembled, using good 
material and with high-grade worlonanship this joint will give 
a dielectric-breakdown test value, instantaneous and accelerative 
life, equal to that of the cable. 

The Brooklyn Edison Company has had a large number of 
these joints in service over a year,—^probably from 2600 to 3000, 
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—and the operating results have been satisfactory. Refine¬ 
ments on these joints have continued, slight changes made in the 
construction, strengthening the weakest points, properly training 
the splicer for this type joint, and maintaining close supervision 
to insure high-grade workmanship. 

A number of joints constructed with these refinements are now 
under test. The result of the first eight joints is as foUows: 

Tests on Joints in Sector Cable. These were three-con¬ 
ductor 350,000-oir. mil, sector cables with 20 X10/64-in. 
paper insulation, 9/64-in. lead. Tests were made with three- 
phase, 60-cyele voltage. 

On all the joints except No. 1 the voltage was started at 70 
kv. between phases and increased in 10-kv. steps remaining 
constant for one hour at each step. At 120 kv., voltage was held 
constant until breakdown occurred. 

Joint No. 1 was subjected to 60 kv. for 405 hours before it was 
raised to 70 kv., after which the test was identical with those on 
the other joints. 

Hours at Total Hours 


Joint No. 120 Kv. on Test 


1 3.1 413.1 

2 6.4 11.4 

3 6.4 11.4 

4 7.2 12.2 

5 7.8 12,8 

6 5.3 10.3 

7 4.3 9.3 

8 6.0 10.0 


The failures occurred at 120,000 volts after a number of 
hours as shown. Examination showed the following: 

Breakdown between conductors at sharp bend in conductor 
insulation near cable crotch. 

Failure between conductors at porcelain spacer due to jam¬ 
ming and breaking conductor insulation. 

' Breakdown at edge of belt insulation due to sharp bend in 
conductor insulation. 

A number of failures in cable crotch of the prepared cable ends. 

These tests are a fair measure of the dielectric breakdown 
voltage values of the cable joint on a long-life test at compara¬ 
tively high values. 

As experience has demonstrated the value of long accelerated 
life tests to determine satirf^tory cable, the same holds true 
for cable joints. 

I would recommend that a standard method of long accelera¬ 
tive life tests be set up so that a direct comparison can be made 
on joints and cable of different types of construction as made by 
various manufacturers or operating companies These tests 
should then be supplemented by simi ar tests, using d-c. voltage 
instead of a-c 

G. J. Crowdea: The work on joints, when completed, will 
comprise the construction and testing of about twenty joints. 
The following are results of tests on five more joints which may 
be of interest. 

A duplicate of the varnished-cambric joint (see Fig. 3) was 
constructed with No. 00, 9 X 6/32 in. paper-insulated cable 
having round conductors. This joint had the same high loss 
characteristics as the previous varnished-cambric joint* The 
dielectric strength of this joint was quite high as shown by the 
following table: 

3-Phase, 60- Time 

Cycle Kv. (Min.) 


92.6 60 

110 30 

120 . 30 
130 30 

140 28 to failure 


The failure occurred between conductors about 4 in. from 
the edge of the belt. There was no evidence or charring or 
burning along the penciling. 

Two joints were next built on 250,000-cir. mil. round-type 
cable with 9 X 6/32-in. of impregnated-paper insulation de¬ 
signed for 25 kv. working pressure. The construction of the 
joints was identical with the previous 25-kv. penciled paper 
joint (see Fig. 5) with two exceptions, (1) the length of penciling 
was increased to 2 in. and (2) each conductor was reinforced back 
to the crotch of the cable. One joint was filled with a standard 
hard filling compound and the other with petrolatum. 

The loss in the joint with hard filling was considei’ably higher 
than the loss in the petrolatum-fiUed joint, at working voltage 
and a temperature of 80 deg. cent., the ratio being about 2 to 1. 
In dielectric strength there was practically no differetice: 

Hard Petrolatum 
3-Phase, 60- filling filling 

Cycle Kv. Time (Min.) Time (Min.) 


92.5 

60 

60 

110.0 

30 

30 

120.0 

30 

30 

130.0 

30 

30 

140.0 

30 failure 

24 failure 


The failure in both joints occurred at the edge of the belt 
insulation between conductors. There was no evidence of 
burning along the penciling. 

The next two joints were constructed using 300,000-eir. mil. 
sector-type cable, with 9 X 6/32-in., impregnated-paper insulation. 
These joints were identical with the previous penciled paper 
joints described in the paper (see Pig. 3), with two exceptions, 
(1) the penciling was increased to 2 in. in length, and the built-up 
insulation was carried farther along the conductor for a distance 
of about 2 in. , The conductors were not reinforced to the crotch. 
One joint contained hard filling compound and the other petro¬ 
latum. 

Here again the joint with hard compound showed much higher 
loss characteristics. The slope of the loss curves with both volt¬ 
age and temperature was considerably steeper in the hard- 
compound joint than in the petrolatum-fiUded one. 

The dielectric strength of the hard-compound joint in this case 
was somewhat greater than the petrolatum joint as shown in the 
following table: 

3-Phase, 60- Hard Petrolatum 

Cycle Kv. Pilling Filling 
Time (Min.) Time (Min.) 

92.5 60 60 

100.0 30 12 failure 

120.0 30 failure 

The failures on both of these joints were between conductors 
at. the end of the tape-on insulation. Severe burning was 
evident along the penciling in each case. 

There is one striking fact evident from the tests on the last 
four joints and that is the difference in dielectric strength between 
the sector-type cable joints and the joints on round cable. 
The joint construction is identical except that there is no rein¬ 
forcing on the sector-cable joints. Yet, on the round-type cable 
joints it was possible to reach a voltage of 140 kv. and hold 
this stress for considerable time. On the sector-cable joints, 
120 kv. was reached on one joint and 110 kv. on the other. The 
failure on the sector-type joints followed the penciling. 

It does not seem possible that the reinforcing of the conductor 
to the crotch (which was the only difference between the two 
types of joints) could accotmt for the great difference in dielectric 
strength. 

E. W. Davis: We quite agree with those who have discussed 
our paper, that dielectric-strength tests should be standardized, 
but we are nqt ready to accept such tests as the sole criterion for 
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the value of au insulating material. Of all the eleetrical tests 
that we made on the various types of joint, we found that the 
dieleetrie-loss test was the most sensitive, and that it gave the 
most consistent and conclusive results. Experience has shown 
that a joint designed for normal dielectric strength and low 
dielectric loss will stand up better under severe operating con-' 
ditions than one with high dielectric strength and high dielectric 
loss. 

All the joints tested were opened and carefully examined and 
photogi’aphic records made of the paths of carbonization. A few 
of the joints were tested with radio apparatus installed in the 
ground circuit, and the tests stopped at the first signs of internal 
discharge. It was from a careful study of the paths of carboni¬ 
zation that the weak spots in the cable joints were found and the 
design changed so as to eliminate them as far as possible. 

We have not discussed the question of worlananship in this 
paper. A poorly designed joint will not give satisfactory results. 


even though the workmanship is perfect. All of the joints tested 
were made by the same man so that the quality of workmanship 
was undoubtedly the same in all oases. In none of the joints 
that we opened and examined was it possible to say that 
the cause of the failure was due to poor workmanship. 

Unfortunately, when the earlier work was done on the joints, 
we had only single-phase voltage available. Some of this work 
has been repeated with three-phase voltage with substantially 
the same results. Dielectric strength tests at high and low 
temperatures, show very little variation, especially if the results 
are comparative. The joints that show the higher dielectric 
strength at low temperatures, invariably have the higher dielec¬ 
tric strength at high temperatures. 

We feel that the proper design of a joint to be put into a cable 
installation is well within the province of a cable manufacturer, 
but that the question of workmanship is a matter with wliirdi 
the operators should deal. 


Predetermination of Self-Cooled Oil-Immersed 

Transformer Temperatures Before Conditions are Constant 

BY W. H. COONEY* 

Associate, A. I. B. B. 


Synopsis,—The tetnperalure rises of dynamo^electnc machines, 
in changing from one steady thermal state to another, follow an 
exponential law of the form 1 — where I/jS is the thermal time 
constant, or the time required to attain 63. 2 per cent of the final 
change in temperature rise, ft is shown here that while the winding 
temperature rise over room of self^cooled oil-4mmersed transformers 
follows this law only after a certain time has elapsed, quite ac’^ 
curate results may he obtained by calculaling the time4emperature 
curves of the top oil temperature rise above room, and the winding 


Introduction 

HILE it is of interest to know the tength of time 
necessary for a transformer to attain its final 
winding temperature rise at rated load, it may 
sometimes be desirable to know how long an overload 
may be carried, without exceeding a safe winding 
teinperature, starting at room temperature or at any 
constant temperature rise less than that due to normal 
load. 

For instance, it is required that railway trans¬ 
formers be tested at a load of 126 per cent or 150 per 
cent for two hours, starting at the temperature rise 
due to normal load, without exceeding a winding 
temperature rise over room of 60 deg. cent. This 
sort of test does not indicate how long the overload 
could be carried starting at some other initial steady 
state, such as room temperature. 

To intelligently load the transformer, the operating 
engineer should have either the results of tests made 
under the various load conditions or the thermal time 
constants^ for the different load and initial conditions 

1. General Electric Co., Pittsfield, Mass. 

2. The reason the value of the constant changes for difierent 
loads is because, as shown later, the temperature rise of self- 
cooled transformers for constant conditions is never proportional 
to the loss but to the loss raised to some definit power. 

Presented at the Regional Meeting of Diet. No. 1, Swamp- 
scott, Mass., May 7-P, 1926. 


temperature rise above top oil separately, since each follows the 
above exponential law quite closely, then adding them together to get 
the winding temperature rise above room at any time before condi¬ 
tions are constant. A procedure is explained in detail for calcula¬ 
ting p,for either the top oil rise or the winding rise above top oil from 
the weights of materials the iron and copper losses and the winding 
and top oil constant temperature rises at any given load. Compari¬ 
sons of temperatures by test and calculation are presented. 

He * ' 


for a given transformer. Of course, the most accurate 
results can be obtained from tests, but it is obvious 
that this method has its disadvantage in that it is not 
practical to make tests under all the various conditions 
under which the transformer might be required , to 
perform. It is, therefore, highly desirable to be able 
to calculate the time constant, or constants, as the ease 
may be. 

In a recent paper* a method of calculating the time 
constant for machines where the parts generating heat 
(windings and iron of a generator, for example) are not 
thermally independent and the temperature rise is 
proportional to the loss, was outlined. It was shown 
in this paper that the winding temperature rise above 
room followed an exponential rise with time such that 
the ratio of temperature rise, at time, t, to final tem- 

.( 6 \ -L 

perature rise ^ j could be expressed by 1 - e ^, 

where t is a time constant which can be determined 
graphically from the tested time-temperature rise 

curve. It was also shown that the value (1 ~ ) 


3. Eenaelly: Thermal Time Constants of Dynamo-Electrio 
Machines, Presented at Midwinter Convention, New York, 
Feb. 9-13,1925. 
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which is equal to « , could be plotted as a straight 

line against time on semi-log paper. 

During the discussion^ of the previously mentioned 
pa^r, it was pointed out that in an oil-immersed self- 
cooled transformer, the windings are separated from 
the core by an appreciable amount of insulation and 
oil, so that the windinp may for all practical purposes 
be considered thermally independent of the rest of the 
transformer. Although the top oil temperature rise 
and the winding temperature rise above top oil may 

each be plotted in terms of (1 - ) as a straight 


the final values of the two rises do not vary at the same 
rate with change in load. 

It has been found® that both the top oil rise of tlie 
usual self-cooled transformer and horizontal disk coil 
rise over top oil vary with loss approximately in ac¬ 
cordance with the formula; 

d = A:P«-8 (Ij 

where 6 is the temperature rise, A is a constant in which 
area of dissipation is one factor, and P is the loss. 
Temperature rises of vertical coils over top oil vary 
between the 0.9 and the first power of the loss, and can 
be expressed close enough for practical purposes by: 

6 = kP (2) 


line on semi-log paper,_ the sum of the two, or winding 
temperature rise above room becomes a straight line 
only after the winding temperature rise above top oil 
has become constant. Moreover, the latter, when 
continued back as a straight line, does not pass through 
the origin. 

The object of this discussion is to present a method, 
based on treating the winding temperature rise above 
top oil and the top oil temperature rise separately, 
whereby the winding temperature of a transformer can 
be calculated at any time after a change in load has 
occurred following a steady state. This m.ethod re¬ 
quires a knowledge of the weights of the materials in 
the transformer, the.copper and iron losses, and the 
constant top oil and winding temperature rises above 
room for some given load such as that required in the 
acceptance tests. 

It is not claimed that this formula is absolutely cor¬ 
rect, since the first expression, Eq. No. 3, in its deriva¬ 
tion, as pointed out later, is intended to cover not only 
wnding temperatme rise over top oil, but also the top 
oil temperature rise above room. However, it should 
be accurate enough for most practical purposes, as an 
inspection of Pigs..5 to 10 will show. 

Pinal Tempbeaturb Risbs 

In order to calculate temperature rises before con- 
dition^ are constant, it is, of course, necessary to know 
the find rise which would be obtained if the load were 
maintained until conditions become constant. For¬ 
tunately, the final rise for any assumed loss of most 
transformers can be estimated fairly accurately, espe¬ 
cially if the rise for some pven loss is known. 

In the following exposition, the winding temperature 
rise above room temperature is separated into two 
p^ts: top oil temperature rise above room and Winding 
rise above top oil. There are two reasons for. this 
distraction: 

In the first places due to greater thermal capacity, too 
oil temperatime rise, following a change in load, requires i 
approamtely as many hours to. become constant as 
the wmdin g nse over oil requires minutes. Secondlyi 
4. By V, M. Montsinger. ' 


i<ormula (1) is shown for convenience on log-log 
paper in Fig. 1. A reference to this figure malces the 
distinction between top oil rise and coil rise over top oil 
more readily apparent. Assume that with a ratio of 
copper loss to core loss of 1:1 the final coil rise over top 
oil is 10 deg. cent, and the final top oil rise is 30 deg. 
cent, at some given load. If, due to an increase in 
load, the copper loss is doubled, the coil rise over top 
oil according to equation (1) for a relative loss of 2 
becomes 1.75 X 10 deg. cent. = 17.5 deg. cent (and 
according to equation (2) becomes 20 deg. cent.) but 
the relative watts loss for top oil rise, since core loss 
remains constant, is (2 H-1)/(1 -f-l) = 1.6 and the 
rise (Fig. 1) is 1.38 X 30 deg. cent. = 41.4 deg. cent. 

By means of equations (1) and (2) the final tempera¬ 
ture rise for any load can be found provided the rises 
are known for some definite load and the corrections 
for ^ change in resistance from one temperature to 
another are made. 

Incrbasb op Tbmperaturb Rise with Timb 
^It is a well-known fact that temperature rise varies 
vdth time according to the exponential curve as shown 
lu Fig. 2, Immediately after the generation of loss 
in the body under consideration has begun, the tem- 
p^tme rise increases rapidly, since at first it is not 
sufficient to dissipate any loss, and, consequently, 
I^actically ^ the loss is stored. Aa the rise increases, 
the dissipation to the surrounding medium (oil or air, 

M the case may be) increases, until finally heat storage 

^ been completed and all the generated loss is 
dissipated. 

If the initial generated loss is W before the tempera¬ 
ture nse has begun, the generated loss at time t and 
temperature rise 6 for a constant current can be ex- 
prespd M If (1 -f a d) where a is the resistance coefli- 
cient of copper. The loss stored at time t is 

de 

^ dt ’ ^ thermal capacity of the body 


being heat ed. The loss dissipated can be expressed 

f Barometrie Pressure on Tempera- 

CEEMNos A Stationary Induction Apparatus. Pno- 

Diwas A. I. E. E., Vol. 36. pp. 461-478, April, 1916. 




►xiinati'ly l>y l\ (L u^lultifilyini!:fluMnilialloi^sby 
rurn’ft itiii is nnt strirtly fornH*! wlion using 
»nnul:i fur nil art* risi*, simu* rnn» lass may 

(i(M*ri‘ast‘ slii^luly with U‘inpiTalurc. lUil fi* 0 is 
ly af \ tu* unitn’ of lo ov :ii» pt/r com. ami (‘oppcr loss, 
ialty for fm-rloabs. is sovnral tiim‘s as laris^ as tlu‘ 
OSS. M) ilmi no grt^a! terror is I’anstMl. If <r wore 
pliiul li\ ilio rcUin til ropp(*r Itiss to (.olal loss, 
iltl ro.siib Util tmly in a ftimplifaUMl t*t|ua(ion, l)iit 
ho y til a st^paraltMim*. fortiil lop ((»mp<»ra- 

*iso 

iiatiuo flio l*i:.s gom*raiotl It) (lu* Itiss sLoivtl and 
ahMlai tiiut*/ant! it»mpt*rat un‘rise I htMHpialion 

lt‘tl i:: 

it 0 

W \ ' t i fh f * I , s K H {31 

if / 
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ml, or fill* lime neoessary to attain (5*1.2 per cent 
il rise: 

1 ih 
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hi* binary f um* I'onslanl': 
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' is fxprc:^-s»*fl in minutes uikI U' in waffs, n»r 
tu' rise uvf>r to}} oil 

<' 11>. nf hare oupi«-T i6i 

A ami rt are the insulfded and bfire crtiss- 
II,s of eonduetor in the windinjjs, resfieel ively. 

lop nil lemperalure rise over room, when / i.s 
ised in hours and H' in watt s, 

.‘1.5 (lb. (4»iJpcT i lb. Core i 7.1 lb. 'I'ank) 

4 b() tt Jallons of Oil) 

....—.- ■ ' (7) 

60 

•e the ealeulation of € is of great importance in 
lef hod, it may be of interest to .show the reasons 
'j alKj\"e values of the constants. 

% g. .s. units, the following value.s of specific heat 
5.suniC!d ctmstant for all Icmperatures, although 
actually is a .small variation, which may be 
■ted for the ranges of tempffrature considered. 


Speeifiii Heat (!opper - 
Specific H(‘at Iron =• 0.115 
Specific Heat Oil -- 0.4T 

'J’he thermal <aipacily may he expre.s.sed in more 
practical units: 

( ■o]>per 2.0(5 watt inimiU's pm* pound per dei!:. eent. 

Iron :>.(5 watt ininuU's jht ikhiikI per d(‘g. eeni. 

Oil 105 watt minutes per 0. S. gallon f»er 

deg. rent. 

If. is apparent that all the oil in u tran.sformt*r is not 
heateil to f.he .sjune U'lnpendure us the top oil for t he 
rea.soti l.hat the (.emperat ure at the botb»m of f.lm tank 
is enoli'r Lium at tlie l.oj). The ratio of mean to maxi¬ 
mum i.ein})eruture in the gradients of seH'-eooIisI tank.s 
range.s from about 75 |)er eent f<i 05 p(?r cenl, dejMSidine; 
on the rlesign. A.ssuming an uveragi* of I hese figure.s. 
or :il)ouf S(5 per eent as a represenfative ligun*, f he 
eon.slant for oil then beeoini's 0.8(5 >, 105, or 00, as 
shown in formula (7). 

A .similar line of n*asoning apjdies (o the tank, 'fhe 
base of (he (ank, I he botl.orn end of tlie wall, and, unle.ss 
there is an oil <‘on.servutor, (he eover di.ssii>ale very 
Hide or no heal . For (his remson, -.1 of the tank weight 
is taken. Sin<*e the rat io of iron to eoppi'r in a trans¬ 
former is about 5 or (5 (,o 1, tlu* tmdal may be lumped 
togetluT and imdi.iplied by the faetor of .‘1.5 insleml of 
2.0(5 and .‘1.(5 for coppir and iron re.spe<’(,ively. 

In eonsidei’ing (he wimlings of a transformer, if tin* 
insulal.cfl cros.s-see.(,ion of the win* is appreciably larger 
than the bare cro.ss-.seetion it should be (uken into 
aceounl.. Fibrous insulation is usually .so imi>regna(,ed 
with iiisulal.iag etwnpounds or oil that its thermal 
capaei(.y is praelically that, of the* latter. Although 
oil has five times the thermal eapuei(.y of I'opper by 
weight, copper has about ten timcw the density of oil, 
.so that tlu! insulation may be eonsidfireil to have 14 fhe 
thermal capacity of copiier by volume as indicated in 
eq. (6). 

When the vveigli(.s of materials are not known, the 
values of (/ may be fouml by ob.serving t;he time-l-em- 
perature rise curves for both tlie top oil ami the wimling 
ri.se over oil when the transformer heats up, preferaltly 
.starting at room tein[jerature ami 1(K) per eent load 
and excitation. The values of IF and Of should be 
determined, ii may be found by a graphical method”, 
and C solved for in eijuation (5). This value of ('will 
be con.stant I’eganlle.ss of the loads applied or the 
initial condi(.ions. 

Application op tiik Foiuwula 

In changing from one .steatiy state 1,o another, the 
problems encountered may be grouped into three 
cIa.s.sos: 

a. The application of excitation and load to a Imn.s- 
former which is at room temperature. 

b. Application of load after a constant oil rise* over 
room temperature has been attained due to core km. 

c. Application of an increa.se in load after a constant 
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rise of windings and oil has been attained due to a 
smaller load and core loss. 

Since the application of a formula becomes simpler, 
both in explanation and in use, when examples of it are 
shown, the following problems are worked out under 
each of the classifications just specified. The relative 
values of the characteristics given below are typical of a 
moderate sized power transformer. 

Assume a transformer with the following characteristics: 



For coil rise over top oil, assume that the 
construction is such that formula (2) 
applies. Coil rise over oil = 1.563 X 
16 deg. = 23.6 deg. cent. 

C: For oil risfe 

3.6(1000 -I- 4200 + 3000) + 90 X 900 
60 

= 1830 

For coil rise over oil = 2.96 X 1000 =2960, 
(Neglecting insulation.) 

W: For top oil rise = 20,080 watts. 

For coil rise over top oil = 14,080 watts. 

„ „ . 20,080 

fi: For oil rise = . = 0.217 


1830 X 60.4 


= 0.217 


For coil rise over oil = 


14,080 
2960 X 23.6 


Mlllllll 

BflIIIIIIII 



# ^ ,€.7 a**o /s jca ^ J( 4 7*^^ 

M9rrs loss 


Pio. 1—Repbbsentation of e >= k P.« (Pokmvla 1) in Terms 
OP Relative Temperature Rise and Relative Watts 

At 100 per cent load and excitation: 

40 deg. cent, top oil temperature rise 
15 deg. cent, winding temperature ri^ over top oil 
Copper loss, 9000 watts 
Core loss, 6000 watts 
Weights: 

900 gallons of oil 
1000 lb. copper 
4200 lb. core iron 
4500 lb. tank 





= 0.202 

When these values of /8 are multiplied by i in hours 
and minutes respectively, the corresponding values of 
1 - e-^’^may be found from Fig. 2. The latter when 
substituted in formula (4) determines the value of 0 
at time L The results are plotted in Figs. 3 and 4. 

(b) Constant oil rise due to excitation, followed by 
100 per cent load. 

9f\ For oil rise 

Due to excitation, relative watts = 0.4, 
rise = 19.2 deg. cent. 

Due to excitation and 100 per cent load, 
oil rise = 40.0 deg. cent. 

Rise due to copper loss = 20.8 deg. cent. 

For coil rise over oil at 100 per cent load 
= 15 deg. cent. 

C: Same as in (a). 

W; For oil rise = 9000 watts. 

For coil rise over oil = 9000 watts. 


0- For oil rise 


9000 

1830 X 20.8 


= 0.236 


For coil rise over oil = 


9000 

2960 X 15 


= 0.202 


eSTTTfS 

o'Tbm- 

Rature in Per Cent op Pinal Rise with Time 

(N^lect ^Stance corrections for simplicity.) 

(a> 125 per cent load and excitation starting cold. 

B,: For top oil rise, relative watts = 

16000 

= 1.338; from Fig. 1 , oil rise = 1,26 x 

40 deg. = 60.4 deg. cent. 


The variation of 6, with time, following the same 
procedme as in (a), is plotted in Figs. 3 and 4. 

(c) 125 per cent load following (b). 

Bf: For oU rise = 60.4 deg. - 40 deg. 

= 10.4 deg. cent. 

For coil rise over oil = 23.5 deg. - 16 deg. 
— 8.5 deg. cent. 

C: Same as in (a). 

W: Foroilrise =. 20,080- 16,000 = 6080watts 
I'or coil rise over oil = 14,080 - 9000 
= 6080 watts 

/5: For oil rise = _ _ 0 267 

1830 X 10.4 “ ' 
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For coil rise over oil = " 2950 x 8 5 “ 

The results obtained from these values of fi and 6/ are 
also plotted in Pigs. 3 and 4. 

Although corrections for resistance have been pur¬ 
posely omitted in the foregoing, the distinction should 
be made that 6/ is calculated for the loss at the final 
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Fig» 3—^Winding Tkmpkrattjkis Rise over Top Oil, Calcu¬ 
lated FOR THE Transformer op Assumed Constants under 
THE Following Conditions: 

(A) 125 per cout load and oxciUtion, starting at room temperature. 

(B) 100 per cent load and oxcltation, starting at oil temperature rise 
due to coro loss alone, 

(O) 125 per cent load applied after conditions are constant for (B). 
Oalculations of d aro shown In the text. 

Note: 0 time for (O) corresponds to 18 hows in Fig. 4. 



Fig. 4—Oil and Winding Temperature Rises Above 
Room Calculated for the Transformer of Assumed Con¬ 
stants Under the Following Conditions: 

(A) 125 per cent load and excitation, starting at room temperature. 

(B) 100 per cent load and excitation, starting at oil temperatwe rise 
due to core loss alone. 

(O) 126 per cent load applied after conditions are constant for (B). 

Winding temperature rises above room are obtained by adding the 
winding rises over oil (Pig. 8) to the oil rises. Calculations of for the oil 
rises are shown in the text. 


temperature whereas the W used in /3 is the loss at the 
initial temperature before the change. 

It will be noted that in all three cases the value of j8 
for coil rise over top oil remains the same. This is due 
to the fact that d/ is taken as proportional to W, which 
would not be the case if resistance corrections were 
considered or if a winding were assumed whose con¬ 
struction caused it to follow formula ( 1 ). 


Comparison of Tested and Calculated Rises 
A comparison of tested coil temperature rise over top 
oil and that calculated by formula (4) is shown in Fig. 5. 
Insulated thermocouples were inserted in a horizontal 
disk coil stack, and various currents, in excess of nor¬ 
mal to get higher readings to minimize any absolute 
errors, were put through the windings, A thermocouple 
was selected which was representative of the coil rise 
over oil by resistance. Readings were taken at inter¬ 
vals during the time required to attain final rise over 
oil. The calculated values are somewhat higher at 
first than test, hut this may he due to the insulation, 
between the copper and the thermocouple, causing a 
temperature lag in the readings. The calculated 
values of are shown in the figure. 



Pig. 6—Variation or Coil TEfaPEHATORis Rise Over Oil, 
WITH Time, por Various Currents, as Observed by Thermo¬ 
couple ON Disc Coils in Horizontal Position 


An important point to be noted in connection with 
Fig. 5 is that, since 6/ does not increase as fast as W for 
this t3T)e of winding, /S increases for the higher values of 
current. An inspection of the test values shows a 
confirmation of this method of calculating ft for the 
greater the current, the quicker is a given percentage of 
final rise attained. 

To determine how closely tests would agree with the 
type of calculation shown in (c) of Fig. 4 for oil tem¬ 
perature rise, a 75-kv-a. transformer was given 100 
per cent load and excitation starting at room tempera¬ 
ture. Hourly readings were taken to determine the 
variation of top oil temperature rise over room with 
time until the readings were practically constant. 
Then 125 per cent load was applied, and the readings 
continued imtil conditions were again practically 
constant. The readings and calculation of ft and the 
factors on which it is based are shown in Fig. 6. The 
observations made iii connection with Fig. 6 apply here 
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also, df hais not increased as rapidly as W (see formula 
1 ) and consequentiy /5 has increased about 60 per cent 
in the overload. The general conclusion is that when 
the ratio of W to 6/ is not constant in all cases, /3 should 
be calculated for the particular load and initial condi¬ 
tion under consideration. 

For the purpose of checking up the form of calculation 
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Fig. 6—^Vabiation op Top Oil Temperattjbe Rise, with 
Time, in a 75-kv-a. Transformer. 100 Per Cent Load and 
Excitation Applied at Room Temperature . Until Rise is 
Constant, Followed by 126 Per Cent Load Until Con¬ 
ditions ARB Again Constant. (Similar to (C) in Fig. 4) 


.shown in (b) of Fig. 4 for oil temperature rise, a 100- 
fcv-a. transformer was put und®* excitation until the top 
oil temperature rise caused by the core loss was con¬ 
stant. Then normal load was applied and the top oil 
temperature rise observed hourly until practically final 
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Fia. 7 —^Vaeiation Op Top On. Tjsmpbbattob Rise, with 
Time, in a 100 Kv-a. Tbanspoembb. . Nobual Load Applied 
APTSB Constant Top Oil Teupebatitbe Rise, Due to Cobh 
Loss Onlt, has been Attained. (Siuilab to (B) in Pig. 4) 

rise was attained. The observations obtained, and the 
calculation of /S, are presented in Fig. 7. Hourly read¬ 
ings were also taken as the top oil was heating up due to 
core loss. They dieck up very closely with the cal¬ 


culated values, but since they are of minor importance 
they are omitted. 

The 100-kv-a. transformer, whose performance is 
shown in Fig. 7, was also tested starting at room tern- 
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Pig. 8 —^Yabiation op Top Oil Tbmpbhatobe Rise, wtih 
Time, in a 2000-Kv-a. Teanspobmeb. Nohmal Load and 
Excitation Applied Starting at Room Temperature. 
(Similar to (A) in Pig. 4) 

perature, with a good agreement of tested and calcu¬ 
lated values, but due to the similarity of the test to 
the one starting with core loss temperature, it is not 
reproduced. Figs. 6,8,9,10 show how well the formula 
checks tests starting at room temperature, regardless of 
the size of transformer, for 75, 2000, 5000 and 12,500 
kv-a., respectively. These observations of top oil 
temperature were all taken hourly as the transformers 



Pig. 9—Variation op Top Oil Tempbeatuee Rise, witb 
Time, in a SOOO-Ky-A. Teanspobmeb. Normal Load and 
Excitation Applied Stabtinq at RoOm Temperature. 
(Similar to (A) in Pig. 4) 

were heating up, starting at room temperature, a&zt 
100 per cent load and excitation had been applied, 
conditions similar to those of (a), in Fig. 4. The 
calculated values of |9 are given in tiie respective figures 
in addition to the test data. 

A general inspection of Fi^. 6 to 10 shows that the 
calculated curve does not reach a maximum and flati;en 
out-quite as quickly as the test results. This is due to 
the fact that theoretically the exponential curve do^ 
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not become constant until infinity. After a certain 
per cent rise has been attained, extending the calcula¬ 
tion several hours, in considering oil rise, may result in 
the addition of only one or two tenths of a degree. 
This is obviously absurd. Since commercial thermom¬ 
eters and thermocouples are seldom more accurate 
than ± 0.5 deg. cent., calculations may be shortened by 
carrying them only up to within 0.5 deg. cent, of final 
rise. 

Restrictions in tre op the Formula 

While the proposed method should apply to the 
majority of self-cooled transformers, it would be mis¬ 
leading not to indicate some of the factors which may 
affect its applicability. 

Considering first the question of coil rise over oil, 
it is apparent that the windinp should be practically 
thermally independent of any surrounding medium 
except the oil, which carries away heat from the wind¬ 
ings chiefly by convection. If, for instance, the coils 



Pi«. 10 —Vahiation of Top Oil Tempbratukb Rise, with 
Time, in a 12,500-Kv-a. Tbanspoemer. Normal Load and 
Excitation Applied Starting at Room Temperature. 
(Similar to (A) m Pia. 4) 


are wound directly on the core, as in the case of many 
small transformers, there is a flow of heat into the core 
by conduction in addition to that given to the oil. The 
result is a very complicated thermal condition as far as 
calculation is concerned. Naturally, such a winding 
will not rise in temperature as fast as the proposed 
formula would indicate for a similar winding separated 
from the core by an insulating cylinder, for example, 
since, in such a case, the formula would indicate too 
high a rise. Tests would be necessary to show the true 
heating curve in order to get the safe maximum per¬ 
formance for any given design. It might be possible, 
by adding a portion of the core’s thermal capacity to 
that of the copper, to get a good approxunation but the 
amount added wotild be empirical, consequently it is 
impossible to give any general rule that would apply to 
all cases. 

Before applying the formula to top oil temperature 
rise, it might be well to consider whether the trans¬ 
former under consideration corresponds to the assump¬ 


tions on which C in formula (7) is based. For instance, 
in small transformers of low voltage where it is not 
necessary to have large voltage striking distances the 
metal factor (weights of metal multiplied by 3.5) may 
be as large or larger than the oil factor (90 X gallons of 
oil). In that ease, it may be advisable to give more 
attention to the former. The copper and iron may be 
multiplied by their respective factors of 2.96 and 3.6, 
more than % of the tank may be used, and the other 
metal in the transformer such as the core clamps, if 
appreciable, should be added in. Moreover, a core 
which runs at high density and consequently high mean 
temperature rise may have its weight multiplied by the 
ratio of mean core temperature rise above room to top 
•oil t^perature rise. If these factors are not taken into 
account the test points may be somewhat lower at first 
than the calculated. These additions should not be 
made unless it is desired to get maximum performance 
from the transformer. In any event, they should be 
made cautiously, for the formula as it stands will be 
only a little conservative for the cases mentioned above. 

About the only factor which could possibly cause the 
tested top oil temperature rise to exceed the calculated 
would be a ratio of mean to top oil temperature rise of 
less than the 86 per cent used for the determination of C 
in Formula (7). This could conceivably happen 
through the use of a type of winding cooled in such a 
way, or so located, that all its heat is delivered to the 
oil near the top of the tank. Any doubts as to this 
point can be easily and quickly settled by placing ther¬ 
mometers in a vertical line from top to bottom of the 
outside of the tank in question and determining the 
ratio of the mean to the maximum tempCTatures read 
when the top oil temperature rise is near its normal 
value. If this ratio is less than 86 per cent, the factor 
of 90 should be decreased in like proportion. 

Temperature Ijmits 

Although the purpose of this paper is only to indicate 
a method of calculating t^perature rises, it may not be 
amiss to indicate the temperature limits which should 
not be exceeded. According to the A. I. E. E. Rules, a 
maximum rated transformer should not exceed a 
66 deg. cent, winding temperature rise by resistance 
over a 40 deg. cent, room at normal load. For railway 
Iransformers, a 2-hour overload resulting in a 60 deg. 
cent, rise is permitted. Therefore, this method of 
calculation should be used to show the length of time 
for which load may be maintained before the calculated 
winding temperature rise above room plus the room 
temperature, assumed for the transformer under con¬ 
sideration, exceeds a temiierature of 95 deg. cent., by 
resistance, for maximum rated transformers, or 100 
deg. cent, for railway transformers. 
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In fact, the developmoit of this particular method of 
appl 3 dng the exponential law to the heating of trans¬ 
formers during a transient state was made by Mr. 
Montsinger several years ago, but it was never pub¬ 
lished. Experience has shown this method to be 
accurate enough for all practical purposes. 

Appendix 

Derivation of Formula (4) 


W{i-\-ccei^c~ + Ke 


, i. w \ c 

log ^ ^ j ~ ^ + Jog ^‘ 


W 

6--^ 


W 


When < = 0, (9 = 0, and • 


_-_ f' 

C ^ 


-JY + e^K- = W 


t ^ + C' 9 = W, where C = K— aW 


Then 6 = (1 - e 

Substituting for C, 

W -K: 


de w \ 

dt ~ c ^) 

J de c p 


K-aW 


( 1-6 ) 


When t = <0,6- 


K - a W " 


Letting j8 = 


K-aW W 


C df ’ 


B = df {I ~ €-/»') 


Accuracy of Alternating-Current Test 

Instruments 
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ments would be of little value with springs possessing 
appreciable "set” and "fatigue” characteristics. 

Well made and properly mounted springs do not show 
“set” in instruments having the usual 90-deg. scale 
angle, and “fatigue” amounts to less than one minute of 
arc. This applies to the most severe conditions of 
stress, and means that the pointer should return to 
zero within one thickness of its thin knife-edge im¬ 
mediately after release from a four-hour 90-deg. 
deflection. With the ordinary four-inch pointer, the 
deviation from zero would not be greater than about 
0.004 in., barely perceptible. 

The temperature coefficients of both elasticity and 
resistivity, while not small in value, are, however, 
quite deflnite and can be compensated for in the layout 
of the various circuits o the instrument. 

Temperature Errors 

Present-day demands are such that the precaution 
of removing instruments from the circuit after reading 
cannot always be observed. Instruments must, there¬ 
fore, indicate, with good accuracy, continuously, over a 
period of hours instead of minutes. This requires 
among other things a consideration of the effects of 
temperatxmes due both to self-heating and tb ambient 
changes. 

We do not generally expect errors due to changes in 
mechanical dimensions, but some instruments do have a 
tendency for stickiness with an increase in temperature. 
This is due to the high expansivity of the shaft which 
makes it "freeze” in its jewel bearings.' This especially 
applies to shafts of aluminum or its alloys. The defect 
could, of course, be corrected by setting the shaft loose 
in its jewels, but with a risk of “wobbly” and uncertain 
indication under normal temperature conditions. A 
better way is to use material of low expansivity. 

The factore most apt to cause errors during sustained 
conditions of load has been that of inconstancy of the 
control springs. Though not always the case, many 
instrummits today have sprinp of a quality which 
precludes further consideration of spring inconstancy 
in this paper. 

Temperature effects, however, are inherent to all but 
the electrostatic types and offer a more serious problem. 
The elasticity of the control spring decreases about 
0.04 per cent per deg. cent, rise in temperature at 
ordinary room temperatures, and by this amount, 
tends to make the instrument indicate high. The 
potential circuit, consisting of windmgs of copper or 
ftbiTnimiTn, in series with a “swampmg” resistor, is 
increased in resistance witb a rise in temperature. 
This makes for a lower instrument indication. The 
two effects tend to compensate each other to a de^^, 
depending upon the proportion of windings and series 
resistor in the potential circuit. 

At ordinary room temperatures the windings incr^se 
in resistance by about 0.4 per cent per deg. cent, rise. 


and the series resistor remains practically constant in 
value. If the circuit is adjusted so that the resistance 
of the windings is one-tenth that of the whole circuit, 
then its resistance will increase 0.04 per cent per deg. 
cent.rise. Itmightseem thatthisproportionwould effect 
perfect compensation for effects of the control spring. 
However, due, to different rates of heat dissipation, it is 
generally necessary to use other circiut proportions than 
that of 1 to 10, depaiding upon the make and type of 
instnunent. 

In wattmeters, the resistance of the moving coil may 
be too low to effect any great degree of compaisation. 
Thus,tiiey may indicate high with increase of tempera¬ 
ture. The comparatively high proportion of windings 



Rx 


Pig. 1 

resistance to' total resistance,—^unavoidable in volt¬ 
meters,—^tends for overcompensation, and it is there¬ 
fore found that voltmeters may indicate low iwth 
tonperaturerise. 

Ammeters of the iron-vane type are inherently of a 
high-torque, which permits us to use windings of few 
turns and consequential low resistance. The self¬ 
heating errors are, therefore, small and we may expect 
errors due only to changes in ambient temperature. 

The sign and magnitude of temperature errors in 
a-c. instruments may, therefore, vary with different 
conditions of load, instrument connections and room 
temperatures. The errors are largely eliminated by 
careful design and construction. Features receiving 

MC Ri R, 

o—'THTOIP'—VW'-WWW'—o 

Pig. 2 

special consideration are, (a) internal losses and over¬ 
load capacities, (b) proportion of component parts of 
the various circuits, and (e) compensating circmte. 

Accuracy of indication under sustained loads is not 
attained at the expense of other desirable features as, 
for example, high torque, low inttmal-phase angles, 
and low frequraicy and wave-form errors. Such 
compensating schemes as we And necessary to apply 
must vitiate none of these important features. 

■ A common form of compensating schane used for 
both wattmeters and voltmeters is that given in Pig. 1. 
Here M C denotes the moving coil and Ri, Ri and R» 
non-inductive, non-capacitive resistors. Effective com¬ 
pensation is secured with the proper values of both 
resistance and temperature coefficient of resistance of 
El and Ri, The arrangement is not, however,' critical 
of adjustment. If the initial error in the instrument is 
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Pig. 3—^Bleotbodynamic Wattmetebs 
coJ^om” todicatton with time under maintained load 

for compensation. In voltmeters the circuit constants 
would be interchanged. 

Though effective in compoisating for temp»ature, 
the cu’cmt of Fig. 1 is almost certain to cause in watt- 
metera large and indefinite inductive errors. The 
shunting of the moving coil branch with the relatively 
low resistor i? 2 may cause serious errors due to mutual 
mductanee. It is not generally possible to secure good 
temperatoe characteristics with R^ and R, of resistance 
values high enough to avoid complications due to phase 
angles. 

This form of circuit should be reserved for voltmeters 
Voltmeters are not sensitive to small differences of 
phase-angle between moving coil and field coil 
currents. 

For wattoeto, the series method of compensation 
giv^ m Fig. 2 is preferred. It is equally as effective 
as the shunted arr^gement and does not disturb the 
internal phase-relations of the instrument. Ri in this 

case is a small copper wire resistor placed near the 
spring. 
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different malnWned 

The curves of Figs. 3, 4 and 6 contrast the per- 
fornmce of some compensated instruments with those 

wattmeters 

h w first, the mitial dip due to increase in resistance of 
the movmg coil, and second, as heating continues, the 
upward trend due to decrease in elasticity of the 
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Fig. 5—^Iron-Vane Ammeteuih 
Variation of Instnimoiit indication with tlnio uudfu* 
conditions . 
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able. Figs. 6 and 7 are indicative of what may be 
expected in good instruments when used under widely 
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TABLE I 

Ordinary Compensated 
Type Type 


Wattmeters.+ 0.03% + 0.006% 

Voltmeters.— 0.005% + 0.007% 

Ammeters...-|-0.02% +0.016% 


Internal Phase Angles 

These are due both to. self inductance in the potential 
circuit and to mutual inductance in the windings. We 



Pig. 8 


are concerned ordinarily with the effects of phase- 
angles in wattmeters when used on circuits of low power 
factor, though it is also possible for voltmeters and 
ammeters to show errors due to phase-angles. Volt¬ 
meters and ammeters in which are incorporated certain 
compensating circuits can be quite sensitive to varia¬ 
tions in both frequency and wave form due among other 
things to incorrect “time constants" of the circuits. 

Mutual inductance dfects are negligible in well 
constructed instruments, and in fact the only possi¬ 
bility of errors from this cause lies either in short- 
circuit turns in the windings or in the use of low voltage 
connections in instruments designed for higher voltages. 


induced in metal frame-work and certain temperature 
compensating circuits tend to give uncertainty both to 
sign and magnitude of the inductive errors. The 
multiple connection employed in the current winding to 
obtain higher ratings may add further complications, 
due to inequalities. Equality, which is necessary to 
avoid the presence of parasitic currents in the circuit, is 
more nearly approached with the multiple connection 
of two distinct conductors, than with two separate coils. 
Pig. 8 illustrates how equality is obtained in a high- 
capacity wattmeter currait winding. Well designed 



CURRENT IN AMPERES 

Pig. 10— ^Iron-Vans Ammeters 
V ariation in indication dne to irregular wave form 


series resistors are, for all practical purposes, both non- 
inductive and non-capacitive, though in some of the 
older forms capacitance predominated with the re¬ 
sulting complications. 

A representative curve of inductive corrections for a 
wattmeter is given in Fig. 9. It is computed for 
60 cycles. 

Frequency and Wave Form 



Pig, 9—^Elbotrodtnamic Wattmemir 
V ariation of calculated inductlTe correction with toad power factor 
Oorrections to be added for leading current; subtracted for l^glng current 

i. e., the results of a 3()-volt connection in the ordii^ 
160-volt instrument should be regarded with su^idon. 
Wattmeters compensated for temperature with the 
shunted arrangement of Pig. 1 are very apt to show 
errors due to mutual inductance. 

Low phase-angles are, of course, very desirable 
but it is equally desirable that such as do occur be 
d^inite and amenable to calciikition. Eddy currents 


Except for induction errors, wattmetos are insensi¬ 
tive to variations in commercial frequency and wave 
form. 

The relatively high self-inductance of voltmeters 
involves a careful consideration of their “time con¬ 
stants" if they are to be used interchangeably on direct- 
and alternating-current circuits. There should be no 
detectable variation in indication between mean re¬ 
versed direct-curfait and an alternating-current of 
60 cycles. In terms of 126 cycles, the variation ought 
to be no more than 0.06 per cent,—barely perceptible. 
Voltmeters of the electrodynamic type are unaffected by 
ordinary wave distortion, provided they are free of 
frequency errors. 

The iron vane ammeter, though practically insensi¬ 
tive to variation in commercial frequeniqr was, until 
recently, quite susceptible to changes in ivave form. 
The use of new magnetic materials enables us to reduce 
errors from this cause from about 0.6 to 0.1 per cent. 
(Fig. 10.) These arors refer to wave forms having 
prominent third and fifth harmonics. 
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Hysteresis on Direct Current dinary conditions. Possibility of error in instrument 


Shielded wattmeters and voltmeters of the electro- 
dynamic t 3 tpe show no differences in indication with 
reversal of direct-current if the shields *re free of 
permanent magnetism. Extreme overloads may, how¬ 
ever, give to the shields a definite magnetic polarity, 
and it is well to check the instruments occasionally for 
this condition. 

Previously, tiie iron-vane ammeters were very sus¬ 
ceptible to magnetic h 3 rateresis, and the variation in 
indication with reversed direct-currents was great 
enough to prevent even a fair degree of accuracy. 
The magnitude of these errors depends upon the pre¬ 
vious history of magnetization of the iron. Aside 
from the ordinary form of hysteresis, due to changing 
polarity and magnitude of the magnetic flux, the iron 
is also susceptible to changes in 'direction of the flux 
through it. We may call the latter “rotational hys¬ 
teresis.” Instruments having the irons mounted 
eccentric to the shaft exhibit effects of rotational hys¬ 
teresis to a marked degree. 


of high-current rating is remote if we use twisted 
conductors. 

A field of 20 gauses “in-phase” is equivalent to about 
100 times the horizontal component of the earth's 
magnetism, or the field 12 inches distant from a long 
straight conductor carrying 3000 amperes. In shielded 
instruments, this field should cause no error greater than 
about 0.4 per cent of full scale. With ordinary condi¬ 
tions of use, stray-field errors would than be undetect¬ 
able. In general, we find that the higher-torque 
instruments are the least affected by stray fields, 
which is an argument for high torque. 

To eliminate eddy currents and hysteresis, the shields 
are built of well-insulated laminations. Low power- 
factor errors in wattmeters have sometimes been 
traced to eddy currents in the shield. Improper 
methods of bolting the laminations together may be 
responsible for these errors. 

The shunt compensating scheme of Fig, 1 in the 
papw is due to Swinburne (1887) and the series scheme 
of Fig. 2 was suggested by Dr. H. B. Brooks in his paper 
“The Accuracy of Commercial Electrical Measure 
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Fig. 11—Iron-Vane Ammeters 

Variation In instrument Indication with direct-current showing effect of 
magnetic hysteresis 


New and specially prepared magnetic materials now 
^able us to construct iron-vane ammeters having 
littie hysteresis error. Errors of two per cent so fre¬ 
quently obsfflwed in this type have been reduced to 
about 0.8 per cent (Fig. 11). For alternating-current 
work it would appear that the present-day iron-vane 
ammeter is a very dependable instrument. In view of 
the improved wave-form and hysteresis characteristics, 
ttiis type is to be preferred over the low-torque and high- 
impedance type employing the shunted, moving-coil 
principle. The latter type is of course useful in the 
laboratory in making a-c. = d-c. comparisons. Lab¬ 
oratory standard ammeters are, therefore, of the 
shunted eledrodsmamic t 3 q>e. 


ments,” (A. I. E. E. Transactions, Vol. XXXIX, 
part 1, p. 617). A complete and comprehensive treat¬ 
ment of the effects of self- and mutual-inductance is 
given in this paper of Dr. Brooks. Reference is also 
suggested to C. V. Drysdale's paper upon the subject 
of inductive errors and given in ^eElectridm (London), 
Vol. 46, pp. 774-8, 1901 and Vol. 76, pp. 523-5, 
1916. 


Discussion 

C. G. Browni As a-e. ammeters were previously made, 
the d-c. readings were so different according to the direction of 
flow of current that it was not feasible to calibrate on d-c. The 
metal in the moving system of the a-o. ammeter which Mr. 
Hoare has described has its direct and reversed d-o. readings so 
nearly alike that when necessary it can be checked on d-c. 

B. W. St. Clairs One of the very important points of in¬ 
strument construction mentioned in Mr. Iloare’s paper that has a 
preat deal to do with the dependability of instruments in service 
IS that of instrument springs. The forces involved in indicating 
instruments are surprisingly smaU. The usual full-scale torque 
^ge IS from 0.1 millimeteivgram to 10 millimeter-grams, which 
translated into more usual terms corresponds to 6 X 10-® to 
® ft-lb. Despite the smallness of the forces involved, 

toe spring does a ramarkable piece of work, as in toe 
better grade of test instnunente the error of its indication is 
generally less than 0.1 of o'ne small division, which is approxi- 
ma^ one part in a thousand. Translated into other terms, the 
ordmap instrument spring on the better-grade instruments is 
dependable to about one minute of arc. Dependability of this 
high Older is secured only by very careful choice of materials, 
unusual manufacturing facilities and by great in the mount¬ 
ing of toe spring in its finai supports in the instnunent. 


Stray-Field Errors 

Hig^-grade a-e. instruments are suflficiently well 
shielded to prevent errors from stray fields under or- 


I mention the springs as one of a number of very highly im- 
porl^t members that contribute to toe flnal dependability of 
toe instrument. The magnets, toe bearings, the constancy of 
s ape of the windings, and many other factors are of equal 



The Measurement of Electrical Output of Large 

A-G. Turbo Generators During Water-Rate Tests 

BY EVERETT S. LEE‘ 

Associate, A. I. E. B. 


Synopsis:—The water-^rate of large OrC, turbo-generators is 
determined in place with the generator supplying power to the exist-* 
ing commercial load. Such procedure requires that the electrical 
output he accurately measured under conditions where the load is 
practically always varying slighdyy and where it may he varying 
considerahly. Portable test meters are frequently used for such 
measurement. The me of portable indicating wattmeters is abso¬ 
lutely feasible for such measurement even where the load variations 
are extreme, with the resultant accruing advantage that the superior 
operating characteristics of the portable indicating wattmeters, 
pariicidarly as regards their permanency, are utilized. 

Either the two-wattmeter or three^wattmeter method for measuring 
the power of a three-phase circuit may be employed. 

Great care should he used in selecting instrumerUs, particular 
reference being made to their past history. Comparisons against 


secondary standards should he made under conditions simvlatin^ 
those of the test. 

Observations are made at frequent intervals depending upon the 
accuracy desired in the final result. 

The accuracy of the final values of water-rate obtainable in prac¬ 
tise is such that the per cent average deviation from the mean wUl 
be within ± 0.25 per cent. This means that practically all individ¬ 
ual test results will fall in a belt 1 per cent wide, while the probably 
true value of water-rate will be located within abelt which will vary in 
width from 0.5 per cent to 0.25 per cent depending upon the conditions. 

The results of a water-rate test on a highly variable load wherein 
the electrical output was measured with portable indicating watU 
meters and the observations were obtained both with moving-picture 
cameras and by observers show the equality of the performance of the 
observ&'s and the cameras under the existing conditions. 


Introduction 

T his paper describes the methods used in measuring 
the electrical output in forty series of water-rate 
tests during the past five years on thirty-one 
machines located in twenty different power plants in 
this country. The machines tested ranged in rating 
from 10,000 kw. to 46,000 lew., and the test loads were 
the usual commercial loads supplied by the respective 
machines. 

These tests were either guarantee acceptance tests or 
were for purposes of determining the improvement in 
water-rate produced by advance in machine design. 
Measurements of maxunum possible accuracy wCTe 
thus required and all means known to the art for at¬ 
taining such results were available for use as far as they 
could be applied under the conditions imposed when 
testing on conunerciaJ loads. 

Instrument Connections 

The usual load being connected three-phase, the 
three-wattmeter method was used in practically all of 
the series of tests because of its symmetry. The 
connections are shown in Fig. 1. The generator neutral 
being available in practically all large turbo-generators, 
the connections for the three-wattmeter method ^ are. 
easily made, a set of instruments being connected into 
each phase. Values of phase voltage, current, and 
power are thus measured directly, from which measure¬ 
ments the phase power factor can be readily calculated. 
These values are required for making the necessary cor¬ 
rections to the readings of the wattmeters. Since the 
phase power unbalance is usually not more than two or 

1. General Engineering Laboratory, General Bleotrie Co., 
Schenectady, New York. 

Presented at the Eegiond Meeting of Diet. No. I, Swamp- 
scott, Mass., May 7-9,1996. 


three per cent, the three sets of instruments are opera¬ 
ting under practically identical conditions which is an 
advantage both when comparing the instruments and 
appl 3 dng corrections, and in operating with them. 
There is no disadvantage as regards measurement, 
however, if the phase unbalance is large, as the phase 
values are directly measured in each case. Since the 
phase power factor is the same as that at which the 
wattmeters are operating, and since the former is rarely 



PiQ. 1—DiAQBAM OF Connections and Table Latovt fob 
MBASVR iNa Electbioal Power in a Thbee-Phase Circuit 
Using the Thbeb-Wattmeteb Method 


less than 0.8, the wattmeters are operating und«: their 
best condition which is near to unity power factor. 

The two-wattmeter method was used in some series of 
tests. The connections are shown in Fig. 2. The two- 
wattmeter method requires less equipment and one less. 
observer than the three-wattmeter metiiod, but it is not 
symmetrical because the phase relation between the 
current and voltage supplied to the reactive watt¬ 
meters differs from that of the load, and is different in 
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the respective wattmeters. The actual conditions 
as regards the current, voltage, and phase relation be¬ 
tween them for the individual wattmeters can be 
determined from the well-known relations existing when 
measuring three-phase power by the two-wattmeter 
method. These values must be known when deter¬ 
mining the conditions under which the wattmeters are 
to be compared, and when correcting the wattmeter 
readings later during test. Except at unity power- 
factor load the indications of the two wattmeters will be 
at different portions of the scales; this requires that 
consideration be given the wattmeters individually as to 
the suitability of scale range. Wh^ the load power 
factor is 0.8, current lagging;, and load balanced, the low- 


large number of series of tests are to be made under 
vndely varymg conditions, it is felt that these condi¬ 
tions can be determined and the necessary corrections 
applied more easily when using the three-wattmeter 
method. For this reason the latter method has been 
generally used, in spite of the increased equipment and 
additional observer required, and the uniformly satis¬ 
factory results obtained thereby have justified this 
selection. 


Generator 
neutral should 
be un-’ ’ 


Tolarity 

hlarks 




1 . VM. 


K 


Phase 1-2 
Ohserx'er No.l 


V. M.» Voltmeter 
A.M. • Ammeter 

W. M. .Wattmeter 
W.H.M.'Watt- 

huurmeter 
(Portable Test 
Meter) 


Phase 2-8 
Observer No.2 


PiQ. 2—Diaqbam op Connections and Table Layout for 
Measuring Electrical Rower in a Three-Phase Circuit 
Using the Two-Wattmeter Method 

operating at a power factor of 
. . This IS not at the best operating point of a watt- 

If the generator neutral 

the s^to, the power may not be correctly measured 
For tbis reason the generator neutral should be un¬ 
grounded during test. 

Experience does not indicate that there is any real 
diffo-ence m the over-all accuracy of a water-rate dptAu 
whether the tbree-vJtmeter^tCX: 
two-wattmeter method is used, provided that tL exist 

rections made for same in each method. Where a 


Instruments 

Portable indicating wattmetei-s have been chosen for 
measuring the electrical output because of their superior 
characteristics, particularly as regards their perma¬ 
nency. Portable test meters have usually been used in 
parallel with the indicating wattmeters as shown by the 
connections Figs. 1 and 2. This was done to study the 
operating characteristics of both indicating instruments 
and portable test meters. 

For water-rate tests, where sustained accuracy is 
req^ed, instruments exhibiting the most permanent 
calibration characteristics should be used. In order 
to select ^ch instruments from any group available, 
they should be compared regularly with secondary 
st^dards and a careful record should be maintained of 
alJ such comparisons made. By means of such a record 
over a numbw of years the instruments of greate.st 
permanency will be disclosed. Such a procedure is of 

be regularly followed, 
es^cially with the wattmeters. Table I .shows the 
results of successive comparisons made upon a portable 
mdi^bng wattmeter thus selected from a i^oup of 
similarly made instruments. The wattmeter was car- 
laborat^ to laboratory by me.ssengerj The 
resulte show no difference practically .greater than 0.1 of 
^vision. This is typical of the perform- 
^ce possible from selected instruments. From such a 
pmof of pemanency of calibration possible in high! 
grade portable mdicating wattmeters, the .surety for 

"dint “ «^tst 

instruments, it is necessary that 
y e compared against secondary standard.s, under 


SUCCESSIVE C0MPABlSONSOPPOBTABLEmnTn.-n,„. ^ 

-1---WTT,. OOMPABISOl,. VOLT*. 


Standard¬ 
izing Lab¬ 
oratory. 
Iiocatlon. 
Date. 

Watts 


. G. E. Go. 
^Schenectady] 
N. Y. 
9 - 13-20 


G. E. Go. 
Pittsfield 
Mass.. 
9 - 16-20 '■ 


G. E. Go. 


N. Y. 
9 - 18-20 


G. E. Go. 
Brie 
Pa. 

9 - 20-20 


G. E. Go. 
Cleveland 
Ohio 
9 - 22-20 


0 

50 
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200 
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300 . 0 ' 
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' 0 
5q.o 

100.0 + 
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0 
no 

observation 
100.0 + 
200.0 + 
300.0 
401.0 
600.0 


G. E. Go. 
Pt. Wayne 
Ind. 
9 - 26-20 


G. E. Go. 
Schenectady 
N, Y. 
10 - 8-20 


G. E. Go 
West Lynn. 
Mass. 
10 - 11-20 


Bureau of 
Standards 
Wa.shinKton 
B. O. 
10 - 22-20 


G.E.Oo. 
|Hchenectady 
N. Y. 
10 - 29-20 


50 . 5 * 

100 . 6 * 

200 , 0 * 

300.0 

399.5 

500.6 + 


51.0 

100.5 

199.6 + 

300.6 
400.0 
501.5 + 


-- I * I ♦ u T I 

^ scale division Is 0.6 imtte 


50 . 0 . 
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50.7 
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501.2 
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50.25 
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300.0 
400 . 0 * 

600.5 + 
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conditions simulating test conditions. Ammeters 
and voltmeters should be compared at major scale 
points, with preferably the same kind of current and 
voltage to be measured during test. Wattmeters may 
be compared using direct voltage and current by using 
the average of direct and reversed readings. This 
assumes that previous measurements have been made 
on the instruments and standards employed to assure 
the correctness of such procedure. The value of the 
voltage maintained on the potential circuit of the 
wattmeter during comparison should be the test value. 
The interconnections of the potential and current coil 
maintained during the comparison should be likewise 
maintained during test. The value of the phase angle 
of the potential circuit of the wattmeter requires con¬ 
sideration, though in all high-grade wattmeters this is 
quite small, such as three to five minutes, and may 
usually be neglected without error in final result. 

Attention should be directed to the small scale di¬ 
visions of the wattmete::^ to see that these are properly 
located. A scale wherein the small scale divisions are 
improperly located should be replaced with a scale 
properly made. As mentioned above, when using the 
two-wattmeter method, one wattmeter may be indica¬ 
ting at the lower end of the scale; it is necessary, under 
these conditions, that the scale be open at the lower end. 

In order to be assured that there is no heating error 
in the wattmeters due to continuous operation during 
the water-rate test, comparisons should be made at the 
beginning and end of a heat rim on the wattmeters at 
normal voltage and maximum current to. be measured. 
If a heating error is found, correction should be made for 
same by using the comparison obtained with the instru¬ 
ment hot and then allowing the instrument to become 
hot before use in test. However, the best high-grade 
portable wattmeters have practically a zero heating 
error, and such instruments should be used during all 
tests where maximum accuracy is required. 

If watthour meters are to be used, they should be 
calibrated and adjusted in the laboratory so as to have 
their best operating characteristics in the range of test 
values. However, the accuracy curve employed for 
correction during test, should be obtained “in-place” 
using the test current and voltage. This-should be done 
with portable indicating wattmeters during the water- 
rate test. The cpnnections shown in Pigs. 1 and 2 
allow for such “in-place” checks to be made.’ Two- 
minute runs, with the observer reading the indica¬ 
ting wattmeter as rapidly as possible, which will give 40 
to 60 observations per minute, are suggested as neces¬ 
sary and sufficient. 

A frequency indicator, or other instruments as de¬ 
sired, may be included in the instrument test circuit. 

Instrument current and po’tential transformers of 
proper rating and accuracy chamcteristics should be 
chosen. Values of ratio and phase angle for the con¬ 
dition of loading equivalent to the instruments, meters 
and leads used during test should be obtained by rec¬ 


ognized means to cover the range of test values of 
current and voltage. 

All instruments should be compared immediately 
before and immediately after the test series. Inter¬ 
mediate tests at two-week intervals may be advisable 
if the test series is long. Instrument transformers 
usually need to be calibrated only once during the test 
series, preferably immediately preceding it. Watt- 
hour meters must be calibrated “in-place,” preferably 
immediately before and immediately after each in¬ 
dividual test. 

Observations ■ 

The instruments having been carefully selected and 
compared for the test conditions, they are connected 
into the generator line leads as shown either in Pigs. 1 
or 2. After checking over connections, and comparing 
the test-instrument readings with the available switch¬ 
board-instrument readings to see that there are no 
major errors, everything is. ready to run a test as re¬ 
gards the measurement of electrical output. 

Testing on commercial loads requires that means be 
provided for determining the readings of the indicating 
wattmeters over a wide range of load conditions. 
The load may be extremely variable, as in some railway 
systems, or quite stea,dy as in a large system of combined 
power and lighting. The means employed has been to 
take a large number of observations during the test on 
the theory that if the number of observations is suf¬ 
ficiently large, the average value obtained therefrom 
will be accurate to within the desired limit, and ex¬ 
perience has justified this procedure. 

The uniformly satisfactory results of many tests 
indicate that a test of one-hour duration is ample. 
Table II shows results to substantiate this conclusion. 
If it is felt that the conditions at hand warrant tests of 
longer duration, several 'tests should be run at 'the longer 
duration and the results for each hour of the run be 
calculated. Such results will indicate whether the 
necessity for tests longer than one hour is justified. If 
such is the case, it is quite possible that some of the test 
conditions are not right and should be altered. In this 
connection it should be remembered that three one-hour 
tests at any load point run non-consecutively, are 
of greater value than three one-hour tests .run 
consecutively. 

The observers for the indicating instruments should 
be men who are capable of comprehending the nature of 
the work they are doing and who recognize that their 
efforts should be directed towards obtaining an hon^t 
answer as to the 'value of the ■water-rate of the machine 
under test. Their contribution to this effort is record¬ 
ing the readings of the indicating instruments as they 
honestly believe them to be. Experience obtained with 
high school graduates, college undergraduates and 
graduates, and construction men of mature years, 
indicates that any of these ty^es of m^ are equally 
suitable as obsCTvers diming a test series including some 
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dozen or two dozen tests and continuing for one or two 
weeks. The instructions given to all observers are as 
follows: 

1. Place yourself so that you are comfortable and 
can see the instrument scale without hindrance. 

2. Study the appearance of the instrument scale, 
pointer, and mirror, and have these fixed so clearly in 
mind "that you can look at them and see them with the 
same familiarity as you would a book or newspaper. 


Traiusactimis A. 1. K. E. 

at a given signal, such as a bell. Unless the observers 
are widely separated, no preliminary signal is necas-sary. 
Instruments are read in regular order, the wattmeter 
first, followed by the ammeter and %mltmeter. The 
two latter instnunents need be read only at every other 
signal, or in some cases, eve^ fifth signal. Watthour 
meters are read at the beginning and at the end of every 
test. 

A relief observer will be necessary. The relief can be 


XACliJli II 


Tir * .L for each hour op tests op longer than 1-HOUR DTTRA'TTnxr 

J^ter-rate for each hourlsexpressedin per cent Of the wat^ra^ lOOporoont 


Turbo- 

Oenerator 

Designation 

Number 


1 

1 

1 

1 

2 

2 

2 

3 

3 

3 

3 

3 

3 


Test 
Designation| 
Number 


1 

2 

3 

4 
1 
2 
3 
1 
2 

3 

4 

5 

6 

7 

8 


Duration 

of 

Test 


2 Hrs. 
2 Hrs. 
2 Hrs. 

2 Hrs. 

3 Hrs. 
3‘Hrs. 

2 Hrs. 

3 Hrs. 
3 Hrs. 
3 Hrs. 
3 Hrs. 
3 Hrs. 
2 Hrs. 
2 Hrs. 
2 Hrs. 


Water-Rate 

(Expressed on basis of 100% for Test Value) 


Por Test 


100 
100 
100 
100 
100 
100 
100 
100 
100 
100 
100 
100 
100 
100 
. 100 


Ist Hour 


100.0 

99.8 

100.9 
100.1 
100.3 
100.1 
100.0 
100.2 
100.2 

99.9 
99.9 

100.0 

100.0 

100.1 

100.0 


2nd Hour 


99.8 
100.2 

99.2 

100.0 

100.0 

100.0 

100.0 

99.9 
99.9 

100.2 

100.2 

100.0 

100.0 

100.0 

99.9 


3rd Hour 


99.8 

90.8 

99.6 

99.9 
99.9 
99.9 


Maximiun 
Differenco 
. Prom Tost . 
Value Exprassodl 
In Pop cent 


0.2 

0.2 

0.9 

0.1 

0.3 

0.2 

0.0 

0.4 

0.2 

0.2 

0.2 

0,0 

0.0 

0.1 

0.1 


Typo of Loud 

Riipidly 
PluctualrliiK 
Railway X^oad 

Stoaciy Llghfciiw 
and i)owor loml 

Htoudy 

Lighting 

and 

Power Load 


■---—— Power Load 

^ S 

-n °c>HN.0Tn,0 all ^ ^ 



-Ammeter and voltmet 

interval. ^ ^ readings during an 

any pi2on“eLSSS **^"enced by 

to be. Record?he rLlt^*.^® ^ probably 

at the time, ^ appears to you 

J^ch observer is assienpH tn « 

meats. Each observ^rSS tbl 

reads the ihdicating wattmeter 


♦Ammotor aud voltmeter read ev«ry two 


™ whan the ol»rv«rs “ 

opeite toSth^* obwym wUI have to co- 

tendencies in maldno* ^ detect undesirable 

Observers is unknow^ m ii, ^ ^ ^ compare 

IS, unimown to them, to connect all of the 
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instruments in series on one set of current and potential 
transformers. Then run for a convenient time interval, 
preferably an hour, as during a test, and compare the 
results obtained by the individual observers. Results 
from such a procedure are shown in Table III. 

The frequency of observation necessary has been 
determined from the following rule: Readings shall be 
taken at such intervals during a test that the average of 
all the observations does not differ from the average of 
all the alternate observations by more than an assigned 
value depending upon the accuracy desired. For most 


If, when comparing any wattmeter, the comparison at 
any point differs from the correction which has been 
used for previous corrections at this point by more than 
an assigned value (for most accurate work, taken to be 
0.3 per cent of full scale value), an additional comparison 
or comparisons should be made immediately at this 
point until their results do not differ among themselves 
by more than 0.1 per cent of full scale value, and the 
average of these results will then be taken as the value of 
the point in question at the time of this comparison. 
In the event that the excess variation (0.3 per cent of 


table IV 

DIEFERENOB BETWEEN AVERAGE OF ALL THE OBSERVATIONS AND AVERAGE OP ALL THE ALTERNATE OBSERVATIONS 


Turbo- 

Generator 

Designation 

Number 

No. Of 
tests 

Duration 

Hours 

Time 

Interval 

between 

Readings 

Seconds 


Percent DifUerence between aU Observations 
and all the alternate Observatlods, for the 
number of tests indicated 

Method 

of 

Measuring 

Load Conditions 

Average 

Maximum 

Minimum 

1 

27 

4 tests. 2 hrs. 

23 tests, 1 hr. 

10 

Rapidly fluctuating 
Railway load 

0.20 

0.72 

0.01 

3-wattmeter 

7 


1 

30 

Very Steady 

0.06 

.0.10 

0.00 

2-wattm6ter 

H 


1 

30 

Very Steady 

0.14 

0.20 

0.04 

2-wattmeter 

5 


1 

.60 

Steady Lighting 

0.11 

0.15 

0.05 

8-wattmeter 

0 


1 

60 

Steady Lighting 

0.12 

0.16 

0.08 

3-wattmeter 

4 


1 

60 

Variable unbalanced 

0.44 

1.10 

0.01 

3-wattmeter 

6 


1 

60 

Steady Lighting 


0.62 

0.02 

3-wattmeter 

a 

3 

1 

60 

Steady Lighting 

0.18 

0.39 

0.07 

3-wattmeter 


accurate results under practical conditions a value of 
0.1 per cent has been adopted. For most commercial 
loads this value has been attained on one-hour tests by 
taking readings every minute. Table IV shows some 
results in this connection. 

Calculations 

The average kilowatt output for any test is the sum of 
the corrected readings of the wattmeters. The cor¬ 
rected reading for each wattmeter for any test is equal to 
W X C.T. X P.T. X Pk 

where: W is the average of all the corrected indica¬ 
tions of the wattmeters, expressed in 
kilowatts. The correction used for 
each wattmeter is the average of all the 
comparisons which are made between 
it and the secondary standards. 

C.T. is fhe true ratio undwtestconditionsof the 
current transformer to which the watt¬ 
meter is connected. 

P.T. is the true ratio under test conditions of 
the potential transformer to which the 
wattmeter is connected. 

Pa is the combined correction factor for 
phase angle of the current and potential 
transformCTS and watfmeter.* 

The kilowatt-hour output for any test is equal to the 
product of the average kUowatt oulput and the duration 
of the test in hours. 

2. See “Revised Tables of Correction Factors for Phase 
Angle,” C. T. Weller, General Electric Review, March 1926, and 
“Handbook for Electrical Engineers,” 2nd Edition, 1922, by 
H. Pender, Page 1929. 


full scale value) stiU remains, the new value found shall 
be taken as correct, and all tests in which this scale point 
may cause error should be investigated to determine the 
amount to which they have been affected. Such tests 
may have to be rejected. With the best, high-grade, 
portable indicating instrumraits now available, it has 
been foimd that the need for this procedure will be rare. 
However, a statement of such procedure is advisable for 
guidance if needed. Table V diows the results of suc¬ 
cessive comparisons of a wattmeter before, during, and 
after a test series induding the suggested heat run. 
The test series was that described later in this paper 
(See Section entitled “Photographic Observation,”) 
dated from Jan. 3, to Jan. 31,1924, and the wattmeter 
was one of those read by observers. The perform¬ 
ance of this wattmeter shows what has been found to 
be tsrpical of high-grade portable indicating wattmeter 
performance during many t^t series. 

Accuracy op Final Result 

A value of accuracy of the final result of the electrical 
output alone may be arrived at from a knowledge of the 
precision of the wattmeters and instrument trans¬ 
formers used. However, a more satisfactory accuracy 
figure, is one which can be applied to the over-all meas¬ 
urement of the water-rate of the turbo-generator. 
This figure is the per cent averaged eviation from the 
mean, (defined below), and is applied to the results 
obtained from three or more tests at any given load 
point.* En ough tests can be run at any load point to 

3. See “Disoussion of the Precision of Measurements’’ hy 
Silas W. Holman. Second Edition, 1904, chapter on ’’Direct 
Measurements.” 
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TABLE V 

SPOOBSSiyE OOMPABISONS OF PORTABLE INDIOATINS VATTMBTBB. BATED 6/10 AMPBBBS, 150 VOLTS, .TOO/IOOO WATTS 
-Place .. 


Date 


Scale 



— ---- —^wmv«.4x.jr 1 acnonectady | 

Compared by 1 

Gen. Eng. Lab. 

Electrical Testing Laboratories 
--—_1 


Gon. Eng. Lab. 

12-13-23 

1-3-24 j 1-3 *-24 

1-17-24 

1 1-31-24 

2-11-24 


0 

10 

15 

20 

25 

30 

35 

40 

45 

50 

55 

60 

65 

70 

75 

SO 

100 


Instrument Readings 


0 

9.96 

14.96 

19.94 

24.94 
29.90 

34.96 

39.94 

44.96 

49.94 

54.95 

59.94 

64.94 
70.00 
74.98 
80.00 
99.90 


19.9 


40.0 


60.0 


80.0 

100.0 


♦Comparison made after a four-hour heat run at 400 


0 

0 

10.0 

9.9 

15.0 

15.0 

20.0 

19.9 

26.0 

24.9 

29.9 

29.0 

35.0 

35.0 

40.0 

40.0 

45.0 

45.0 

50.0 

50.0 

55.0 

55.0 

60.0 

59.9 

65,0 

65.0 

70.0 

70.0 

75.6 

75.0 

80.1 

80.1 

100.1 

100.0 


* watts, 100 volts 

bring the value of the per cent average deviation from 
the mean within my desired value. It has been found 

w^er^ ® ^ attained in 

^ter-rate teste wherein the measurements of electrical 

output are taken as ^e described herein and where 
equal care is given in making the steam-input measure¬ 
ments ^d corrections. Any individual test at a given 

tX mean 

value of all teste at that load by more than 0.75 per cent 

ttet al dtomate errore have been eliminated and 
that only mdeterminate errors remain. ^ 

*iv» brsiir** 


0 

10.0 

15.0 

19.9 

24.9 

29.9 
35.0 
40.0 
45.0 
50.0 
55.0 
00.0 
65.0 
70.0 
75.0 
80.1 

100.0 


0 

9.92 

14.88 

19.92 

24.98 

20.92 
35.00 

39.98 

44.98 

49.98 
55.00 
00.00 
04.94 
70.00 
75.00 

79.98 
99.90 


Maxiiiiim) 

(Uianicf^ 

Small 

Dhisimis 


0 

0.10 
0.12 
0.10 
0.10 
0.02 
0.04 
0.00 
0.04 
0.00 
0.05 
0,10 
0.00 
0.00 
0.02 
0.12 
0,20 


TABLE VI 

DIEBEBENOB BBTWBKN VALUK.S .»F 
WATBB-BATB BOB SEVBBAL TESTS AT A fUVEN LOAD 
AND PEBOENT AVEBAGE DEVIATION BBOM THE MEAN 


Turbo- 
Geuerator | 

Design 

nation I Load 
Number IQlowatts I 


Number 
of tests 
at each 
load 


Por cent , 
Maximum | 
dilfei’enco 
between 
values of 
water rate | 
obtained 
from tests] 
at each 
load 


i*or Ci?ut 
averawfo 
deviation 
from 
the moan 


IS 


Percent A. D. = 




+ da -I- da + d,) ion 

AN ■y/W 


and 


N tests 

N is the number of teste 
di = WR,~a 
di * WR,~a 

V.U ri ^ A, etc. 

oblSed on Sst^^d water-rate 

absolute valu^ of df'succeeding teste. The 

ratetl'^n tra-rST/"*" ^‘^r- 

the column headed The values in 

tween values of water-rate difference be- 

load,» show that practiSv^a^^J^r 


10 


11 


12 

13 


14 


15 


18 


15,000 
20,000 
25,000 
30,000 

15.000 
20,000 
23,000 
28,000 

23.000 

28,000 

15.000 

20,000 

23,000 

28.000 

10,000 

15,000 

20,000 

25,000 

30,000 

35,000 

10,000 

15,000 

20,000 

15,000 

20,0Q0 

25,000 

30,000 

23,000 

30,000 


8 

4 
8 
9 

2 

2 

2 

5 

2 

2 

2 

2 

2 

2 


2 

2 

4 

3 

2 


3 

4 

3 

4 
8 
4 

3 

4 
4 


0.37 

0.29 

0.77 

0.87 

0.05 

0.19 

0.10 

0.90 

0.40 

0.61 

1.13 

0.00 

0.70 

0.71 

0.66 

0.90 

0.38 

0.00 

0.00 

0.00 

0.00 

0.18 

0.00 

0.53 

1.91 

0,00 

0.00 

6.21 

0.42 


•^0.09 

•bO.OO 

*o.ia 

***o.u« 

«b0.32 

*^0.07 

««t:0.04 

«*«0,1« 

* 0.20 

*0.40 

* 0.00 

*0.25 

* 0.22 

*0.18 

*0.32 

*0.13 

* 0.00 

* 0.00 

* 0.00 

* 0.00 

*0.04 

fcO.OO 

* 0.11 

*0,18 

* 0.02 

*• 0.00 

*0.05 

*0.16 


Type of 
Louii 

Steady, 
lighting 
and power 


Slightly 

variable 


Slightly 

varlalilo 

Slightly 

variable 


Steady, 

lighting 

and 

power 


More 

variable 


More 

variable 


Ughthtg 
and power 
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rate is located within a belt varying in width from 0.5 
per cent to 0.25 per cent depending upon the 
conditions. 


Photographic Observation 

This paper would not be complete without a de¬ 
scription of the method whereby Messrs. Kidder and 
Hall of the Interborough Rapid Transit Co. of New 
York measured the electrical output of a turbo-genera¬ 
tor by means of portable indicating wattmeters, the 
observations of which were made with moving picture 
cameras. The use of a second set of portable indicating 
wattmeters in parallel with the test wattmeters, and 
read by observers, gave opportunity to determine the 
effectiveness of the obsCTvers. 

The photographic measurement was made by mount¬ 
ing an indicating wattmeter in a vertical position together 
with a moving picture camera so focrised that the scale 
of the instrument covered the entire width of the film. 
The wattmeter was provided with a special pear- 
shaped target pointer, and was properly balanced for 
operation with the shaft horizontal. Three such 



Pig. 3—^Loau Cxmra on One-Phasb op Tobbo-Gbnekatoe 
Showing FttrcruATioNS over Instrument Scale 
O bsorrationa obtained pbotographically for flvo minutes of one-secpnd 
intervals. 


instruments and cameras were employed, one set for 
each phase. The shutter mechanisms of the cameras 
were operated in synchronism from a common motor- 
driven drive shaft. Number counters were so mounted 
on each instrument that the number appeared on the 
film, thus providing means for identifying all pictures. 
A watch was photographed on the film at the beginning 
and at the end of each test to obtain the rate of observa¬ 
tion. Suitable illumination was produced from mer¬ 
cury vapor tubes. The entire installation was mounted 
in the generator room near Hie machine under test. 

The shutter operating mechanism operated the 
shutters at one-second intervals for short-time duration. 
For long-time duration such as one-hour test periods, 
the fastest practicable rate was about one operation 
per seven seconds, which was the rate maintained during 
the water-rate tests. 

Readings were obtained from the film after develop¬ 
ment by projecting the image on a screen through a pro¬ 
jector and reading the value shown by- the pointer. 


Readings were easily made to within 0.1 small scale 
division of the wattmeter scale, which is 0.5 watts. 

The instruments were compared by setting up sec¬ 
ondary standards at the instrument installation in the 
generator room. Holding scale values on the secondary 
standard, photographs were taken of the wattmeter 
indications. After developing the films, the readings 
were made from the projected image on the screen, and 
connections thus obtained. These corrections were 
later used to correct the wattmeter readings during test. 
Comparisons were made of the instruments before and 

TABLE vn 

DIFFBBENOB BETWEEN AVERAGE OF ALL OBSERVATIONS 
AND AVERAGE OF ALL ALTERNATE OBSERVATIONS 
G. E, 30,000 Kw. Turbo-Generator, Interborougb. Bapld Transit Co., 
New York 


Load Kilowatts 

Difference between averag 
and average of all alter 
expressed in 

;e of all observations 
nate observations, 
per cent 


Photographic Method. 

Visual Method 

13,674 

0.47 

0.35 

14,812 

0.29 

0.30 

15,535 

0.06 

0.18 

16,439 

0.06 

0.05 

18,310 

0.17 

0.07 

18,333 

0,16 

0.48 

19,300 

0.14 

0.72 

19,276 

0.19 

0.33 

21,441 

0.09 

0.20 

21,468 

0.23 

0.45. 

23,802 

0.14 

0.05 

23,881 

0.17 

0.04 

24,700 

0,03 

0.01 

25,524 

0.06 

• 0.01 

26.674 

0.06 

0.01 

25,412 

0.18 

0.14 

26,135 

0.01 

0.01 

27,510 

0.07 

0.06 

27,131 

0.11 

0.21 

28,198 

0.18 

0.16 

26,935 

0.07 

0.25 

27,998 

0.12 

0.15 

27,891 

0,11 

0.16 

29,618 

0.09 

0.09 

29,627 

0.05 

0.42 

:^9,989 

0.29 

0.31 

29,698 

0.18 

0.20 

Maximum.. 

0.66 

0.72 

Mfidmum. 

0.01 
/V 1 A 

0.01 

A 9.n 


after the test series, and intermediate to these at two- 
week intervals. A preliminary heat run was also made, 
as previously indicated. The comparisons were all 
made by the Electrical Testing Laboratories, New York. 

The wattmeters used in parallel with the test instru¬ 
ments were compared at the same time as the test 
instruments except that they were read by observers. 
Observations were made during test following the 
principles as described herein. Readings were made at 
10-second intervals. Tests were of one-hour duration, 
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there being three tests each day for nine days during a 
period of four weeks. At no time did the observers 
complain of fatigue. 

TABLE VIII 

PER CENT AVERAGE DEVIATION PROM THE MEAN OP 
INDIVIDUAL TESTS FOR BACH LOAD POINT 
G. E. 30.000 Kw. Turbo-Generator, Interborough Rapid Transit Co. 
_ New York 


able results that may be obtained on a highly variable 
load with portable indicating wattmeters both as read 
with cameras and with observers. The equality of the 
results obtained by the two methods is evident. The 
art of electrical measurements is indebted to Messrs. 
Kidder and Hall for their persistent efforts in overcom¬ 
ing the difficulties in the photographic method, and in 
carrying it through to a successful conclusion. 


Load 

Kilowatts 


Number of 
Tests 


14.000 2 

16,000 2 

18,000 2 

20,000 2 

22.000 2 

24.000 3 

26.000 4 

28,000 6 

30,000 4 

Average (omitting 14,000 kw.). 

Average (including all loads)... 


Per cent Average Deviation from 
Mean of Individual Tests 


Photographic 

Method 


*0.79 

*0.25 

*0.19 

*0.34 

*0.13 

* 0.21 

* 0.22 

*0.27 

*0.17 

* 0.22 

*0.28 


Visual 

Method 


*0.78 

* 0.21 

* 0.02 

* 0.22 

*0.09 

*0,24 

*0.27 

*0.28 

* 0,21 

* 0.20 

*0.26 


Fig. 3 shows a typical curve of the Interborough 
Rapid Transit Company’s load. This is afailway load, 
and the continual variation was the reason for employing 

TABLE! IZ 

dipferenob between water-rate as finally 

ACCEPTED. AND WATER-RATE AS DETERMINED PHOTO¬ 
GRAPHICALLY AND VISUALLY 
G. B. 30.000 Kw. Turbo-Generator. Interborough Rapid Transit Co. 


New York 


Load 

Kilowatts 

Pinal 
Accepted 
Water Rate 
Expressed 
as 100 per cent 

Water rate by 
photographic 
method, expressec 
as a percentage 
of final accepted 
water rate 

Water rate by 
visual method 
expressed as a 
percentage of 
final accepted 
water rate 

14,000 

16,000 

18,000 

20,000 

22,000 

24.000 

26,000 

28.000 

30.000 

100 

100 

100 

100 * 

100 

100 

100 

100 

100 

100 

99.9 

100.05 

100,1 

100.1 

100.05 

100. 

100.15 

100.1 

99.8 

99.7 

99.9 
100.05 
100.1 
100.05 

99.95 

99.95 

100. 

Differences in Per cent 


Between 
photographic 
and visual 

Between 
photographic 
and finally 
accepted 

Between 
visual and 
and finally 
accepted 

Madrimum... 

Minlnnirrn 

0.2 

0.15 

0.3 

Average. 

0.1 

0.0 

0.07 

0.0 

0.1 


Conclusion 

The water-rate of large a-c. turbo-generators can be 
determined with such accuracy that the per cent aver¬ 
age deviation from the mean, as defined, will be within 
± 0*25 per cent. This means that practically all 
individual test results will fall in a belt one per cent 
wide, while the probably true value of water rate will be 
located within a belt varying in width from 0.5 per cent 
to 0.25 per cent, depending upon the conditions. Such 
results as these can be obtained on commercial loads, 
even when the load fluctuations are violent, by using 
portable indicating wattmeters read by observers follow¬ 
ing the methods herein described for measuring the 
elecWcaJ output, and with commensurate care in 
making the steam-input measurements and correc¬ 
tions. 

The author wishes to acknowledge the helpful guid¬ 
ance of Mr. L. T. Robinson'* in carrying on with the 
teste described in this paper, as well as the aasistance 
received from Messrs. L. J. Cavannaugh and W. S. 
Vogel of the General Engineering Laboratory of the 
General Electric Company in conducting the electrical 
measurements in many of the teste. J. L. Roberts, 
of the Turbine Department of the General Electric Co 
de^es great credit for his contribution to this work 
being m charge of the water-rate teste. The effective 
cooperation of the personnel in the Central Stations 
Where t^ts were made was also most cordial and help- 
lul, and their contribution to this work is - hereby 
acknowledged. ^ 


tionf^SV?^ accurate observa¬ 

tions. This load IS undoubtedly the most variable of 

se speak for themselves and show the truly remark- 


Discussion 

H. W. Oetln^eri Referenoo is made to the ehookimr of 
^secondary bLdLs! 
is tn en w determining this secondary burden 

published data of the instrument coil 
constants and the size and length of leads. Whore test wiring is 

cedur^ question regarding this pro- 

^tore but where the test instruments are inserted in conJulCn 

to what IS ^tually in the circuit. In one case it was found that 

Irft in oircSt^^n'^suT'**'’^^ volt-ampere characteristios wore 
__-. In such oases it seems desirable to aotually 

4. See papers by Mr. L. T. Robinson as foUows: 

E Turbines and Steam Turbo-Generators ” 

xwiu, V 01 . XXIX, part II, page 1679. 

TeS’ luput-Output 

VervY-YT^' Transactions A. I. B. B 1913 

Vol. XXXI, part I, page 531. ’ ' 
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measure the seeondai-y burden and include all connections and 
instruments to be used during the test. A voltmeter, ammeter 
and wattmeter can be used in conjunction with a load box. 
The disconnection is made at the terminals of the instrument 
transformers and voltage applied to the leads at this point. 

Under “Observations” mention is made of readings covering 
a wide range of load variations. For such load conditions it is 
important that the wattmeters used have practically no scale 
errors within the range of possible load swings. If the generator 
output is calculated strictly in accordance with the statements 
under “Calculations” this would not be necessary, but the 
usual procedure is to correct the average wattmeter reading 
only and not to average the corrected readings. The latter 
involves an immense amount of additional labor which can 
be eliminated by observing the above requirement. 

With reference to “Photographic Observations,” these have 
the distinct advantage of giving a permanent record of the 
instrument indications and any questionable data can be cheeked 
very readily by reading the film. There is, however, one point 
which should be recognized if speedy determination of the 
kilowatt output is required. By the visual method, final 
results of the test can be calculated within two hours. By the 
photographic method it is necessary to develop, dry and read 
the film which involves several times the delay required by 
the visual method. 

J. A. Johnson: In the old days, when water was measured 
by means of weirs and piezometers we never had to worry much 
about the accuracy of our electrical measurements because the 
hydraulic measurements were so much worse. But within the 
last few years, there have been new methods perfected for 
measuring the water supplied to a turbine, so that we are now 
able to get hydraulic measurements so accurate that they have 
put the electrical engineer on his toes to produce electrical 
measurements of equal accuracy. We found that the dis¬ 
crepancies we were getting in our over-all results were apparently 
due to inaccuracies in the electrical measurements rather than 
the hydraulic. So I welcome Mr. Lee’s paper showing that 
electrical measurements can be taken accurately by observers 
with indicating instruments, and that it is not necessary to. use 
photographic methods, because it is always much easier to 
use apparatus which is available in any standard power com¬ 
pany’s laboratory than to have to develop special apparatus. 

W. H. Pratt: Mr. Lee’s paper shows what can be done by 
using instruments in a careful way, and it recalls to mo work 
that I did about twenty-five years ago when we first had oc¬ 
casion to calibrate large watthour meters on very fluctuating 
railway loads. We found by averaging results on readings, 
simply taken as Mr. Lee describes, not attempting to average in 
the mind but putting down the readings as seen from moment 
to moment, that it was perfectly possible to get successive 
calibrations in agreement within a matter of a few tenths of a 
per cent, frequently within two-tenths of a per cent. So I 
think there is no doubt that this averaging of a moderate number 
of observations is an absolutely valid method. 

In Mr. Lee’s paper the use of a portable test meter is men¬ 
tioned, and I think as a matter of record we should note that 
this is a use for which this meter was not originally intended. 
The accuracy that he seeks to obtain is higher than would be 
requisite when the meter is used as it is intended to be used. 
The meter in its proper field fully meets the conditions required. 

F* V. Madalhaes: It is comforting, as well as interesting, 
to those handling tests involving the ordinary instruments and 
observations, to have the accepted methods of handling tests 
proved reliable by Mr. Lee’s presentation of the iise of the camera 
to check the readings of the instruments. 

I should like to use Mr. Lee’s paper as a vehicle for advicing 
a plea; and in advancing it, it is not intended as a criticism of 
this particular paper. The plea is for a careful consideration 
and statement of the necessities involved in any problem of 


measurement. These necessities or specifications, as well as the 
limitations of the instruments that may be ^elected for the test, 
should be clearly understood in the minds, of those conducting 
the test. 

The use of the rotating test meter for various purposes and 
its hmitations have been quite actively under discussion during 
the past year or so and it is the use of this particular instrument 
that I wish to discuss. The uses which have been proposed or 
suggested for this instrument can be classified roughly into four 
necessities. The Instrument was specifically designed to meet 
one of them but an effort is being made to use it for the other 
three. This effort has been attended with some lack of success 
and irritation on the part of those attempting it. 

Firstly, there has been for many years a necessity for a con¬ 
venient portable instrument for use in the field for making 
several hundred or several thousand tests a month of the house- 
type watthour meter installed on the lines of public utilities. 
For that purpose, experiments were started possibly twenty or 
twenty-five years ago, toward the development of a portable 
test meter or rotating test meter. The conditions to be met 
were primarily portability with a combination of as many ranges 
or scales within one instrument as it was possible to develop. 
The accuracies aimed at were, let us say, within 0.75 per cent. 

Many are familiar with the successful use of the portable test 
meter in connection with the routine tests of service-type watt¬ 
hour meters in customers’ premises. 

The second problem is the one to which Mr. Lee’s paper 
refers; namely, the measurement of energy during water-rate 
tests or acceptance tests on generators. 

On tests of this character, the requirements for accuracy are 
more rigorous than for the field tests of commercial watthour 
meters and could probably be called ± 0.25 per cent rather than 
=fc0.75 per cent which was set up in case No. 1. Tests of this 
character would be made indoors in a station and it is at once 
apparent that the requirements for this test are different from 
the requirements which dictated the development of the rotating 
test meter for use in the field. There is no real necessity for 
using an instrument primarily designed for portability. Also 
the precision expected is much greater than that for which 
the portable instrument was originally designed. 

The third problem that has arisen recently is the necessity 
for a reference standard to calibrate the watthour meters used 
for the interchange of power between large systems. These 
watthour meters are, as a general rule, very few in number and 
are always located within a power house. There would again 
be no necessity for the use of an instrument specially designed 
for portable use and an effort made to attain a precision of 
possibly zb 0.25 per cent. 

A second variation of this same problem is the necessity for 
an instrument to calibrate the meters which sell energy directly 
to a fimfl.11 number of large customers, such as some of the 
utilities in the Niagara territory which have a total of possibly 
one or two hundred watthour meters, representing all of their 
customers as compared with other utilities having several 
thousand or several hundred thousand watthour meters. The 
instrument used to calibrate these relatively few watthour 
meters could properly be of different characteristics, possibly 
not quite so portable but providing a higher precision in the 
measurements. In this case a precision of possibly dr 0.20 
per cent or 0.30 per cent might be required which again is much 
greater than the 0.76 per cent which the accepted type of ro¬ 
tating test meter now provides. 

The fourth problem is the necessity for a reference standard 
of some description in the laboratories of public utilities or 
universities or public-service commissions as an instrument to 
certify the accuracy of the rotating test meters that are used 
in the field. Here again the conditions under which the instru¬ 
ment would be used are laboratory conditions so that there is no 
necessity for an instrument primarily designed for portable use 



LEE: WATER RATE OF LARGE A^C. TURBO GENERATORS 


Tmisaetuins A, I. K. 10. 


ftnd the requirements for the precision of the measurements 
would be of the order of zb 0.20 per cent. 

To sum it up, the present type of rotating test meter which is 
being used successfully by the utilities for making routine field 
tests of watthour meters very possibly .will not meet the require¬ 
ments of other forms of tests which I have just outlined. It is 
possible, however, that a different form of test meter may be 
developed which Avill meet all of these conditions satisfactorily. 

To present an illustration from another field of measurement, 

I will refer to the subject of time measurements. The stop¬ 
watch was developed a great many years ago, primarily for the 
purpose of being carried around in a personas pocket to time 
races. Since this original development and use of the stop¬ 
watch, there have arisen the necessities of the electrical business 
w ith their incidental electrical and time measurements. An 
effort has been made to use this stop-watch in connection with 
more or less precise electrical measurements. The stop watch 
has continuously suffered from the comparison of the results 
Mhich It can supply with the results obtained from good grade 
electncal instruments. If, precise measurements of time are 
required m the laboratory, it is quite obvious that some different 
form of measuring device should be used and this Avould un- 
doubtedly be a device not primarily designed for portable use 
in a person’s pocket. 
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mately unity power factor would be necessary for the highest 
accuracy when the polyphase meter is used. 

With reference to the electrical readings taken on the Gibson 
tests at Queenston, we have, in general, made corrections similar 
to those suggested and presxunably used in the tests described in 
the paper. The Gibson test is different from the water-rate test 
in this respect, namely, that the poAver being delivered to the 
turbine is desired at the instant the gate starts to close. The 
quantity to be measured, therefore, is not the average power over 
a period of time, as in the case of the water-rate test. In correct¬ 
ing the meter reading obtained, we have taken account of the 
ratio and phase-angle errors of current and potential trans¬ 
formers, which have been previously calibrated, and the error in 
the meter itself. The wattmeter is always calibrated before and 
after test against our secondary standard, and is transported by 
messenger. 

In noting that use was made of watthour meters, I might say 
that we have tried these, but were unable to get a very close 
check with the indicating wattmeter reading. This was dpe, no 
doubt, to the fact that the watthour meter would give the average 
kiloAvatts for the time immediately preceding the dropping of 
load, Avhereas tho wattmeter gives the output at the instant of 
shut-down. The per cont error in the watthour meter is larger 
because the time during Avhich it is reading is relatively short, not 
more than two minutes as a usual thing. In water-rate tests of 
an hour’s duration, during which the load is held reasonably 
constant, this error would become very small 

I was interested to rnjte the comparison betAA^een visual and 
photographic methods of obtaining the readings on the watt¬ 
meter. Wo have had this method in mind for some time, and 
expected that the extra cost of such a method would be justified 


by the increased accuracy obtainable. Apparently Avhere the 
average of readings taken over a length of time is desired, com¬ 
petent Adsual observation can be depended on to give results as 
accurate as the results obtained vrith the camera. I still believe, 
however, that where an instantaneous reading is desired, greater 
accuracy would be obtained by photographing the position of the 
wattmeter needle. 

E. S. Lees With reference to using a polyphase integrating 
watthour meter as suggested by Messrs. Leonard and Mommo, 
the procedure, as described in the first part of the paper, 
regarding Avatthour meters should be followed. As regards the 
need for two-hour tests, the evidence submitted in the paper shows 
the sufficiency of tests of one-hour duration. 

With particular reference to measurements of electrical poAver 
output from water-wheel units as mentioned by Mr. Brandon 
where the water fiow is measured with the Gibson apparatus, 
conditions are quite different from turbine-generator testing in 
that the electrical power output is desired at a particular instant 
following a period of constant power output. The results of 
repeated tests Avill give the deviation. If the latter is too great, 
more refinements will have to be introduced into the measure¬ 
ment. Photographic observations Avould probably be of . no 
advantage over the visual however, because of the steady con¬ 
ditions required preceding the observation which would allow the 
instruments to be read Adsually. 

The use of a polyphase indicating wattmeter requires that the 
instrument l?e compared under the exact test conditions. The 
suggestion of adjusting the generator power factor tq unity is not 
generally applicable as the generator must be tested at its rated 
power factor Avhich is ficquently less than unity. 
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IHE INSTITUTE 

I T seems fitting at this time to bring to your at¬ 
tention, very briefly, some of the outstanding 
results of the work of the membership of our 
Institute during the administrative year just closing. 
^ I am sure most gratifying to all, is the increasing 
interest and activity in Institute affairs all over the 
country, the greater appreciation of the value of the 
I^itute, professionally and practically, and finally 
the enjoyment of personal contact of scientists and 
engineers for the mutualization of thought toward the 
advancement of our art. These facts are clearly 
brought out in the statement of the number of meetings 
^d attendance given in the Annual Report of your 

Bo^dofDirectorsforthefiscalyearendingApril 30,1925. 

The work of our Standards Committee, which 
covers not only a revision of and additions to our 
b^dards, but a rearrangement of their set-up, which 
will make for their much greater convenience for field 
use, IS worthy of the greatest praise, as it required much 
untmngand unselfish effort on the part of a very large 

^oup ofmendetemined to accomplish what has been 
done this year. 

Papers Committee has so co- 
Districts that 

regional conventions are now established on such a 

desirable to abolish 
tte National Spring Convention as such, which recom- 

of the coo^tlee wae concuiroj in ^tte 
ard of Directors at its meeting on May 15,1925. 

constitution to bring it into fine 
Institute’s activities, 

hL b^n SLf membership 

A ‘’^"/‘^comphshed, as was also reported at the 
^nual Meeting on May 15th in New York when fte 
ai^ affirmative vote by letter ballot was recorded 

have been even 

fromtSe iJr^ u ’ Journal 

time to time you have seen how well thev have 
preyed the sessions of the conventions falling i^der 

orsSfTJirr"'" ^ 


vxvivf* i.>xxci,u wiiuiusiuua uc laui t; lur 

in their orientation, and that through the <liscus.sion, 
views of members from the greate.st number of .sections 
of the Institute may be expressed. 

The report of our auditors indicates a healthy 
financial condition, and that we have paid our way this 
year. The slight increase in income as provided by 
certain changes in our revised constitution, will be 
most welcome for the carrying forward in a broader 
way important activities as seen to be needed by the 
Board of Directors. 

The excellent result from our Membership Committee 
is shown in the fact that on June 1, 1925 our list of 
members tolled 17,318—repre.senting a very .satis¬ 
factory continuous growth since the fonnation of the 
Institute. 

The Reason 

Now, the relation of these events concerning our 
activities and growth, which are not unlike tho.se of 
om sister societies, should bring to our minds the 
th^ht that there must be a sound reason for it all. 
t reason, and it is in the indisputable 

tact that the engineers have made the world what it 
IS today; have brought to it industrial progress and 
ewnoiy; have given it the living comforts and, more 
• u 1 .^ ’ have shaped the very scheme of living of its 
inhabitants since civilization began. 
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raw materials from the earth to the practical application 
of water streams and storage, which for centuries have 
been idle in their help to man; 

The understanditig of many of the- mysteries of 
chemistry with their application to industry, health 
and comfort;.... all seem long steps in our notion of 
periods of advance, but all find their foundation in 
science and engineering. No one can say that but for 
these, and the very many related achievements, would 
the progress of civilization, the groupings of the peoples 
of this world, their interests, their methods and com¬ 
forts of living, be such as we now behold. 

Although centuries have passed while our present 
scheme of life has been perfected, it is only very recently 
that the rapid strides of applied science and engineering 
have beenaccomplished. Tonotethefaet that as lateas 
1862 was founded America’s first national engineering 
association, that of the Civil Engineers, is sufficient to 
indicate the rapidity of development of the engineering 
arts. The founding of the American Society of Civil 
Engineers in 1862 was followed by that of the American 
Institute of Mining Engineers in 1878. 'Then came the 
American Society of Mechanical Engineers in 1880, 
and finally our own Amaican Institute of Electrical 
Engineers in 1884. 

The very many and rapidly increasing special fields 
of engineering endeavor seem to have been the reasons 
for the birth of these now so-called “Pour Pounder 
Societies.” As each new field opened up, and its 
immediate development was hastened by necessity, there 
was not the realization of its possible and essential 
coordination with the work of those in distinct lines 
already established. Now, however, that there is a 
breathing time sufficient to review the situation as a 
whole, coordination is being established, as can be 
recognized in the forming of the American Engineering 
Standards Committee, the American Engineering 
Council, the Society for Promotion of Engineering 
Education, wheran the needs of all engineering may be 
comprehensively discussed. 

The electrical engineers whose art has such universal 
application in all branches of engineering for nearly 
every industry and every domestic service, have had 
much to do in the bringing to one center all the arts 
of engineering. If for technical reasons this move 
toward general coordination has been started, it is all 
the more important for the presentation of a imified 
national opinion of America's engineers in matters 
pertaining to om own welfare, and that of the nation 
where the knowledge and training of technical men 
may be useful. 

That engineers have brought all this about, by no 
means signifies that their responsibilities have ceased 
or even lessened, for in fact they have become all the 
greater; as through scientific knowledge and engineering 
experience, must not only the material side of life but 
its relation to human existence, go forward. 

Engineers by training are taught to think straight, 


to seek the plain truth without bias, to deal with facts 
only, and to marshall them toward the goal of practical 
and beneficial accomplishment. Who, better than 
they, can turn the knowledge and experience which has 
brought us to our present state, to its application in the 
less technical activities of life with which it has such 
a close relationship. 

The advancement of science and engineering for its 
own sake is not enough, in its control of the forces 
and materials of nature, for the organizing and directing 
of men, and all that this means in its broadest sense, 
becomes the obligation of engineers in order that the 
human race may be fully benefited. 

No finer example of full accomplishment of this 
ideal could be cited than the life of the renowned 
Prench chemist, Louis Pasteur, an almost fanatical 
devotee to his science, yet never without the parallel 
thought of the benefit of his results to all living people. 

Here in America today we have our distinguished 
Secretary of Commerce, the Honorable Herbert Hoover, 
an engineer of proven accomplishment, a worker for 
humanity, beloved by those European nations so much 
helped by him during the World War; now devoting 
his power of discernment of fact to practical application 
for the industry and comfort of the people of our whole 
Nation. 

Engineers up to now have been all too prone to be¬ 
come so engrossed in their own technique as to give 
little or no heed to the development of life about them, 
or to have any thought that they are a part of that life 
and should give to it of their ability and experience 
and judgment, as other men do, who too have vital 
interests at stake from which some time must be taken 
for the good of all. 

President George Pillmore Swain in his address to 
the Civil Engineers as far back as 1913, advocated a 
more human engineering, while our past President, 
Arthur W. Beresford in his address to us in 1921, 
warned against the belief by engineers that they can 
run successfully all the jobs in the world; but surely 
betweffli these two ideas is a middle road to follow 
where engineers can and should help in matters con¬ 
cerning which they possess useful knowledge. Presi¬ 
dent John Lyle Harrington in his address to the 
Mechanical Engineers in 1923, speaks very definitely 
on the subject, and I commend for your careful reading 
and reflection these three addresses mentioned, which 
so clearly point the way we should go, that from engi¬ 
neers the world may get the fullest measure it so 
rightfully demands, and the position of the engineer 
may be recognized as it so surely deserves. 

Of course, just being an engineer does not qualify a 
man as an executive, nor as a legislator, for such work 
requires broad human vision, balanced pwspective, 
ability to sense relationships and effects, all of which 
faculties would seem to have been more generously 
bestowed upon lawyers and business men generally than 
upon men of technical training. Is this, however, the 
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fact? Have not the technical men these faculties, but 
have neglected to develop them by special education 
and experience so as to bring them sufficiently to a 
prominent place in their mental activities and desires? 

Faculty for other than technical work must be 
present in the engineer if he is to be a worker in the 
broad fields of life, but having such aptitude, his very 
technical training should make him a more useful, more 
forceful worker than those non-technically trained. 

If you reflect but for a moment, you will realize that 
many, in fact most of the problems of our people are 
basically engineering problems, if not strictly so 
technically as many really are, at least so generally, 
as they have to be solved by analysis, and the weighing 
in the balance what is found to be the logical and practi¬ 
cal result if one plan is followed, with similar results of 
some other scheme under consideration. This method 
of analysis is peculiarly that of engineers who by 
training are well fitted to lend a hand. 

In few places where the engineers could be helpful, do 
we see their names listed. To be sure here and there 
we find them, and how well these few perform their 
duty is a matter of record. The names of these men 
are mentioned with pride, but it is the exception rather 
than the general rule to find our members in such 
activities. In our principal body of national representa¬ 
tion, our National Congress, how many names of 
engineers do we find? This body is composed largely 
of lawyers, over *66 per cent, and politicians whose 
business at home is not engineering. These are the 
men who pass on the problems of the country so many 
of which, as we have endeavored to show, are such as 
could be more logically determined by our technical men. 

Truly, by now we have come to the time when our 
experience must be turned to broader fields of investi- 
^tion than those confined to our technique; and how 
IS this to be brought about? 

A new state of mind in the engineer must be born. 
Those most advanced in our art must appreciate their 
debt of service to the needs of the people not having our 
training in the determination of facts; our educators 
must be brought to appreciate that the training of 
young men in the technique of their work, is but a 
part of the training for a suitable graduating degree. 

ur college students must be made to realize that their 
particul^ training incurs an obligation of its service 

for the benefit of all our people, wherever it is possible 
to bring it to bear. 

commissions and political bodies 
f lawyers, with a few other 

non-techmcal men, whose work deals primarily with 
^ects based on engineering, and as a consequence 
many engmeenng experts are called to bring in the 


scientific and technical facts that proper decisions may 
be reached. 

Why, now that the legal and financial bases of most 
of the investigations by our public bodies have been so 
well established, should not the personnel consist 
largely of qualified engineers, and when legal orfinancial 
advice is needed, call in the experts from those fields? 
Would not this seem more logical? Has the training 
of our scientists and engineers been such as to make 
them unfit for this duty? If so, it is high time that 
intensive study should be undertaken to correct such 
a condition. 

It would seem reasonable for a well balanced com¬ 
mittee of the four foimder engineering societies to be 
formed, selected from many branches of industry and 
the world work to cooperate with the Society for the 
Promotion of Engineering Education, in order to 
determine most broadly on a proper curriculum for 
our students, to bring to them a correct blending of 
technical work and training in human engineering; that 
our profession may perform its fair share of carrying 
on the welfare of our people. 

Even if much which is now taught is abolished from 
our present curricula, and the fundamentals of the 
t^hnique of our art made more thoroughly understood, 
with training in e:i^ression of their application, both 
orally and in forensic, so as to be clearly understood by 
non-technicaJ men of the business world, a much 
broader viewpoint of the engineer, and a much wider 
appreciation of what he can do in the world's affairs 
will result. 

No loflger should we be looked upon as “glorified 
mechanics,” when in our combined mentality and 
our essential training in the discernment and arrange¬ 
ment of facts, exists such a potentiality for helpfulness 
to all mankind. If we so continue we can have only 
ourselves to blame, and now that we have come so far, 
what a shame to rest in a feeling of complacent 
satisfaction. 

Of course eve^ engineer in. the country cannot be 
placed in public office, either municipal, state or 
federal, but all engineers can lend aid in supporting 
tho^ chosen for the more conspicuous places. Each 
ha.s his own field of usefulness, by training or by choice, 
and his feeling of reward should be his satisfaction of 
service rendered. 

■The Master Mind of all creation holds the key of 
. ^owledge; to the scientists is entrusted the unfold¬ 
ing of the fundamental laws of nature, to the engineers 
their practical application for the benefit of the human 
race m every possible way; the road is open, our duty 
IS clearly defined^ that our obligations will be fulfilled 
there is no doubt. 



Present State of Transmission and Distribution 

Developments 

By Committee on Power Transmission and Distribution' 


T HSS Committee submits the following report on the 
progress made during the past year in the field of 
Power Transmission and Distribution. In ac¬ 
cordance with the plan proposed, a number of subjects 
are offered at the end of the report suitable for topical 
discussion at the Annual Convention. 

In high-tension transmission, the year has been 
notable for the first normal operation of the two long¬ 
distance 220-kv. lines in California and the concrete 
proof of the entire feasibility of lines of this sort. The 
importance of this fact is difficult to exaggerate. Al¬ 
ready several other 220-kv. lines ai’e projected; one 
now going under construction. The physical con¬ 
struction of these lines will soon be pretty well stand¬ 
ardized and no longer a matter of serious controversy. 

While the evidence as to the feasibility of 220-kv. lines 
is clear and convincing, there remains much uncertainty 
as to the limitations of the capacity of such lines when 
of gi’eat length. Much quiet work has been done, since 
the forceful presentation at the Philadelphia A. I. E. E. 
meeting last year of the dependence of very long lines 
on the rigid maintenance of line voltage and the weak¬ 
ness of commercial synchronous condensers for this 
purpose. The prospect is bright for better operation 
than would have been expected. At present, the work 
is largely in the hands of the designers of the various 
sorts of apparatus involved in line-voltage support and 
regulation. 

It may be well to mention that the explanation of the 
many mysterious insulator flashovers on high-voltage 
lines in central California, which have baffled investi¬ 
gations for some time, has been established as the 
presence of large birds roosting on the towers and 
guanl rings. This difficulty has now been, or soon 
will be, practically eliminated. 

An old problem has come into imusual prominence in 
certain places, viz., the more or less severe vibration of 
highly stressed conductors, due to wind action causing 
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the formation of standing waves and endangering the 
cable strands. This subject is being worked upon. 

Little progress has been made in the discussion of the 
various aspects of the subject of fiux control in very 
high-tension insulator strings. The well-known guard 
ring seems to be holding its position. 

Much field work has been done on corona losses. It 
is to be expected in the measurement of these losses on 
long lines, subject to var 3 ring voltage and climatic 
conditions along their length, and sometimes of varying 
conductor size and configuration, the results are some¬ 
what confiicting among themselves and to some eictent 
at variance with the accepted formulas. While there 
is a difference of opinion on the subject, no clear proof 
as yet exists that there is any material error in the es¬ 
tablished formulas when applied to ideal simple condi¬ 
tions. However, it is clear that the actual determina¬ 
tion of this loss for the practical case of long 220-kv. 
lines is a very complex and difficult matter, since the 
conditions vary so much both along the line and from 
day to day. 

With the increased study of important tie lines which 
may carry power in either direction and with the pro¬ 
posals for the transmission with the aid of synchronous 
condensers of amounts of power on'high-voltage lines 
near their maximum capacity, the importance and the 
complexity of the designers’ task is just now being 
realized and the all-important r6le of power factor 
recognized. 

In the field of lead-covered cables, we have to record 
a most active year of great progress. With the marked 
advance in 66-kv. cable joints ; the successful opera¬ 
tion of a number of high-tension cables in 66-kv. circuits 
in actual commercial service; and with the growing 
belief that cable for 132-kv. circuits will be feasible 
and may soon be available, the whole aspect of the 
transfer of large amounts of power underground in 
congested districts is changed. The possibility of the 
use of these voltages leaves very little to be desired as 
far as capacity goes. However, the costs are extremely 
high and the technical details are not yet developed 
to any final stage. 

There has been no marked development, but it is 
believed that a steady advance is being made in the 
quality of high-tension cables and, therefore, in the 
voltage at which cable can be used. In addition to 
the use of single-conductor cable the principal elements 
contributing to this advance are greater care in the 
selection of materials, in the fabrication of the cable 
particularly the more thorough elimination of air and 
impregnation with the insulating compound. In the 
higher-voltage cables there is a distinct tendency toward 
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a fluid impregnating compound. For very high-voltage 
cables it is proposed that this compound by means of 
reservoirs along the cable, be kept under a hydrostatic 
head, the conductor cable being hollow or of open 
structure to permit flow of compound. Much work 
has been done on all phases of this subject during 
the last year and many notable papers have been 
presented before the Institute. 

Development in high-tension insulators, lightning 
arresters, protective relays and oil breakera proceeds 
steadily but no especially conspicuous advances are noted. 

In spite of the number of years in which electric- 
power systems have been in general use and the vast 
numbers of distribution networks, there still exists a 
lively discussion as to the best type of low-voltage 
local distribution system—whether two-phase with neu¬ 
tral we or thre^phase with onemodifieationoranother. 

This brief review should not close without mentioning 
the closer and closer operating cooperation between the 
well-known groups of large utilities, such as those in 
the southeastern States, where many necessary details 
are being worked out. Much more intimate mutual 
support is being realized, also the rapid interconnection 
of utilities by high-voltage lines and the establishment 
of large base-load plants in the great industrial district 
^t of the Mississippi and west of the Alleghanies. 

sort of interco^ection is developing interesting and 
difficult problenis in the metering of commercial power. 

In accordance with the plan for making the Annual 
Convention a forum for the informal discussion of 
topics of current interest without the labor of the i 
preparation of formal papers and without the con- i 
smption of the time necessary to present them, the t 
foUowmg topics are presented for discussion. 

A. What capacity in lead-covered cable can a i 
pre^t-day designer count upon in laying out con- s 
necfaons for the transfer of power from a large base- 1 


e load generating plant in or near a large city to the 
f principal distributing substations? On what voltage, 
e what size of conductor, what operating temperature, 
1 etc., would this be based? 

: B. How much load can be handled over a IDO-kv. 

; tie-line connecting two large independent systems and 
i carrying equal amounts of power in both directions 
with dependence placed on tap-changing devices for 
: the maintenance of stabilized voltage in both systems? 

I Can such tap-changing devices be relied upon where 
the interchange between the systems is to be aul;oniatie 
in accordance with the variations of load and with the 
conditions of most economic operation in the two 
systems combined? 

C. What is the exciting cause for mechanical stand¬ 
ing waves in a high-tension, long-span line conductor? 
Is tight stringing necessarily a cause of vibration? 
What is the relation to conductor size, weight and elas¬ 
ticity? What sort of remedy is theoretically effective? 

D. Where a large block of power is to be distributed 
over a considerable area, is it feasible or desirable to 
use single-circuit interconnected feeders carried by 
different routes to accomplish distribution and trans- 
mi^on simultaneoudy. In such a case, what are the 
limitations on tapping the single circuit feeders for 
local loads, the questions involved being relay pro- 
tection, cost of installation, reliability of service, etc* 

E. ^at can be done to reduce installation eo.st of 

high-voltage transmission lines? Can trausmiasion 
towers be further standardized? Can more mechanical 
device be used in hole digging and erection? Is the 
1^ of extra high-strength conductors and very tight 
stnngmg desirable? ^ * 

F. What can be done to reduce to reasonable pro- 
P^ons the cost added to a transmission line con- 
Jruction by the necessity of considering the effect of 
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activities of the following subcommittees and the 
Chairman would not suggest any radical change in tiie 
organization as it now exists. It is heartily recom¬ 
mended, however, that the work begun by these various 
subcommittees be continued during the coming year and 
that the recommendations made in each case be 
followed. 


Automatic Stations 

Fundamental Dippbrbncb Required in Design op 
Devices for Automatic Application prom those por 
Manual Application 

One of the things which differentiate devices used 
in automatic stations from those used in manually- 
operated stations is the question of inspection. The 
designers of devices for manual stations tacitly assume 
that all of the devices will either be continuously under 
the eye of an attendant or will be inspected several 
times each day. This tacit assumption is borne out by 
the fact that the usual manual station is provided with 
instruments and switches. A human intelligence is 
required to read the instruments and thus operate the 
switches in accordance with the story told by the in¬ 
struments. As a result, the designers of- devices for 
manual stations have paid more attention to the per¬ 
formance of the devices in response to a specific circuit 
condition than to their continued successful per¬ 
formance with inspections at intervals exceeding a week. 

Another item differentiating the design of devices for 
automatic stations from those in manual stations is the 
relative life to be expected from the two. Devices for 
automatic stations require in some instances a successful 
life of several million operations. The only devices in 
manual stations called upon for similar services are 
probably the automatic generator-voltage regulators 
and some of the control apparatus used for steel mill 
service. In each of these latter cases; life has been an 
important feature of the design and as much attention 
has been paid to this as to the operating characteristic 
of the devices. 

It will be seen, therefore, that primarily the attitude 
of the designers of devices used in manual stations 
contemplates an attendant who will supply any de¬ 
ficiencies in the operation of the devices, while the 
design of devices for automatic stations requires that 
the devices function correctly or else make the station 
inoperative. 

Minimum Safe Protection for Power Apparatus 
in Automatic Substations , 

Prom the standpoint of railway applications, the 
amount of protection that is afforded automatic 
substation equipment by the use of various devices, 
relays, etc,, is a direct function of the type of installation 
with respect to its application, importance and whether 
full-automatic or partial-automatic. 


This statement may be amplified by considming a 
typical case. It is the installation of automatic equip¬ 
ment on large urban properties where the successful and 
continued operation of the substations is of prime im¬ 
portance. Here it is customary to install all the various 
types of protection that will prevent, as far as possible, 
either an interruption to power service or damage to 
equipment. 

On the other hand, automatic substations installed on 
some small interurban or suburban railways do not 
require the refinements of protection afforded more 
important substations. This is due, in some cases, to 
lack of capital for initial investment. In other cases 
the continuity of service is not the controlling factor and 
the protective features may be kept to a ininiTnum. 
These substations quite frequently take the form of the 
so-called partial-automatic type where an attendant or a 
time clock is used to start and stop the station. Upon 
the occurrence of trouble these substations are generally 
arranged to cease operation and remain out of service 
until restarted by an attendant. 

Por standard size 600-volt converters, feeding into a 
metropolitan railway-distribution network, the follow¬ 
ing minimum protection is recommended: 

A-c. overload (lock-out); d-c. overload; sustained 
overload; a-c. undervoltage; d-c. reverse current 
overheating of current limiting resistors; failure of field 
circuit; overspeed (lock-out); overheating of bearings 
(lock-out); failure to complete starting cycle (lock-out); 
flashover (lock-out). 

D-c. Edison-system automatics are called upon for a 
high class of service and the protective features must be 
so chosen and applied that the service must be main¬ 
tained. There is.a tendency at present to so protect the 
station that the machines are tripped off at times when 
the condition of stress may be far below the limit of the 
machine. This has had a tendency to prejudice 
prospective purchasers of automatic apparatus by ap¬ 
parently complicating the switching equipment. 

It has been the practise in some heavy manual sys¬ 
tems to tie the converters or motor generators solidly to 
the bus without protection on the d-c. end. Within 
reasonable limits it is felt that this could be approached 
in the design of automatics on the same class of system. 

For 260-volt motor-generator sets and converters 
the following minimum protection is recommended: 

A-c. overload (lock-out); d-c. overload; sustained 
overload; overheating of machine; overheating of 
transformer; overheating of current limiting resistors; 
a-c. undervoltage; d-c reverse current; overspeed 
(lock-out); failure to complete starting cycle (lock-out); 
overheating of bearings (lock-out); flashover (lock¬ 
out). 

Various devices for the protection of the service may 
be applied; in fact it is fdt that this feature cannot be 
overdone. Several equipments have temperature pro¬ 
tection which reduces the load on the machine upon the 
temperature rising within a few degrees of the point at 
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which the set would be taken off of the system. In this 
way the system voltage is held somewhat above the 
value which would obtain if the over-temperature device 
disconnected the machine from the system. In most 
eases the machine will cool while operating at partial 
load. As practically all machines are arranged to limit 
their output by means of regulating devices, the over¬ 
heating is usually caused by inadequate ventilation 
or a failure of ventilating apparatus. If the ventilation 
is only partly retarded by the failure, the machine would 
probably operate indefinitely at partial load; the 
voltage, of course, being somewhat low but at least 
some power being delivered to the system. The 
liberal use of thermostats, operating alarms over 
supervisory circuits in the Dispatcher’s Office, will 
protect the service to a large extent. An attendant 
may be dispatched to the station upon indication of even 
slight over-temperature and may be able to alleviate the 
trouble in time. 

Automatic A-C. Distribution and Transformer 
Stations 


and rate the breakers on this basis, that the operating 
companies would either accept the standard or their 
own idea of the values would be close enough to the 
standard to make an intelligent application. Even 
if this tentative standard were based on three or four 
reclosures at five-second intervals it would be a 
decided advantage over what is now available. 

Nomenclature for Types of Automatic Rbclosing 
D-C. Feeders 

The following is suggested: 

A. Types of Feeders 

1. Stub Feeder. A Stub Feeder is one which, at the 
time of reclosing, receives energy for the testing circuit 
from one source only. 

2. Multiple Feeder. A Multiple Feeder is one 
which, at the time of reclosing, receives energy for the 
testing circuit from two or more sources. 

3. Stub-Multiple Feeder. A Stub-Multiple Feeder 
is one which, at the time of reclosing, may receive 
energy for the testing circuit either from one, two or 


The protection to the service should consist of re¬ 
closing features applied to the outgoing circuits. Power 
supply to the station should be assured by proper over¬ 
load, balanced, or reverse-current protection of the 
pai-allel toansmission lines supplying the station, or by 
automatic transfer devices if not desirable to have 
transmission circuits paralleled. Differential protec¬ 
tion should be provided for each transformer so that a 
defective unit will clear from the syst^ without in¬ 
terruption to service. The matter of apparatus protec¬ 
tion may be reduced to that of ‘ transforming and 
regulating devices; their protection should be against 
overheating and groundings. All outgoing circuits 
should, of course, be provided with overload protection 
^d in cases of automatically reclosed circuits, lock-out 
features should be provided. 

Oil Circuit Breaker Operating Duty as Applied 
TO, Automatic Reclosing Circuits 

It is suggested that an attempt be made to get the 
manufacturers of switchgear to furnish ratings with oil 

breakers siippliedforthis class of service that wiU enable 

^ operating engineer to apply intelligently these 
bi eakers to his circuits which are to be reclosed after 

1 ? to distribution circuits 

nractf ^ 6600-volt class, it seems to be general 

to be a little difference of 

^ ^ time should 

elapse between reclosures, but as a general average we 

mght say that the first reclosure is made in from two to 

abou^r toe second reclosure in 

about 30 seconds from zero, (initial tripping) and the 

+• manufacturers were to establish a 

tentative standard somewhere near the above values 


B. Methods of Automatic Test Prior to Ueclosmj 

1. Continuous Testing by Current. Continuou.s 
testing by current is a method which continuously 
furnishes to the feeder a limited current which operate.s 
a device or devices adjusted to function at or below .some 
predetermined value of current flow into the feeder to 
effect reclosure of the circuit interrupter. 

2. Intermittent Testing by Current. Intermittent 
testing by current is a method which intermittently 
furnishes to the feeder a limited current, operating a 
device or devices adjusted to function at or below some 
predetermined value of current flow into the feeder to 
effect reclosure of the circuit interrupter. 

S. Testing by Voltage. Testing by voltage is a 
method which employs a voltage-actuated device 
connected between the source of energy and the feeder 
or betwe^ two sources of energy to effect reclosure of 
the circuit interrupter at a predetermined voltage 
condition. 

Remote Supervision 

The handling of various switching and receiving 
indirations of operations from remote points has 
received much attention. The larger operating com¬ 
panies are discovering that, even with manual switch¬ 
ing, something of this nature is necessary to expedite 
operations in times of trouble. As soon as a system 
grows to a size where it becomes necessary to e.stablish 

^ switching, it is at once 
toat when trouble occurs, the switching 
necess^ to bmg the system to normal can be carried 

tioTi°°Ti,^ ^ dispatcher can obtain informa- 
telephone for this involves the 
as an operator 

^nnot mampulate his switchgear while telephoning, 
ne use of supervisory systems to provide the dis- 
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patcher immediately with an indication of changed 
condition shunts out many minutes of valuable time. 
In automatic stations, indications may be given of 
lamost anything required and it becomes only a matter 
of how far it is desirable to go in a given case. In 
Edison system automatics, remote supervision is 
particularly helpful as there are many conditions which 
can occur without warning and if allowed to continue 
may result in partial service interruption. For the 
dispatcher to feel that he has his system well in hand 
he sliould have at least the following indications from 
each of his Edison system automatics. 

1. Continuous indication of d-c. amperes on each 
unit in the substation. 

2. Positions of all oil circuit breakers. 

3. Alaim upon failure of ventilating system. 

4. Alarm when predetermined high temperature 
value is reached at the air discharge from any unit. 

6. Alarm upon the operation of the lock-out 
relay on any unit as he may not otherwise know that 
the machine will not restart upon demand. 

He should also have sufficient supervisory apparatus 
to enable him to shut down and “hold off” any or all 
units .so that he may, if desired, restrict the output from 
a given station. In addition to the above it may be 
desirable, although not necessary, to have supervision 
over the closing and opening of the oil breakers on the 
supply feeders and junctions in the supply bus, etc. 

Supervision of a-c. distribution automatics is, of 
course, less elaborate due to the simple nature of the 
equipment in such stations. There are comparatively 
few indications that the dispatcher really has any use 
for and the balance is rather a matter of convenience. 

It is sometimes desirable for the dispatcher to know 
when the lock-out relay on any of the automatically 
reclosed circuits has operated, although it is not neces¬ 
sary for him to be able to release the lock-out as it is 
generally necessary to make repairs before the circuit 
is again closed. It is observed in some communities 
that sufficient trouble calls from customers pile up in 
two or three minutes to Indicate definitely that the 
whole circuit is dead and therefore, before the dispatcher 
can inform the proper persons in the Trouble Depart¬ 
ment of his supervisory indication, they have already 
made their deductions. 

It is sometimes desirable to give the dispatcher 
control over the breakers in the incoming supply lines 
but it is better engineering to arrange them to take care 
of themselves. 

In special cases where water-cooled or air-blast 
equipment is used, it is almost necessary to give the 
dispatcher a warning of the failure of the auxiliary 
apparatus involved but in average cases such detail is 
not met with. A-e. distribution stations are usually 
in outlying sections and at a considerable distance 
from the center of operations. In this connection the 
matter of rental of telephone pair mileage becomes quite 
an item of cost. 


In general, a supervisory system is a very desirable 
asset to a system but it should never be forgotten that 
the reliability of the whole scheme can be made no 
better than the wires used in the circuit—experience 
has indicated that it is impossible to TnainfAiTi lOO 
per cent service on such small circuits. The station 
should be arranged, if possible, to take care of all 
conditions automatically without the aid of the remote 
supervision. 

Load-Limiting Schemes in Event op Overload 
(D-C.) 

Load Limiting by Series Resistance (Fig. 1). Load 
limiting by successive steps of series resistance in the 
main circuit is probably the oldest type of load limiting 
scheme used in automatic stations. It is applicable to 
synchronous converters and all types of generators. 
For this scheme the d-c. machine is connected directly 
to the negative. The positive is connected to the bus 



• A-(l(trD.C. Control Bus ■A'ClorD.C. Control Bus 

Fig. 1—Load Liuiting bt Pig. 2—^Load Limiting bt 
Stbps OB’ Sbbibs Resist ancb Accbmulative Series, Field- 
IN THE Main Circuit Shunting Resistance 

through a group of series resistors and a line contactor 
or circuit breaker. ' The usual design uses three steps 
of load limiting resistance with one shunting contactor 
or breaker for each step. The d-c. machine is con¬ 
nected to the bus with the shunting contactors open. 
Then the shunting contactors are closed successively; 
thus gradually making the bus and the machine pres¬ 
sures equal. 

In case of overload, one or more steps of resistance 
are inserted into the line. If all the steps of resistance 
are inserted by means of the magnitude of the overload 
and if this overload persists for long enough time to 
overheat the reastors, then a thermal rday opens the 
line contactor and the machine is disconnected from 
the load until the load-limiting resistors cool. After 



642 


LIVE PROBLEMS IN PROTECTION 


TriinsiW'tioiLs A. I. E. K. 


they have cooled, the machine is again connected to the 
bus through the resistors which are gradually shunted 
out, if the load pamits. 

Suitable interlocking is provided between the con¬ 
tactors to insure the correct sequence for closing and for 
opening. 

Load lAmiting by AeewmvMive Series Field Shunting 
Resistance {Fig. 2). Load limiting by accranulative 
series, field shunting resistanceisused almost exclusively 
in connection with compound wound d-c. generators. 
The scheme is applicable with additional load-limiting 
resistors such as described above. It is permissable 
to eliminate such series resistors, however, if the 
characteristics of the load and the machine are within 
certain limits. 


two shunt-field windings. One is a comparatively 
weak boosting winding. The other is a stronger buck¬ 
ing winding. The boosting winding is used to supply 
a constant and practically separate excitation. The 
bucking winding is used to reduce the shunt field 
current of the main generator when it is inserted in 
the circuit by the opening of the contacts of a relay 
on overload. 

The load is held at the setting of this relay by the 
regulating action of its contacts as long as the external 
circuit conditions require. 

An excessive overload on the machine is prevented by 
control of the machine voltage up to a certain definite 
load beyond which the constant cun’ent relay in 
combination with the counter e. m. f. regulator makes 


During normal operation the series field-shunting 
resistor has only a slight effect in reducing the amoimt 
of compounding. On overload a contactor is opened 
and this causes: 


D-C.Control Bus 


^ Field . 
Regulatinsr 
Generator 



+ D‘C.Conti*ol Bus 


Shunt Fieltf 
D-C 

Generator Differential_ 

Series Field 


'D-C. Control Bus 



D-CXControl Bus 


Pig. 3— Load LiBnoroo by Pia.4— LoadLimitingbyDip- 
Counter E.M.F. Generator pbrbntial Series Field 

1. The generator to become a shunt 

2. The shunting resistance to be inserted in series 

with the machine. ♦ 

3. The shunt field to .be reduced due to voltage 
drop through the series field-shunting resistance. 

On reduction in load to a predetermined value, a relay 
r^oses the overload contactor as in scheme No. 1 
^so, as m the previous scheme, interlocks are provided 
between the contactors to insure the correct sequence 
of opemng and closing. 

Load lAmUiy by Counter E. M. F. Generator {Fig. 
S) Load limiting by counter e.m.f. generator is 
applicable to shunt-wound generators. 
thP emifioys a small motor-generator set with 

generator in series with the shunt 
field of the mam generator. The smaU generator has 


the machine practically constant current. 

Load Idmiting by Differential Series Field {Fig. J^). 
Load limiting by differential series field is applicable 
to d-c. generators provided with a series field 
connected differentially. During normal operation, a 
contactor short circuits the differential series field. 
On overload, reverse cun^ent or short circuit, this con¬ 
tactor is opened by a suitable relay combination and 
thus inserts the differential series field into the circuit. 

This method of load limiting is msually employed in 
conjunction with voltage and load regulating schemes, 
induding a motor-operated shunt-field rheostat. Sta¬ 
bility of operation on the differential .series field charac¬ 
teristic, is obtained through a constant amount of 
excitation from the d-c. control bus. 



ll-C, 

_ Genemhir 


CommutatinK 

Held 


Current Regulator 

Fig. 5—Load Limiting by CtmiiBNT Rbgulator Contkolm.vg 
Shunt Field Rheostat 

Load lAmiting Motor-Operated Field Rheostat 
Y limiting by motor-operated field 

rheostat IS probably the simplest of all of the schemes 
employ^. It is applicable particularly to d-c. genera¬ 
tors and is suitable in general only for machines with 

sep^te field ^citation, to insure stability at all 
voltages. 

Essentially the scheme consists of a contact-making 
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ammeter or current regulator with a certain floating 
range. This device controls a motor-operated shunt- 
field rheostat which is operated to Tnainfain definite 
voltage up to a certain load and then to reduce the 
voltage in order to back off from the load in case the 
load exceeds a certain given value. 

Load lAnnitiTig by Step-Induction Regulator (Fig. 6). 
This scheme is applied to the transformer of a sjui- 
chronous conveirter and affects the performance of the 
converter in the same manner as the well-known scheme 
of introducing an induction regulator between the a-c. 
supply and the rings of the converter, either ahead or 
behind the transformer. The old scheme, for various 
reasons, was limited to about 20 per cent range in 
voltage at the d-c. terminals of the converter, while 
this scheme is limited only by the ability of the con¬ 
verter to perform in a stable manner at low voltages. 
This limit is somewhere under 50 per cent of the rated 
voltage of the converter. The scheme consists essen¬ 
tially of an extended winding on the primary of the 
transformer with taps brought out at intervals. By 
means of a series of tap-changing switches coupled 
mechanically to an induction regulator, the steps of the 
winding are brought in or out of circuit. The various 
transitions me made at zero current in the tap-changing 
switch, the induction regulator acting as a booster to 
equalize the two points which are to be momentarily 
tied together during transition. The d-c. regulating 
range of the converter resembles a smooth curve. 
This scheme permits the use of a standard shunt-type 
converter, which is inherently a very stable machine. 

Automatic Fire Extinguishment and Detection 

Very little of a practical nature has been done ^ong 
these lines except in power-plant work where the auto¬ 
matic liberation of inert gases into generator-cooling air 
has been more or less successfully carried out. There 
seenas to be only two forms of extinguishing media 
which might be applied to automatic stations; inert 
gas and chemically-formed foam, die bubbles of which 
contain an inert gas. The objection to inert gas is the 
necessity for automatically dosed dampers that will 
be tight enough to retain a suffident amount of the 
liberated gas in the space affected. This method can 
best be applied to small stations usingforced ventilation, 
as the whole station may be drenched with gas by 
closing the dampers at the intake and discharge open¬ 
ings. Stations provided with natural ventilation only 
are usually provided with a large number of openings 
both for intake and discharge and the problem of 
damper control would probably be too difficult. It is 
felt that this type of station, which is usually large in 
cubical capacity, can best be protected by the fom 
method, either in unit sections or by a system of sprin¬ 
kler pipes. In this connection some experiments have 
been made in the application of a foam unit to a com¬ 
partment or stall housing an induction regulator. The 
foam tank was suspended over the regulator and by 


means of a standard fire fuse, the chemicals were 
liberated' into the tank where their mixing produces the 
foam. A section of the tank bottom was arranged to 
allow the foam as it was produced to drop down upon 
the body of the regulator. The effect produced was to 
cover the regulator with foam. In order to completely 
blanket the regulator it was necessary to close the open 
side of the stall with a screen which even of large mesh 
(^ in.) will cause the foam to be retained in the com¬ 
partment. While this scheme indicated at least one 
good way of preventing a spread of fire from a regulator 
failure, it was felt that it could not always be applied in 
just this way. Fires generally originate in windings 
and except in cases of rotating equipment the devices 
possessing these windings may be installed in compart¬ 
ments or perhaps a group of such devices in an isolated 
chamber. This compartment or chamber may be 
protected by a foam unit or if the ventilating arrange¬ 
ment is just right by a gas unit. It was realized that 
wherever foam was used some method of heating the 
chemical tanks would be necessary to prevent freezing. 



Fig. 6—Load Limiting by Stbp Induction Rbgulatob in 
Thanspormer op Converter 


A scheme was worked out for the protection of a com¬ 
partment by gas where the nature of the device in the 
compartment was such as to necessitate one side of the 
stall being open for ventilation (this typical case being 
applied to an induction regulator). The use of the 
standard-roller, steel fire-curtain door was not thought 
advisable on account of its high cost and the fact that 
it was metal. A door of asbestos lumber, hinged at the 
top comers, was worked out. The door itself was 
hinged in the middle so that it could be hooked up to 
the ceiling in front of the compartment, jack-knife 
fashion. The operation of the fire fuse over the regu¬ 
lator released the gas supply and the door trigger at the 
same time, thus permitting the affected compartment 
to be flooded. It is necessary of course that an excess 
of gas be liberated in the stall as this type of door will 
have considerable leakage around it. It is fdt that 
the use of the above door, even without liberating an 
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wtinguishing agent, would be a step in the right direc- built at the present time, and the system would still 
tion and incidentally cheap enough to justify its use. be without the stabilizing effect which reactoi's givi*. 
The matter of automatic fire detection has been given Reactors being a protective device may be eon- 


The matter of automatic fire detection has been given 
much thought. It is not very desirable to attempt to 
detect fire by temperature for more than one reason. 
Fh-st, the ordinary fire fuse used for building sprinkler 
systems has been known to liberate water when no fire 
has occvured at all. This sort of performance is, of 
course, unthinkable in automatic substations. Secondly, 
a fire such as we may experience first manifests itself 
in an odor followed by smoke and last by violent tem- 
peratm’e rise. The most desirable thing to use to give 
the alarm would, of course, be the presence of a strong 
odor but as no automatic “smelling” devices have been 
produced, it is obviously impossible to consider this 
Smoke, however, can be detected automatically and 
at pi-esent there is actually available a system, which 
by means of small suction pipes from various vital 
parts of a building, continually “samples” the air from 
these parts. This system is in use on shipboard and 
the indicating cabinet is located where some delegated 
officer can continually observe it. The smoke is made 
clearly visible by means of a properly directed light 
beam. It remains only to cguse these light beams to act 
constantly on suitable devices to obtain automatic 


sidered a form of insurance for which large premiums art* 
paid in the form of losses and even more co.stly tfapital 
expenditxires. Indicative of the extent of these capital 
expenditures is the fact that in one 200,000 kv-a. plant, 
the reactor installation (including compartments, 
building space, etc.), represents 15 per cent of the co.st 
of the switchhouse. Another company, in order to atld 
feeder reactors to one of its older plants, has had to 
erect a separate building for this purpo.se. 

Thermal capacity continues to I'eceive attention aiul 
the subject is being fm’ther inve.stigated. There has 
been a distinct tendency towards increased cojjper 
cross-section. One operating company has in<*n‘asetl 
the conductor size of its 3 per cent feeder nsictors 
more than 100 per cent over that used about, ten yours 
ago, this increase being due to a desire for grottter 
factor of safety, rather than the .slightly greater <lut..v 
imposed by the system's growth. The increased «*o.si 
is but a small part of the total. 

The smaller cross section of thase older coils .slnuihl 
rweiye the careful attention of all operating men. 
The increased use of reactors on outgoing feeders froiri 


Reactors 


j.. .. . . .—.- feaciors ou OUtCOinir fmm 

ection. This S 3 ^tem m its present state of develop- substations offers a means of using these older coils 
SfiM ^ be advantageously, the SX coL bSng ^ 

- properly load parallel feeders of diasimilar idiuraeter- 

istips (due to size or length, or both). 

Reactors Recently attention has been focused on shielding the 

Since the most important feature of a current !!!!!?+• prevent danaage from foreign 

limiting reactor is its reliability, the subcommittee has as bolts, nails, ete.. from being 

continued the collection of data on failures. The few »ito the coils or drawn into them 

reactors that have been called to its attention are jL f ?? American manufacturer 

mostly of the older design and the small number indi- T ® P^^’celain and in England a 

cates that even m these, the weak points have been Protection has been used. Another American 

practically eliminated. Such failures which have bas designed coils with asb(»!to.sln.su]ation 

occi^ serve to keep before the manufacturera of conductors to avoid having the bare 

reactom and engineers of power stations, the need for thi ^ *bis danger. The committee expels 

gr^tej ^re m their manufacture and installation to ® this development, 

the end that failures wiU be reduced to a minimum. *be use of reactora is of interest. 

It is generally agreed that for medium and large size h “ generating stations where their need 

systems, reactors are a necessity not only because thev in ciK ^ they are now being installed 

reduce short-circuit currents and theriy lessen top » substations on lines operating at generator voltages 

stores on all equipment, but also maintain vnltn^p . ^*^^,^PPl*cation not only reduces the duty on the 
on the r«t ot tho oystan in the eSecUly 

oi^it btcr sShSrl^t^ tS f S-toothnn th«e 

=ar.tya‘£ti=:-: 


sentea on a new 
saturated core 
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type. The coils are wound on an iron core and the 
superimposition of a constant unidirectional flux 
(from coil-carrying direct current) gives a coil with 
low reactance on normal loads but high reactance at 
times of short circuit. The cost of such a coil will 
probably limit its.use to special applications. 

A paper on '‘Eight Years Experience with Protective 
Reactors” was presented before the Spring Convention 
(St. Louis) of the Institute by Lyman, Perry and 
Rossman. 

In addition to points touched upon above, the Com¬ 
mittee recommends that the succeeding Committee 
give consideration to two points which have recently 
been suggested, namely: 

The question of the use of current-limiting reactors 
with static condensers, to— 

1. Aid in smoothing out surges 

2. Limit the fuse current 

3. Increase the capacity of the condenser 

The question as to whether the use of reactors 
actually increases the duty on oil circuit breakers. 


G-rounding of Systems 

The principal activities of the. subcommittee this 
year consisted in summarizing the information on 
grounding methods received in reply to an inquiry sent 
out in conjunction with the corresponding subcom¬ 
mittee of the National Electric Light Association, to 
thirty representative companies in the United States. 

This subcommittee conned its study to the technical 
information gathered in this survey, paying particular 
attention to grounding methods used in a-c. substations 
of systems transmitting at higher than generator 
voltage. The prevaiUng practise of this class of systems 
is to dead ground the neutral, consequently in case of 
line to ground faults, large values of ground currents 
must be taken care of, which calls for a careful study of 
grounding methods. 

The great increase in size of a-c. substations in 
recent years has forced attention to proper methods 
of grounding, because in large capacity substations 
ground fault currents attain such niagnitude, that even 
when flowing through ground connections of only a 
fraction of an ohm will produce dangerous voltage 
gradients. In general, it may be stated that the prob¬ 
lem of grounding is not so much that of obtaining 
individual groiuids of low impedance, but rather one of 
obtaining a well distributed ground so as to approach 
an ideal equipotential area and thereby avoid dangerous 
potential gradients near ground electrodes when 
ground-fault currents flow. Another important re¬ 
quirement for a successful ground is the ability to 
dissipate, at times, large amounts of energy without a 
material change in 1flie ground. 

Grmnding to WcOer Piling System, Water piping 
systems afford the best grounding systems obtainable 
and should be used wherever die necessary permission 


can be obtained. In fact, water systems have such 
comparatively low groimd resistance that, where 
they are in proximity to other artificial grounds, a 
difference of potential will exist under fault conditions 
which will constitute a hazard to life unless the two are 
connected together. Unfortimately, water systems 
are available only in built up districts and generally 
can only be taken advantage of by indoor and moderate 
voltage substations. 

Artificial Grounds. At high-tension substations in 
outl 3 dng districts, it is generally necessary to resort to 
artificial grounds such as plate or pipe grounds. It is 
interesting to note that the tendency is away from the 
use of plate grounds and toward the greater use of 
pipe grounds. 

Although a single pipe ground has a higher resistance 
than a single-plate ground, a pipe ground of low resist¬ 
ance can be obtained by multiple grounding, that is, 
by connecting numerous pipes in parallel. In this way 
a ground of a given resistance can be obtained more 
economically with pipes than with plates. In addition, 
the multiple pipe ground will have the advantage of 
providing a well distributed ground which, as pointed 
out above, is a very important requirement. It may, 
therefore, be stated that the advantage of pipe grounds 
over plate grounds are that they: 

a. Are more economical 

b. Are more easily installed 

c. Allow for convenient inspection and test 

d. Provide a distributed ground over considerable 
area when used in multiple 

The characteristics of ground pipes have been 
definitely determined in extensive tests conducted by 
the Bureau of Standards and others. Quantitative 
values on the properties of ground pipes may be sum¬ 
marized as follows: 

a. The decrease in resistance with increased size of 
pipe is quite appreciable up to a pipe one inch in 
size, beyond which the curve becomes quite flat. From 
the standpoint of resistance there is, therefore, no 
economy in using pipe sizes larger than one inch. 

b. Very little decrease in resistance is obtained by 
driving pipes to a greater depth than six feet. Pipes 
should, of course, be driven to a greater depth when 
the permanent moisture level is at a greater depth than 
this. 

c. Ninety per cent of the resistance of a pipe ground 
falls within a radius of six to ten feet around the pipe. 
Pipes should, therefore, be spaced approximately six 
feet apart to keep one out of the dense current field of 
the other. 

The effect of moisture and temperature on the 
resistivity of soils is surprisingly great below certain 
limits. Above a moisture content of 20 per cent there 
is very little variation in coil resistivity with variation 
in moisture content. Below a moisture content of 
20 per cent, the resistivity rises very abruptly. With 
a moisture content of only 10 per cent, the resistivity 
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of red clay soil is 30 times as great as with a moisture 
content of 20 per cent. 

The effect of tanperature on resistivity of soil is not 
appreciable above 32 deg. fahr. Below the freezing 
point, however, the resistance increases very rapidly, 
being 50 times as great at a temperature of 5 deg. than 
at 32 deg. 

In arid regions and in localities with sandy and rocky 
formations it is generally very difficult to obtain a good 
ground. In the West where such difficulties are fre¬ 
quently encountered, satisfactory grounds have been 
obtained by grounding to the steel casings of deep wells. 
Much benefit can also be obtained by treating the soil 
surrounding electrodes with chemicals such as ordinary 
salt, because, of the total resistance of a ground con¬ 
nection the most important part is contributed by the 
soil, the resistance of the electrode and contact re¬ 
sistance between electrode and soil under ordinary 
conditions being negligible. The electrical conductance 
of any soil is by means of the electrolytes formed by 
moisture combining with the soluble acids, alkalies, and 
salts, and where they are lacking, their artificial intro¬ 
duction will show excellent results. Such artificially 
treated soils require close attention and inspection as 
chemicals must be removed from time to time. 

Potential Gradients. Because of the importance at¬ 
tached to the subject of potential gradients near ground 
electrodes, several tests were made to determine their 
values imder normal operating conditions. These 
tests, which are reported in Appendixes A and B show 
that at least 50 per cent of the total voltage drop 
of a ground will fall within two feet of the ground 
electrode. 

As reported in Appendix A, the potential gradient 
near the transmission tower when a line conductor be¬ 
comes grounded to the tower is great enough to con¬ 
stitute a hazard to life. In this case the towers were 
near a highway and it was recommended that overhead 
ground wires be installed and carried back to the 
station groimd, so as to improve groimding conditions 
on the line and eliminate potential gradient hazards. 

In file test reported in Appendix B, heavy currents 
were used which, by heating and drying out the ground 
caused 80 per cent of the total voltage drop to fall within 
one foot of the ground electrode. This test emphasizes 
the importance of making groimd connection capable of 
dissipating large amounts of energy without changing 
the character of the ground. 

Value of Overhead Ground Wire. As pointed out in 
Appendix A, the overhead ground wire assists materially 
in reducing line and system ground resistances by con¬ 
necting all tower and substation grounds in parallel. 
Several companies report improvement in relay action 
on grounded systems by connecting station grounds to 
the overhead ground wire on transmission lines. One 
company which formerly terminated overhead ground 
wire one or more i^ans away from substation reports 


that serious potential gradients were produced by 
returning ground currents when lines became grounded 
to towers, which hazard was eliminated by connecting 
the overhead ground wire to the substation grounds. 
It is evident, therefore, that in order to obtain the full 
benefit of overhead ground wires, they should be 
connected to the station grounds. 

Petersen Earth Coil. Eleven months additional 
operating experience with the Alabama Power Com¬ 
pany's Petersen Earth Coil is reported in a paper by 
J. M. Oliver and W. W. Eberhardt. The additional 
experience indicates that the high-voltage disturbances 
which were experienced when the coil was first placed 
in service have been entirely eliminated by making 
provisions to do all line switching, both hand and auto¬ 
matic, with the coil out of service—that is, with the 
system neutral solidly grounded. 

From the experience to date, the application of 
Petersen Coils appear to be limited to comparatively 
low voltage lines (66,000 volts and less) of moderate 
length with a single source of power supply. On an 
interconnected network, where several sources of supply 
are maintained to all principle load centers, good service 
can be maintained without the use of fi^hover sup¬ 
pressing devices. Tn other words, the expense and 
complications of a Peterson Coil installation are justi¬ 
fied only on radial feeder systems where it is desired 
to improve service to an important load center which is 
connected to the power source by only a single line. 
The Petersen Coil in such an application has the 
advantage over grounded neutral operation by reducing 
line outages due to flashovers, and over isolated neutral 
operation by eliminating arcing grounds. 

Grounding at Generating Stations for Proper Func¬ 
tioning of Relays. In isolated phase installations, al¬ 
though the possibility of phase to phase short circuits 
are eliminated in case of two simultaneous faults to 
ground, the hazard of a fault to ground still remains. 

Investigations have been made to determine the 
possibility, not of preventing ground fault currents, but 
of directing them into channels where they may be 
taken care of by connecting all metal parts, which are 
not normally at line potential but which are separated 
from parts at line potential by insulation, to a copper 
grounding system. The grounding busses of the three 
phases are joined together and taken through a current 
transformer to the station ground, the current transforma’ 
operating a relay when fault current flows to ground. 

The application of this fault current relay scheme 
depends largely upon the arrangement of the grounding 
busses in which connection tests have been ma/j p to 
determine the proper arrangement and connection of 
the ground bus to various pieces of equipment. It is 
expected that further details upon this grounding 
scheme will be available at a later date and is one of the 
subjects which should be followed up by the grounding 
subcommittee next year. 
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Appendix A 

Tests ot Determine Potential Gradients in the 
Vicinity of Transmission Line Towers 
Object To determine if the voltage drop along the 
surface of the ground in the vicinity of a 120,000-volt 
transmission-line tower would be dangerous to life at 
the instant when one line wire became grounded on the 
tower in question. 

Method. One conductor of the line was grounded at 

•71 
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Pig. 7—Potential Gkadient Test No. 1 
Each number Indicates the potential drop from the tower to that point 
in per cent of tho total drop from tower to station ground 
Ground resistance at tower « 0.467 ohms 
Ground resistance at station » 0.147 ohms 
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Fig. 8—^Potential Gradient Test No. 2 
Each number Indicates tho potential drop from the tower to that point 
in per cent of the total drop from tower to station ground 
Groxind resistance at tower » 3.40 ohms 
Ground resistance at station « 0.147 ohms 

the station, through a battray and the other end of the 
same conductor was grounded to the tower. A slide- 
wire rheostat was connected as a potentiometer, from 
the tower to the station ground, and the slide of the 
rheostat was at the same time connected through a 
millivoltmeter to a screw driver, as shown in diagrams 
1, 2 and 3. 


The screw driver was shoved into the ground at vari- 
ious points in the vicinity of the tower and the slide 
wire moved until the millivoltmeter read zero. A 
scale was placed on the rheostat dividing it into 100 
parts, the position of the slide at zero reading of the 
millivoltmeter indicating directly the drop from screw 
driver to station ground as a per cent of total drop from 
the tower to the station ground. 


Result of Tests: 

Test Number. 1. 2. 3. 

Tower Resistance 1o 

Ground. 0.467 Ohms 3.4 Ohms 2.6 Ohms 


Potential Gradients.... See Bla. 1. See Dia. 2. See Dla. 3. 
Possible groxmd current 
In case a conductor be¬ 
comes dead grounded 


to tower. 5700 ampere? 5700 amperes 2375 amperes 

Computed voltage to 

ground. 2650 volts 19,350 volts 6,176 volts 


Voltage which person 
leaning against tower 

could be subjected to. 1,590 volts 12,600 volts 4450 to 

6175 volts 

Voltage which person 
standing near tower 
would bo subjected to 

from foot to foot.. 200 to 300 volts 3000 volts 1300 volts 

Conchisim. These tests show that the potential 
near a tower is dangerously high at the instant a con¬ 
ductor becomes grounded to the tower. 

In this particular case the towers were near a high¬ 
way and the hazard was considered so great as to 
warrant the connection of the towers to the station 
ground with an overhead ground wire. 

Appendix B 

Ground Potential Gradient Test 
The object of this test was to determine the potential 
gradient in the ground surface surroimding a drivmi 
ground pipe when a heavy current flow takes place to 
ground. 

This test was made with the following equipment 
available: 

1—6260-k\r-a., 2300-volt, three-phase, 60-cycle tur¬ 
bine generator. 

1—6300-kv-a., 22000/2300-volt transformer bank 
consisting of 3-2100 kv-a. single-phase units. 

1—^22000/110-volt potential transformer. 

Switching equipment, instruments, insulator plat¬ 
form, etc. 

Connections for the test were made as follows: 

The test ground pipe was in a sandy soil which was 
the best location that could be found. Its measured 
resistance was 280 ohms. 

The auxiliary ground, which was 300 feet distant, 
was in better soil and had a resistance of 53 ohms. By 
having an auxiliary ground of lower resistance than the 
test ground, assurance was made that no failure would 
occur in the circuit outside of the test ground. 

The ground current was gradually increased from 
zero to a value which caused the test ground to steam. 
At this point the ground current was 30 amperes with 
an impressed voltage of 10,000 volts across the ground 
terminals. This value of current was considered the 
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maximum which could be maintained for any great 
length of time. 

With the current held constant at 30 amperes, 
readings were taken of the voltage drop along the 
ground surface at one foot intervals in the direction 
of the current flow between the two grounds. The 
voltage readings were taken with a 22000/110 volt 
potential transformer and a 0-160 volt voltmeter; one 
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Fio. 9—PoTUNTiAi G-babiknt Test No. 3 


Following is a tabulation of the voltage readings 
taken: 

Distance from Voltage For cent of Total Voltage 

T^t Ground Drop Drop at Tost (hound 


1 ft* 6900 volts 82.0 % 

2 " 7000 “ 8«.4% 

3 “ 7200 “ 85.7% 

4 “ 7400 " 8S. 

5 “ 7600 “ 1)0.5% 

6 " 7800 “ 92.8% 


These readings indicate that 82 per cent of the drop 
occuored within one foot and 92.8 per cent of the drop 
occurred within, six feet of the test ground. 

Another set of readings taken three minuteaS later 
averaged 700 to 800 volts higher than those shown 
ab()ve, indicating that the ground was baldng out, 
which, was expected, since the ground was steaming in 
the vicinity of the ground pipe. 

Tests made by the Bureau of Standards and reported 
in Technological Paper No. 108 showed that approxi¬ 
mately 90 per cent of the total drop at a ground pipe 
occurs within a six-foot radius of the pipe. The TUireau 
of Standa.rds tests, however, showed a much smaller 
drop within a one-foot radius of the ground pii)e. The 
only ^lanatiori for this difference in results is that the 
resistivity of the soil around the pipe increased ap¬ 
preciably due to the baking out effect in this l,est. 
This emphasizes the importance of making grounds 
of sufficient current-carrying capacity to meet system 
requirements. 


Each number Indicates the potential drop ft-om the tower to that point 
in per cent of the total drop from tower to station ground 
Ground resistance at tower - 2.6 nhvng 
Ground resistance at station = 0.147 ohms 



Pig. 10— Gboond Potential Gbadibnt Test 


Lightning Arresters 

Ihe work of the Lightning Arrester Subcommittee 
this year has consisted almost entirely in an efl'ort to 
list and evaluate the various electrical and mechanical 
features of lightning arresters. 

In order to get an expression of opinion, the Ibnn 
given herewith was submitted as a suggestion in at¬ 
tempting the classification. Members of the sub¬ 
committee were requested to give their opinions jxs to 
the relative values of the listed features, proportioning 
each with respect to its importance in their own 
experience. 

Etorieal _ WoiKlit i HlVai uBg 

1. Spark-over Voltage. " 

2. Dielectric Spark-Lag. 

3. Impedance—^Normal Eroqueiicy. 

4. —200,000 Oydes. !. 

5. " —1.000.000 Cycles. !!!!!!!!!! 

6. Discharge Capacity (amperes by time).!!! [ 

7. Current Passed at Normal Voltage, Normal Pretmoivcy 

with Gap Short-Circuited.. / 

8. Time Required to Interi’upt Dynamic Curroni. 


primary termnal of the potential transformer bi 
connected directly to the test groxmd an d the oi 
termnal was successiyely touched to one foot i 
s^es at yarioito distances away from the test gror 
This manipulation was done by an operator stand 
on ^ insulated platform and shifting the connecti 
With a switch pole; 


Mechanical 

9. Condition After Heavy Discharge.. 

10. Number of Heavy Discharges Arrester will take care of 

Without Repair. 

11. Attention Required in Service: 

(a) None... 

(b) Not More. Than Once Per Season.. 

(c) After Every Heavy Discharge. 

(d) Once a Day or Oftener. 

12. Cost.* ‘ .. 

13. Depreciation per year.;.!.! 

...100 per cent 
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Jinu‘ 

'I’his was sent, out lo mcml)ei-s and was taken up for 
discussion a( the midwinter meeting of tlic* main 
eominiUee. 'riu>re was apparently tiuite a diversity 
of opinion amonp: en,uinet‘rs as to the value and ae- 
curaey ol sucli a elassilieaticjn. This div’^ersity of 
o{)inion sec'uied to he, in a Iar,iie measure, due to varyinj^ 
ideas as to the «lefinitioTV of the duty of a lijjhtninK 
arrt'ster and of (he vaiious (piantitit's involved, 

'I’he suheoimnitlet' was therefore, instructed to make 
an elforl to .state delinitely the duties of a li«htnin,« 
urresti'f and to define clearly the quuntitie.s whicii 
rnaki* up the sum’sted cIa.s.silication, Following this, 
the suhc-oinmitte<‘ is to proceed with the elassilication 
alontt the lines sup:p:ested. 

It is. therefore, po.s.sihle to report pro({r(‘s.s only, 

'file measurement of some of the (piantities neces.sary 
in making up t he cla.s.sincation presents ,somethinf; of a 
problem. Particularly this is true* of tlu* measurement 
of ditdei-tric .spark-lajr and the rate of di-scharKe of 
lightninti; arresters. It. is found that when di,seussin}j 
the.se (plant itie.s, there is a very great diirerence in the 
metho<ls u.sed by dillereiit experimenter. The dif¬ 
ferent methods in u.se result in widely dilferent read¬ 
ings of (he cpiantities being .sought. It seems (hat it 
is nee(.‘.ssary to deline very precisely, the size of the 
condens(>r t.o be asisl in measuring t.h(* dischargt* of an 
arrester; all the characteristics of the circuit to b«‘ u.sed 
in measuring the voltage, and many other similar 
(plant itie.s. 

It will undoubt.edly be nect‘.ssary to arrive at. .some 
standardization of t.hese metisuremenfs befon* it will 
be po.ssible to standardize or cla.s.sify lightning arresters. 
In order to arrive at a di.dinite method of detennining 
these fpiimtitie.s, the lie.seareh Committee has been 
made acipiainled with t he problem, and it is hoiied that 
through this coofjeration some standard and iiracticuhle 
method of measurement may be obtained. 

It is recommended that the succeeding subcommittee 
continue the work along similar lin&s. 

R<*lay8 

Many dillicult ies have been encountered in t he com¬ 
pletion of l,he Kelay Handbook, It is now in the 
hand.s of I,he printei's and .should b(? available for 
di.stribution in June. 

This .subcommittee is eooperating with the corre¬ 
sponding subcommittee of the Apparatus Committee, 
N. E. L. A., and plan.s within the next year to prepare 
the flnst. supplement to the Relay Handbook. This 
supplement will be patterned after the Relay Handbook 
both us to fonn and size. 

Although no new relay developments have been 
•*uported to date, several interesting in.stallations have 
been received, O.ne operating company has made an 
installation of protective equipment in a generating 
station, which Ls rather interesting in a number of 
respects, particularly in the matter of its completenes.s. 


(t4n 

A comjilete description of this installal.ion appeaivd in 
the KIcctric Journnl for April, 1!>24. 

1 his .same company has also made use of a variation 
of tiuf split conductor sclieme for (he jirolivtiou of a 
large lrei|iiency changer u.sed for inlercounccting 
lib-and (iO-cycle .systems. A (le.scrit)tion of (his was 
given in a jKiper entitli-sl “Use of Fivijuency (.Miangers 
for Interconnection of Power Systems,” by H. R. 
Woodrow, at the Spring Convention in St. Louis, 
April, l‘»2r). 

The iiroblem of protecting generating station aux- 
iliariivswas investigaled to .some exteni, by this sub- 
commit 1,ei‘, but (he rmdiiigs are not sulliciently definite 
t.o report mort* than ()rogre.ss. It is recommended (hat 
the succwdingsubcoinmil tee give this mu(.t(,‘r jjarticular 
attention, and thal. the u.st‘ of the so-called “Voltage 
Cha.ser oi*automatie thmwover .switch he inve.stiguted. 
This latter gives .some promise of considerable us(>ful- 
ne.s.s in assuring a continuous power sujiply to genera¬ 
tion station auxi]iarie.s, and it. is felt that (he suheom- 
mitlee can (|o valuable .service in coordinating experi¬ 
ence and practise. 

Oil (lireuit Itroakers 

Proijn’KH ill Sfnmlorilhatiim. Interrujiting rating 
ol oil (dreuit hreakei's war, dtTmed by th(> Protetdive 
Device’s Committee last year. 'I’liis definition has now 
received all of the nece.ssa.ry approvals and is before the 
Standards Committee for final iidoption. 

The proposal uniform procedure for te.sting oil- 
circuit. breakers us prepared by this (Committee last 
year has now lieen apiiroved by the N. E. L. A. and is, 
therefore, in line l,o lii- used for future tasts made by 
operating companies. Standardizing the methods of 
making .system te.st..s .should make possible comi>uri.sons 
betw(s'n tests on an equivalent ba.sis .so that mtiximum 
knowledge may lie obtained from f.h«*m. 

'I’he new edition of (he A. I, E. E. Sttmdards now 
being compiled will cover oil circuit breakers much 
more thoroughly than they are ciivered by l.he current 
edition, 'I'he most important new provisions are: 

Ckmditions and Methods of Making Temperature 
'IVshs. 

Tests of Dielectric St,r<*ngth and Conditions and 
Met hods of Making Same. 

Protection from Voltage Suj’ges. 

Attention is called to the following (h.'finit.ions 
recently adopted by two prominent European technical 
soeletie.s covering certain essentials in connect.ion with 
oil circuit breaker performance: 

\VtniiiiiK V'(»ltii|;»i is llic iiiu.siiniiiii intlciiliiil ufcuriiiK iiikIim' 
nny (ijMTaliiig I’niulitioiis al, iIk* fHiint wlu'i'c llic is in- 

Stjillcrl in siiiKlc niKl (hrci-|»li!is« iiisliilhiiions niiniMiircd Imv 
H vwin iIh! hhU'C KitiKlui'Inrs. iXnt iiiclmliiiK (ivei-vtillagos). 

W nrkiiig (UiiTfMit is I he (•ri’ei'tivi.i value «f llie. iiiaxitniiiu cur¬ 
rent. vvliieli finws throuf'h Ihc' switch citiitiniKiiit.ly nuilcr any 
npcraliiiK ciuiiiiliruis (not including .short circuit or ovcr-ciirrcnf. 
of .short duration.) 



650 


LATEST DESIGN AND PRACTISE IN POWER PLANTS 


Transactions A. I. K. E. 


Interrupting current is the effective value of the a-c. com¬ 
ponent which flows through the switch at the moment the con¬ 
tacts are opened during interruption. 

Interrupting Voltage is the effective value of the potential 
which, at the interruption, occurs on the line that remains 
under voltage immediately upon the dying out of the are of the 
interruption in all phases. 

The present standard general definition of interrupt¬ 
ing rating, paragraph 7090, A, I. E. E. Standards 1922, 
specifies the rating of current and voltage which the 
device will interrupt under “Prescribed Conditions.” 
No attempt has been made to date to define prescribed 
conditions and much further study and experience will 
be necessary before anything could be done along this 
line. It appears, however, that suflicient knowledge 
and experience is available at least to begin studies to 
define the “Prescribed Conditions.” In particular, 
the great difference in normal recovery voltage across 
circuit breaker contacts on systems with dead grounded 
neutrals, as compared with those whose neutral is free 
or grounded through resistance, makes it veiy desirable 
that the “Prescribed Conditions” be determined to the 
extent of covering this situation. Material econornic 
advantage to many operating companies should result 
therefrom. 

Standardization of interrupting ratings is in active 


progress at the present time by definite committees, 
which are now cooperating, to establish standard 
ratings, so as to reduce the number of circuit breaker 
designs which must be developed and the number of 
types of breakers required. 

Recommendations. The following recommendations 
are offered: 

a. Definite steps should be taken for a beginning, 
at least, toward formulating the “Prescribed Con¬ 
ditions” under which an oil circuit breaker is rated. 
First consideration should be given to the effect of 
conditions of operation of system neutml on interrupt¬ 
ing rating of breaker. 

b. Pending the working out of the above problem 
“Normal Voltage,” in the present definition of inter- 
pupting duty should be defined so as to pennit of no 
misunderstanding as to its relation to recovery voJ tage 
in any given case. Presumably for the present, at 
least, the breaker should be rated so that the recovery 
voltage is equal to normal voltage. 

c. Definitions equivalent to those for Working 
Voltege, Working Current, Interrupting Voltage and 
Interrupting Current given above should be adopted 
by the A. I. E. E. 


Latest Design and Practise in Power Plants 


By Committee on Power Generation* 


Introduction 

P ROGRESS in the art of steam station design and 
operation has been so rapid as to rather bewilder 
even the men who are giving their whole time and 
thought to this work. We have grown quite accustomed 

• actualities almost over 

night. The past year has witnessed the actual genera- 
tion of power in an 80,000-kw. generating station at a 
coal late of kw-hr. 20 per cent lower than any previous 
pertormance on a commercial scale. May we with 
confidence look forward to further gains of the same 
SS . we that each new etafcn 

“ V “Pirating perform- 

ance. Why does each new steam generating station 
differ so radically from those already built? If we are 
_o answer t hese questions, we must evaluate the present 
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day tendencies, look backward a bit to see how far we 
have come, and attempt to look forward. 

Important Technical Achie\embnts op the Last 

Year 

1. The operation of the two 40,000-kw. General 

in the Philo Station 
of the Obo Power Company: The steam is delivered to 
the turbine throttle at a pressure of 550 lb. per sq. in 
me, and a temperature of 725 deg. fahr., the steam 
bemg withdrawn from the turbine after being expanded 
do^ to a gap pressure of 155 lb., returned to the 
boiler room, reheated to a temperature of 725 deg. fahr. 
^d then expanded through the remaining stages of the 
turbine to a pressure of approximately ^ lb. per sq. in . 
absomtc at the torbine eriiaaet. Thfa Ltke 

m ftb countnr of Ferranti’e dream of a 
cyde. The two units in this station have 
ol ^ October 14,1924, and February 

tn’n corresponding 

40,000-kw., steam conditions being as in- 

8 lb TM>T -1 reported to be approximately 

frn ’ In normal operation, steam is bled 

Th^f^^^ heating, 

e feed water then goes through economizers before 
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being delivered to the boilers. The air for combustion 
passes through a preheater before going to the wind 
box of the chain grate stoker. The flue gases pass 
through the preheater on their way from the econo¬ 
mizers to the stack. The heat consumption for 
this station has over a week’s time been as low as 
13,715 B. t. u. per kw-hr. of net station send-out, this 
performance corresponding to a load factor of 81 per 
cent for the week. 

2. The initial operation of the Crawford Avenue 
Station of the Commonwealth Edison Company in 
Chicago: The turbines in this station are designed for 
substantially the same steam conditions as the tur¬ 
bines in the Philo Station. The three turbines in the 
Crawford Avenue Station are of the cross compound 
type and were built by three different manufacturers— 

a. 50,000-kw. unit—C. A. Parsons 

b. 60,000-kw. unit—General Electric Company 

c. 50,000-kw. unit—Westinghouse 

Two surface condensers with vertical tubes connect 
direct to the exhaust easing of the low pressure element 
of each of these turbines. Each of these three turbines 
was built on anew design and they presentmany interest¬ 
ing features. Due to the new design of low pressure ex¬ 
haust nozzle and condenser, new features have been 
embodied in the turbine foundations, the building 
layout and the arrangement of auxiliaries. The 
Crawford Avenue Station has been in operation only a 
few months and as yet the single stage of reheating 
of the steam during its expansion has not been used. 

3. The construction by the General Electric Com¬ 
pany of a 3000-kw. turbine, running at 3600 rev. per 
min., for operation in the Weymouth Station of the 
Edison Electric Illuminating Company, with a steam 
pressure of 1200-lb. per sq. in. gage and a steam 
temperature of 700 deg. fahr. at the turbine throttle: 
This turbine will exhaust against a back pressure of 
approximately 360-lb. per sq. in. gage, its steam being 
first returned to the boiler room to be reheated to 700 
deg. fahr. and then discharged into the main steam 
header of the station. Only one boiler for operation at 
1200-lb. per sq. in. gage has been installed at the pres¬ 
ent time. This high pressure boiler and the turbine 
which serves as its reducing valve will soon be com¬ 
pletely erected and ready for operation. 

4. The operation in the Colfax Station of the Du- 
quesne Light Company in Pittsburgh, of two 35,000-kw. 
Westinghouse turbines, with four-stage bleeding of 
steam to raise the feed water to a final temperature of 
approximately 350 deg. f?ihr. before it is returned to the 
boilers: This marks the extreme devdopment of the 
regenerative cycle in turbine room operation. 

6. The operation of four 30,600-sq. ft., double- 
ended Stirling boilers, with 22,464-sq. ft. economizers' 
m the Lake Shore Station of the Cleveland Electric 
Illuminating Company: These boilers and economizers, 
equipped with pulverized fuel burners and furnaces— 
each of the latter having a volume of 29,150 cu. ft.. 


have shown on test an efficiency of 92.9 per cent 
at 140 per cent of normal rating, and an efficiency of 
89.8 per cent at 270 per cent of normal rating. These 
same boilers have operated at an average gross efficiency 
of as high as 90.4 per cent for a month’s time. These 
results have been obtained with coal running as high 
as 11 per cent in ash and as low as 12,600 B. t. u. per lb. in 
heat value. The sulphur was as high as 3.5 per cent 
and the coal ash melted at approximately 2160 deg. fahr. 

Operating eflSciencies in connection with the 29,085 
sq. ft. double-ended Stirling boilers in the Trenton 
Channel Station of the Detroit Edison Company, have 
been only slightly lower than the results quoted above 
for boilers installed in the Lake Shore Station in 
Cleveland. Each of these boilers in the Trenton 
Channel Station is equipped with two 9492 sq. ft. 
economizers. The coal is &ed in pulverized form, and 
the furnace has a volume of 25,140 cu. ft. 'These 
operating results in the Lake Shore Station and the 
Trenton Channel Station, with the unburned fuel loss 
reduced to a small fraction of 1 per cent and the 
temperature of flue gases reduced to from 230 deg. 
fahr. to 250 deg. fahr., present an achievement un¬ 
dreamed of a few years ago. 

6. The operation of the 18,010 sq. ft. Babcock & 
Wilcox cross-drum boilers in the CahoWa Station of the 
Union Electric Light & Power Company of St. Louis: 
These boilers are twenty tubes high in the main tube 
bank and are not equipped with economizers. The 
coal is burned in pulverized form. The furnace has a 
volume of 12,850 cu. ft. Burning a most inferior grade 
of southern Illinois coal, these boilers have shown on 
test an efficiency of 85.9 per cent at 148 per cent of 
normal rating and an efficiency of 82.1 per cent at 260 
per cent of normal rating. The average gross boiler- 
room efficiency in the Cahokia Station has run as high 
as 81.2 per cent over a month’s time. These results 
are remarkable for two reasons; 

a. They were accomplished with very low grade'coal. 

b. They were aecoxnplished without the use of economizers 
or air heaters. 

7. The successful operation in the Chester Station 
of the Philadelphia Electric Company, of underfeed 
stokers, with air delivered to the stoker wind box pre¬ 
heated to a temperature 550 deg. fahr.: A 16,000 
sq. ft. boiler, equipped with a 15-retort, 22-tuyere, 
Taylor stoker with clinker grinder has operated for 
extended periods at ratings in excess of 300 per cent of 
normal boiler rating, with air delivered to the stoker 
wind box at a temperature of approximately 650 deg. 
fahr. The fuel bed has been free from large clinkers and 
is as easy to maintain in good condition as in connection 
with other boilers not equipped with air preheaters. It 
appears that stoker maintenance will not be greatly 
increased by use of preheated air. It does appear, 
however, that furnace walls designed along conventional 
lines ■will not withstand the effects of the high furnace 
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temperatures which obtain in connection with the use.of 
preheated air. 

S. The further developments in use of water-cooled 
furnace side walls as exemplified in connection with the 
boilers installed in the Hell Gate Station and Sherman 
Creek Station, of the United Electric Light and 
Power Company in New York, and the boilers installed 
in the Zilwaukee Station, of the Consumers’ Power 
Company in Michigan. 

A novel wall has been in operation since November in 
connection with one of the stoker-fired boilers in the 
Lake Shore Station in Cleveland. By water cooling, 
the inner refractory lining having a thickness of less 
than 1 in. is maintained at a temperature of less than 
2000 deg. fahr., but still at not too low a temperature to 
slow up combustion adjacent to the wall. 

0. The successful use of Cottrell precipitators in the 
Prenton Channel Station, of the Detroit Edison 
C ompany, for the removal of fine ash from the flue gases 
before they pass out the stack: The ability of this 


LATEST DESIGN AND PRACTISE IN POWER PLANTS 


TfiUisui'lroiKs A. I. K. K. 


y-x—^X vm ui line asn irom rne nue gases 
before they pass out the stack: The ability of this 
equipment to remove 75 per cent of the solids in sus¬ 
pension in the flue gas has been demonstrated. 

10. The successful operation of 70 in. Fuller air- 
wparatmg type of pulverizing mill in the Cahokia 
Station, of the Union Electric Light and Power 
Company of St. Louis: This mill has pulverized 28 net 
tons of Illinois coal per hour, with a combined power 
consumption of 294 kw. for the motors driving the mill 
and the exhauster fan. Coal was pulverized to a 

s^ZT Thk mm Ta ^ 200 mesh 

11. The development by the Puller-Lehio'h nnrr, 

puuenzed form. In an experimental furnace 8 ft 
by 8 ft high. 82,700 lb. of <»al 
been bi^nnd. Such observation, as 

Company, in Devon t> T -flight 

been made to tre dos^a^ J^rb “ 
monthly operating efficiencies iZ 

Su^rdetftrs ^etrs? 

available which will enLle^e^,W-®™f®“*’®“°^ 
ure. of the losses LSt t Z 
vigilance by the firemen. constant 

condensers in the Wat^f^^taf°^ 

Edison Company. New York 



sq. ft. of surface if tallations less 

capacity. Antple p„visi„„ hasteS’m^e.t'^™ 


for the penetration of steam into the tube bank. The.'^u 
installations point the way to possible reductions in 
the cost of condensing equipment without apprw^iahle 
reductions in station economy. 

14. The placing in operation of five ;i0,0()()-kw. and 
nine 20,000-kw. turbines of the new We.stinghou.se 
multi-exhaust Baumann type. 

15. The construction by the General Electric (kim- 
pf y of two 50,000-kw., 62,500-kv-a., ISOO-rev. per 
min., tandem compound turbo-generators, for the 
new Richmond Station of the Philudelpliia Electric 
Company, and two 60,000-kw., 6(),000-kv-a., 1500 
rev. per min., single cylinder turbo generatons, for the 
Fourteenth Street Station of the New York Edison 
Company. 

16. The use of three new method.s for insuring the 
reliability of the power supply for the auxiliaries in 
large steam stations: 

a. In ten new stations reccjitl.v plfwcd in i,.n „r n.iw 

m the course of eonstiuetion, the jftmoriaor w hicli nowor 

for the essential auiriliai-ie.s m <lirc...tl.v ,1,.. 

generator and driven by the main tiirliiiic. 

Pnr^ Trenton Channel Station, of ||,„ l»,.,,„i( Edison 

tbe an.\-iliuri.»< is ol.|,aiiio<| IVoni soparal.. 

constitute a separate power plant within tl.e largor ponof idaiil. 

c. In Mnnection with the Par.soiis liirldiio in I ho Crawford 
D^rth Chicago, and tho Richmond Slalion. Pldlarlrd- 

'■« bo ol.luinod from 

"■•"•mil. 

drS; extef ve use of waste heat (lrier.s and steam 

driers for removing the moisture from coal befoit* it is 

Wtant Developments op the Past Few Yeaks 
LoohZ wf the h;.st y^ 

devebpmenUf thistfu the 

sure i^tallatiW economizer for high pras- 

of ventilation with radiator rS. syntem 

generator-?- ^ ^fliator type coolers tor large turbo 

evaporator- the S ^i ^e^^erators and 

elecL-fcV^n to the use of 

the design of boili settin^^^T in 

to insure a thorough mixLg of tWoL^‘” 

rises from the front end of tho !?^i '‘tream which 

which comes up through tho r ^*th the excess air 
to enable a Tf 

development of the undo?!!? ? the 

•depths up to 19 ft. 8^ Sfof tt'" 
known as commercial apiimx things were nn- 

undreamed of five years ago^“^®“^ 

visualized^y rrfwence 

y the most interesting address 
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delivered by Mr. W. H. Patchell, at the time of his 
inauguration as president of the British Institution of 
Mechanical Engineers on February 21, 1924. As a 
result of a review of the situation in this country and 
abroad, Mr. Patchell presented the operating efficiencies 
for thirty-six stations in England, twenty-five stations 
in the United States, and one station—the Gennevil- 
liers Station in France. The heat consumption per 
kw-hr. for the most efficient station in England was 
given as 20,150 B. t. u. The heat consumption for the 
most efficient station in the United States was gdven as 

25,000 



10,000 


Fig. 1 ^Performance of Typical Stations of 60,000-Kw. 
Rapacity and Higher Plotted AcfAiNST Dates op Initial 
Operation op Stations 

18,030 B. t. u., and the heat consumption for the 
Gennevilliers Station in Paris was given as 22,240 
B. t. u. We have referred earlier in this report to the 
rmarkable performance of the Philo Station of the 
Ohio Power Company, which has been as low as 13,716 
•B. t. u. per kw-hr. 

These same facts referred to in the preceding para- 
^aph may be visualized by reference to the curves in 
•Pig. 1, which show the trend of performance of ts^picaJ 


stations plotted against the dates of initial operation of 
these stations. This curve is not the product of a dis¬ 
ordered imagination, but represents the weighted 
average in connection with the performances plotted 
for twenty-two stations. At fii*st glance, the curve 
appears to have a very peculiar shape. Further analy¬ 
sis indicates that there was a very definite reason for the 
slowing up of power-station development during the 
war period, and the extremely high prices of coal during 
the period from 1920 to 1922, inclusive, in no small 
measure account for the marked improvement in the 
performance of stations which have gone in service 
within the last six months. 

The dotted extension of the curve shown on Fig. 11.5 
our estimate as to the future possibilities in the way of 
improved performance for a station designed to operate 
on the straight-steam cycle with a single stage of re- 
. heating. Obviously, this curve has to flatten out. 
We have also shown the over-all performance for a 
combined mercury vapor and steam station, which is 
indicated by the performance of the mercury-vapor 
torbine and boiler in the Dutch Point Station of the 
Hartford Electric Light Company, and we have 
shown by means of a dotted curve our estimate as to the 
future possibilities of the combined mercuiy vupor cind 
steam cycle. 

One might well gain the impression that the possi¬ 
bilities for further improvement in steam-station design 
have been almost exhausted. This is hardly the 
case. There are at least three major possibilities im¬ 
mediately ahead which will result in higher operating 
efficiencies for our steam generating stations: 

a. Tho further devplopment of eoininorojal (Ktuijmiont for use 
in the applioation of the niereury vapor-steain cyolo 

b. The development of suporheators, high-l)res«ur« .steam 
piping, valves and turbines for operation in eonneetioii with 
steam temperatures of 800 deg. fahr. or liighor. 

e. The use of hydrogen or somo equally siiitahlo gsi,s as (he 
cooling moduim in connection with closed ventilating sysUnns 
tor turbo generators, and tho dovolojmiont of new goiiora,l,or 
designs which will take advanlago of all the iMwsihilities of this 
now cooling medium. 

It is perfectly true, however, that while there ha.s 
been a drop from approximately 18,000 B. t. u. per kw- 
hr. to 14,000 B. t, u. per kw-hr. in the last eighteen 
months, a further reduction from 14,000 to 10,000 B.t. u. 
per kw-hr. cannot be looked for unless use is made of the 
mercury vapor-steam cycle, with comparatively high 
procure used in connection with the mercury vapor 
boiler aud the most efficient possible layout in connec¬ 
tion with the steam end of the station. As far as further 
reduction in the fuel cost in connection with large steam 
stations goes, work is being done on the law of diminish- 
mg return. A point has already been reached 
where further gains are going to be very difficult of 
attainment. 

thus far has dealt in large measure with 
the techmcal achievements and with the reductions in 
heat consumption in connection with our newer stations. 
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Our real function as power station engineers, however, 
is to deliver power on the station bus-bars at the lowest 
possible cost per kw-hr., and it is in the analysis of the 
elements which go to make up the cost per kw-hr. that 
we find the real answer as to the most profitable trend 
for future power station development. 

The total cost of each kw-hr. delivered on the station 
bus-bars is made up of four major elements: 

a. Operating labor and superintendence 

b. Maintenance 

e. Fuel cost 

d. Fixed charges on the investment 

The so-called operating cost which most of us talk 


which must be paid for fuel to generate that same kw-hr. 

In Fig. 2, is shown the trend of operating costs and 
fixed charges of tsrpical large power stations plotted 
against the dates of initial operation for these stations. 
As in connection with Fig. 1, only power stations of 
60,000-kw. capacity and higher are considered. An 
endeavor has been made to take into account all the 
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are 4.5 mils per kw-hr. as compared to a fuel cost of 2.4 
mils per kw-hr. For those stations which are located in 
closer proximity to the coal mines and have the ad¬ 
vantage of lower coal costs, the fuel costs will be still 
further reduced, assuming, of course, the same modem 
power station .design for the best possible economy. 
The fixed charges, however, will remain at 4.6 mils. 

The indications are that if we strive for lower fuel 
costs by the use of more efficient stations, the fixed 
charges per kw-hr. will rise still higher, and the increase 
in fixed charges per kw-hr. will more than offset the 
decrease in fuel cost per kw-hr. 

The real job which the power station engineer has 
ahead of him is to decrease the fixed charges per kw- 
hr. and to reestablish the proper balance between fuel 
costs and fixed charges. 

Certain executives and engineers will, no doubt, 
state that the fixed charges per kw-hr. in the newer 
stations which they are placing in operation, are very 
much lower than the curve indicates in Fig. 2, this 
being for the reason that these newer stations are 
carrsdng the base load for their system and are opera¬ 
ting at an extremely high use-factor. Our answer is that 
this is a transient condition. Each new turbine or 
station operates on base load only for so long a time as 
it constitutes the most eflBcient turbine or the most ef- 



Pio. 4 —^Unit Capacitt Pactobs bob Vabiovs Sizes or 
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ficient station generating power for that particular 
system. The curves given in Figs. 3 and 4 tell this 
story in a very striking manner. They show that the 
generating unit is heavily loaded during the second and 
third years of its life, but that from then on the loads 
carried during succeeding years gradually decline. 
These curves given in Figs. 3 and 4* constitute the 

*The data given in Figs. 3 and 4 was compiled by the Tur¬ 
bine and Generator Committee, Assooiaition of Edison Illumi¬ 
nating Companies, ■ and embodied in the report of that Com¬ 
mittee for 1923. 


actual operating history as regards kw-hr, generated 
during succeeding years by 268 turbines ranging in 
size from 760 kw. to 60,000 kw. 

It is perfectly obvious that fixed charges per kw-hr. 
must be determined by taking the total fixed charges on 
a piece of equipment or on a station during its life and 
spreading them over the total number of kw-hr. 
generated by that particular turbine or station during 
its useful life. 

It is of interest to note from Fig. 3, that the average 
unit capacity factor during the 17-year period on the 
268 turbines is approximately 25 per cent. The curve 
of fixed charges given as a part of Fig. 2 was based on 
the assumption that for generating stations placed in 
operation in 1913, the average unit capacity factor dur¬ 
ing their life would be 31 per cent, and for stations 
placed in operation in 1925, the average unit capacity 
factor would be 36 per cent. The evidence would tend 
to indicate, therefore, that if error has been made, it is 
on the side of showing the fixed charges per l<w-hr. too 
low rather than as too high. 

Tendencies in the design of steam generating stations 
may be classified under four heads: 

1. Tendencies which improve the reliability of the power 
station, increase its cost, but do not appreciably affect the 
operating efficiency; for example: 

a. The use of house turbines, auxiliary generators, 
and storage batteries for insuring the auxiliary power supply. 

b. Isolated-phase layout and the use of reactors and 
other protective devices in the switchhouse. 

e. The duplication of auxiliaries, and provision of 
excessive amounts of spare capacity in boilers and turbines. 

2. Tendencies which decrease the coal consumption per 
kw-hr. and increase the cost of the power station; for example: 

a. The use of excessively high steam pressures talcen 
together with a single stage of steam reheating during its 
expansion. 

b. The use of pulverized fuel-burning equipment. 

e. The use of adjustable speed motors for driving aux¬ 
iliaries where saving in power consumption at light loads is 
the consideration. 

d. The use of air heaters or economizers usually falls 
in this olassihcation. 

e. The use of an excessively large amount of surface 
in the surface condensers for the main turbines. 

3. Tendencies which decrease the coal consumption per 
kw-hr, and also result in. a reduction in the cost of the power 
station and perhaps in the cost of operating labor; for example: 

a. The use of electrically-driven auxiliaries. 

b. The use of moderately high steam pressures without 
reheating. 

c. The use of the highest steam temperatures which 
are possible with existing materials. 

d. The use of large turbines and large boilers. 

e. The use of three or four-stage bleeding for raising 
the temperature of feed water to within 75 deg. or 100 deg. 
of saturated steam temperature. 

f. The use of large mills for pulverizing coal. 

4. Tendencies which add to the cost of the station without 
improving either its reliability or appreciably decreasing its coal 
consumption; for example: 

a. Insufficient care given to grouping of equipment and 
waste space in power station building. 

b. Too many architectural frills. 
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For a particular set of operating conditions, some of 
the examples which have been cited above as falling in 
one classification may really classify themselves under 
an entirely new head. An inspection of the curve 
given in Fig. 2, however, presses home the conviction 
that every tendency which makes for an increase in the 
cost of steam generating stations, and correspondingly 
increases the fixed charges, must be viewed with sus¬ 
picion. The burden of proof should be on the designing 
engineer to show why the particular feature should be 
embodied in the design. The same line of reasoning 
indicates that the designing engineer should give 
intensive study to those tendencies of power station 
design which hold forth promise of giving lower first 
costs and lower fixed charges, as well as lower fuel costs. 

Now, turning to the field of hydroelectric plant de¬ 
sign and operation, we find somewhat different condir 
tions obtaining and no such revolutionary changes 
akmg place as there are in connection with steam sta¬ 
tion design. There is one definite tendency in hydro- 
electne plant design very similar to that which has 
made itself evident in recent years in steam station 
design, namely, the trend toward the use of larger 
water-wheel turbines and larger water-wheel generators, 
in the mam, the objective is not higher efficiency, but 
lower cost per unit of installed capacity. The tendency ‘ 
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5 of Close to emsting developments. Simplicity of layout 
f in is very desirable, as it has a direct effect on reduction of 
der costs, both capital and operating. The importance 
rve of this trend toward the use of larger generating units in 
ion connection with hydroelectric plants has made it seem 
the worthwhile to prepare a symposium of the \ iews of the 
?ly engineera of the several different manufacturing 
as- companies on this particular subject. These state- 
ng ments are quoted herewith; 
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indicate that 110,000 h. p. is the upper limit for heads of 400]^to 
SOO ft., using the reaction type of runner. 

These limitations are based not on a consideration of either 
hydraulic equipment or electrical equipment alone, but on a 
eomlnnation of the two as a liydroelectiie unit. Undoubtedly, 
turbines of larger capacity could be constructed for heads below 
100 ft. and generators of larger capacity for the high heads, but 
considering the cornhined hydroelectric unit, the values given 
represent the upper economical limit. 

Statrnicfii hy B. T. Gibbs. The curve shown on Fig. 5 indicates 
the maximum h. p, capacity for wliich it is possible to build 
water-wheel turbine units for heads ranging from 20 ft. to 600 ft. 
The specific speed, corresponding to the different heads, is also 
shown in t his same figure—No. 5, and the formula for the specific 



Fig. 5 —Curvio Showing Specific Speed and Maximuivi 
(Capacity, for Water-Wheed Turbines Designed for 
Different Operating Hicads 


speed at 1 ft. head, is giyen. At the present time the maximum 
h, p. curve is considered the maximum output of a single runner 
turbine unit under the corresponding turbine head. 

From any given head up to 600 ft., a specific speed from the 
curve (*an be found, thus leaving two unknown factors in the 
formula to be determined, viz,, the speed and power. Either 
one of these unknown factors will have to bo assumed under the 
given head, and this reduced to an equivalent at 1 ft. head by 
using the formula for speed which varies as the square root of the 
head? 

The h. p. under the given head can be reduced to the equiva¬ 
lent at 1 ft. head by the formula that h. p. varies as the square 
root of the cube of the head. If it is desirable to obtain the 
speed of the maximum unit under the given head, take the 
h. p. from the curve for maximum h. p. shown on Fig. 6, and 
figure the same way to obtain the proper speed. While it is 
possible to build a turbine to operate under a 1000 ft. head, the 


field for pressure turbines under this high head needs further 
exploration before it would be wise to recommend them. 

Statement by R. V. Terry. Relative to maximum h. p. of 
hydraulic turbines, the Newport News Shipbuilding and Dry 
Dock Company is prepared to build for different operating 
speeds and heads: 


Since specific speed, Ns 


N ^ P 


11 ■ 


the maximum power 


(P) for a given speed (N) and head (H) will depend upon the 
maximum specific speed selected for the particular head in 


question. 


The so-called Experience Curve, Ns 


5050 
P 4- 32 


-j- 19 


has been used in the past. This curve gives values of Ns too low 
for heads from 10 to 450 ft. and too high for 450 to 1000 ft. 
Specific speed should not be used as an absolute basis for the 
selection of the maximum head; other factors, including the 
draft head, should be given due consideration. However, for 

632 

a number of years the formula, ■ has been used for the 

V H 


maximum specific speed to w'^hieh it is possible to go, except 
under expecially favorable conditions as to low draft head. A 
few installations of the propeller type have been made with 
specific speed beyond values given by the latter formula, but 
they may be considered experimental installations. Therefore, 
in working up data for this report, a maximum specific speed for 


a given head equal to 


632 

was used. 

V u 


Fig. 6 shows the maximum specific speed, maximum power and 
maximum speed for a given power that is proposed, using the 
head as a starting point. If the maximum power for a given 
speed and head is desired, this can be obtained from Fig. 6 or 

0322 

directly from the foi'miila, P mas^ = ^ -. Fig. 7 shows 


the formula in graphical form. In using the formula, one must, 
of course, bear in mind the limitation of power for a given head 
clue to . physical dimensions and shipping facilities. This 
Company is prepared to build turbines as physically large as 
can be conveniently transported and erected. 

A lower value of specific speed than that given above may be 
assumed for a given head. This simply means that for a given 
unit there is a certain choice of speeds. However, as stated 
previously, the power for a given head and speed will he higher, 
the higher the specific speed selected. 

Statement by T. A. Worcester. With the larger units, the 
first cost, including building and operating cost, is less per kv-a. 
than with the smaller units. There is a physical limitation, 
however, to the size of units which can be built with present day 
materials and types of construction; and the kv-a. capacities 
vary with the speed of the units. These maximum size units 
are approximately as follows: 


10,000 kv-a. at 720 rev. per min. 

20,000 “ 

« 600 

30,000 " 

« 514 

55,000 « 

« 400 

80,000 « 

« 300 

110,000 " 

« 200 “ 


This table might be carried to lower speeds and larger sizes. 
For instance, it is theoretically possible to build a 130,000 kw. 
machine at 100 lev, per min., but it is questionable if it is at all 
desirable to put so much capacity in a single unit. 

Statement hy F, C. Hanker. The 1924 water-power devel- 
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opments have been characterized by studies and investi¬ 
gations of a number of very large water-power developments in 
the north and northwest parts of the country. These develop¬ 
ments have involved consideration of water-wheel generators 
approaching the limits of commercial design. The following 
gives an approximate tabulation of the economic design limita¬ 
tions of vertical water-wheel generators at the present time: 

5,000 kv-a. at 720 rev. per min. 

12,000 « « 600 « 

40,000 « « 514 

45,000 " “ 400 “ 

70,000 “ “ 300 “ 

100,000 “ “ 200 “ 

75,000 “ “ 100 « 

This tabulation assumes that the more usual conditions of 60 


a frame bore (which is the same as the outside diameter of the 
armature punehings) of not more than 37 ft. This limiting 
dimension has been approached by the ratings given in the 
above table for speeds below 300 rev. per min. It appears quite 
probable that these limiting conditions will be reached by a few 
water-wheel generators in the near future. In general, machining 
limitations are reached before the transportation limitations 
become a serious factor since the generator can be separated into 
parts and a large amount of the assembling done in the power 
house location if necessary without greatly increasing the over-all 
expense. 

Trend of Modern Practise 

The manufacturers seem to feel that automatic 
generating stations are growing in importance, but they, 
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cycles, 13,200 volts, 80 per cent overi^eed, and normal flywheel 
effect apply and that standard commercial material is employed. 
At speeds below about 300 rev. per min., the physical flini»Tidnns 
of parts became a limiting: factor. Low speed water-wheel 
grenerators are probably the lai^st pieces of material with which 

the electrical industry has to deal. When the dimensions become 
so g 3 :eat that special shop space and shop tools must be provided 
for the machine operation, the entire expense of this special 
eqmpment must he borne by such a relatively small number of 
machines that the cost becomes prohibitive. At the present 
time, the larg:est machine tools in this country will accommodate 


together with the majority of the operating men, feel 
that the complete automatic hydroelectric station is 
• limited to the smaller sizes, there being two different 
reasons for this: In the first place, as the size of the 
instahation increases, the complexity of the operating 
conditions determining the amount of power to be 
supplied from the station also increases, this being 
something that is controlled, not by the station itself, 
but rather by system conditions; also in important 
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installations, considerable judgment on the part of the 
load dispatcher is required for the best system operation, 
which cannot be supplied by any automatic station 
equipment. In the second place, there is no entirely 
satisfactory way of supplying the initial starting im¬ 
pulse for the control of the full automatic station. 
Voltage conditions which are satisfactory in railway 
stations will not do; drop in frequency is not satis¬ 
factory : so that, generally, the water level appears to be 
the most satisfactory means of control, and this very 
materially limits the scope of the automatic station. 


mittee, who points out the advisability of having a unit 
or units in a given power plant controlled by a gate 
mechanism of another unit or units in the same station. 
In other words, the plan of operation consists in starting 
and stopping units automatically and from the gate 
motion of other units, so that the gate controls of all 
imits are kept within the efficient range and probably 
within narrow limits where maximum efficiency is 
obtained, depending upon the number of xmits under 
such control. 

While there has been a definite movement toward 



Pia. 7 —Curve Showing Maximum Capacity pob Wateb-Whbhls Designed fob Different 
Operating Heads and Operating Speeds 


([However, automatic stations with supervisory or 
remote control are quite different and developments 
along this line have been very rapid. Stations with 
three generating units and with capacities up to 10,000 
kv-a. are'^now so controlled; several stations of 25,000 
kv-a. with this tjqie of control are under consideration. 
This type of control permits the operation of stations 
with fewer men and gives these men greato freedom to 
leave the operating floor to attend to duties at the head 
gates or in the switch yards. 

A somewha,t different phase of automatic operation 
has been proposed by one of the members of this Corn- 


outdoor substations and the location of all oil switches 
and transformers outdoors, progress in the matter 
of putting generating equipment outside has been very 
slow, the difficulty being, apparently, to provide suit¬ 
able housing in case it is desired to dismantle a gen¬ 
erator. However, several stations have been built 
with a very low superstructure with an outside gantry 
crane and with movable roofs over the individual gen¬ 
erators, which can be rolled back so that the gantry can 
be used to dismantle any particular unit. 

A noticeable tendency in connection with hydro¬ 
electric plants construct^ in the west during the last 
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two or three years, has been the trend toward more 
permanent construction. Many of the earlier installa¬ 
tions used open conduits. On all important develop¬ 
ments now being made, these open conduits are being 
superseded by tunnels. Pipe lines that were for¬ 
merly placed in trenches are now being placed 
entirely above the groimd and carried in concrete 
saddles. The larger amounts of power that are being 
transmitted call for higher voltages, which in turn call 
for types of construction that are far more lasting and 
dependable than the wooden pole lines formerly used. 

In the matter of station auxiliaries, there is con¬ 
siderable tendency to get away from direct-connected 
exciters on the main generator shaft, making the main 
generators easier to dismantle and reassemble. In 
the matter of excitation, many stations use a com¬ 
bination of a waterwheel and a-c. motor coupled to the 
same d-c. exciter, so that if one of the prime movers 
fails the other will continue to drive the exciter. 

Several new European types of high-^eed turbine 
runners are coming on the market in America. These 
appear to have considerable promise on account of their 
high efficiency. 

There are instances this year of the use of babbitted 
bearings on vertical shaft turbines in place of lignum- 
vitae bearing to reduce maintenance expense. 

Increased use of motor-driven, flyball governors is 
noticeable. 

A subject which has received special study by both 
operators and manufacturers during the last year is the 
pitting of turbine runners, both as to the exact nature of 
the pitting, cavitation or corrosion itself, and as to the 
causes thereof. The three principal causes of pitting 
are believed to be excessive draft head, excessive specific 
speed and poor design. There is considerable differ¬ 
ence of opinion as to the relative importance of these 
causes. The drive for high specific speeds in the last 
few years is blamed by some for the recent increase in 
pitting troubles. 

A subject that has occasioned considerable discussion 
is the omission of governors from hydroelectric units, 
particularly when operating in large interconnected 
sjrstems. The suggestion that governors be omitted 
in such cases except as safety shut-down devices, has 
met with considerable opposition among operating men. 
The proper design, characteristics and functioning of 
governors for hydroelectric units operating in parallel 
with steam electric units, are questions which are now 
receiving intensive study. 

In the case of low head-water power developments on 
streams with widely fluctuating flow, there is an in¬ 
creasing tendency to secure the maximum possible 
output tmder existing limitations of property and flow- 
age rights by the use of crest gates or movable Hama of 
various types. . 

A considerable amount of raperimental work has 
been done oh draft tubes, but there does not seem to be 
iany general agreement as to which type is the most 


satisfactory. Those which apparently indicate the 
highest efficiency are usually very much more expensive 
to build. It is in connection with the low head installa- 
cions that the greatest care must be taken in the design 
of the draft tube. The great activity in draft tube de¬ 
sign in connection with low head plants has been 
brought about by the increased specific speed of units 
wherein a greater percentage of energy is discharged 
from the runner. It seems unlikely that lower spe¬ 
cific speeds will be adopted, but, on the contrary, more 
likely that an effort will be made to adopt higher ones, 
so that the problem of the draft tube will be with the 
Committee for sometime to come. It seems inevitable 
that some type of draft tube providing radially expand¬ 
ing passages must be adopted to best preserve the 
whirling energy from the high specific speed runners. 
It is important, however, that methods be developed 
whereby these draft tubes may be installed at moder¬ 
ate cost. 

Conclusion 

Much of the subject matter of this report falls more 
specifically within the scope of the American Society of 
Mechanical Engineers than of the Institute. We feel, 
however, that the members of the American Institute of 
Electrical Engineers should have called to their atten¬ 
tion the trends in the art of power station design and 
operation. With this thought in mind, this report has 
been prepared, and deals not with details of design and 
‘operation, but with tendencies and trends. We had 
this same purpose in mind in scheduling one session of 
the Spring Convention at St. Louis for a ssnnposium 
dealing with power station design. Certainly those of 
our members who are associated with companies 
generating large blocks of power, cannot afford to lose 
touch with the field of power statioii design and 
operation. 

For those of our members who care to delve deeper 
into detailed discussions of the subjects briefly referred 
to in this report, we recommend a careful reading of the 
reports of the Prime Movers Committee, the Electric 
Apparatus Committee, and the Hydraulic Power 
Conunittee, of the National Electric Light Association. 
We also commend to your attention the wonderfully 
interesting series of papers presented at the World 
Power Conference in London. The papers presented 
before this Conference covered in an authoritative 
manner practically every problem of interest to the 
power station engineer. 

A subcommittee of your Power Generation Com¬ 
mittee, xmder the chairmanship of Mr. A. R. Smith, is 
working on a specific problem which we think is of very 
definite interest: There is a lack of common tominology 
and well-defined terms in the discussions which are 
heard, from time to time, dealing with power station 
operating costs and performance. It is felt it would be 
very much to the advantage of the industry that all 
should speak a common language. This Committee is 
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tryinjj: tn sft up a ri‘a.sun:il)lt‘ tunninolui^y and dolinition 
of lornis whifh will llu* Ix'st chaiift' of acceptance 
by the cnidueers wiio have oiarasion to discuss tlie mat¬ 
ters referred tlu-reto. ll is not the thought of the 
I'ower (lenerat ion (‘ununil.lei* (.o al lenipt to impose any 
set of lle•^mitiull.s on t he engineers of other societies who 
also have \«*(y vital interest, in discussions dealing with 
power station de.siyn and opera!urn. It is our plan to 
•■all the importance of this matter to the attention of 
other commit lees workiny; in this sjune field, and by 
cooperaliinv with the meinhers of these other com¬ 
mittees, we hope to arrive at ti set of delinit ionsof Umiis 
whii'h will fie acceptable to all. 

liihlio^raphy 

Si I Sj Min\ Dl (h‘Mt\rH»N \\l» (‘n.-'TS 

liailt ; . Alf*% D, Tin* 'rninl nf (Slalitiii 

. \ mI. *j(i, Nil. (i. iirj:;. nii. 

Uitaf Ha tiital Hiu*. rif ! f:rr unil «ir<tul|iul will Im ami 

h»'u i? V, fll l‘# t\i% idi’il. 

Dal. A K. arul Pnnl^, D. D. Ni w StaHitii Tor DrlmiJ 
. /Sk'mi' * i t Viil. N*#* 11, 

JuiHf I, IdLH. |»j», .iVS As.'i. 
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\h t titi Kit I' i.n i ill, ir», |IJI. lIT-l’Jd, I’Jll 

Soiilif mF plaiit il V. it ll .’!(l(inil-l\v. iniilh. 

Diia h, II. K iuiii (**«!♦'« II. \ . ('nal*-Sl«iiaj*i* Si.Hti’iir., .l/r« 

i • t uiu^, Mi, IMlH, |*|i, ISU..p,Mi. 

Pajii-r ♦!» al~. vvirh Ht*' ami limilalftms uF variuiiH 

.h.mI III a Fti'fii’ial wa,\. 

IMan, (I). S|irf‘»| (‘luil at limlfa n Avriim* 

Vfil. I’S, PtliA, p|i. 7t5-7M. 

M» *‘|},},!iiral P aMiJi s Hi .‘’Mrt.nl, 

p*fM?,vfihr, Il^nul. M Sti’iiiii Pi»w*f»r tion, \\ mitl 

^I'l'fiol \iiinl»«T, DIM, |ip. 

DiiUa M ;, K. Miiniripal P»nu*r !*laiil. LamiiiiL?. Mirhinati. 

/‘w *., \ »^j .%v, JtMo‘ l‘i Pn?:;. pp. ti(is4i7M, 

JM .frijfH* !* mI Momii’ i I'arl Station. • 

c Kno- t II. A«l»ptini,t Kviqioiatoni to Dial Dalama*. 

/V *if, f ./do * i ; !•<»,/, Vol. ijs, No, Illj Ll, IMlII, p|i. 
:»:u d;;ii. VmI. jh. Xm il..inni* I, IM2L rip. Ass^oitl. 

rim iifit rafo'ij *4 * ^d li^ in \vhi« h I'^itraotioii Mtoain Is iimimI for 
foiiL.vfiff'f lira? nor 

i liuio. A ti. yU* I fili/ulion ol’ Jloal DonrL /Voirr, 

Voi.MD No :?.5. ihi^wUvJ, iMiM, j»p.stcrsMa, 

4 Hro’lo am applioaLif” t-'^pnially to tin* Lipf plant. 

('lari. Irani S, WaLatli Ni\rr Htation. /*ioni’, Vol. 7*7, 
Jinio Ui. pnrL lift. UhiHmImi;;. 

:iMi Ml tf am pif nii', liirli hoiloir*, .HaK:o Llooiliiu:, honno 
lorLtn** anil nf/poratof^iairf tnlwallail in iloMirut^l ^’>tjDit‘tt* 

Lnrtvn. W, K. riini|iuri^on oF Ariital Pofforinniiat! and 
TImoh ?i» al Pf .i iLiHtM -1 of Dio l.alif.4do .Station. l*a|H‘r 
pn sfiitu d af Ho' Spnnt! A. S. M. E.. May, IM'Jri, 

()|l^ojitinif ami t#*‘d of flia Station liavn lw*oii 

ari ntiilrd oijfl n oomrnni.on *4 llmoty and praHiKa liaa lat-n 
rorordi'd, 

Kfidy. If. P Sinnimw Hi\rr Stoam I'imH Costa E,\r»lniii4‘d. 

y, Vol till Nf». in. Doiolif r M, IMlH, pp. (iLVdin. 

Air/ a d E.^tm Itu^h Prossuro Slraiti Plant. Vol. 

»i'J, Nd. ii.JTT, dnii»‘ lA. UrSi, p|>. llViDtall 
Tlio Pu M^dti .TJMD Ur rrt*r .-f|. in*‘lt p1«iU* 

Tho HutUmr l*o\v«r Htation, Belfast. 

No. 1MH7. Anjftri *JL VMu pp. 

IfiumjnnifM»fi of a now 

Alifdra/ HWId, Dovoii Htation Marls Forward Stop in 
D 4 *vil*i|iinniif o^ S«’W Eni!lafi<l Hiiporpowor. Vol. Hd, No* 
Alar^-h 22, Pd2t, r»p AtlLriTO. 


Now Last? loatl, liiidi-P'iisioji jilaiil., of Coniiootieiit Light 
IN»wor (*ninpany. 

hUtrln'rnl WorhL Waulv<‘gaii 4()()«ll>. Plant Operating. Vol. 
SM, No. 2, .laiinary 12, IM2d, i)|). 70-8(1 
Mitrdiaiiioal and I'loi'triral fi?atnros. 

Nhcfrinil W’arhL Digli Pn'ssnrc? Station oji Oln'o. Vol. 84, 
No. 20 , Di‘tM‘nilu*r2(l 1021, pp. LKM-LKXl 

Miaini Fori. PlanI n.sing (MlO-lh. powdiwl fuel, air 

l»n*ln‘a(ors, o(o. 

Khrtrinil World. CV?iilral Slat ion Load Analyzcil. Vol. 85, 
No. I, .launary II, I02o, pji. dO-lUl 

Iron and stool industry loads in laiusiimption of i‘lootri<^ai 
oiH?*gy. 

Kmjhtrt riiHj. Tin? North Tot*s Posvt?r Station. Vol. 117, 
1021, p. 7ri;L 

l)c«sfMiption of (iirhinos in this station is oiuLndiod in this 
paiMT. 

Etiijiitvu'iiin. Brilisli Fnipiro Kxhilnlion Power Station. 
Vol, il7, 1021, p, l2o. 

dray, r. D. and Saiinmls, M. M. FIcotrioal Features of 
I’ino drovo Slalion. Ehrtriral World, Vol. 81, No. 2, July 12, 

1021, pp. o7-t»2, 

S(.i*ain plant roiiioL* from load oentor. 

ILdin, Fjininiittl. .Soiiio Unusual Stoani Plants in Tnseany. 
Eotnr, Vol. o7, .Inm* 5, P.)2d, ini. 882-88,5. 

Po\vt?r dovoliipnioiil in Italy. LardanOlo plant uses natural 
stoam. 

Ilartniann, D. II. High Prossun* Steam, Its Pres(*nt and 
Future .Applioution in Power and Beating Plants. TranaacHoyDi 
of thr EirM World E*nirr (Utn/i n urr, Vol. 2, 1024. 

llelaijder, Linn. Power Plant Unit Costs and Their Eugi- 
iiooiing SigiiilioamM*. EUrtrlr Journal, Vol. 21, No. 0, .Juno, 
102.1, pp. 28iV20il 

Dindifold C, F. and Elhsiwoiid, F. D. High Pressure, Re¬ 
heating am! Kegem‘ialing for Steam JNnver Plants, This paper 
pror.eiited ;i.t Animal Meeting of the A. S. M. K, Deeember, 

1022. Transarliour, A. S. /{?., Vol. L5, .1022>, jip. (>(>3-711. 
Helalivi? ihonnal and investiiK'iit <*osts in inodeni turbu- 

generaliM* stations aie dismissed, using various steam eniulitions 
and eyc‘h‘S of opitial ion. 

IlicNlilVI.I, K Tito Tfoiiltiii Clianntil Fltuil of Iho IJolroit 
KiIIkoii <'i>in|i!iiiy. TifANOAtTioss A. ]. K. K., Vol. <14, 1925, 
pa.gt‘ .355. 

ll(.lliii|t.s\vopiti. K. At. Moisey amt North Walos (Livorpool) 

('liiiiniiaii’s Adflross. Jour. IMlUh I. IL /?., Vol. 
r>2, 1 It.'oiiilior, I9‘2h., p. 

Survey (.r (lie aiiplieitlioii of IliKlior sleain pmssuros iind 
leinpetiUiiie.s, tMiti.sfiitttoiy Irealirionl. and lieiititiK of fondwator, 
iiiereased .s|ieeil tif liiflto-Keiioraloi s ami stiiRO i(!li«il.inff of stoiim. 

llolliti.s, (i. <i. bow OponUittK ChiHls and Fixed ChaJ-({os at 
fine (intvi! Slatioti. I'omr I’luiil Huuimirinu, Vol. 29, No. 4, 
Fttltriiary 15, I!I25, fi. 22-i. 

IddUis, Alfred. Saxttiii Plant of the Penn Central bight & 
Power ( Ninipaiiy. Poirrr. Vol, 59, No. 10, April 1.5,1924, pp. 
.592-.599. 

Jniinnil of KlnUririlt/. 'Pho Midway Plant of tlie San .loaquiu 
Ijight & Power (hirpoialion. Vol. 5(1, No. 8, April 15,1!)2.1, pp. 

2KS.291. . , 

NaturnI gas is liurned under boilers by aiioe.ially designed 

burners. 

Joiirtinl of ElrrlrirUii. An Analysis of Present Rale Kidwtlulos. 
Vol. 50, No. 11, .Inno 1, 1923, pp. +18-4.55. 

Report of Rato Resitarch CJonuniltee. 

JourunI of Khvlrunly. The 18,(KI0-kw. bong Bell Stoain 
Plant. Vol. ~ii, No. 10, Novemlinr 15, 1924, pp. 3.5.5-:i.58. 

Plant cinltodies arlvanees in steam plant design. 

.lunkersfeld, P. and Orrok, (b Steam Power Produetion— 
Ceiieral Review of Present Prae.tiso. Tranoacliorix of Fimt 
World I'ower Confereiirr, Vol. 2, 1924. 
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Transactions A. I. E. E. 


Junkersfeld, P. Cahokia Station. Electric Journal^ Vol. 21, 
No. 5, March, 1924. 

Keenan, Walter M. Some Tendencies in Modern Power 
Plant Design, Power Plant Engineering^ Vol. 29, No. 8, April 
15, 1925, pp. 429-341. 

Coal and ash handling, methods of firing, economizers, air 
preheaters, turbine sizes, condensers, auxiliary drive. 

Kemnal, Sir James. Steam Generation. Tramactiom of the 
First World Power Conference^ Vol. 2,1924. 

Klingenberg, Dr. Modern Steam Power Stations for Genera¬ 
ting Electrical Energ 5 ^ Transactions of the First World Power 
Conference^ Volume 3,1924. 

L a m m e, B. G. American Power Station, Electrical Equip¬ 
ment. Transactions of the First World Power Conference^ Vol,'3, 

1924. 

Landis, J. N. The Construction and Mechanical Features 
of the Hudson Avenue Station. Electric Journal^ Vol. 22, No. 4, 
April, 1925, pp. 155-166. 

Lee, Louis R. Hales Bar Steam Plant on Tennessee River. 
Power Plant Engimering^ Vol. 28, No. 23, December 1, 1924, 
pp. 1178-1182. 

Second 25,000-kv-a. unit in new station of Tennessee Electric 
Power Company. 

Marks, Lionel S. How Much Work Can Be Obtained from a 
Pound of Fuel. Power^ Vol. 60, No. 14, Sept. 30, 1924, pp. 
536-539. 

Obsolescence of the Rankine Cycle as an Efficiency Basis. 
New standard proposed. 

Marks, Lionel S. Heat Cycle Efficiencies. Power^ Vol. 61, 
No. 3, Jan. 20,1925, pp. 100-102. 

Urges the general acceptance of an ‘‘ideal cycle efficiency” as a 
standard. 

Mellanby, A. L. and Keir, W. The Limiting Possibilities in 
Steam Plants. Engineering^ Vol. 119, March 6, 13 and 20, 

1925, respectively. pp. 301,336 and 366. 

Theoretical cj^cles, pressmes, temperatures and methods of 
approach in practise are discussed. 

Morgan, John D. Power Plant Building Costs. Power 
Plant Eng,, Vol. 28, No. 20, Oct. 15,1924, pp. 1065-1066. 

Monroe, W. S. High Pressure and High Temperature in 
Central Stations. Power, Vol. 60, No. 3, July 15, 1924, pp. 
87-91. 

Arrangement at Crawford Avenue Station described and 
costs of high pressure and 300 lb. compared. 

Monroe, W. S. The Use of Steam at High Pressures and 
High Temperatures in Central Stations. Transactions of First 
World Power Conference, Vol. 2,1924. 

Moultrop, I. E. and Pope, Joseph. Some Engineering Fea¬ 
tures of the Weymouth Station of the Edison Electric Illumi¬ 
nating Company of Boston. Transactions A. I. E. E., Vol. 
42, 1923, pp. 621-635. 

Other Articles on this Station: Power, Vol. 6, April 14, 1925, 
pp. 561-567 discussing Generating Equipment, Boilers, Fans, 
Peed Water System, etc. Power, Vol. 58, July 10, 1923, pp. 
42-46; Electrical World, Vol. 85, April IS, 1925, pp. 809-815; 
giving interesting electrical features. 

Noack, W. C. High Pressures and High Superheats in 
Modern Steam Power Plant Practise. Mechanical Engineering, 
Vol. 46, January 1924, p. 40-42. 

The author deals with turbines to be used in connection with 
high pressure and high superheats. 

Parsons, R. H. The Thermal Efficiency of Power Stations. 
Engineering, Vol. 119, January 23,1925, pp. 93-94. Engineering, 
Vol. 119, February 6, 1925, pp. 153-154. 

Power. Heat Balance in Devon Station. Vol. 59, No. 18, 
Apr. 29,1924, pp. 674-675. 

Steam plant may supply either base load or peak load power. 
Power. Pulverized Anthracite Slush Burned at Lykins. 
Vol. 59, No. 1, July 1,1924, pp. 2-7. 


One of the first power plants to utilize anthracite slush in 
pulverized form. 

Power. Saginaw River Steam Plant of Consumers Power 
Company. Vol. 60, No. 4, July 22, 1924, pp. 122-129. 

Power. New Byllesley Plant Near Muskogee. Vol. 60, 
No. 15, Oct. 7, 1924, pp. 562-568. 

Plant equipped to burn coal or oil and has complete system for 
treating muddy river water. 

Power. Steam Packing, Bleeding Arrangements and Other 
Features of Westport Station Addition. Vol. 60, No. 16, Oct. 
14, 1924, pp. 605-608. 

Power. Bids on Equipment for Detroit Municipal Plant. 
Vol. 60, No. 17, Oct. 21,1924, pp. 652-654. 

Boilers, Superheaters, Evaporators, Extraction Heaters. 

Power. High Bridge Steam Plant at St. Paul. Vol. 60, No. 
26, December 23,1924, pp. 1006-1013. 

Initial 60,000-lrw. installation of base load steam plant of 
Northern States Power Company. 

Power. Riverside Station of the United Light and Power 
Company. Vol. 61, No. 2, January 13, 1925, pp. 46-51. 

Pour bleeders for feed h.eating and air preheaters, evaporators 
and combination, convertion and radiant superheater.s. 

Power. Island Station of St. Paul Gas Light Company. Vol. 
61, No. 12, Mar. 24,1925, pp. 444-448. 

Power. New Plant for Pueblo, Colorado. Vol. 57, June 
12, 1923, pp. 922-926. 

7500-kw. unit installed. Coal and ash handling sj^stems. 
Unique method of driving circulating water tunnel. 

Power Plant Engineering. 8000 B. H. P. for Standard Oil 
Company. Vol. 29, No. 3, Feb. 1,1925, p. 172. 

This article deals with the coal handling apparatus, the stokers, 
recording instruments, ash handling equipment, and auxiliaries 
used in the installation. 

Poioer Plant Engineering. New Addition to Joliet Plant 
Completed. Vol. 29, No. 4, Feb. 15, 1925, p. 249. 

New boilers and turbine unit installed in Joilet Plant of 
Public Service Company of northern Illinois. 

Power Plant Engineering. Somerset; Another Step Toward 
Superpower. Vol. 29, No. 7, April 1, 1925, pp. 30S-37(i. 

Powe7' Plant Engineering. Marion Station Adds New Units. 
Vol. 29, No. 8, pp. 416^2, April 15, 1925. 

New turbine, boilers and automatic synchronizer. 

Power Plant Engineering. Mine Mouth Plant in Indiana Just 
Put in Service. Vol. 28, No. 13, July 1, 1924, pp. 682-692. 

Wabash river plant of Indiana Electric Corporation. 

Power Plant Engineering. Heat Balance at Hudson Avenue 
Station. Vol. 28, No. 13, July 1, 1924, pp. 706-709. 

Six sources of heat are involved in cycle. Automatic control, 
vertical isolation of phases feature of electrical design. 

Power Plant Engineering. 150,000-kw. Plant for the Tri- 
Cities. Vol. 28, No. 13, July 1,1924, pp. 726-728. 

Power Plant Engineering. Operating Features at Delaware. 
Vol. 28, No. 10, May 15,1924, pp. 537-542. 

Test boilers, emergency valve control, dual drive circulating 
pumps are interesting features. 

Power Plant Engineering. Hudson Avenue Plant in Opera¬ 
tion. Vol. 28, No. 10, May 15,1924, pp. 549-553. 

Superpower station of Brooklyn Edison Company embodies 
refinement in heat balance, electrical equipment and mechanical 
control. 

Power Plant Engineering. Power Plant Design and Operating 
Cost. Vol. 28, No. 7, April 1,1924, pp. 372-374; Vol. 28, No. 8, 
April 15, 1924, pp. 432-433; Vol, 28, No. 9, May 1, 1924, pp. 
480-482. 

Comparison of costs which enter into power plant design and 
maintenance when various types of prime movers are used. 

Power Plant Enginering. New ^Waukegan Plant Handles 
Increased Load. Vol. 28, No. 2, January 15,1924, pp. 119-126. 

Robinson, Ernest L. Margins of Possible Impro%*ement in 
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the Central Station Steam Plant. This paper presented before 
the A. S. M. E. at the Annual Meeting, December 1923. Trans- 
actions A. S. M. Vol. 45, pp. 644-662,1923. G, E. Revdew, 
Vol. 27, p. 334,1924. 

Maximmn attainable efficiencies of ideal heat engines are 
discussed. Practical layouts are considered, advantages of 
mercury turbine and steam extraction cycle are emphasized. 

Rogers, Benj. F. Effect of Vacuum on Overall Efficiency. 
Power Plant Eng., Vol. 28, No. 17, Sept. 1,1924, p. 889. 

Operating efficiency is influenced by the heat supplied to 
prime movers and au:^iaries and the heat reclaimed. 

Smith, T. R. The New Leicester Central Generating Sta¬ 
tion. Jour. Britiah I. E. E., Vol. 63, December 1924, pp. 29-34. 
Chairman’s Address, East Midland Subcentre. 

Swain, P, W. The Benson Superpressure Plant. Power, 
Vol. 57, May 22, 1923, pp. 796-801, Vol. 57, May 29, 1923, pp. 
842-846. 

Description of 1000-kw. 3200 lb. at Rugby, England. 

The Engincm\ A New Closed Peed System. Vol. 135, 
February 9, 1923, p. 155. 

Tlie importance of deaerating feed water and some arrange¬ 
ments of closed feed systems. 

7^he Engmeer. The New Barton Power Station of the Man¬ 
chester Corporation. Vol. 136, Oct. 12, 1923, pp. 391-394. 

The Ertginetr. Coal Handling Plant at the East Greenwich 
Electric Power Station. Vol. 137, June 27, 1924, pp. 715-716. 

Thompson, W. F. Steel Point Station at Bridgeport. Power, 
Vol. 59, No. 7, Feb. 12,1924, pp. 238-244. 

Warden-Stevens, F. J. Coal Handling in Power Stations. 
The Electrician, Vol. 93, No. 2432, December 26, 1924, pp. 
720-722. 

A review of equipment for discharging, transfer to and with¬ 
drawal from storage and delivery of coal to boiler houses. 

Wohlenbei’g, W. J. Reheating in Central Stations. This 
paper presented at the Annual Meeting of the A. S. M. E. 
December 1923. A. S. M. E. Transactions, Vol. 45, pp. 741- 
765, 1923. 

Influence of amounts of energy added in reheating, number of 
rcjheating stjiges, etc., are discussed. Comparisons of various 
cy(des is also given. 

Woodrow, H. R. The Fundamental Plan in the Electrical 
Dosign of the Hudson Avenue Station. Electric Journal, Vol. 
22, No. 4, Ai)ril 1925, pp. 153-154. 

Stbam Txjubinbs, Generators and Auxiliary Equipment 
Alton, J. Arthur. Steam Pipes for Extra Pligh Pressure and 
Temperature. Engineering, Vol. 119, March 6, 1925, pp. 306- 
307. 

Allen, Richard W. The Application of the Steam Turbine for 
Auxiliary Machinery. The Engineer, Vol. 137, 1924, pp. 450- 

Anderson, D. S. Blading Effects in a De Laval Turbine. 
7. iS?., Vol. 2, No. 4,1924, pp. 687-702. 

Experimental work on and discussion of a single row De Laval 
turbine running at 30,000 rev. per min. driven by one nozzle 

acting at the bottom of the wheel. 

Baneel, Paul. How External Air Cooling Increases the 
Effectiveness of Condenser Tube Surface. Power, Vol. 59, 
No. 20, May 13,1924, pp. 769-771. ^ 

Condenser tubes may operate at much higher efficiency when 
air‘coolers are provided outside of the condenser. 

Beama. Large Surface Condensing Plant. Vol. 12, February 

1923, pp. 122-124. i 

Condensing plant designed and manufactured by The Mirrlees 

Watson Co., Ltd., Glasgow. xr i .o .noo ^ 

Beama. Steam Condensing Auxiliaries. Vol. 13, 19^4, pp. 

Air pump developments (The “Radojeet” Air Pump). 

BeU, G. G. Turbine and Boiler Room Auxiliaries. Mechan¬ 
ical Engineering, Vol. 47,1925, pp. 180-191. 


Requirements of auxiliaries for reliability variable speed 
drives—types of motors, etc. 

Bengough, Guy D. The Rapiel Corrosion of Condenser 
Tubes. The Engineer, Vol. 135, July 6,1923, pp. 7-10. 

Article deals with corrosion caused by presence of entangled 
air in circulating water in estuarial and marine conditions. 

Berg, Esldl. Tendencies in Steam Turbine Plant. Power 
Plant Engineering, Vol. 28, p. 592, 1924. Mechanical Engi¬ 
neering, Vol. 46,1924, pp. 577-582. 

High pressures and temperatures, stage extraction and re¬ 
heating discussed before the New York Section of the A. S. M. E. 

Billheimer, F, M. Energy Supply for Station Auxiliaries. 
Electrical World, Vol. 83, No, 8, February 23,1924, pp. 377-380. 

Effect of heat balance and bleeding on layouts—discussions of 
systems proposed and used. 

Blowney, W. E. and Warren, G. B. The Increase in Thermal 
Efficiency due to Resuperheating in Steam Turbines. This 
paper presented at the Annual Meeting of the A. S. M. E. in 
New York, December 1924 and will be published in Transactions 
A. M. Vol. 46,1924. 

Paper gives analysis of large number of tests on Turbines 
using steam at various superheats. Heat consumption of a 
turbine installation may be decreased from 6 to 7 per cent as a 
result of resuperheating the steam. 

Breach, L. and Midgley, H. The Drive of Power Station 
Auxiliaries, Jour. British I. E. E., Vol. 61, 1923, pp. 829-845. 

Consideration of the different types of auxiliaries and the 
different types of supplies available. 

Broido, B. N. High Temperature and High Pressime Steam 
Lines. Mechanical Engineering, Vol. 45, 1923, pp. 289-293. 

Formulas on radiation and friction losses in pipe lines carrying 
superheated steam. Heat transmission coefficients of bare and 
covered pipes at various steam velocities, superheats, and 
pressures are given. 

Brown, E. H. and Drewry, M, K. Economy Characteristics 
of Stage Feed Water Heating by Extraction. This paper pre¬ 
sented at the Annual Meeting of the A. S. M. E. New York, 
December, 1923, and published in A. S. M. E. Transactions, 
Vol. 45, pp. 713-739,1923. 

Practical computation and maximum realization of extrac¬ 
tion gains for Power Plants of present trend in design. Authors 
point out the influence of each possible factor in the computations 
of a Turbine Heat Balance. 

Campbell, Wilfred. Protection of Steam-Turbine Disk 
Wheels from Axial Vibrations. This paper was presented at 
the Spring Meeting of the A. S. M. E., May 1924 and will be 
published in the A. S. M. E. Transactions, 1924. Power, 
Vol. 60, pp. 94-99, July 15,1924. 

The author deals with the results of several yeaa-s of extensive 
investigation by the G. E. Co. of the vibration and waves which 
may exist in Steam Turbine Disk Wheels. Laws of dangerous 
critical speeds were determined. 

Colborn, C. E. Economy Secured by Heating Feed Water. 
Power Plant Engineering, Vol. 28, No. 18, September 15, 1924, 

pp. 946-947. 

Improvement in plant economy by bleeding. 

Colborn, Chas. E. Economical Operation of Condenser 
Pumps. Power Plant Engineering, Vol. 28, No. 12, June 15, 
1924, pp. 643-645. 

Study of conditions which govern the use of one or two circu¬ 
lating pumps with changes in cooling water temperatures. 

Coulson, B. P. Mercury as a Working Substance for 
Fluid Turbines. Engineering, Vol. 115,1923, pp. 14, 47 and 88. 

Cox Ivor R. Devices to Reduce Leaving Losses in Steam 
Turbiiles. Beama, Vol. 13, 1923, p. 175. (This magazme 
changed to World Power in 1924). 

Dahlstrand, J. Y. Conditions Affecting Steam Turbine 
Economy. Power Plant Engineering, Vol. 28,1924, p. 1041. 
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Dablstrand, J. Y. Characteristic Curves of Steam Turbines. 
Power Plant Engineering, VoL 28, 1924, p. 797. 

Dahlstrand, J. Y. Calculating Steain Plow for Turbines. 
Power Plant Engmeermg, Vol. 28,1924, p. 945. 

Dahlstrand, J. Y. Installation of Steam Turbines. Power 
Plant Engineering, Vol. 29,1925, p. 128. 

Usefulness and life of unit will be prolonged by proper instal¬ 
lation. 

Dahlstrand, Hans. A Review of Steam Turbine Develop¬ 
ment. This paper will be presented at the 1925 Spring Meeting 
of the A. S. M. E. at Milwaukee. 

Dean, Peter I^ayne. Sectionalization and Remote Control of 
High Pressure Steam Lines. Mechanical Engineering, Vol. 45, 
1923, pp. 483-487. 

Deals with remote operation of various types of valves in 
order to quickly and safely stop escaping steam. 

Dodge, J. W. Developments in Electric Drive for Central 
Station Auxiliaries. G. E. Review, Vol. 27, June 1924, pp. 404- 
414. 


Describes various types of motors and control for this service, 
their inherent characteristics and applications. 

Dowson, Robert. Maximum Commercial Efficiency of 
Steam Turbines. Beama, Vol. 13, 1923, pp. 369. (This maga¬ 
zine changed to World Power in 1924). 

Drabelle, John M. Test of a Multiple-Stage Steam Turbine. 
Power Plant Engineering, Vol. 29,1925, p. 236. 

Iowa Railway and Light Co. gives results of tests of 15-stage, 
3500-Kw. Turbo-Generator. 

Drabelle, John M. Improving Steam Turbine Opezations, 
P- wer Plant Engineering, Vol. 28, 1924, p. 478. 

Drewry, M. K. Economical Loading of Turbo-Generator 
Units. Power Plant Engineering, Vol. 28, 1924, p. 887. 

Pronounced turbine characteristics definitely determined 
most efficient operation of several units. 

Electrical World, What the World Power Conference Showed 
About Modern Steam Turbines and Their Design. Vol 84 

1924, p. 737. 

Emmet, W. L. R. The Emmet Mercury-Vapor Process. 
This paper was presented at the Spring Meeting of the A. S. M. E. 
in May 1924 and will be published in A. 8 , M, E. Transactions, 
VoL 46, 1924. Mechanical Engineering, Vol. 46, pp. 235-240 and 
305, May 1924. 

The author describes the Mercury-Vapor installation in the 
Hartford Plant of the Hartford Electric Light Company covering 
the possibilities of the process, the turbines, the boilers, etc. 
Engineering. The Limits of the Steam Turbine. Vol 119 

1925, p. 294. 

Engineering. Turbine Troubles. Vol. 115, 1925, p. 305. 
Instances of actual turbine troubles developed at various 
stations. 


Engineering. The Shanghai and Other Turbine Failures 
Vol. 117,1924, p. 18. 

Engineering. Thirty Thousand Kilowatt Steam Turbo- 
Qenerator at Rotherham. Vol. 117,1924, pp. 65 and 134. 

Engineering. Condensing Plant for 20,000-Kw.‘ Turbine 
Vol. 116, Oct. 19, 1923, pp. 494-496. 

Description of plant at Shanghai. 

Eppelsheimer, P. C. Multiple Exhaust Blading in Steam 
Tm'bmes. Power Plant Engineering, Vol. 29, 1925 p 282 

Details of unit (35.000 kw.) installed at the Spiingdale and 
Colfax Stations. 

Piske, Rogers A. Piping for High Pressure and Temperature. 
Power Plant Eng., Vol. 28, No. 8, April 15,1924, pp. 454-427. 

Ga«te, George E. Jet Condenser Performance. Power 
Plmt Eng., Yol. 28, No. 21, November 1,1924, pp. 1089-1092. 

Detaded discusaon of the various factors affecting the opera¬ 
tion of jet condensers. 



Hermann, C. C. Factors in the Design of Steam Piping 
Systems. Power Plant Eng., Vol. 29, No. 6, March 15, 1925, 
p. 348. 

Important factors discussed—^pressure drop, radiation rc^lalive 
location of equipment, reliability, etc. 

Hodgkinson, Francis P. Relation of Pressure and Velocity 
^ in Various Types of Steam Turbines. Power, Vol. 59, No. 12, 
March 18, 1924, pp. 444-445. 

Hodgkinson, Francis P. Large Steam Turbines. Meehiudail 
Engineering, Vol. 47, March 1925, pp. 186-188. 

The author discusses the economy reliability and tli(» pre.seiil 
trend in design of large steam turbines. 

Hodgkinson, Francis P. Steam Turbines and Condensing 
Equipment. TransacHons of First World Porvcr Conference, 
Vol. 2, 1924. Mechanical Engineering, Vol. 36, pp. 628-31, 
October 1924. 

Hubbard, C. L. Selecting Boiler Peed Pumps. Power, 
Vol. 60, No. 25, Dee. 16, 1924 Boiler Peed Pump Explanation 
and Calculations, Vol. 60, No. 26, December 2;3, 1924, pp. 1021- 
1024. 

Charaetensties and selection. 

Jungren, 0. P. Large Curtis Turbines. Power, Vol. (>J, 
Feb. 24,1925, pp. 290-295. 

Author gives outline of development of large turbines by iln^ 
General Electric Co. Some very good cuts accompanied this 
paper. 

Kearton, Wm. J. The Possibilities of Mercury as a WorJeing 
Substance for Binary Fliud Turbines. Proceedings I. M. E. 
Vol. 2, Nov. 1923, pp. 895-952. 

Discussion of the paper pp. 953-976. 

Kerr, Wm. A Note on Jet Action in Turbine Blading, 1. M. 
E., Vol. 2, No. 4, 1924, pp. 673-686. 

Paper deals with a special aspect of the problem of jet acticjii 
in turbine blading. 

Kerr, Prof, W. On Turbine Wheel Friction. Journal 
Royal Technical College No. 1, December 1924, pp. 103-120. 

The author deals with the subdivision of the steam fricti<Hi 
losses in turbine wheels (blading losses and disk losses). 

Levit, L. G. Stage Efficiencies of Impulse Turbines, Power, 
VoL 60, No. 21, Nov. 18, 1924, pp. 809-810. 

Approximate manner of plotting condition curve so that 
pressures to be expected might be determined. 

Livingston, R. T. Determining Pump C^iaracteristics. 
Power Plant Eng., Vol. No. 20, 0(3t. 15. 1924, pp. 1063-1065. 

Graphical determination of apin’oximate ptiini) characteristics 
froih given data. 

McLeod, R. J. Turbine Reduction Gearing and Its Pi-o- 
duetion. Proceedings I. M. E., Vol. 2, No. 4, 1924, pp. 6;i3- 
659. 


Discussion of general questions governing design of turbijuj 
reduction gears, and the methods of production, from a manu¬ 
facturer’s standpoint. 

Mechanied Engineering. The Efficiency of Stemm Turbine 
Nozzles. This is the second report by Steam Nozzles Research 
Committee of the Institution of Meohanical Engineers, Vol, 46, 
pp. 1^160, March 1924. First report published in the Pro- 
ceednngs I M. E. No. l, pp. 1-22, 1923. Third report in Pro- 
ceedtngs No. 6, pp. 715-735,1924. 

D^s with coefficients and efficiencies of steam turbine 
nozzles. 


Meuanby, A. L. and Kerr, W. The Pipe Loss in Steam 
Nozzles. Journal Royal Technical College, No. 1, pp. 67-102 
December 1924. ' » x'j- , 

TMs paper very fully discusses the losses occurring in steain 
nozzles and contains valuable information for those interested 
m the design of nozzles for-steam turbines, 

Nayloi^ C. H. Heat Transmission in Surface Condensers 

9S7^T w ^2. 1923, pp. 206-214, 

287-293, Vol. 13,1923, pp. 37-44, pp. 104-108. 
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Stibjeot is treated mathematically with the addition of experi¬ 
mental data, and as a final cheek comparison is made with what 
obtains m practise. 

Nordstrom y. Extra High Pressure Turbines. Tramaeiionx 
of First World Power Conferenee, Vol. 2 1924 
Noyes, Edward W. & Sturtevant, Harold V. Size Sole., tion 
1923 X 10^104 Engineering, Vol. 45, 

Turbines. Transactions of First 
Warid Power Conference, Vol. 2,1924. 

Parsons, Oha.s. A. Steam Turbines. Engineering, Vol. 118 
pp. 63 and 469,1924. ’ ’ 

Pennman, Jr., A. L. Relation of Auxiliaries to Heat Balance. 
Power Plant Eng., Vol. 28, No. 7, April 1, 1924, pp. 389-391. 

System making use of a direct connected auxiliary generator 
IS suggested. Abstract of a paper delivered at the Midwinter 
convention A. J. E. E. 

Power. Turbine Improvements. Vol. 57, January 2, 1923. 
pp. 7-9. 

Discu.ssos “Tuibo-'Blower** also Bauman blading. 

Powr. Largest Single Cylinder, Single Plow Reaction Tur¬ 
bine Yet Built. Vol. 57, May 15,1923, pp. 746-752. 

This paper deals with the principles and design embodied in the 
ccnstiuclion of the 35,000-kw. single barrel unit for the Spring- 
dale Station of the West Penn Power Company. 

„ Heela Large Mixed Pressures Turbines. 

Vol. 58, July 3, 1923, pp. 10-12. 

Power. Turbine Specifications and Bids for Detroit Municipal 
1 lant. Vol. 5S, November 27,1923. pp. 844-845. 

loS m? 98Wr Turbine. Vol. .58, December IS, 

Power. Steam Turbine Blading. Vol. 50, Feb. 5 1924 im 
»4: Vol. .59, Feb. 12. 1924. pp. 251-25^; VoL so'S. loi 
1924, pp. 2!M-296: Continued in Vol. 59, Feb. 26, 1924, pp. 
329-330. * 

Poiiier. Fifty Thousand Kilowatt Compound Parsons Tur¬ 
bine for the Crawford Ave. Station. Vol. 60, Nov. 4, 1924, pp. 
72S-730. * ’ 


A description of the principals of the condensing type air 
ejector together with a study of its performance. 

Power Plant Engineering. Electrical Features of Long Beach 
Station. Vol. 29, No. 6, March 15,1925. p. 344. 

Electrical auxiliaries supplied by separate shaft auxiliary 
generators. 

Power^ Plant Engineering. Electric Power Systems for 
Auxiliaries. Vol. 29, No. 8, April 15,1925, pp. 432-435. 

XT Engineering. Pipe Connections to Power Units. 

Vol. 28, No. 21, November 1, 1924, pp. 1093-1094. 

Strains resulting from weight of pipe connections and pipe 
expansion.' 

Power Plant Engineering. Tendencies in Surface Condenser 
Practice. Vol. 28, No. 10, May 15,1924, pp. 530-533. 

Elimination of dead tube space, multiple air suction openings 
and variable water supply factors in condenser design. 

Razek, J. The Regenerative or Stage Bleeding Cycle. Power 
PlaM Engineering. Vol. 29,1925, p. 323. 

Reheating of the feed water in a number of stages has a decided 
eiiedt upon economy. 

Read, J. C.- Steam Turbine Blading, Jour. I. E. E., Vol. 
61, 1923, p. 1109. Materials, thermo-dynamic design of blades, 
mechanical design of blades, vibration and method of manufac¬ 
ture. 

Ross, M. O. The Multiple-Path Radial Ventilation of Large 
rurbo-Generators. Electric Journal, Vol. 21, No. 12, December 
1924, pp, 540-545. 

Discussion of the multiple radial system of ventilation and the 
limitations of other ventilating schemes. 

Smith, H. W. Motor Drives for Turbine Auxiliaries. Power 
Plant Eng., Vol. 28, No. 15, August 1,1924, pp. 807-810. 

Modern practise in the application, and control of motors 
for auxiliary drives. 

Smith, J. H. The Steam-Jet Condensing-Type Vacuum 
lump. Electric Journal, Vol. 22, No. 1, January 1925. m 
17-23. 

The development and advantages, etc., of this type of vacuum 


Machine built in England and thermal efficiency of 27.8 per 
cent from coal to steam expected. 

Power. HHve Hundred Thousand Horse Power in Ford 
Turbines for River liouge Plant. Vol. 61, Jan. 20, 1925, pp. 
88-94, * 

This article gives a complete description of turbines and 
auxiliai’ies installed in the River Rouge Plant of the Ford 
Motor C-o., and built in the Ford shops. 

Power. Steam Turbine Development Influenced by Higher 
Pressure and Reheating. Vol. 69, No. 1, Jan. 1, 1924, pp. 9-11. 

Discussion of house turbines, small steam turbines and con¬ 
denser developments. 

Power Plant Engineering. Steel Case Turbines Designed for 
High Pressures. Vol. 28,1924. p. 360. 

Power Plant Engineering. New Crawfordsville Unit Shows 
High Economy. Vol. 28,1924, p. 1128. 

Municipally owned Public Service Plant in Indiana inci-.nii. a 
new 3000-kw. turbo-generator which shows a steam consumption 
of less than 15 lb. per kw-hr. 

Power Plant Engineering. Tendencies in Steam Turbine 
Construction. Vol. 28,1924, p. 1183. 

Trouble is not anticipated with operating pressures as high 
as 1200 lb. per sq. in. Temperatures will not go above 750 
deg. fahr. 

Power Plant Engineering. Use of Electrically Driven Aux- 
ih'aries Increases. Vol. 29, No. 6, March 15,1925, p. 328. 

Details of motors and controls, os well as source of auxiliary 
power. Shown by recent investigations of modern central 
stations. 

Power Plant Engirm&ring. The Steam-Jet Condensing Type 
Vacuum Pump, Vol. 29, No. 6, March 15, 1925, p. 334. 


pumps. 

Smith, A. R. The Cooling of Turbine Generators. Q. E. 
Revi «), Vol, 25, Dec. 1922; Vol. 26. 1923, pp. 83, 298 and 554. 

Pealing with various methods of recirculation air cooling, 
heat transfer, ph 3 ^sieal consideration and design of surface air 
coolers. 

Sprague, B. C. Method for Determining the Leaving Loss of 
a Steam Turbine. Poxoer, Vol. 61, March 17, 1925, pp, 419-420. 

Stork, Ir. C. F. Steam Turbines for High Treasures. Trana- 
aclione of First World Power Conference, Vol. 2, 1924. 

The Engineer. New Steam Turbine Design. Vol. 136, 1923 
p. 76. 

New features of two #5000-kw. Allis Chalmers machines dealing 
particularly with blading constniction and materials. 

The Engineer. The Gas Turbine in Theory and Practise. 
Vol. 135, 1923, pp. 466-468, 490-491, 515-517, 557-569, 583-584, 
595-598, 630-632. 

Dealing with the development of the Gas Turbines and giving 
characteristics of design and operation of Gas Turbines of 
various manufacture. 

The Engineer. Development of Large High Speed Two Pole 
Turbo-Alternator and the Year’s Production Record of C. A. 
Parsons. Vol. 137, 1924, p. 20. 

Different types of machines briefly explained. 

The Engineer. High Pressure Turbines. Vol. 137. 1924 
p. 489. 

Development in the field of High Pressure Turbines being 
done by Brown, Boveri & Co. 

Thompson, Eustis H. Largest Straight Reaction Turbine. 
Pow^, Vol. 59, June 24,1924, pp. 1016-1019. 

Fifty thousand kw. reaction turbine installed in Hudson Ave. 
Station of Brooklyn Edison Company. 
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Von Freiindenreich, Dr. J. Vibration of Steam Turbine 
Disks. Engineering t Vol. 119, January 2,1925, pp. 2-4; January 
9, 1925, pp. 31-34. 

Problem of disk vibration solved experimentally as well as 
theoretically. 

Wirt, H. Loring. The Turbine Designers Wind Tunnel. 
This paper presented at the Annual Meeting of the A. S. M. E., 
December 1924, Mechanical Engineering, Vol. 47, pp. 13-17, 
Januaiy 1925. 

The determination of the efficiency of various types of nozzles 
is made hy means of compressed air, measurements being taken 
with impact tubes, static tubes and angle measuring devices. 
Plow easts are used to determine the streamline and eddy flow 
through nozzle passages. 

Woodwell, J. C. Efficiency Test of a 15,000-kw. Turbo- 
Generator, Power, Vol. 61, January 27, 1925, pp. 128-131. 

Deals with tests on 15,000-kw. unit at Moore's Park Station 
at Lansing, Mich. (Municipal Plant). 

World Power, Steam Turbines—Rateau Impulse Type, 
Vol. 1, No. 1 (New Series), January 1924, pp. 57-62. 

This article deals with the design and operation of the Rateau 
Impulse Type Turbine as manufactured by tihe Metropolitan- 
Vickers Electrical Company, Ltd. 

World Power, Recent Developments in Large Turbine 
Practise. Vol. 1, No. 4 (New Series), April 1924, pp. 243-248. 

This article makes mention of the 18,750-kw, 1500 rev. per min. 
Metropolitan-Vickers unit installed in the Dalmarnock Station 
of the Glasgow Corporation. It also deals in general with the 
design of Rateau Impulse machines. 

Boiler Plant Design and Operation 

Bailey, E. G. Control of Boiler Room Operation. Power 
Plant Eng., Vol. 28, No. 21, November 1, 1924, pp. 1095-1097. 

Outline of insti'ument and control application from a paper 
read before the N. A. S. E. convention. 

Bailey, E. G. Fundamentals of Combustion Control. Power 
Plant Eng., Vol. 28, No. 20, October 15,1924, pp. 1044-1048. 

Rate of fuel feed, amount of forced and induced draft are 
essential controls for combustion process. 

Bak, A. Kristian. Effect of Excess Air on Flue Tempera¬ 
tures and on Efficiency. Power, Vol. 59, No. 17, April 22, 1924, 
pp. 634-636. 

Results of tests at Connors Creek to establish the relation be¬ 
tween excess air and stack gas temperature for a particular 
boiler and setting. 

Blomquist, Viktor. Steam Generation at Extra High Meas¬ 
ures. Transactions of the First World Power Conference, Vol. 2, 
1924. 

Booth, C. A. Development of Mechanical Draft Equipment. 
Powei' Plant Eng., Vol. 29, No. 2, January 15,1925, p. 133. 

Brownlie, David. The Ideal for Efficient Steam Generation. 
The Engineer, Vol. 135, June 22,1923, p. 649. 

The continuous measurement of air consumption. 

Bruce, John. Boiler Room Practise. The Electrical Review 
Vol. 94, No. 2410, April 11, 1924; Vol. 94, No. 2410, May 9, 
1924, pp. 736-738. Article concluded in issue of May 16, 1924, 
pp. 809-811. 

Furnace efficiency, excess air analysis of operating results and 
the critical point of combustion. 

Burke, R. F. Burning Oil Under Power Boilers. Power 
Plant Eng., Vol. 28, No. 6, March 15,1924, pp. 328-330. 

Clarke, C. W. E. Present Status of the Air Preheater. Power 
Vol. 61, No. 13, March 31, 1925, pp. 486-489; Mechanical Engi-^ 
neering, Vol. 47, March 1925, pp. 175-184. 

Historical summary of air preheating and recent operating 
developments in air preheating; giving interesting data in 
connection with present and proposed installation. 

Clarke, C. W. E. Boiler Test Results with Pre-Heated Air, 
Colfax Station, Duquesne light Company. Transactions 


A.8.M.E., Vol. 45,1923, pp. 567-605, Mechanical Engineering, 
Vol. 46, 1924, pp. 64-72. 

This paper describes apparatus used and gives results of an 
extended series of tests carried out in the summer of 1923 on one 
of the units of the Colfax Station of the Duquesne Light Com¬ 
pany, Pittsburgh, Pa., in which flue-gas air preheaters had been 
installed. Results obtained showed efficiency of unit increased 
by from 5 to 7 per cent by the use of the preheater. 

Cotton, Alfred. The Determination of Chimney Size. 
Mechanical Engineering, Vol. 45,1923, pp. 531-536. 

A simple and orderly system, based on accepted characteristics 
for determining the size of chimmeys. 

Engineenng. The Preheating of Air for Boiler Furnaces. 
Vol. 115, June 29,1923, pp. 807-809. 

Discussion of preheater and economizer. 

Engineering, Water-lined Furnace Walls for Power Station 
Boilers. Vol. 119, January 16,1925, pp. 71-74. 

Boilers equipped with side wall cooling tubes, Hell Gate 
Station. 

Erith, Charles. Preheated Air in Modern Boiler Plant. 
The Electrical Review, Vol. 94, No. 2, 462, January 30, .1925, 
pp. 164-166. 

Discussion of preheaters and various installations. 

Punk, N. E. and Ralston, Farley C. Boiler Plant Economies. 
Transactions A. S. M. E., Vol. 45, 1923, pp. 607-641, iiic. 

The authors have applied themselves to the determination of a 
rational formula expressing boiler-plant performance. The 
paper show'^s how this formula may be applied, and also dis¬ 
cusses the question of operating at minhnum cost. 

Hall, R. E. Investigation of Boiler-Water TreatiiK3nt. 
Power Plant Engineering, Vol. 28, No. 16, August 15, 1924, pp. 
843-845. 

Written in cooperation with G. W. Smith and H. A, Jackson 
fortheN.E. L. A. 

Hall, R. E. Water Treatment for Continuous Steam l*ro- 
duction. Mechanical Engineenng, Vol. 46, 1925, pp. 810-817. 

Water treatment considered in its relation to scale formation, 
corrosion, delivery of dry steam, and minimum blow-down. 

Hunter, John and Cotton, Alfred. Methods of Ash Handling, 
Mechanical Engineering, Vol. 45,1923, pp. 83-92. 

Various methods are described and illustrated. 

Jacobus, D. S. Development of High Pressure Steam Boilers. 
Power Plant Engineering, Vol. 28, No. 20, October 15, 1923, p. 
1047. 

Trend toward high pressures. Present day factors of safety 
not materially affected unless temperatures exceed 750 deg. fahr. 

Jacobus, D. S. High Pressure Steam Systems. Electrical 
World, Vol. 82, No. 14, October 6, 1923, pp. 699-707. 

Design and arrangement of boilers, economizers and super¬ 
heaters in plants using these high pressure devices. 

Johnstone, Taylor F. Foreign Practise in Vertical Water 
Tube Boilers. Power Plant Engineering, Vol. 28, No. 22, No¬ 
vember 15, 1924, pp. 1140-1141. 

Descriptions of a number of European Types of Vertical 
Water Tube boilers together with their relative advantages. 

Johnstone, Taylor F. British Developments in Water Tube 
Boilers. Power Plant Engineering, Vol. 28, No. 3, February 1, 
1924, pp. 173-174. ' 

New design provides for independent circulation of waUjr in 
tubes nearest fuel bed. 

Jones, Charles L. Removal of Scale with Carbon Dioxide. 
Power, Vol. 60, No. 15, Oct. 7,1924, pp. 578-579. 

Applicable for the most part to special problems. 

June, Robert. Tests of Mechanical Soot Blow'^ers. Power, 
Vol. 60, No. 9, August 26,1924, pp. 326-328. 

Attempts to determine the savings effected by mechanical 
soot blowing. 

Kemnal, Sir James H. R. Water Boiler. Proceedings /. M. E., 
Vol. 2,1923, pp. 579-586. 
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C'lonstruetion and history of the water tube boiler. 

Kershaw, John B. C. The Control of Boilers by Temperature 
and Draught Measurements. The Engineer, Vol. 135, April 
27,1923, pp. 437-441. 

Directs attention to tlie interdependence of the test results 
for C Oo, temperature and draft. 

Kriegsheim, H. Brittleness and Cracks in Seams of Steam 
Boilers. Power Plant Eng,, Vol. 28, No. 15, August 1, 1924, 
pp. 792-795. 

Causes and prevention of so-called caustic embrittlement. 

Lundgi'en, Edwin. Swedish Boiler Operates at Pi*essure of 
500 lbs. Powei\ Vol. 57, February 13, 1923, pp. 238-241. 

Steam generated in rotating tube with evaporation of 60 lb. 
per hr. per sq. ft. of sui'faee. 

Martin, S. C. Automatic Combustion Control. Power 
Plant Eng., Vol. 29, No. 3, February ], 1925, p. 182. 

Theoretical considerations governing application to pulverized 
fuel installations. 

McDermet, J. R. Possible Methods of Reheating Steam. 
Power, Vol. 60, No. 26, De(jember 23,1924, pp. 1014-1016. 

Article points out the possibilities and disadvantages of such 
mediiuns of lieat transfer as radiant energy, heated gas, oil, 
melled salt mixtures, oi’ganic liquids and mercury vapor. 

Mechanical Engineering. Oil Burning Under Steam Boilers. 
Vol. 47,1925, pp. 276-281. 

Deals with atomizers, draft, oil characteristics, refx*actories, 
combustion data, etc. 

Munzinger, Frederick. The Influence of High Pressure Steam 
on the Design and Economy of Large Steam Boiler Plant with 
Special Reference to Boiler Plant for Electric Power Stations. 
Tran met ion a of the Fird World Power Canferen-ce, Vol. 2, 1924. 

Peebles, T. A. C-oml)Ustioii Control. Mechanical Engi- 
neeriag, Vol. 47,1925, pp. 193-196. 

Ailvantages of combustion control—control of steam and air 
j)ressure.s—feed water control, etc. 

Pigotl, R. J. 8. Combustion Control for Boilers. Power 
Plant Eng., Vol. 28, No. 13, July 1,1924, pp. 694-695. 

Factors wliieh influence control. Steam Plow, Air Plow and 
Find F(Mi‘d should form basis of Regulation. 

Pigotl, R. J. S, Use of Combustion Control Devices In¬ 
creases. Power Plant Eng., Vol. 28, No. 23, Dee. 1, 1924, pp. 
1199-1203. 

Basic jxrineiples of various control schemes. 

Pigot t, R. J. S. Combustion C^onirol for Boilers, Mechanical 
Engineering, Vol. 46, 1924, pp. 590-592. 

Functions involved in operation, pos.sibilities and methods of 
regulation, (h'sign, installation. 

Power. Boilers and Boiler Auxiliaries. Vol. 59, No. 1, Janu¬ 
ary 1, 1924. pp. 6-9. 

Discussion of development changes in baffling and super¬ 
heaters, novel furnaces design, Air heaters, etc. 

Power. Bids on Boiler Auxiliary Equipment of Detroit 
Municipal Plant. Vol. 60, No. 16, April 21, 1925, pp. 605-607. 

Power. Air Preheaters and Their Application. Vol. 60, 
No. 23, December 2,1924, pp. 884-889. 

Ptewe.r. Boilers and Boiler Auxiliaries. Vol. 61, No. 1, 
January 6,1925, pp. 3-8. 

Developments in boilers, high pressures, status of economizers 
and air preheaters, superheaters, stage bleeding heat balance. 

Power Plant Engineering. Evaporative Tests at River Rouge. 
Vol. 29, No. 5, March 1,1925, p. 275. 

Results of live tests, using pulverized coal for sustained boiler 
loads up to 285 per cent of noxuiuil rating. 

Power Plant Engineering. High Pressures Affect Boiler 
Accessories. Vol. 28, No. 23, December 1, 1924, pp. 1191-1195. 

High pressure feed pumps, water columns for 1200 lb. boilers 
and supcidieat control are a few of the problems which were 
solved. 


Power Plant Engineering. Calculation of the Boiler Heat 
Balance. Vol. 28, No. 19, October 1,1924, pp. 991-995. 

Solution of a problem and an analysis of conditions which 
affect boiler economy over various periods of operation. 

Power Plant Engineering. Boilers at Cleveland, Rate 3060 
H. P. Vol. 28, No. 10, May 15, 1924, pp. 517-524. 

Fired by pulverized coal. Automatic combustion control by 
steam pressure and flow meters. 

Power Plant Etigincering. Operation of Radiant Heat 
Superheaters. Vol. 28, No. 10, May 15, 1924, pp. 528-529. 

Steam temperature varies slightly with percentage of C O 2 . 
Two stage superheating has advantages. 

Ricketts, Edwin B. Problexns in Boiler Furnace Design. 
Power Plant Eng., Vol. 28, No. 9. May 1,1924, pp. 473-476. 

Changes in stoker design, liigh ratings, high capacities, etc. 

Ricketts, Edwin B. Boiler Furnace Design. Mechanical 
Engineering, Vol. 45, 1923, pp. 299-304. 

The tendency toward larger combustion space. Factors 
governing furnace volume. 

Savage, H. D. Water Cboled Furnaces. Mechnfdcal Engi¬ 
neering, Vol. 47, 1925, pp. 197-200. 

Description of several installations of fln-Avall furnaces, 
pointing out their advantage. 

Shadgen, Joseph F. Centralized (Nimbustion Control in 
Lowellville. Power, V{)1. 59, No. 18, April 29,1924, pp. 676-679. 

Simons, Gordon. C'ontrolling Combustion by Temiierature. 
Power Plant Engineering, Vol. 28, No. 17, September 1,1924, 
pp. 906-908. 

Furnace and exit gas temperatures control dampers and fuel 
feed through thermocouples. 

Smith, 11. W. Motor Applications in the Boiler Room. 
Power Plant Engineering, Vol. 28, No. 13, July 1, 1924, pp. 700- 
703. 

Recent changes in contn)l of station heat balance. 

Tenney, K. H. Water Treatment at Cahokia. Power, 
Vol. 59, No. 17, April 22,1924, pp. 647-648. 

'The Engineer. Multi-floAV Steam Superheaters, Vol. 136, 
October 5,1923, pp. 376-377. 

Galloways, Limited, Miinchester—Engineers. 

Thompson, Paul W, Tests of a Large Type W Stirling 
Boiler. Mechanical Engineering, Vol. 45,1923, pp. 2.5-?H. 

Tupliolme, O. H. S. Turbine Pump for Boiler Feeding. 
Power Plant Engineering, Vol. 28, No. 5, March 1, 1924, pp. 
279-281. 

Recent installathms in Great Britain indicate growing use of 
turbine pump. 

Tupholme, C. H. S. The Magnitude and Prevent of Air 
Infiltration Losses in Power Plants, World Power, December, 
1924. 

Weir, James G. Boiler Peed Water Circuits in Power Sta¬ 
tions. The Engineer, Vol. 136, October 5,1923, pp. 372-374. 

Wiberg, 0, A. High Pressure Water Tube Boilers. 'Tracis- 
actions of the Fird World Power Confere/uce. Vol. 2, 1924. 

Wolfe, G. E. Mechanical Control of Boiler Feed Water. 
Power Plant Enginemng, Vol. 28, No. 5, Marcdi 1, 1924, pp. 
277-278. 

Diverse demands of engineers in feedwater regulation practise 
are being met by modern regulators. 

PuLVKUizKD Coal, Stokkks, Fukl and Comiutstion Studiks 

Aldrich, W. H. Pulverized Fuel at the Cleveland Electric 
Illuminating Company’s Lalce Shore Plant. Mechanical Engi¬ 
neering, Vol. 46, 1924. pp. 519-521. 

Brooks, H. W. The Development of Pulverized Coal as a 
Boiler Pu(5l. Mechanical Engineering, Vol. 47, 1925, pp. 89-93. 

Historical outline. 

Brownlie, David. Pulverized Fuel and Efficient Steam 
Generation. Jour. British I. E. E., Vol. 62, May, 1924, pp, 
385-418. Discussion of the paper, pp. 418-469. 

A detailed consideration of the performance of pulverized fuel 
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as compared with mechanical stoking under the most moderate 
conditions. 

Christie, A. G. Lake Waters for Condensers. Paper pre¬ 
sented at Spring meeting, A.S. M. E., May, 1925. 

Points out the persistence of stratification of warm and cold 
water layers in our Northern lakes and other deep waters; 
savings from increased vacuum; temperature-depth studies. 

Cole, A. L. Pulverized Fuel Systems. Power, Vol. 59, No. 
23, June 3, 1924, pp. 900-905; No. 24. June 10, 1924, pp. 940- 
945; No. 25, June 17, 1924, pp. 985-988; No. 26. June 24, 1924, 
pp. 1022-1027. 

The different types of equipment now in use for drying, pulver¬ 
izing, transporting and burning coal in pulverized form. 

Gauss, H. F. Computing Guaranteed Stoker Efficiency. 
Power, Vol. 59, No. 21, May 20,1924, pp. 813-816. 

Computing stoker efficiency for a given fuel. Continued 
Vol. 59, No. 22, May 27,1924, pp. 858-860. 

Heller, L. W. Pulverized Coal Boiler Performance, Brunots 
Island Power Station. Power, Vol. 60, No. 16^ October 14, 
1924, pp. 600-603. 

Jackson, R. Powdered Coal: Its Preparation and Utilization. 
Engineering, Vol. 117, March 21,1924, pp. 381-383,415-418. 

Kreisinger, H., Blizard, J., Augustine, C. E., and Cross, B. J. 
An Investigation of Powdered Coal as Fuel for Power Plant 
Boilers. Bulletin 223, Department of the Interior, Bureau of 
Mines 1923. 

Presents the results of 36 tests made on a 468-h. p. Edgemoor 
boiler fired with pulverized coal at the Oneida Street Station of 
the Milwaukee Electric Railway & Light Company. 

Kreisinger, Henry. A Review of Recent Applications of 
Powdered Coal to Steam Boilers. Paper presented at the 
Annual Meeting A. S. M. E. December, 1924. 

Trend of development for the past two years of the application 
of powdered coal as a fuel for making steam. 

Lawrence, H. F. The Design and Operation of Underfeed 
Stokers. Mechanical Engineering, Vol. 45, 1923, pp. 19-21. 

Distinctive features of the single and multiple retort types 
with particulars of operation and results that have been obtained. 

Lawrence, H. F. Design and Operation of Underfeed Stokers. 
Power, Vol. 57, January 16,1923, pp. 100-104. 

Distinctive features of single and multiple retort underfeed 
stokers and principles of operation. 

Marsh, T. A. The Development and Use of the Modern 
Chain Grate. Mechanical Engineering, Vol. 45, 1923, pp. 14-16. 

Martin, S. C. Requirements for Burning Pulverized Coal. 
Power Plant Engineering, Vol. 28, No. 10, May 15, 1924, pp. 
525-526. 

Martin, S. C. Unit System for Pulverized Coal. Power Plant 
Engineering, Vol. 28, No. 9, May 1,1924, pp. 471-472. 

Results of Tests. Advantages in remodeled plants. 

Newell, H. E. and Palm, Robert. The Hazards of Pulverized 
Fuel Systems. Mechanical Engineering, Vol. 46,. 1924, pp. 
783-784. 

Principal features underlying proper installations safety 
requirements. 

Power Plant Engineering. Fire Precautions for Pulverized 
Fuel Plants. Vol. 28, No. 12, June 15,1924, pp. 641-643. 

Power Plant Engineering. What Type of Stoker Drive Should 
be Used. Vol. 28, No. 7, April 1,1924, pp. 374-377. 

Relative advantages of engine, turbine arC. and d-c.-motor 
drives. 

Power Plant Engineering. Investigation of Powdered Coal. 
Vol. 28, No. 7, April 1,1924, pp. 391-394. 

General observation of practical value made during a series of 
tests under various conditions. 

Power Plant Engineering. Pulverized Fuel Makes Good 
Showing. Vol. 28, No. 4, February 15,1924, pp. 248-250. 

Tests give high capacity, high efficiency, low upkeep and low 
cost of banking. 


Rowe, E. E. Burning Anthracite in a Modern Steam Plant. 
Power, Vol. 60, No. 8, August 19,1924, pp. 292-294, 

Operating records of the Amsterdam N. Y. Station of the 
Adirondack Power and Light Corporation. 

Selvey, W. M. Pulverized Fuel for Boilers. Tranmetions of 
the First World Power Conference, Vol. 2, 1924. 

Shoudy, W. A. and Denny, R. C. Recent Developments in 
the Burning of Anthracite Coal. Paper presented at Annual 
Meeting A. S. M. E., New York, December 1924. Abstracted— 
Power Plant Engineering, Vol. 29, No. 3, February 1,1925, p. 178. 

Giving furnace design and stoker layout for anthracite burning 
plants. 

Tupholme, C. H. S. Foreign Developments in Firing Pulver¬ 
ized Fuel. Power Plant Engineering, Vol. 27, No. 20, October 
15, 1923, p. 1033. 

A general discussion of the use of powdered fuel with particular 
reference to British Practise. 

Wohlenberg, Walter J. and Morrow, Donald G. Radiation 
in the Pulverized Fuel Furnace. Paper pre.sented at Spring 
Meeting A. S. M. PI., May 1925. 

Fundamentals concerning radiation in the pulv(3rized fuel 
furnace. 

Worker, Joseph G. Activity in Stoker Field Shows Results. 
flower Plant Engineering, Vol. 28, No. 23, December 1, 1924, 
pp. 1196-1198. 

Use of longer stokers and water walls have increased boilor 
output. 

Worker, Joseph G. Advances in Stoker Design. Poukt, 
Vol. 60, No. 27, December 30,1924, pp. 1063-1065. 

HydroELKCT uic Station Design, OpEii.vnoN and Costs 

Allen, C. M. and Taylor, E. A. The Gibson Method of Water 
Measurement. Mechanical Engineering, January, 1924. 

AUner, F. A. The Parallel Operation of Hydro and Steam 
Plants. Paper presented at Spring Meeting A. S. M. P3., 
May 1925. 

Operating and economic features of parallel operation of 
Hydro and Steam Plants are discussed. 

Angus, Robert W. Intakes for Power Plants. Paper pre¬ 
sented at Annual Meeting A. S. M. E., December 1924. 

Desirable features of intakes placed in rivers or other bodies 
of water for supplying water for hydiaiilic? turbines and other 
equipment. 

Barfold, Svend. Hydroelectric Practises on the Pacific Coast. 
Transactions A. I. E, E., 1924, p. 536. 

Attention is drawn to the various items that demand con¬ 
sideration in the design of a plant to meet the particular con¬ 
ditions of that locality. 

Braun, R. Operating Hydroelectric Plants to obtain most 
Economical Output. Poxoer, October 16,1923. 

Doolittle, H. L. Hydroelectric Developments by the Southern 
California Edison Co. Journal A. I. E. E., November 1923, 
Transactions A. I. E. E., Vol. 42,1923, pp. 1006-1007. 

Electrical World. A New and Interesting Hydroelectric 
Development. February 16, 1924. 

News items describing several unusual features. 

Electrical World. A 7300-kv-a. Automatic Hydro Station. 
June 28, July 19, 1924. 

A very complete description of what is said to be the largest 
single automatic hydro generating station. Illustrated with 
photos and diagrams of connection. The dam and pipe line are 
described in the second article and apportionment of capital 
costs is shown. 

Electrical World. Modern Japanese Hydro Plants Septem¬ 
ber 6,1924. 

Short description of a Japanese plant designed to deliver power 
at either 50 or 60 cycles. 

Engineering. The Great Lake Hydroelectric Schetne, Tas¬ 
mania. Maroh21, April ll,May 2, 9, 30 and June 20, 1924. 
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The Engmeer. Humber Arm, Hj'^droeleeti'ie Development in 
Newfoundland. November 7, 1924. 

The development of the Newfoundland Power and Paper 
Company is described. This includes seven units of 14,000 
h. p. each in the power house, two 25,000-lcw. electric boilers 
fed at 4400 volts in the j:)aper mill thirty-two miles distant. 

Preeman, J. E. Fundamental Problems of Hydroelectric 
Development. Mechanical Engineering^ January, 1924. 

Gibson, N, R. The Gibson Method and Apparatus for 
Measuring: the Flow <jf Water in Closed Conduits. Mechanical 
Engineering, December, 1923, pp. 679-684. 

Hawley, Charles B. Operating Practise in Hydroelectric 
Plants. Paper presented at third Annual Hydroelectric Con¬ 
ference at Philadelphia, March, 1925. 

Hut<diinson, Ely C. Operating Problems and Them Relation 
to the De.sign of Hydi oolerstric Machinery in the West. Paper 
presented at tliird Annual Hydroelectric Conference at Phila¬ 
delphia, Mai'(ih, 1925. 

Lea, R. S. Power Developments on the River St. Lawrence. 
Engineering, August 15 and 22,1924. 

This paper deals with projected sedaomes for development of the 
120 mile stretcdi of the St. Lawrence River from Prescott to 
Montreal, with the double object of hydroelectiic j)ower j)ro- 
duction and improvement of navigation. 

Mass, A. Storage of Energy in Water Power Installations. 
Zeilfi. tlea Verein. Dent. Ing. Vol. OS. November S and 
November 15, 1924, pp. 1101-1167. 1195-1199. 

By pnmping water lo an artificial storage basin an over-all 
efficiency of 50 to (K) per cent or even higher is claimed. Details 
of construction and oiimation of such storage installations are 
given. 

Magler, Forest. Operation of Hyroelectric Units for Maxi¬ 
mum Kilowatt-Hours. Paper presented at third Animal Flydro- 
eloetric Conference at Philadelphia, March, 1925. 

Nylander, K. E. J^lanning of Hydroelectric Plants with 
Regard to Reliable Operation. TranKactiom aj Ike First World 
Power Conference, Vol. 2, 1924. 

Power. Hydroelectric Power Developments at Shawinigan 
Falls, Quoboii, January 22, 1924. 

Power. Water-Power Development in Manitoba. Marcli 
18, 1924. 

Tlmrlow, 0. G. and Sirnit, J. A, Hydroelectric Practises and 
Equipment. Tu.^ns. A. I. E. E., 1924, p. 530. 

The special requirennmts in low-head power plants are met 
in an unconventional way in case of the Mitchell Dam Plant. 

Wensley, R. J. Presiait Practise in the Automatic Operation 
of Hydroelectric Generating Stations. TiiANS. A. I. E. E., 
1924, p. 776. 

A general discussion of factors to be con.siderecl outlining 
methods of fiperation, regulation and protection. 

White, W.M. Hydroelectric Development. Electrical World 
February 2, 1024, Paper presented by W. M. White of AlHs- 
Chalmors Company before the Boston Society of Civil Engineers. 
The article published in l.he Electrical World is a report of this 
paper. 

This is a general survey of present practise in turbine design 
and development. 

Hyduaumc Tithbines, Generators and Auxiliary Equipment 

Acres, H. G. Modern Hydraulic Turbines of Large Capacity. 
Transaciionis A. S. M. E., Vol. 45, 1923, pp. 41-66, Inc. 

This artitde deals with static pressure .and flow control, the 
support of the heavy rotors, and the refinements in design such 
as governors, draft tubes and leakage prevention. It also gives 
efficiencies and test methods. 

Trans. A. I. E. E. Recent Developments in Hydroelectric 
Equipment. 1924, p. 550. 

This deals mainly with turbine equipment. 

Dahl, H. O. Modern Tendencies in Water-Wheel Design. 
Transactions of the First World Power Conference, Vol. 2, 1924. 


Electrical World. Steel Draft Tube Liners for Turbines. 
November 29,1924. 

Describes how a saving was effected by this method in a large 
installation at Pit River No. 3 of Pacific Gas and Electric 
Company. 

Engineering. Water Turbine Investigations. October 26, 

1923. 

Foster, W. J. and Glass, A. E. The 65,000 kv-a. Generator 
of the Niagara Falls Power Company. Tr.\ns. A. I, E. E., 

1924, p. 678. 

Special features of the design are discussed by the authors. 

Harisberger, John. Experience with Bearings and Vibration 
Conditions of Large Hydroelectric Units. Trans. A. T. E. E., 
1924, p. 356. 

Conection of troubles in operation. 

Johnston, J. R. The 40,000 kv-a. Shawdnigan Falls Water¬ 
wheel Generator. G. E. Rcvieio, May 1923, pp. 263-268. 

Laffoon, C. M. Short-Circuit Tests on Alternating Current 
Generators. Trans. A. I. E. E., 1924, p. 356. 

The author presents a physical conception of the short-cir¬ 
cuit xihenomena of alternating current generators. Formulas 
are also deiived for calculating the maximum possible current 
that might occur on short-circuit, 

McCarty, R. A. Hydroelectric Generator Equipment for 
Muscle Shoals. Electrical Journal, April 1924, p. 140. 

Some general features of design of the generators. 

Nagler, Forrest. The Cross-Flow Impulse Turbine. Trans-’ 
ncMons A. S. M, E„ Vol. 45, 1923, pp. 77-97, inc. 

Review of the history of the development of the hyraulic 
turbine. The imi^uLse wheel, as now built has the slowest 
speed of all turbines. The cross flow turbine fills this field. 
The paper is not the presentation of a finished design, but the 
outline of the path Hat must be followed to meet new conditions 
in hydraulic development. 

Newbury, F. D. Recent Developments in Hydroelectric 
Generators. Papers presented at Third Annual Hydroelectric 
Conference at Philadelphia, March 1925. 

Olson, M. C. Features of Design in Latest Large Hydro¬ 
electric Generators. Papers presented at Third Annual Hydro¬ 
electric Conference at Philadelphia, March 1925. 

Power. ReeoT’ding Hydraulic Tip’bine Governor Operation 
with an Oscillograph. Beptoinber 18, 1923. 

Rogers, F. H. and Moody, L. F. Interrelation of Operation 
and Design of Hydraulic Turbines. Paper presented at Third 
Annual Hydroelectric Conference at Philadelphia, March 1925. 

Taylor, H. B. The Hydraulic Reaction Turbine. Trans¬ 
actions of the First World Power Conference, Vol. 2,1924. 

Ucelli, Guido. Recent Developments in Italian Water Tur¬ 
bines. Transactions of the First World Power Conference, Vol, 2, 
1924. 

White, W. M. Impulse Water-Wheels Transactions of the 
First World Powei' Conference, Vol. 2,1924. 

Miscellaneous 

Acres, H. G. The Generation of Hyrlroelectric Power in 
Canada, Transactions of the First World Power Conference, 
Vol. 2, 1924. 

Allnor, F. A. Hydro-Steam Superpower Service. Electric 
Light and Power, Vol. 2, No. 9, pp. 18-23, inc. 

This article deals with the finances of power stations. 

Blake, David K. Improving Central Station Service by the 
Application of Current-Limiting Reactors to Distribution 
Feeders. (?. E. Review, Vol. 27, June 1924, pp. 361-368. 

Boyden, D. S. and Williams, A, B. Heating and Ventilating 
a Steam Power Station. Power Plant Engineering, Vol. 29, 
No. 5, March 1,1925, pp. 296-298. 

Carter, W. A. and Cope, E. T. The Rational Design of 
Covering for Pipes Carrying Steam up to 800 deg. fahr. Paper 
presented at Spring Meeting A. S. M. E., May 1925. 
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Present analysis of problem of determining most economical 
thickness of pipe covering for steam pipes carrying steam at 
500 deg. fahr. to 800 deg. fahr. 

Christie, A. G. Lake Waters for Condensers. Paper pre¬ 
sented at Spring Meeting A. S. M. E., May 1925. 

Points out the persistence of stratification of warm and cold 
water layers in our Northern Lakes and other deep waters; 
savings from increased vacuum; temperature depth studies. 

Douglas, Egbert. The Economics of Interconnection of Large 
Steam Power Systems. Power^ Vol. 61, No. 2, January 13, 
1925, pp. 52-53. 

Eglin, W. C. L. The Engineering Features of the Phila¬ 
delphia Electric Company System. Electrical Worlds Vol. 83, 
No. 19, May 10,1924, pp. 933-950. 

Freeman, John R. The Fundamental Problems of Hj^dro- 
electric Development. Transactions A. S. M. E., Vol. 45, 1923, 
pp. 527-563, inc. 

This article deals -with: Costs; hydro versus steam; steps 
in power development; economics of power development; prob¬ 
lems preliminary to building power stations; what may be 
expected in the future? 

Freeman, John R. General Review of CtuTent Practise in 
Water Power Production. Transactions of the First World 
Power Conference^ Vol.-2,1924. 

Gaby, F. A. Hydroelectric Developments in Ontario. 
Transactions A, S, M. E., Vol. 45, 1923, pp. 21-39, inc. 

A summary of the potential power of Ontario’s water power . 
is here given and the extent to which it has already been de¬ 
veloped. Systems and power development of the Hydroelectric 
Power Commission. Outline of the Queenston-Chippawa 
Development—largest in Ontario. Pull description of this 
plant is given—^Basis of power costs to consumers. 

Hayes, S. Q. Control of Wattless Current in Power Systems. 
Potver Plant Eng., Vol. 29, No. 2, January 15,1925. 

. Heilman, R. H. Heat Loss Through Insulating Materials. 
Power Plant Eng., Vol. 28, No. 14, July 15,1924, pp. 742-745. 

Method outlined before A. S. M. E. for calculating heat loss 
through pipe covering used for high steam temperatures. 

Hopkins, Raymond A. Power Station Lighting. Electrical 
World, Vol. 82, No. 18, November 3,1923, pp. 913-915. 

Recommended intensities for various sections of plant dis¬ 
tribution system, emergency lighting discussed. 

Lawaczeck, I. P. Large Low Head Water Power Develop¬ 
ments. Transactions of the First World Power Conference, Vol 2 
1924. 

Lucke, Charles E. The Value of EfBciency in Transforming 
and Distributing Energy. Mechanical Engineering, Vol. 46, 
1924, pp. 317-324, pp. 380-385. 

Importance of energy costs, etc. 

Mayoral, Diego. Some Features of Modern Hydroelectric 
Developments. Transactions of the First World Power Con-- 
ference, Vol. 2, 1924. 

Patchell, W. H. Address by the President. Address de¬ 
livered before the I. M, E. at meeting in London, March 1924. 


Very interesting operating data given on Stations in England 
and United States. B. t. u. per kw-hr. obtained in these sta¬ 
tions are compared. 

Penrose, Charles. Power in Pennsylvania. Address under 
the auspices of the Engineers Club of Philadelphia. Evening 
session of the Third Hydroelectric Conference. 

An analysis of the future of power interpreted in tlie economies 
involved. 

Pinchot, Gifford. Giant Power. The Report of the Giant 
Power Survey Board to the General Assembly with a message 
of transmittal from Governor Pinchot dealing with the Com¬ 
monwealth of Pennsylvania. 

Various topics are discussed including railroad electrification, 
mine-mouth power plants, power for industry, water-power 
development, condensing practice, transmission, etc. 

Pospisil, L. J. Upper Palls Development of the Washington 
Water Power Company in Spokane, Washington. Tkans. 
A. I. E. E., Vol. 42, 1923, p. 1008. 

Power. Checking Foundations for Large Turbines. Vol. 50, 
No. 4, January 22,1924, pp. 135-137. 

Article discusses requirements for foundation for Westinghouse 
turbine and inspection before installing the unit. 

Power Plant Engineering. Modern Practise in Power Plant 
Wiring. Vol. 29, No. 6, March 15,1925, pji. 338. 

Power Plant Engineering. Boiler and Turbine Room Instru¬ 
ments. Vol. 29, No. 5, March 1,1925, p. 283. 

Recent Developments, new adaptations of old instruments 
and their use in obtaining heat ])alanee data. 

Power Plant Engineering. Recent Developments in Pipe 
Insulation. Vol. 28, No. 13, July 1,1924, pp. 69S-G99. 

For high temperatures special insulations may be u.sed next 
to the pipe with high heat resisting material as an outer cover. 

Rudenberg, Reinhold. Short Circuit Currents in Large Power 
Stations. Transactions of the First World Power Conference, 
Vol. 3, 1924. 

Slader, Walter. Foundations for Steam Turbines. Power 
Plant Eng., Vol. 29, No. 4, February 15,1925, p. 232. 

Convenience and efficiency may be sacrificed by poor design 
and construction. 

Smith, Irving B. Applications and Limitations of* TJiermo- 
couples for Measuring Temperatures. Tiiansactions A. I. E. E. 
Vol. 42,1923, pp. 349-357, inc. 

This article discusses the measurement of temperatures of 
feed water, boiler water, flue gas, etc.,by use of thermocouples. 

WMte, W. M.. Operation of Hydroelectric Systems and 
Auxiliary Steam Plants for Best Economy and Proper Governing. 
Paper presented at Third Annual Hydroelectric Conference at 
Philadelphia, March 1925. 

Woodworth, H. A. Central Station Heating Requirements. 
Power Plant Engineering, Vol. 28, No. 12, June 15, 1924, pp. 
658-662. 

Conservation of fuel due to double use of steam. 



Developments in Electrical Machine Design 

By Committee on Electrical Machinery ^ 


T he past year has shown a marked advancement in 
the art of electrical machinery, not only in the 
successful starting and operation of machines 
larger than any ever built up to this time, but also in the 
purchase and partial completion of machines still greater 
in size. Accompanying the trend towards larger sizes 
of units, there has been much investigation along the 
lines of ventilation, insulation, mechanical strength of 
materials, losses in iron and copper, the effect of ex¬ 
pansion and contraction on the insulation of long arma¬ 
ture coils, balance of the moving parts and the 
dissipation of heat from flat surfaces. 

New applications of electrical machinery have been 
made in various industrial lines and transportation. 
The design of an electric locomotive having d-c. motors 
and operating from a-c. feeders was adopted. Diesel- 
electric drives have been applied to locomotives in 
sizes heretofore not attempted for this type of drive. 


Turbo-Alternators 


During the past year a number of 50,000-kw., 62,600 
kv-a. turbo-altemators were successfxilly put into opera¬ 
tion. These machines operate at 1200 rev. per min. and 
represent the largest single shaft generators yet put into 
operation. The large size and weight of the various 
parts of these machines represent a diflicult handling 
and transportation problem. The largest 3600-rev. per 
min. generator yet to be built was successfully placed in 
operation dxiring the year, it being rated at 12,500 kv-a., 
80 per cent power factor. Machines having 60,000-kw., 
60,000-kv-a. ratings, and operating at 1500 rev. per min. 
are under construction. Quotations are being requested 
on 75,000-kv-a., 1800-rev. per min. machines, and 
83,333-kv-a. cross-compound machines are being 
considered. 

The increasing demand for turbo-altemators of 
larger and larger sizes has necessitated much develop¬ 
ment on the part of the manufacturers. This develop¬ 
ment has been along the lines of improvements in 
construction and improvements in materials for given 
purposes, such as retmning bands of greater strength 
to hold the field end turns in place, iron for stator cores 
having better magnetic properties, decrease in strand 
loss by . use of twisted conductors and different ar- 
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rangements of coils, and improvements in the me¬ 
chanical strength of materials which make up the rotor 
to allow higher peripheral velocities. 

The 62,500-kv-a., 0.8 power factor, 1200-rev. per 
min., self-ventilated imits installed have rotors weigh¬ 
ing approximately 200,000 lb., stators, 200,000 lb. and 
the copper in the machine, 41,260 lb. The stators are 
wound with approximately 40 miles of insulated wire. 
The successful operation of the rotors of these large 
machines has been largely due to many inventions 
made during the past few years in machines and 
machine tools. 

Tests made recently show that the temperature of 
the bare copper in commercial machines insulated for 
12,000 to 14,000 volts is approximately 15 deg. greater 
than the temperature determined by a detector placed 
between the top and bottom coils when the latter is 
from 65 to 60 deg. above the temperature of the ingoing 
air; also that the temperatures shown by resistance 
detectors and thermocouples are about the same, 
and that the temperatures at the half-way location in 
the slot are approximately two degrees lower than at 
the quarter-way.2 

The problem of self-ventilation is becoming more 
complex with increasing size of machines, which causes 
one manufacturer to recommfflid the desirability of 
external blowers being used for ventilating future 
machines. In the past, operating engineers have ob¬ 
jected to the use of external blowers on the ground 
that they are added auxiliaries and therefore an added 
soTirce of diflSiculties which may lead'to shut-downs. 
This manufactmer states that the use of closed-circuit 
ventilation with air coolers, now coming into use, offers 
added advantages in the use of external blowers and 
makes their consideration justifiable at this time. The 
chief advantage of using external blowers in connection 
with recirculating ventilation systems is that the blower 
can be placed before the air coolers and therefore the 
temperature rise in the air passing through the blower, 
due to rotational loss, can be absorbed by the air coolers 
and air supplied to the geaerator at a temperature some 
five or six degrees lower than possible with self-ventila¬ 
ting systems. 

In most cases ventilation is obtained by a multiple 
radial system in which the air passes radially in and out 
through the stator core. During the past year there 
were published results of experiments on this t 5 q)e of 
ventilation showing that the air is distributed in 
accordance with a simple hyperbolic or trigometric sine 
law. Knowledge of the balance state of flow when sev¬ 
eral branches of air meet and divide in a tube, the intake 
and discharge, occurring normally to the walls of the 
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tube, depends on the solution of a system of simul¬ 
taneous transcendental equations. The total pressure 
required for a certain volume of air per unit time can be 
expressed by hyperbolic and trigometric cotangents of a 
certain argument which contains the geometrical di¬ 
mensions of the air circuit.* Large models of turbo- 
alternators emplo 3 nng different types of ventilation 
were also set up and tested. 

The use of closed ventilating systems has two dis¬ 
tinct advantages, in that accumulation of dust on the 
windings is practically eliminated and fire can be easily 
extinguished by introducing an inert gas into the sys¬ 
tem. Several fire extinguishing systems have been 
installed during the past year. These consist of an 
arrangement for injecting carbon dioxide gas into the 
ventilating duct. The arrangement can be either 
manually operated or operated by the differential and 
balance relays used for protecting the machine against 
short-circuited turns or grounds. The results of ex¬ 
haustive investigation along this line, published during 
the past year, show that the insertion of 25 per cent 
carbon dioxide gas, by volume, into the ventilating 
system will extinguish all flames. 

Some of the inert gases have characteristics much 
better than air for use as the cooling mediums in high 
speed electrical machines with recirculating cooling 
systems. Many gases have been considered but the 
result of much study shows that hydrogen has the better 
properties if explosion dangers can be eliminated. The 
advantages which hydrogen offers for this use as com¬ 
pared with air are enumerated below: 

Provided air can be excluded, hydrogen is a good fire 
extinguishing medium. The windage losses are greatly 
reduced due to the much lower specific gravity of hy- 
di’ogen and its high thermal capacity. The tempera¬ 
ture drop required to transmit heat through various 
parts of the machine is reduced. The temperature 
drop required to transmit heat from the hot surfaces of 
machine to the hydrogen and from the hydrogen to the 
coolere is less causing the hydrogen to return to the 
machine at a lower temperature. 

Results of tests on generators filled with hydrogen 
show that it is possible to carry 30 per cent greater load 
on a machine with the same temperature rise when hy¬ 
drogen is used as the cooling medium in place of air. 

It would be comparatively simple to make a rotating 
machine hydrogen-tight if suitable shaft packing could 
be developed. Apparently shaft packing is at the 
present time, the largest obstacle hindering develop¬ 
ment of co^ercial hydrogen-filled machines. Never¬ 
theless, this subject is worthy of further consideration 
and study. 

Recent experments show that there is considerable 
loss in the inactive magnetic parts and active magnetic 
parts of these machines. Miniature turbine-type 
generators were built for carrying out these investiga- 

3. A. I. E. E. JOURNAI., March 1924, “The MultipIe-RadiaJ 
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tions and the percentage losses were found to bear a 
similar relation to those of larger machines. Wood was 
substituted for various inactive parts and the magni¬ 
tude of losses in these parts determined. Experiment 
showed that there is a high-frequency harmonic flux 
which causes considerable loss in the end structure and 
that these losses bear a relation to the magnetic loading 
of the field. These data together with the results of 
further study which is now being carried on, give rise 
to the hope that the efficiency of future machines will 
be still higher because thb nature of losses in heads of 
machines will be definitely laiown. 

Higher efficiency and lower temperature rises have 
been secured by grooving the surface of the rotor. 

Synchronous Motoiis 

A magnetic clutch has been applied to the synchro¬ 
nous motor allowing the motor to run at synchronous 
speed before the load is applied. By this means the 
motor can start heavy loads with a starting torque as 
high as the pull-out torque of the motor, and synchro¬ 
nous motors can therefore be used where good power 
factor characteristics are desired but where heavy start¬ 
ing duty is required. 

The motor consists of a standard synchronous ma¬ 
chine, having a rotor which is not keyefl to the .shaft, 
but free to move on a bearing carried by the spider. 
The field member of the clutch is bolted to the spider 
while its armature is fixed to the drive shaft. During 
the starting period, the rotor is brought up to .synchro¬ 
nous speed and the drive shaft remains stationary. 
After the motor field is excited and line voltage applied 
to the stator winding, the magnetic clutch is excited, 
drawing its two halves together and bringing the load 
up to speed. 

This motor has the advantage of being adaptable to 
full automatic, manual, or semi-automatic control. 
It is of stmdy construction, with desirable power factor 
characteristics, high load-starting torque and low 
starting current. 

Another motor has been developed which accom¬ 
plishes the above purposes in a different way. This 
motor is essentially a ssmehronous motor but differs 
mechanically from the ordinary type by having the 
stator mounted on auxiliary bearings. When the motor 
is started the rotor remains stationary and the stator 
comes up to synchronous speed. A friction brake is 
provided for bringing the stator to a standstill, thus 
causing the rotor to come up to synchronous speed. 

By this method the relative speed between rotor and 
stator is the synchronous speed of the machine during 
the starting ^d running periods. In this motor, as in 
the one mentioned above, the starting torque available 
IS the pull-out torque of the synchronous motor. 

The other advantages are the same as enumerated for 
the motor above. 

Induction motors have been arranged for operating 
at vmous ^eeds by being provided with armature 
wmdings which can be connected for various numbers 
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of poles, but until recently the synchronous motor has 
been inherently a single-speed machine when the 
frequency of power supply is constant. During the 
past year a s3mchronous motor has been developed, and 
a 5000-h. p. motor actually built, which has pole 
changing switches for both the stator and rotor wind¬ 
ings.^ This machine has pure synchronous motor 
characteristics for both speeds and requires no more 
attention than the ordinary synchronous motor. As 
the first cost of this motor is only slightly above that of 
the ordinary s3mchronous motor for the low speed, it is 
a practical machine which should broaden the field for 
S3mchronous-motor application. 

The field poles are constructed so that they can be 
combined in groups of two having the same polarity, 
which gives the effect of one half the original number of 
poles and will therefore cause the machine to rotate at 
twice the speed when the stator winding is reconnected 
for the corresponding number of poles. The poles are 
shaped to compromise between the best shapes for each 
speed. 

Frequency Converters 

The year just past has seen not only the largest syn¬ 
chronous frequency changer yet built put into operation, 
but has also seen an induction-type frequency changer 
of the same capacity installed and successfully operated. 
The rating of these machines is 85,000 kw. A second 
induction ftequency changer is now being built which 
will be rated at 40,000 kw. unity power factor for 
transfer of energy from the 60-cycle to the 25-cycle 
systems on which it is used and at 38,000 kw. unity 
power factor for transferring power from the 25-eycle to 
the 60-cycle system. This machine will be equipped 
with a phase-shifting device which will operate 
hydraulically. 

The 35,000-kw. synchronous frequency changer 
rotates at 300 rev. per min. and has shown an efficiency 
of 96.1 per cent under operating conditions. This 
over-all eflSciency represents an efiiciency of each unit 
better than 98 pe^ cent which is very high for rotating 
machinery. The machine is self-ventilated and has 
very good ^tarting characteristics for a machine of its 
size. The induction frequency dianger was put into 
operation with no difficulty and when used in connection 
with tap-changing switches in the air-blast transformer 
and reactors, showed a larger condenser capacity for 
power factor correction at reduced loads than could be 
obtained from a synchronous frequen<qr converter of the 
same rating. 

A new type of frequency converter was developed for 
tying together two systems, the frequency of each being 
susceptible to , changes. This type is known as the 
Scherbius-—controlled, load-regulating type of set. 
One machine is a ssmchronous generator and the other 
an induction motor having a Scherbius speed-regulating 
set. With this arrangement any desired amount of 
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load can be delivered in either direction up to the limits 
for which the set is designed irrespective of the relative 
frequencies of the two systems. Two of these sets 
having ratings of 6000 kw. were installed during the 
past year. They form a tie between a 60-cycle and a 
25-cycle tystem and are designed to operate with a 
total variation in frequency of nine per cent. If the 
60-cycle frequency system is constant, the machine 
rotates at 720 rev. per min., the induction machine 
operating at above or below sjnchronism depending 
upon the frequency of the 25-cycle system. 

•Transformers 

The size of transformers installed and put under con¬ 
struction during the year represents a new high mark. 
Transformers were installed rated at 15,000 kv-a., 
60 cycles, 7200-132,000 volts, three-phase, self-cooled, 
having a 12,470-volt tertiary winding. The efficiency 
of these transformers is better than 99 per cent and they 
have a regulation of 1.1 per cent. Since the largest 
self-cooled transformers constructed up to the year 1920 
were of the order of the 10,000-kv-a., thjs above units 
represent a new level for three-phase transformers of 
this type. 

Some 22,000-kv-a. single-phase, oil-immersed, water- 
cooled transformers, having 12,000-volt deltarconnected 
primaries, and 39,500-volt secondaries, Y-conneeted 
to give 68,500 volts, were put into operation. These 
transfonuCTs do not have output ratings as large as 
other transfonners now in service at 60 cycles, but, 
due to the fact that they operated on 25 cycles, the 
quantity of materials used in them was much greater 
than in any transformers of this type yet put into opera¬ 
tion. Three-phase transformers, rated at 75,000 kv-a., 
have been built in Europe. 

Improvements made in transformer design include a 
new type of ration adjuster switch by which the ratio 
can be altered while the transformer is carrying'load. 
Potheads were developed for mounting on the side of 
transformers in order to provide a means for bringing 
updergroimd cable into the transformer without expo¬ 
sing teaminals or live parts. The pothead consists of two 
compartments, one in which the cable terminates and 
another in which disconnect links are provided. The 
lower compartment is filled with petrolatum and the 
other compartment with transformer oil. The con¬ 
ductors from the three-conductor cable are connected to 
lugs in the pothead which are arranged on the arc of a 
circle to make the reversing of conductors possible 
without splicing. A grotmd switch is now being 
designed to be located in the upper compartment and 
controlled remotely from, the opposite side of the trans¬ 
former. This switch will provide a convenient means 
for grounding the feeder connected to the transformer. 

A new device has been developed for indicating the 
load on pole-type distribution transformers. This 
consists of fwo temperature detecting elements, one 
immersed in the oil and the other mounted in a case for 
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detecting ambient temperatures. These two tempera¬ 
ture detectors are connected in series to a pointer which 
moves by the action of the temperature detector in the 
oil, which movement is modih^ by the action of the 
detector affected by the ambient temperature. When 
the temperature exceeds a safe value a target shows. 

Several installations have been made of a transformer 
which is filled with nitrogen above the surface of the oil. 
The nitrogen used is automatically obtained from the 
atmosphere by passing the air breathed by the trans¬ 
former through deoxidizing chemicals. The nitrogen, 
when formed, is conserved by a breathing regulator. 
The presence of nitrogen over the transformer-oil 
surface prevents the formation of sludges, (due to oil 
coming in contact with oxygen in the air), extinguishes 
fire, eliminates secondary explosions caused by mixture 
of the gases with air, and cushions primary explosive 
pressure from the sudden expansion of gases. 

A radiator valve has been developed for use between 
the radiators and tank of large, self-cooling trans¬ 
formers, when it is necess^ to remove the radiators for 
shipment. The valve consists of a tube projected into 
the radiator flange on the transformer tank and has a 
gasketed disk which is held against the end of the tube 
by means of a spring. It is operated by a handle. 
Rotating the handle 180 deg. in the proper direction 
opens or closes the valve. When the valve is open the 
handle may be removed to prevent unauthorized per¬ 
sons from operating it. 

A new t 3 rpe of dehydrating breather for transformers 
has been developed, consisting of a screen basket sus¬ 
pended on a spring of large diameter; When the basket 
is filled with the proper amount of calcium chloride the 
spring is compressed ^d a pointer indicates the correct 
charge. As the calcium chloride absorbs moisture, the 
weight is increased and the spring is compressed imtil 
the pointer is opposite a refill designation. The calcimh 
chloride is isolated from the humid atmosphere when the 
transformer is not breathing by means of check valves, 
and the device is designed so that the calcium chloride 
will not become saturated until after the refill designa¬ 
tion has been reached by the pointer. 

Synchronous Condensers 

During the year, construction has been started on a 
40,000-kv-a., 600-rev. per min. synchronous condenser 
representative of the largest machine of its t 3 T)e yet to 
be developed. 

Spring Suspension for A-C. Generators 

A new method has been developed for preventing the 
vibration of large a-c. generators from being transmitted 
from the stator to the supporting foundation. This 
arrangement consi^ of a spring mounted in the frame 
of the machine supporting the entire stator. The 
development of this device will aid in the successful 
operation of electric machinery in districts where 
vibration is objectionable, especially in the case of 
single-phase machines which have inherent vibration. 


Water-Wheel Generators 

The installation of the 65,000-kv-a., 12,000-volt, 
water-wheel generators, at Niagara Falls, has been 
carried on, and the first unit installed has already 
operated successfully for more than a yesff. These 
machines still represent the largest water-wheel genera¬ 
tors built up to the present time. Among other large 
water-wheel generators about to be installed are a 
number of 32,500-kv-a., 12,000-volt machines, 23,160- 
kv-a., 13,200-volt machines, 18,750-kv-a., 6600-volt 
m a ch in es, and 19,500-kv-a., 6600-volt machines. The 
size df automatically-controlled, water-wheel generators 
has been advanced to 7300 kv-a. 

Synchronous Converters 

A number of s 3 mchronous converters have been 
developed for use in congested inetropolitan districts. 
These are completely enclosed on the d-c. end and 
partially enclosed on the a-c. end. For cases in which 
systems of the same or different frequencies are tied 
together through the d-c. side of synchronous con¬ 
verters, a converter has been developed to incorporate 
special features for successfully withstanding current 
reversals feeding into a short circuit in either system. 

Industrial Motors 

New lines of single-phase, adjustable-speed, brush- 
shifting motors, having a speed range of two to one for 
constant-torque load have been developed. Single¬ 
phase, repulsion induction motors, having squirrel- 
cage rotor construction, without centrifugal devices, 
have been extended to include a reversing type capable 
of reversal from full speed in one direction to full speed 
in the opposite direction. Another new development in 
industrial motors is a new line of synchronous motors 
for driving ammonia and air compressors. These have 
double-bar, squirrel-cage windings, giving better con¬ 
trol of current and torque under starting conditions and 
permitting the motors to be thrown on, full voltage. 
Induction motors of higher speeds with high-reactance 
secondary windings for full-voltage starting, totally 
enclosed motors with a special ventilation for operation 
in inflammable atmospheres and a new type of bearing 
which prevents air from getting into the bearing housing 
and oil from getting out, have been developed. Motors 
with enclosed collector rings have been put on the mar¬ 
ket for use in oil wells and similar service. 

A New Self-Excited Synchronous Induction 
Motor' 

The pure induction motor has characteristics which 
diffOT considerably from the pure ssmchronous motor. 
Each motor has advantages and disadvantages, the 
advantages of one being lacking in the other. A number 
of motors combining in part the advantages of both 
typ^ of machines have been developed in the past and 
during the last year, there has been further development 
along this same line. 
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A paper was recently published deseribin,i^ a new type 
of mtJt*)r which has iniliu-tion niolor clnu-aet.wistics 
(luring the starling perioil and synchronous motor 
(•Ijurufteristies during the running period, the source of 
excitation when running as a synchronous motor being 
supplied from within the machine. 'I'he rotor of this 
motor carries a polyphase winding .supidied with power 
through slip-rings and a commuted winding. The 
statcjr has an exciting winding displaced ninety electrical 
degrees from the axis of llie l)ru.she.s, and a neutralizing 
winding coaxial wit h the brush ii.xi.s. lloth the.se wind¬ 
ings are connected to (he brush(>s througli .sejjaratc 
X'uriuhle re.sistanees. A third variable resi.stance is 
inst*rt,ed across the brushes to relieve the commuUMi 
winding under .s(*vere starting conditions. 

When the polyphase winding is connect ed to the sup¬ 
ply lint's, a revolving flux is .set ig) which revolvc.s at 
synehrunous speed when ( he rotor is at a standstill and 
is stationary in space when the rotor is revolving at. 
synchronous .speed. Since (he revolving fudd cuts the 
two stator windings, di.splact'd by ninety electrical 
degret^s when t he rotor is rtivulving at a speed less than 
synehrnnism, currents are .set up in these windings which 
givtt a t(»r<iue similar to that, generated in an induction 
motor. 'rh(*.s(f (tnrrenls (tlosc* over the brushes and the 
coinmul.ed windings and an; regulated hy the adjust- 
ttble resistaniros which act in a way similar (,o tjie ad¬ 
justable rtfsisUince in.serted in t he se(!ondury of a .slip¬ 
ring induction motor. As the? rotor approaches .syn- 
((hronous speed additional tonpies are developed hy th(j 
stuUm windings which pull the motor into step, at which 
time the magnetic field revolving with rcsp(!ct to the 
r(»tor becomes sl:a(,i(mary in .space and tin.' brush voltage 
hwnnes unidirectional, thereby causing the magnetiza¬ 
tions producfsl by the .stator windings to he 
unidiretdional. 

Wluniever the tonpje demand is greater than the 
maximum .syne^hronous t(»r(|ue of the motor, (,he 
machine will drop out. of step and bectorne an induction 
motor in effecd., giving the .s;une a.synchronous overload 
capacity a.s may he obtained from a ((orresponding 
•slip-ring, induction motor. As .soon as the torque 
demand is .sufficiently reduced the machine will again 
fall into step. The motor i.s compounded to give power 
factor regulation by proper location of the bru.sh axis 
with resj^ect to the unidirectional magnetization of the 
secondary. All windings of the machine are utilized at 
all 8tage.s of .starting and running. 

A New Type of Sinolb-Phasb Motor' 

Sometime ago a .single-pha.se motor was developed 
which had .series characteristics during the starting 
period and shunt characteristics during the running 
period, but as the motor contained a centrifugjil de¬ 
vice for decreasing the reactance of one of the windings, 
the motor was never adopted for production. How¬ 
ever, this motor was a stepping-stone to a new type of 
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motor having the same series and shunt characteristics 
and having no centrifugal device. The latter is termed 
the .s(iuirrel-eage repulsion motor and had been brought 
out (luring the past, year. 

This new motor consists of (issentially a repulsion 
motor with a sciuirrel-cage winding inserted in slots 
which are located beneath the slots bearing the com¬ 
muted winding. Since the induction motor winding is 
imbedded deeply in the rotor core, it has high re¬ 
actance (luring the starting period, due to the relative 
high freciueney of the induced current. However, 
when tlie .speed of the rotor approaches synchronism, 
the lre(iucncy of the rotor currents is relatively low and 
the action of the squirrel-cage winding comes into play. 

Since the reactance of the commuted winding is 
inherently low, the current flows mainly in this winding 
during the starting i)eriod, and torques are produce(f 
similar to those of a ])luin repulsion motor during the 
starting i)erio(l. At full load the squirrel-cage and 
commutated windings deliver approximately equal 
amounts of energy. 

(.■ommutation is greatly aided by the action of the 
.squirrel-cagc winding due to the fact that it absorbs 
the energy which would otherwise cause sparking on 
account of in(lu(XHl electromotive force in the short 
circuited coil. 'I'o aid commutation further by absorb¬ 
ing the energy from the leakage flux which does not 
interlink wiMi the .squiiTCl-cage, a thin .sheet of metal is 
inserted radially between the scpiirrel-cage winding and 
the commutated winding. This metal can be made of 
high resi.stance on account of the high frequency com¬ 
mutation and therefore does not materially interfere 
with the distribution of flux during the .starting. 

'rhe motor has a very much Ixjtter power factor, both 
at synchronism and below synchroni.sm, than the plain 
repulsion motor. The commutation is practically 
perfect due to the action of the squin’el-cage winding in 
connection with the metal strips mentioned above. 
The efficiency i.s al.so con.siderably raised by the addition 
of the extm winding. 

A New Ai.tebnatinu-Currbnt General-Purpose 
Mo'por’ 

Another type of u-c. motor has been put on the 
market, which combines the starting characteristics of 
an induction motor with the good power factor char¬ 
acteristics of the synchronous motor, in a self-contained 
unit which needs no auxiliaiy machines for excitation. 
This motor will opemte at unity or leading power factor 
and will cany very heavy temporary overload. 

The motor consists of a rotor having a polyphase 
a-c. winding and a commutated winding, and a stator 
having a field winding and an auxiliaiy winding. The 
auxiliary winding is physically located at 90 deg. from 
the fiehl winding and is closed upon itself. The field 
winding is connected to the commutator bru.shes. The 
power supply lines are connected to the polsrphase wind- 
ingon the rotor through slip rings. 

7. JoniiN.^t.of tho A. I. E. E., April 1925. 
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The commutated winding does not appreciably affect 
the torque of the machine at standstill or low speed, but 
at higher speeds the commutator voltage enters into 
giving better synchronizing characteristics. When the 
machine is operating at synchronous speed a d-c. 
potential is present across the brushes, which serves as a 
direct-current source of supply for exciting the field. 
The machine, therefore, acts as an induction motor 
during the starting period and as a synchronous motor 
exciting itself during the running period. When the 
load reaches 150 to 200 per cent of full load, the ma¬ 
chine drops out of step and continues to inn as an 
induction motor. As soon as the load is again decreased 
to within these limits, the machine falls back into step 
and operates as a s 3 mchronous motor. The losses in 
this motor are comparable to those of an equivalent 
induction motor. However, the new motor has a 
tendency to be slightly less efficient at fractional loads 
and slightly more efficient at ov^load. The size of 
this motor is approximately the same as' for the corre¬ 
sponding slip-ring induction motor. 

Obviously there is a very large field for motors having 
the marked advantages enumerated above, not only for 
new installations where they can be made to operate at 
amity power factor, but also in older installations where 
a large number of induction motors have already been 
installed, in which case the lagging reactive kv-a. can be 
compensated by operating tfie new motor at leading 
■power factor. However, the cost of these motors is 
considerably more than the corresponding induction 
motor, as may be expected. 

A “Wool-Yarn" Oiling System fob Small Motors 

Many classes of service for small motors call for long 
operation of the motor •without attention. Such service 
demands an oiling system for the motor bearings which 
is capable of supplsring the bearings with the proper 
amount of oil for long periods without cleaning or the 
addition of oil. 

A line of small motors has been put on the market 
which have a lubrication system called the “Wool- 
Yam" System, consisting of a number of continuous 
strands of wool yam placed over the shaft and pro¬ 
jecting down into the oil in the well. In this system the 
oil is carried from the well to the shaft by capillary 
attraction instead of a revolving ring as is the usual 
practise. The compartment canying the yam and oil 
is practically dust proof, every precaution ha'ving been 
taken to prevent dust from entering around the shaft. 

Even though this system is not applicable to motors 
larger than a few horsepower, it has marked advantages 
;for small motors, in that the yam acts as a filter for the 
oil and the oil in the well is not agitated which helps to 
confine it to the well. The oil capacity is increased by 
the amount held in the yam and the motor will operate 
-for long periods without re-oiling. 


Surface Iron Losses with Reference to Laminated 
Materials* 

Additional experimental work on surface iron losses 
with reference to laminated materials was carried on 
during the past year. The experiments were made on 
special test machines, the roters of which contained no 
windings other than exploring coils. The machines 
were rotated by direct-connected d-c. motors, which 
were calibrated in order that the losses in the test ma¬ 
chines could be obtained from their inputs. The sur¬ 
face losses were obtained by separating the fundamental 
frequency losses from the total losses. 

It was shown that the hysteresis and eddy-current 
components of the surface loss can be approximately 
separated graphically. Skin effect decreases the losses 
as the decrease in eddy current loss is considerably 
greater than the increase in hysteresis loss. In the case 
of salient poles the enamel on individual laminations 
decreases the surface losses only slightly, which would 
not justify the extra manufacturing expense in most 
cases, even though it may materially affect the relative 
hysteresis and eddy losses. It was stated that the 
hardening of lamination edges, due to punching, affects 
the hysteresis surface loss appreciably if the punchings 
are not annealed. 

Repeated Thermal Expansions and Contractions 
Their'Eppect on Long Armature Coil Insulations* 

During the past decade the length of armatures has 
been increased about five feet due to the increase in the 
capacity of machines. Since the coefficient of thermal 
expansion of the copper conductor in armature coils is 
about fifty per cent larger than that of the naica and 
paper insulation, there is a considerable difference in 
linear expansion of the two in armature coils. Recently 
much experimenting was done to determine the effect 
of this imequal expansion on long armature coils. 

Experimental coils were placed in slots formed by 
stacking iron laminations in the same manner as they 
are placed in the slots of an alternator armature. 
Imitation vent ducts were situated at intervals in the 
iron so that the entire construction was comparable to a 
four-slot section of a largemachine. The coils consisted 
of square brass tubes and were 118 in. in length. The 
insulation was standard for 18,200 volts. Thermo¬ 
couples were placed at proper points for indicating 
temperature. The brass tubes were heated by passing 
current through them from a suitable transformer, and 
were cooled by passing them through air for certain 
experiments and water for other experiments where a 
greater change in temperature was desired. 

Automatic equipment was used for heating and cool¬ 
ing the coils which consisted of time delay relays for 
putting on the current, starting the blower, etc. 7800 
cycles of temperature changes of approximately 76 deg. 
cent, were given the coils, followed by 2512 cycles of 
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DKVKI-OI'MKXTS IN HLKCn'RU'Al, AIACHINK 1)10,SKiN 


100 (leg. ci'iit. (lilleivncf in li'iupt'ruture, 825 c-ycloa of 
KiO <lt>g. dillVroiU'o in t{‘in{KTutun>, and 400 cycdtos of 
100 dog. t iiro diUVrom-i*. Tht* hoile.st tempera- 

luivmichod l>y th(‘coil'irangoil ladwa'ii 150and iHOfor 
all tost.^. 

After the mik wore put tlirotigh the alatve (•yck«, 
whifli wore ooiniiarahk' to many yoar.s of .sc'rvka* in a 
(•ommeivial ntaciiitu*, they wen* reiauved fniin ihe silots 
an<l iu.'jpi'cied. 'i'he paper was .somewhat darkened iti 
<’o!or ami \va.s robbed of mtwt of its ineeluinieal .sinmgth. 
However, it was stnmg enough to retain its form about 
1 lie eonduetor ami to witlrstand the removal of the eoik 
from the slot. The di.stsiloration wu.s grt*ater at the 
imitation vent duets tiian where the insulutitm was in 
eontuet with the .stamping due to the fact that aireould 
reui’h f tie paper tnore ea.sily at t hose points, 1 luring t he 
te,Hls the<-oil.s vvi-ri* given a high potential le.st of 2:i,000 
and :I7,000 volts at intervals, and withstood t!ie.se 
volfage.s wifliout tireukdovvn. 

'r<«)TIt Ih'PSATUlN IN HuTATlNt: MAflllNKS'" 

iJe.sults of experiments have fieen publlshmi on tlie 
tooih pulsation in rotating marhine.s, where both 
memlter.s are .stof ttnl. A niethiKl for ehei^king (he mug- 
nit ude tjf flux pulsation wa.s presentwl i-onsisling of 
iming meiallie fleet rmies .similar in shape to the ma- 
rhine teeth in eonntHdion wit h an eleetrolyk'of mereury 
to repre.Heiil air. ('urrent is caustal tt) flow through the 
teeth [ty applying voltage betwetm the two members, 
with a niagnilude proportional to the magnitude of 
flux that would flow untler analogous magnetic <’ondi- 
tions. 'I’he results obtainwi in this way are, in general, 
slightly lower than those shown by two methods of 
ealeulution; but the agrermient is fairly good. 

If the ratio of I lie mereury to elwiro resistance is 
small, corresponding to the efr«>ct of saturation in the 
iron, tlie effect of .satumlion may he experiinenlally 
determinwi, ft was shown that for actual machines the 
effect of saiumfion on pulsafitin amplitude cannot be 
calculatwl by adtling directly the uir-gstp and tooth 
relmdances, mi account of the permeability of the iron 
not being constant. 

(lAHEUVH f()NI/ATO)N IN BUII.T-ri' iNHl'I.ATKlN" 

Mxi»t*rimentH t»n the gaseoms ionixrttion in built-up 
insulation were eondiieted showing that the losses due to 
interna! kmixation eauml a progrtissive deterioration of 
insulation, even though the absolute values of these 
in well constructed armature bars are .small com- 
parwl with dielectric loj«e» of other lyfres. 'I'iie use of 
mica was shown to rwluce the conductivity of the in- 
.sulation and minimixe the action of internal ionixatitm. 
Even though the micafolium content, can be .somewhat 
rtsluctKi without seriously affwting the insulating prop¬ 
erties over long jierkrris, the use of high mica content 
appeared dwirable clue to variations in manufacturing 
proc«. 
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EPFKCT.y OP TlMB AND FrIOQUKNCY ON INSULATION 

Tests op Transpormers'- 

The use of the induced potential method for testing 
the insulation of transformers has increased during the 
past few years. In order to keep the exciting current 
w'ithin a rc^usonable range during these tests, it is neces¬ 
sary to u.st> fri*tiu(‘ncie,‘.s higher l.han normal. Since l,he 
frt'ijuency usi‘d allVcts the dielectric .strength of nuxst 
insulating materials, the fair length of time during 
w'hich liigh voltage is applied in the tuuse of liiglier fre- 
(luencic's than normal is somewhat Ie.ss than that for 
normal freiiuencies. 

During t,h(' past yc^ar the results of experiments made 
to determine the fair length of time for higher freciuen- 
cies were published. It was shown that the rupture 
voltage of oil is the same for both sixty and 420 cycles. 
Due t.o the fuel that, the behavior of oil alone is very 
erratic no well cltdined relation can be made between 
lime and dii‘k*ctric st rength. However, for the first few 
.seconds, time decrea.se.s the stnmgth (}uite rapidly, 
after whieh llii* effect (ic>crea.sc.s and is proljuhly entirely 
uliscmt after two or three minulcw. The* momentary 
stnmgtli range.s from 25 to tlO per eent higher than the 
one-minute .strength. 

The strength of solid insulation tler'reuseH with an 
inerea.s(‘ in frt,'<iuency. Tlu* effect of time on the 
strength of oil and solid insulation in .series is approxi¬ 
mately the .same lus for .solid insulation alone until the 
oil distance exceeds the solid insulation thickness, after 
which it begins t.o be the same as for oil without barriers. 

Wlum .solid in.sulation is under considerable streas the 
breakdown by cret>puge i.s not affected by Lime nearly so 
mucli as is the puncture vollagi* of solid insulation. 
Frc'uuency does not materially affect the creepagti 
failure of solid insulation which is under no stre.ss. 
However, if the insulation is unrler considerable .stress 
the volt4ige for failure decreases with increa.secl fre- 
(juency in about the same order as the puncture voltage 
of solid insulation. I'ho (dTect of frequency on the 
puncture voltage of solid insulation and oil in series is 
approximately the same as for solid insulation, where the 
thickness of the solid insulation is greater than that of 
the oil. When the oil distance exceeds the thickness of 
the stdid insulation the effect approaches that for oil 
without barriiTs. 

OjtTAiNiNG Steady HioH-Voi/rAUE Direct Current 

FROM 'I’HERMIONIC RECTIFIER WITHOUT A FH.TER'® 

The ordinary polyphase high-voltage rectifier gives a 
practical con.stant direct-current potential, which 
has a ripiJle superimposed on each .side of the mean of 
approximately five to seven per cent of the total d-c. 
voltage. I’his ripple may be ironed out to a consider¬ 
able degree by the ust* of a filter consisting of condensers 
and reactors which are somewhat expensive, especially 
for high voltages. 

12. ioiffiNAL Fuf tlK* A. L B]. B]., BVlmmry H)24. 
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During the past year work was done on the develop¬ 
ment of a special type of a-c. generator having the proper 
low voltage wave form for giving a more nearly smooth 
rectified direct potential and provisions were made for 
manually or automatically varying the wave form to 
maintain a steady potential for varying load demands. 

The Application op the Saturated Core Reactor 
AND Regulator'^ 

The use of direct-current saturation in the iron cores 
of static a-c. apparatus in radio work has been in vogue 
for sometime, and of late is being used commercially in 
voltage regulators and current-limiting reactors. How¬ 
ever, due to costand inefficiency, the saturated-core 
voltage regulator and current-limiting reactor are at 
present confined to specific uses in wliich speed of opera¬ 
tion is desired in the case of the voltage regulator and in¬ 
creasing reactance with alternating current is desired in 
the case of the current-limiting reactor. 

During the past year, saturated iron-core current- 
limiting reactors were installed in a large central station 
between the essential auxiliary bus fed by a house 
generator and a miscellaneous auxiliary bus fed by a 
house transformer. These reactors are designed to 
carry 660 kv-a. imder normal operating conditions, at 
a reactance drop of fifteen per cent. The short-circuit 
reactance is approximately 38.6 per cent, which will not 
allow more than 1710 kv-a. to pass through the reactors 
at normal voltage. Should the house generator be 
carrying full load and supplying 660 kv-a. to the mis¬ 
cellaneous auxiliary bus through the reactors, a disturb¬ 
ance on that bus could not overload the house generator 
more than 42 per cent due to the action of the reactor. 
The Transverter 

A machine has been developed in England for con¬ 
verting polsrphase alternating current into direct cur¬ 
rent and vice versa. Polyphase a-c. voltages of values 
low enough to be generated in large commercial alterna¬ 
tors can be transverted into continuous potentials on 
the order of 100,000 volts. 

The a-e. supply lines are connected to a series of 
transformer banks which transform the original voltage 
to the desired value and, in addition, convert the funda¬ 
mental number of phases into a large number of phases, 
36 for example. TThe 36 phases are then coimected in 
the proper order to a commutator which remains fixed 
in space, the brushes being the rotating member. The 
brashes are mounted on a shaft and rotated inside the 
commutator instead of being placed on the outside as is 
the usual practise. If only two brashes were used and 
there were only as many commutator segments as 
phases, the brashes would have to be revolved at the 
ssmchronous speed of a corr^ponding two-pole motor. 
However by using more brushes and segments, properly 
arranged, the ^eed can be made to correspond to that 
of a four- or six-pole motor. 

The tran sverter recently built and displayed in Eng- 
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land used ten commutators in series to give 20 d-e. 
amperes at 100,000 volts, and was designed to be sup¬ 
plied with 50-cycle, three-phase current at 6600 volts. 
The speed of the brushes is 1000 rev. per min. 

This device can be used for a number of purposes, 
such as obtaining high-voltage direct current from low- 
voltage alternating currrent, low-voltage direct current 
from high-voltage alternating current, low-voltage 
direct current from high-voltage direct current (by 
adding another set of windings and commutators), and a 
given alternating frequency from another frequency. 
All these processes are reversible. 

The Subcommittee wishes to express to Mr. J. A. 
Brooks its appreciation of the valuable assistance which 
he has rendered to it in the preparation of this Report. 

Committee Organization 

The organization of the Committee on Electrical 
Machinery comprises a number of Subcommittees 
including the following; 

1. The review and preparation of technical papers in 
thefield of electricalmachinery,H.M. Hobart, Chairman. 

2. The preparation of a rdsumd of the year’s 
progress in the electrical machinery art for the pre¬ 
sentation at the Annual Convention, J. C. Parker, 
Chairman. 

3. Preparation of short memoranda of timely 
interest relating to electrical machinery, for publica¬ 
tion from month to month in the Journal, E. H. 
Hubert, Chairman. 

4. Subcommittee on Electrical Machinery Re¬ 
search, V. Karapetoff, Chaiiman. 

6. Subcommittee on Electrical Machinery 

Standards, C. A. Adams, Chairman. 

Provisions are made for further subcommittees which 
can be described as Regional Subcommittees. Each 
member of the Committee on Electrical Machinery is 
invited to examine the practicability of establishing 
in his vicinity a Regional Subcommittee to deal with 
subjects in which he is especially interested. The 
member includes in the Subcommittee a group of 
fellow-specialists and he is free to go outside of the 
Committee on Electrical Machinery for this purpose. 

As an example of one of these Regional Subcom¬ 
mittee’s may be mentioned that organized by Prof. 
B. P. Bailey. It deals with induction motors and 
generators and research subjects relating thereto. 
As Professor Bailey is located at the University of 
Michigan he has associated with himself in this Sub¬ 
committee Professor James F. Fairman, Mr. Norman S. 
Yost and Mr. L. N. Holland, all of whom are located 
at .)r near Ann Arbor. 

The studies and discussion leading to the above 
organization of the Committee on Electrical Machinery 
took considerable time and the Subcommittees have 
not made as much progress this year as had been hoped. 
However, the Electrical Machinery Research Sub¬ 
committee has held meetings in which several matters 
have been profitably discussed. 



Precision Watthour Meters and High-Frequency 

M easurements 


By Committee on Instruments and Measurements* 


I N selecting subjects which would become the major 
study of the committee during the year, an effort was 
made to choo se those which seemed to be lagging in 
progress because of unorganized attention, or to be only 
imperfectly coordinated and recorded because of their 
relatively recent development. Two subjects were 
chosen, one on each of these bases, and subcommittees 
(with chairmen, H. B. Brooks and C. M. Jansky 
respectively), were appointed to make the survey. 

One of these subcommittees has been assigned the 
task of promoting the development of a device or de¬ 
vices for the measurement of energy directly in terms of 
watthours under the condition of excessively fluctuating 
power, for averaging this variable power with laboratory 
precision, and to produce results equivalent in accuracy 
to those obtained with laboratory equipment now used 
for the measurement of volts, amperes and watts. The 
committee is not concerned with the watthour meter as 
used by the million in the vending of electric energy; 
that is the concern of other agencies, and it may wdl be 
agreed that the watthour meter, in practically all 
respects, surpasses the measuring devices through which 
the public purchases other services and commodities. 
But this device, or modifications of it, thus far produced 
and used as a precision standard of comparison in lab¬ 
oratory and field testing, and as a means of avorapng 
variable power over an extended time (as in water- 
rate determinations of large turbo-alternators, for 
example) leaves something to be desired. 

The subcommittee charged with this problem real¬ 
ized that one of the outstanding sources of variation in 
accuracy of watthour meters was the variation in tem¬ 
perature of their component parts, arising from two 
principal causes; (1) changes in temperature of the 
ambient medium; (2) heating from the flow of current 
through the coils, and from iron losses. There was 
presented at the Midwinter Convention an important 
paper by Messrs. Kinnard and Pans, in which tempera¬ 
ture errors in induction watthour meters were analyzed 
theoretically and experimentally and a device described 
for the compensation of the major of the two principal 
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classes of temperature errors. The subcommittee 
considered it of little or no value to assemble and co¬ 
ordinate data on the temperature performance of the 
meters in current use, which are not equipped with any 
such device, but that its concern should be with meters 
which include this or some equivalent compensation. 
When such meters are regularly available, the subcom¬ 
mittee will consider the feasibility of having exhaustive 
tests made by suitable authorities. 

Meanwhile, there remains a number of other distixrb- 
ing effects to be considered, such as the influence of 
frequency, voltage, and wave-form variations, and of 
low power factor. These matters, smd the methods by 
which improvement may be realized, will be included 
in the work of the subcommittee. The program thus 
briefly outlined will obviously involve a considerable 
amount of effort over a long time, and the subcom¬ 
mittee looks with confidence to the experts of the 
manufacturers, and others who specialize in this field, 
for full cooperation in the task. 

The watthour meter, in different forms, has not been 
found entirely suitable for measuring the power output 
of large turbo-generators during water-rate tests and 
there is a tendency to prefer the wattmeter for this 
purpose, even in spite of the necessity of taking a Very 
large number of readings during the progress of the test. 
The scope of the subcommittee’s work includes a 
study of this method also, and by request, a valuable 
paper on the “Measurement of Electrical Output of 
Large Turbo-generators During Water-rate Tests” has 
been prepared by E. S. Lee; this paper was assigned to 
the program of the First District Regional Meeting at 
Swampscott in May. It was hoped that this paper 
would serve to bring out discussion which would be of 
value to the subcommittee in its further study of the 
problem. 

The phenomenal development of radio communica¬ 
tion naturally focussed the attention of the committee 
on the subject of electrical measuring instruments for 
use with frequencies in the audio and radio ranges. 
It seemed to be an opportune time to make a survey of 
the available instruments for these fields, their opera¬ 
ting principles, limitations, and scope of applicability, 
and a second subcommittee was appointed to conduct 
the survey. 

The most extensive use ctf high-frequency measure¬ 
ments is undoubtedly in the field of radio communica¬ 
tion. However, frequencies ranging from 20,000 to 
50,000 are much used in wire tdephone and telegraph 
commumcation and in the so-called “wired wireless” 
or “carrier current” communication over power trans- 
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mission lines. Another possible application of high- 
frequency measurements is the determination of the 
periodicity of transients and the measurements of 
higher harmonics on power lines and in electrical 
machinery. 

Low values of inductance and capacitance are of great 
importance where high frequencies are involved. The 
power engineer has heretofore considered them neg¬ 
ligible. With a better knowledge of high-frequency 
measurements, quantities that have been neglected may 
assume greater importance even in power engineering. 
These low values of inductance mid capacitance are 
usually measured by some resonance method; that is, 
by “tuning” the circuit with the unknown inductance 
or capacitance to the frequency of another circuit with 
known inductance and capacitance and then calcu¬ 
lating the unknown quantity in terms of the known 
values. 

There are two common methods Of measuring re¬ 
sistance at high or radio frequencies; the reactance 
variation method, and the resistance variation method. 
The application bf the reactance variation method 
requires a knowledge of the frequenQr used. It is, 
therefore, more useful in measuring logarithmic decre- 


. ment and sharpness of resonance. Bridge methods are 
but little used for the measurement of resistance at 
radio frequencies but a somewhat similar method, which 
utilizes a differential transformer, is coming into use. 
There is also the method employing a voltmeter de¬ 
signed for accuracy at radio frequencies. 

Great need has been evidenced for the development of 
more accurate measurement of resistance, inductance, 
and capacitance at high frequencies, but there is greater 
need for the more general utilization of instruments of 
adequate accuracy for measuring the frequencies of the 
electromagnetic waves emitted by radio-frequency 
generators used in broadcasting and other stations. 
These frequencies are usually measured by means of an 
instrument known as a frequency or wave meter. The 
extensive use of certain radio-frequency bands requires 
that radio stations be assigned frequencies which are, 
in some cases, only 10,000 cycles apart. If there is to 
be no interference between stations, each must main¬ 
tain its assigned frequency within a small fraction of one. 
per cent; there is a call for the development and use of 
frequency meters having the degree of accuracy required 
for this purpose. 

This subcommittee is also continuing its studies. 


The Activities in Research 


By Committee on Research^ 


Part I. General 

A ctivity in the field of electrical research, a 
not^ in last year’s report, has continued unabate( 
during the past year. The range of problems ha 
been much the same, and while no striking research o 
outstanding importance may be mentioned, note 
worthy progress has been made in many directions. 

In the field of Mgh-voltage transmission and powe 
distribution there is an increasing tendency to investi 
gate the performance of such systems through experimen 
tation with models, miniature systems and equivalen 
net works. With these should also be included severs 
important anal 3 rtical studies of the transients occurriiij 
in such systems. Several accounts have appeared o 
experiences with 220-kv. systems based on specia 
methods of observation and measurement, and thes< 
have brought forward facts and conditions sufl 5 cientl 3 
new to warrant their mention in this report. Importam 
new data are available as to lightning disturbances anc 
methods of protection; a new type of su^ension maniq , 
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tor of great promise has appeared and further studies 
have been made of the properties of protective reactors. 
New data as to the law of loss due to corona have been 
brought forward and definite statements made as to the 
value of corona as a stabilizing, if not a protective 
measure for high-voltage systems. 

In the wide field of magnetism much new material has 
been produced. Investigations have extended from 
studies of the core loss in induction machinery, the losses 
in laminated surfaces next to air-gaps, the influence of 
dot openings on wave form, and other similar questions 
in machinery, to the further study of the properties of 
magnetic materials in relation to their constituent 
substances. Noteworthy in this class is the substance 
pemalloy and its adaptation to the submarine cable; a 
tMng of great promise, but so far, upon this relatively 
little defeite information is available. An important 
accomplishment in this field is the completion of a 
complete bibliography of the literature by the Core 
Loss Committee of the National Research Council. 
The bibliography embraces all brandies of the field of 
core losses and is admirably classified and indexed. 
It is hoped that some one of our large research organiza¬ 
tions will find it possible to publish this bibliography so 
that it may become generally available. 

i^ong other studies in the general field of electrical 
engineering there may be mentioned as either completed 
or under way the following variety of problems: The 
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Ilic I'unirttl tif stalif in Iransadantif survifu; thu in- 
tTuasitisi tJ.M' uf ihu shfiflur wave* lutiidhs; tlm funirul tjf 
“fatliti};**: ami fim further iifrft't'tiun «if ,;*;um*rtdiiij' 
I'tjuiinni’ni. 

in l.ln^ fiuld uf puru physit's, firiiifipal aftcniiun aji- 
{Htars still ft! hf iluvututl tu iiucstiuns uf intiluunlar ami 
at.umit' struct,«i<‘ jitul flic natiiru uf uitiirmlt* erm- 
sfitutiuti i»f inaf.fur, I’runruss has Iir-cji vt-ry rapid ami 
Ihtf results uhtnined are uf ttruafusl ini|iurtam'f as wfll 
as of alisurhins inli*r(*st. I'p tu this timu, hinvivur, 
Ihi'su studies »lo not appear Ut tuudi, in any elose man- 
n{?r, the laws undorlyiniic the various arts in ulcetrieal 
engineering, ft is an interesting fai t that while nineh 
eeri ain knuwletlge has been prtntied, as t»»f he si.ruet art? uf 
the atom and the electrons therein, nevertheless it hms 
not been found posKible tt? adapt: this knowledge in any 
certain way to explanations of the great funtlamental 
plutmimena of electric eontUtetion, magntdism, ami 
tlielectric induction. For this reason, tis well as IwH-ause 
of the va.st variety anri quantity of material, only 
this passing mention is made of this grf‘at field of the 
highest tyj>e of scientihe research. 

Part II. Eu-x’rufeAi. Insulation 
. This report has reserved for separate comment the 
subject of reaesurch in the field of eletdrical Insulation. 


The year has seen a nniahle eemtinuanee of l!ie .ixem»ral 
intc*re,sl in this important prol)lein. Xunurous papers 
have been publishf^d mvinu“ new (efhnu‘al data, thus 
slowly ituavasinJA* onr knowliMlLn?. Amone* tlie sul)j{‘i‘ls 
treatetl may I)e nuaitioned distrihutiun of ilnx density 
in eahle.s, the relation he!ween hn*akdown xoliuee aiul 
times of apfilication aiul n^t. experinumlal data on the 
hrt»akdown of eahle insulation umlerstandard i(‘stswith 
speeial referenei* to the duration of appli<*ation of the 
l4‘st volla.ue^ the influeuet* of temperatun* on inipri*,u- 
nati^fl paper itisulation, ami ioiiiKaiion in impreunuted 
paper insnlai iom I)is(*ussioa of llie.st* papers Jias in- 
flieatc'd the d4»sirahilify of eertain ehanm^‘^ in pn*,sent 
test.s Standanl for lipdi-volhea* eahtt»s* 

Partieular nn^ntiou shotdd he made of the work heiu.ii 
dom* hy the (*ommin(*e of the Xalitmal Kleelrie hiidd 
AsMieiation tin ('able Irisukifion Ut*si»areh. 'Phis t*om- 
miftt‘e lias lormulatt*d a Wf‘ll eonsiilered plan ainl has 
raisetl suHieit‘nt momw (o pay for “whole-lime'’ re- 
.sean‘h assistants. tht» work to lie (virrieil tm in the 
elet*lrieal t^nyineerin^ lahoralorie.s of Harvunl Uni- 
viTsity, Johns flopkins l;nivt»rsity ami MassaehuseUs 
Institutt* of 'r«‘ehnolo,i»y. Problems of at taek are those 
fiearitur on flu* life of hir;h-volInure eahlt* insulation am! 
tile euus(‘s of its hiituns Oie vvtirk is eertain to proflutM;* 
r«*sultsof valme. 

As indieatefl in last year’s report, the (N)mmittt*e has 
hatl lH*fim» it as its prineipul ohjert the eonipli»te rtwievv 
and tlkt4*st of the literature of ♦*leetrieal insulation* 'I'his 
work, hirmulated linst by the Kurdtuferiitir Hivision of 
the Xafional Ueseareh (kmneil, in its (’ommitlee on 
Hlet*trieal Insulation, i.s heiny earri«*d un largely by 
im‘nihersof the (^immitteefin ib'seareh of tite American 
Inst itule of Hied rical Kn;dneers. I'lie part iculur value 
of tins w<irk will he found in the summtirms and con- 
elusions to he prepared by the chairman of the several 
committees, 'fhe (!oininitti*e hopes to imdmlr* in these 
siiinmarh^s statements as to the presemt prolihmis under 
the rf*sj«*dive heuflini^.s, witli suiteestions for the most 
prfifiuihle lines of experimmi t.al attfude. Steady progress 
has fieen madt% although it. can scareely be said to he 
rapid; the character of the undertaking is such as to 
rerjuire consifierahle time and sustained effort. Sur¬ 
veys in the tiehl of insulation cun be made only hy 
e.xperitmc’crJ and (aiinpetent men, and under our jiresent 
plan, we are relyin;i: imtirely on the volunt.ary effort s of a 
comparatively small number. All of these busy 
men with whom the work of tJie (kirnmiUee must, of 
neceasity, lake a sutiordinate place. 

The presimt state of the work is approximately as 
follows: The Subcfmimittee on DielcsUric Absorption, 
J. H. Whitehead, (Jiairman, has prmdically completed 
it:s review of literature; 8uhr'ommiite<^ on f^liase Dif¬ 
ference, Delafield l>uBois, (/hainnan, lias completed 
about eighty-five per cent of the liti»ra{Aire; im Hk*ctric 
Strength, A. Del Mar, ('hairrnan, has complected 
all the literature on .solids, and its report is well ad¬ 
vanced towards completion, 'fhe review of literature 
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on liquids is well advanced. The Subcommittee on 
Plashover Voltage, F. W. Peek, Jr., Chairman, has 
covered the field of the literature in English, and is 
making progress in foreign literature. The Sub¬ 
committee on Theories, J. B. Whitehead, Chairman, 
has practically completed the review of the literature. 
The Subcommittees on Dielectric Constant and on 
Resistivity have not been able to make any considerable 
progress. 

The reviews of the literature referred to above con¬ 
sist of a separate report in standardized form for each 
paper reviewed. The results of this work therefore will 
constitute not only a valuable bibliography of the 
separate divisions of insulation, but also a most valuable 
concentration in one place of the important results of 
each worker, and, therefore, a combined picture of the 
entire problem which should prove of very great value. 
As the publication of this large mass of data will be a 
matter of some expense, the Committee hopes to make 
the more important results of its work available to all 
through the preparation of reviews and summaries by 
the respective chairmen. 

Part III. The Organization of Research 

A general review of the work in electrical engineering 
research during the past year reveals two striking facts: 
First, the great amoimt of experimental research under 
way and the wide range of problem; and second, the 
lack of coordination among various workers in the same 
or allied fields. Obviously, a function of the Committee 
on Research should be the bringing about of such co¬ 
ordination if in any way possible. The difiiculty here 
is in obtaining information as to the work undertaken in 
widely separated localities. Often the Committee’s 
first knowledge of a piece of work is the appearance of 
the paper presenting the results. This state of affairs 
must continue so long as the original conception of the 
problem arises in the interest of some individual, in a 
university laboratory, or in the special needs of some 
manufacturing process. 

The foregoing condition has been recognized for some 
time and the desirability for organization and coor¬ 
dination of electrical research has been frequently 
emphasized; in fact, the National Research Council in 
its Engineering Division, the Engineering Fovmdation, 


the National Bureau of Standards, and, to a less extent, 
the national engineering societies, all conceive it their 
definite function not only to stimulate but to coordinate 
research. The Committee on Research of the Institute 
acts as an advisory committee on questions of electrical 
engineering to the Engineering Division of the National 
Research Council, the body which initiated the work on 
electrical insulation. In addition to the Committee on 
Electrical Insulation, it has formed a number of other 
important committees, not only in the electrical, but 
also in other fields of engineering. If the purposes of 
these committees are carried out, they will result in 
authoritative statements of the problems in the various 
fields, will serve as important guides for future work, 
will avoid duplication of effort and, naturally, will 
result in a much more rapid extension of our knowledge 
in the respective fields. 

The picture so presented is an inspiring one, but it has 
one serious and fundamental defect. On closer ex¬ 
amination it will be found that the function of the 
comprehensive review of the field of any problem is 
relegated to volunteer workers. The men who are 
capable of making these studies and reviews, and of 
laying out subsequent programs, occupy important 
positions the duties of which must necessarily require 
most of their time; committee work of necessity takes a 
subordinate place. Money has been appropriated for 
particular research problems, but none for greater 
expert reviews of the entire field. This is imfortunate, 
the more so since it should not require any considerable 
annual expenditure to avoid it. The Committee on 
^search has spent nearly two years in accumulat¬ 
ing data on insulation outlined above. This could 
have perhaps been done in one-fourth of the time 
by a single well trained man devoting his entire time 
to it. 

The concrete suggestion, therefore, is that large 
organizations, the Chief function of which is to promote 
experimental research, could, with profit, Tn ai ntain as a 
part of their organizations a few competent men 
trained in science, engineering and in the methods of 
research, with their principal duty the presentation of 
the work of the past, problems of the present, and plans 
for concerted experimental attack for the future. The 
volunteer research workers would do the rest. 
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to Industrial Uses 


By Committee on General Power Application' 


T he annual report of the Committee on General 
PowCT Applications has been divided into three 
parts, namely—an account of the Committee’s 
activities in the past year and two appendices which 
are believed to contain data of interest and value to 
the membership. 

Soon after its appointment, this Committee offered 
its services to all Institute Sections, in the preparation 
of papers or in locating speakers on any subject within 
its scope. In answer to an inquiry from the British 
Consulate General, the Committee conducted inquiry 
into the use of magnetic hoists in shipyards and at 
docks, with especial reference to their effect on the 
ship’s compass, due to its possible derangement or the 
magnetization of the ship’s frames. 

A session of the St. Louis Convention was assigned to 
this Committee and five papers were presented as follows: 

Load-BuUding ■ Possibilities of Industrial Heating, 
C. L. Ipsen; 

A High-Frequmcy, Induction Furnace Plant for the 
Manufacture of Special Alloys, P. H. Brace; 

ElectricaUy-Heated Lead, Solder and Babbitt Pots, 
J. C. Woodson; 

Synchronotis-Motor Drive for RvibberMiUs, C.W. Drake; 
Use of Purchased Power in Glass Manufacture, 
A. L. Harrington. 

The Committee has given fecial thought to the 
manner in which the wide variety of subjects imder its 
jurisdiction may be most suitably presented to the 
membership. The preparation and presentation of 
papers alone is not sufficient. The space available in 
the Journal and the Convention sessions which may 
be devoted to General Power Applications, without 
unduly curtailing other subjects of equal or greater 
importance, leave the Committee embarrassed by a too 
plentiful supply of new and valuable material. 

As a consequence, the Committee submits as Ap¬ 
pendix A of this report, a brief summary of progress 
covering important developments in General Power 
Applications which have come to its attention during 
the past year. In Appendix B is submitted a bibliog- 
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raphy of articles which have appeared in the technical 
press, on subjects related to the Committee’s activities. 
It is believed that this bibliography will be found valu¬ 
able by those who wish to investigate the subjects which 
have been inci uded. 

The Chairman wishes at this time to record his 
sincere appreciation of the efforts of D. H. Bra 3 nner, 
member of the Committee, and also the courteous and 
efficient help rendered by other members of the 
McGraw-Hill organization. Without their assistance, 
the appendices would have lost much of their value. 

The Committee submits the following recommenda¬ 
tions to its successor: 

a. The annual preparation of a similar summary of 
progress and a similar bibliography, if the reception of 
these by the membership indicates that they are useful 
and desirable. 

b. Suggestion of the subject of "Group Control of 
Motors, Sectionalized Drive’’ as one which should be 
developed in a group of papers. 

c. The recommendation of subjects on “Power 
Factor and Load Factor, Their Control in Industrial 
Applications’’ for special development. 

The Chairman gratefully acknowledges the interest 
shown by the members of the Committee and the 
Institute Staff in their cooperation in carrying on the 
work of the past year. 

Appendix A 

A condensed summary of general progress in power 
applications as recorded in engineering publications 
during the past year. 

Trends in Industrial Motor Applications 

Through the cooperation of engineering departments 
of manufacturers, consulting engineers and electrical 
engineers in industrial plants, progress is being steadily 
made along the line of more efficient power drives and 
control equipment and drive arrangements better suited 
to the changing operating conditions or tending toward 
lower maintenance with improved operation from the 
standpoint of production in manufacturing operations. 

Outstanding points in this connection are, improved 
motor construction; modifications in motor applica¬ 
tions to speed up production; new types of control; 
improved resistors; new forms of limit stops and 
safety features in control applications; installation of 
automatic equipment in steel mill substations; ex¬ 
tended use of electric beating, and the like. 

Steel Mills. The most noteworthy feature of the 
electrification of steel mills has been the lai^e number of 
installations of new equipment that were started during 
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a year of comparatively dull times for the steel industry. 
This fact is a most striking indication of the economy 
and reliability of electric operation. 

The Westinghouse Electric & Manufacturing Com¬ 
pany reports that five reversing equipments have been 
sold, including two large reversing blooming mills, two 
roughing structoal mills and one finishing structural 
mill. This company further states that one of the 
greatest advances in the art was made this year when 
the company placed in operation a 500-h. p., single¬ 
unit, reversing motor, receiving its power from two 
2100-kw. generators operating in parallel. It has 
heretofore been considered necessary to drive one 
motor from a single generator, and if two motors were 
used two generators were required. By this new ar¬ 
rangement it is said to be possible to design both motors 
and generators to best meet their operating conditions, 
rather than to have the design determined by the num¬ 
ber of units of which the equipment is composed. 

A 40-in. and a 44-in. blooming mill are each being 
equipped, by this company with 7000-h. p., single-unit 
motors. These are said to be the largest single-unit, 
d-c. motors ever built. A 500-h. p., d-c. motor is being 
installed by this company to opiate at 165 to 500 
rev. per min., at any voltage from 220 to 250. This 
application is for a tire mill and constitutes a speed 
range of 3.7 to 1, which is exceptionally high for motors 
•of this capacity. 

The Allis-Chalmers Manufacturing Company of 
Milwaukee, Wis., reports that it has installed and put in 
successful operation three mill-type synchronous motors 
on main roll drives of steel mills. The motors are 
■coupled to the mills without the use of a clutch. 

By the addition of 45,360 h. p. (normal continuous 
rating) of main roll motors during the year, the total of 
Ceneral Electric main roll drives has been brought to 
over 700,000 h. p. This company reports that an in¬ 
stallation of particular interest is a 14-in. continuous 
merchant mill at the plant of the Jones & Laughlin 
St^l Corporation. The nine stands of this mill are 
driven by seven, adjustable-speed, d-c. motors. This 
mill will roll a very large tonnage of diversified products 
and the emplo 3 mient of individual drives with a very 
wide speed range is said to enable it to do the work of 
two or three less flexible mills. 

The 26-in. rail mill at the Sparrows Point Plant of the 
Bethlehem Steel Company was changed over from 
steam to electric drive by the installation of two 3000- 
h. p., 500-rev. per min., 660-volt, constant-speed, in¬ 
duction motors made by the General Electric Company. 

The Relknce Electric & Engineering Company re¬ 
ports that one of its most important application 
developments is an individual wire block driven by an 
adjustable-speed, d-c. motor with special automatic 
confxol equipment. 

Textile MiUs. An application of the brush-shifting 
motor to the operation of textile finishing machinery, 
where the operation of several motors in tandem may 


be required, is reported by the General Electric Cont- 
pany. In each case the speed of the main motor is 
controlled by push buttons through the operation of a 
pilot motor, which actuates the brush-shifting mechan¬ 
ism, while the speed of the other motor is controlled 
either mechanic^ly or electrically by the motion of a 
compensating gate or floating roll between sections of 
the machinery. 

Rubber Mills. The Westinghouse Electric & Manu¬ 
facturing Company reports that for the past two years, 
its mill drive using s 3 mchronous motors without clutches 
or brakes has proved highly satisfactory. This is said 
to be due to the use of d 3 mamic braking as a means of 
niaking safety stops, which has proved thoroughly 
reliable and effective. During the past year further 
improvements and developments in the control have 
been undertaken with a view to obtaining even greater 
reliability and quicker stopping. This company states 
that the development of a three-pole, double-throw, 
gravity-operated contactor makes it possible to use 
dynamic braking with either manual or automatic 
starters, the braking feature being entirely independent 
of any external control circuit or relay operation. 

The elimination of the use of low-voltage and other 
relays in the braking circuit, together with the use of 
gravity operation, is said to give a reliability exactly 
comparable with d-c. drive for calenders, which has been 
in use for so many years. 

iMmber and Woodworking MiUs. A variable-voltage 
log carriage, consisting of a d-c. motor and motor- 
generator set, has recently been installed on the Pacific 
Coast by the Westinghouse Electric & Manufacturing 
Co. The motor is rated at 35 h. p., and has a speed 
range of from 10 to 80 rev. per min. Power is supplied 
by a 30-kw., 320-volt motor-generator set. 

The General Electric Company reports that small, 
drawn-shell type motors of unusual speed were pro¬ 
vided for the operation of woodworking machinery. 
A typical application of this character consists of five 
small motors with operating speeds of 25,200 rev. per 
min., which are utilized by a single woodworking ma¬ 
chine, the current for the small high-speed motors being 
supplied by means of a frequency changer. The motors 
operate on three-phase, 240-volt, 420-cycle circuits. 

Paper MiUs. A new rotary contactor regulator for 
sectional paper-machine drive is reported by the West¬ 
inghouse Electric & Manufacturing Company. This 
regulator isanimprovementoverpast apparatus, in that 
great simplicity and a more flexible action is obtained. 

By the same company there has been placed in 
operation a paper winder drive with automatic regen¬ 
erative tension control fw sheets, including automatic 
regenerative and dynamic braking for the winder and 
unwinder. This is said to permit much faster operation 
of the winder and much better control of the finkhAH roll, 
as it produces a uniform tightness throughout. Thus is 
avoided the expense and annoyance of frequent re¬ 
placement of frictionbrakeliningsontheunwindingroll. 
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Also by the Westinghouse Electric & Manufacturing 
Company an automatic speed regulation of the vibra- 
tingregulator type for single motor paper maeW^A Hrive 
has been developed and placed in operation. The use 
of this device is said to make possible a degree of regula¬ 
tion not previously obtainable through inherent speed 
regulation characteristics of the motor and generator. 
This is a decided advance in the art and contributes in a 
marked degree to precision control, which is becoming 
of greater and greater importance in this industry. 

An installation of a sectional paper-machine drive, 
for a 175-in., 1000-ft. per min., Kraft paper machine, 
has been placed in operation by this company. This 
is the largest Kraft paper machine built to date. 

An installation of five automatic grinder load regula¬ 
tors for the control of as many 1800-h. p. synchronous 
motors driving pulp grinders has been plaped in opera¬ 
tion by this company. The control of the load on these 
machines is said to relieve the governors of the power 
plant of an enormous amount of work and to greatly 
improve the frequency and voltage regulation of the 
entire system. 

Industrial Haulage. Induction motors designed to 
give a high starting torque with a relatively low current 
and a high efficiency when operating imder load were 
applied for the first time to large systems of conveyers 
by the General Electric Company. 

The first haulage electrification of an open-pit iron 
mine in America was effected by the adoption of three 
60-ton, double-truck, 600-volt mine locomotives made 
by the General Electric Company at a mine of the 
M. A. Haima Mining Company at Duluth, Miim. 
These locomotives are provided with auxiliary cable 
reels, and current supply is effected by means of an 
overhead trolley. 

Machine Shops. With the improvement in cutting 
tools and quality of rails, has come a demand for more 
driving power for frog and switch planers. During the 
past year, the Reliance Electric & Engineering Com¬ 
pany has developed and applied motors in sizes up to 
100 h. p., 260-1000 rev. per min. to such planer drives. 
This company further states that reversing the motor 
drive with automatic control of such work means the 
elimination of belt troubles, ample power, accurate 
speed adjustments for a cutting speed range of 1 to 2, 
and a separate speed adjustment for return strokes from 
60 to 100 ft. per min. Quick return strokes reduce the 
non-productive operating time to one-third that of 
belt drive. 

A complete line of variable-voltage, reversing planer 
equipments has been developed by the Westinghouse 
Electric & Manufacturing Company. Each unit makes 
use of a separate motor-generator set; consequently, 
it is possible to install a variable-voltage equipment on a 
planer at any point in a plant having altemating-euirent 
service. Other outstanding features that this drive is said 
to have are a greater speed range, smoother acceleration 
and braking, and very simple control, combined with 


a power saving in service where reversals are frequent. 

Elevators. The General Electric Company reports 
that radical improvements were made in the operating 
characteristics of its high-speed elevator equipment. 
One of the principal difficulties in the past has been 
that the speed, on any one speed position of the control¬ 
ler, is decidedly variable with the load, being slowest 
when the motor is hoisting the maximum load and fast¬ 
est when the motor is being overhauled by the load. 
The improved system consists of a motor and motor- 
generator controlled on the Ward Leonard principle but 
with the novel feature of an auxiliary series generator by 
which a considerable degree of compo undi ng can be 
successfully applied to the main generator to an extent 
entirely impracticable to apply in the ordinary manner. 

A new gearless traction elevator motor for passenger 
service has been developed by the Allis-Chalmers 
Manufacturing Company. It is of the shunt-wound 
t3T)e designed for operation at slow speeds suitable for 
giving normal car speeds, using standard diameter 
sheaves. The system of control used is the Ward-Leon- 
ard requiring separate motor-generator set and vari¬ 
able-voltage control. 

Elevator equipment and the necessary control has 
been developed to such a point of perfection that speeds 
of 1000 ft. per min. are now entirely possible, is re¬ 
ported by the Westinghouse Electric and Manufactur¬ 
ing Company. In fact, there seems to be no reason why 
speeds cannot be increased up to the limit prescribed by 
the speed at which humans can be transported, ita 
vertical position, without discomfort. 

Oil Wells. The Westinghouse Electric & Manu¬ 
facturing Company reports that field tests of the Hild 
differential drive for oil wells have been made. Two> 
holes, 3700 ft. deep, are said to have been completed: 
successfully. 

This drive is designed primarily for rotary drilling.. 
Its function is the automatic regulation of the down¬ 
ward bit feed according to the resistance of the forma¬ 
tion encountered. Essentially, it consists of a differen¬ 
tial gear unit, two slip-ring motors and a rotary draw¬ 
works. One of the motors—^the drill motor—drives the 
rotary table which revolves the drill pipe and at the 
same time drives one-half of the differential. The 
other—the r^ulating motor—drives the other half of 
the differential. The two motors operate the differen¬ 
tial in opposite directions, the operating motor in a 
direction tending to raise the drill pipe and the dr illing 
motor in a direction tending to lower it. By adjusting 
tile speed of the drilling motor slightly higher than that 
of the regulating motor, a slow downward feed of the 
drill pipe is produced. If the resistance to the drill is 
increased due to change in formation, the increased 
load slows down the drill motor and a slower feed 
results. Conversely, a lighter load means a more 
rapid feeding of the bit. High resistance encountoed in 
drilling through hard rock causes the bit to rise until it 
clears itself. 
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Automatic CoritroUers. Because of the very nature of 
industry and the years of study of application and per¬ 
formance of motor devices and control, there is always a 
certain amount of development and refinement in 
controller design and construction that is accomplished 
through the increased knowledge of the requirements of 
industrial power drives. The year 1924 was no ex¬ 
ception with regard to progress and developments. 

One of the outstanding developments is the inductive, 
time-limit controller devised by The Cutler-Hammer 
Manufacturing Company of Milwaukee, Wis. In the 
design of this time-limit starter the inductive principle 
is utilized to obtain the accelerating time, a transformer 
being used in place of relays, interlocks, dashpots or 
other moving parts to control the time of acceleration. 
The manufacturer states that, through the medium of 
the transformer, a holding-out current of transient 
nature is obtained in successive accelerating switches. 
Transfer of connections takes place automatically with 
the cutting out of successive steps of resistance without 
disconnection of the coil circuits. It is said that in this 
new development, the acceleration period is very uni¬ 
form under ordinary conditions of load variations, the 
time being somewhat increased on heavy loads; thus the 
machine driven, whether reversing table, screw-down or 
other auxiliary machine, is always brought up to speed 
in the same period to insure the productive synchronism 
and plant efficiency desired. 

Another development in time-limit acceleration is 
reported by the General Electric Company in the case of 
a 300-h.p., a-c. motor on the hoist and a 75-h. p., 
a-c. motor on the trolley of a coal tower at Clairton, Pa. 
Cvurent-limit acceleration was previously used on this 
application and the change to time-limit acceleration 
was secured by using a suitable munber of d-c. contact¬ 
ors and allowing them to closfe in sequence, each one 
being interlocked through the preceding contactor. 
D-c. contactors were used to secure a slow time of 
closing, so that fewa* contact elements were required 
than would have been necessary with alternating-cur¬ 
rent contactors. No time element relays were used. 

Two forms of resistor-type magnetic starters for a-c. 
motors have been produced by the General Electric 
Company; one for squirrd-cage induction motors, and 
one for slip-ring motors, Mechanically, these startra-s 
are very much alike, the difference being chiefly in their 
coimections. They both employ a new t 3 T)e of time- 
element rday for the accelerating peiod, which can be 
adjusted to about six seconds. The rday consists of an 
armature that is drawn across the face of an a-c. 
magnet by a spring which is distended when the line 
contactor closes, ^e magnetism resulting from the 
idtemating current intermittently attracts and releases 
the armature as it slides by the pole face, thus giving the 
desired time adjustment. 

A great advance has been made in the control of 
blooming mill auxiliaries, by the installation of two 
entirely separate control drcuits, either of whidi can be 


used at will, is the report received from the Westing- 
house Electric & Manufacturing Company. Each 
master switch is plugged into a receptacle, and in case 
of trouble can quickly be replaced by a spare. A 
complete spare control panel is included which can be 
quickly transferred to any motor. 

Rimila-r information comes from the Rowan Controller 
Company of Baltimore, Md., in citing the case of a 
switchboard containing the necessary control equip¬ 
ment for the auxiliaries for a large blooming mill in the 
Cleveland steel district. A unique feature of this in¬ 
stallation is that all the controllers for the front and rear 
tables and the screw-down are exactly alike. An addi¬ 
tional spare control panel is provided so that by means 
of throwover switches this spare panel can be rapidly 
connected in place of any of the other similar controllers. 

A new type master has been developed by the 
Cutler-Hammer Manufacturing Company for use 
particularly with Cutler-Hammer magnetic-type con¬ 
trollers. This master is a compactly enclosed structure 
with a contact cylinder mounted on a square shaft. 
Standard non-stubbing contact fingers such as are used 
in CulHer-Hammer drum controllers, are mounted on the 
stationary support, theleadsto which they areconnected 
also remaining stationary. Pyroplax arc barriers are 
placed between the fingers and the contact segments 
which are automatically lubricated by means of an oil 
wick which holds sufficient oil for about six months use. 

A new automatic revising planer controller has been 
developed by this company. The scheme of control 
employed plugs the planer motor in stopping and 
reversing the planer, and the company reports that this 
results in the fastest method of operation. Two shunt- 
field rheostats are provided in the control—one is for 
regulating the ciitting speed and the other is for adjust¬ 
ing the return stroke speed. 

For several years past it has been evident that the 
trend of safety regulations is toward the enclosure of 
all types of motor starters and speed controllers. Dur¬ 
ing the year, the General Electric Company reports that 
work along these lines was practically completed, and 
the rem a in ing open-type starters and speed controllers 
were provided with either self-contained aiclosing cases 
with external handle or were redesigned to accommo¬ 
date enclosing cases when required. 

Monitor Thermaload starters, manufactured by the 
Monitor Controller Company, Baltimore, Md., are now 
being built with standard Monitor side-arm contactors 
instead of the special contactor previorisly employed. 
Hairpin-shaped thermal elements are also being sup¬ 
plied, instead of the coiled elements previously used. 

The thermal relay of the Monitor Thermaload starter 
operates on the thermal expansion principle. The 
heat produced by the thermal element tmder overload 
causes a liqmd confined in a tubular receptade to ex¬ 
pand and to elongate two espandon units. These 
expansion units in turn operate an arm containing two 
contacts which control the operating circuit of the 
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contactor. The liquid used is carbon tetrachloride, a 
non-corrosive and non-freezing liqmd which is used ex- 
tensivelyfor fire extinguishing purposes. This starter is 
intendedforstartingsmallinductionmotors, both single¬ 
phase and pol 3 T)hase, and is said to protect the motor 
agamst light overloads dangerously prolonged, yet per¬ 
mits the motor to carry heavy overloads momentarily. 

A new steel enclosed, dust-proof drum controller is 
being marketed by the C. H. McCullough Engineering 
Company, of Pittsburgh, Pa. This company reports 
that the diameter of the drum of this controller is ex¬ 
ceptionally large, giving a greater wearing surface and 
thereby increasing the arcing distance between points. 
This company also points out that due to its dustproof 
qualities the controller is especially adapted to f oundaries, 
steel works, cement plants and similar dusty locations. 

The Condit Electrical Manufacturing Company 
has announced that during 1924 it has arranged its 
t5T)e N-3 oil motor starters for push-button control, 
thus making them especially adaptable to industrial 
service. The type N-4 starter which was developed in 
1923 is now equipped with thermal cutouts. 

The Allen-Bradley Company of Milwaukee, Wis., 
has within the last year or so added refinements to its 
lines of a<u'oss-the-line starters, automatic starters and 
semi-automatic starters, according to reports received 
from them. It also informs us that these lines have 
been standardized so that they can be made on a large 
quantity basis at a very reasonable price and yet keep 
the same standard of quality for which these starters 
have been noted. 

Heretofore, fractional horse-power motors have, to a 
very large extent, utilized standard, wiring device 
switches, which were primarily designed for lighting 
circuits. A new design of single-pole and double-pole 
enclosed tumbler switches, assembled in boxes for 
conduit wiring for throwing small motors on the line, 
now gives these motors a class of control equipment 
comparable with that provided for large motors, 
reports the General Electric Company. 

This company also informs us that a new thermal 
overload relay was designed to follow the heating and 
cooling curve of the average induction motor, and that 
this is particularly adapted to service where it is impor¬ 
tant for the motor to carry heavy, short-time overloads 
intermittently, without being tripped out by the over¬ 
load device. It is said that this device will permit the 
motor to do any kind of work that does not run it above 
a safe operating temperature. 

The company states that it has developed a definite 
time relay which was utilized for the first time in an 
automatic compensator, and is now used to provide the 
accelerating period. It consists essentially of a motor- 
driven train of gears, magnetic dutch and switching 
mechanism to provide for either opening or closing the 
contacts at the end of the time for which the device is 
set, being adjustable from a few seconds up to several 


minutes, and adaptable to many applications where a 
definite time adjustment is needed. 

The Cutler-Hammer Manufacturing Company states 
that a complete line of control equipment for various 
sizes of lynn-Weichsel, altemating-cxnrent motors 
(made by the WagnCT Electric Corporation, St. Louis, 
Mo.) was brought out in 1924. For the smaller sizes, 
the face-plate t 5 q)e with the operating handle arranged 
for manipulating from the exterior of the enclosing 
case is used. A drum type starter is employed with 
the larger motors incorporating in its design non¬ 
stubbing fingers, a square steel shaft for canying the 
contact segments, and blowout shields. In all of these 
starters the design takes care of simultaneously cutting 
out resistance in each of the two secondary windings 
foimd in this type of motor. 

For the automatic control of motor-driven pumps, air 
compressors and the like, the General Electric Company 
has developed a new pressure governor for use in con¬ 
nection with automatic starters. This governor is of the 
Bourdon tube type, and can be used on any liquid or gas 
system which will not corrode the BourdoU tube. The 
equipment includes an “impulse” magnetically operated 
relay of a quick throwover type breaking its own opera¬ 
ting circuit as soon as it functions. 

Three, acrods-the-line, automatic starters have been 
placed on the market by the Sundh Electric Company 
of Newark, N. J., one having undervoltage release or 
undervoltage protection, the second in addition, having, 
inverse-time-limit overload thermal relay protection and 
the third being provided with inverse-time-limit 
overload relay protection. All these starters are manu¬ 
factured in either the open or enclosed type, two-pole or 
three-pole, for motors up to and including 10 h. p., 
220-440-550 volts. 

Heretofore this company's principal activities have 
been more or leas confined to furnishing control for 
large office buildinp and pump concerns. This com¬ 
pany now plans to enter the industrial market more in¬ 
tensively with the present line of equipment rounded 
out with the additions that have just been described. 

Ccmpemaiors. Two new automatic compensators 
have appeared on the market during the pastyear. One 
of these is a high-voltage compensator made by The 
Electric Controller & Manufacturing Company of 
Cleveland, Ohio. It is built for voltages of 2500 and 
below, is push-button operated and entirely automatic. 
With the exception of the overload panel, which is 
mounted on the top of the tank, the compensator is 
entirely submerged in oil and the tank is so designed 
that the compensator is said to be dustproof, weather¬ 
proof, vaporproof and fireproof. It may be installed 
e^ither indoors or outdoors. 

The power supply for the push-button circuit 
comes from an independent low-voltage circuit which is 
taken from a separate transformer so that there is no 
danger of the operator ever coming into contact with 
the high-voltage circuit. The compensator is so 



APPLYING ELECTRICITY TO INDUSTRIAL USES 


Transactions A. I. E. B. 


designed that continuous torque is applied to the motor 
from the time the push-button is pressed until the motor 
has been brought up to speed. 

A new automatic starting compensator for squirrel- 
cage induction motors, has been placed on the market 
by the General Electric Company. This motor starter 
IS for remote control of constant-speed, two- or three- 
phase, squirrel-cage motors up to 600 volts and general 
applications driving lineshafting, pumps, compressors, 
blowers, conveyors and the like. With it, such equip¬ 
ment may from a distance be started or stopped by 
means of one or more small hand-operated push buttons 
or snap-switches located within convenient reach of the 
operator or automatically operated by a pressure gov¬ 
ernor, float switch, thermostat or similar arrangement. 

Resistors. A ribbon-type resistor, wound on edge, 
has recently been developed by the Monitor Controller 
Company, Baltimore, Md., and is intended for service 
wh^e cast-iron grids would otherwise be employed. 
It consists of a high-resistance alloy ribbon, wound on 
edge in helical form and mounted on a steel-reinforced, 
porcelain support which passes through the entire 
length of the unit, supporting and separating every 
convolution at two diametrically opposite points. This 
method of construction relieves the resistor ribbon from 
mechanical strain and permits of thorough ventilation. 
The maker states that the ribbon will operate at any 
temperature up to red heat without sagging or in any 
way injuring the resistor as a whole. 

A system of terminals and taps enables a unit to be 
connected into a circuit, and to be interconnected 
with other units. Two simple forms of clamps provide* 
all these facilities. These clamps may be placed at any 
desired point along the resistor and changed at will. 
This permits of accurate adjustment of the resistance 
steps. The maker reports that a saving of weight and 
space is obtained by the use of these resistor^ as com¬ 
pared to east-iron resistors. These resistors are shown 
in an accompanying illustration. 

The EMB grid resistor, manufactured abroad, is 
being introduced by the C. H. McCullough Engineer¬ 
ing Company, of Pittsburgh, Pa. This resistor is made 
of dravra material and in one continuous length for an 
amount equal to one frame, or bank. The malfor 
states that it is unbreakable, rustless, scaleless, of uni¬ 
form section, jointless in the frame and is covered by a 
five-y^ guarantee. He also states that the weight of 
same is less than that of cast-iron grids of equal rating. 

Safety Svntehes. A new, small safety switch has been 
placed on the market by The Trumbull Electric Manu¬ 
facturing Company, of Plainville, Conn. This switch 
is now made in the 100-ampere, 250-volt size and will 
shortly be made in the 440- and 550-volt size. The 
maker reports that the switch is characterized by its 
small size, yet the parts are accessible since the switch 
may easily be removed from the box. The switch is 
constructed on the double-break principle, the blades 
being carried on a rotor made of molded material. 


A new line of quick-make, quick-break, enclosed 
safety switches has recently been put on the market by 
the Westinghouse Electric & Manufacturing Company. 
This line was designed to meet the demand for a sim¬ 
plified enclosed switch without the full safety features. 

This switch, known as the WK-60 switch, is unique in 
that the quick operating mechanism has been condensed 
into a few simplified parts, located inside the operating 
handle. The maker states that this feature alone is a 
marked advance in the design of safety switches, since 
it lends greaterreliability, lesser maintenance cost, andat 
the same time, increases the ease of plant operation with 
regard to inspection testing and the making of repairs. 

A new “Lumenized” finish has been added to the line 
of Bull Dog safety switches made by the Mutual 
Electric & Machine Company of Detroit, Mich. The 
company states that this finish involves the depositing 
of aluminum flakes, like tiny fish scales, upon the basic 
metal under high temperature. It is said that the 
result is giving the switch the following qualities: 
making it luminous in the dark; rust, acids, and alkalies 
resisting; easily grounded; and the last word in cleanliness. 

A new type of cross-bar construction has been incor¬ 
porated in safety switches made by the Square D 
Company of Detroit, Mich. A steel bar is heavily 
insulated with molded composition tubes, possessing 
not only superior niechanical strength but greater 
dielectric strength as well. This construction has an 
extremely low absorption of moisture, which is said to 
prevent warping and the consequent distortion of blade 
alinement. Wide fiber washers have been provided to 
prevent accumulation or adherence of dust, breaking 
up any continuous path of dust to ground. The 
insulating tubes have an offset at the ends so that dust 
cannot work in under the washers, thus causing leakage. 

During the past year the Super-Safety Electric Com¬ 
pany has developed a new design of safety switches of 
the larger sizes. Instead of the contacts being on the 
base of the cabinet, as is usual, they are placed on sides 
of the cabinet, thus leaving the base entirely clear. 
This constitutes the principal difference between the 
new switch and the more usual tjTpes of safety switches. 

The maker reports that this type of construction 
. results in the following advantages; greatly increased 
wiring space within the switch with, at the same time, a 
reduction in overall dimensions; double break—a 
break on each side of the fuse; greater flashover dis¬ 
tance between polarities; and perfect and even contact 
between all contact members by reason of their tandem 
arrangement and their self-alining construction. This 
switch is shown in one of the accompanying: illustrations. 

Ldmit Switches. A new safety limit stop has been 
developed by The Morgan Engineering Company, 
^liance, Ohio. This device consists of a cast-iron box 
in whiqh are mounted two double-throw, single-pole 
switch^. These two switches, when actuated by con¬ 
tact with the hook block, cause the limit switch to 
function. The maker states that tiiis limit switch 
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differs from others in that a resistance is thrown in 
series with the armature as the limit switch starts to 
function, thereby slowing down the armature and 
greatly reducing the amount of current broken by the 
contactors. Complete stopping of the hoist motor is 
accomplished by an usual arrangement of dynamic 
braking. The maker also points out that another 
feature of this limit switch is that the lowering circuits 
are established immediately upon the reversal of the 
controller through the action of a solenoid; there is no 
waiting to lower through resistance. Other features 
cited by the manufacturer are: absence of external 
b^ks of resistance, for the limit switch is self con¬ 
tained; positive action, since an upward movement of 
the weight of even a fraction of an inch will actuate the 
limit stop; foolproof, having only one adjustment; the 
use of extra large copper to carbon contactors; having 
only one swinging weight, guided by one of the hoisting 
ropes; and sequence of operation of the contactors 
obt^ed by a single system of levers, with no cams, 
springs or counterweights. 

The Cutler-Hammer Manufacturing Company of 
Milwaukee, Wis., reports a new development in safety 
limit stops which is said to be a compact, rugged unit 
with a number of features of great importance in the 
functioning of a safety device. The working parts are 
liberally designed and arranged to move freely, this ease 
of operation being still further insured by the provision 
of ballbearings. 

• Miscellaneous. A new quick-acting, electric, solenoid 
brake has been developed by the Whiting Corporation 
of Harvey, Ill. This brake was especially designed for 
application to crane service. 

The maker points out that the brake arms are so 
pivoted that the shoes release equally at all points; 
leaving no chance for shoes to drag at the lower ends. 
This is said to be a great advantage in applying the 
brake as the shoes bear equally at all points, resulting 
in quick braking action as well as uniform wear. 

Nichols-Lintem Company of Cleveland, Ohio, re¬ 
ports improvements in ite electromagnetie sander. An 
electrically-heated chamber has been placed around the 
sand box, thus keeping the sand warm and dry, thereby 
greatly increasing the efficiency of the sander. These 
Sanders are intended to replace dangerous and wasteful 
hand sanding methods and are said to save crane and 
runway maintenance. 

The use of static condensers for power-factor correc¬ 
tion in industrial plants has inamsed considerably. 
The Westinghouse Electric & Manufacturing Company 
reports that it has developed a new low-voltage unit 
which may be coimeeted at the motor or plane where 
the power is used, therebyredudngthelinelossesinthe 
feedercircuits. This new line of low-voltage condensers 
is made for 220-, 440-, and 650-volt, 60-cycle service. 

The National Electric Condenser Company of New 
Haven, Conn., is also putting out a line of low-voltage 
condensers for direct connection at the motor terminals. 


Automatic Substations. The automatic station has 
become firmly established as an economic, operating 
necessity in the electrical industry. With its inherent 
advantages established beyond dispute a marked 
advance in the application of this tsqje of control was 
made during 1924. 

There were no radical changes in the design of 
automatic switching equipments. The tendency dur¬ 
ing 1924 was to produce imit equipment which might 
be easily handled and installed, standardizing wherever 
possible. The General Electric Company reports the 
progress of standardization to such an extent that com¬ 
plete automatic stations for mining and industrial 
service are now being stocked. 

To meet the requirements for this class of service, 
the company states that one type of standardized 
design is so arranged that a single machine automatic 
control equipment may be used in either single- or 
multiple-unit stations with any number of reclosing 
feeders, thus giving maximum flexibility, since it allows 
of arranging converting units in any mannei* desired 
with a possibility of later re-arranging if called for by 
a change in load conditions. This may then be accom¬ 
plished without modifications of the control. 

Theater Dimmers. A combination stage dimmer and 
switchboard termed “Controlite” has recently been 
developed by the Ward Leonard Electric Company. 
A quick make and quick break switch opens the cir¬ 
cuit after the lights are dimmed. This simplifies the 
control of the lights by reducing the number of move¬ 
ments which the operator has to make. It has 
previously been considered good practise to dim the 
lights with one lever and reach elsewhere on the switch¬ 
board to open the switch. 

Space on the stage is limited and the control handles 
have frequently been placed eight and nine feet from 
the floor. Controlite by its simplification makes it 
possible to place all operating handles within easy reach 
of the operator. 

Motor Driven Dimmers. There has been ah increas¬ 
ing demand by the trade for motor-driven remote 
controlled dimmers to control the lights in the audi¬ 
toriums of moving picture theaters, churches and ma¬ 
sonic halls. The Ward Leonard Electric Company 
has developed several very efficient types of motor 
drive for their dimmers. 

Control Equipment 

A new line of motor and generator field rheostats 
has been completed by the Ward Leonard Electric 
Company. The smaller sizes are of the Vitrohm 
(vitreous enameled) tjrpe and the larger capacities 
are of the “Ribohm" (stamped metal grid type). Due 
to new developments in the art of enameled rheostat con¬ 
struction, the Vitrohm plates are made of stamped steel, 
instead of being of the former cast-iron construction. 
Many advantages are claimed as a result of this change. 

This company has also recently placed a dead-front 



690 


APPLYING ELECTRICITY TO INDUSTRIAL USES 


Transaetioas A. 1. E. B. 


type sectional battery charging panel on the market. 
It is especially adapted for charging electric vehicle 
batteries. The special features are compactness, ease of 
operation, and the total enclosure of all live parts. A 
unique design of enclosing cover renders all operating 
parts readily accessible when necessary. 

The Ward Leonard Electric Company has also pro¬ 
duced a line of totally enclosed contactor type motor 
starters which are unique in that the resistors form part 
of the enclosing case but are arranged so that all heat 
radiation takes place outside of the enclosure. 

Appendix B 

Motor Applications 

Engineering and Mining Journal Press has published the fol¬ 
lowing article on subjects listed: 

Industrial Haulage 

Determining Proper Mine Locomotive for Specific Service, 
Graham Birght, Nov. 18,1922. 

Scope—Factors to be considered in making selection of equip¬ 
ment of both storage battery and trolley types. 

Coal Age 

Specially Designed Motors for Larry Cars, Atwell, C. A., 
Peb. 14,1924, Vol. 25, p. 237. 

Motors for Mine Pans, B. W. Chadbourne, May 15, 1924, 
\rol.25p.722. 

Electrical Mine Machinery, T. F. McCarthy, Peb. 28, 1924, 
Vol. 25, p.307. 

Automatic Mine Electrical Equipment, E. J. Gealy, Jan. 17, 

1924, Vol. 25, p. 77. 

Air Lift Pumping, E. J. Gealy, Dec. 18, 24, Vol. 26, p. 868. 

Locomotive Control, H. H. Johnson, Sept. 11, 1924, Vol. 26, 
p.367. 

Operation of Mine Locomotives, P. L. Stone, Nov. 13, 1924, 
Vol. 26, p. 681. 

Pan Motor Applications, P. L. Stone, Nov. 6, 1924, Vol. 26, 
p. 644. 

Battery Locomotive Haulage, J. B. Hicks, Jan. 8,1925, Vol. 27, 
p.39. 

Savings made by Electricity, E. J. Gealy, Jan. 15, 1925, 
Vol. 27, p. 77. 

Aerial Tram for Rock Dump, P. H. Kneeland, Peb. 12, 1925, 
Vol. 27, p. 249. 

Coal Cutting and Loading Machines, N. D. Levin, April 2, 

1925, Vol. 27, p. 499. 

Huge Mine Hoist, Delbert Kay, April 9,1925, Vol. 27, p. 535. 

Flexible Coal Conveyor, N. D. Levin, May 7, 1925, Vol. 27, 
p. 675. 

American Machinist 
1-9. Cranes 

Direct or Alternating Current for Overhead Traveling Cranes, 
William L. Laing, Vol. 60, pp. 133-134. 

Advantages and disadvantages of each type—Selecting a crane 
motor with'characteristics to fit the work, speed, braking, over¬ 
load capacity, service and other characteristics. 

Solenoid Load Brakes for Crane Hoist Motors, H. H. Vernon, 
Vol. 61, pp. 23-24. 

Benefit of Synchronous Motors by L. J. Moore, San Joaquin 
Light & Power Corp., Application 5-2, Oct. 4,1924, Vol. 84,No. 
14, p. 733, 

Discusses induction motors—^recommends that they be instal¬ 
led to operate at full load—r-start without compensators. 

push Self-Starting Motors by J. C. Hobart, President, Tri¬ 
umph Electric Co., Application 2-2, March 14,1925, Vol. 85, No. 
11, p. 554. 

Solenoid load brake saves weight and space, electrical con¬ 
nections, regenerative braking by the motor. 


Electrical World 

Analysis of benefits of use of synchronous motors. 
Transactions A. I. E. E. 

Another New Self-Excited Synchronous Induction Motor by 
Val. A. Pynn, 1925, p. 64. 

A New Self-Excited Synchronous Induction Motor, p. 660. 
Brown^Boveri Miiteilungen 

Motors with Porced-Air Cooling by P. Suter, Jan. 1925. 

Journal of the Institution of Electrical Engineers, (England) 
Predetermination of the Performance of Induction Motors by 
D. B. Hoseason, March, 1925. 

Electric Journal 

Lap Windings with Unequal Coil Groups by C. R. Riker and 
A. M. Dudley, January 1925. 

Effect of Unbalanced Voltages on the Operation of Induction 
Motors by 0. C. Schoenfeld, January, 1925. 

Electritchestwo, 

Method of Starting Asynchronous Motors without a Rheostat 
by Prof. K. I. Shenfer, No. 2,1924. 

Transactions A. I. E. E. 

Complete Synchronpus-Motor Characteristics by John P. H. 
Douglas, EricD.Engeset and RobertH. Jones, Vol.43,1925, p.982. 
Electritchestwo 

Problem of Collectorless Direct-Current Generators by G. A. 
Akomovperetz, No. 8,1924. 

Transactions A. I. E. E. 

Squirrel-Cage Induction-Motor Core Losses by T. Spooner, 
Vol. 43,1925, p. 262. 

Electritchestwo (Russia) 

Single-Phase Collector Motor with Independent Excitation 
by A. V. Lebederv, No. 3,1924. 

Electrician (England) 

Steel and Electrical Engineering by Sir Robert Hadfield, 
December 5,1924. 

Journal of A. I. E. E. 

Electric Power Application in Pacific Northwest Pir Mills by 
J. L. Wright, December, 1924. 

Electric Railway Journal 

Boston “L” Woodworking Shop Uses Individual Drive, 
Dee. 27,1924. 

World Power (England) 

Power Utilization, December, 1924. 

Electrification of Roumanian Oil Field by A. Proea in Equip¬ 
ment, by P. A. Annett in Power, January 13,1925. 

Electrician (England) 

Skip Hoists by George Frederick Zimmer, December 26, and 
January 2,1925. 

Iron and Steel Engineer 

Main-Roll Drives in the United States and Canada, Jan. 1925 
Electrician, (England) 

Spinning and Weaving Mills by H. Puhrken, Peb. 27,1925: 
Electric Drive in the Cotton Industry by P. B. Holt, Peb. 27, 
1925. 

Elektrotechnische Zeitschrift 

Development of Electric Rolling-Mill Drive by P. Rohde, 
Peb. 12 and 19,1925. . 

Blast Furnace and Steel Plant 

Electric Motor Drives for Centrifugal Compressors by Gordon 
Pox, Jan. 1925. 

Operation of Electric Elevator Machines—^Traction Type. 
Revue GeneraJte de VElectridte, Noy. 29,1924. 

Industrial Electric Heating Installations in Publication, 
No. 24-80 of the N. E. L. A. 

Electrical World 

Electrifjdng Ten-Inch Merchant Mill by M. J. Wohlgemuth 
and M. H. Morgan, Jr., Westinghouse Electric & Mfg. Co., 
Application 1-1, Vol. 84, No. 10, p. 465, Sept. 6,1924. 

Details of power design and installation.* 

A Completely Electrified Foundry by E. J. Apperly,G. E. Co., 
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Los Angeles, Application 1-1, VoL 84, No. 11, p. 515, Sept. 13, 

1924. 

Description of installation in foundry of Alloy Steel and Metals 
Co., Los Angeles. 

Asynchronous Unity-Power-Factor Motor by Val A. Fynn, 
St. Louis, Mo., Application 5-2, April 18,1925, Vol. 85, No. 16, 

p. 816, 

Description and discussion of Fynn-Weichsel motor. 
Dual-Frequency Superealender Drive by W. H. Scott, Applica¬ 
tion 1-5, April 4,1925, Vol. 85, No. 14, p. 705. 

Electricity in a Modern Lumber Project by Prank Innes, 
Sessions Engineering Co., Chicago, Application 1-4, Jan. 17, 

1925, Vol. 85, No. 3, p. 137. 

0eneral Plan. Describes original installation generally. 
Electricity in a Modern Lumber Project—Part II, Application 
1-4,5-4, Jan. 24,1925, Vol. 85, No. 4, p. 199. 

Electricity in a Modern Lumber Project—^Part III, Application 
1-4,5-4, Vol. 85, No, 4, p. 199, 

Primary Distribution and Substations. 

Features of Electric Truck Motors by C. A. Atwell, Westing- 
house Electric & Mfg. Co., Application 1-6, Feb. 28, 1925, 
Vol. 85, No. 9, p. 453. 

Discussion of speed, efficiency, torque characteristics of 
motors used. 

Transformer Maintenance Schedule by Editor, Application 4-4, 
Jan. 12,1924, Vol. 83, No. 2, p. 87. 

Discusses maintenance routine and supervision of transformers. 
Electricity in the Oil Fields by W. G. Taylor, Industrial Eng. 
Dept., General Electric Co., Application 1-8, Feb. 2, 19^, 
Vol. 83, No. 5, p. 229. 

Type of motors, costs, Power consumption. 

Selecting Motors for Cotton Mills by W. S. Maddocks, Electri¬ 
cal Engineer, Lockwood, Greene & Co., Boston, Application 1-2, 
Feb. 9,1924, Vol. 83, No. 6, p. 273. 

Problems met and special features of motors used. 

Bonn sing Use of Synchronous Motors by Herbert, Application 
5-2, Vol. S3, No. 6, p.285. 

Control Applications 

Coal Age 

Care and Adjustment of Controllers, H. D. James, April 17, 
1924, Vol. 25, p. 580, Class 2. 

Dynamic Braking on Hoists, R. W. McNeill. Jan. 10, 1924, 
Vol. 25, p.35. Class 1. 

Avoiding Electrical Accidents, J. F. MacWilliams, Oct. 2,1924, 
VoL.26, p. 468, Class 4. 

Controls for Pumps, Hoists and Shovels, L. F. Stone, Nov. 20, 

1924, Vol. 26, p. 717. 

Automatic Reclosing Circuit Breakers, Raymond Howey, 
July 31,1924, Vol. 26, p. 152, Class 1. 

Protecting Mine Equipment, J. F. MacWilliams, March 19, 

1925, Vol. 27, p.431. 

Iron and Steel Electrical Engineer 
Direct-Current Hoist and Trolley Control for Ore Bridges by 
N. L. Mortensen, December, 1924. 

American Machinist 

1. Automatic Controllers 

2. Control Application 

Electrical Equipment for Machine Tools, John W. Harper, 
Vol. 61, pp. 261-264. 

Devices giving protection from overload—Dynamic braking— 
Push-button and jogging control—Alternating and direct-current 
motors and their uses—^Types of Winding. 

Principal Development in Shop Equipment, L. C. Morrow, 
Vol. 62, p. 89. 

Resume of first six months of 1924, marked by tendency to¬ 
ward greater use of motor-drive and push-button control. 

Machine Tools with Built-In Electrical Equipment, John W. 
Harper, Vol. 62, pp. 780-782^ 


Changes of motor drive in machine tools, Individual drive 
replaces group drive. Increased use of machines having motors 
built in, Auxiliary motors used on large tools. 

Electrical Equipment for Machine Tools, John W. Harper, 
Vol. 61. pp. 261-264. 

Conclusion—Devices giving protection from overload. Dy¬ 
namic braking, Push button and jogging control, Alternating 
and direct-current motors and their uses, Types of winding. 

Swing Frame, Portable and Hand Grinding Machines, Special 
Correspondent, Vol. 61, pp. 645-648. 

Early swing frames, Greater freedom of movement needed, 
More power and better wheels required. The electric motor and 
the solid wheel aid in development. 

Principal Developments in Shop Equipment, L. C. Morrow, 
Vol. 61,p.89. 

Resume of first six months of 1924, marked by tendency 
toward greater use of motor drive and push-button control. 

Developments in Shop Equipment, L. C. Morrow, Vol. 62, 

p.81. 

Resum6 of last six months of 1924, marked by trend toward 
the use of the motor drive and the adaption of ball bearings. 

1-10. Machine Tools 

Electrical Equipment for Machine Tools, John W. Harper, 
Vol. 61, pp. 215-217. 

General features—Characteristics of various types of motor 
controllers. Duty each type is best fitted to perform. Under¬ 
voltage protection. Magnetic or push button control. 

Electrical World 

Automatically Controlled Asbestos Mill by A. A. St. Aubin, 
Canadian Comstock Ltd., Application 2-1, March 28, 1925, 
Vol. 85, No. 13, p. 655. 

Description of plant and system of control from one control 
room. 

Power 

Machine Tools with Built-In Electrical Equipment, John W. 
Harper, Vol. 62, pp. 261-264. 

Changes of motor drive in machine tools. Individual drive 
replaces group drive. Increased use of machines having motors 
built in. Auxiliary motors used on large tools. 

2. Control Applications 

Operation and Care of Drum-Type Manual Controllers for 
Motors by H. D. James, March 4,1924. 

Operation and Care of Cam Type Manual Controllers for 
Electric Motors by H. D. James, March 25, 1924. 

Limitations of Manual Controllers for Electric Motors by 
H. D. James, April 29,1924. 

Control of Auxiliary Drive Motors, A. L, Harvey, May 13, 
1924. 

Engineering and Mining Journed’^Press 

Reclosing Equipment for Mines, E. L. Hough, April 14,1925. 

A discussion of the characteristics and design of the various 
types in use. 

Electrical World 

Dual-frequency Superealender Drive Increases Production 
25 per cent. Application 1-5, 3-a, Nov. 15, 1924, Vol. 84, 
No. 20, p. 1048. 

Description of Installation at Kalamazoo Paper Co. 

Mechanical End of Motor Drive 
American Machinist 

3. Mechanical End of Motor Drive 
3-1. Lineshafting 

3-1-b. Bearings 

Advanced Practise in Anti-Friction Bearings, P. W. Lieber- 
mann, Vol. 60, pp. 333-334. 

Data on .two important conveyor installations, Application 
to electric motors. Desirability of making comparative tests in 
laboratory. 
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Bearing Pressures and Friction, Louis Ulmer and Leonard N. 
Linsle 3 ^ VoL 61, pp. 959-962. 

Abstract of two papers presented at A. S. M. E, annual meet¬ 
ing, Effects of quality and quantity of oil. Friction eoeffieient, 
Ultimate load capacities and breakdown pressures. 

Pi*incipal Developments in Shop Equipment, L. C. Morrow, 
Vol.62,p.81. 

Resume of last six months of 1924, marked by trend toward the 
use of motor drive and the adoption of ball bearings. 

Installation and Maintenance of Ball Bearings, H.N. Parsons, 
Vol. 62, pp. 731-732. 

Care in handling. Instructions covering application, Removing 
and cleaning bearings, Lubricants; the lands to use and the 
kinds to be avoided and the reasons therefore. 

3-2-b. Leather Belts 
American Machinist 

Slip, Friction and Stretch Tests for Leather Belting, L. C. 
Moitow, Vol. 60, pp. 469-471. 

How the slip test is performed. Measuring stretch. Determina¬ 
tion of coefficient of friction, Example of an overload belt run¬ 
ning without tension on the slack side. 

Belting Standardization at the Du Pont Plants, William 
Staniar, Vol. 60, pp. 977-978. 

Installations made and tested under severe service conditions 
to compare various makes and grades, Purchases made on basis 
of record, Description of system. 

3-3. Gearing 
3-3-a. Speed Reducers 

Annular Gearing, Its Design and Application, P. H. Bryant, 
Vol. 60, pp. 125-128. 

Principle and method of operation, action of the gear teeth, 
points of design of annular gear sets, construction employed to 
give uniform speed. Applicable to drives requiring large I’e- 
duction ratios. 

Laboratory Tests of Non-Metallie Gears, R. H. Moyer 
Vol. 60, pp. 505-507. 

Work done to determine strength and endurance. Evolution 
of the testing equipment. Tests for vibration and the effects of oil 
Reproducing service conditions. 

Worm Gear Reductions for Heavy Service, H. Edsil Barr, 
Vol. 60, pp. 931-932. 

Description of reducer in restricted position from 100-h. p. 
motor to 60-in. rubber mill. 

Spur Gear Speed Reducers. What Ai’e They? Why and Where 
Are They Used? Warren G. Jones, Vol. 61, pp. 689-690. 

Range of reduction ratios. Straight line and offset drives. Origin 
of the inclosed reducer, Advantage in space economies, Compara¬ 
tive cost and upkeep. 

Wear of Reduction Gear Teeth Measured from Plaster Casts, 
H. B. Chapman, Vol. 62, pp. 51-52 
How an accurate east of helix or tooth can be made, Method 
serves to keep complete record of reduction gear wear. 

3-3-b. Chains 

The Application of Silent-Chain Drive to Machine Tools, 
Charles W. Weiss, Vol. 61,’ pp. 873-876. 

Development and characteristics of the bushed silent chain. 
Advantages of silent chain drive, Applications of silent chains 
to macliine tools, Principles of automatic chain tightener. 

An Improved Design of Chain Sprocket Teeth, Charles W 
Weiss, Vol. 61, pp. 993-996. 

New tooth form results in considerably increased chain life. 
Principles applicable to out teeth as well as cast teeth, Pitch 
line clearance and pressure angle. 

Manufacturing Silent Chain Parts, C. J. Priebe, Vol 61 
pp. 145-148. ‘ * 

Where silent cham is used, Applications for power transmis- 
MOEl, Wide adaptability, Heavy, high-speed and large reduction 
installations. Use on machine tools. 

3-4. Direct Drive 3-4-a. Couplings 


Safety Couplings for Machines Drives, P. Osgood Hickling, 
Vol. 61, pp. 921-923. 

Devices to prevent damage to machines when drives or feeds 
are overloaded and which take the place of the braking pin in 
light machines. 

3-4-b. Clutches 

Formulas and Data for Friction Clutches, George W. Di-ake, 
Vol. 61, pp. 955-957. 

Formulas and data for cone, split-ring and disk friction 
clutches. Practical examples of the formulas. 

Coal Age 

Anti-Friction Bearings Low^er Transportation Costs, F. H. 
Kneeland, April 24,1924, Vol. 25, p. 603, Class 1-b. 

Twin-Rope Slap Hoist, H. F. Hebley, A. T. Allen, June 26, 
1924, Vol. 25, p. 935, Class 2-e. 

Prolonging Life of Wire Rope, L W. Bevan, June 12, 1924, 
Vol. 25, p. 872, Class 2-e. 

Power 

3. Mechanical End of Motor Drives 
Relative Merits of Different Typos of Motor Bearings by 
F. E. Boyd, April 22,1924. 


Substation 

Coal Age 

Plashing of Substation Generator, E. B. Cameron, Juno 12, 
‘ 1924, Vol. 25, p. 887, Class 5-e. 

Automatic Substation Equipment, Chester Litchlenberg, 
June 19,1924, Vol. 25, p. 912, Class 6. 

i^otecting Converters & Motor-Generator Sets, N. S. Taylor, 
April 10.1924, Vol. 25, p. 545, Class 6. 

Fitting Switchboards to Appliances, W. L. Newmeyer, August 

7.1924. Vol. 26, p. 184, Class 6. 

Preventing Transformers from Burning up, D. E. Kenworthy, 
July 10.1924, Vol. 26, p. 57, Class 4. 

Power 

Transformers Connected for Operation on a Two-Phase 
Circuit by B. A. Briggs, Jan. 15,1924. 

Some High Points of Modern Transformers by Arthur Palme, 
March 11,1924. 

Transformers Connected for Operation on a Tlu^eo-Phase 
Circuit by B. A. Briggs, April 22,1924. 

Grounding Transformer Secondaries by J. B. Gibbs, August 

26.1924. 

Special Applications of Standard Transformers by J.« B. 
Gibbs, November 25,1924. 

High-Power Mercury-Arc Rectifiers by F. C. Bailey, January 

22.1924. 

Scherbius Controlled Induction-Synchronous Frequen<*y Con¬ 
verter by R. E. Greene’ February 17,1925. 

Electrical World 

Fields for Power Sales Development by E. W. Lloyd, Com¬ 
monwealth Edison, General, Sept. 13, 1924, Vol. 84, No. 11. 
p. 518. 

Description of various power applications of electricity 
possible. 


Electric Power 
Coal Age 


Distribution Systems 
Plants 


IN 


Industrial 


Mine Power Plant Generates Cheaply, C. L. Moorman, Feb. 7, 
1924, Vol. 25, p. 210, Class 4. 


Wasted Power, A. J. Hoskins, April 3, 1924, Vol. 25, p. 498, 
Class 4. ^ ^ 


Mine Generated Power, A. J. Hoskins, May 1,1924. Vol, 25. 
P.63L 


Generate Power Safely, H. F. Hebley, and A. Allen. July 3. 
1924, Vol. 26, p. 3, Class 6. 
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Bonds for Tracks, J. B. Anstin, July 3, 1924, VoL 26, p. 330, 
Class 6. 

Eleeirie Mine Equipment Guarded Against Delays, E. J. 
Gealy, July 24,1924, VoL 26, p. 117, Class 6. 

Mining Co. Generates more Power Than Public Utility, 
E. J. Gealy, July 17,1924, VoL 26, ]>. 82, Class 6. 

Dangers of Ground Curjents, E. E. Jones, Oct. 23, 1924, VoL 
26, p. 574, Class 6. 

Central Metering Point Saves Power Costs, A, MacDonald, 
December 4,1924, VoL 26, p. 793, Class 3. 

Choosing the Pi'oper Power Contract, W. H. Russel, Sept. 25, 

1924, VoL 26, p. 437, Class 3. 

Reducing Energj^ Consumption of Mine Apparatus, W. H. 
Russel, Oct. 9,1924, VoL 26, p. 499, Class 4. 

Mines can Generate Power Economically, C. H. Matthews, 
Jan. 1,1926, VoL 27, p. 11, Class 4. 

Powder Factor Correction at Mines, W. B. Synder, Peb. 19, 

1925, VoL 27, p. 2S1, Class 2. 

Dangers of Stray Chirrents, C. »S. Hurter, Feb. 19,1925, VoL 27, 
p. 284, Class 4. 

Static Condensers Cut one-third off l^)wer Bill, E. J. Coaly, 
May 14, 1925, VoL 27, p. 709, Class 2. 

Power 

Making Electrical-Maehiueiy Tests in Industrial Plants b>' 
J. Elmer Housley, Dec. 2,1924. 

Testing Direct-Current Motors by J. Elmer Housley, Jan. 20, 
1925. 

Testing Alternating-CUirrent Motors by J. Elmer Housley, 
Fob. 24,1925. 

Selection, Use and Care of Recording Electrical Motors by 
J. Elmer Housley, May 5,1925, 

How to Calculate Three-Pliase Power Distributing Circuits by 
J. B, Berger, June 24,1924. 

Application of Static Ckmdensers to Power-Factor Correo 
tion by R. E. Marbury, April 28,1925. 

Elvctriml World 


Power-Factor Correction in Practise—I, by L. W. W. Morrow, 
Application 5-2, Nov. 22,1924, VoL 84, No. 21, p. 1096. 

AnaL'sis of practical, accomplishments in industrial power 
factor correction. 

Practical Ways to Correct Power Factor b.y H. B. Dwight, 

Application .5-2, Dee. 6,1924, VoL 84, No. 23, p. 1199. 

Discussion of .s 5 Uichronous motors and other correcting 
methods. 

Economies of Power-Factor Correction by Raymond Schulze, 
Ducjuesiie Light Co., Application 5-2, Dec. 15, 1924, VoL 84, 
No. 24, p. 1247. 

x\na.lysis of powei-factor correction methods. 

Economic Aspects of Power-Factor Correction by Al S. Knight, 
Boston, Application 5-2, March 28,1925, VoL 85, No. 13, p. 662. 

Discussion of po'wer j’ate problem. 

Secondary Power Distribution, Application 2-1, Jan. 24, 1925. 

Description of raotoi* a.i)plieatious and control systems. 

Benefit.s of Powei-Factor C-orrociion by A. M. Perry and H. C. 
Aiidoison, Application 5-2, Feb. 14,1925,Vol 85, No. 7, p. 34.5 

Description of expedience with correction methods in various 
iiulustriiil plants. 

H<»w central-stations .should encourage high power-factor in 
industrial plants, Bristol Dwight, Fob. 9,1924. 

Selection of Corrective Ecpiipmeiit by M. A. Hyde, Westing- 
house EJe(\ & Mfg. Co., Apjdicatinn 5-2, March 8,1924, VoL 83, 
No. 10, p. 472. 

Coin]>arisoji between Static C’ondeu.sers and Synchronous 
Condensers. 

Pciwer C'osts in Cotton Mills by Editor, Application 1-2, 
MarcJi 29,1924, VoL S3, No. 13, p. 621. 

Surva^y of Conditions in Twenty Mills. 

Modern Hotel Pileotriflcation by Karr Parker, Manager, 
McC’artliy Bros. Ford, Application 1-7, August30,1924, VoL 
84, No. 9, p. 405. 

Diseusso.s electrical application for elevators, ventilation, 
lighting with wiring diagrams. 


Electricity’s Progress in the Iron and 

Steel Industry 

By Conainittee on Applications to Iron and Steel Production^ 


A t the first meeting of this Committee held in the 
Schenley Hotel, Pittsburgh, Pennsylvania, Sep¬ 
tember 17, 1924, every member being present, 
it was agreed that the Aimual Report for 1924-25 
should be a topical consideration of progress during the 
current year, and the field was duly apportioned to the 
several members of the Committee. 

One of the papers secured by the Committee and 
deserving of special mention in this Report is that, 
prepared and presented by Mr. K. A. Pauly before the 
Annual Convention at Pasadena, California, September 
1924, entitled "Contributions of Electricity to the Steel 
Industry.” 

1. Annual Report of Committee on Applications to Iron and 
Steel Production. 

F. B. Crosby, Ohairman 

B. Gordon Fox, B. S. Jefferies, G. B. Stoltz, 

Bugene Friedlaender, D. M. Potty, J. D. Wright. 

A. G. Pierce, 

Presented at the A, /. E, E, Annual Convention^ Saratoga 
Springs^ N. Y., June $4* 


It was also agreed that each member of this Com¬ 
mittee should actively interest himself in arranging for 
one or more joint meetings of the Local Sections of the 
A. I. E. E. and the Association of Iron and Steel 
Electrical Engineera (A. I. & S. E. E.). 

Although many members of this latter organization 
are also members of, the A. I. E. E., your Committee 
was of the opinion that closer cooperation and unity 
of interests might be brought about by the formation on 
the part of the Association of Iron and Steel Electrical 
Engineers of a committee empowered to act directly 
with your Committee in all matters relating to the 
mutual interests of the two organizations. 

This matter was brought to the attention of your 
Board of Directors, who, on September 26, 1924— 

Voted: That the Board of Directors recoguizes the impor¬ 
tance of the work being carried on by the Association of Iron and 
Steel Electrical Engineers in the industry with which it is 
associated, and appreciates the desirability of closer cooperation 
between the Institute and the A. I. & S. E. E., and requests its 
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Committee on Applications to Iron and Steel Production to 
consider and report to the Board methods of cooperation between 
the two organizations and means of bringing it about. 

This action on the part of the Directors was duly 
transmitted by this Committee to the Board of Direct¬ 
ors of the A. I. & S. E. E., who, through an incomplete 
appreciation of the objects in view, at first rejected this 
suggestion. Further consideration, however, has re¬ 
sulted in the consent of the Directors of die A. I. & 
S. E. E. to give the proposition more thorough study 
before taking final action. 

Every twelve month period shows the steady and 
truly remarkable, if not always spectacular, increase 
in the application of electricity in the manufacture of 
steel. The current year of 1924-26 has been no excep¬ 
tion. Generally speaking, however, the growth has 
been along lines already well defined and presents little 
that is fundamentally new or novel. 

I. Generating Units 

The Steam turbine continues to hold first place as a 
prime mover in the steel plant. That there has been a 
substantial increase in the generating capacity of steel- 
mill power plants is evident from the fact that one 
manufacturer reports the sale during this past year of 
fourteen xmits ranging from 750 to 15,000 kw. and 
aggregating 111,000 kw. 

It is an open question, however, as to whether the 
greato economies which are being sought throughout 
the industry may not, together with improved design 
of engines and gas cleaning equipment, bring the slow 
speed gas engine back into favor. The economic value 
of bl^t furnace gas is increasing, due to its successful 
use in various metallurgical processes, soaking pits, 
heating furnaces, etc. This increasing value will 
automatically necessitate its use at the highest possible 
efficiency and as a given quantity of gas can be con¬ 
verted into more kw-hrs. of electrical miergy through 
a gas engine than when burned under a boiler, the 
return of the gas engine, in spite of its present high 
first cost and maintenance charges, is a possibility. 

Very satisfactory progre^ is being made in the 
devdopment and use of Diesel Engine units up to 
6000-kw. capacity. 

II. Distribution 

No marked improvements in distribution have been 
reported, but the use of purchased power has rapidly 
increased as the size and reliability of commercial 
power systems has increased. Largely for this reason, 
60-cycle current now predominates. 

Automatically controlled railway and power sub¬ 
stations have been in successful operation for several 
years, and during ^e past year there have beeu in¬ 
stalled several such equipments in steel plants. One 
large steel plant has changed over aU of its mi^.Ti'ttal 
stations, involving five motor-generator sets and a large 
number of a-c. and d-c. feeders, to full automatic 
control. At another plant a full automatic substation 


has been installed to control two 1000-kw. motor- 
generator sets and all a-c. and d-c. feeders. A third 
plant has installed three equipments for the operation 
of motor-generator sets and feeders. This increase in 
the use of automatic substation control has been due 
primarily to the extreme reliability of operation, to- 
gethCT with the operating saving that can be shown, as 
compared with manual control, to take place where 
power is used, thereby reducing the line losses in the 
feeder circuits. 

III. Main-Roll Drives 

To an even greater extent than usual, this past year 
has been marked by a replacement of existing engine 
drives by modem electrical equipment. The sturdy 
induction motor still meets, in some one of its .several 
forms, most requirraients for main roll drives, except 
for reversing mill duty where, of course, nothing is 
likely to replace the d-e. machine with generator field 
control. 

The growing demand for high tonnage mills with 
great flexibility in range of product is, however, re^ 
quiring more and more adjustable speed, d-c. motors 
and this in turn is giving more importance to the rela¬ 
tive merits of motor-generators, rotaries and mercury- 
arc rectifiers as a means of transforming from alter¬ 
nating to direct current. For certain types of mills 
the synchronous motor is ■ being considered very 
favorably, although no installations of importance have 
as yet been made. 

The following tabulation includes only main-roll 
motors on a continuous rated basis in units above 300 
h. p. as reported by the three principal electrical 
manufacturers in this country up to June 1, 1925. 

1923 1924 Jil25 

. 452840 478390 S434-10 

M oy^. 475826 490225 .5384fH) 

Direct current. 299670 324860 430010 

. 1228335 1293475 1512500 

It is interesting to note that out of 95,225 h. p. 
reported by one company as sold during the year units 
(13) totaling 23,750 h. p. or approximately 25 per cent 
of the total represents motors which have been pur¬ 
chased to replace existing steam engine drives. 

For the operation of a continuous skelp mill there 
has been purchased a 7500-h. p. induction motor with 
Kraemer speed regulating set to adjust the speed of 
this motor from 260 to 134 rev. per min. This is the 
largest motor with Kraemer equipment that has ever 
been built. 

Another manufacturer reports the construction of a 
6000-h. p., 75/160-rev. per min. motor for reversing 
service built with a single armature and supplied at 
700 volts from two generators in parallel forming a part 
of a three-imit set. 

This is a distinct departure from the usual practise 
of having several armatures connected in series where 
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units of this size are involved. This motor replaces 
an engine on a 48 in. universal plate mill. 

Other notable units reportedby this manufacturer are: 

2—3500 h. p.—60/120 r, p. m.—700 volt—^L'evershig units 
2—5000 h. p.—^25/160 r. p. m.—700 volt—^reversing units 
1—6000 h. p.—60/120 r. p. m.—^700 volt—^reversing imit 
4—7000 h. p.—50/120 r. p. m.—700 volt—^reversing units 
1—8000 h. p.~~40/80 r. p. m.—^700 volt—^reversing unit 

Physically, the 7000 h. p. motors are the largest single 
armature reversing motors yet built and the 8000 h. p. 
will be, when completed, approximately 50 per cent 
larger. This latter motor will drive a 54 in. blooming 
mill which is likewise the largest mill of the kind in 
this country. 

Anotha* notable installation is reported by the same 
manufacturer, namely, a tandem hot-strip mill driven 
by one 1500 h. p. induction motor and six individual 
adjustable speed d-c. motors with an aggregate rating 
of 10700 h. p. for the d-c. machines which are of the 
compensated type. 

A strong and sturdy yet easily opiated foot-master 
switch has been developed for the control of reversing 
mill motors. The use of a foot-operated master switch 
requires one less operator in the mill pulpit than with 
a hand-operated controller and some mills have also 
found that production is increased as the concentration 
of control to one man permits closer coordination of 
the various operations. 

Two speed regulating equipments of the frequency 
converter tsrpe are being built for use with existing 
600 h. p. motors. 

Truck-type switching equipment is being used to a 
greatly increased extent in many mills. Less time is 
required for assembly in the field, greater safety is 
secured as live parts are better protected and shut¬ 
downs are fewer as a spare truck may be kept available 
to quickly replace a damaged one. 

IV. Automatic Control 

An interesting tendency in aumliary mill-motor 
control is toward the use of time limit acceleration 
instead of current limit which has long been the ac¬ 
cepted standard. In one system the time interval be¬ 
tween the closing of successive accelerating contactors 
is secured by an ingenious application of the well- 
known principle that when a constant d-c. potential is 
applied to a circuit containing inductance, an appre¬ 
ciable time elapses before the current reaches its 
maximum value. 

Another control, system recently placed on the 
market secures the time element of acceleration by the 
delay in building up or down of a magnetic field, when 
the relay coil is short-circuited, a definite time is 
required for the flux to decrease to a point permitting 
the release of the relay armature. This armature is 
forced out by a spring of adjustable tension which, 
together with other features, gives a tuning range of 
0.2 to 2.0 seconds for the relay. Once adjusted, this 
timing remains constant under all operating conditions. 


In one case where this control was substituted for a 
series-contactor control, the current peaks were re¬ 
duced from nearly 800 amperes to a maximum of 
approximately 350 amperes. This reduction in current 
peaks is due to the fact that, with the series-contactor 
control, it is necessary to set the contactors to close 
at a relatively high value of current in order to take 
care of maximum load conditions which are encountered 
when a mill is first started. This adjustment usually 
is not changed after the mill has been limbered up, and 
as a result the motor and control are forced to handle 
all loads with the same effort as required for the maxi¬ 
mum load. With a definite time control, the motor 
is forced to exert its maximum torque only when the 
load conditions demand it. 

V. Yard Electrification 

The search for the best all around system of yard 
transportation continues slowly because of the exces¬ 
sive investment charges. Installations now in opera¬ 
tion for two years or more seem to have demonstrated 
conclusively that a third-rail system can be operated 
successfully in a steel-plant yard without excessive 
maintenance charges or danger to employees. The 
first cost is high—approximately one dollar ($1.00) 
per foot of trackage electrified. 

The development of the Diesel Electric Locomotive 
for this purpose is proceeding very satisfactorily. 
When production permits reasonable first costs, its 
very attractive operating characteristics will un¬ 
doubtedly bring it into general use in steel plants. 

VI. Eiectric Heating 

With the expiration of patents covering certain 
alloys of great value for use in resistor units, the 
development of aimealing and heat-treating furnaces 
has received marked impetus. Furnaces of large 
capacity with tmperatures of 1800-2000 deg. fahr. 
are being installed in considerable numbers. 

Two electric furnaces for the continuous hardening, 
quenching and tempering of carbon-steel wire have 
been recently installed in wire mills. This process 
results in a higher quality of wire than when treated in 
a gas-fired furnace. A bright unoxidized surface on the 
wire is produced. These are the first electric furnaces 
to successfully do this work and have proven economic¬ 
ally desirable as well as producing a more satisfactory 
product. 

VII. Arc Welding 

The use of arc welding as a means of repair of worn 
and broken parts in steel mills has shown a great increase 
within the past year. The savings effected by arc 
welding of a single worn or broken part in a number of 
cases more than paid for the first cost of the welding 
equipment. A number of steel plants are using the 
automatic arc-wddirig process for the building up of 
worn shafts and similar operations. 
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VIII. Electric Furnaces that frequencies approximating 500 cycles will melt 

Conditions in the development of “arc furnaces” for metals on a commercial basis with very good efficiency, 
melting steel and iron have become fairly well standard- For instance, common brass has been melted starting 
zied, both as to installed kw. per ton, voltage between with a hot crucible With power consumption of ap- 
electrodes, etc. Continued investigation of the two- proximately 225 kw-hr. per short ton—and other 
voltage system of operation, a high voltage for melting metals in proportion. 

followed by a low voltage for refining, indicates that The equipment is simple, consisting of a motor 
there is no deleterious effect on the product while there generator set taking power from standard power circuits 
is a decided saving in the power and electrode con- and suppljdng approximately 500-kw. single-phase 
sumption, together with the time required to make a to the furnace. The furnace consists of a standard clay 

.c L . . graphite crucible, as developed for steel melting, with 

In this fi6ld; there continues a steady, if slow, heat insulating casing around which is placed an 
development of low frequency “induction furnaces” for edge-wound copper strip coil. To the terminals of 
making high grade steels and alloys, but the field of this coil is applied 900 or 1800 volts at 500 cycles, single 
high frequency induction furnaces has witnessed one phase; a capacitor unit being connected across the 
of the most interesting developments of recent years. coil in order to bring the power factor up to approxi- 
For many years it was thought that the high fre- mately 100 per cent, 
quency induction furnace could not operate success- In view of this recent development, no definite data 
fully m melting me^s at frequencies lower than 5000 are available, but it is confidently expected that this 
cycles. However, it has recently been demonstrated condition will be changed in time for the next report. 

Advances in Use of Electricity in Mines 

By Committee on Applications to Mining Work* 

There seems to be very little constructive work for 
the committee on mine applications. This field has 
been very well covered by other organizations; thus 
it would seem that the only work left for this committee 
is to keep constant watch on the development and assist, 
whenever possible, in the improvement of mine 
electrification. 

During the year there has been no outstanding and 
novel development in the application of electricitv to 
mining projects, but, on the other hand, there has been 
a steady and healthy growth of this application. Larger 
projects have been undertaken and put through to a 
successful finish than evCT before. One notable in¬ 
stance is the five-mile belt conveyor imderground at the 
Colonial Mine of the H. C. Frick Coke Co. Here we 
have coal transmitted on a belt conveyer from the mine 
face to the docks, a distance of approximately five 
miles, on twenty sections of conveyer at a speed of 
450 to 600 ft. per minute. This conveyer has a potential 
capacity of some 10,000 tons per day. It has been in 
operation for some considerable time and can be 
stamped as entirely successful. 

Another notable installation is that of the largest 
coal mine hoist in the world; namely, the 4000-h. p. 
Wmd-Leonard coal mine hoist which operates in the 
Orient No. 2 Mine of the Chicago, Wilmington & 
Franklin Coal Co. 

The Old Coal Co. has purchased three 2200«h. p. 
coal mine hoists, two of which are in operation, the 
third to be installed shortly. 

From a busing standpoint, the bituminous mining 
industay finds itself today in a very unfortunate 
condition. 


T he work of this committee is, of necessity, limited 
vety largely to the securing of papers from represent¬ 
ative mining en^neers. 

During the year several such papers have been 
presented, including one by W. C. Adams of the Allen & 
Garcia Co., on “Coal Mine Electrification;” one by 
Shelton and Stoetzel on “Electric Shovels;” one by 
W. C. Clark of the Westinghouse Co. bn “Application 
of Motors to Mine Locomotives;” . and one by your 
Chairman, entitled “Electricity in Mines.” 

The subject of mining does not seem to particularly 
interest many A. I. E. E. members, and it was very 
difficult to draw out a good discussion on any of these 
papers. The reason for this, the author believes, is 
more or less obvious and is due, at least in part, to the 
fact that the mining profession in general feels that the 
A. I. E. E. as a body is not particularly interested in 
its problems. The Chairman is convinced that the 
only way to stimulate interest at a miniTig meeting 
and possibly bre^ down this impression, is by holding 
the mining session in conjunction with some local 
mining society. If this is done, it seems certain that the 
members of the mining society will turn out and will be 
glad to cooperate and participate in the discussion of 
such points of interest as may arise. 
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The majority of coal operators feel that cheaper 
production of their product will help matters to a 
considerable extent. The author believes the actual 
savings that result from complete electrification are not 
fully appreciated by all operators. Reliable records 
show savinp as high as 25 cents per ton, resulting from 
change-over from steam to electricity in the same mine. 
Further, the stand-by losses when mines are electrified 
are very greatly reduced, so that shut-downs and idle 
periods are not such serious matters from a cost stand¬ 
point with electrified mines as they are with steam- 
driven mines. 

The electrification of coal-loading machinery is 
receiving a great deal of attention from the manufac¬ 
turing engineers as well as from the coal mine operators. 
There is no other practical method of drive for these 
machines, and, like th^ majority of mine applications, 
improper motors have been applied on early machines 
with the usual result. 

There is stiU a great deal of work to be done of an 
educational nature so far as the mine operator is 
concerned. The motors required for his work should 
be, almost invariably, of a special design, laid out to 
meet mining conditions. Standard industrial motors 
are very rarely applicable to this class of work, and their 
application usually eiids in delays and dissatisfaction. 


In conclusion, it is suggested that something might 
be accomplished by the formation of a joint committee 
on Application of Apparatus to Mines; this committee 
being made up of the chairmen of the various com¬ 
mittees at work on this subject in other societies such as 
the American Institute of Mining and Metallurgical 
Engineers, the American Mining Congress and the 
United States Bvu^au of Mines; these gentlemen meet¬ 
ing with the chairman of the committee on “Application 
of Electricity to Mines” of the American Institute of 
Electrical Engineers; this latter body possibly acting 
as sponsor for such a committee. Such a committee 
could review the work already done along this line and 
suggest changes or give its approval. 

The most outstanding work along this line has been 
done by the committee on Underground Transmission 
and the committee on Power Equipment of the Ameri¬ 
can Mining Congress. These committees, working 
jointly, have prepared a set of rules and suggestions for 
the installation and care of electrical apparatus in and 
around mines. These rules and suggestions are, at the 
present time, before the American Engineering Stand¬ 
ards Committee for its approval. A committee made 
up of the personnel suggested above might go 
over these rules and suggestions in a constructive man¬ 
ner, and, if their approval is received, would undoubt¬ 
edly help the mining industry to some extent at least. 


Rules and Personnel Problems of the 

Marine Field 


By Committee on Applications to Marine Work’ 


I T is believed that the report of the Committee on 
Application to Marine Work for this year may be 
said to be the most comprehensive of any similar 
reports for the past few years. 

The main proposition on hand for this year was the 
revision of the existing Marine Rules. These rules 
were issued about five years ago, and at that time were 
more or less of a tentative draft, and had become some¬ 
what outlawed by changes in the art. Due to the 
fact that the Sectional Committee of the American 
Engineering Standards Committee did not seem to be 
functioningwith suflScient rapidity to insure a recognized 
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standard within the near future, the Marine Committee 
voted last Fall to re-edit and publish a revised set of 
Marine Rules, and for the past year, practically all of 
the time of the Conamittee and Subcommittees has 
been devoted to this line. 

In the above connection, exceptional credit must be 
given to last year's Chairman and the Chairmen of the 
other Subcomihittees for their untiring efforts and 
cooperation to bring about the desired results. 

Among a few of the details which have been under 
consideration, and in some cases accomplished, may be 
mentioned the following: 

■ a. A member of our Committee has been appointed 
to represent the A. I. E. E. on the Marine Standards 
Committee. 

b. The 1923 proceedings of the National Fire & 
Protective Association adopted the Marine Rules in so 
far as they applied to insurance.. 

c. The British Consul requested the Committee’s 
advice in regard to using magnetic cranes in shipyards. 

d. A member of this Committee addressed the 
Boston Section in March, on the subject of the Mer- 
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chant Marine, especially covering the point of respon¬ 
sibility of electrical operators, and the failure of the 
U. S. Steamboat Inspection Service to recognize its 
responsibilities. 

e. In the report of the meeting of November 1924, 
was included an item of Publicity, giving a bibliograph 
of recent data which had been published in various 
magazines, as applying to Marine Electrical Industry. 

It is believed that an extension of this service by the 
Institute would be a desirable undertaking, (possibly in 
cooperation with Mechanical Engineers) in connection 
with the Engineering Index. We understand that this 
matter is now under consideration, and the Committee 
most heartily endorses the proposition. 

The most important work of the Marine Committee 
of this year is contained in the conference held on 
Thursday morning at the St. Louis Convention, at 
which session there were three articles presented: 
one covering the History of Electrical Application to 


Marine Work up to date; another, the Application of 
Electrical Propulsion; and a third, covering Merchant 
Installations and Electrical Operators, with special 
reference to the licensing of electrical engineers. 

It is believed that a survey of these three articles may 
be considwed as a very definite progressive report of the 
work of this Committee for the year, and suggestion is 
made that all invested might peruse these three 
articles to advantage. 

In connection with the suggested work of next year, 
the recommendation would be, if possible, to develop an 
inspection to include electrical devices for marine use. 
Also, possibly, to extend the scope of the Committee to 
include certain branches of manufacturing as are not 
already included within the scope of our Marine Rules, 
such as Instruments, etc. Also, there will no doubt 
develop certain phases of the present rules that will 
need further revision, and the development of rules as 
suitably applsdng to electric propulsion. 


Progress in Diverse Lines of Electrochemistry 

and Electrometallurgy 

By Coimnittee on Electrochemistry and Electrometallurgy* 


T WO papers on electrochemical subjects have been 
presented at meetings of the Institute by members 
of this Committee. The first of these entitled 
“Electrometallurgical Applications” by J. L. McK. 
Yardley was presented at the Pacific Coast Convention 
in October 1924. This paper dealt with developments 
in the utilization of electrical power based upon funda¬ 
mental principles of electrochemistry and the relation 
of the electrical engineer to the chemist and metallur¬ 
gist. The second paper, by G. W. Vinal and G. N. 
Schramm, was entitled “Storage Battery Electrolytes.” 
This was presented at the Ai I. E. E. Midwinter Con¬ 
vention, February 1925. Measurements to determine 
the effect of a wide variety of impurities in the elec- 
trol 3 d» were summarized and a proposed specification 
for using sulphuric acid in storage batteries presented 
for discussion. 

The Committee has suggested to the Standards 
Committee the desirability of revising and extending 
the section on storage batteries in the Standards of 
the Institute. The section on the method of rating 
storage batteries is not entirely clear at the present 
time. Serious difficulties in the industry have recently 
arisen in the matter of rating the various sizes and kinds 
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of storage batteries for use on automobiles and for 
radio purposes. However, the point to be considered, 
does not relate to the rating of particular t 3 T)es of 
•batteries, but rather to the general principles for rating 
batteries and to clearer indication of how time and 
current ratings may be used. Revision of the definition 
of the word “charge” has been suggested as well as the 
possible addition of specifications for the purity of the 
solutions. The Standards Committee has acted fav¬ 
orably on these suggestions and the appointment of a 
working committee to inblude a wide range of those 
interested in the subject of storage batteries has been 
authorized. Mr. Vinal has been chosen chairman of 
this working committee. 

A request for information on the physiological effects 
of electric currents, addressed to the Institute, has been 
referred to this Committee. In response to this 
inquiry a short bibliography on the subject has been 
prepared. This bibliography does not contain refer- 
erences to the therapeutical or strictly medical aspects 
of the subject nor to electrocardiographs. Since 
information on this subject does not seem to be readily 
available elsewhere and as it may be of interest to 
others, the bibliography is appended hereto. 

The field of electrochemistry and electrometallurgy 
is so diverse, including as it does such contrasting 
subjects as potential measurements and electric fur- 
nax^; dectro-plating and storage batteries; electro- 
l^c rectifiers and the production of materials, that it is 
difficult to define its boundaries or to estimate the rela¬ 
tive importance of achievements in the various lines of 
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activity. Fortunately for the electrical engineer, 
interested in electrochemistry and electrometallurgy, 
there are available several up-to-date lists of titles of 
publications covering the entire field. These are found 
in both the monthly Bulletin of the American Electro¬ 
chemical Society and the monthly issues of Mining and 
Metallurgy. These lists are generally more up-to-date 
than the abstract journals. 

It is inevitable that no two summaries of the progress 
of the art in any particular field can be alike because of 
the limitations of individual knowledge and the trend of 
personal opinions. The following resume, for which 
the Chairman of the Committee is largely responsible, 
aims to present very briefiy significant points about the 
recent developments within the field of electrochemistry 
and electrometallurgy. 

The rapid growth of the automobile industry and the 
still more recent development of radio have resulted in a 
great expansion of the storage-battery industry. The 
vexed question of how to rate storage batteries of cer¬ 
tain types is stUl being discussed. Radio batteries are 
marketed as having a certain number of ampere-hours 
capacity, but no standard method of rating them has 
been adopted. One of the most notable, but less con¬ 
spicuous achievements, has been the production of thin 
plate batteries for airplane service. Plates of 0.050 
inch which would have been thought impossible not 
long ago are now in use. Contrasting the output of 
these batteries with the familiar automobile battery it is 
found that the capacity per pound has been increased 
from 50 to 75 per cent in spite of the handicap imposed 
in making them nonspillable. The life of the plates 
is from 50 to 100 cycles which together with the cost, 
limits their use to certain kinds of service. Our 
knowledge of the low temperature characteristics of 
these batteries has been extended. 

Primary batteries especially dry cells have ex¬ 
perienced notable developments chiefly as a result 
of the interest in radio. The production of dry cells 
which runs into the hundreds of millions per year 
has been accompanied by a general improvement in the 
quality. The establishment of Standards of Perform¬ 
ance and the Specification of Tests have been instru¬ 
mental in making this advance. The quality of well 
established brands has been improved, and by com¬ 
paring records of performance of 1918 with 1920 and 
1924, it is found that there are more manufacturers to¬ 
day whose cells comply with the government require¬ 
ments than in 1920 when the requirements were not as 
severe. The American Engineering Standards Com¬ 
mittee has asked the Bureau of Standards to act as 
sponsor for a representative sectional committee to 
undertake the standardization of dry cells and batteries. 
This committee is now being formed. 

Further development of electric furnaces involves the 
important question of improving the refractories. A 
symposium on the subject of refractories was held by 
the American Electrochemical Society at its Spring 


Meeting in Philadelphia last year. During the slump 
after the War, there was some question as to whether 
electric melting of steel and brass would continue to 
increase at its former rate when conditions were again 
normal. The rate of increase now indicates that the 
“saturation” point is still far from being reached. Ex¬ 
periments have been reported that show a saving for the 
electric melting of brass over coke-fired pit furnaces. 
Improvements in automatic electrode control devices 
have been made. In the low-temperature furnace 
work and ovens for enameling, the adverse effect has 
been felt of certain recently developed auto finishes. 

High frequency induction furnaces are finding in¬ 
creased use for laboratory and experimental purposes 
and also for small scale production. The larger sizes 
are now operated on high frequency generators which 
have replaced the oscillatory spark gap. The smaller 
units may be operated by electron tubes, obviating the 
risk of escaping mercury vapor. It is expected that 
applications to large scale uses will ultimately be made. 

Ring-type horizontal induction furnaces of six tons 
capacity and 800 kw. are now in use. 

From the standpoint of the electrical engineer the 
fertilizer industry represents an outlet for electrical 
energy that is dependent upon the demand for more 
concentrated fCTtilizers. Phosphoric acid is now made 
in the electric furnace. The development of processes 
for the fixation of nitrogen has indicated a trend 
toward decreased power requirements per unit of nitro¬ 
gen. The arc process which was first developed in¬ 
volved a large power consumption. The cyanamid 
process, next in order of time, required only one fourth 
as much and more recently has come the syntiietic 
ammonia process requiring only one sixteenth the 
power (without electrolytic hydrogen) of the arc pro¬ 
cess. But in this last case it is evident that the elec¬ 
trical power requirements will depend very largely upon 
how successfully the electrolytic production of hydro¬ 
gen can compete with more strictly chemical methods. 
Electrolytic hydrogen is produced directly in a high 
state of purity which makes it well suited to the pur¬ 
pose. At the September meeting of the American 
Electrochemical Society to be held in Chattanooga 
there will be a symposium on the relation of the electro¬ 
chemical industry to the production of fertilizers. 
This is to include papers on phosphoric acid, the pro¬ 
duction of hydrogen and the fixation of nitrogen. 

Production of the lighter metals by electrolysis of 
fused salts has been stimulated by the demand for 
light-weight materials of construction and by the radio 
industry. Al u m inum and magnesium are perhaps the 
most important. Developments in the technique of 
the electrolytic production of aluminum have been 
made during the past year. The ability to produce 
al uminum of very high purity vdll doubtless have an 
effect on its uses within the field of the electrical 
engineer. Experiments on beryllium and calcium have 
also been mentioned, A symposium on fused electro- 
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lytes was held at the Niagara Palls meeting of the 
Electrochemical Society, April 23-25, 1925. 

Improvements in the electrolytic production of other 
metals have been recorded and electrolytic tin has been 
added to the list of commercial products. 

Three methods for the production of electrolytic iron 
were described at the World Power Conference. During 
the discussion it was stated that electrolytic iron was an 
assured commercial possibility, but that it would not 
become a serious competitor of ordinary iron for some 
time to come. About 28 per cent of the caustic soda 
produced in this country is made by the electrolytic 
proce^. New outlets for chlorine products are being 
sought by the newly established Chlorine Institute, Inc. 
which has been created by a group of manufacturers. 

Electrolytic rectifiers have become a subject of re¬ 
newed interest as a result of the phenomenal growth of 
the radio industry. Improved forms of both the 
aluminum and tantalmn rectifiers have recently 
appeared. These are designed for the charging of 
small batteries for radio receiving sets and the latter 
has also been foimd useful by railroads for charging 
signal batteries. Our knowledge of output and efficiency 
of these rectifiers in relation to the impressed voltage 
and the battery voltage has been clarified and the 
operating characteristics materially improved. 

A promising method for the study of the instantane¬ 
ous values of electrode potentials has been developed 
by the use of a resistance coupled vacuum-tube am¬ 
plifier in combination with the oscillograph. By 
means of this amplifier it is possible to obtain sufficient 
power to operate the oscillograph without polarization 
of the cell, and on the other hand with current flowing 
through the cell it is possible to distinguish between 
the electrode potential and the IR drop. 

Scientific methods are being extended in the field of 
electroplating. Results of research and much practical 
experience are gradually being welded into a compre¬ 
hensive theory of electrodeposition. The structure of 
dectrodeposited metals has been studied and new 
methods for the regulation of plating baths and hydro¬ 
gen-ion control have been introduced. Electrolytic- 
ally deposited coverings for the prevention of corrosion 
have recently been the object of much study. The 
use of zinc for this purpose is increasing. Nickel does 
not afford complete protection at the present time, 
but the technique of nickel plating is being improved. 
Experiments have also been made on chromium and 
cadium. Other preventives of corrosion include al¬ 
ternate layers of copper and nickel and the plating of 
alloy deposits such as brass, bronze and mercury-zinc. 

Engineers are taking cognizance of the importance of 
the corrosion problem. The American Society of 
Testing Materials held a ssnnposium on this subject 
in June 1924 and the American Electrochemical 
Society did likewise in October of the same year. More 
recently thei American Chemical Society has taken the 
matter up and it is proposed to establish a corrosion 


institute. Whatever may be the outcome of conflicting 
opinions on the fundamental causes of corrosion, a 
theory for its prevention, involving both chemical and 
electrical agencies, will probably be ultimately agreed 
upon. 

Use of the earth current meter during the past year 
has been gradually extended and there appears to be a 
general recognition that it affords a more accurate 
means for determining the rate of stray current corro¬ 
sion than has been available heretofore. Its use is 
limited by the time and expense involved in making the 
excavations necessary for its use. 

The recently published transactions of the first World 
Power Conference, London 1924 (Volume IV) contain 
papers on electrochemistry and electrometallurgy as 
follows: 

The Austrian Electrochemical Industry, Pawock. 

Small Waterpowers and Electrothermal and Electrochem¬ 
ical Loads, Bodex. 

Nitrogen Fixation, Halvorsen. 

A New Resistance Furnace with Reaction Zone, Holmgren. 
Electrochemical Industi’y in Sweden, Palmaer. 

Power in Electrochemical and Electrothermal Industries, 
Fitzgerald. 

Electrical Engineering as a Leading Factor hi the Develop¬ 
ment of Modem Steelworks, Geyer. 

Electrolytic Iron, Hutchins. 

Electrometallurgy in Italy, Giolitti. 

PoAver in EleetrometaUui^y in the U-. S., Mathew’sou. 

The electrical enginee* who is interested in electro- 
chernistry as an outlet for power will find statistics of 
interest in several of these papers. 

Appendix 

PHYSIOLOGICAL EFFECTS OF ELECTRIC CURRENT 

1. PUTSIOLOGICAL EfPEOTS IN GbNBBAI, 

Action of High Frequency Currents on Animals. Bordier & 
Le Comte, Comptea Rendua 133, p. 1296,1901. 

Action of High Frequency Currents on Animals, d’Ai-sonval, 
Comptea Rendua 133, p. 1297,1901. 

Arrest of Heart Action by Alternating Current, Battolli, 
Arch, d’elect. mad., 11, p. 626,1902. 

Intermittent ourrents of Low Tension, Ledue, Arch, d’deet. 
mad., 11, p. 621,1903. 

Effect of High Frequency Currents on Animals, Bordier, 
Arch, d’dect. med., 11, p. 129,1903. 

Production of Sleep by Electric Currents, Leduc, Comptea 
Rendua, 136, p. 199,1902. 

Law of Action of Alternating Cimrent on Organized Structures, 
Reiss, Zeit. Elektrochem., 13, p. 474,1907. 

Conservation of Human Arterial Pressure after Application of 
High Frequency Currents, Bergonie, Braca and Ferrie, Comptea 
Rendua, 146, p. 626,1907. 

Physiological Effects of Currents of High Tension and Fre¬ 
quency, d’Arsqnval, Electrieien, 31, pp. 241, 258,279,1906. 

Electromotive Forces Produced at Simface of Animal Mem¬ 
branes in Contact with Various Electrolytes, Galeotti, Zeit. /. 
Phyaiel. Chem., 49, p. 542,1904. 

Physiological Effects of Alternating Currents at High Fre¬ 
quency, Thomson, Elect. World, 17, p, 214,1891. 

Experiments with Alternating Currents of EHgh Frequency, 
Tesla, Transactions A. I. B. E., 8, p. 267,1891. 

High Frequency Currents, d’Arsonval, L’Jnd, Blecirigue, 
March 26,1893. 
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Electrophysiolog^eal Current Generation, Bentner, Zeit. 
Elekirochem., 28, p. 483,1922. 

Stimulating Action of Electric Currents, Nernst, Preuss. 
Akad, Wissenchft, Berlin, p. 3,1908. 

Mode of Action of High-Frequency Currents, Wertheim- 
Salomonson, Arch, dueled, vied,, 16, p. 43,1908. 

Theory of Electric Excitation, Lapicque, Compies Rendus, 
p. 1054, 1908. 

Sur les effets phj’^siologiques des courants electrique,Weiss, 
Bull. Soc, inicrnai, des electriciens, Ser. Ill, Vol. 1, p. 417, 1911. 

Physiological Tolerance of Alternating Current up to Fre¬ 
quencies of 100,000, Kennelly and Alexanderson, Elec, World, 
56,0.154,1910, Same paper Bull, Soc, beige elect,, 32, p. 92,’ 1915. 

2 , Resistance and Conductivity 

Electrical Resistance of Human Body, Hooper, Elec, Rev., 
38,p.821,1901. 

Electrical Resistance of Human Body Tissues, Bordier, 
Arch, d'elect, med,, 11, p. 544, 1903. 

Electrical Resistance of the Human Body, Leduc, Arch, 
d'elect, med., 12, p. 43,1904, and 13, p. 457,1905. 

Electrical Conductivity of Human Body, Buclcy, Elektrot, 
36, p. 673,1915. 

The Human Body as an Electrical Conductor, Gildemeister, 
Elekt, Zeit., 40, p. 463,1919. 

Electrical Resistance of the Human Body, Wenner, Martin and 
Forman, Physiol, Rev., 18, p. 141,1921. 

Effect of Coagulation on Electrical Conductivity of Blood, 
Samoilov, Biochem. Zlshr., 11, p. 210. 


Resistance of Human Body, C. M. Dowse and C. B. Iredell, 
Arch. Radiol, Electrother., 25, p. 33,1920. 

3. Shock and Electrocution 

Electric Shooks, Aspinwall, Jour. I, E, E,, 31, p. 748, 1902. 

Electric Shocks at 500 Volts, Trotter, Jour, I. E. E,, 31, 
p. 762, 1902. 

Electric Shocks, Jour. I, E. E., 31, p. 773,1902. 

Death Due to Industrial Electric Currents, Bartelli, Arch, 
dueled, med,, 10, p. 777,1902. 

Electrocution, Robinovitch, Arch, dueled, med., 14, p. 3, 1906. 

Note sur un vetement protecteur centre les effets physiolo- 
giques des courants electriques, Artemieff, Bull, de la Soc. 
Internal, des Electriciens, Series III, Vol. 1, p. 496,1911. 

Note au sujet du danger special des courants altematifs 
provenant de la capacite. Guery ref. as above, p. 499. 

Experiences sur Telectrocution au labbratoire central electri- 
cite par la commission charges d’elaborer le texte de rinstruction 
sur les premiers soins a donner aux victimes des accidents elec¬ 
triques. Zacon, Bull, de la Soc, Internal, des Elect, Ser. Ill, 
Vol. l,p. 437,1911. 

4. Polarization 

Polarization of Living Human Body, Chanoz, Compies Rendus, 
147, p. 846,1908. 

Polarization of Electrodes which may be used for Electro- 
physiological Purposes. Gildemeister, Zeit, Biol, Tech. Meth., 
3, p. 28. 


A Year’s Progress in Lighting 

By Committee on Production and Application of Lights 


T he past year resembles the preceding one, in 
that the notable advances were those of better 
and more intensive application of available 
equipment and methods rather than of fundamental 
discoveries. 

The really outstanding event of the year was a nation¬ 
wide campaign of education on home lighting. This 
activity was conducted by the entire electric lighting 
industry during the fall of 1924 and represented the 
most extensive cooperative movement ever undertaken 
by the electrical industry. Because of its noncom¬ 
mercial character it received widespread endorsement 
from school authorities, and culminated in an essay 
contest in which about one million high school pupils 
competed for valuable prizes. 

It is safe to say that, as a result of this campaign, the 
American public has a better understanding of light¬ 
ing, especially in the home, and is approaching such 
problems more intelligently. 
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In general, lighting has enjoyed a very healthful 
advance both in extent and quality of application. It 
has been a year of prosperity to the industry and of 
enhanced service to the people. 

As pointed out in previous reports, the best numerical 
figures available to indicate the growth of lighting 
application are in the number of incandescent lamps 
consumed. 

The large incandescent lamps represent the lighting 
of factories, stores, homes, streets, trains and similar 
places on circuits of electric service companies, electric 
and steam railways and other power plants. Of these 
large lamps, 263 million were sold in 1924, an increase 
of 7H per cent over 1923. 

The other major class is the miniature lamps of which 
about two-thirds are used on motor vehicles, one-sixth 
for flashlights and other small battery lamps, and one- 
sixth for Christmas trees and similar decorative pur¬ 
poses. Of this class about 188 million lamps were sold, 
or an increase of 8 per cent over 1923. 

These figures are quite conservative, since they indi¬ 
cate only the number of lamps and are not weighted 
according to the size of lamps. Particularly in the 
large lamp group there is a tendency toward the use of 
higher powa: lamps. Had the measure been in terms 
of watteige capacity, the increase would presumably 
have been greater, or if in lumea capacity, still greata*. 
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Such figures will soon be available and are desirable 
for certain kinds of coraparison. The simple, numerical 
figure fe, however, suitable for the present purpose. 

lUuminmts. Present-day illuminants are still far 
below the scientific ideals of efficiency, and considerable 
experimental investigation is underway. While favor¬ 
able indications have been observed, no important 
practical improvements have been reported. 

Frequent minor improvements have been made in 
incandescent lamps, but these have been mostly in the 
nature of refinements that do not receive prominent 
recognition by the users. That the improved manu¬ 
facturing appliances mentioned in previous reports 
have brought results, is evidenced by the several 
reductions in lamp prices. It is also reported that the 
average quality of the lamps has improved during the 
year. 

A general exposition of the advance of incandescent 
lamp quality since Mr. Edison’s invention was given 
by J. W. Howell, in his address* (on receiving the 
Edison Medal) at the 1926 Midwinter Convention. 

In last year’s report mention was made of the teii- 
dency toward the use of the ring-shaped filament, that 
is, a helically coiled filament formed into an open ring. 
More recently there has been a tendency to warp the 
ring so as to give a higher horizontal component of light. 

"^th the application of incandescent lamps to new 
uses, there is a constant- tendency to multiply the 
number of special t 3 T)es, bases, and other features, 
which interf^e \dth interchangeability, increase lamp 
costs, and often introduce confusion in the selection 
of lamps, as well as delay in securing them. Lamp 
Engineers are constantly studying means of simplifying 
and standardizing. The great advantage of standardi¬ 
zation to light users is particularly evident to those 
familiar with conditions abroad where less progress 
has been made toward eliminating unnecessary 
variations. 

Considerable experimental work has been done on 
diffusing finishes for lamp bulbs, with the view of 
effectively meeting the various demands of lig h ting 
practise. Some of these promise real improvement in 
the near future. 

During the past year or two there has been an increase 
in accuracy of incandescent lamp manufacture, partic¬ 
ularly in the focus types where small tolerance of ligh t, 
center length is important. 

The automobile rear lamp has been raised from two 
to three candlepower and improved in efficiency. 
Experiments have been made with automobile head¬ 
light lamps, having two equal power filaments, to 
produce a suitable dipping of beam by switching from 
one filament to the other. Much experimental work 
has been cj^ed on for the Government and others to 
adapt the mcand^cent lamp to the various require- 

2. See A. I. E. B. Jottbitai., Mareh 1925, p. 310. 


ments of night flsdng, and considerable improvement 
has been made during the year. 

Candle Power Standard. A remarkable research ex¬ 
tending over several years and reported in 1924, culmi¬ 
nated in a proposal of a primary standard of candle 
power. All previous primary standards have been so 
subject to variation for one cause or another, as to be too 
inaccurate for standardizing purposes. In 1910, the 
United States Bm-eau of Standards cooperated with the 
English and French National Laboratories in estab¬ 
lishing the international unit of candle power recorded 
in the construction of incandescent lamps. No other 



1—New Pbimabt Standabd op Candle Poweb Pbo- 
POSED BT Db. H. E. Ives 

Device for producing black body radiation at melting point of platinum 
ehovring ^tted cylinder of platinum an'd support. (See text.) 

method compared with this for accuracy. The de¬ 
sirability of an absolute standard, which can be repro¬ 
duced from specification and which will avoid any 
possibility of drift, is obvious. While it is too early to 
say absolutely that this has been accomplished, the 
indications arc that it has. The standard device 
consists of a cylindrical platinum fuse with a longitudi¬ 
nal slit. This is supported by conductors at both ends 
and heated by an electric current. A certain section 
of the interior as viewed through the slit has been 
found to follow the ’’black body” law, and readings 
are taken with increasing temperature up to the point 
where the platinum melts, blowing the fuse. In other 
words, the method measures the light emitted by a 
black body at the melting point of platinum, a condition 
which has been regarded as most likely to give a suitable 
primary standard. 

Lighting Practise. No radically new devices have 
come out. The general tendencies recorded in last 
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year’s report have continued. In commercial lighting, 
the shallow enclosing globe has seemed the most 
popular, although there has been a growing use of cer¬ 
tain forms of indirect and semi-indirect units, especially 
in the highest grades of installations where accurate 
vision is important. 

In the interest of eyesight conservation it is grati¬ 
fying to note the continuing spread of appreciation of 
the need of good lighting in schools. This will no 
doubt be stimulated by the new American Engineering 
Standard Code of School Lighting. There is still a 
serious economic resistance, and it is still true that 
when daylight fails, the student is less adequately 
cared for than the office worker. Nevertheless the 
year has witnessed a large increase in the number of 
reasonably adequate installations. 

Store window lighting has been a field of increased 
activity. Thedatareferredtoin last year’s report have 
apparently been effective in convincing merchants of 
the sales value of light. Colored light and spot lights 
are being extensively used and are making the mer¬ 
chandise more interesting to look at. In the business 
sections, the practise of providing strong illumination 
in the das^ime for the purpose of eliminating external 
reflections or rendering the displays more effective, 
has grown rapidly. 

The advance in levels of window lighting is indicated 
by the fact that equipment manufacturers have found 
it desirable to develop and market reflectors for 300- 
and 500-watt lamps, whereas a year ago the reflector 
for 160-watt lamps was the largest in common use. 

In industrial lighting the steel dome, because of its 
economy, coupled with moderate diffusion, is still the 
most common equipment, but in many processes a 
combination glass and steel unit, and the various forms 
of opal and prismatic globe equipments, are being 
preferred because of their greater diffusion. Illumi¬ 
nation levels are still being raised. After a stuvey of 
the situation the electric lighting industry has concluded 
that the time is ripe for increased activity in the 
industrial field, and an extensive campaign is projected 
for the fall of 1925. 

Home lighting is more essentially an artistic problem 
than an engineering problem. However, certain engi¬ 
neering and utilitarian features are deserving of more 
attention, and it is important that artistic considera¬ 
tions include the lighting effect as well as the design 
of the equipment. The trend of practise is toward 
better diffusion and more illumination, avoiding what 
has been aptly termed “glare and gloom.” 

The use of portable lamps is spreading rapidly, with 
an increasing use of those which direct considerable 
light to the ceiling, for redirection. Portable equip¬ 
ment has certain features of flexibility which pmmit the 
exercise of personal taste. It is also becoming quite 
common for housewives to make their own shades. 
While some of these are not particularly effective, th^ 
permit a rather free expression of personal taste and 


improvements may be expected through a better 
understanding of the possibilities. The best practise 
for general rooms usually requires a combination of 
fixed and portable equipment, and it is desirable that 
wiring should be planned to accommodate both types. 

The kitchen lighting movement which was reported 
as very active last year has been less conspicuous, in 
contrast to the educational movemeat of 1925. Never¬ 
theless it is probable that the number of improved 
installations in kitchens has continued to increase. 

Electric Light Wiring. One of the problems con¬ 
fronting the engineers who are endeavoring to improve 
lighting practise is the tendency to stint in the wiring 
of buildings and fail to provide outlets in locations 
necessary to produce suitable illumination. In order 



Fia. 2 —Sion Lighting, Showing One op the Wokld’s Laeqest 
Signs on Bboadwat, New York 


The upper sign employs nearly 20,000 incandescent lamps. 


to call attention to this question and encourage better 
provision, a so-called “Red Seal” campaign has been 
instituted xmder the direction of the Society for Elec¬ 
trical Development and installations complying with 
an accepted standard are indicated by a red seal. 

The progress in tiie application of the elexit or 
disconnecting support for lighting units has been 
somewhat disappointing, in view of the inherent ad¬ 
vantages of such a scheme. They are being found 
exceedingly useful in luminaire display rooms, and it is 
probable that such use will stimulate their application 
elsewhere. 

ChMoor lAghtirtg. Larger and better things are being 
done in sign lighting and the use of higher power lamps 
which was formerly confined to a few important centers, 
is becoming common in smaller cities and less central 
locations. To what an extent illuminated advertising 
is contributing to the illumination of metropolitan 
business districts can only be appreciated by visiting 
those sections at the very late hours when it has ceased 
to function. By contrast, the regular street lighting 
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seems surprisingly faint. One large sign installed in 
1924 contained 19,000 lamp sockets. 

Colored floodlighting, especially in connection with 
flashing effects, is finding considerable application, both 
for advertising signs and for buildings. 


The trend is still toward the ornamental units and 
poles. Twin units have been used to some ext«it in 
white-way lighting, although these are usually less 
economical than the single higher power unit. 

Recent statistics on the sale of series incandescent 



Pig. 3—^Floodlighting fob Publicity Purposes 

A large playing card factory at Cincinnati lias one of the largest of the recent installations. Bight 600-watt floodlights illumine the tower, twenty- 
four 1000-watt floodlights light the facades facing the camera, and eight more are projected on surfaces facing in another direction and therefore not 
shown. 


Street lAghting. Street lighting has been quite active 
during the year. It is estimated that the new and 
replacing installations of 1924 required about fifteen 
per cent more equipment than those of 1923, which in 



Pig. 4—^Thb Boardwalk 

Atlantic City has, in some sections, to be illuminated from one edge only’ 
SpedaUy devised om^amental units direct the larger portion of the light 
across the walk and still provide a lower fllumination on the beach without 
shadows on the globes. Width of walk 60 ft., spacing of posts 70 ft., size 
of lamps 760-watt. Photo taken late at night after sign and show window 
lights were extingul^ed. 

Each unit is arranged so that lighit from a 200-watt lamp symmetrlcallv 
directs can be switched on. 

itself had shown quRe an advance. The vast majori'ty 
of these mstallations utilize the gas-filled tungsten 
lamp. 

There have been minor improvements in transforming 
and other accessory equipment, as well as a few im¬ 
proved designs of luminaires. 


lamps indicate that over 60 per cent are of 1000 lumens 
or less. In the opinion of engineers who have made 
general analysis of street lighting costs this percentage 
is too high and better economic conditions would 
exist if la^ lamps were being used. This is based on 
the principle that the cost of service increases much 
less rapidly than the volume of light. The tendency is 
in the right direction, but greater progress is desirable. 

In residmce and other secondary streets, the asjm- 
metrical types of distribution seem to have proved their 
worth. Some discussion is still going on as to the 
merit of various characteristics of asynnnetrical distri¬ 
bution, and it is probable that the next few years 
experience will bring out a better general understanding 
as to the types and degrees suited for different street 
lighting problems. 

Asymmetrical lighting of highways, utilizing equip¬ 
ment designed to deliver the maximum illumination on 
the road surface is meeting with considerable success, 
and promises to provide the best solution for the 
problem of handling heavy night traffic on important 
roads. 

Extensive experimental studies preliminary to es¬ 
tablishing improved street lighting have been underway 
in a number of cities, notably Indianapolis, Indiana; 
Columbus, Ohio and St. Louis, Missouri. It is re¬ 
ported that the investigation in Indianapolis has led 
to a decision to install a new unified system through that 
city. 

Dimng the year, a cooperative study of urban street 
lighting was made by a committee appointed jointly 
by the New York State Conference of Mayors and 
other City Officials and the Empire State Gas and 
Electric Association. This committee has made a 
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constractive recommendation regarding practises to 
be followed and standards of lighting to be adopted for 
various classes of streets. 

A genwal committee of the National Electric Light 
Association has been studying the problems of street 
lighting and is preparing a report which should be of 
considerable value. 

Still other street lighting activities are underway, and 
studies by simultaneous comparison in demonstrdtions 
are being made. With the existing need and the wide¬ 
spread study of the various problems, it is probable 
that the next few years will witness a rapid advance in 
this field. 

Traffic Signal Lighting, Closely associated with 
street lighting is the traffic signal lighting. This falls 
in two main classes. 

The flashing traffic beacons which merely warn of an 
intersection, are placed at moderately congested points 
of cities, towns and interurban roads. Electric, signals 
of this sort are being installed in considerable number. 

The second group is the traffic control signals for 



Fio. 5 —Highway Lighting—^P i.BASANTViLi.n Boulevard, 
Atlantic City, Illuminated with 2500 Lumen (250 c. p.) 
Lamps in Unit Designed to Concentrate Light on Roadway 


Units about 25 ft. high, spaced one for each 225 ft. of road, staggered. 
Oentral motor way, glossy surface, about 28 ft. wide, wagon way on each 
side about 15 ft. wide. 

controling the movement of traffic in congested dis¬ 
tricts. It has been found expedient to ssmehronize 
the various signals of each district, and to extend the 
system some distance beyond the points of traffic 
congestion. Not only does this sort of a system reduce 
accidents by speeding traffic, but it reduces the con¬ 
gestion, not to mention the convenience resulting to the 
motorist. A considerable number of such installations 
have been made during the past year and many others 
are projected. 

A notable example is that on Broadway, New York 
City, from Rector Street to 86th Street, a distance of 
six miles. This system contains a number of new and 
interesting features. It is arranged so as to avoid- 


obstructing the roadway and requires only six police 
officers for its operations, where an earlier form would 
have required at least twenty-six. Moreover, these 
officers are on the street level and so quickly available 
for emergencies. A parallel system is about to be 
installed in Seventh Avenue. 

Other Practises. Lighting practises in the operation 
of railroads are extending rapidly, "^ile floodlighting 
of railway classification yards is not new, recent investi¬ 
gations have brought about a considerable extension of 



Fig. 6—^Trappic Signal Lighting 


New installation on Broadway. New York, showing arrangement for 
locating signals conspicuously over line of travel without obstructing 
traffic. 

such lighting and a more definite crystallization of the 
practise. The Association of Railway Electrical Engi¬ 
neers is undertaking the preparation of a comprehensive 
manual of railroad lighting practises. 

Electric lighting is confributing much to the facility 
and safety of surgical operations. Much better lighting 
is being provided in some of the leading operating 
rooms, and various small lamps are plasdng an im¬ 
portant part in lifting intonal organs. Although not 
new during the year, there appears to have been but 
little mention in engineering circles of an instrument for 
entering the stomach or lungs through the mouth. 
By the light ot the smallest lamp made, it is possible 
to examine the walls of these organs, remove foreign 
matter, such as tacks or pins, and perform other opera¬ 
tions in the saving of life. 

In the newer applications of artificial light, such as 
night flsdng, plant growth control, the use of polarized 
light to study internal strains of structural forms, con¬ 
siderable progress has been made. 
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Education. Educational work has been carried on 
extensively. Besides a number of classes which have 
been operated by various organizations, notably the 
incandescent lamp mantifacturers, an extensive course 
to train illuminating engineers for electric service 
companies was operated jointly by the Illuminating 
Engineering Society and the National Electric Light 
Association. This group of students came together 
in Chicago, visited South Bend, Detroit, Cleveland, 
Washington, New York and vicinity, Boston and 
Lynn. Lectures were given in Cleveland, New York 
and Harrison and representative illuminating engi¬ 
neering departments were visited and studied. 

Another large lighting demonstration has been opened 
since the beginning of 1925 and in a number of Emopean 
cities, demonstrations have been patterned after the 
American practise. The European activity in this 
field has no doubt been considerably stimulated by 
American engineers who have been abroad during the 
year, and several of whom presented important papers 
on lighting practise at the Geneva meeting of the Inter¬ 
national Commission on Illuihination. 



Pig. 7—Railway Glassification Tabd Lighting 

An lustallatioii partly completed at SeUdrk, N. Y. which employs nearly 
100 floodlights, 1000 watts each, projecting light along the road in both 
directions. 

At this meeting, the commission which has in the 
past centered its attention oh standards, and highly 
technical phases, decided to place more emphasis on 
practise and applications. The 1927 meeting is 
schedified to be held in the United States. 

During 1924, the State of Washington adopted ah 
industrid lighting code, making the tenth state to 
such action. These ten states represent a population 
of about 42,000,000. 

The revised School lighting Code, initiated by the 
Illuminating Engineering Society, has become an 
Americmi Engineering Standard under the joint 
sponsorship of the American Institute of Architects and 
the Illuminating Engineering Sodety. 


Industrial Lighting Tests. It has been generally 
assumed that good illumination was warranted econom¬ 
ically through its influence in speeding production. 
Data supporting this view has been accumulating for 
several years. The National Research Council is 
undertaking an extensive series of tests, which when 
completed should provide authoritative figures over a 
range of representative industries. The Council is 
undertaking to study the welfare aspect as well as the 
economic. Because of the extent of the problem as 
well as the thoroughness of the methods, the results are 
not expected to be available for at least another year. 

Committee Activity 

The Committee on Production and Application of 
Light is composed for the most part of members who are 
widely separated geographically. 

This is suitable for the general work of the committee 
butprecludes full attendance at meetings. As a result, 
afterthe original organizationmeeting each yeai-, practi¬ 
cally all business has been conducted by correspondence. 

The organization meeting for the current year was 
held at A. I. E. E. headquarters, October 9,1924, three 
members being in attendance. Because of this small 
attendance, the Chairman submitted the minutes to 
the entire committee for comment before considering 
the action final. No criticism was recdved. 

The conimittee organization of last year was re¬ 
tained; Dr. B. E. Shackelford being detailed to solicit 
papers for conventions, Mr. W, M. Skiff being retained in 
ch^geof securing Illumination Items and fillers for the 
A. 1. E. E. Journal and Mr. G. H. Stickney was asked 
to supervise the preparation of the Annual Report. It 
was decided to continue previous policies and plans. 

Later in the year the question of representation on 
the Standards Conamittee came up and was handled by 
correspondence. Since the Chairman was already 
attending the meetings of that committee in another 
capaicity, it was considered expedient that he represent 
this conamittee. 

lUumination Items, Because of the relation of the 
Institute membership to the lighting art, this has 
seemed to provide the best method of presenting a 
larger part of the lighting material to tibe organization. 
Throughout the year, the Editor of the Journal has 
been kept supplied with items in advance of his re¬ 
quirements in ample quantity to fill all of the space 
which he deemed it expedient to devote to this subject. 

Convention Papers. Considering the state of the 
art and the interests of the membership, the committee 
has not conadered it expediait to place many papers 
on tile convention programs. Two papers have been 
arranged for presentation at national conventions 
during the year, viz., “Street Lighting—A Municipal 
Problan,” by Rich D. Whitney—Pacific Coast Con¬ 
vention, Pasadena, October, 19^, “Automotive Head¬ 
lighting,” by J. H. Hunt,—St. Louis Convention, 
April, 1926. 
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Preliminary arrangements are underway for securing 
several papers for future conventions. A paper had 
been arranged for the regional meeting at Cleveland, 
but has been held in abeyance since the withdrawal of 
this meeting. 

Cooperation with Branches, No convenient means 
seems to be yet available for cooperating with Branches. 
The Chairman has been informally experimenting, not 
in the name of the Institute, with one university in the 
hope of arriving at a plan. A course of lectures was 
arranged and is now being carried out. At the termi¬ 
nation of this course, it may be possible to draw some 
conclusion as to its effect. A subcommittee under the 
chairmanship of Professor H. H. Higbiehas been studying 


the problran, and it is hoped that a report will be 
received in time to be of assistance to next year’s 
committee. 

Lighting Publicity. A system is in vogue whereby 
members of the committee reviewing original Illumi¬ 
nation Items indicate other publications likely to be 
interested in the material, whereupon the Editor of the 
Journal undertakes to furnish proof of article to the 
designated periodicals with release dates. 

In conclusion, the Chairman wishes to acknowledge 
the cordiality which has been extended to him by the 
entire committee, and especially the active cooperation 
of those members who have assumed the specific 
tasks already mentioned. 


Recent Advances in the Communication Art 

By Committee on Communication! 


T he name of this committee has been changed from 
“Telegraphy and Telephony Committee” to 
“Committee on Commimication.” This was done 
in accordance with a recommendation of the special 
committee who reviewed the technical activities of the 
Institute. The Communication Committee feels that 
this is a desirable change in name. 

In this report, under appropriate headings, are 
briefly summarized the advances which have been 
made, or which have come into prominmice in the 
communication art during the past year. Thirteen 
papers have been presented to the Institute under the 
auspices of this Committee. These papers are in 
general a record of advances in the art, and are men¬ 
tioned under the appropriate headings in the report. 

Telegraphy. The development of long telephone 
cables of 19 and 16-gage, capable of operating for 
distances of 1000 miles and more, has led to the develop¬ 
ment of telegraph systems suitable for operating 
through these cables. These telegraph systems, de¬ 
veloped by the engineers of the Bell Tdephone System, 
were described in three papers presented at the Mid¬ 
winter Convention. The titles of these papers were 
“Metallic Polar Duplex Telegraph System for Long 
Small-Gage Cables,” “Voice Frequency Carrier Tele¬ 
graph Systems for Cables” and “Polarized Telegraph 
Eela37s.” 

The first paper describes a type of telegraph circuit. 
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designed to operate over cable telephone wires at 
frequencies below the telephone range, and without 
interfering with the telephone circuits using these same 
wires. In this system it was necessary to reduce the 
telegraph ojierating currents to values comparable 
with those ufeed in the telephone circuits in order to 
prevent interference with the telephone circuits by the 
telegraph circuits; One form of interference which 
has thus been avoided is called the “flutter effect” and 
is caused by the telegraph currents affecting the mag¬ 
netic characteristics of the loading coils in the telephone 
circuit, so as to cause a rapid fluctuation of received 
current. This telegraph system is on a balanced two- 
wire basis in order to diminish CTOss-fire between tele¬ 
graph currents and the effect of any currents induced 
in the cable. 

The second paper describes a carrier tsqie of tele¬ 
graph system which makes use of a regular four-wire 
long distance cable circuit. No telephoning is carried 
on over tihie circuit when employed for the telegraph 
system, but the frequencies which are ordinarily in¬ 
volved in a telephone conversation are used to trans¬ 
mit ten telegraph messages in each direction. A 
separate frequency is mployed for each message 
spaced in the frequency range from about 400 to 2000 
cycles. No change is required in the telephone circuit 
except at its tenninals. 

These telegraph systems required the development of 
very sensitive and reliable relays which are described 
in the third paper noted. 

Submarine Tdegraphy. The Western Union Tele¬ 
graph Company has put into service its new permalloy 
loaded submarine tdegraph cable between New York 
and the Azores Islands. This t 3 T)e of cable, developed 
by the Western Electric Company, was described in 
last year’s report. It represents the most radical 
change in the submarine cable art since its earliest days. 
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The finished cable has fully met the expectations stated 
in the last report, and has so well established the suc¬ 
cess of this t 3 rpe of cable that the Western Union has 
ordered a second loaded cable to be laid between New 
York and Penzance, England, byway of Newfoundland. 
A paper describing the development of this type of 
cable will be presented at this convention. 

During the year 1924, the Western Union Telegraph 
Company developed a printing telegraph system for 
use on ocean cables. It has been in commercial opera¬ 
tion on a transatlantic cable circuit between London 
and New York. In this system, signals sent from a 
transmitter at London are translated and printed in 
Roman characters at New York without Tnarmal 
handling at any of the intermediate repeater 
stations. 

The initial circuit consists of an underground pair 
between London and Penzance, England, 312 miles; 
ocean cable, Penzance to VaJentia, Ireland, 307 nauiical 
miles; ocean cable, Valentia to Heart’s Content, New¬ 
foundland, 1874 nautical miles; Heart’s Content to 
North Sydney, Nova Scotia, 336 nautical miles; 
overhead land-line North Sydney to New York, 1110 
miles; or a total of approximately 3900 miles. Re¬ 
generative automatic repeaters which regenerate the 
dgnaling impulses as to strength, shape and time are 
used at Penzance, Valentia, Heart’s Content and 
North Sydney and universal duplex repeaters are used 
at St. John (New Brunswick) and Boston. 

The code used is of the five-unit t 3 T)e, the same as is 
used in the Western Union Multiplex system. Tape 
printers are used at New York for translating the 
signals. The printer prints in Roman characters upon 
a gummed strip of paper ^ in. wide and this strip is 
gummed to regular cable message receiving forms for 
delivery. 

Telephone Signaling. The use of 16 to 20 cycles 
alternating currait for telephone signaling was 
developed in the very early days of the art, and is still 
employed, not only for ringing subsmbers, but also 
for signaling on many toll lines. 

The introduction of composite telegraph circuits 
brought about the introduction of 135 cycles for 
signaling, in order that the signaling should be at a 
frequ^cy which was not used in the telegraph signaia 
Considerable improvements have been made recently 
in 136^cle signaling, and it is being employed on very 
long circuits requiring many rep^ters. 

More recently voice-frequency signaling systems 
have been devdoped particularly for operation over 
very long repeater circuits. By thus using a frequency 
in the voice range, any circuit over which speech can be 
^ectively transipitted also effectively transmits signal¬ 
ing currents of this frequency. Since the signaling is 
c^i^ out at intervals when there is no talking on the 
circuits, there is no interference with the speech 
currents. It is evidently necessary, however, that 
some means be provided to prevent the speech cu^ents 


from operating the relays employed with this system. 
This is taken care of by interrupting the signaling 
current approximately 20 times per second, thus pro¬ 
ducing a form of current which is not produced by the 
voice. A relay system arranged to operate with such 
current will not be operated, therefore, by any voice 
current. 

An improved signaling system for taking care of the 
signaling and control arrangements necessary for 
handling calls over the wires of a toll circuit group, is 
being applied in the toll plant. By the use of this 
S 3 ^tem the signaling and control arrangements for 
as many as 30 circuits are handled over a single pair 
of wires, thus freeing a large number of channels for 
telegraph purposes. 

Machine Switching. During the past year, continued 
progress has been made in perfecting improvements in 
machine-switching equipments. These improvements 
are the result of intensive development work and have 
been made with a view of facilitating manufacture, 
installation and operation of central oflSces and private 
branch exchanges of this type. Progress has also 
been made in the development of new maintenance 
methods and tools, and in stabilizing the maintenance 
methods employed. This is of importance due to the^ 
large amount of apparatus involved in automatic 
operation, and the dependence that must be placed 
on it when connections are completed by machine 
switching. 

The theory of probability pla 3 rs a very important 
part in the design of switching systems, and in the 
determination of the amount of facilities required to 
meet various traffic conditions. A paper on “The 
Theory of Probability and Some Applications to 
Engineering Problems” was presented at the Midwinter 
Convention. Only a very few papers on this important 
subject have ever been presented to the Institute. 

On December 31, 1924, there were 993,000 stations 
operating on a machine switching basis in the Bell 
System as compared with 567,800 switching stations 
at the end of 1923. In New York City there were 
185,300 machine switching stations in service on 
December 31,1924, operated from a total of 21 central 
oflSces. 

The application of machine switching to the toll 
plant is being studied with a view to determining where 
it can be employed to advantage. An installation is 
being made of this system on a commercial basis and 
if found successful it will be extended. 

Coincident with the development work on machine¬ 
switching equipments, considerable progress has been 
made in manual switching, particularly with rei^ect 
to trunking methods. These improvements have been 
effected largely by the ino-eased use of automatic 
methods in connection with the manual hfl-wHiiTig of 
calls Md have resulted in reducing the manual, labor 
necessary in completing telephone connections. 
TelephoiM Ihstnbuiitig Ftai/ne Wire. Improvements 
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in means for flame-proofing wires, developed in the 
Bell System’s Laboratories, have resulted in the pro¬ 
duction of rubber-insulated wire showing resistance 
to burning fully equivalent to that obtained in flame- 
proofed enamel and textile insulated wires. This wire 
is particularly adapted for use in the distributing 
frames of central offices. The rubber-insulated wire, 
so flame-proofed, possesses advantages in electrical 
characteristics and cost over alternative forms. 

Telephone Transmission. An extensive investigation 
has been carried out by the Bell Telephone engineers 
with regard to the characteristics of speech and of 
hearing. A considerable number of papers have been 
published on this work. This analysis of the charac¬ 
teristics of speech has made it possible to determine 
accurately the effect of different frequency ranges on 
the intelligibility, loudness and naturalness of the 
spoken word. It is interesting to note that a large 
proportion of the energy of the voice is in the low 
range of frequencies of a few hundred cycles, while the 
higher frequencies up to several thousand cycles are 
of importance in providing clear articulation. As a 
by-product of these researches, important scientific 
results are being obtained regarding the nature of 
hearing, and methods of aiding the deaf and the dumb. 

A paper entitled “Telephone Transmission Mainte¬ 
nance [j^actises,’’ read at the Pacific Coast Convention, 
described the practise employed by the telephone com¬ 
panies in this country to guarantee their circuits 
maintaining a condition for giving the best transmission 
results. These practises are of the greatest importance 
in maintaining both toll and local circuits. 

A paper read at the San Francisco Convention, 
entitled “Guided and Radiated Energy in Wire Trans¬ 
mission,” gives a good discussion of transmission 
over wire circuits, and the conditions under which 
part of the energy is radiated from such circuits. 
This is a matter of fundamental technical importance 
since so much of our electrical art depends on the fact 
that electromagnetic waves may be guided by con¬ 
ducting wires. 

Telephone Circuits have become so long, both 
geographically and electrically that echoes may be set 
up in them. The effects produced are very similar to 
those with sound waves. Whenever a voice wave 
meets an electrical irregularity in a circuit, some part 
of the wave is reflected. If the time required for the 
i^eech waves to travel to the irregularity and for the 
reflected waves to return to the speaker or listener 
is stiffidently great, the effect becomes an echo. A 
discussion of such echo effects and arrangements de¬ 
vised for avoiding them where they become of impor¬ 
tance was described in a paper before the St. Louis 
Convention entitled “Echo Suppressors for Long 
Telephone Circuits.” It is in telephone circuits of 
such length as to require a number of repeaters, 
particularly in long cable circuits that the effects may 
become sufficiently serious to justify the echo sup¬ 


pressors which are described. With these suppressors, 
the speech currents operate relays which block the 
echoes without disturbing the main transmission. 

OiUside Plant Practises. Tests of full size poles of the 
various timbers used in telephone work have recently 
been made by the Bell System engineers, in order to 
redetermine their moduli of rupture. These tests are 
probably the most comprehensive that have ever been 
made on full size specimens, and it is hoped that a 
paper can be obtained during the coming year de¬ 
scribing the tests and giving the results obtained. 

Drop wire having the two insulated conductors placed 
parallel under a common braid has been standardized 
for use in the Bell System. This is the type of wire 
used generally for connecting subscribers’ stations with 
the nearest cable terminals. The new construction, 
in place of the twisted pair construction formerly 
employed, results in reduced accumulation of ice 
loads, better resistance to abrasion, and in simplified, 
insulating supports. It costs less because of reduction 
in material required and simplification of the manu¬ 
facturing operation. Extensive trials have shown that 
the long tvqsts which occur in the remova’ of the wire 
from the coils, in view of the conditions under which 
it is used, are sufficient to prevent cross-talk between 
adjacent circuits. 

Radio. International radio telegraph circuits have 
continued to grow during the year 1924. The Radio 
Corporation of America has inaugurated a direct 
service between the United States and Sweden; and 
between the United States and Argentine—this being 
the first direct radio link between New York and South 
America. This Company has also established a sta¬ 
tion at Belfast, Maine, for reception of messages from 
Europe. The signals received are automatically re¬ 
layed by radio to the Riverhead receiving station. 
Because of reduced static, and also the somewhat 
shorter distance, the signals received at Maine and thus 
relayed to Riverhead are generally considerably better 
than those received directly at Riverhead. 

Considerable progress has been made during the 
year in the substitution in the marine field of tube trans¬ 
mitters generating sustained oscillations for spark 
transmitters. This results in increased range of 
communication and decreased interference, both in the 
marine field itself, and to broadcast listeners. The 
Radio Corporation has completed its program for 
inafgUiTig tube transmitters in all of its shore stations, 
and has inaugurated a program for converting the ship 
spark transmitters in which it is interested into tube 
transmitters. 

Marked interest is being taken by shipping companies 
in the use of radio direction finders aboard ships. With 
the increased number of new ship installations, the 
Lighthouse Division of the Bureau of Conamerce and 
Labor are increasing the number of radio beacons which 
will be equipped with tube transmitters. Ship instal¬ 
lations of this kind are not only of importance in 
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determining the position of a ship, but also enable it 
to determine quickly the direction of a ship in distress. 

An interesting development in ship-to-ship and 
ship-to-shore telephony are the radio sets built by the 
Western Electric Company for the United States Coast 
Guard. These sets were designed to give voice trans¬ 
mission up to 50 miles, and telegraph transmission up 
to 100 miles. They use one-wave length only, which 
will lie between 100 and 200 meters. The transmitter 
is of the coupled oscillator type, of 60 watts output, and 
the receiver is of the double detection (so-called super- 
heterodjme) type. 

A brief statement was given in last year’s report of the 
developments in the use of short waves of 100 meters 
and less, and the surprising results which had been 
obtained with them under some conditions. A large 
amount of further information has been obtained as 
to the characteristics of these waves, and attempts have 
been made to explain their action from the theoretical 


The production in considerable quantity of high- 
frequency alternating currents for radio transmission 
involves some very important technical problems. A 
paper on “Frequency Multiplication,” read at the St. 
Louis Convention, discusses one of the means of pro¬ 
ducing such high frequency currents. 

Badio Broadcasting. Radio telephone broadcasting 
continues with unabated public interest. From the 
transmitting standpoint, there has been a steady in¬ 
crease in the number of better grade broadcasting 
stations. The problem of providing a sufficient num¬ 
ber of frequency bands in which to accommodate them 
has become a serious one to the authorities of the 
Department of Commerce, no satisfactory solution 
having as yet . been found. This matter, as well as 
other aspects of the broadcasting situation, was the 
subject of a National Radio Conference in October 
last ithe third to have been called by Secretary 
Hoover. 


standpoint by Larmor {Phil. Mag. December 1924) 
and by Nichols and Schelling {BeU System Technical 
Journal), April 1925). While much more remains to 
be done before it will be possible to predict definitely 
the action of such waves, they are already being put 
into important practical use for telegraph purposes. 
Four of the long transatlantic circuits are now being 
supplemented by short-wave systems. These systems 
are stiU largely experimental, but it is understood they 
give promise of having considerable value. It has not 
yet developed, however, whether these short waves will 
displace the present use of long waves, or ydll rather 
enlarge the possibilities of radio. 

The interest in these short waves led to a conference 
in England during July last, attended by representa¬ 
tives of the large radio telegraph companies in Europe 
and America. This conference discussed ways and 
m^ns of intensively studying the short wave field. 
The use of short waves involves interesting and im¬ 
portant po^bilities of using directive S 37 stems at both 
the transmitting and receiving stations. 

Under the au^ices of the American Engineering 
Standards Comimttee, a Sectional Committee on Radio 
hM been organized for the purpose of formulating 
standards in the radio field, particularly with respect 
to nomenclature and methods of rating and testing 
app^tus. The ^onsor bodies are the American 
mstatute of Electrical Engineers and the Institute of 
Radio Engineers. 


]^t year’s report mentioned the fact that week 
tests of telephone transmission from America to Euroi 
were being earned out, and that a committee appointt 

• ^ 4 . r Office had recommended tl 

mstaJlati^ of a 200-kw. telephone transmitter i 
Its new Ri^by station for transmission to Americj 
These weekly tests have been continued throughout th 

Post OfflM is prooseding wit 
the installation of the transmitter as noted. 


The developments which have been made in the art 
of connecting together a considerable number of 
broadcasting stations by long distance wire telephone 
circuits is strikingly indicated by the arrangements 
which are now made for broadcasting national events. 
For example, a speech by President Coolidge on No¬ 
vember 3, was broadcast simultaneously by 28 radio 
broadcasting stations scattered over the entire country 
from the eastern to the western seaboard. 

Considerable development has been made in re¬ 
ceiving sets. Regenerative equipment in which self 
oscillation is prevented only by proper manipulation 
by the operator, is coming into disfavor and being 
supplanted by sets employing multi-stage radio fre¬ 
quency amplification, or sets of the so-called “super¬ 
heterodyne” type. Sets of these types do not interfere 
with each other and give good speech and music quality 
together with high selectivity. 

The loud speakers associated with radio sets have in 
general presented more difficult problems in attaining 
high quality reproduction than have thesets themselves. 
Last year’s report mentioned two paperswhich had been 
presented during that year to the Institute on this 
natter. With one of these papers was demonstrated 
the so-called cone-type of loud speaker developed by 
the Bell System engineers. This loud speaker has 
ance been put on the market. It properly reproduces 
the low frequencies whose lack has been perhaps the 
most unfortunate characteristic of broadcast reception 
from a niusical standpoint. At the same time it 
pamits a better reproduction of the higher frequencies. 

A paper entitled “A New Hornless Type of Loud 
Speyer,” read at the St. Louis Convention, describes 
the development work on loud speakers carried out by 
the General Electric engineers and in particular a form 
0 hornless loud speaker which they have developed. 

It IS e^ect^ that this development will form the 
basis of a high-grade loud speaker to be put on the 
market. 
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It is very important with high-grade loud speakers 
that the voice frequency amplifiers associated with 
them, as well as the radio set, be free from distortion. 
A paper entitled “The Design of Distortionless Power 
Amplifiers,” read at the Midwinter Convention, dis¬ 
cusses the problems which arise in the design of such 
amplifiers and the means for overcoming them. 

Inductive RekUiom 0 / Power and Communication 
Circuits. In response to a demand for a body repre¬ 
sentative of all wire-using utilities to carefully consider 
the technical problems of inductive coordination, the 
American Committee on Inductive Coordination was 
organized. This committee is made up of representa¬ 
tives of the American Railway Association, the Ameri- 


under investigation include; coupling coefficients be¬ 
tween power and telephone circuits; effectiveness of 
coordinated transpositions; effects of unbalances in 
telephone circuits md means for locating and clearing 
them; the cumulative effects of successive exposures; 
protection of telephone circuits from acoustic and 
electric shocks; residual voltages and currents in power 
circuits and methods for their control, including effects 
•of isolating and grounding the neutral by different 
means; noise in telephone circuits, its effects, frequency 
composition, methods of measurement, and survey 
of itsmagnitudeand distribution; waveshapes ofvoltage 
and cmrent in power circuits and the development of 
means for nnprovement and rating; inductive effects 



Fid. 1 


can Electric Railway Association, the National Electric imder joint use of poles or other conditions of do^ 
light Association, the Western Union Telegraph Com- exposure; the effects of changes in the i^wer level 
pany, the Postal Telegraph-Cable Company and the and sensitivity of telephone circuits; selective devices 
Bell System. This committee has perfected an organi- for suppressing undrakable frequenciesin either or both 
agreed upon a program, appointed subcom- systems; characteristics of telephone rweivers md 
mittees and has issued its first report. transmitters; special devices for application to either 

The Joint General Committee of the N, E. L. A. and or botii systems; and interference with carrier frequency 
the Bell System has continued its cooperative work channels. It will reqwe a period of several years to 
throughout the year. The comprehensive investigation complete these investigations, but it is placed that 
by the Development and Research Subcommittee important results will be made generally available from 
has been divided into eleven projects; and each project time to time, 

put in charge of a smaU Project Committee. The The paper on “Telephone Circmt Unbalanc^— 
program includes both theoretical and experimental Determination of Magnitude and Location,” read at 
work in the laboratory and in the field. Subjects the Pacific Coast Convention, covers a matter of large 
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importance in considerations of inductive interference. 

Electrical Protection. The National Fire Protection 
Association, through its Committee on Signaling 
Systems, has undertaken a complete revision of the 
Regulations for Mumcipal Fire Alarm Systems, and for 
Protective Signaling Systems. The Electrical Com¬ 
mittee of the Association is engaged in a triennial 
revision of the National Electric Code, including the 
Regulation for Wiring of Signaling Systems and Radio. 

Cornrnunicaiion in Railroad Operation, Communi¬ 
cation plays a very important part in railvray work. 


the telephone companies arranged circuits connecting 
observing parties at Buffalo, Ithaca, Poughkeepsie, 
East Hampton and New York, N. Y., and Middletown 
and New Havens Connecticut. Telegraph signals, set 
by . observers at five points at the instants when the 
eclipse became total to them, were recorded on a 
chronograph in conjunction with seconds beat by a 
very accurate electric clock. 

Careful observations were made by a number of the 
communication companies, and by others interested in 
radio, as to the effect of the eclipse onradio transmission. 



Fia. 2 

A paper on “Communication in Railroad Operation” 
read at the St. Louis Convention discusses this matter 
from the railroad standpoint. 

Solar Eclipse. The eclipise of the sun in January was 
of special invest to communScation engineers, in that 
commimi(^tion facilities played a very important part 
in the scientific observations which were made, be- 
cai^e of the effect of the eclipse on radio transmission. 

At the request of the American Astronomical Society, 


Pig. 3 

Definite correlation between the passage of the shadow 
of the eclipse and radio transmission appears to have 
been well established in some eases. 

Electrical Transmission of Pictures. There has been 
a large amount of activity during the year in the elec¬ 
trical transmission of pictures. 

The report for last year gave a brief description of a 
system developed by the Bell Telephone System engi¬ 
neers for transmitting pictures over telephone l i ne s . 
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Further development has so far perfected this system 
that the transmitted pictures present an appearance 
differing very little from that of the original photo¬ 
graph. Fig. 1 is a reproduction of a picture so trans¬ 
mitted, and shows the great amount of detail obtained. 
The picture was transmitted directly from an ordinary 
positive film, and about seven minutes was taken in 
transmission. Pictures of the inauguration of President 
Coolidge on March 4 were transmitted from Washing¬ 
ton, D. C. and received simultaneously at New York, 
Chicago and San Francisco, and were published in the 
afternoon editions of the newspapers of that same day. 
Commercial picture service with this system has been 
inaugurated between the three cities of New York,. 
Chicago and San Francisco. The system is described 
in a paper appearing in the Bell Systems Technicai 
Journal for April, 1925. 

The lines of the Western Union Telegraph Company 
have been used commercially by a number of news¬ 
papers for the transmission of photographs by a method 
devised by M. Ferree and J. Wissmar. In this system, 
the elements constituting the picture are sent over the 
line wire and handled in exactly the same manner as the 
signal impulses used in the transmission of ordinary 
telegraph messages. At the sending end a stylus 
naoves in spirals over a specially prepared cylindrical 
plate. Current impulses flow through an electric 
circuit, of which the stylus and plate form a portion, 
whenever the stylus rests upon a light portion of the 
plate and operate a telegraph pole changer. The 
current reversals caused by the pole changer operation 
are transmitted to the receiving station or stations 
through the line wires and such telegraph repeating 
apparatus as is necessary. At the receiving station a 
relay opens and closes an electric circuit, in which is 
included a stylus which travels spirally over a chemi¬ 
cally prepared paper. By the action of these electrical 
impulses upon the treated paper, marks are made so 
that a picture is formed corresponding to that on the 
sending plate. The system described has been suc¬ 
cessfully used on a circuit lay-out arranged for duplex 
operation, and made up of about 5300 miles of line 
wire connecting to fifteen cities. Fig. 2 is a reproduc¬ 
tion of a picture transmitted in this way. About one 
hour is required for transmission. 

The Radio Corporation of America announced diuing 
the year transmission of pictures bj' radio from London 
to New York. Fig. 3 is a reproduction of a picture so 
transmitted. The method employed is, in brief, as 
follows: At the transmitting end, the picture to be 
sent is wrapped around a glass cylinder which is caused 
to revolve. As the drum revolves, a small concentrated 
electric light on the inside sends a beam through 
successive portions of the picture to a sensitive photo¬ 
electric cell. The current variations resulting are 
highly amplifiedj and are caused to charge a condenser 
in such a manner that the rate of charge is determined 


by the amount of light piercing the transmitting film. 
When a given voltage is reached on the condenser, the 
circuit trips and gives a pulse which works a relay to 
start a signal. When the amount of light increases 
beyond a certain point, the current not only is able to 
charge the condenser more quickly, but is so arranged 
that it will hold the relay for a greater length of time. 
This gives rise to a peculiar characteristic of widely 
separated dots for one end of the light scale, of close 
dots for the middle ground and long-drawn-out dashes 
for the other end of the photographic scale. 

At the receiving end a paper sheet is fastened to a 
drum, which rotates in synchronism with the drum at 
the sending end. The radio signals, highly amplified, 
actuate a small fountain pen suspended just above the 
paper, which thus records on the paper the dots and 
dashes received by the radio, and thus forms the picture. 

The rugged character of the dot and dash signals, 
such as has made possible long distance communication 
by radio telegraphy, carry’these pictures through what 
would otherwise be considerable interference. The 
question of detail is a matter of the amount of time 
which can be devoted to the transmisaon. A portrait 
with the amount of detail shown can be handled in 
about twenty minutes. 

A S 3 mtem devised by Edouard Belin, who has long 
been inta-ested in picture transmission, has been tried 
out during the year between St. Louis and New York, 
and pictures so transmitted have been published in 
newspapers in both of these cities. 

A number of other investigators have been carrying 
on experiments in picture transmission, among these 
being C. F. Jenkins, Austin G. Cooley, M. L. D. 
McFarlane and H. G. Bartholomew. 

Edttcation in Corhmunieaiion Engineering. There 
has been a steady growth of interest in communication 
bourses in the teaching of electrical engineering, al¬ 
though the growth is perhaps less rapid than in the 
years immediately following the war. The tendency 
seems to be toward required rather than elective 
courts in electrical communication, probably due to the 
growing realization that such courses introduce the 
student to certain important fundamental conceptions 
and ideas which he would not get from his other courses. 
In August, 1924, an educational conference was held 
in New York City, in which a group of college pro¬ 
fessors met with officials of the Bell Telephone System. 
The discussion of various phases of electrical commum- 
cation and the methods of teaching them were 
of much value to all those who attended the confer¬ 
ence. 

A considerable number of educational institutions 
are undertaking the broadcasting of courses of lectures, 
music, athletic events, and other matters of interest. 
This promises to become an important function of some 
of our universities. 
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Map of Muscle Shoals district. Pig. 2. 

Variation in daily flow in horse power of Tenneasoe River. Pig. 3. 
Muscle Shoals compiu^od with Niagara Falls and undeveloped water 
powers in tho United States. Pig. 4. 


I. Fundamental Features 

1. PMic^s Understanding of Term Muscle Shoals” 
In the public’s mind, the term ^'Muscle Shoals” is a 
definite spot arid not the stretch of river described in 
Section 3. As used by the layman, Muscle Shoals 
meaM the water-power development now nearing com¬ 
pletion at the Wilson Dam—^named for President 
Wilson—and the term is so used in this study. 

While the Wilson Dam is merely a small part of the 
proposed Tennessee River development, it is the only 
part now under construction and this is why the public’s 
attention has been focused on it, rather than on the 
project as a whole. 

2. Public^s Interest in Muscle Shoals. At present 
Muscle Shoals is the most talked of power project in 
the world. No other water power has ever received so 
much oratorical attention, or has had expended on it so 
much printers’ ink. The very name '^Muscle Shoals” 
has become a symbol for power* 

In the forum, in the press and in the conversation 
of the public, Muscle Shoals has frequently been the 
dominating topic of the day. Prom its inception as a 
measure, public interest in it has grown until at 
times the p reponderant public opinion has been that the 

L Consulting Engineer, Colmnbus, Ohio; 

jrrtsented at the Annual Convention of the A. I. E. E. 
Saratoga Springs, June 1926. 


military and economic strength of the nation was 
dependenfupon Muscle Shoals, 

3. Location of Muscle Shoals. The general geo¬ 
graphical location of Muscle Shoals in northwestern 



Fig. 1—^Map of Muscle Shoals Drainage Basin of 
Tennessee Riveb 

Possible future dam sites for navigation and power 


Biverton. A Sale Creek. B Senator. I 

Numbers.. B White Creek. F Melton Hill " J 

Guntersvllle. C MarbleBlufl. G Clinton.....’’’*’.* K 

Shem^ . D Coulter Shoals... H, Cove Creek!!!!!! L 

Alabama is riiown by Fig. 1, with local details given 
on page 4. 
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For a distance of about 37 miles, between tlie railroad 
bridge at Florence and Brown's Island near Decatur, 
Alabama, the bed of the Tennessee River is really a 
series of shoals, one right after the other, with a fall 
of 140 feet in that distance. 

The shoals near Florence are known as "Muscle 
Shoals,” as the muscle shell fish—earlier and now alter¬ 
nate spelling “Mussel”—were found in abundance in 
the bed of the shoals. The present geographical name 
"Muscle” has been derived from this fact. The Muscle 
Shoals section includes the stretch of river from Muscle 
Shoals up to Brown’s Island. 



KlO. 2 Mow'LK StlllAI.H IJlHTJtlCT, Al. All AM A, MaHUH 102 .") 


4.. Current Term Applied to Muscle Shoals. The 
following are commonplace expressions for and repre¬ 
senting current ideas of Muscle Shoals; 

'•Th«r« is no placa in tho world whoro greator advantages arn to 
1(0 found for the hamonBing of water power for tho uses of induu- 
trj', or whore there is groator power awaiting dovolopment, 
within roaoh of tho soahoard by water and rail transportation, 
than at Musolo Shoals.”* 

•'If I woregreedy for power over my follow mon.Ishould rather 
control Muscle Shoals than to bo continuously elected Presidont 
of tho Unitodl States.”* 

•'The completed Muscle Shoals is worth more than all tho gold 
currency in the world.”* 

"The destiny of the American people for centuries to come 
lies at Musote Shpals.”* 

"Amorioa's Gibraltar—Muscle Shoals. In peiwe, prosperity 
for tho fanner; in war, preparedness for tlie Nation." 

"Musole Shoals, waiting through the ages for man to tamo 
their roaring waters and harness their mighty power.” 

"The Niagara of the South.” 

“Btandu-ds of living at stake in Muscle Shoals dooision.” 

5. Charaeterietics of Tennessee River Drainage Basin. 
The area of the drainage basin suppljdng the Wilson 
Dam at Muscle Shoals is 30,800 sq. mi. Much of this 
is hilly or mountwnous so that the rain falls on suf¬ 
ficient of a slope to produce a rapid run off from the 
surface of ground to the stream. Daily stream-flow 
reading for the Tennessee River, made at the railroad 
bridge at Mortice, about 2H mi. bdow the Wilson 

Document No. 83. 69th Congress, First Session. 

2. Newton D. Baker. 

3. ThomM A. Bdiaon. 

4. The New York Times credits this to Henry Ford. 


Dam and recorded by the U. S. Geological Survey, are 
available since 1871'. 

The average rainfall for the entire drainage basin 
is 51 in., of which 13 in. occurs in the winter, 15 in. in 
the spring, 14 in. in the summer, and 9 in. in the autumn. 

6. Why Variable Stream Flow is Natural. Rainfall 
is the initial source of the water in all rivers. Rainfall 
is not continuous but periodic and varies largely with 
different seasons. Therefore, unless there is natural or 
artificial storage to equalize the volume, the flow of a 
river will vary approximately with the minfall. Vari¬ 
able flow is obviously the natural condition of a river. 

The Tennessee has neither natural or artificial storage 
at present, and its variable flow characteristics are, 
therefore, typical, varying merely in degree with other 
rivers. 

7. Characteristics of the Tennessee River. The banks 
of the Tennessee River are well cut, clearly defined and 
there has been little change, or tendency to change, in 
its course from year to year. The bottom of the river 
does not present any serious difficulties for dam 
foundations. 

"The Tennessee is subject to sudden and frequent 
fluctuations in discharge. Its headwaters drain a 
mountainous region noted for heavy and prolonged rains 
and generally high annual precipitation. The high- 
water season is in the late winter and early spring and 
is caused by copious rainfalls, while the melting of snow, 
as a contributive factor, is only of minor significance. 

"The maximum rates of flood flow in the Tennessee 
are not so high as might ordinarily be expected of a 

u 

4,500.000g 
4,000,000g^ 
3,500,000g| 

utu 

3,000.000|g 
2,500 ,OOOk® 
2,000,000g3 
1,500,000^^ 

wO 

ljOOO,0(X)g| 

500,000 11 

0 I 

Fio. 3—VAtirATiON IN Daily Plow and Hohhb Powkk of 

TbNNWHSKK UlVKll AT MOBOLK EUOALH 

On thf) basis of 80 {wr confc. of tUo hydroolocbrio gonorators, 10 

lu p. of omsrgy will bo gnnofatcd for ouch cubic foot per second flow 

at Uw Wilson Ham at* Musolo HboalH. Tho scale at tho right of figure allows 
h.p. oaimoity. (Loft). Dally stream flow readings of Tonnossoo River 
at Florence. Ala., near tho Wilson Dam, have been recorded by XJ, S. 
Zoological Hnrvoy for .W years. Tho data shown an? for 1898. 

river basin subject to the high rates of storm rainfall 
that are common there. This is attributable to three 
factors: 

a. The peouiiar configuration of the drainage basin which, 
near the middle, is constriioted to a width of loss than 40 mi. 

b. Tho general westerly flow of the river in a direction con¬ 
trary to the movement of storms. 

5. Recorded in the U. S. Geolofidoal Survey Water Supply 
Papers Nos. 353,383,403,433,453,473,503. 
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e. The arrangement of the tributaries, which does not favor 
rapid collection and concentration of rim off. 

“On account of the mild winters, ice troubles, so 
■common at hydroelectric plants in the northern United 
States and Canada, are rare and become a negligible 
factor in the operation of such installations in this 
r^on.“* 

8. Variation in Daily Flow of Tennessee River. This 
is shown in the yearly hydrograph chart, Fig. 2. In 
the extreme year shown—1898—the daily flowin “1000 
cu. ft. per second” varied from 481 to 9, or 58 to 1. 

In 1923, the daily flow varied in “1000 cu. ft. per 
second” from 215 to 8, or 27 to 1. 

The ma ximum discharge of the Tennessee River 
recorded at Florence was 499 “1000 cu. ft. per second” 
and occurred on March 19,1897. 

It is important to bear in mind that these flow data 
•are not deductions from rainfall statistics, but are 
actual measurements, and show the high and low flow 
conditions that must be coped with in water-power 
developments on this river. 



Pig. 4 Muscle Shoals Compared with Niagara Falls 
AND UNDBV^OPED WaTBR PoWBR IN UlHTBD StATBS IN 

Million H. P. 

Th© diaigram at th© right, th© geographic distribution of potentlsd un¬ 
developed water power in United States, is based on data from the U. S. 
Geological Survey. This total is without artificial or str6a.m flow control 
and is la,rger than It would be feasible to develop. Probably not over 
.25,000,000 h. p. will be worth developing for many years. Th© amount of 
ipower that may be alloted to the United States in any future joint develop- 
onent of the Niagara and St. Lawrence Rivers is not Included. 

The two comparisons above are for 24rhr. capacity without artificial 
»or ^am flow control; because of scenic preservation and ice flushing 
■conditions, not more than three and one-half million h. p. can be depended 
vupon at Niagara Falls. 

The^ horse power that piay be developed for various 
conditio^ of river flow at the Wilsoa Dam at Muscle 
Shoals, is shown at the right on page 8. 

9. Water Storage Idmitations. At the Wilson Dam 
at Muscle Shoals, the area of the pool known as Wilson 
3^e is 14,^0 acres, or in round numbers, 23 sq. mi. 
This pool gives enough ponding to meet daily fluctua- 
6. House Document No. 319,67tli Congreas, Second Session. 


tions in loads but affords practically no storage. 

10. Meaning of “Primary Power" and “Secondary 
Power." Primary power is the power that can be 
developed continuously for 24 hours of the day and for 
every day in the year. Secondary power is power that 
can be developed for merely a part of the time, and 
which may be for certain seasons of the year or for 
certain hours of the day only. The thing in which the 
ultimate consumer is interested is not primary power 
per se or,secondary power per se, but continuous power; 
that is, continuity of service; and secondary power 
can be made continuous power only by having some 
other source of power to make up for the deficiency. 
This usually means a steam plant. 

11. Primary Power of Wilson Dam at Muscle Shocds. 
In general, the primary power tiiat may be depended 
upon at the Wilson Dm at Muscle Shoals is 100,000 
h.p., continuous output. However, there will be 
occasional da 3 re when the primary power will drop 
to about 87,000 h. p. For the larger turbine capacity 
needed to utilize this primary power see §23. 

12. Secondary Power of Wilson Dam at Mtmle 
Shoais. In addition to the 100,000 h. p. of primary 
power that can be developed at the Wilson Dam, the 
following quantities of additional secondary power can 
be developed for the re^ective per cents of total time 
shown below for the two conditions of river flow shown: 

Additional Approximate per cent of total tima available^ 
secondary Low year daily Mean monthy 

horse power discharge basis discharge basis 

60,000 . 56 per cent. 86 per cent 

100,000 . 44 per cent.72 per cent 

150,000. 32 per cent.63 per cent 

200,000. 24 per cent. 66 per cent 

300,000. 16 per cent.42 per cent 

IS. Muscle Shoals Compared with Niagara FaUs. 


Muscle Shoals Niagara 

Wilson Dam Falls® 

Area drainage basin, 

square miles.30,800 263,400 

Storage. none 3 area of drainage ba¬ 

sin is water storage. 

Head—that is, fall— 
that can be devel¬ 
oped. 96 ft. 300 ft. 

Ice problem. none Flushing the ice and 

maintaining scenic ef¬ 
fect reduces the capac¬ 
ity from 6 , 000,000 
h. p. to 3,600,000 h. p. 

rtAl_ .♦ 


24 hour continuous ca¬ 
pacity in horse 

power... 100,000 3,600,000 

Thus the continuous capacity that can be obtained 
from Mu^e Shoals is 1/35 of the capacity’of Niagara 
Falls, or it would take 35 Muscle Shoals to equal pne 
Niagara Falls. 

In using Niagara Falls as a comparative yard stick, 

7. House Dooument No. 1262, Plates 107 and 108, 64th 
Congress, First Session. 

• 8 . For further discussion see' Smithsonian Institution Paper 
“Niagara Falls: Its Power Possibilities and Preservation.” 
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it is important to bear in mind that the Niagara River 
is jointly owned by the United States and Canada and 
tihat the treaty limits the total development at present 
to 1,000,000 h. p. and there can be no further develop¬ 
ment until the treaty is amended. Furthermore, if 
the treaty is amended and the development is pushed 
to the limit—on the basis of still maintaining an 
adequate scenic effect—of 3,600,000 h. p., one-half of 
this, or 1,700,000 h. p., would belong to the United 
States. 

ll^. Muscle Shoals Compared mOi Undeveloped Water 
Power in United States. While the potential un¬ 
developed water power in the United States is, in 
round numbers, 46,000,000 h. p.—as shown on page 10 
probably not over 26,000,000 h. p., of this 24-hour 
continuous capacity without artificial storage, will 
be worth developing for many years. Therefore, the 
Wilson Dam' at Muscle Shoals compares with this 
probable undeveloped water power, available for the 
near future, as follows: 

Total undeveloped water power in the United 


States worth developing. 25,000,000 h. p. 

Wilson Dam at Muscle Shoals. . 100,000 h. p. 


That is, the Wilson Dam at Muscle Shoals represents 
1/260 of the undeveloped water-power capacity of the 
United States worth developing; or it would take 260 
Wilson Dams to equal the undeveloped water power 
now worth developing in the United States. 

15, Muscle Shxxds Compared with Stationary Pri¬ 
mary Power in United States. 

Using the term primary power—as defined in 
Section 10—^with the knowledge that the ag¬ 
gregate horsepower capacity of all stationary 
steam, oil and gas engines, and steam and 
water turbines is in excess of 50,000,000 h. p. 
at the present time it is estimated that the 
strictly primary stationary horse power ca¬ 


pacity in the United States is at least. 40,000,000 h. p. 

The primary power at the Wilson Dam at 
Muscle Shoals is. 100,000 h. p. 


That is, it would take 400 Muscle Shoals to finish 
the primary stationary power that is now in use in the 
United States. 

16. Water Power PossibiUties of the Tennessee River 
Compared. The Wilson Dam is not the whole Muscle 
Shoals project, but merely a part of the proposed pro¬ 
ject; and this is but a small part of a much larger 
proposed development which Congress is now having 
studied; viz., that of the power-navigation-industrial 
possibilities of the entire Tennessee Basin. 

The water-power possibilities of the Tennessee River 
compare as follows: , 


Undeveloped water power in the United States 

worth developing. 

United States share of total possible development 

at Niagara Falls. 

Probable total development on Tennessee 

River .... 

Wilson Dam at Muscle Shoals. 


Primary 
horse power 

26,000,000 

1,700,000 

1,000,000 

100,000 


This shows that the proposed development on the 
Tennessee River is 1/25 of the probable power develop-^ 
ment in the United States and about 60 per cent of the 
United States' share of the total power that can be 
developed at Niagara Falk; and, further, that the 
present Wilson Dam development represents but one- 
tenth of the probable total Tennessee River develop¬ 
ment. 

17. Water-Power Limitations. 

1. Water power is not free. In the consideration of water 
power, many well meaning persons think only of the free gift of 
nature and entirely overlook the part that man’s labor and money 
must necessarily play in the realization of the boimties of this 
gift. There seems to be an impression among some people that,, 
since water runs down hill, water power can be developed at very- 
little cost and with very little risk. Such an impression is, ini 
most oases, very far from the truth. Water power is worth 
just what can be gotten out of it in competition with power 
manufactured from fuel. 

2 . While nature has made the water, it is no more natural or 
free than the nature-made coal. Both liiust be brought under 
control to be of service to man, “Much has been said about 
harnessing water falls. However, there has been little apprecia¬ 
tion that someone must furnish the money for securing, main¬ 
taining and ultimately replacing the harness and hiring labor for 
the continuous direction of the harnessed energy.” 

3. Coal is relatively a small part of total power cost. 

4. The cost of water-power plants per horse power of plant 
capacity is usually more than for steam plants, but the operating 
cost of a water-power plant should always be less than for a steam 
plant. 

5. The capacity is dependent on stream fluctuation. With 
storage reservoirs, the maximum operating capacity is merely 
the average stream flow; without reservoirs, the ma x i m um ca¬ 
pacity that can be depended upon is merely the minimum flow. 
The flow of the stream may be injuriously affected by the op¬ 
erations of man or the agencies of nature and the available flow 
may be much less than anticipated. 

6 . While auxiliary plants can be installed to furnish power 
during the low water period,the increased cost would ordinarily 
not make this attractive in single plants. 

7. Actual delivering capacity is usually much lower than the 
published flgures. 

8 . Water-power development in the United States has been 
strewn with wrecks, due to failure to appreciate the clearly de- 
flned economic limitations under which water-power develop¬ 
ments take place and failure to cope with the nature-made 
limitations in variation in stream flow. 

18. Proximity of Coed to Mvbscle Shoals. Extensive 
coal deposits are located in central Kentucky, central 
Tennessee and northwestern Alabama. These are, of 
course, advantageous from the viewpoint of furnishing 
fuel for any industries that would use Musde Shoals 
power. These coal deposits, however, because of their 
proximity, make steam-power generation relatively 
easy and are, therefore, a determining factor in ap¬ 
praising Muscle Shoals power, since, in the long run. 
Muscle Shoals power is worth no more than powa* that 
can be gaierated from a steam plant, 

19. Confusion of Power and Fertilizer, Much of tiie 
misunderstanding regarding Muscle Shoals arises from 
the confusion of the power project with nitrate pro¬ 
duction for either munitions or fertilizer. Power pro¬ 
duction must stand on its own feet and should be self- 
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sustaining; fatilizer production should also stand on 
its own feet and be self sustaining. 

Fertilizer manufacture would require power. But 
there is no mysterious advantage whatsoever in Muscle 
Shoals power; power from any other source would 
function just as effectively. The crux is one of eco¬ 
nomic cost and not of geographical position. 

II.—What has been Done to Date 

20. History. “In 1824, J. C. Calhoun, Secretary of 
War, asserted that a canal around Muscle Shoals was 
of great national importance.” The first investiga¬ 
tion, was authorized by Congress in 1828 and this was 
followed by others. 

The fiirst study “undertaken by the United States 
with a view to the possible development of the extensive 
potential water powers in this section of the river” was 
made in 1907. The whole project was finally brought 
to a head in the report of the Chief of Engineers, June 
4, 1916,® describing the then-proposed dam construc¬ 
tion, which later was named after President Wilson and 
officially designated the “Wilson Dam.” 

What is now known as the Wilson Dam was started 
November 9, 1918—two days before the armistice— 
but the work was suspended from April 16, 1921, to 
October 1, 1922, and the present indications are that 
the work will now be completed about January 1,1926. 

21. Wilson Dam. The Wilson Dam is located at 
the foot of Muscle Shoals, 2J4 miles east of Florence, 
Alabama, as shown in Fig. 2. 

The dam is a huge concrete structure with navigation 
locks at the north end, a power plant at the south end 
and a roadway on top. The total length of the struc¬ 
ture is 4600 feet, and contains 1,860,000 cu. yds. of 
masonry, which is the largest volume of masoniy in 
any dam in the world. The dam is 96 ft. high, 106 ft. 
thick at the base and rests on a hard blue limestone. 


The total installed capacity (above auxiliary 
equipment used in the plant itself) con¬ 
tracted for now is: 

Horse power 


4 units, at 30,000 h. p. each. 120,000 

4 ** “ 35,000 “ “ . 140,000 


Present capacity. 260,000 

Additional units proposed: 

10 units, at 35,000 h.p. each. 350,000 


Proposed future capacity. 610,000 


However, not all of the 260,000 h. p. of installed 
capacity is available for continuous use for the reasons 
given in the next paragraph. 

While the stream-fiow conditions will permit of a 
continuous output of but 100,000 h. p., the demands for 
electric energy are not uniformly distributed over the 
24 hours and the maximum hour would ordinarily be 
60 per cent more than the average hour, so that 160,000 
h. p. of turbine capacity woxfid be required to meet 
the probable daily peak of the primary horsepower serv¬ 
ing capacity. One unit should be in reserve and ready 
to at all times take care of any breakdown in operating 
machines. 

The additional equipment which is for secondary 
power can be used in general only, as arrangements are 
made for getting some other source of power to supple¬ 
ment the low stream flow periods. 

2U. Ncmgaiion Locks. Two navigation locks, each 
having a lift of 46-ft. 6-in., are a part of the north end 
of the Wilson Dam. The depth available in each lock 
is7Mft. 

25. Highway Bridge. The extreme top of tiie dam 
structure will be used as a public highway bridge gnd 
airangmnents will be made so that the Lee and Jackson 
Highwasrs, now going into Florence, will connect with 
this bridge. 


22. How the Work has been Handled. The entire 
project has been ably and efficiently handled by the 
War Department, under the general direction of the 
Chief of Enginews. All of the work has been done 
on a day labor basis and practically no contract work, 
except minor subcontracts, has been used on the 
project. 

2S. Hydroekctrie Power Plant. This is located at 
the southern end of the dam, and is in fact, an integral 
part of tiie main dam construction. 

The power-house building is 1260 ft. long, 160 ft. wide 
and 134 ft. high, built of monolithic and reinforced 
concrete. 

Four complete hydroelectric generators, each of 
80,000 h. p., are now being installed, also four at 36,000 
h. p. each. The room is large enough so that 10 
additional units, each of 36,000 h. p. can be installed 
latw. 

9. Ihiblidied as House Doomuent No. 1262, 64th Coacress 
First Session. ’ 


26. No. 1 Dam far Navigation. This is located near 
the railroad bridge at Florence, as shown on the map, 
Fig. 2. It is about 16 feet high and by means of a 
lock with a 10-ft. lift, will connect to the Wilson Dam 
locks by a canal about 2J^ miles long on the north side 
of the Tennessee River. This dam will be used for 
navigation only. 

The cost of this is entirely separate and in addition to 
the figures given for the Wilson Dam in the next section,, 
it is estimated at $1,600,000, 

27. Estimated Cost of the Wilson Dam. The total 
amount of money spent directly on the Wilson Dam 
up to March 1,1926, was $38,340,822. The total cost 
of completing the dam and installing four 30,000-h. p. 
units and four 36,000-h. p. units, with all auxiliary 
equipment—see Sections 29 and 30—is estimated at 
$46,800,000.“ 

28. Wi lson Dam BuiU wiOt Borrowed Money. The 

10. The estimated cost of the additional ten 35,000-h. p, 
units, or a total of 3^,000 h. p., is $6,323,000. 
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United States Government, in order to get money to 
build the dam, sold bonds to a large number of private 
individuals. In this way, money that was earned and 
saved by private individuals was borrowed by the 
United States Government on a rental or interest basis 
and mobilized; that is, these individual savings were 
put to work collectively in building this project. In 
this way, the government hired capital just as it hired 
labor, and the rental of the money is just as much a 
part of the cost of the dam as the hire of the labor. 
Furthermore, in order to ultimately return the money 
borrowed from the individual owners, provision should 
be made within the period of the useful life of the 
property so that enough money will be set aside out of 
the income from the project to ultimately pay back the 
money to private owners from whom it was borrowed. 

29. Omitted Cost Items. The estimate in para¬ 
graph 27 has not included all items of cost that must 
ultimately come out of the public treasury. In addition 
to the appropriations for building the dam, there is; 

a. Tlie money used for paying for the 
material and labor has been borrowed for a 
number of years and the government has 
been pa 3 dng interest on this amount. The 
total interest during construction, which 
must come out of the public treasury, up to 
the completion of the dam, January 1,1926, 

is, in round numbers. $4,000,000 

b. Preliminary engineering service in the 
survey upon which the construction work 

was based, about. 150,000 

c. Services of the Army Engineers, who 
have directed the work, paid out of the 
public treasury and therefore chargeable 

to this work. 160,000 


$4,300,000 

so. Cost of Wilson Dam to the Pvblic. Taking the 
estimated cost of $45,800,000, plus the omitted cost 
items in the preceding section, $4,300,000, we get a 
total cost to the public of the Wilson Dam of $60,110,000 

In the more than six years since the construction 
work on this dam was,started, the United States 
Government has purchased construction equipment 
which is a part of the above dam cost. If the No. 3 
Dam is built at once, a part of this equipment can be 
used for the additional work. If the No. 3 Dam is 
not built, then this equipment may be sold or trans¬ 
ferred to another job and the Wilson Dam cost should 
be credited with whatever can be realized from such 
sale or transfer. It has been impossible to reconcile the 
widely divergent views as to the credit that could be 
allowed for this equipment. For the purposes of 
comparison, an allowance of $1,000,000 is made as a 
credit to the Wilson Dam cost, thus making the net 
cost in round numbers to the public on the Wilson 
Dam, $49,000,000. 

SI. WiUm Dam Cost Compared with Steam Plant 
Cost. 

Takmg the total cost given in the pre¬ 
ceding section for the Wilson Dam as 


$49,000,000, and with the frank recognition 
that this gives but 100,000 h. p. of primary 
power, we at once get an investment cost per 

horse power of plant capacity of. $490.00 

The per horse power cost per actual pri¬ 
mary horsepower output of a high grade steam 
plant, with Y e of the capacity in reserve at 
all times to guard against breakdown to in¬ 
sure continuity of service, would be.. 100.00 

The additional secondary power that can be generated 
at Muscle Shoals will, of course, be of service but it can 
be of service only as it is combined with other plants, 
which will keep the combined capital investment above 
a single steam plant. 

S2. Navigation’s Share of Wilson Dam Cost. The 
water-power development of the Wilson Dam at 
Muscle Shoals is not sufficiently attractive to subsidize 
navigation. The comparative cost figures given in the 
preceding section indicate the financial handicap for 
this water power project, so far as investment is 
concerned. 

It has been suggested that 25 per cent of ike total 
cost could be charged to navigation, but it must be 
remembered that this would be merely a bookkeeping 
transfer and would, in no way, change the blimt fact • 
that the public must ultimately foot the entire bill, for, 
imder our present navigation policy, the contribution 
would come out of the public treasury and not from 
the people who benefit directly by ike navigation 
advantages. 

SS. Reed Estate Speadation. There naturally has 
been an abnormal real estate boom in the Muscle 
Shoals district. Detailed records of 109 subdivisions 
totalling 48,381 lots and aggregating 6760 acres or 10.7 
sq. mi. area, were examined. This is merely part of the 
development and some of the allotments are indicated 
on Fig. 2. 

Alluring but deceptive advertising matter has been 
persistently and widely circulated; lots have been sold 
to widely scattered buyers. Many of these allotments 
are in com fields or pasture land, and practically all are 
without improvements other than a few graded dirt 
•streets and cheaply constracted sidewalks. Twelve 
miles distant from the Wilson Dam is not an uncommon 
location for these additions that are advertised as 
being right at Musde Shoals. 

S4. Origin of Pvhlic Misconceptions ahovi Muscle 
Shoeds. We have a wide gap between current popular 
beliefs regarding Muscle Shoals and the fundamental 
facts because: 

1 . The narcotic and hypnotic effect of superlative terms, like 
those cited in Section 4, used repeatedly, has produced a dis¬ 
torted perspective. 

2. As a nation, we have been more interested in debating than 
in fact-finding, fact-recording, and fact-facing. There has been 
all too little appreciation that while slogans may change beliefs 
and mental attitudes, they never can alter facts. Imagination 
plays an important role in our national life. To many, symbols 
are the same as reaUlaes and the symbol rather than the reality 
aspect has been stressed at Muscle Shoals. 
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3. The current newspaper expression of “white coal” for 
water power is creating an erroneous idea as to the value of water 
power and the public has jumped to the unwarranted conclusion 
that when you have a water power, you are getting something 
for nothing. Deflation of many of our water power ideas is 
desirable. 

4. There is nothing magical about water power and it is 
worth just whatever can be obtained from it in competition with 
coal,—and no more. 

5. Even though the Muscle Shoals dam is the largest concrete 
monolith and the largest dam in the world, mere size of struc¬ 
ture—that is, volume of masonry—does not make power. Water 
power requires water fall and continuity of flow and has been 
much over-estimated at Muscle Shoals. 

^ 6. Optimism run wild in real estate development has not only 
dissenainated many erroneous statements but has secured the 
dnancial interest of a large number of individuals scattered all 
over the United States in the unwarranted real estate develop¬ 
ments which have tended to still further mislead the public as to 
the possibilities that might be realized at Muscle Shoals. 

: III—^What can be Done at Muscle Shoals 

S5. Possible Fidure Dams. The map. Pig 1 
: shows the locations of possibly twelve future dams that 


in the Tennessee River development program and 
it must be evaluated from this point of view. 

89. United States Government’s Position at Completio n 
of Wilson Dam. Toward the end of this year, when 
the Wilson Dam will be completed, the United States 
Government will be in the position of having about 
$49,000,000 invested in a water power project that can 
be depended upon for 100,000 primary horse power, but 
will be without transmission lines or a market. That 
is, the Muscle Shoals power project will be “all dressed 
up and no place to go." 

The secondary power at Muscle Shoals can be made 
available only as it can be combined by transmission 
lines with other power sources. 

40. United States Government Steam Plant. An 
^cellent steam plant was built at Nitrate Plant No. 2 
in 1918. It contains a 60,000-kw. steam turbine in 
three elements, of 80,000 h.p. capacity.’** It is in 
good physical shape and could be used for supple- 
maiting the secondary power of the Wilson Dam. 


ipay be built m the Tennessee River drainage basin. 
^‘Examinations made of the rocks which will be used 
show that excellent foundations can be obtained 
throughout this region.”^’ The aggregate primary 
bciTse power that can be developed at the twelve future 
dazp sites shown, is 751,000. In addition, the Cove 
Creek Dam would make a storage reservoir from which 
some regulation of stream flow can be secured and this 
would increase the primary horse power capacity at 
the present \rason Dam and Hale’s Bar Dam. 

The estimated cost of these twelve dams is 
$125,000,000. The land that would have to be con¬ 
demned aggregates 109,000 acres; and the above esti¬ 
mated cost has allowed $30,000,000 for land acquisition. 
Ob^ously, any tendency on the part of the present 
owners to hold up prices could easily so increase 
the cost ^ to makefuture projectsfrom this aspect alone 
undesirable from a business viewpoint. 

Possibilities. The 
1GO,000 prim^ h. p. capacity of the present Wilson 
Dam at Musde Shoals plus the 761,000 primary horse 
powCT of toe proposed 12 dams, referred to in the pre-* 
cedmg sechon, plus the increase in primary horse power 

the present Wilson and Hale’s Bar Dams, would give 
a primary hoi^ power capacity of the Tennessee River, 
m round numbers, of 1,000.000 horse power. 

S7. Namgaiion Aspects. Building the additional 
S'"® navigation conditions for 

nve^ however, there still would be a 
Souto Riv^n Dam going north to toe 

3B,j^°byioys that My«le ShoabSa 
11 . A. Nelson, State Geologist. NashviUe. Tennessee. 


4^, yomjnon c>ense on Jt ermtzer tittmaon. * cai,a- 
lizer will be made by fixing the nitrogen of the air or 
any other process whenever it is good business to do so; 
that is, when the process can be carried on at a fair 
profit. No sane man would go into an enterprise 
unless it could be carried on at a profit. In other 
words, toe same motive that prompts the fanner to 
expend labor and capital in raising a crop (which is 
mer^y gettmg a living wage or return for labor and 
rapital) will insure the manufacturer of fertilizer. It 
is no more wicked for a fertilizer manufacturer to niairo 
a fair profit than for a farmer to make a fair profit. 
Without profit thM*e is no incentive; without incentive, 
there can be no progress. 

The fixation of nitrogen is a long way from fertilizer. 
To compare toe cost of segregated nitrogen at Muscle 
Shoals before its proper combination with other ingre¬ 
dients to make usable fertilizer, is not unlike comparing 
the cost of raw wool with the cost after it becomes a suit. 

4^. U. S. Nitrate Plant No. 1. This was an experi¬ 
mental ^thetic ammonia plant. It never operated, 
and, as it now stands, is not of interest for commercial 
production. It probably would be cheaper to con- 
stouct a new plant than to redesign and rebuild Plant 
No. 1 to permit of its competing with plants based upon 
toe latest developments. This represents an invest¬ 
ment of about $12,000,000. 

43. U. S. Nitrate Plant No. 2. This is constructed 
to operate on the cyanamid process, which won its 
place because it requires less than one-fourth the power 
necessary for toe earlier, but now out of date, arc pro- 
cess and b ecause the raw materiala-coal, limestone, 

off® ^ 0.746 fcw., or one kflowatt 

IS equal to 1.34 k. p. 

13. For further discussion see Part 3 “The Air-Nitrogen 

^Mses —U. S. Departoent of Commerce. Trade Information 
AUiietm No. 240. 



June 1925 


WYlfiK: POWER POSSIBILITIES AT MUSCLE SHOALS 


and nitrogen—are obtainable in many places. The 
synthetic ammonia process is. rapidly rendering the 
cyanamid process commercially obsolete as a method 
for fixing atmospheric nitrogen for fertilizer purposes. 
It uses less than one-third of the power required for the 
cyanamid process and this power need not be electric 
energy. Progress in the synthetic ammonia process 
makes the cost of pure hydrogen, and not power, the 
controlling economic factor. This plant, including the 
Waco Quany, r^resents, an investment of about 
$67,000,000. 

44. Future Market for Muscle Shoals Pow&r. Elec¬ 
tric power has completely revolutionized industrial 
living and social conditions in parts of the South. In 
Alabama, east Tennessee, Georgia, and the Carolinas, 
hydro power is largely employed in various industrial 
and textile activities. Western Tennessee and practi¬ 
cally all of Mississippi have already been touched and 
are waiting for this development program. 

The absence of income or inheritance taxes in 
Alabama and other taxation inducements, make this 
state an exceptionally favorable one for the investment 
of capital for carrying on industrial activities. 

Abundant reserves of non-migratory, reliable, English 
speaking, intelligent, white labor, accustomed to simple 
living and living close to food supplies with small fuel 
needs for house heating and lack of labor concentra¬ 
tion with attendant housing problems, give the South an 
advantageous mill labor situation for converting its raw 
cotton into the finished product right in the South, 
providing dependable and continuous electric power 
service is available. 

The shortened transportation of the raw cotton, by 
finishing the product in the South, is, of course, also 
advantageous. 

The southern negro, living here in his natural and 
normal habitat, employed extensively for common 
labor, because of his tractability, is rarely susceptible 
to the disturbing influence common where the foreign 
element dominates the labor field, and is a distinct labor 
asset for the heavier tasks. 

The South is growing rapidly and there has been a 
marked exodus of the cotton industry from the New 
England states to the South. The number of wage 
earners, the annual million pounds of cotton manu¬ 
factured, number of active spindles, and primary horse 
power employed in cotton industry is increasing much 
faster in the southern states than in the north. 

The perc«it of cotton produced, that is, converted 
into the manufactured product is for: 


Mississippi. 5 per cent 

Louisiana. 13 per cent 

Tennessee. 31 per cent 

Alabama. 44 per cent 

<3^eorgia. Ill per cent 

North Carolina. 141 per cent 

South Carolina. 174 per cent 

That is, the last three states are fabricating more 
cotton than they are producing and are, therefore, 
importing from other producing states, due primarily to 
the advantageous labor and electric power conditions. 

Within die limits of the Tennessee River Basin 
and where power will be required for development, at 
least 60 mineral substances of economic v^ue are found. 

"Special emphasis should be placed on the large 
phosphate deposits of middle Tennessee; the extensive 
coal fields of norttiem Alabama and eastern Tennessee; 
the fine ball days of western Tennessee, which are used 
in making electrical insulators and other high-grade 
articles; the great marble copper mines at Ducktown; 
the unlimited deposits of limestone of the purest qual¬ 
ity, suitable for making high pade lime and other 
similar uses; to the iron ores of Alabama and Tennessee 
and the bauxite deposits of eastern Teimessee and 
northern Georgia."*^ 

Securing lower labor and lower production costs is, of 
course, of vital interest to the public at large. There 
has been all too little appreciation of the fact tiiat every 
man's wage is a part of some other man’s cost of living. 

“It therefore appears that a broad and well-founded 
judgment would dictate that the Muscle Shoals develop¬ 
ment diould be interconnected for exchange of power 
with the existing power systems of the Southern States, 
and that this interconnection and exchange should be 
arranged for without delay, so that future construction, 
both at Muscle Shoals and elsewhere, can be directed for 
the production of plants which will supplement each 
other for economy of cdnstruction and operation.”^' 

In conclusion, within easy transmitting distance from 
Muscle Shoals, there is an adequate, existing, electric- 
power market that can promptly absorb all of the elec¬ 
tric power that can be developed. This market can be 
economically reached and effectively served only as 
Muscle Shoals is made part of an integrated, intercon¬ 
nected transmission systm, so that advantageously 
located steam plants and storage reservoirs can be used 
for supplementing the otherwise practically valueless 
secondary power at Muscle Shoals. 

14. Wilbur A. Nelson, State Geologist, Nashville, Tennessee. 

15. War Department Document No. 1039, Office Chief, 
Engineer, “The Power Situation During the War.“ p. 267. 










Hydroelectric Development of the Saguenay 

River 

The Duke-Price Power Company, Ltd., at Isle Maligne, 

Quebec, Canada 

BY W. S. LE© 

Fellow, A. I. E. E. 

Synopsis^—The building of the Isle Mcdigne Station in a remote forces. The design and layout of the construction plant were given 
section with extreme difficulties due to weather and floods, caUed as much attention on this work as the design of the powerhouse, 
for very careful planning and coordination of the various parts of the The writer maintains and endeavors to impress upon designing and 
work. The steps in the construction of this plant are shown pev~‘ construction engineers of any large prefect, this very 'important 
haps at rather extreme length, but this is done largely to bring cooperative feature. Had this not been done at the Isle Maligne 
out the value _ and importance of designing with the idea of co* Station, the great amount of work could never have been executed in 
operating and coordinating with the contractor or the construction the same length of time. 


T he largest single installation in water-power 
development ever undertaken is at Isle Maligne on 
the Saguaiay River, Province of Quebec, Canada, 
where a total powa’-house installation of 640,000 h. p. 
is being made, of which 360,000 h. p. is completely, and 
180,000 h. p. partially installed. 

The Saguenay River is one of the great tributaries 
of the St. Lawrence River and flows out of Lake St. 
John by two channels, the Grand Discharge and the 
Little Discharge. These two channels unite at a point 
nine miles below the Lake outlet, and thirteen miles 
further downstream tiie Saguenay River reaches 
tidewater. 

Lake St. John is located about 100 miles north, of the 


Quebec Streams Commission. The superficial areas of 
Lake St. John for various gage readings are as follows: 

TABLE OrVlNO ABBAS OB’ LAKE ST. JOHN FOB DIFFBBBNT 
ELEVATIONS OF ITS WATEB-STJBFAOB 

Gage Reading Area of Lake 

Ft- Sq. Mi. 


0 .. 

6 .. 

10 .. 

15.. 

17.5 


328 

380 

394 

403 

408 


The daily discharges of Lake St. John, observed 
during the year 1922 before the water power develop- 
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Fio. 1—Daily DiscEABan Curve of Saguenay River 1922 


City of Quebec. Its normal water level is 310 ft. above 
mean sea-level and the drainage area of the Lake is 
estimated to be 30,000 sq. mi. Since 1913, the Quebec 
Development Company, Ltd., has been maintaining a 
gaging station on Lake St. John and the zero point of the 
gage corresponds to the mean low-water level in 
January. By a grant of the Government, the Power 
Company is permitted to utilize the storage capacity of 
Lake St. John between ordinary low water and ordinary 
Wgh water, which is estimated to be 187.1 billipn cu. ft. 
in a depth of water of 17.5 ft., based on the survey of the 

1. Southern Power Co., Charlotte, N. C. 

Presented at the. Annual Convention of the A. I. E. E., 

Saratoga Springs, June &S~lie, 19 S 5 . 


ment was commenced, are shown on curve. Pig. 1. It 
will be noticed that the curve is pretty regular, due to 
the natural storage effect of Lake St. John. The bulk 
of the water from Lake St. John passes through the 
Grand Discharge and in winter time the Little Dis¬ 
charge is practically dry. 

Isle Maligne, the last of the many islands in the 
Grand Discharge is about 1niiles long and divides the 
stream-bed into two roclsy gorges. Its foot is two 
miles above the junction of the Grand Discharge with 
the Little Discharge and at the first-named point the. 
mean low-water level of the river is 105. ft. below the 
ordinary low-water level of Lake St. John and 122.6 ft. 
below the level of the fully Impounded Tiake . 
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After exhaustive studies, it was decided to locate the 
power house in the left channel of the Grand Discharge 
at the downstream end of Isle Maligne and to close up 
the right channel at the upstream end of thelsleMaligne 
by a spillway, the difference in normal water elevations 
between these two points being 45 ft. At this spillway 
site, called No. 4 on the general map. Fig. 2, the river 
is deeply cut in rock and it was necessary to provide 
additional spillways on Isle Maligne, which is barely 
covered with soil above its granitic formation. Finally 
an earth dam was required in the ravine near Spillway 
No. 4, on Alma Island between the Grand Discharge and 



the Little Discharge, so as to extend Lake St. John to 
the intake structure of the power house. As previously 
mentioned, the Little Discharge is practically dry in 
wnter time and its head consists of three small, rocky 
channels, calling for a comparatively small quantity of 
masonry for the confinement at this point of the im¬ 
pounded Lake St. John. 

It will be noticed that this layout permits the drawing 
of the water into the turbines directly from the natural 
storage of Lake St. John, from an average depth of 
about 20 ft. under its surface, and no trouble is antici¬ 
pated by ice which is from two to three feet thick on 
Lake St. John in the winto time. Furthermore, the 
ice will melt directly and the Lake is usually drawn 
down at the end of the winter season, thus making the 
water available for use through the turbines at a very 
opportune time. 

Railway to Power Site 

Authority to begin with the construction of this 
undertaking was given in December 1922 and the sched¬ 
ule called for the completion of the entire development 
by January 1926. At that time. Isle Maligne, where 
the principal amount of the construction was to be done, 
was practically inaccessible and severe winters of long 
duration were to be faced. The nearest railway station 
was Hebertyille, on the Canadian National Railway 
Line, about eleven miles south of the power site, and the 
nearest settlement was St. Joseph d’Alma on the Little 


Discharge, which was connected with Hebertville by a 
fairly good highway, but with heavy grades, extending 
to, and crossing, the Grand Discharge on a covered 
wooden bridge one mile below Isle Maligne. Beside 
getting in the employes and doing some sledge haulage 
of materials and supplies for the preliminary work of the 
first winter, the highway was not considered of much 
use. A railway provided a short haul, with reasonable 
grades, unbroken shipments, load capacity, volume of 
traffic and means of handling the snow, none of which 
were available by any practicable road. Moreover, a 
railway was an integral parcel of a complete power 
development, giving a shipping outlet to any furthe: 
industrial development, such as the planned paper 
miUs at St. Joseph d’Alma, and, tended by service 
tracks to the spillways and other parts of the work, it 
completed a positive construction function. Therefore 
construction for an eleven-mile railway line from 
Hebertville Station to Isle Maligne, as shown on the 
map. Fig. 2, was begun immediately. This line crosses 
the Bedard River, a low- and high-water channel of the 
Little Discharge, above St. Jo^h d’Alma and the right 
channel of the Grand Discharge at the foot of Isle 
Maligne. The track is ballasted and laid with 70-lb. 
rail and all bridges are steel on concrete piers, the long¬ 
est being that to Isle Maligne. As shown on Fig. 3, 
this latter bridge consists of two 90-ft. long and one 
220-ft. long truss spans for double track service. Be¬ 
cause the rapid and deep current in the river was 
practically doubled in volume by the diversion of fiow 
from the left channel, by a cofferdam at the head of 



Eiq, 3^—“View op Bridge Across Right Ohahheij op Grand 
Discharge at Foot op Isle Maligne, Looking Downstream 

Isle Maligne, (described elsewhere in this article), 
and did not permit the use of falsework, the large span 
was erected by the cantilever method from the 90-ft. 
approach span. The railroad was completed to the 
terminal, at the Grand Discharge opposite Isle Maligne, 
the middle of August 1923, and transportation, across 
the bridge to Isle Maligne, was started the end of 
October 1923. 

Construction Camp 

The next important step was to provide means of 
housing and feeding sixteen hundred workmen and to 
furnish homes for the compan 3 r’s employes and tiieir 
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families. The plateau above the railroad terminal on 
Alma Island opposite Isle Maligne and overlooking the 
construction operations in the south, was the most 
tavorable location for a construction camp, inasmuch as 
it was close to the works and provided natural drainage. 
It is called Isle Maligne and has been made an official 
postal station. Pig. 4 is a general plan of the camp, and 
Pig. 6 is a partial view showing the type of buildings 



constructed. All buildings ha\e sewerage and water 
supply, are electrically lighted and furnished with 
stoves. 


A chart showing the number of laborers employed 
each day during the year 1924 is given in Fig. 6. 

Construction Plant 

Having the location and t 3 npe of permanent struc¬ 
tures fixed, and the volume of work to be done deter¬ 
mined, progress schedules were prepared, giving the 
time allowed for the completion of each structure, 
keeping always in mind the fact that climate and 
stream flow set the time when certain construction 
operations could be begun and must be finished. 

As the illustrations indicate, the main construction 
items are concrete masonry and excavation, largely in 



Particular attention has been given to the water 
supply. Water from the river is pumped to a 20,000- 
gal. tank on a hill above the camp, and thence dis¬ 
tributed over the camp and works. The distribution 
was ratha* expensive because of the cold climate. All 



Fig. 5—Construction Camp 


pipes had to be placed at least six feet under ground to 
prevent free^g and much of the trenching was in 
rock. Chlorination was also employed. While the 
large volume of river flow made the danger from 
pollution rather remote,, it was felt necessary to guard 

ap,inst typhoid as fully as possible and a chlorination 
plant was installed. 

The camp was made self-contained, since the com¬ 
munity is is^ted, particularly in wintertime; a store, 
bank, post office and hoqiital were provided in addition 
to the usud dinmg halls, also bunk houses and cottages 

rooms provide means for a 
school. There is also a resident physician. 




Pig. 7 


rock, besides the steelwork for the turbines and power¬ 
house. 

The estimated masonry quantities in the Grand 
Discharge are as follows: 

Cu. Yds. 


Powerhouse Bulkhead & Substructure. 288,000 

Powerhouse Bulkhead Extension. 4o[500 

Splashwall & Retaming Walls. lo'nnn 

spmwayNo.!. J 

Spillway No. 2 . g qqq 

Spillway No. 3. 29*000 

SpiUway No. 4.8o!o00 


Total. 602,000 


The estimated quantity of masonry in the Little 
Discharge is 20,000 cu. yd. 
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A weekly progress chart, showing the amounts of 
masonry placed in all the structures combined, to end of 
February 1926, is shown on Fig. 7. 

The estimated quantities of excavation are as 
follows: 

Tail-raee. 165,000 eii. yd. 

Masonry Foundations. 155,000 ” ” 


Total. 320,000 ” ” 

Connecting with the railroad terminal on Alma Island, 
a track system was laid out to all structures and con¬ 


way No. 1 are 1000 ft. away. Spillway No. 2, 2500 ft.. 
Spillway No. 3, 4000 ft. and Spillway No. 4, which is 
approached at both ends, is two miles away, on Isle 
Maligne and 2.7 miles on Alma Island. In the Little 
Discharge for the construction of the isolated spill¬ 
ways containing a comparatively small quantity of 
masonry, an individual mixer plant was provided. 

As shown in Fig. 9, with a typical elevation of the 
crusher and mixer plant, the equipment consists of the 
following: 



Pia. 8 —Cbushee and Mixeb Plant 


A. Crusher Plant: 

One 66 by 84 in. mangttnese steel fitted ja-rtr-crusher, driven by 
one 400-h. p. motor, 360 rev. per min. 

One No. 15 manganese steel fitted gyratory crusher, driven by 
one 200- h. p. motor, 860 rev. per min. 

Pour No. 6 manganese steel fitted gyratory-crushers, driven by 
two 150-h. p. motors, 860 rev. per min. 

Two 60 in. by 12 ft. 0 in. long scalping screens driven by. one 
50-h. p., 860-rev. per min., motor. 

Two 72 in. by 24 ft. 0 in. long finishing screens driven by one 
75-h. p., 860-rev. per min. motor, each. 

One 42 in, belt conveyor, 174 ft. long, driven by one 75-h. p., 
860-rev. per min. motor. 

One 42 in. belt conveyor, 274 ft. long, driven by one 100-h. p., 
860-rey. per min. motor. 



struction plant units, practically eliminating job 
haulage by any other means. The maximum grade is 
three per cent, allowing for compensation in the curves 
and 70-lb. rails were used for the 16 miles of service 
tracks. 

Since the bulk of masonry was to be placed near the 
foot of Isle Maligne, the crusher and mixer plant was 
placed on the Alma shore near the double track bridge 
across the right channel of the Grand Discharge. 
There, the topographical conditions were favorable for 
the layout of a gravity crushing pknt; a large sand pit 
and quarry, supplementing the stone supply from the 
tail-race excavation, were also close by along the rail¬ 
road to Hebertville, and cement could be quickly 
brought in. A panoranaic view of the crusher and 
mixer plant is shown on Fig. 8 and its location and the 
layout of the service track system is indicated on the 
map. Fig. 4. Considering the mixing plant as the 
center, it will be noticed that the power house and spill- 



Fig. 10 


One set transmission machinery for driving the four No. 6 
crushers with two motors. 

One set transmission machinery for driving the 203-foot long 
belt conveyor. 

One set transmission machinery for driving the 293-foot long 
belt conveyor. 

One set transmission machinery for driving scalping screens. 

One set transmission machinery for driving finishing screens. 
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All motors are of the slip-ring tjrpe, 40-deg. rating, 2200- 
volt, 60-cycle, three-phase, each equipped with drum 
starter, with resistance for two-minute starting duty. 
Each motor (with the exception of the 400-h. p. motor 
which has a rope sheave for driving the jaw-crusher), 
is provided with sliding base rails and pulley. All these 
motors have also dust proof bearings and covers for the 
slip rings. 

The scalping screens are perforated with two-in. 
round holes, and the finishing screens have dust jackets 
perforated with J^in. diameter holes. 

The maximum capacity of the crusher plant is 400 
tons of two-inch ring-stone per hour. 

B. Mixer Plant: 

Two stone bins, of 510 eu. yd. capacity each. 

One sand bin, of 540 on. yd. capacity. 

Two 4-yd. Smith tilting mixers on steel skids, with gated 
batch hoppers on steel frames, each driven by a 75 h. p., 2200- 
volt, 900-rev. per min. induction motor. 

One 30-in. wide cement belt conveyer driven by one 10-h. p., 
220-volt, 900-rev. per. min. induction motor. 

Two 100-h. p. boilers for heating mixing water. 

One 90-h. p. boiler for heating sand. 



Fig. 11—Shop Manupaptubbj op Draft Tube Forms 

The cement house, a t 3 T)ical cross-section of which is 
^own on Fig. 10, is laid out for the handling of cement 
in bulk, with a storage capacity corre^onding to 
75,000 bags. A screw conveyer, running in a groove at 
the bottom of each cement bin, feeds the belt conveyer 
to the mixer plant. Only a small quantity of cement is ' 
shipped and stored in bag^, available for isolated work. 

The maximum output of the concrete miTOr plant 
was, on September 26,1924, amounting to 676 batches 
of 4 cu. yds. concrete. 

Excavating Plant 

For the earlier operations in connection with the 
cofferdam construction at the head of Isle Maligne and 
the service track construction, an 8 by 8 in. gasoline 
engine-driven portable compressor of 210 cu. ft. per 
min. displacement and a stationary steam-driven 
compressor of 340 cu. ft. per min. displacement supplied 
from one lOO-h, p. boilCT, were used. 

The main air-compressor plant is located on Ahna 
Island, 300 ft. south of the bridge to Isle Maligna it 


consists of two 360-h. p. 2200-volt, 200-rev. per min., 
three-phase, 60-cycIe synchronous motors, direct- 
connected to cross-compound compressors of the clear¬ 
ance-control t 3 T)e. Each compressor has cylinders of 
25- and 15|^-in. diameter, with 18-in. stroke, and a 
capacity of 2033 cu. ft. of free air per minute. 

The rock-drill equipment includes high speed drills on 
tripods and jack hammers. The drill steels are sharp¬ 
ened by three “Leyner” sharpeners after the drills are 
heated in oil furnaces. 

A separate compressor plant, of 350 cu. ft. per min. 
free air capacity, is provided for riveting. In the 
plate-steel work of each scroll case for the twelve tur¬ 
bines, there are contained 12,000 rivets, and a uniform 
pressure is required which cannot be continuously 
maintained in the service pipes of the main compressor 
plant. 

For bulk excavation and loading of the blasted rock in 
the tail-race, steam shovels are employed. Three 
shovels are of liie railway t 3 q)e and two smaller size 
shovels are fitted with caterpillar traction. 

For soft excavation, wherever practicable, a hydraulic 
monitor is used, consisting of a four-stage, 520-ft.- 
head centrifugal pump, direct-connected to a 400- h. p. 
induction motor, having an eight-in. delivery pipe and 
2J^-in. nozzle. 

Work Shop and Saw Mill 
The machine shop, near the compressor plant, is 
fitted with planers, drills, lathe, shears, bolt and pipe 
machines and forges. It is used for maintenance of 
rolling stock, general repair work and the manufacture 
of smaller articles; it is, however, large enough for the 
construction of flat cars, frogs and switches, of which a 
number were built. 

The carpenter shop, located further away from the 
congested track systan near the crusher and mixer 
plant, is equipped with band, swing and rip saws, 
planing and jointing machines. It is principally en¬ 
gaged in making the multitude of forms required for the 
construction of theconcretemasonry structures. A view 
of a completely assembled draft-tube form for one of 
the twelve turbines is shown in Fig. 11. 

A saw mill is in operation during the winter months 
when the snow permits of logs being hauled to the site 
from local sources. However, all structural timber is 
brought in by rail and is mostly British Columbia fir. 
About 10,000,000 ft. b. m. timber were used on the job 
to the end of 1924. 

Electric Power Supply 

With the exception of steam shovels, locomotive 
cranes and railway locomotives, all construction and 
shop equipment is motor operated and the aggregate 
motor equipment is 5000 h. p. . 

Price Bros, and Co., Ltd. which are coimected with the 
Saguenay Power development, have a hydroelectric 
plant at Chicoutimi from which they furnish the electric 
power. Early in 1923 a 40-mile, 44000-volt, three- 
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phase, transmission line was built from the Chicoutimi 
plant to Isle Maligne and at the works, the current is 
stepped down to 2300 volts for major motors and to 
440 volts and 220 volts, respectively, for the minor 
motors and lighting circuits distributed about the camp 
and works, as illustrated by Fig. 4. A study of this 
map and Tables I and II, will furnish the essential de¬ 
tails of power distribution and equipment. 

Altogether, about fifty odd motors are required and 
all but two or three are of the a-c. induction type. The 
largest motors are 400 h. p., for the jaw-crusher and 
sluicing pump, 350 h. p. for the air compressors and 
200-h. p. for the No. 16 crusher. The derrick motors 
are all 100 h. p. The advantages of electric power, for 
the construction plant of the Isle Maligne development, 

TABLE I 


LIST OS' MOTORS FOB OONSTRUOTION PL.\NT 


Application 

Typo 

H. P. 

Volts 

R.P.M. 

Number 

Jaw-Cnishor... 

Ind. 

400 

2200 

360 

1 

.Sluicing Pump. 

u 

400 

2200 

1800 

1 

No. 16 Orushor. 

« 

200 

2200 

860 

1 

Conveyor No. 1. 


76 

2200 

860. 

1 

No. 6 CruKliorB. 

<1 

160 

2200 

800 

2 

Conveyor No. 2. 

« 

100 

2200 

860 

1 

.Sculping Screens. 

i( 

60 

2200 

860 

1 

Concreto Mixei’s. 

u 

76 

2200 

900 

2 

Cement Elevator. 

u 

10 

220 

900 

1 

Screw Conveyors. 

« 

7.5 

220 

900 

6 

Compressors... 

Syn. 

350 

2200 

200 

2 

Excitor for Compr. 

D-c. 


125 

900 

1 

Water Supply Pump. 

Ind. 

26 

440 

1746 

1 

Carpenter Shop... 

« 

6 

220 

1800 

1 

Carpenter Shop. 


50 

2200 

900 

1 

Carpenter Sliop. 

« 

30 

440 

900 

1 

Machine Shop. 

« 

15 

220 

1150 

1 

Sand Derrick... 


100 

440 

900 

1 

.Stone Donick. 

« 

100 

440 

900 

1 

Carpenter Derrick. 

« 

100 

440 

900 

1 

Comont XTnloaclors... 

« 

6 

440 

720 

3 

Sand Pump. 

u 

80 

440 

1720 

1 

Traveler Oranos. 

u 

100 

440 

900 

10 

Construction Derricks. 

u 

100 

440 

900 

9 

Well Machines. 

« 

10 

440 

1720 

2 

Log-Handling Hoist. 

u 

100 

440 

900 

1 

Pumps... 

" 

40 

440 

1200 

2 

12 in. Pump. 

II 

100 

440 

1800 

1 


• TABLE U 

LIST OF ELEOTRIO TBANSPOBMBBS FOB OONSTRUOTION 

PLANT 


Location 

Capacity 

Kv-a. 

Primary 

Voltage 

Secondary 

Voltage 

Num¬ 

ber 

Substation No. 1. 

500 

44000 

2300-460 

3 

Substation No. 1. 

76 

2200 

220-440 

2 

Cement Shed. 

10 

1100-2200 

110-220 

3 

Derrick for Jaw-Orusher. 

75 

2200 

220-440 

1 

Derrick for Carpenter Shop... 

75 

2200 

220-440 

1 

Jaw-Orusher Motor House.... 

7.5 

2200 

110-220 

1 

Machine Shop. 

87.5 

2200 

110-220 

3 

Substation No. 1. 

5 

2200 

110-220 

1 

Carpenter Shop. 

5 

2200 

110-220 

2 

Water Tank. 

10 

2200 

220-440 

3 

Foreman’s Camp. 

10 

2200 

110-220 

1 

Camp 4... 

5 

2200 

110-220 

1 

Camp 6.. 

7.5 

2200 

110-1^20 

1 

Camp 6........ 

5 

2200 

110-220 

1 

Omp Staff. 

10 

2200 

110-220 

1 

Kumfeldt’s House. 

5 

2200 

110-220 

. 1 

Drill Sharpening Shop. 

5 

440 

110-220 

1 

Substation No. 2. 

500 

44000 

2300-460 

3 

Lights. Isle Maligne. 

10 

460 

110-220 

3 

Substation No. 3. 

200 

2300 

460-230 

. 3 

Spare Transformer. 

500 

44000 

2300-460 

1 


are a continuous supply from a central source, ease of 
distribution with the smallest loss and reduction of 
attendance to machines. 

■ Equipment for Delivering Concrete 

For the delivery of the concretefrom the mixer plant, 
full-batch buckets, consisting of four cu. yd. bottom¬ 
dumping buckets, are used; also two-cu. yd. buckets for 
structures of smaller volume. 

The concrete is handled on flat cars of 80,000- to 
100,000-lb. capacity, which take four four-cu. yd. or six 
two-cu. yd. buckets. Certain work such as portions of 
the power-house substructure were built by depositing 
the concrete by means of chutes. For this purpose, 
special four-cu. yd. wooden boxes provided with steel 
gates were built and four of them placed on a flat car, as 
shown in Pig. 12. By suitable operation of the concrete, 
train, a box is brought opposite a chute and the gate 
then opened for discharging the concrete directly 
through the chute to its final place. 



Pig. 12—Train of Pour-Yard Buokbts under Traveler 

Crane in Process of Depositing Conoretb to Chutes 

Hoisting Equipment 

With the exception of two small wooden stiff-leg 
derricks, all derricks are built of steel and their capacity 
is in proportion to the power required for han dling the 
four-cu. yd. bottom-dump concrete buckets. There are 
distributed over the various parts of theworksninesteel 
stiff-leg derricks and six steel guy deiricks. Of special 
interest are the five travder cranes built for iiie con¬ 
struction of thepower-house bulkhead and substructure 
and for subsequent use in connection with the construc¬ 
tion of Spillway No. 4. As shown oh the view, Pig. 13, 
each traveler crane consists of two stiff-leg derricks with 
individual hoisting engines mounted on top of a portal 
of steel construction. This portal has a length of 36 
feet, a span of 43.6 ft. between centers of runways and a 
clearance of 19 feet above the three railway tracks, 
arranged within the traveler span permitting trains and 
locomdtive cranes to pass under it. These two der¬ 
ricks handle a load of 10 tons per boom at a radius of 
80 ft. and of 20 tons per boom at a radius of 40 ft. 

The twenty-five hoisting engines for the various 
derricks are of the double-drum tsrpe for M-in. and 5^-ih. 
diamet^ rope and have interchangeable parts. Eadx 
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hoist is fitted with a 100-h. p. motor at 900 rev. per min. 
with suitable drum controller and resistance for three- 
phase, 60-cycle, 440-volt current. Based on 75 per 
cent of the motor horsepower, the rating of the hoist is 
9000 lb. at a speed of 275 ft. per min. on a single line. 

The two steam locomotive cranes used on the works 
have a lifting capacity of 25 tons at 15-ft. radius and of 
5 tons at 50-ft. radius. 

Rolling Stock 

As stated before, the railroad from Hebertville to 
Alma Island opposite Isle Maligne is 11 miles long and in 
addition there are 16 miles of service tracks in use on the 
works, all of standard gage. 

The sixteen construction locomotives in operation on 
these tracks are 33- and 40-ton saddle tanks with 14,400- 
lb. and 17,400-lb. traction power, respectively. For 
hauling the concrete and other construction materials, 
twenty-two flat cars of 80,000- to 100,000-lb. capacity 
are used. For excavation and earth-fill work, there are 
available thirty-six 20-eu. yd. air-dump cars and twenty 
6-cu. yd. hand-dump cars. 

Designing Features op Stbuctubbs 

Preliminary examinations made at the sites finally 
selected for the power-house bulkhead and substructure, 
for Spillways No. 1 to No. 4, inclusive in the Grand 
Discharge, and for the spillways in the Little Dis- 



PiG. 13 —View op Traveler Crane used in Construction 
OP Concrete Work fob Powerhouse 

chaise, indicated that excellent rock foxmdations, con¬ 
sisting of hard granite, were available. 

Spillways 

Since 1913, daily stream-flow records of the Grand 
Discharge and of the Little Discharge of the Saguenay 
River (as well as the daily stages of Lake St. John), 
were taken by the Power Company. 

By Government grant the ordinary high-water level 
of Lake St. John was feed at el. 257.5 which is 17.6 ft. 
above the zero point of the gage at Roberval on Lake 
St. John, and, to have the full benefit of the available 
storage capacity, it was decided to install movable 
weirs or regulating gates on top of the concrete masonry 
spillways wherever it could be economically done. As 


shown in Pigs. 14 and 16, the regulating gates are built 
of steel and are of the Stoney type, with suspended 
roller trains. All the gates are 40 ft. wide in the clear 
between piers and their top is at el. 257.6 when in closed 



Pig. 14—Flood Gate Installed in Spillway No. 3 

position. The number and height of gates in each spill¬ 
way and the corresponding discharge capacities with all 
the gates raised are given in Table III. 

TABLE III 

DISCHARGE OAPAOITIBS OB’ 40-PT. WIDE FLOODOATB 
OPENINGS IN SPILLWAYS OP GRAND DISCHARGE AND 
LITTLE DISCHARGE CONSIDERING WATER ELEVATION 257.S 


Number or 
Name of 
Spillway 

Number 

of 

Gates 


Discharge 
Capacity 
Cu. Ft. 
per Hoc. 


Height of Gates 

Per Spillway 

Total 

1 

0 

Grand Discharge 

17 ft. 6 in. 

(5.3,400 


2 

0 

0 in. 

0 


3 

12 

17 ft. 6 in. 

126,800 


4 

11 

27 ft. 6 in. 

226,100 . 

41G.300 

Right Ohaunel 

3 

Little Discharge 

17 ft. 6 in. 

31,700 


Middle “ 

0 

0 in. 

0 


Left 

2 

17 ft. 6 in. 

21,100 

62,800 



1 Total Discharge of 

Lake St.,Tohn. 

469.100 


Extending for a distance of about three-quarters of a 
mile from the outlet of Lake St. John, the Narrows of 
the Grand Discharge will be enlarged, thus increasing 
the available wato areas both below the low-water 
level, when the present Lake discharge is not suflBcient 
for operating all the turbines, and below the high-water 
level, to eliminate the gorging condition at this point. 
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It is not deemed practical to make any excavations in 
the turbulent waters of the Narrows of the Grand 
Discharge before the spillways are completed and the 
water backed up against the rapids and falls in the 
river. According to the construction program, this 
excavation work will be only partiaUy done before the 
Isle Maligne Station begins operation. 

Serious consideration was given to the possible effect 
of ice pressure. As loiown, the tendency of the ice is to 
expand at rising temperatures and where this expansion 
cannot freely act, it will exert pressure against the 
structures, causing obstruction. The maximum thick¬ 
ness of ice on Lake St. John is from two to three feet; 
however, its layem are fonned under all kinds of weather 



with a crane nmway, supported by steel towers, an¬ 
chored to the 10-ft. thick piers between the gates. On 
top of each runway, there is a traveling hoist of the 
screw-type, designed for raising and lowering each gate 
at a speed of two ft. per min. under the most adverse 
conditions. For handling stop logs, for which vertical 
grooves are provided at the up-stream end of the piers, 
the traveling hoist is equipped with an auxiliary hoist, 
having a capacity of 10 tons at each end; it can be 
operated by the main hoisting motor and is designed for 
a vertical lifting speed of 10 ft. per min. 

All five traveling hoists have interchangeable parts 
and the motors of the marine type, 650-volt, three- 
phase, 60-cycle are fully enclosed. The main hoist 
motors have a capacity of 30 h. p., each, which is based 
on the power required for handling the 27-ft. 6-in. gates; 
the motors for the traverse have a capacity of 
10 h. p., each. Each screw stem of 6-in. outside 
diameter, is operated by a manganese-bronze operating 
nut, to which the power is transmitted by steel gears. 
The cast-iron case enclosing each hoisting mechanism 
contains a nest of cushion springs sufficiently strong to 
create gradually the necessary overload in the hoisting 
motor and to trip the overload-release switch in case the 
gate should meet an obstruction while being lowered; 
this device will prevent the screw stems from buckling. 
Four rail grippers are provided for each hoist, holding 


conditions, which explains the fact that the unit crush¬ 
ing strength of the ice decreases with the increase in 
thickness of the ice. Furthermore, the heat trans¬ 
mitted to the ice, due to the rise in temperature of the 
atmosphere, gradually loses its intensity in the bottom 
layera, so that only the top layers of ice will expand and 
exert pressure if obstructed. 

For the structures which are likely to be subjected to 
ice pressure from Lake St. John, an allowance of 20,000 
lb. per lin. ft. of structure is made in the design. Re¬ 
ferring to Fig. 15, showing a typical cross-section of 
Spillway No. 1 with ma^nry crest at el. 257.5, it will be 
noticed that steel reinforcement is provided on the 
upstream face to take care of the ice pressure. 

A t 3 q)ical cross-section of Spillway No. 4, showing the 
an*angement of the regulating gate is given in Fig. 16. 
The masonry in the spillway structures is mass concrete 
with large stones ranging up to five tons, embedded* in 
same to secure a good bond between the successive 
layers of concrete. 

No silt pressure against the up-stream face of the 
spillways is considered, since the water carries no silt 
in suspension. An allowance for possible uplift at the 
base of the spillway is made, assuming that full water 
pressure, acting at the heel, decreases to zero at the toe 
in a parabolic function. 

With the exception of spillway No. 2 and the spillway ' 
in the middle channel of the Little Discharge, neither of 
which have regulating gates, each spillway is provided 



the hoist to the rails while a gate is in operation. The 
gate to be operated is connected by steel pins to the end 
of the two hoisting-screw stems. On top of the pi«:s 
there are stops, consisting of heavy cast-iron brackets 
with heavy forged steel pawls, which are strong enough 
to support the weight of the heaviest gate when it is in 
raised position and disconnected from the screw stems 
of the traveling hoist. 
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Power-House consists of two 16 by 22 ft. openings formed in the con- 

Considering the 720-ft. over-all length of the power- Crete masonry. Each opening contains a rectangular 
house and the 163.5-ft. width of the power-house bulk- gate of the butterfly-valve type, having in the center a 
head and substructure at the base, it was deemed cast-steel girder of 2 ft.-8 in. depth and of 2 ft.-6 in, 
necessary to provide for expansion and contraction of width, with bronze-bushed trunnions of 18 in. outside 
the structure due to temperature changes. Referring diameter and 24 in. length at each end. The wings of 
to Fig. 17, which is a typical cross-section of the cast iron are firmly attached to the girder by machine 
power-house, an expansion joint is shown between the bolts and shrink rods. A built-up cast-iron wall frame 
power-house substructure and the forebay structure, securely anchored to the masoniy is provided with 
beginning at el. 137.0 or 1.4 feet below the mean tail- machine-finished surfaces at its lower half at which 
water level and ending at the generator floor level, point the surfaces of the gate and wall frame come in 
This joint, provided along the entire building, separates direct contact. The upper half of the wall frame has 
the massy bulkhead structure from the cut-up sub- machine finished bevelled faces conforming to similar 
structure containing the. turbines. The plate-steel surfaces of the gate. The slot between the upper half of 
intake pipes embedded in the bulkhead masonry are the gate and the wall frame is sealed by a set of brass 
connected to the respective turbine spiral casings by flaps attached to the upstream side of the wall frame. 



plate-steel stuffing boxes, which will allow for minor 
mov«nente due to temperature changes. Trans- 
verae expansion joints, splitting up the power-house 
substructure in blocks of 108 ft. length and conforming 
to the required spacing of two turbine units, are 
provided. However, the spacing between the Units 
No. 6 and No, 7, is 67 ft. 6 in. or 13 ft. more than the 
regular spacing so as to have additional room for the 
accommodation of the electric bench-board. 

The rack structure at the up-streaih face of the power¬ 
house, bulkhead is built of reinforced concrete and struc- 
tuial steel. The top of the rack bars is at el. 236.0 or 
4 ft. below the ordinary low-water level of T , a. kA St. 
John. The spacing of the 6 by ^-in. rack bars is 4 in., 
center to center. 

The intake to each of the twelve turbine flumes 


Each gate is opiated by an individual, completely 
enclosed hoist located on top of the power-house bulk¬ 
head as outlined on Fig. 17. The design of the gate is 
such that the connecting rod, consisting of a 9 in. 
extra heavy steel pipe, is in tension under all operating 
conditions. To prevent buckling of the connecting rod 
when the gate is reaching its lowest position the upper 
pin connection of the rod is machine-slotted for the pin 
in the cross-head to allow a 4 in. overtravel on the 
downward stroke. There is also a nest of heavy coil 
springs in the gear housing of the hoist which will 
act as a cushion for the operating stand in the range 
of over-travel on the downward stroke and gradually 
create the necessary overload, causing a tripping of the 
overload release switch. An allowance of 24 in. for 
overtravel on the upward stroke is made by propor¬ 
tioning the length of the screw stem and cross-head 
guide. A gate-position indicator is provided on top of 
the hoist, also a limit switch arrangement of moisture 
and spray-proof construction. 

Direct-current, 230-volt, electric power is supplied 
for the operation of the hoists. Each headgate motor is 
completely enclosed, and has a starting torque of 
275 ft.-lb. and a running torque of 140 ft.-lb., based on 
six minutes' service with a temperature rise not ex¬ 
ceeding 55 deg. cent. Under the most severe operating 
conditions, the gate may be completely closed or opened 
in five minutes. A weather-proof push-button control 
station is provided for each hoisting mechanism on top 
of the bulkhead, and a non-weather proof control sta¬ 
tion on the power-house benchboard for distant closing 
of each gate. The emergency push-button control on the 
switchboard is for use in accidents only as the intake 
gates can be readily closed when the generator is 
operating under full load. 

Each of tb« twelve turbine flumes formed in the 
concrete masonry of the power-house bulkhead gradu¬ 
ally converged into a 22-ft. diameter opening which is 
the beginning of the plate-steel intake pipe forming an 
extension of the turbine spiral casing embedded in the 
power-house substructure. 
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Due to the fact that the turbine draft tubes are of the 
White hydro-cone design, calling for large openings in 
the lower part of the power-house substructure, 
considerable steel reinforcement was required in this 
portion of the structure to take care of the super¬ 
imposed loading. 



Pig. 18 Grnkiiai. Vikw op Tncompletk Powerhouse, 
Lookinc, Upstream 

The power-hou.se superstructure, shown in Pig. 18, is 
built of hollow tile and face brick of buff color which 
encase the structural steel frame supporting the roof 



Pio. 10 - Exc-avation Work in Tailrace 


trusses and the steel runways for the two 100-ton 
capacity electric cranes in the generator room. The 
hollow tile face in the interior of the power-house is 
covered with plaster and finished with a coat of paint. 


the tail-race is estimated to be 50,400 cu. ft. per sec; 
for eight units it is 33,600 cu. ft. per see. Measured at 
the bottom the width of the tail-race immediately 
below the downstream face of the powerhouse is 
657.6 ft; the depth below normal watersurface is 23 ft. 
The total length of the tail-race to the foot of Isle 
Maligne where it joins the Grand Discharge is 800 feet, 
of which the downstream portion of 240-ft. length has a 
bottom width of 300 ft. The maximum velocity of 
water in the tail-race is estimated to be 8.1 ft. per sec. 
with all 12 turbines operating at full load. 

Practically all of the tail-race ©ccavation consisted of 
hard rock, as may be seen on the illustration. Fig. 19. 

Earth Dam 

The only structure to withstand water pressure, 
which is not built of masonry, is the earth dam across 
the ravine near Spillway No. 4 on Alma Island. Pre¬ 
liminary examinations and test borings made at the 
site disclosed the fact that below the 10 ft. thick over¬ 
burden of muskeg there is a layer of impervious clay of 
about 16 ft. thickness before rock formation is struck. 
It was, therefore, decided to wash out the layer of mus¬ 
keg by means of a hydraulic monitor and to build a 
semihydraulic fill with a clay core in the center and 
slopes as indicated on the cross-section. Fig. 20. 

The earth dam has a length of 650 ft. measured on 
top. The upstream slope is covered with riprap for 
protection against the action of waves and ice. 

Station Installation 

The power-house design calls for the installation of 
12 vertical-shaft, single-runner, Francis-tsqie turbines, 
having plate-steel spiral casings and operating at a 
speed of 112.5 rev. per min. Eight turbine units are 
now completely installed and all the parts which go into 
the concrete for the four additional units are in place. 



The generator floor and the 5-ft. high inside face of the 
concrete water table are covered with glazed tile. The 
large window sashes are built of steel and are securely 
attached to the steel columns supporting the roof 
trusses. The roof consists of reinforced gypsum slabs 
resting on steel purlins and the top of the slabs has a 
finish of tar and gravel. 

Tail-Race 

When all twelve turbines are operating at full load 
and undo-110 ft. effective head, the total discharge into 


The range in. head on these turbines is between 100 ft. 
and 120 ft, and within these limits the rating of each 
unit is as follows: 


Head in feet. 100, 105 110 115 120 

Horse power at 

best efficiency.. 35,000 37,500 40,000 42,500 45,000 

Maximum horse 

power. 40,000 42,500 45,000 47,500 50,000 


An individual governor system operating imder an 
oil pressure up to 220 lb. per sq. in. is provided for each 
turbihe, and the piping is so arranged that the governors 
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may be operated separately or as an interconnected 
system in units of four, each. The governor fly- 
balls are directly connected to the turbine shaft below 
the rotor. The governor stands, gear-type oil pumps, 
pressure tanks and receiving tanks are located in the 
spacious power-house basement or, better expressed, 
in the turbine room. An emergency-stop device is 
installed for each turbine, enabling the operator at the 
benchboard to shut the turbine gates and stop any ma¬ 
chine without the assistance of an operator in the 
turbine room. 

The closing time for the governor for the full stroke of 
the servo-motors is three seconds. 

The eight generators directly connected to the tur¬ 
bines now completely installed have a continuous full 
load rating of 30,000-kv-a. or 24,000-kw. at 80 per cent 
powatfactor, 13,200-volt, three-phase, 60-eyeles, 112.6- 
rev. per min. They are guaranteed for a temperature 
rise, not to exceed 55 deg. cent.; the required exciter 
capacity is 185 kw. Each generator will carry 36,000 
kv-a., continuously at normal voltage and 80 per cent 
power factor, with a temperature rise, not exceeding 


and the overflow oil from each bearing is carried back to 
the lower reservoir for recirculation. 

Large brakes are provided for four of the eight arms 
of the lower generator bearing bracket. If operated by 
air pressure, the brakes will stop the generator with the 
turbine gates closed and if operated by oil pressme from 
the governor system, the brakes may be used as jacks 
to lift the rotor. Cast-iron stools are provided for 
mounting on the bracket arms to support the rotor 
when lifted. 

The generator armature is star-connected and the 
six leads are brought out from the upstream side of the 
generator. By means of a 15,000-volt disconnecting 
switch, the neutral tie is connected to the neutral bus 
consisting of a ^ in. copper tube suspended by porce¬ 
lain insulators to the mezzanine floor along the upstream 
side of the power-house and it is then grounded outside 
of the station. 

A diagram showing the connection of the main gener¬ 
ator leads with the low-tension bus system is shown on 
Pig. 21. It will be noticed that the connections from 
the generators No. 3, 4, 9 and 10, which are left blank, 
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70 deg. cent, by thermometer, and with a required 
exciter capacity of 210 kw. It will also carry 24,000 
kw, continuously at 15,180 volt and 80 per cent power 
factor. The guarantees are based on the cooling air 
having a temperature of 40 deg. cent, or lower. Each 
generator is equipped with an upper and lower guide 
bearing. The thrust bearing on top of the generator is 
of the Kingsbury t 3 q)e and its housing is provided with 
water cooling coils. 

The individual exciters placed above the thrust 
bearings have a full load rating of 185 kw. at 250 volts 
and 112.6 rev. per min. and are guaranteed for a tem¬ 
perature rise not to exceed 40 deg. cent. Followed by 
226 kw. load for 24 hoxirs, the temperature rise is not 
to exceed 60 deg. cent. 

The oiling system of each generator unit is self con¬ 
tained and automatic in operation. The thrust bear¬ 
ing is immersed in an oil r^ervoir containing water- 
cooling coils located on top of the upper bearing 
bracket. A gear pump, moimted in a smaller oil 
reservoir located below the lower bearing bracket, is 
driven by a gear on the generator shaft and forces the 
oil to the upper thrust bearing reservoir. Proper pipes 
also conduct the necessary oil to the two guide bearings 


are indicated by dotted lines. The generator leads and 
the transfer busses are built up of three M by 4 in. 
copper bare and the spacing between conductors is 
18 in. Normally each generator feeds its own 
transmission line and the duty of the low-tension bus 
system is to transfer power from another generator in 
case of emergency and to provide the means for deliver¬ 
ing power to the transformers for the station auxiliaries. 

The triple-pole, single-throw generator and bus oil 
circuit breakers are identical in construction and of the 
same capacity. The rating of each circuit breaks is 
3000 amperes at 15,000 volts and the guaranteed in¬ 
terrupting capacity is 66,000 r. m. s. amperes at 13,200 
volts. The cell structure for the breaker is, of rein¬ 
forced concrete and each pole is mounted on a casting 
provided with wheels to enable rapid roll-out for in¬ 
spection. An electrically-operated motor mechanism 
is provided for each breaker and arrangement is made 
for emergency manual operation. Direct-currentpower 
at 230 volts, for the operation of thie mechanism, is 
furnished from a 26-kw. motor-generator set. 

The benchboard is located on an extension of the 
mezzanine floor into the generator room betw;een units 
No. 6 and 7. It is of the continuous closed type and 
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a length of 40 ft. The auxiliary vertical board 
^iitaining recording ammeters, volt-meters, watthour 
*^^ters and relays is 16 ft. 4 in. long and 7 ft. 6 in. high. 

, The control circuits are for 230 volts and the lighting 
^il:*cuits for 115 volts. They are placed in in. di- 
^*^eter pipe conduits embedded in the generator and 
**i^zzanine floora and the estimated aggregate length of 
^^s^duits in the power-house, including a number of 
^^Xible conduits, is 108,500 ft. 

station use, there are installed two banks of 
^^a.nsfonners which are located in the center of the 
^Sh-tension room and each bank consists of three 200- 
a. single-phase transformers, stepping down the 



Fia. 22—CoPFEUDAM No. 1 undeu Construction 

voltage from 13,200 to 550 volts. The two 100-ton 
capacity power-house cranes, the 100-t'on capacity 
ci'axLe for lifting and transferring apparatus from the 
generator room to the high-tension room, the 60-ton 
capacity gantry crane on top of the power-house bulk¬ 
head and the sixteen headgate hoist motors now in¬ 
stalled, are using 230-volt direct current. The power 
for operating these motors is furnished by a 200-kw. 
motor-generator set. The three air compressors sup¬ 
plying compressed air for the governor system and the 
two air compressors for general station use are driven by 
alternating-current motors at 220 volts; power is 
fmmished through three 26-kv-a. single-phase 550- to 
220-volt step-down transformers. For station lighting 
-the current is stepped down in three 25-kv-a., 550/ 
llO-volt single-phase transformers. 

^11 these motors, including the 550-volt induction 
jj 3 .otors driving two 1200-gal. per min., 65-ft. head, 
f.&tx'tritvLgal pumps furnishing cooling water for the high- 
power transformers, the 25-kw. motor generator 
and all station lighting circuits, are supplied by the 
gyg-fc bank of transformers. At present, the other bank 
-transformers'is delivering power at 550 volts to one 
j^gO-b. p. induction motor, driving a centrifugal pump of 
per min. capacity against a head of 400 ft., 
f^jroeoins part of the general water supply system for the 
gj^tlre Isle Maligne development; provision is made for 
installation of two additional pumps of the same 
^gi^j>a.city for future use. 

Method op Construction 

"VVith the exception of some isolated bridge piers which 
built by contract, the entire construction wprk for 


the Isle Maligne development was done by force ac¬ 
count. The work was prosecuted uninterru])tedly and 
while the winters were long and severe, with tempera¬ 
tures reaching 45 deg. below zero fahr., the snow on the 
ground permitting haulage on sledges; the formation of 
ice on the river where the current was not too swift 
made it easier to build cofferdams. Beginning with 
November, the Saguenay River gi-adually falls until 
extreme low-water is reached around the end of March; 
advantage of this season was taken to build the main 
cofferdams and temporary i*ock fill dams. The pro¬ 
cedure was to build up the cribs on the ice, then to cut 
out the surface to be occupied by each crib and to drop 
and sink the crib into position. The extreme high- 
water stage of the Saguenay River is i-eaclied around 
the end of May, flood conditions lasting until the end of 
June. It was, therefore, necessary to build high cof¬ 
ferdams so as to have no delay in the construct ion work 
during the late spring and to have the full benefit; of 
the early summer season with long hours of daylight. 

Power-House Construction 
The power-house construction and the tail-race ex¬ 
cavation involved the largest volume of work to be 
done. The first step taken was to immediately con¬ 
struct the cofferdams across the left channel of the 
Grand Discharge at both the head and foot of Lsle 
Maligne, so as to be able to unwater the power-hou.se 
foundations and the tail-race area. The upstream 
cofferdam, marked No. 1 on Pig. 4, was commenced in 
January 1923 after a construction force had been 
organized. With the exception of a 2()0-ft. long section 



across a highwater channel on the Isle Maligne shore, 
which was closed in the following July as the water sub¬ 
sided, it was comoleted in two months. This cofferdam 
is of the usu^ crib construction, rock filled, with two 
layers of 1in. sheathing on the up-stream face; how¬ 
ever, its length is, 1143 ft. and its maximum height 42 
ft. Pig. 22 is a view showing the cofferdam under 
construction: 

The cofferdam at the foot of Isle Maligne, marked 
No. 4 on Pig. 4, was built to shut off the backwater of 
the Grand Discharge from the tail-race excavation and 
to give a footing for a timber trestle, forming part of the 
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construction railroad system for the transportation of 
excavated rock from the tail-race to the crusher plant. 
The length of cofferdam No. 4 is 627 ft. and a typical 
cross-section of same is shown on Fig. 23. 

With the power-house foundations unwatered, a steel 
trestle of 716 ft. 6 in. length, carrying three lines of 
standard track and a runway of 43 ft. 6 in. gage to 
accommodate four traveler cranes was built. This 
trestle, a view of which is shown in Fig. 24, covered the 
entire length of the power-house and the top of rail for 
the three tracks was at el. 188.0, which is 60 ft. above 



Pia. 24 —Construction Trestle for Powerhouse 

the normal tail-water level; it was completed during the 
end of December 1923, two months later traffic was 
started over the bridge connecting with the railroad 
system on Alma Island. 

The steps followed in the construction of the power¬ 
house bulkhead and substructure, the relative location 



of the steel trestiie and an outiine of the traveler crane 
are indicated on the section. Fig. 26. It will be noticed 
that the masonry is subdivided into five blocks. Ac¬ 
cording to the schedule. Block No. 1 and the power¬ 
house bifikhead extenaoh to el. 197.6, containing al¬ 
together 89,000 cu. yd., were built first §o as to eliminate 
any posable danger from extreme high-water which 


cofferdam No. 1 could not safely hold back. This work 
was completed the middle of April 1924, six weeks before 
the river reached its highest stage, records being taken 
by the Quebec Development Company. At that time 
the peak of the high-water was within one ft. of over- 



Pia. 26—Gantry Crane Lifting Hioadoate Wioigiiing 
54 Tons 

topping the cofferdam. Block No. 2, forming the power¬ 
house substructme proper and containing 60,711 cu. 
yd. was completed end of November 1924; Block No. 
S-b of 61,474 cu. yd. end of December 1924. In Block 
No. 3-a containing 63,961 cu. yd., the 28 steel bents of 
the construction trestle were embedded and this 



Pig. 27 —^Uncompleted Spillway No. 1 and Its Relative 
Location to Right Channel op Grand Discharge 

work was completed middle of October 1924. Block 
No. 4 of 39,627 cu. yd., the last portion of power-house 
masomy, was completed in March 1926. 

The power-house design called for 'a gantry crane 
running on top of the bulkhead and capable of lifting 
any of the 24 headgates provide^ for the penstock in¬ 
takes. This crane has a capacity of 60 tons when the 
mmn hoist is operated and of five tons witLthe amdliaty 
hoist running; in Edition two bracket hoists of five tons 
capacity, each, are provided for lowering and raising 
stop logs in front of the rack structure. Immediately 
after completion of Block 3-b, the gantry mrane was 
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erected, being used for unloading and lifting each head- 
^te on top of the bulkhead and transferring and lower¬ 
ing same to its respective position. Each 16-ft.by 22-ft 
headgate weighs 108,000 lb. and railroad clearances 
pennitted the gates to be shipped assembled in special 
flat ears. A view showing a headgate being lifted by the 



Fi(i. 29 —I N(M)MI*LWTK Tkmpoiiauy Dam No.6 op Bock-Pill 
CoNSTrtucTioN Hiotwicicn Baunauic Island anp Isle Maligne, 
Above Sru.LWAV Site No. 4 



Pig. 30—Spillway No. 4 undeh Consthuction, Showing 
Tuaveleu Cuanes above Deep Riveb Section 


house bulkhead at right angles to same, was built 
simultaneously with the power-house masonry. Ac¬ 
cording to the program the right channel of the Grand 
Discharge at the head of Isle Maligne was closed up 
(as described later), on J’ebruary 15, 1925; and the 
cofferdam No. 1 blown out*so as to return the riverflow 
to the Left Channel and to discharge water through two 
of the turbines operating temporarily under a head of 
70 ft. The gaps left in the masonry of Spillway No. 1 
provided additional discharge capacity so that the 
normal flow of the Grand Discharge could be controlled 
during the critical construction period when the deep 
foundations for Spillway No. 4 were being unwatered 
and the masonry built up. Fig. 27 shows a view of the 
uncompleted Spillway No. 1 and its relative location to 
the Right Channel of the Grand Discharge. 

Spillways No. 2 and 3 are located in natural depres¬ 
sions of Isle Maligne above the present highwater line, 
but below the final raised water level, and no fecial 
difficulties were encountered in the construction of 
these structures. Spillway No. 3 was completed in 
January 1925 and a view of same is shown on Fig. 28. 

The final control of the Saguenay River and the 
raising of the water to the level of the Lake St. John was 
accomplished by the construction of Spillway No. 4 
and this work called for the most careful planning, 
so as to complete the structure at the scheduled date. 
Due to the great depth and the swift current it was not 
found practical to build a cofferdam across the right 
channel of the Grand Discharge immediately above the 
site of Spillway No. 4 to hold back the entire stream. 
It was, therefore, decided to go further upstream and use 
the channel between Bamabe Island and Isle Maligne, 
where much more favorable conditions for the location 
of a temporary dam "were encountered. This layout 
called, however, for the location of another cofferdam of 



gantry crane above the special railroad car is shown on 
Fig. 26. 

Spillway Construction 

The major part of Spillway No. 1, which is located on 
Isle Maligne and forms an extension of the power- 


475 ft. length across the so-called Bamabe Channel 
between Bamabe and Alma Islands; but this channel 
was practically dry during the construction period and 
offered no difficulties. The temporary dam between 
Bamabe Island and Isle Maligne is marked No. 6 on the 
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general plan, Fig. 4, and it is of rock fill construction as 
shown on Fig. 29. This arrangement made it possible 
to divert the river flow into the left channel of the 
Grand Discharge after the cofferdam No. 1 at the head 
of Isle Maligne was blown out, and to discharge the 
water through the turbines operating under a reduced 



Pia. 32 —Spillwat Across Right Channbi. of Little 
Discharge under Construction 

head of 70 ft. and through the temporary gaps left in 
Spillway No. 1, which accomplished the unwatering of 
the deep portion of the riverbed at the site of Spillway 
No. 4 for the construction of the masonry. 

During the time that these two temporary dams were 
being built, concrete masonry was laid from both ends 
of the spillway site and steel runways placed on top of 
each of the completed masonry sections for the ac¬ 
commodation of two traveler cranes which were pre¬ 
viously used in the construction of the power-house 
masonry. As shown in the illustration. Fig. 30, 
these two traveler cranes cover the entire deep river-bed 
area, which was unwatered. The method of building 
up the masonry for Spillway No. 4 and making the final 
closure is indicated on the profile. Fig. 31. 

The spillways in the three channels of the Little 
Discharge at the outlet of Lake St. John were con¬ 
structed during the winter season of 1924-1926 when 
only the small flow through the right channel was inter¬ 
fering with the work. A view showing the spillway 
across the right channel of the Little Discharge under 
construction is shown on Fig 32. 


Construction op Earth Dam 
The construction of the earth dam across the ravine 
near Spillway No. 4 on Alma Island was commenced in 
May, 1924. The foundation was cleared of all vege¬ 
table matter and the muskeg over-burden in the low 
part of the ravine removed by use of a hydraulic 
Monitor. 

Suitable borrow pits for both the gravel dikes forming 
the outer thirds and the clay core of the fill were found 
within a short haul of the dam. The fill material was 
excavated with a 2 yd. steam shovel and loaded into 
6 yd. dump cars made up in trains and transported by 



Pig. 33—^Earth Dam across Ravine near Spillway 
No. 4, UNDER Construction 

locomotives to the upstream and downstream construc¬ 
tion trestles as indicated on the typical section through 
the earth-fill. Fig. 20. The material was then dumped 
into wooden chutes placed at intervals and washed 
down into the pool between the two dikes by means of 
a hose pipe with the nozzle attached to a push car moved 
along the train track, as shown on the view. Fig. 33. 

Work on the fill progressed until middle of December 
1924, at which time the dam was 82 per cent complete 
and during freezing weather, occurring previous to this 
date, the areas of the fill on which no work was done 
were covered with tarpaulins and a series of steam pipes 
run underneath the cover. 
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Synopsis: In view of the present trend toward three-phase 
secondary distribution involving, in some cases, a change from a two- 
phase system, an analysis of the engineenng and economic elements 
of a two-phase 8yste7n may be of value. The two-phase five-wire 
secondary system is examined in the light of fundamental require- 
7nents, such as sendee continuity, safety, standard voltages, 
flexibility, low cost, etc,, and co7npared particularly with the three- 
phase, four-wire star system. Many of the advantages of the two- 
phase, five-vnre system result from the diametrical connection of the 
Uoo phases, from the inherent balance thereby obtained, and from 
the greater po7Der carried per wire. An important advantage of the 
two-phase, ftve-wire system lies in the fact that single-phase, two- 
wire and three-vyire loads and two-phase loads can he supplied at 
standard voltages from combination lighting and power secondaries 
and that 7ie7v loads can be flexibly supplied through all stages of load 
gro7vth. There are marked adva7itages fro7n ‘a construction and 


operating point of view in having ordinarily only two transformers 
in banks which supply two-phase secondaries from either two-phase 
or three-phase primaries. The two-phase, five-wire system has 
certain advantages as to metering and,a comparison of the first cost 
and the annual cost of two-phase and three-phase motor installa¬ 
tions, with wiri7ig, shows small differences. The inherent cost 
differential between two- and three-phase secondaries with several 
types of primary systems is shoion to be of such a small magnitude 
that the cost of change over from one type of system to another may 
over shadow the theoretical savings. Accordingly, with a relatively 
small inherent cost differential between the existent system and one 
having certain more or less proved advantages and disadvantages, 
the central station engineer must produce extremely strong argumerUs 
leading out of his local siiuaiion in order to justify a change from 
the existing system, 

« * *k e « 


Engineering and Economic Elements op Two- 
Phase, Five-Wire Distribution 

INCE the inception of alternating current distribu¬ 
tion, initially single-phase, there have been devel¬ 
oped various schemes of polyphase distribution, the 
oldestof these being two-phase. Formore than the past 
decade the change-over of distribution systems from 
two-phase to three-phase has been considerable. Usually 
the justification for the change-over of any distribution 
system lies in the particular combination of conditions 
which appertain to the territory and system in ques¬ 
tion. It may be unsafe to derive conclusions for any 
particular locality from those reached in another lo¬ 
cality or from generalized or purely theoretical 
grounds. 

The subject of the b^t type of distribution system 
has received intensive study by many electric companies 
and, in view of the present general trend to three-phase, 
it is felt that many of the features of a recent analyisis 
of a syston which still has two-phase distribution for 
its secondary and 2300-volt primary systems, will be 
of particular interest at this time. 

For reasons which will be stated later, this paper gives 
consideration to secondary distribution suitable for the 
supply from the same mains of both light and power, 
with only such references to primary distaibution as 
appear necessary for completeness. Distribution trans¬ 
formers, however, are treated as a part of the secondary 
system. 

Fundamental Requirements 

As a basis for further discussion, the fundamental 

1. Asst. Engr. Trans, and Distr., PhiltMlelphia Eleotrie Co., 
Philadelphia, Pa. 

Presenled at the Anntuil Convention of the A. I. E. E., 
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requirements which must be met by any secondary 
distribution system, in order to meet the requirements 
of the customer with safety and economy, are 
outlined. 

Customers’ and Utilization Requirements 

1. Service ConHnuity. A high degree of service 
continuity is required for all classes of service. This 
is afforded by various feeder, main and service com- 
binatiorts with their requisite protective equipment to 
afford the desired service insurance. 

2. Safety. For a secondary distribution system, the 
requirement for safety is met according to present 
accepted ideas by a service voltage of approximately 
116 from any wire to ground. Existing wiring stand¬ 
ards and appliances allow this voltage to be handled 
saSfely for a wide diversity of applications. 

3. Standard VoUwge. The voltage for lamps has 
beeii standardized at 115 volts, with 120 volts as an 
allowable higher figure. The voltage for motors for 
combined light and power systems has been standard¬ 
ized at 110 and 220. Any system of distribution should 
conform to these basic voltage standards, established 
through years of experience and investigation. 

4. Voltage Regtdation and Balance. The inherent 
voltage regulation and balance of the secondary dis¬ 
tribution system must be such that, with the usual 
voltage regulating equipment at the substation, the 
variations of service voltage, on all phsises, and under 
all load conditions, will be kept within a value which 
will not impair illumination from lamps nor service 
from motors and appliances, 

6. CtisUmers'Equipment and Wiring. The type of 
distribution system should be suOh that the customers’ 
equipment may be of standard, readily secured types 
and tbe wiring simple, efficient, and inexpensive. 
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Distribution System Requirements 

1. Simplicity and StaTidardization. Separate or 
combination light and power service should be readily 
available from a single set of mains in order to take the 
maximum advantage of diversity between power and 
lighting loads. The distribution system should make 
use of standard equipment. 

2. Load Balance. . The secondary distribution sys¬ 
tem should be readily adapted for service both to single¬ 
phase and to pol 3 ?phase lo^s without material load 
unbalance between the phases. 

S. Voltage Balance. The voltages of the different 
phases should remain balanced with respect to each 
other and to ground. 

4. Adaptability to Physical Conditions. The dis¬ 
tribution system should be equally adaptable to aerial 
or underground construction, to urban, suburban, and 
rural conditions, and to residential, commercial, and 
manufacturing districts. 

5. GrovjOi Adaptability. The secondary distri¬ 
bution system should be adaptable to all stages of load 
pbwth and load density, by means of additions and re¬ 
inforcement, and with the minimum amount of recon¬ 
struction work at any stage. When the initial single- 
phase lighting load in residential areas eventually 
develops demands for polyphase service, the distribu¬ 
tion system should be sufficiently flexible to render such 
service without extensive changes. 

6. Investment. There should be the minimum 
investment in mains, services, transformers, meters, etc. 
The annual charges on the investment are usually the 
largest portion of the total annual cost of the secondary 
dislaibution system. 

7. PowerLosses. Thesecondarydistributionsystem 
should have low power losses. This requirement is 
usually met when the requirements for voltage re¬ 
gulation are properly met. 

8. Operating and Maintenance Costs. These costs 
should be low. They usually will be a fairly constant 
percentage of the investanent. 

Combined Light and Power Secondaries 

The treatment of the subject throughout is based on 
the requirement of a system suitable for the supply of 
power and lighting, either single-phase or polyphase, 
from the same mains. A study of the economic advan- 
t^esof combinationmains, under assumed average con¬ 
ditions, points toward savings of the order of twenty 
per cent in the total annual cost (fixed charges and 
losses) of transformers, mains and services, as compared 
with^ separate, transformers, mains and services for 
lighting and power. It is recognized that there are and 
will be many instances, particularly on aerial systems, 
where the use of separate lighting and power maing is 
necessary to prevait fluctuating power loads or the 
frequent starting of motors from impairing lighting 
swvice, and that on many systems the mileage of sep¬ 


arate lighting and power mains greatly outweighs the 
mileage of combined mains. 

The Two-Phase, Five-Wirb Secondary System 

The two-phase, five-wire secondary system is shown 
schematically in Fig. 1. The system is strictly a 
four-phase, five-wire diametrical system, with 116 volts 
to neutral. This diametrical connection is responsible 
for many advantages of the two-phase system, owing to 
the relative independence of the phases. If there is any 
virtue in the number of phases, surely such a four- 
phase system should compare favorably with the 
three-phase! 

The two-phase, five-wire system has the folloAving 
outstanding features: 

1. Standard 116 volts for lamps and appliances. 

2. Standard 116 or 230 volts for motors. 

8. Voltage to ground balanced. 

4. Load balanced. 

6. Two transformers per bank. 

6. Transformers or standard ratio and voltage. 


fiimaydfher 2PMsc 
Qr5/^^ase 



swn/s/isote)/c 

J/yi!ff>aseJervtce Tho-Atase Jernhs 


Fia. 1—Schematic Diaqbam op Connections fob Two-Phase, 
PivE-WiBB SecondABY Mains 

Power per Wire 

Considering the secondary distribution problem from 
a fundamental point of view, it will be realized that the 
condition which largely influences the economic ad¬ 
vantages of one system over another is the amount of 
power carried^ per wire. Table I shows the amount of 
power per wire for various systems, all with 116-volt 
lamp voltage {E), assuming the same current (I), per 
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wire and the same size wire. This comparison is based 
on equal voltage drop and therefore represents equiva- 
lent conditions for the distribution systems set forth. - 

The two-phase, five-wire system carries .6,6 per cent 
greater power per wire because, with 20 per cent more 
copper, it carries 33 }4 per cent more power thaii the 
three-phase, four-wire system having the same lamp 
voltage. 

Inherent Advantages 

Consider the inherent advantages of the two-phase, 
five-wire system. It has a fifth or neutral wire common 
to two in^pendent 115-230-volt phases. A current in 
the neutral is caused only by a load unbalance on one 
side of a phase and this is ironed out in the trans¬ 
formers. 

The neutral of the three-phase, four-wire star system, 
and also the transformers, will carry the resultant cur¬ 
rent due to any line—neutral load unbalance, and thus 
transfer the unbalance to the primary mains. 

In a secondary distribution system, which ordinarily 
supplied both single-phase and polyphase loads of 
various t 3 rpes, there is inevitably unbalance between 
line and neutral loads and the effect of this upon the 
voltage balance of the system is inherently greater with 
the three-phase, four-wire star system than with the 
two-phase, five-wire system. 

In the aerial plant, standard cross arms and racks can 
be utilized practically as efficiently by the two-phase, 
five-wire system as by the three-phase, four-wire system. 
Four wires utilize practically as much space as five 
wires and the four wires will have to be larger for the 
same amount of power carried under the same 
conditions. 

In the tmderground plant the two-phase, five-wdre 
system can make use of single conductor, two-con¬ 
ductor, three-conductor, or four-conductor cable as 
local duct, heating, loading, and service conditions 
warrant. Under many conditions, where it is econom¬ 
ically preferable to install mains on two sides of a street, 
the two-phase, five-wire system affords a very flexible 
method of rendering service to loads largely single¬ 
phase on each side of such a street while still maintain¬ 
ing balanced load on the mains and phases. 

With heavy load densities, the two-phase, five-wire 
system may readily be accommodated with one phase 
in each of two ducts. There is a consequent improve¬ 
ment in the transmission of heat from the cables and a 
decrease of the hazard to service from one phase in the 
event of a fault on the other phase. The three-phase, 
four-wire star system requires a voltage unbalancing 
arrangement of the cables if two ducts are used, unless 
all three phase conductors are in each duct. 

Although local conditions will materially affect the 
Hfl.nd1iTig of any undergroxmd system, it is felt that the 
two-phase, five-wire system hasat leasteveryadvantage 
that the three-phase, four-wire has in best utilization of 
pole and duct space. 


Comparison with Three-Phase, Four-Wire Star 
System 

On the othw hand, the three-phase, four-wire second¬ 
ary system forces the distribution engineer into a choice 
of one of the following dilemmas: 

1. A decrease in the motor service voltage to 199 
volts nominal, with 115-volt lamp voltage. This 
may require the development of a new line of motors, or 
the de-rating or under-loading of the present line of 
220-volt motors. 

2. An increase in the lamp voltage to 133, thus 
bringing the motor service voltage to 230. This 
requires the introduction of a new line of lamps and 
appliances and a new line of distribution transformers, 
or the marked over-excitation of the present standard 
ratio transformers to give 133 volts, secondary. Also 
changes to present standards for substation equipment 
might be necessary. 

8. A compromise raising the lamp voltage to around 
125, and decreasing the motor voltage to around 216. 
This presents complications with lighting, appliance, 
and motor loads, as the compromise voltages are often 
high for lamps and appliances and materially, if not 
seriously, below the 230-volt standard for motor service. 

4. The use of auto-transformers for stepping up 
the main voltage of 115-199 to 230 volts for motors. 
Under conditions where the lighting and power loads on 
a secondary main system are approximately equal, it 
would then be necessary to transform one-half of the 
load from 115-199 volts up to 133-230 volts by means 
of auto-transformers. Assmning an average connected 
load per power customer of 12.5 kv-a. in power, a fair 
average figure for an underground city area, it is esti¬ 
mated that the necessaiy auto-transformers (excluding 
installation costs) would cost more than twenty-five 
per cent of the entire investment in secondary mains, 
conduits, and manholes. 

The service which on the two-phase, five-wire system 
would be three-wire, 115-230 volts, single-phase, on the 
three-phase, four-wire system must be either (a) two- 
wire, il5-volt, single-phase, or (b) three-wire, 115-199 
volt, open “Y”, or (c) three-phase, four-wire. Each of 
these solutions results in higher losses, poorer voltage 
regulation, imbalanced voltage, higher investment, 
singly or in combination. 

The two-phase, five-wire system requires none of these 
compromises or sacrifices. 'j 

In this comparison, consideration has not been ©ven 
to the various other three-phase secondary systems 
which do not have some of the disadvantages of the 
three-phase "Y”—connected system. They have other 
combinations of disadvantages which are summarized 
in “Alternating-Current, Low-Voltage Networks," 
Serial Report of the N. E. L. A., Publication No. 25-1. 

Transformer Installations 

For the purpose of this paper, the transformer in¬ 
stallation for supplying the secondary mains from the 
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primary distribution system is considered as a part of 
the secondary system. In considering the transformer 
installation, it is fully as important that attention be 
directed to the construction and cost elements of the 
supporting structure for the transformers if on a pole, or 
to the manhole or vault if the transformers are subway 
type. 

For the two-phase, five-wire, 115-230 volt secondary 
distribution system, the connections will be as shown 
in Figs. 2a and 2b for a two-phase primary and in Fig. 
2c for a three-phase primary. In all of these combina¬ 
tions, for a given size bank, only two transformers, or a 
multiple of two, are required. For the three-phase, 
four-wire system, three transformers, or a multiple of 
three, are required. The use of polyphase transformer 
units is practicable for either two- or three-phase, but 
certain service and operating advantages are generally 
felt to be lost as compared with standard single-phase 
units. 



Ca) Ci>) 



Pig. 2—Tbanspohmbr Connections fob Supplying Two- 
Phase, PiVB-WiRE SecondABT Mains prom Two-Phase or 
Three-Phase Primary Circuits 

There are marked advantages of having ordinarily 
two transformers per bank, with the two-phase system. 
On the aerial system, two units can be hung or arranged 
much more readily on a pole, with minimum decrease of 
working and climbing space for linemen. The mechan¬ 
ical advantages of a balanced transformer arrangement 
are apparent from Fig. 3, In the underground system, 
the use of two transformers is gMierally more economical 
of manhole space than the use of three transformers. 

With two-phase primaries,' standard transformers 
may be used in connection with the five-wire, two- 
phase secondary system. In the case of three-phase 
primaries, standard transformers with Scott taps ^ 
readily available at a slight increase in cost per unit. 

The Scott connection and the combination of three- 
phase primaries with two-phase secondaries has some¬ 
times been refored to as a hybrid scheme. Let us 
reserve judgment on fbis matter and base our conclu¬ 


sions upon common-sense engineering which must 
recognize construction, operating, and cost facts in 
addition to purely theoretical considerations. 

In the modem Scott-connected transformer bank, 
there is a voltage unbalance of the order of one and 
one-half per cent, and a phase displacement of the order 
of one and one-half degree at eighty per cent power 
factor and much less at higher power factors. It can be 
readily shown thatthepercentvoltage unbalance caused 



Pig. 3—^Typical Construction—Two-Phase Thansfoumer 
Bank 

by 100 amperes per wire in approximately 500 feet of 
t^ee-phase, 115-199volt, four-wire No. OOsecondarieson 
a cross arm with standard 14J.^-inch spacing, is about the 
same as in a Scott-connected transformer bank having 
approximately five per cent impedance. There is no 
such inherent unbalance in two-phase, five-wire secon¬ 
daries, when properly grouped, as the phases are sepa¬ 
rate and diametrically connected. The existence of 
current in the neutral will affect the voltage balance 



Pig. 4—^Typical Arrangements op Secondary Mains on 
Cnosa Arms 

of the three-phase system more seriously than that of 
the two-phase s]rst6m. 

See Mg. 4 for typical arrangements of wires on a 
cross arm. 

For an economic statement of the cost differentials 
between aerial transformer banks of the standard type 
cqimected (1) two-phase to two-phase, (2) three-phase 
to two-phase, and (3) three-phase to three-phase, refer 
to Table II, which shows the comparative invest- 
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TABLE II 

COMPARATIVE COST OP AERIAL TRANSFORMER INSTALLATIONS 


Distribution System 

Two-Pbase—Tivo-Phase 
2300-115/230 Volt 

Three-Phase—Two-Phase 
2300/3984-115/230 Volt 

Three-Phase—Three-Phase 
2300/3984-115/199 Volt 

/ 

MnmhRr of Tra.osfnrmers per Bank. 

2 

2 

3 


2300-115/230 

$1,096.00 

7,31 

2300/4600-115/230.* 

$1,249.00 

8.33 

2300-115/230 

$1,353,00 

9.02 

150-iri>-a. transformer bank 


Total annual cost per kv-a.f. 

1.30 

1.46 

1.54 

75-Kv~a. transformer bank 

Totfll Tti vest.TYifint;.... 

678.00 

783.00 

774.00 

Investment per kv-a...... 

9.04 

10.43 

10.32 

Total annual cost per kv-a.t...... 

1,55 

1.81 

1.77 

IS-Ko-q. transformer bank 

Total Investment....... 

286,00 

339.00 

337.00 

Investment iier kv-a...... 

19.07 

22.60 

22.47 

Total annual cost per kv-a.f...... 

3,10 

3.74 

3.62 



^Transformers are the type rated at 2300/4600-115/230 volts -with taps for 3984 and 3444 volts and will give full rated output when Scott-connected. 
fTotal annual cost includes fixed charges on investment and cost of losses evaluated on increment cost basis. 


merits and annual cost (fixed charges and cost of 
losses) estimated on a comparative basis. 

It will be noted that the costs for the two-phase to 
two-phase banks are distinctly less than for the other 
connections, and that the three-phase to twfi-phase and 
the three-phase to three-phase costs run very close. 

The three-phase to two-phase transformer costs are 
based on a relatively costly unit with taps suitable for 
either a 4000-or 4600-volt primary, while the three- 
phase to three-phase transformer costs are based on the 
standard 2300-volt unit. The three-phase to two-phase 
scheme therefore would allow a primary voltage of 
4600 with consequent appreciable primary feeder sav¬ 
ings as compared with 4000 volts. 

It is therefore apparent that the two-phase, five-wire 
secondary system may be readily supplied economically 
from either two-phase or three-phase primaries. 

Growth Adaptability 

The two-phase, five-wire system, a combination of two 
single-phase, three-wire systems, possesses a high degree 
of flexibility and adaptability to all stages of load 
growth in a distribution system. Generally a district 
initially is supplied from single-phase, three-wire, 116- 
230-volt mains. As the district develops demands for 
polyphase supply to motors, this stage of development 
is readily met, especially with a two-phase primary 
system, by extensions of existing adjacent three-wire, 
single-phase secondaries supplied from different pri- 
maryphases, thus affordingafive-wire, two-phase service 
with the minimum additional investment in transformer 
installations and secondary mains, as diagrammatically 
shown in Fig. 5. If the primaries are three-phase, and 
as the amount of motor load grows, the transformers 
will be erected in banks of two, and part of the secon¬ 
dary mains will become five-wire. A three-wire 
service from mains originally three-wire, when the 
mains are increased to five-wire, requires no change in 
the motor or to the customer’s wiring. There is, ac¬ 
cordingly, a large degree of growth flexibility with the 
two-phase system. This is also a result of the inherent 


high capacity per wire, of particular value with con¬ 
tinuing growth of load where theoretical considerations 
often are completely outweighed by the necessity of 
reasonably providing for development. 


2 F^aso f^imar/as 
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C 
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Fig. 5—Typical Method of Development for Two-Phase, 
Five-Wire System 


With the three-phase, four-wire system, it is apparent 
that if a district is permitted to originally develop on a 
single-phase, three-wire basis, when it becomes necessary 
to provide for polyphase loads, the erection of two ad¬ 
ditional transformers will be necessary and also the 
conversion of the three-wire, single-phase secondary 
mains to four-wire, three-phase, unless such expedients 
as open three-wire mains are resorted to. 

In such a transition it will be necessary to care for 
every three-wire, 115/230-volt, single-phase customers^ 
service in one of the following ways: 

1. Change to four-wire, three-phase. This requires 
running an additional wire, replacement of the single¬ 
phase meter by a polyphase meter, and changing the 
customers' wiring for a four-wire service. 

2. Change to two-wire, 115-volt; single-phase. This 
may require larger service wires, and -a change to a two- 
wire meter. In many situations, as with electric range 
loads, such a change would greatly increase the voltage 
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drop or necessitate a separate service to maintain the 
proper voltage on lamps. 

3. Change to three-wire, three-phase 116/199-volt 
open-‘'Y.’' This will require a second meter or re¬ 
placement of three-wire meters by polyphase metering. 
The service voltage will be unbalanced by the current 
in the neutral and the losses vnll be much higher in the 
service wires and the main neutral. 

If the mains are made four-wire initially, there is the 
initial extra investment in transformers and mains, and 
the unavoidable choice must be made between the 
above three types of services, each with its disadvan¬ 
tages as compared with the tiiree-wire, 115/230-volt 
service. The importance of this situation is apparent 
from the relatively large proportion of services which 
are single-phase on most systems. 

Although many situations of the above nature are 
being solved by the use of separate mains for light and 
power, the substantial savings in combined mains, it 
is felt, compel consideration of any secondary system 
from the point of view of its suitability to the ultimate 
supply of practically all types of small and medium size 
loads from the same mains. To this end stricter re¬ 
quirements in motor starting currents and improved 
methods of distribution should be considered. 


not particularly from any change in the number of 
phases as such, but from the higher voUage. This 
voltage increase has piro^essed in a way undreamed of 
twenty, or even ten, years ago. 

Improvements in insulators, protective devices, 
and all materials used in the distribution plant have 
resulted in gratifying operating experience and have 
practically wiped out the older, natural distrust of 
voltages higher than 4000 volts. The great economic 
savings of these high voltages therefore have been 
taken advantage of, in recent years, by many companies. 

The situation in some instances is that of a super¬ 
position of a primary distribution system with voltages 
such as 11,000 and 13,200, over the present 2300-or 
4000-volt primaries. There is either direct transforma¬ 
tion to the secondary mains or utilization of the pres¬ 
ent 2300- or 4000-volt primaries, merely as an intermedi¬ 
ate short-haul facility. 

Thus, this tendency in primary distribution, where 
prompted by local conditions, appears to be toward 
what may Be called super-distribution circuits, often at 
generated voltage, with consequent lower substation 
costs from the omission of transformers and with lower 
losses, instead of toward a moderate change of voltage 
such as from 2300 to 4000 volts. 


Relation of Primaby Distribution 

Although this paper deals particularly with secondary 
distribution, there are a number of related points in 
connection with primary distribution which should be 
borne in mind. 

Primary distribution is affected by a leirge number of 
variable elements, including: 

1. The size and spacing of substations. 

2. Length and capacity of feeders. 

3. Density and character of load, both primary 
and secondary. 

4. T 3 q)e of system, radial, parallel, loop, network 
feed, aerial, underground, etc. 

6. Configuration of streets. 

6. Tree conditions. 

7. Governmental restrictions relating to voltage 
aerial construction, tree trimming, etc. 

8. Contractual restrictions such as those relating 
to vollage, type of construction, etc., in joint pole use. 

Agam, as m the case of secondary distribution, the 
influence of local conditions upon the type of system is 
v^great, and it is often difficult to make comparisons 
betw^ systems in different locaUties. 

in connection with primary distribution 

^ years has 

w mcreasmg importance in this involved prob- 
“^®‘®asing-load demands by the 

^taHnn ’ greater economies by central 

stefaon engm^rs m the use of copper and the Lving of 

^?toX)0^ ^<'<'®l®ratedtheincreasefrom 

» » volts. The economies have resulted. 


The strength of this idea lies in the probability that a 
moderate increase in the primary voltage, so often 
resulting in marked theoretical economies in primary 
copper investment and losses, may require expensive 
reconstruction of substations, distribution plant, and, 
often more serious, costly change-over of primary cus¬ 
tomers’ installations. The additional investment, power 
losses, operating and maintenance costs of the duplicate 
plant during a long transition period require very careful 
consideration in order to avoid a long postponement of 
actual net savings from the change. Further, during 
the change-over, the load conditions may have so 
changed that the primary system has become inade¬ 
quate to meet the new conditions and another increase 
in voltage may be required. A glance backward over 
the history of power distribution should constitute a 
warning as to the possible futility of taking too early 
what may later stand out as only a make-shift economic 
step. These statements apply with equal force to 
secondary distribution. 

Metering, Motors, and Customers’ Installations 

In the two-phase, five-wire system, single-phase 
service loops generally are two-wire for loads up to a 
prescribed figure and three-wire for loads in excess. 
For the former range of loads, which are representative 
of small residential consumers, the metering is identical, 
whether from a two-phase or a three-phase system. 
For the latter range of loads, the metering costs involve 
a comparison between a three-wire, single-phase meter 
for the two-phase system and polyphase meter ing or 
rmsing the limit for two-wire services for the three- 
phase system. The cost of a three-wire, single-phase 
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metor installation is slijjhtly lower than the cost of a 
two-wire, sintrle-phase meler installation of the .same 
kilovolt-ampere eapaeity and is very mueh le.ss than 
any type of |»ol.vphase me(erin«: now in use. 

For metering polyiJha.se power loud, tlu>re is pnudi- 
eally no dilfertmee in the mett‘r eo.st,s for two-phase or 
t lirets-pluuse. 

A study of metering costs f<jr a typical .syslimi in- 
elialing all types of metering indicates that the total 
inv(».sfmeni in metering ctiuipment would he about, 
fifteen per emit greatt*r for tlie thne-phase system than 
for the two-phase.sy.stem, 

'I'he cost of (wo-i)hase motors of the usual voltagi* 
and spi'cd ratings is idmitical with that of three-phase 
motors. In some eases there is a slight uilciitional cost 
for the starting eompen.siitors for two-pluuse motors. 
Tht‘ two-pha.se motor at rated full load has an elliciency 
.slightly le.ss than the three-jjhase motor, for the usual 
v<iltagt‘ and .sjjeed raling.s, which is of tlu; order of one 
per cent for .sixes up to about 25 h. p. and le.ss for larger 
sixi's. 'I’liis ilifi'erenci* is due partly to the .slightly le.ss 
(•flicient eoil design for two-phase ami partly to the fact 
t hat most niunufucturers design parts which are inter¬ 
changeable for two-phasi* and thre<*-pha.se mol,on» but 
which are not always (juite tlu* most (dlicient ilesign for 
two-phu.se motors. 'Hie tonpie characterLstics of the 
two-phase motor are as good tis, if not better than, the 
three-phase motor, according to munufaclurer’s rating 
sheet .s. 'I’he <*frecf, of retlms-d vol tage under some of tlie 
three-phu.se, four-wire scdieincs is to materially decrea.se 
the pull-out tonpie of the .standard 22tl-voll; motor. 

The t.wo-ph;tst,*, five-wire .system ust's standard motors 
of .standtird 22tl-voIt niting while the three-phase, 
four-wire .sy.stem with 115; Ifitl-volt mains requires the 
eievelopment of u new line of Itlh-volt motors or the 
material de-rat ing of the jjrest'nt line of motors,tunU?s.s 
auf,a-tran.sfonner.s are rmirtetl to), tints resulting in a 
dislim't.ly unfavorable .situation. 

It has bifen claimed that the two-phasi*, five-win? 
.sy.stem, which for motor .service re(}uire.H four wires tis 
against three wires for the thret'-pba-st? system, refiuirt*.s 
mort‘ expensive wiring. (Comparative estimates pre¬ 
pared ffir moUir sixes from 10 to 50 h. p., liotli three- 
phase, three-wire, and t.wo-phasi*, four-wire, .show <lif- 
ferences of the onler of one ijer cent, in some ciuses in 
favor of the Iwo-phsise anfl in some ca.ses in favor of the 
three-plntsi?. 

'rhe.st> ligure.s are based on 220-volt motors for both 
two-plntse and three-phase. If the cost of the neces- 
.sary auto-transformers were inclutled with the thret*- 
phaso motor or allowance matlc for the additional cost 
of a l{)9-volt motor with its wiring, to be supplied from 
lI6/lfl9-volt mains, the comparison would be favorable 
to the two-phase system. 

A typical example will serve to illustrate the small 
magnitude of the difference of the lo.<*8es in a two-phase 
motor with its wiring, and a thK*e-pha.se motor with its 
wiring. Assuming a 10-h. p. motor first three-phase, 


l{)9-volt, and second, two-phase 220-volt, the differ¬ 
ence in the value of lo.sse.s for a period of operation of 
2000 hours jjer year al an average of 75 per cent full 
loud, at two cents per kw-lir., amounts to less than 
.$2.7.5 per year in fa\’cir of the three-pha.se motor. 'Phis 
is less l han one per cent of the value of tlu? power inpiil, 
to the motor and is of sueh a small order of magnitude as 
compared with the usual variables of in.stallation co.sts, 
over-.sized inf>for.s, operating hours, length of wiring, 
etc., that it .should not be eonsidered important in 
the choice bet ween a I hree-pha.st‘ and a two-ijhase 
sy.stem. 

Thus, if the three-iiha.se motor is supplied through 
an au(c)-transfornu‘r frem ]15,'UlJ)-volt mains or the 
motor i.s a lSK)-volt, the carrying charges on the extra 
invest mt*nl. in motor uml wiring, or in auto-truns- 
fornufrs, and the a<iditionaI los.s(;s would throw the 
.saving in favor of two-phase. 

With a three-phase iiu»Lor .service voltage of 199 
volt.s, the voltage drt»p in the wiring in many ca.scs will 
result in a materially lower voltage at the motor 
terminals. Using (In* .same peu* cent in this case as is 
nominally allowed between a 2:it)-volt .service and 
220-vnlt. motor, the rates! motor voltage shoukl he 191 
vejil.s. 

For lighting loads then* an* di(li<niltle.s with tlu* three- 
pha.se', four-wire .system which elej not exist with t he two- 
pha.sf', live'-wire* .system. 'Phe main feteds to panel 
bejarels must be either four-wire?, Il5,/l99-ve)lt, with a 
mtjre e'Xperi.sivi* fejur-wire pane'l bejarel, ejr thej' muiel be 
thre*e*-wire<, ejpefu *‘Y”, with tlie l()s.se*s in the wiring ap- 
proximat,e*ly 59 pe*r cent liigher thsin with three*-wire, 
.single*-pha.se* fe'esls. 'Phere will also be ii voIl.age un- 
bidanes* due to the* u.s.syme*trical phase rejlatiejns of the 
eurreml in the* wirefs, its magnitude eiejfjeneling upon the 
pe>we*r fuedejr, anel an ineimsed volt^ige; elrejp. Single- 
phase*, f.hret’-wire fee*els frejin a two-phase?, five-wire 
system do ne»l have* the*se eii!«ulvantage,s. 


(IKNHIIAI. FetONfJMie: Fkatorks ok Two-Fha.SK, Fivb- 
WiKK Dts'i'uiBirrtoN 


It has been seen from tlu* ftjnjgoing di.s(?UHsion that the 
charu(?ter e.»f service* from t;he twej-phase, five-wire sejc- 
emelary systcem, sej far as it, mteets l,he various distribu¬ 
tion, e!igine*€?ring. anti <?ustonK*rs’ I'equircments, ha.s no 
Herieiu.s elisadvanlages a.s e!ompared with the three-phase 
system, and in many respee-ts has outstanding 
ael vantage's. 

'J’herefeire, under suedi etonrlitiejiis, it will be e>f interest 
to e'omjwire the overall eeconomies of the two .systems, 
in tjrder to determine the probable magnitude of the 
cast <liirerentiat and the irnporUmce of thi.s factor as 
compared with costJ4 of change-over an<l other factors 
not readily measured in <k)llars- 

For this mtsiaurement of their relative inherent eco¬ 
nomic .‘itanding, an analy.sis of several combination.s of 
underground primary and .secondary distribution .sys¬ 
tems with two- and three-phase secondari{?s, was made 
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TABLE III 

TOTAL ANNUAL COST OF NETWORK SYSTEMS 
Excluding Operation and Maintenance 


No. 

Primary 

1 Secondary 

1 Substation 

1 Feeders 

Transformers 

Mains * 

Total 

Range of Primary Voltages: 2300-4600 Volts 



1 

2-pli. 3-wire 
2300/3262-volt 

4-ph. 6-wire 
115/230-volt 

$216,050 

$92,900 

$118,200 

$108,760 

$535,010 

2 

3-pli. 4-wire 
2300/3984-yolt 

3-ph. 4-wire 
133/230-volt 

211,700 

67,120 

122,800 

97,680 

499,300 

8 

3-ph. 4-wire 
2300/3984volt 

3-ph. 4-wire 
115/199-volt 

211,700 

67,120 

122,800 

101,820 

503.440 

4 

3-ph. 3-wire 
300/3984-volt 

4-ph. 6-wlre 
115/230-volt 1 

211.700 

67,120 

125,300 

108,760 

512,880 

6 

4 pb. 5-wire 
23q0/4600-volt 

4-ph. 5-wire 
116/230-volt 1 

218.900 1 

93,580 1 

119,600 

108,760 

540.840 

13,200-Volt Primary 

1 

3-ph. 3-wire 
13.200-volt 

3-ph, 4-wire 
133/230-volt 

122,900 

44,100 

147,900 

97,680 

412,580 

2 

3-ph. 3-wire 
13.200-volt 

3-ph. 4-wlre 

115/199-volt 

122,900 

44,100 

147,900 

101,820 

416,720 

3 

3-ph. 3-wlre 
13,200-volt 

4-ph. 5-wire 
116/230-volt 

122.900 

44,100 

153,800 

108,700 

420.5<K) 


on a comparative basis, as applied to a definite load and 
area. Each type of system was given the full benefit of 
its most economical design. Tables III and IV sum¬ 
marize the results of this investigation. Table III 
shows tie total annual cost of an underground network 
plant, including in the total annual cost the fixed 
charges on Ae investment and the value of the energy 
losses in tie various parts. Table IV shows the in¬ 
vestment in the various parts of the plant for the 
systems considered. 

The cost of the mains for the different types of 
secondary systems does not vary widely, being of the 
order of magnitude of 10 per cent for the total annual 


main cost and for the investment in mains. For the 
tnansformers and malins together, the cost variation is 
even smaller in either the 2300-to 4600-volt primary 
range or with lS,200-volt primary. It will also be 
noted that the investment in mains is only about 20 
per cent of the total plant investment in substations, 
feeders, transformers, and secondary mains. The 
tables also indicate that the part of the problem de¬ 
manding further enginemng attention is that pertaining 
to the prima^, where higher voltages than 4600 show 
marked possible economies. 

These analyses, although on a comparable basis, 
cannot evaluate in dollars many of the advantages of the 


Primary 


TABLE IV 

INVESTMENT FOR NETWORK SYSTEMS 


Secondary 


Feeders 


Transformers 


Mains 


1 

2-ph. 3-wlre 
2300/3262-volt 

4-ph. 6-wire 
116/230-volt 

$1,695,000 

$792,000 

$773,000 

$038,300 

2 

S-ph. 4-wire 
2300/3984-volt 

3-ph. 4^wlre 
138/230-volt 

1,666,900 

584.000 

790,000 

851,700 

3 

3-ph. 4-wire 
2300/3984-voJt 

3-ph. 4-wire 
116/199-volt 

1.665.900 

584,000 

790,000 

880.700 

4 

3-ph. 3-wlre 
2300/3984-volt 

4-ph. 5-wire 
ia6/230-volt 

1*665,900 

684,000 

830,000 

938,300 

5 

4-ph, 5-wire 
2300/4600-volt 

4-ph, 5-wlre 
115/230-volt 

1*728,600 

816,000 

783,000 

938,300 


3-ph. 3-wire 
13,200-volt 

3-ph. 4-wire 
133/239-volt 

• 1,023,000 

402.000 

964,200 

861,700 

3-ph. 3-wire 

3-ph. 4-wlre 

, 




13,200-volt 

116/199-volt 

1.023,000 

402,000 

954,200 

880.700 

3-ph. S-wire 

4-ph. 5-wire 




13,200-yolfc 

115/230-yolt 

1*023,000 

402,000 

1,019,000 

938*300 


Total 

$4,198,300 

3.801.600 

3.920.600 
4.018.200 
4,266.000 

3.230,000 

3,250.000 

3.382.300 
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two-pha^e, five-wire secondary system, which it is felt 
fairly match or outweigh the advantages of the three- 
phase, four-wire system for a densely loaded under¬ 
ground district. 

Other figures which have been prepared lead to the 
same conclusions for the aerial system. 

In the change-over of a d-c. network system 
to alternating current, it may be possible in the choice of 
the best a-c. system to consider the particular district as 
a separate problem, because the d-c. equipment will 
require replacement in any event. However, existing 
a-c. areas, both aerial and underground, which eventu¬ 
ally will form part of the network area, and the need for 
standardization on one universal type of system will 
have a necessarily large, if not a predominating, 
influence on the decision. 

Conclusion 

With an existing a-c. system of any type, now ren¬ 
dering adequate service satisfactory to the consumers, 
and economical and adaptable to growth, the cost of 
change-over to any other system becomes a very im¬ 
portant factor. In addition to those costs of a fairly 
determinable nature, there are others less susceptible 
of accurate prediction, such as the extra cost of operat¬ 
ing two types of systems during the change-over and 
the effect of a longer or shorter change-over period. 

Accordingly, with a relatively small inherent cost 
differential between the existing system and one having 
certain more or less proved advantages and some 
known disadvantages, the central station engineer must 
have extremely strong arguments leading out of his 
local situation in order to justfy a change from the 
existing system. 

In conclusion, I desire to express my appreciation of 
the assistance and suggestions rendered by a number 
of niy associates. 

Discussion 

A. H, Kehoei If one lirfst reads the conclusions of this 
paper (which are carefully drawn), he is apt to take a more gener¬ 
ous view of the statements which appear earlier in the text. 
For instance, the emphasis on cost of making system changes is 
WC311 placed, 

Concerning the subject of a combined light and power system, 
we believe it can be demonstrated that starting de novo, the ad¬ 
vantages and disadvantages of two- and three-phase will he so 
nearly balanced that any difference in cost is well within the ac¬ 
curacy of the original assumptions. In practical applications, 
however, there are three factors which should always receive 
consideration: 

First, the sources of power and transmission, if these exist, 
are three-phase, and the country in general is, and will doubtless 
remain, on a three-phase basis for general polyphase utilization. 
This necessitates the use of special polyphase devices where two- 
phase, five-wire distribution is adopted. 

* Second, the three-phase,, four-wire system requires an odd 
voltage according to present standards, for either one or both of 
the single-phase or polyphase loads. 

In addition to the above the adaptation of existing equipment 


for combined light and power distribution should be accomplished 
with minimum cost. 

In the two locations where two-phase, five-wire light and power 
distribution systems are eontemnlated at the present time, there 
is little doubt that due to the existence of a two-phase system it is 
much cheaper to retain the two-phase than it is to change over 
to a three-phase, four-wire supply. These two locations are the 
exceptions however, and the same elements of cost have the 
opposite effect on the typical systems of the country which, of 
course, are three-phase. The systems adopting two-phase, five- 
wire will perpetuate non-standard polyphase equipment while 
the three-phase, four-wii’e systems will force certain rating com¬ 
promises but should be able to utilize standard equipment, both 
existing and new. Just what this later effect will be, depends 
upon what voltages are selected. The author has everywhere in 
his paper ignored 120/208-volt, three-phase, four-wire which 
seems to me to affect seriously some of his deductions. This 
voltage appears to be the only compromise which can be adopted 
that will allow all existing standard equipment to be utilized 
successfully. 

I have noted such a large number of exceptions in the detailed 
text of the paper that it would be impossible to comment upon 
all of them. I shall therefore deal with but four or five matters 
which seem to be of most importance. 

Carrying the matter of “power per wire” to its absurd conclu¬ 
sion, the system proposed by the author is but 80 per cent effi¬ 
cient. However, we all must appreciate the tremendous ad¬ 
vantage of the simple three-wire, d-c. system. It is the obvious 
necessity of generating and transmitting polyphase as well as 
having some i^olyphase utilization, that makes it necessary to 
even consider the complications of going to four-wire or five-wire 
systems to obtain balanced loading on a single system. It may 
be well, however, to bring out the fact that neutral wires have to 
be sufficient to carry the unbalance which depends upon the 
utilization equipment and not the type of system. 

Under “inherent advantages” on the third page, the question 
of accommodating phases in separate ducts introduces the ele¬ 
ment of polyphase motors acting as phase converters while run¬ 
ning single-phase. This condition at times of secondary short 
circuits is one of the problems with which there has not been 
sufficient operating experience to obtain a positive solution. It 
seems certain, however, that separate polyphase secondary cables 
in separate ducts will not improve the hazard which already 
exists in the matter. 

On the fourth page, mention is made of polyphase transformer 
units. I wish to emphasize this, as in the writer’s opinion we 
have scarcely begun the economic use of polyphase units that 
will come automatically as soon as the light and power systems 
are established in a reasonable number of places. 

With reference to the Scott connection as a hybrid scheme, 
some of us who do not agree with the author believe we are 
basing our conclusion upon common-sense engineering. Re¬ 
garding the unbalance due to Scott transformation, it should 
be realized that this occurs at the source of the supply while the 
voltage unbalance, set up in the case of secondaries, occurs at the 
end points of the line. It is doubtful whether any quantity of 
secondary light and power mains would be installed in the country 
with spacing as indicated on the fourth page. Our telephone 
friends might be interested. 

In discussing primary voltages higher than 4000 volts, the 
author speaks of the older natural distrust' as if the distribution 
conditions of the last ten years were not justified. We believe 
that it has just been demonstrated by a difierent design of sys¬ 
tem that it is possible to distribute at the generator voltage and 
any distrust which has existed in bhe past was a very proper one 
for the systems then in use. 

R. A. Paine: In the first part of the paper a discussion is 
given of the fundamental requirements which any distribution 
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system must meet. The field has been covered in a very com¬ 
plete manner but there appear to be several pointson which there 
is disagreement as to just how nearly certain types of distribution 
systems meet all of the requirements. A comparison has been 
made in the paper principally between two types of secondary 
distribution systems, i, e., (1) two-phase, five-wire system, and 
(2) thre3-phase, four-wire system. 

Throughout the paper the voltage of the three-phase, four-wire 
system has been stressed as being 116/199 volts. This ap¬ 
parently has been done for a purpose. Since the two-phase, 
five-wire system considered was 115/230 volts, the voltage to 
ground for the three-phase system for sake of convenience was 
also selected as 115 volts. We believe the comparison should 
be made either on the basis of a two-phase system voltage of 
120/240 with a corresponding three-phase voltage of 120/208, or 
on the basis of a two-phase system voltage of 115/230 and a 
three-phase system voltage of 120/208. 

The comparisDn should be made in accordance with one of the 
above stated methods because in all cases where a distribution 
voltage of 116/230 exists, it is entirely possible by proper notifica¬ 
tion to customers, after authority has been received from the 
public service commission, to raise the voltage to 120/240. If a 
particular company does not desire to raise its voltage to the 
above standard, the benefits to be derived from so doing, such 
as decreased losses on account of the higher voltage, etc., should 
not be withheld in making a comparative economic study of the 
two systems. 

Accepting this as fact,—^namely, that with a three-phase, 
fo :r-wire system the distribution voltage would be 120/208 volts 
if operation similar to present practise is followed out,—^it should 
be possible to maintain practically this voltage at the customer’s 
service. Hence, if the motor wiring is at all suitable, voltage at 
the motor should be well above 200 volts, three-phase. When 
standard 220-volt motors are used, and assuming the motor 
terminal voltage to be 205 volts, the efaciency at full load is not 
materially less than when the motor is operated at 220 volts. 
The eMciencies at fractional loads will be somewhat higher when 
the motor is operated below 220 volts. The pull-out torque will 
be reduced to roughly 86.6 per cent of the pull-out torque at 220 
volts. Assuming the pull-out torque value to be 250 per cent of 
normal full-load torque, and that the motor is operated at rated 
voltage, the new figure will be approximately 217 per cent which 
should prove ample. 

There should be no trouble in operating three-phase motors at 
120/2^ volts, since the heating of the motors should not be 
materially increased and because the majority of motors operate 
at somewhat less than their rating. Further advantage may also 
be taken due to the fact that the motors are rated on a 40-deg., 
ambient temperature basis and the usual ambient temperatures 
encountered are somewhat lower than this figure. 

A study of the performance curves of present-day motors indi¬ 
cates that motors rated at 220 volts are apparently designed for a 
voltage between 200 and 210. Unless the design of motors is 
changed, cases where 220-volt motors will not operate entirely 
satisfactorily at 205 volts will be very rare. 

The “Outstanding Features” of a two-phase, five-wire dis¬ 
tribution system which have been outlined in the paper are, with 
two exceptions, equally applicable to a three-phase, four-wire 
system. Of these exceptions, one (namely, use of 208 volts 
three-phase as the motor voltage for the three-phase system as 
against 230 volts for motor voltage of the two-phase system) is 
not a serious disadvantage, if it can be called a disadvantage at 
all. This is on account of the reasons given above. The 
second exception (namely, the use of three transformers per 
•bank for the three-phase system instead of two transformers per 
bank for the two-phase system) is, of course, somewhat of a 
handicap in the ease of the three-phase system. Usually, 
however, there is considerable fiexibility possible.in the manner 


in wMeh loads are cared for in the three-phase system so that 
this disadvantage can probably be compensated for. 

Voltage unbalances which take place or are inherent in a three- 
phase, four-wire system are in all eases extremely small and 
practically no difficulty is encountered from an operating stand¬ 
point in satisfactorily compensating for them. 

This suggestion is made in the paper that a common set of 
secondary mains be used for supplying both power and lighting 
loads. This practise is quite commonly followed by several 
companies at the present time. Prom the economical point of 
view, it is very desirable and works out very nicely in practise 
except in cases where extremely severe conditions are imposed 
upon the circuits by some types of power load which necessitate 
separate sets of mains for the power and lighting loads. Stress 
has been placed upon the saving in the capacity of mains due to 
diversity between lighting loads and power loads. Any saving 
due to diversity of load in this part of the system will be ex¬ 
ceedingly small as a rule. While the value of diversity is 
exceedingly great it is felt that the actual diversity existing in 
the part of the system being discussed in this paper is generally 
greatly over-estimated. The character of the service which must 
be rendered has a far greater effect upon the design of the 
secondary mains than does diversity. Any advantage which 
might exist in certain special cases may be realized equally well 
for either the two-phase or three-phase distribution syst,em. 

An advantage is claimed for the two-phase, five-wire system, 
particularly in underground districts, in that multiple-conductor 
cable can be more readily utilized than with the three-phase 
system. While this might be an advantage in some cases it 
would be obtained at the expense of lower quality of service due 
to the fact that any trouble in the cable would affect a larger 
number of customers than if single conductor cable were used. 
The three-phase, four-wire system has a very distinct advantage 
over the two-phase, five-wire system in underground districts in 
that for the same power to be transmitted, four single-conductor 
cables of somewhat larger size can be installed instead of five 
single-conductor cables with considerable economy in investment 
and duct space occupied. 

In the case where secondary circuits are extended into new 
territory, a three-wire, open-Y, 120/208-volt installation may 
initially be made. This arrangement is the equivalent of 
installing a three-wire, 115/230-volt, secondary line in tlie two- 
phase system. If later, polyphase service is required, it is 
necessary only to run an additional wire or cable, while wiih the 
two-phase system to render polyphase service two additional 
wires must be installed. 

Referring to Table No. 4, it is seen that the total annual cost of 
the three-phase, four-wire primary, three-phase, four-wire 
secondary system is approximately 7 per cent less than the two- 
phase systems shown as Nos. 1 and 2 in the same table. This 
amounts to upwards of $30,000 annually. Capitalizing this 
saving at 1214 per cent the above figures correspond to an in¬ 
vestment saving of about a quarter of a million dollars. 

With regard to all of the points at issue, it may be confidently 
stated that the three-phase, four-wire distribution system with 
voltages 120/208 is quite able to hold its own with the two- 
phase, five-wire system with voltages 115/230 and has the 
decided advantage of using recognized standard apparatus, 
including three-phase motors. It is very likely that future 
developments and refinements will benefit the three-phase 
system to a greater extent than they would benefit the two- 
phase system since developments are usually made for the 
benefit of the majority. 

In ^scussing a common system of a-o. secondary mains for 
both lights and motors, the author suggests stricter requirements 
in motor-starting currents. If lower starting currents than now 
exist are a requisite for any particular type of distribution system, 
all factors entering into the problem should be carefully evalu- 
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ated as, in general, the larger the permissible starting current, the 
lower the cost of the motors. In Brooklyn the use of a com¬ 
bined lighting and power secondary is practically universal and 
has been for a great many years. We have made our motor¬ 
starting current requirements very broad and have found that we 
have encouraged the use of electricity as a power source, by 
lowering the customer’s initial investment. Any motor in¬ 
stallation conforming with the 1923 N. E. L. A. Motor Rules is 
accepted. In addition, we shall accept motor installations 
having starting currents in excess of these rules, provided no 
objectional voltage fluctuations are experienced by other 
customers connected to the same secondary, as the customer 
having the large starting current. We believe that all forward 
looking engineers should plan and design their distribution 
systems so that any motor installation meeting the requirements 
of the 1923 N. E. L. A. Rules is an acceptable installation. 
When distribution systems are brought up to this standard we 
may be able to lower still further the initial costs of motor 
installations by broadening the present motor rules. 

H. R. Woodrow: Mr, Chase’s paper attacks the problem 
from the standpoint of the existing system and for a new layout he 
is in agreement that the two-phase system is more costly than the 
three-phase. 

In attacking a remodeling problem for a rapidly gi-owiug 
system, I should like first to see how we should develop the 
system without limitations of existing equipment and then 
determide how the new layout can be worked into the existing 
plant or the existing plant worked into, the new system, for in a 
10- to 12-year period the existing equipment is only one-third of 
new additions required. 

The statement is made in the paper, ‘Tf there is any virtue in 
the number of phases surely it should compare favorably with 
the three-phase.” It would seem to me that this should repre¬ 
sent an indirect function in place of a direct one, as the best 
system, if it gives the same economy, would be a single-wire 
system. 

Referring to the second page, the number of wires per customer 
would, in many oases, more nearly represent the cost than the 
power carried per wire, as in the majority of cases the limitation 
is determined by the minimum size of wire which is practical 
from the mechanical strength standpoint. The four-phase, 
five-wire system has 33 per cent more current-carrying wires 
per service than the three-phase, four-wire system. 

Referring to the tabulation under “Feeders” and the compari¬ 
son of the three-phase, 2300/3900-volt system with four- 
phase, the four-phase distribution is 40 per cent more expensive 
than the three-phase. In the “Mains” the annual cost of the 
four-phase, five-wire system is represented as 7 per cent greater 
than the three-phase, four-wire system and the transformers 
under the 2300-volt heading show an increase in cost of the four- 
phase, five-wire ■ system as 4 per cent. In other words, the 
tabulation shows an advantage of from 6 to 10 per cent in annual 
cost for the three-phase, four-wire system in comparison to the 
four-phase, five-wire, which is in agreement with the general 
studies we have made. 

The only conclusion to which I can come from the study of the 
new system is that the central station is required to spend from 
4 to 10 per cent more for the four-phase, five-wire system than 
the three-phase, four-wire without increased economy, and that 
the customer is required to spend more money to take the service 
and have increased losses in his system. This condition would 
naturally produce a rapidly increasing demand for three-phase 
equipment with a reducing demand for two-phase, and therefore 
the complications of the two-phase system would become more 
and more involved each year. 

Although these factors favoring the three-phase, four-wire 
system may not in some oases justify the expense of changing 
over an existing plant, I do think these factors should be very 


carefully weighed before definitely perpetuating an inferior 
system. 

P. H. Adams: I think Mr. Woodrow overlooked the fact 
that Mr. Chase’s five-wire circuit is made up of two two-phase, 
three-wire circuits, using a common neutral. In his comparison 
of costs, he forgot the fact that each customer is connected as a 
two-phase, three-wire customer. 

I agree with Mr. Woodrow in his criticism of the five-wire, 
two-phase system as a continuation of something that is inherently 
bad, and that we should tackle the problem of changing from 
two-phase, 2400 volts to a higher voltage by considering the 
existing system as something that will be comparatively small 
as contrasted with the system five or ten years hence. 

We had the same problem in New Jersey, and while our system 
is a four-wire, two-phase instead of a three-wire,* two-phase, 
as the one with which Mr. Chase has dealt, when we made our 
change we chose the 4150-volt, three-phase, four-wire system. 

I think we were right in making this decision, as our system 
is growing rapidly and in five years we expect to have a system at 
least fohr or five times as large as that which existed when we 
started the change. 

L. T. Robinson: I think there is another side to this ques¬ 
tion of distribution systems that should not be overlooked; that 
is, that systems and convenience in the arrangement of systems 
is not everything; you should do as much as you can to make it 
possible to employ standard apparatus and have conditions under 
which the apparatus must be used as uniform as possible. 

The question of lamp voltages, transformer ratios, the torque 
and heating of motors, their starting current and efficiency are 
all involved. While the idea that standard apparatus may be 
used on both the four-wire, three-phase, and five-wire, quarter- 
phase systems runs through the presentation and discussion, you 
must recognize the fact that to the difficulties always present due 
to the regulation of systems for voltage and frequency, there 
will be added the conditions of having to meet variable base 
voltages. * 

Possibly the apparatus can be successfully made to cover the 
base-voltage range required as well as the variations found in 
practise, but it will be more difficult for the designers, and I 
feel, to some extent,—I can’t say off-hand to what extent—^it 
is going to make the apparatus more bulky and more expensive. 

H. Richter I Throughout the paper there are references indi¬ 
cating that the author intended his arguments to apply partic¬ 
ularly to areas that now have two-phase distribution, where a 
combined light and power secondary system is contemplated and 
it is necessary to solve the involved problem of choosing the type 
. of system best suited to those particular areas; I wish to 
emphasize the importance of confining the meaning of the paper 
to such two-phase systems and of not considering it to apply to 
systems that are now three-phase or to entirely new distribution 
layouts which may be started in the future. 

In my estimation the paper refers almost exclusively to under¬ 
ground and overhead secondary network systems and not to 
purely radial systems. The idea of extensively using the com¬ 
bined light and power secondary system has been entertained 
seriously only since the advent of what might be called the latest 
type of underground a-c. low-voltage network; that is, where a 
number of primary feeders supply in common an interconnected 
secondary network. Isolated cases where the combined scheme 
has been tried out on typical radial systems are known, but the 
majority of companies have kept away from it because, unless an 
excessive expenditure is made, there is likely to be winking of 
lights when motors are started and burnout of polyphase motors 
due to insufficient voltage. It should therefore be recognized 
that the paper applies only to network systems. The inclusion- 
of overhead secondary systems in the analysis is sound,I believe, 
for the surprisingly rapid spread of the network idea indicates 
that in the future, ten to twenty years from now, practically all 
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of the underground systems of the cities will not only be networked, 
but a good portion of the overhead systems will also have net¬ 
works, possibly in a simpler form and using simpler apparatus. 


The comparison has been confirmed to the 116/199-volt three- 
phase system. I should like to forestall consideration of the 
110/19()-volt and 125/216-volt, three-phase systems in the dis¬ 
cussion. Satisfactory operation of polyphase apparatus on 190 
volts would entail so great an expenditure, both in taldng care 
of existing installations and development of new apparatus, that 
110/190 volts is practically out of the running. 125/216 volts 
is also more or less out of the picture, partly because 125 volts is 
not even a recognized exception as a lamp standard, and partly 
due to the excessive burden that would be thrown on the industry 
as a whole by the necessity of developing new lines for the many 
types of apparatus now standardized at 115 volts or considered 
satisfactory for operation on 120 volts. The comparison of 
two-phase with three-phase should therefore be confined to 
115/199, or possibly 120/208 volts for the three-phase systems. 

Wherever low-voltage networks are being installed or planned, 
the companies are figuring on employing three-phase for the 
primaries, either at potentials in the class below 5000 volts or at 
some such higher voltage as 13,200. Even the two companies 
that have indicated a leaning towards two-phase secondary 
distribution have expressed the intention of employing 13,200- 
volt, three-phase feeders for future growth. Consequently, we 
must keep in mind, as of five or ten years from now, only the 
comparison of the Scott connection with its attendant disad¬ 
vantages, for transformer banks serving two-phase as against the 
straight step-down for three-phase distribution. 

While it is true that in the past there has been a general 
tendency to avoid such high primary voltages as 13,200 for mis¬ 
cellaneous distribution in cities, it is also a fact that this is no 
longer the case. The change in sentiment has been brought 
about almost entirely by the ability to employ a simple system 
of distribution in which all primary protective ajnd sectionalizing 
devices are eliminated, and the only protective apparatus 
on the distribution, system is a low-voltage device of proved 
performance. 


These remarks have been made in an endeavor to clarify the 
discussion and in that way, if. possible, simplify the comparison 
of the various network propositions. As Mr. Robinson has said, 
this is quite necessary for it is extremely important from the 
standpoint of the manufacturers, customers and, indirectly, the 
operating companies, that the latter get together without further 
delay and standardize as far as possible on such a combined light 
and power scheme as can be used to the greatest advantage on the 
majority of systems introducing the least possible extra expense 
in the manufacture and stocking of different types of apparatus. 

Even though the including of items for operation and mainte¬ 
nance gaged over a period of ten years would probably have 
mcreased the difference in favor of the three-phase secondary 
system, Tables III and IV do not show a large economic ad¬ 
vantage for three-phase. Further, it is apparent that despite 
a wmghing of all evidence of engineering and operating nature 
a balance shows in favor of three-phase, and also, this balance is 
not large. It is therefore admissible that if the standpoint of 
me operating company only is considered and the analysis is 
confined to the usual period of ten years to come, the net advan- 
ta^ of three-phase over two-phase may not be great enough to 
outweigh the obvious benefits of having a uniform system of 
second^ distribution throughout a city. In connection with 
th^ which foUowB It should be borne in mind that the greater 
ge^rd ^rom the attitude of the public in 

Likewise, where a large number of two-phase motors now exist 
1 an area that it is proposed to network, it is evident that the 
e^e^e of changing them over to three-phase, or in all cases 
providing auto-transformers for a three-phase to two-phase 


trafisformaition, could probably not be counterbalanced even in 
ten years by the small economic advantage of the three-phase. 

However, it is conceivable that in this particular problem, an 
unusually broad point of view should be applied. The paper 
touches on the conditions that are tending to make two-phaso 
obsolete. Exact data in this regard arc difficult to obtain. 
There are but two large distribution systems and a few smaller 
ones still two-phase. The ratio of present investment in two- 
phase systems to that in all systems in the country may bo gaged 
approximately by the fact that in 1923 only 6 per cent of all tlie 
polyphase motors sold by one prominent manufacturer were 
two-phase. It does not require a stretch of the imagiiiation to 
foresee that within the next ten or twenty years this percenttigo 
is likely to decrease to even half its present value as the tendency 
for smaller companies operating two-phase to change to three- 
phase continues and as new systems in rapidly growing parts of 
the country start up, using the present standard of three-phase. 
With that reduced percentage of two-phase business it is natural 
to expect that prices and deliveries of two-phase apparatus will 
be adversely affected. Thereupon, customers in iiwo-pliase areas 
will set up a demand for three-phase service and this will have to 
be complied with by the operating companies. At the current 
rate of load increase, in ten years there will be about four timas as 
many motors on the two-phase systems as at prusont and in 
twenty years about sixteen times as many. The expense of 
change-over to three-phase at that time will be correspondingly 
greater than at present. Even though moasures may bo talcen to 
postpone the change-over, these will of necessity have only a 
temporary effect. The greater the delay the worse will be the 
situation when the change to three-phase finally takes place. 

Coming now to systems where three-phase already exists, 
enough has been said to prove that it is almost out of thi/quostion 
to expect them to go to two-phase, five-wire socondaries. To 
review a few of the reasons, there is the great expense of changing 
three-phase motors to two-phase, replacing three-phase trans¬ 
former banks by Scott-connected banks, and pulling in a fifth 
secondary service as well as sometimes in many places riser wire. 
Where ducts and service pipes are too small for the fifth wire, 
reconstruction would be necessary. 

Finally, there are the companies that will install networks in 
what might be termed virgin territory. The paper ,shows cer¬ 
tain definite though small advantages for three-phase, four-wire 
over two-phase, five-wire, such as in annual charges and first cost. 
In the majority of cities the cost of operation and maintenance of 
the two-phase system would be greater, due to the added mainte- 
mnce of the fifth wire and five-wire protective equipment. 
There are also the extra losses due to the Scott transformation 
to two-phase. Three-phase motors and utilization devices are 
standard, while two-phase apparatus is becoming obsolete. In 
some makes of motors there is quite an appreciable difference in 
performance in favor of three-phase, assuming operation at rated 
voltage. Even though the advantages for each of these factors 
may not individually be great, when added together they point 
u^istakably to the wisdom of making networks in all new dis- 
tnbution layouts three-phase. 

Chase* In some of the discussions on my paper there 
^s been a tendency to confuse what is common practise with 
ttot which is good, and what is not common practise with that 
which is bad. Though two-phase, secondary distribution is not 
conunon as three-phase, proper use of the fundamental dis- 
tnbution requirements as yard sticks certainly cannot lead to the 
opinion expressed by two of the critics that the two-phase system 
IS bad or inferior. 

It is interesting to note that advocates of “Three-Phase” 
are by no means unanimous in their choice of which is best of the 
various types of three-phase systems. One type requires what 
one sipporter diplomatically calls “oertmn rating compromises”, 
but these may result in widespread changes to equipment, to 
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standard lamp voltages, or to motor ratings. Another type does 
not afford load balance or balanced voltages to ground. Expen¬ 
sive expedients, such as auto-transformers and the like, are offered 
to overcome these drawbacks in order to adhere to three-phase 
and continue to render standard voltages to customers. 

Most of the operating companies will continue to have the 
greatest part of their secondary load neither two-phase nor three- 
phase, but two-wire and three-wire, single-phase. In addition, 
the nujnber of customers supplied with single-phase as compared 
with those supplied with polyphase service will be greater than 
the proportion of the actual single-phase and polyphase loads. 
Any system w^hich penalizes single-phase customers is laboring 
under a handicap. 

The flexibility and adaptability of the two-phase, five-wire 
system in handi ng a combination of two-wire single-phase, 
three-wire single-phase, and two-phase loads, with superior 
regulation and load and voltage balance, has not been success¬ 
fully challenged. These valuable advantages have been demon- • 
stated by long experience but are difficult of expression in dollars. 

The small percentage of two-phase motors does not tell the 
story. Prom early days there has been a general tendency to 
operate motors on separate secondaries (and often separate 
primaries) fi’om lighting. Consequently, the motor voltage and 
number of phases could be determined by considerations relating 
to and affecting the motor alone. Lighting was two-wire and 
three-wire, single-phase, because of the utilization devices, 
simpler metering, and lower service costs, which conditions still 
obtain. The trend of generation and of transmission toward 
three-phase naturally directed motor development and primary 
and secondary polyphase distribution along three-phase lines. 
Accordingly, three-phase motors predominate but lighting has 
remained single-phase. 

Of recent years, the advent of a-o. secondary networks and the 
advantages of combined light and power secondaries have 
brought to the front a requirement which was originally unim¬ 
portant,—that is, the flexible supply from the same secondary 
polyphase mains of all types of load*, at established standard 
voltages. The three-phase system cannot meet this without 
expensive changes or doubtful compromises and such expedients 
as three-wire, open-Y, or four-wire services and polyphase 
metering for residence lighting. The two-phase, five-wire system 
now meets this need without change for both radial and network 
systems. 

Standard two-phase motors are neither obsolete nor penalized 
in price, as reference to motor price-books will show. The 
adoption of a new line of 199-volt, three-phase motors would be 
a greater deviation from the principle of standardization than the 
retention of the already established line of two-phase motors. 

Three-phase primary distribution can readily be utilized 
for supplying two-phase secondaries by the Scott connection of 
transformers which has been proved by years of operation and 
does not involve a deviation from standard voltages. The Scott 
connection deserves no.more attention or criticism than many 
of the common modifications to “standard'^ transformers which 
are asked for and furnished almost as a matter of course. 

We must keep this matter of standardization in mind. 
Standardization refers particularly to voltage, frequency, capac¬ 
ity, speeds, and types of equipment. On thp two-phase, second¬ 
ary, five-wire system, apparatus, equipment and devices are used 
that are standard as to voltage, frequency, capacity, and kind. 

Prom the standpoint of the operating man, the matter reduces 
down to whether he is giving adequate service at reasonable cost, 
by adhering to his existing secondary system, and whether— 
although there may be a slight theoretical differential in cost, if 
he were starting new—he is justified in paying the high cost 
of change-over from the existing system. It is universally ad¬ 


mitted that the cost of change-over is extremely high because of 
the cost of change-over of customers’ installations. If the 
theoretical saving, over a long period of years—say ten—does 
not pay for the cost of change-over, how can a change be justified? 

I referred particularly to 115 volts as the lamp voltage. 
The same relative situation applies to both two-phase and three- 
phase taking 120 volts instead of 115 volts. Even with 120/208 
volts, three-phase, I believe most operating engineers would feel 
apprehensive about giving 208 volts to motor customers where 
they are used to receiving 225 to 235 volts for 220-volt motors. 

Regarding “power per wire,” this comparison indicates the 
efficiency in using the capacity of the installed wires including 
the neutral, which as a matter of practise is comparable in size 
to the other conductors. One critic states that the two-phase, 
five-wire system is only 80 per cent efficient. This is true as 
regards the utilization of the installed copper and on the same 
basis the three-phase, four-wire system is only 75 per cent efficient. 

As to the matter of voltage unbalance on three-phase secondary 
mains, with a wire spacing of 14 in., I might say the unbalance 
is not much decreased even with a spacing of 4 in. such as on a 
bracket. That can be easily checked by calculation. Whether 
voltage unbalance is caused at the source or along the mains 
makes no difference in the effect. 

As I think the paper brought out, I favor the higher primary 
voltages. However, it is true that there has been in the past some 
distrust, at any rate on the part of the public and some engineers, 
of the higher primary voltages for distribution. 

Comparing systems on the basis of starting off new would be 
interesting, but hardly justifiable. But the words of the old 
adage stiU hold true:—“No matter where you are going, you 
must start from where you are.” That is the point from which 
my paper started. 

In the matter of relative costs of distribution systems and 
the relative savings in the light of growth. Tables No. Ill and IV 
were based, for the particular area under investigation, on a 
doubling of the present dense load. Whether doubling or quad- 
irupling of load is assumed, there must be taken into account one 
factor which seems very important—the increasing loads supplied 
to customers at primary voltage. As larger buildings are erected 
and the load grows, it does not necessarily follow, particularly in 
a congested area, that delivery of all the increased load will be 
at the same low voltage. Often delivery will be at primary volt¬ 
age, with the customer providing his own transformers and decid¬ 
ing on the voltage and number of phases on his premises. The 
primary system will probably supply the medium and large cus¬ 
tomers and thus absorb a large percentage of the increased load, 
and the secondary system will supply the smaller customers. 

Reference has been made by two speakers to the two-phase 
system as being “inferior” or “inherently bad.” Is a system 
inferior or inherently bad unless it is either extravagant or 
inadequate with regard to service? The two-phase, five-wire, 
secondary system is not a “proposed” system, but has been an 
actual reality for years. It has given adequate service since the 
inception of polyphase systems and still is giving economical 
service. It delivers standard voltages, and this cannot be said 
of some of the present and proposed three-phase systems. It 
employs standard apparatus. It affords maximum voltage and 
load balance, in the system. It is flexible in growth and ade¬ 
quately serves the customers’ conveniences. 

Therefore, my conclusions still are:—The two-phase, five- 
wire secondary system is adequate and economical, and has a 
recognized place in distribution practise not inferior to any 
other system. The two-phase, five-*wire system as well as any 
other adequate and economical system where once established 
should be continued unless another system presents greatly 
superior engineering and economic advantages. 



The Oil Circuit Breaker Situation from an 


Operator’s 

BY E. C. 

Member, 

Synopsis, —This paper is an outline of the oil circuit breaker 
situation from the operator's standpoint, particularly with reference 
to interrupting duty, as it appears today to the author. It is not an 
original study, hut rather an assembly of previously existing informor 
Hon, and is arranged by topics with a view to bringing out a large 
amount of discussion, in the hope that it may result in further clarify^ 
ing the very complex problem of interrupting electric currents. 

The topics taken up are as follows: 

I Factors determining interrupting capacity, namely, intensity 
and duration of the arc, 

11-111 Essential features of breaker design and their functions. 


Viewpoint 

STONE^ 

.. I. B. E. 

IV Factors affecting interrupting duly, with especial emphasis 

on effect on same of system and fault gromuling 
conditions, 

V Relations between interrupting ratings and costs, 

VI Status of interrupting ratings urilh nferenee to maximum 

nature of such ratings and facts upon which they are 
based; relative ratings on different operating duties 
and desirable modifications in method of rating, 

VII Applications, particularly possihiliiies for improved practise 

in future, and necessity of adequate maintenance on all 
breakers in service. 


A t the 1918 Midwinter Convention of the Ameri¬ 
can Institute of Electrical Engineers, a paper 
on “The Rating and Selection of Oil Circuit 
Breakers” was. r^d by Messrs. Hewlett, Mahoney, and 
Burnham. In this paper the manufacturers presented 
their interpretation of the A. I. E. E. standards on 
oil circuit breakers as they existed at that time and 
a discussion of the features involve in the selection of 
oil circuit breakers for use on the various po.wer sys¬ 
tems. Since that time, much additional experience has 
been gained in the design and operation of oil circuit 
breakers and a definition of interrupting duty has been 

added to the standardization rules of the A. I. E. E. ^*w**v.* ww wwv wi iwe ^UACUSSIVC 

In that which follows, no attempt at original research or too ^eat duration of arc (excessive voltage) 

into the problem of oil circuit breaker interrupting both, excessivp amnnnf nf av\ixv»retr ia 
duty has been made. Rather, the purpose is to present unawn? tu wibustana me pressure 

briefly a birdVeye view of the circuit breaker situa- developed and will give way, accompanied by more 
tion from an operator's standpoint, as it appears to the severe explosion, due to which the oil may ignite, 

author today. It is hoped that the outline which maximum amount of energy which the breaker 

follows, of some of the more prominent phases of the the limit of its interrupting 

subject, will call forth discussions which will bring out 

much important information. After a breaker has opened the circuit, the gas pres- 

The rating of an oil circuit breaker includes normal disappears in a comparatively short time, as the 
voltage, normal current, normal frequency, maximum through the vent, but the burning of 

momentary current which the breaker can withstand carbonization of oil, and depositing of carbon 

and interrupting capacity. Of these items, all except surfaces inside the tank are accumulative, 

the last are perfectly simple and not subject to argu- ^ breaker opens a circuit 

ment. Hence, interrupting capacity is the only item c^ent is flowing, the arc produced 

of rating which is involved in the following discussion. 


b. Duration of arc, which is a function of tho voltage tend¬ 
ing to maintain the arc; that is, the “rocovory voltagtj” which 
appears across the terminals of the switch at the monieat tho arc 
is interrupted. 

The effect of the arc is to release an amount of 
energy in the tank which is determined by the inten¬ 
sity and duration of the arc, as stated above. This 
energy appears as heat which breaks down a portion 
of the oil in which the contacts are submerged. Gases 
^ emitted, which develop high pressures, and carbon 
is deposited, causing loss of insulation .strength of the 
oil. Also, the contacts are usually more or less burned. 
If, due either to too great intensity of arc (excessive 
current), or too ^eat duration of arc (exces.sive voltage), 
or both, excessive amount of energy is released, the 
breaker will be unable to withstand the pressure 


I Factoes Determining Interrupting Capacity 
OP Oil Circuit Breakers 

The interrupting duty imposed upon an oil circuit 
breaker when it opens a circuit depends on: 

a. Intenaty of are between contacts, which is a function of 
magmtude of current interrupted, 

1. Planning Engineer, Duquesne Light Co., Pittsburgh, Pa. 
Presented ot the Annual Convention of the A. I. E. E., 

Saratoga Springs, June 192B, 
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causes burning of contacts, oil carbonization, and car- 
bon deposit which effect a definite reduction in the 
interrupting capacity of the breaker. After a suffi- 
cient n^ber of circuit openings, interrupting capacity 
0 the breaker is exhausted and can only be restored 
by repairing contacts, cleaning inside insulating sur¬ 
faces, and replacing old oil with new. 

The loss of interrupting capacity of a breaker, as it 
operates, may be likened to loss of capacity in a storage 
ba^ry as it discharges. After a certain duty has been 
performed, the breaker, like the storage battery, be¬ 
comes exhausted. As the duty is intensified, the life 
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of the breaker is shortened, jiist as the life of the bat¬ 
tery is shortened on heavy load duty. Again, just as 
the battery may be recharged after its life has been 
run, so a breaker can be brought back to its original 
rating by a little simple and inexpensive maintenance. 

II— Essential Features of Oil Circuit Breaker De¬ 
sign WHICH Determine Interrupting Capacity 

The essential features of design which determine 
interrupting capacity are: 
o. For interruption of arc — 

Contact break distance 
Speed of contact travel 
Contact pressure 
Magnetic blow-out effect 

h. For absorption of energy of are (gas pressure )— 
Volume of oil 
Oil head above contacts 
Air space above oil 
Venting 

e. Mechanical Strength —Great mechanical strength 
is required throughout to withstand the strains due 
both to pressure developed by release of gas and to 
electromagnetic effects of the heavy currents handled. 

d. Thermal capacity—kfi current-carrying parts 
must have sufficient thermal capacity to carry the 
maximum currents while they last. 

Operating tendency is to require increased thermal 
capacity to take care of the longer duration of short- 
circuit current due to the higher relay settings used 
for obtaining selectivity of circuit-breaker operation and 
for taking advantage of the current decrement curve 
of the S3mchronous equipment. 

e. Oil quality — 

III— Design Features on which Difference op 

Opinion Exists 

Opinion is divided as to the value of the following 
design features: 

High Speed contacts 
Explosion chamber 
Multiple contacts in series 

Resistance introduced into breaker circuit to reduce 
energy released by arc in breakers 
Opinion is also divided as to the best means of 
absorbing the gas pressure and the different designs take 
care of this feature by various methods. 

rv— Factors Determining the Interrupting Duty 
to which an Oil Circuit Breaker is to be 
Subjected 

Since interrupting capacity depends on current 
interrupted and recovery voltage, the interrupting 
duty in any case varies with these two factors: 

1. Factors affecting current to be interrupted —^The 
maximum current, which a circuit breaker may be 


required to interrupt is obviously a dead short circuit 
at its terminal. 

The current at any point of a system, under short- 
circuit conditions, is affected by the following factors;* 

a. The total kv-a. reactance, and transient charac¬ 
teristics of the synchronous machines connected to the 
system. 

. b. Number, reactance, resistance, capacitance, and 
arrangement of all circuits over which power can be 
supplied to the point of short circuit. 

c. The kv-a. arrangement, resistance, reactance, and 
capacitance of all reactors and transformers, through 
which power can be supplied to thepointof shortcircuit. 

d. Contact resistance at the short circuit. 

e. The nature of the short circuit, whether single¬ 
phase or multiphase. 

f. The kv-a. and power factor of the load being 
carried at the time of short circuit. 

g. The point of the pressure wave at which the 
short circuit was established. 

h. The use of automatic voltage regulators. 

i. Conditions as to grounding of system neutral and 
grounding of short circuit. 

j. Elapsed time from first cycle of short circuit to 
interruption of are on breaker contacts. 

2. Factors affecting recovery voUage —Very little 
consideration, so far, has been given to these factors 
although they are fuUy as important as those affecting 
current. The most obvious are: 

a. Phase angle between interrupted current and 
recovery voltage. 

b. Conditions as to grounding of system neutral 
and groimding of short circuit. 

c. The kv-a. and power factor of the load existing 
at the time of short circuit. 

d. Arrangement and characteristics of circuits and 
apparatus. 

The effect of item (a) has been discussed in a pre¬ 
vious paper*. Under ordinary operating conditions 
item (c) should not vary sufficiently to affect radically 
the interrupting duty of the circuit breakers. The 
effect of Item (d) is to cause a high frequency transient 
voltage to be superimposed on the normal frequency 
recovery voltage, as a result of the discharge of stored 
energy in the system. Comparatively little data are 
available on the magnitudes of these transient voltages 
under varying system conditions—^in most cases, how¬ 
ever, it does not seem probable that they will increase 
the interrupting duties on breakMs beyond the factors 
of safety intended to be in the breaker ratings. 

Conditions as to grounding of system neutral and 
grounding of short circuit, item {b), however, have very 
marked effect on the recovery voltage and therefore 

2. Items (a) to (h) listed herein are taken from the paper 
“Rating and Selection of Oil Cirduit Breakers” by Hewlett, 
Mahoney, and Bnmham, A. I. E. E., 1918. 

3. “The Rating and Selection of Oil Circuit Breakers” by 
Hewlett, Mahoney, and Burnham, A I. E. E., 1918. 
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Transactions A. I. E. E. 


All Contacts One Contact Two Contacts All Contacts 
Closed Open Open Open 

I-A-a 1-A-c ■ 1-A-d 



0.0 0.87 1.0 0.68 

0.0 0.0 1.0 0.58 

0.0 0.0 0.0 0.68 


1a. Generator Neutral Grounded or Ungrounded 
Fault Ungrounded 



0.0 0.58 0.58 0.68 

0.0 0.0 0.68 0.58 
0.0 0.0 0.0 0.68 


1b. Generator Neutral Solidly Grounded 
Fault Solidly Grounded 



O.O 0.87to0,68 l.CfioO.68 0,58 

Q.0 0.0 l.Qto.0.58 0.68 

0.0 0.0 0.0 0.58 


Ic. Generator Neutral Resistance Grounded 
Fault Grounded 


Generator Neutral 


Contacts Open 



Thi-ee Phase Gen. 
with windings star 
connected 


Contacts Closed 


”1 Circuit Breaker 
I showing Scon- 


Point of Short Circuit 


Id. iiXPiiAN'Aa'ioN of Diagrams 1a to Ac 
Fig. 1—BBI.ATIV1I REcoyioBT Voltagbs foe Various Systj 
Conditions 

the numbers directly tmder the breaker contacts gl 
“^i’tessed In dedmals of normal system line voltS 
will mdst across the resilective. contacts under the conditions shoe 
usual wwatlng/condittons, these values may be assumed as t 
eeojvery voltages on Nhlch Interruptinjl rati 


parts of the drcntt In which shorbclrcnlt 
oy heayy Enos. 


cimrent flows are shown 


on the interrupting duties imposed on the breakers. 
The relative values of recovery voltage under the 
various possible grounding conditions are shown in 
Figs, la to Ic. 



Fig., 2—Cost vs. Interrupting Rating fob Oil Circuit 
Breakers. 25 Kv. and Below 


V—Relation op Rated Voltage and Interrupting 
Capacity to Cost op Oil Circuit Breakers 
For the study of problems in economics of system 
design a series of curves showing comparative costs 



Pig. 3-^ost vs. Interrupting Rating fob Oil Circuit 
Breakers, 2S-Kv, and Above 


of oil circuit breakers has been compiled. These 
curves, are based on present day prices and are believed 
to present a fairly accurate picture of the relation of 



Pig. 4r-CosT vs. Voltage Rating foe Oil Circuit Breakers 
Interrupting Ratings 7SO,000-Kv-a. to 1,500,000-Kv-a. 


costs to interrupting ratings as a whole, although in 
some individual cases the price of a given breaker may 
be considerably out of line. These curves are shown 
m Figs. 2,3, and 4. 
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On low-voltage breakers interrupting capacity is the 
chief factor in determining price, while voltage has less 
effect. Thus, a 15-kv. breaker of 300,000-kv-a. inter¬ 
rupting capacity costs approximately 16 per cent more 
than a 15-kv. breaker of 130,000-kv-a. capacity, 
while a 25-kv. breaker of 600,000-kv-a. capacity costs 
approximately only 9 per cent more than a 15-kv-a. 
breaker of the same capacity. (Fig. 2.) 

On high-voltage breakers, however, voltage is the 
chief factor in determining the price, while interrupting 
capacity has a lesser effect. Thus, a 37-kv. breaker of 
1,500,000-kv-a. capacity costs approximately only 
28 per cent more than a 37-kv. breaker of 750,000- 
kv. capacity, but a 73-kv. breaker of 750,000-kv-a. 
capacity costs approximately 60 per cent more than 
a 87-kv. breaker of the same capacity. (Fig. 2.) 

VI— Status op Interrupting Ratings 
Interrupting ratings of oil circuit breakers are 
admittedly maximum ratinp so that breakers cannot 
be expected to function properly even slightly beyond 
their ratings. It is understood, however, that these 
ratings are based on interrupting an ungrounded short- 
circuit, imder which condition the normal frequency 
recovery voltage is a maximum. (Fig. 1a.) 

Interrupting ratinp are based on a constantly in¬ 
creasing fund of knowledge resulting from tests in 
factory and field and' from operating experience. 
Special attention is called to the exhaustive factory 
tests made by one manufacturing company. Some 
of the interrupting duties under which breakers have 
been tested in the field are shown in Table 1. 

TABin I 

FIELD TESTS ON OIL OIBOUIT BREAKERS 
OP 

HIGH INTERRUPTING CAPACITY 


Normal 

Lino 

Voltage 

Limiting 

Kecovery 

Voltage 

Maximiun 
kv-'a.three 
phase In'* 
terruptod 

Amperes 

per 

Pole 

Grrounding Ohan 

icteristic 

System Neutral 

Short 

Circuit 


(See Note) 





132 kv. 

77 kv. 

726,000 

3160 

Dead Grounded 

Grounded 

110 kv. 

63 kv. 

642,000 

2850 

4( *, 

Grounded 

44 kv. 

44 kv. 

280,000 

3660 

it it 

Ungrounded 

44 kv. 

26 kv. 

246,000 

3220 

it ti 

Grounded 

24 kv. 

14 kv. 

680,000 

14,000 

it it 

Grounded 

23kv. 

23 kv. 

460,000 

11,400 

Grounded through 

Grounded 





Resistance 


13 kv. 

7.6 kv. 

645,000 

23,700 

Dead Grounded 

Grounded 


Note: Limiting recovery voltage, as used in above table, Is defined as 
the maximum or limiting normal frequency recovery voltage which can 
appear across the contacts of one switch pole after the arc Is interrupted, 
under the grounding conditions existing in the test. For explanation of 
method of obtaining these vidues see Figs. 1a to Id. 

On the actual tests the recovery voltage did not ip. any case reach the full 
limiting value as given above, even taking into account such higher fre^ 
quency harmonics as were developed. 

So far as the writer has been able to ascertain, no 
field tests have been made where more than 725,000-. 
kv-a. has been intarupted. Most of these field tests, 
as shown in the table, have been made on grounded 
short-circuits in systems with grounded neutral. 


In such cases the recovery voltage is approximately 
only 58 per cent of that on a system with neutral 
ungrounded or grounded through a high resistance. 
The interrupting duty under such tests was therefore 
only about 58 per cent of that which would have been 
imposed if the tests had been made on systems with 
high resistance instead of dead grounded neutral. In 
general, also, tests were made under conditions where 
the transient voltages resulting from the interruptions 
of the short circuit have been very small, but on the 
other hand, metallic short-circuits wa*e used which 
would give more severe conditions than probably 
exist ordinarily in service. 

Oil circuit breakers, with their designs based on the 
results of tests within the range of their interrupting 
rating, may be expected to perform satisfactorily up to 
these ratings, where they are installed under system 
conditions similar to those under which the field tests 
were made, particularly in regard to conditions as to 
grounding of system neutral and grounding of short 
circuits which the breaker must interrupt. 

For ratings beyond the range of tests, it must be 
clearly borne in mind that very little direct data have 
been obtained and that designs are based on data 
deduced from tests made on lower interrupting duties. 
It remains to be seen how accurate the conclusions thus 
drawn mil prove to be. 

In oil circuit breakers for high voltages, the tank size 
is determined by the voltage rather than by interrupting 
duty. It is quite possible that the interrupting capac¬ 
ity of high-voltage breakers may prove to be larger than 
expected for this reason. 

All published interrupting ratinp are now based on 
the standard operating duty approved last year by the 
Protective Devices Committee and printed in the 
A. I. E. E. JoufRNAL for October, 1924. 

Referring to the standard definition of interrupting 
rating on which the standard operating duty is based, 
it is probable that the term “Normal. Voltage” will 
require further definition in view of the wide differences 
in the recovery voltage which may prevail with the 
same normal system voltage. Meanwhile it is assumed 
as stated above that this term is interpreted to mean 
that the switch will be able to perform its full operating 
duty under the conditions which will give a recovery 
voltage up to the magnitude which r^ults when the 
short circuit is ungrounded. It is not clear, at the 
present time, whether this-is always the case. 

Further attention must also be given to the relative 
interrupting ratings of the same Circuit breaker under 
different opo’ating duties. 

The following relative ratings have been proposed 
by the Power Club: 

a. One-imit operating duty. 100 per cent to 126 per cent 

Rating varies between limits given with de¬ 
sign of breaker 

b. Two-unit operating duty, two-minute intervals 

($tandard dtUy) . 100 per cent 
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c. Pour-unit operating duty, two-minute 

intervals.. 70 per cent 

d. Pour-unit operating duty, one-half minute 

intervals. 60 per cent 

e. Pour-unit operating duty, no time intervals_ 25 per cent 

f. 300-unit operating duty, 15-minute intervals... 30 per cent 

g. Pour-unit operating duty, successive intervals 

of 0, 30, 75 seconds. 30 per cent 

h. Pour-unit operating duty, successive intervals 

of 15, 30, 75 seconds. 40 per cent 

i. Three-unit operating duty, one-minute 

intervals. 70 per cent 


It is recommended that operating duties (d), (e), 
(g), and (h) be confined to oil circuit breakers having 
interrupting ratings on standard operating duty not 
over 250,000 kv-a. and voltage ratings not over 
37 kv. 

Taking the above figures as a basis, it is probable that 
a breaker that will perform satisfactorily under operat¬ 
ing duty (a) or (b), one or two interruptions, will also 
perform satisfactorily on any of the other operating 
duties at the percentage rating given. On the other 
hand, it d^es not seem at all certain that a breaker which 
will satisfactorily interrupt the lower values of kv-a. 
on multiple interrupting duty will also be able to inter¬ 
rupt the higher kv-a. of the one or two interruption 
operating duties on the percentage relation shown in 
the table. 



Fig. 5—Comparative Costs op Imtebbuftino Ratings in 
Oil Circuit Breakers Operated at Voltages Below Normal 

In Fig. 5 are shown the relative costs of obtaining 
interrupting capacity when using breakers at voltages 
below their normal. rating. Thus, while a 37-kv. 
breaker of 1,150,000-kv-a. interrupting rating will cost 
$5000, a 73-kv-a. breaker, giving the same interrupting 
rating on 37-kv. operation, will cost $7300, an increase 
of 46 per cent. , The effect of this relation of ratings is 
to make very much more expensive the use of breakers 
of higher-voltage ratings than tiie normal operating 
voltage of the system in which they are connected, 
although such practise becomes vitally necessary on 
some systems. Certain operating data which have 
come to the attention of the writer lead him to believe 
that in many cases the permissible increase in inter¬ 
rupting ratings at reduced voltage operation is too 
conservative and it is earnestly suggested that the 


manufacturers give careful consideration to revision 
of their present standards in this respect. 

Tests are still urgently needed to prove performance 
at greater interrupting capacities and it is hoped that 
the operating companies will continue the practise of 
testing oil circuit breakers at progressively greater 
interrupting duties as the available short-circuit 
capacity on their systems increases. To assist in 
carrying out these tests and to provide for getting the 
greatest benefit from results obtained, a proposed 
uniform procedure for testing the interrupting rating 
of oil circuit breakers was approved by the Protective 
Devices Committee at its meeting last spring. This 
procedure now has the approval of the Electrical Ap¬ 
paratus Committee of the N. E. L. A. and is recom¬ 
mended as a basis of procedure for all future oil circuit 
breaker tests on power systems. 

VII— Application op Oil Circuit Breakers 

In considering the application of an oil circuit breaker 
to a specific situation, the maximum interrupting duty 
must be determined by calculation of maximum current 
to be interrupted and maximum recovery voltage. 
The interrupting rating of the breaker specified will 
depend upon the n^mum interrupting duty as thus 
determined and the particular operating duty which 
will be demanded of the breaker in service. At the 
present time conservative practise requires that calcu¬ 
lations be made on a basis that will give a maxi T n imn 
interrupting duty equal to or somewhat higher than 
that which can actually be imposed on the breaker. 

Calculation of short-circuit current is thoroughly 
xmderstood and can be made with almost any desired 
degree of accuracy.* Calculation of recovery voltage 
is not so well understood. The important factor to be 
taken account of in determining recovery voltage is the 
condition as to grounding of system neutral. (Refer 
to Figs. lA to Ic). Up to the present time most of the 
heavy-duty oil circuit breaker experience has been 
derived from systems with dead, or nearly dead, 
grounded neutrals, on which the interrupting duty for a 
given current is of the order of only 58 per cent of that 
on a system with ungrounded or high-resistance 
grounded neutral. Hence on systems of the later type, 
which are becoming more numerous all the time, it 
becomes of prime importance to give careful considera¬ 
tion to the more severe conditions. 

Up to the present time comparatively little atten¬ 
tion has been given to refinement in the application of 
oil circuit breakers. As the interrupting ratings of 
breakers become more accmate it should be possible 
to fit breakers more closely to their individual duties. 
Many factors imder operating conditions tend to make 
the current which must be interrupted on most faults 
of much less magnitude than the maximum curroit of a 

4. “Application of Decrement Factors in Short Circuit 
Studies” by W. R. Woodward, Electrical Journal, May 1924. 
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dead short circuit at the breaker terminals. Some of 
the more obvious of these factors are: 

Resistance in fault. 

Faults resulting in grounds or three-phase shorts, whereas duty- 
may be calculated on the more severe single-phase line to line 
short. 

Neglect of system resistance in calculating fault currents. 

In networks, the interruption of the fault in two or more steps.® 

When these factors are known and circuit breaker 
ratings are also accurately determined, it may be found 
that tlie maximum conditions assumed in the selection 
of the breaker at the present time occur so seldom that 
they may be treated as a special case. This special 
treatment might involve allowing the breaker to fimc- 
tion above its rating in these few instances, or by 
prescribing a less severe operating duty under especially 
heavy short circuits, or by installing breakers in group 
arrangement in such a manner that one breaker of 
sufficient interrupting capacity to meet maximum duty 
would be in series with a number of smaller breakers 
designed for average conditions and would only open 



Pio. 6— Increasb of Intbebupting Rating of an On. 
CiBCUiT Bbbakbr whbn Opbratbd at a Voltage Below 
ITS Normal Voltage Rating 

when the rating of the small breakers was exceeded by 
the short circuit. All of these methods are in use to 
a limited extent at the present time, but their effective¬ 
ness is uncertain, because of lack of exact knowledge as 
to conditions. Data on actual values of faidt cxurents 
as experienced in every day operation are much needed, 
and it is believed that if such data could be obtained 
and analyzed, material savings in overall drcuit-breaker 
investment might be effected without undue hazard to 
service. 

A number of companies have found it necessary to 
use breakers designed for normal voltage higher tha,n 
those of the systems on which they are to be used, in 
order to obtain adequate factors of safety against 
insulation failure. On the basis of ratings now stand¬ 
ard, this factor of safety is obtained only at marked 
increase in cost. (Fig. 6.) 

. The standard definition of operating duty of a circuit 
breaks contemplates very clearly that after the rated 
in-terrupting duty of the breaker is performed, the 
breaker is no longer good for its rating tmtil suitable 
maintenance has been performed. The reasonableness 
of this condition is found in the explanatibn in Section I 
above of what happens within the breakers when a 

5. See disoussioiis or papors or B^tiiRoro tests, espeoiially 
that by A. P. Bang, A. 1. E. B., 1922. 


current is interrupted. It is of the utmost importance 
that this limitation be recognized. ■ An adequate system 
of inspection and maintenance must be set up if 
satisfactory service is to be obtained. In this con¬ 
nection it is obvious that the cost of maintenance will 
be less where the rated interrupting capacity of the 
breaker is in excess of the maximum duty it is called 
upon to perform. In circuit-breaker installations, 
therefore, some consideration should be given to 
striking a balance between first cost and maintenance 
cost. Due consideration of both of these factors will 
sometimes call for a larger breaker than would otherwise 
be specified. 

Discussion 

W. S. Edsalh We feel that there is not a great deal in this 
paper that can be discussed by the manufacturers, because it is 
a paper primarily presenting the operators’ viewpoint. 

This showing of the various conditions of the gi’ounding of 
the system and generator is going to help the general situation. 
The effect of grounding upon recovery voltage and the effect of 
recovery voltage upon the duty of an oil circuit breaker have not 
been given the attention the subject merits by either the manu¬ 
facturer or the operator. The manufacturer has known that 
very severe duties are imposed upon the breaker under high 
recovery-voltage conditions. The operators in many cases have 
not known that the systems contained certain combinations of 
reactance and capacitance which would, under certain conditions, 
give high recovery voltages. 

We feel it important that the recommendation of the Protect¬ 
ive Devices Committee regarding definitions for normal voltage, 
recovery voltage, normal current, etc., should be followed out. 
The publication of such definitions will tend to call attention to 
the conditions that exist, and will lead to more accurate applica¬ 
tion of breakers to the system. 

Some European engineeidng associations have already made 
definitions that would distinguish between normal voltage and 
recovery voltage. 

O. K* Marti} Mr. Stone brings out in his paper that it would 
be highly essential, in the future designs of breakers, to have more 
data regarding four distinguished designs (see his paper under 
III) since the opinion is greatly divided as to their value. I shall 
refer below to two designs which European engineers, at present, 
believe to be the right steps in the right direction, namely, to 
the application of multiple contacts in series and to the intro¬ 
duction of a resistance into the breaker circuit. 

Very little information has been actually published regarding 
the operation of breakers embodying the above designs. To 
my knowledge, there are only two references on the foregoing 
information, the first in a report to the Swiss Commission by 
Dr. B. Bauer^, and the second in an article by Mr. Q-. Bruehlmann® 
in the Brown Boveri Renew, Both articles are based upon 
elaborate tests which led to facts not suspected at the time of 
starting the investigations. 

In Pig. 1 herewith is shown an arrangement whereby a pro¬ 
tective resistance may be introduced by means of multiple 
contacts in series, and its effect realized from Pig. 2. An a-c. 
arc is extinguished at. the moment the current passes through 
zero if the recovery voltage does not increase high enough so that 
an arc can be struck anew. Thus it may be noted from the 
oscillograms taken at Section I of Pig. 1 and shown in Pig. 2 that 
the increase of the voltage immediately after the arc in Section I 
extinguished, in case of introducing a protective resistance (see 
curve denoted by 4) was much more favorable than when no 

1. Bulletin, Ass. Suisse des Blectriciens, 1915. 

2. Brown Boveri Review, March, 1923, page 43. 
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resistance was introduced (see dotted curve denoted by 7). The 
advantage of the new design lies in the slow increase of the voltage 
due to the fact that it retards its recovery speed and thus gives 
the produced are gases time to cool. Furthermore, there may be 
noted the very favorable influence of the recovery voltage im¬ 
mediately before the arc extinguishes, having then the value of. 
the ignition voltage. Tests with breakers having various sizes 
of protective resistances, in addition to many unexpected facts, 
gave the following results: 


Protective Resistance for Breaker 









T I T 


"L 


Sect! on I Section II 

Fig. 1—Diagram of Connection op a Breaker with Pro¬ 
tective Resistance 


The best interrupting conditions in any breaker circuit are 
obtained when a protective resistance eight or ten times the 
short-circuit impedance is introduced during the short circuit. 

The duration of the arc decreased considerably, while the 
breaker duty, volume of arc gases, and the pressure of the oil 
decreased accordingly. It was actually found in several 
tests that the released energy in the arc was less than l/lOth. 

Other tests which were conducted hy the Swiss Federal Rail¬ 
roads on single-pole breakers rated 15,000 volts, 350 amperes, 
revealed the fact that, in a single tank of less than 5.5 eu. ft. 



Fig. 2—^Voltage and Current when a Circuit Breaker 
Having Protective Resistance is Tripper by a Short- 
Circuit AS Shown in Section 1 

1. Arc Recovery Voltage 

2. Arc Current 

3. Arc Extinction, Section 1 

4. Voltage Across Electrodes and Resistance 

5. Zero XAne for Current in Arc 

6. Current in Resistance 

7. Voltage Curve Without Resistance 

volume over 100,000 kv-a. interrupting capacity could easily be 
handled hy introducing in the breaker circuit a protective 
resistance with multiple-break arrangement. The protective 
resistance in the above breaker is an integral of the breaker and 
is inserted in the tank. The result of this test was the adoption 
of such breakers as standard designs by two state railways in 
Europe. 

The addition of a resistance to a breaker or to the system 
of a power station should not be considered as a step in the 
wrong direction in breaker design, since similar steps are being 
made at the present time along this line in protecting electric 
equipment, as, for instance, by the addition of reactors, a limita¬ 
tion of the short-cireuit current is obtained. 


A schematic arrangement of a multiple-contact breaker is 
shown in Fig. 3. The purpose of this design is mainly for the re¬ 
duction of the produced are gases and the deposit of carbon, the 
latter causing loss of insulating strength of the oil during inter¬ 
ruption. By dividing up the arcing distance, less energy is released, 
and since the gas is produced at several places throughout the 
oil volume, the latter is therefore much more quickly cooled. 
Moreover the arc can be much more easily controlled, and, there¬ 
fore, several dielectric problems overcome without a complicated 
design. Realizing that 100,000 volts require an arcing distance 
of over 70 in., the foregoing fact would he greatly appreciated in 
the design of high-voltage breakers. 

It might also be of interest to know that there have been 
investigations by a European company concerning a new contact 
device using two series coils so arranged as to form a compact 
piece of apparatus, which produces a powerful action with a 
minimum of space. The field produced by these coils closes the 
breaker against the forces which are especially severe at a short 
circuit just as easily as at normal load. The forces tending to 
part the contacts are due to the electrodynamic kction and the 
gases produced between the contacts resulting from the current 
and the are. The magnitude of such forces and their influence 



Fig. 3—^Arrangement of Breaks and Path of Current in 
Case of Ten-Series Breaks 

upon the operation of the breaker and its control mechanism may 
be better realized after considering the follqwing figures; by 
breaking a current of about 25,000 amperes and assuming that 
its maximum value including the asymmetrical component is 
about 50,000 amperes, the foregoing forces would be approxi¬ 
mately 400 lb. which have to be given due consideration in the 
design of breakers. 

The factors determining the duty of a breaker are tabulated 
under Table IV of Mr, Stone’s paper. It follows that the duty 
depends upon a great number of factors which require a very 
tedious and rather drawn-out procedure when given due con¬ 
sideration by selecting a breaker. It may be of interest, there¬ 
fore, to know that a table for ratings of circuit breakers has been 
published by the Swiss Commission of Oil Circuit Breakers® 
which may be considered as a first step to simplify the foregoing 
mentioned procedure. This table is shown as Table I herewith 
and has already been adopted in various parts of Europe. 

A. H. Kehoe: Many of the large capacity circuit breakers 
require extrapolation of published test data to establish their 
rating. This applies particularly to the restoring voltage after 
final rupture takes place. Future tests of circuit breakers 
should be with restoring voltage at least equal to the system 
voltage on which the circuit breaker is to be used, and for some 
situations double normal voltage should be used on the test 
circuit in order tq obtain correct performance data of the breaker. 

In several places the paper.mentions contact resistance at the 
short-circuit as being one factor to be considered in selecting 

3. .Bulletin No. 2 Ass. Suisse des Electriciens, 1926. 
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the mze of breaker required. While it may be possible to ar¬ 
range a circuit so that faults will be in the form of ares, yet 
short-length arcs have voltage drops in the order of 100 to 200 
volts for currents from 1000 to 15,000 amperes so that on high- 
voltage^ systems contact resistance is negligible. This fact is of 
importance in considering the destructive forces at a fault, 
particularly on high-voltage cable systems. Instead of in- 



Po/ ff/7 //V res s 0rea/:^n 



Cvr/‘e/t/ /r /erreJ/tJeeZ 
iqyc/a r£S^)P/Y£^S^ore 
Came C/?. 

Ekj. 4—Higii-Spbkd, Oil Circuit Breaker Test, All Possible 

Load 


most effective principle for a particular range of circuit breaker 
sizes and capacity is limited in its use to such sizes. 

It is generally known that the magnetic blowout effect of the 
current passing through the loop formed by the contacts and 



cre^asing with the voltage, the destructive effect is quite the 
reverse, as high-voltage lines gen (Tally have a considerably lower 
valium of short-cii*cuit curnmt tlian do the circuits now commonly 
uh(t1. 

J. B. MacNellls On the second page of his paper Mr. Stone 
givt‘s certain featun^s of design which affect rupturing capacity, 
and states that tluTc^ exist diffonuicns of opinion regarding the 


Eig. 5— Oscillogram of Oil Circuit Breaker Test Open¬ 
ing Approximately 25,000 R. M. S. Amperes at 13,200 Volts, 
25 Cycles 

terminals of an ordinary moderate-voltage breaker has a tre¬ 
mendous effect ill accelerating the arc formed between the 
contacts. The length of the arc thus formed may be pretty 
much independent of the mechanical speed of the breaker ah 


TABLE 1 

DUTY IMPOBKD ON ONE BREATCER POLE ON TWO-AND SINGLE-PHASE SHORT CIRCUITS COMPARED WITH DUTY ON 

THREE-PHASE SHORTS 



Nature of 

Short Circuit 

S^ort Circuit via 
transmission lines 
and transformers 

Short C 
at generator 
(without appreciable 

Circuit 
terminals 
line impedance) 

Initial Short equals 
sustained Short 

Initial Short 

Sustained Short 

Ourrcjiit IntJtjrruptitid. 

Tliro(5-i)hase 

Two-phase 

Single-phase 

100% 

— X 100 = 87% 

2 

100% 

100% 

abt. 100% 

abt. 115% 

100% 

abt. 115-150% 

abt. 150-200% 

Volfcagtj. 

Tlireo-phaso 

Two-phaso 

Single-phase 

100% 

1 

X 100 = 58% 

V 3 

100 

— « 67% 

100% 

1 

-=r X 100 = 58% 

V 3 

100 

Ti = 

100% 

abt. 65- 85% 

abt. 85-115% 

Intornipting capacity. 

Three-phase 

Two-phase 

Single-phase 

100% 

50% 

100 

100% 

1 

X 100 « 58% 

V 3 

115 

c.a.'Y^ 

100% 

abt. 75-125% 

abt. 125-230 % 


The table is based on the assumption that the impedance of the generators in each phase is smaller by about 15% on two-phase and single-phase 
shorts when compared with three-phase shorts, duo to the magnetic interlinkage of the phases. 

In the last column the first figure refers to low-speed generators, the second figure to turbo generators. 


merits of some of these features. The general use of certain of 
these features over a large range of voltage classes and interrupt¬ 
ing capacities necessarily results in the application in places 
where a given principle may not be used to its full advantage as 
well as in places where the principle may be particularly useful. 
For instance, the magnetic blowout effect referred to by Mr. 
Stone is of negligible importance on high-voltage breakers where 
the current to be interrupted is only a few thousand amperes. 
On the other hand the use of high-speed breaks on low-voltage 
breakers where the interrupting current is large, would be 
entirely superfluous. The best results are obtained when the 


though sluggish breaker action is not to be advocated. As an 
illustration of what can be accomplished with magnetic blowout 
effects. Fig. 4 herewith shows an oscillogram of a special circuit 
breaker opening a current of 18,000 r. m. s. amperes on a single¬ 
phase grounded circuit at 11,000 volts. The total time of 
operation of the circuit breaker including the tripping time, 
movement of the contacts, and' blowing out of the arc, is only 
one-half cycle on 25 cycles. Fig. 5 shows an oscillogram^ of a 
standard circuit breaker of the dead-tank variety opening a 
current of approximately 20,000 amperes and in which the total 
period of arcing is approximately one-half cycle on 25 cycles. 
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inasmucu as the time of arcing cannot be reduced below one- 
half C 3 ’’cle provided the arc starts at the beginning of the voltage 
wave, it can readily be seen that the addition of high-speed 
breaks or other features of design in an attempt to reduce arcing 
further would simply be adding complication to the breaker 
structure. 



Fig. 6—Duration of Arcing as Obtainjbd from Average 
OP More than 200 Oil Circuit Breaker Test Oscillograms 

The increased efficiency of the magnetic blowout with in¬ 
creasing currents is shown in Fig. 6 in which ordinates are 
r. m. s. currents and abscissas are cycles of arcing on a 13,200- 
volt, 25-cycle circuit. It is evident that the curve becomes 
asymptotic at one-half cycle. This curve represents the data 
from a large number of tests on several sizes of breakers and 



Pig. / Oscillogram op Oil Circuit Breaker Test, Opening 
Approximately 3000 Amperes at 44 Z\., 60 Cycles 



gj eyc/^a 


Pig. 8—Circuit Breaker Test 


illustrates the dependability an. 
gularity of operation under these conditions of breakers nmn i 
tins principle. * 

On the other hand, for high-voltage breakers in whioh th 

small, some deviee must b. 
building up between the contacts of < 
S eh may result in an unnecessary long perioc 


of arcing. For this purpose high-speed breaks are particularly 
useful. Anyone who has had the experience of opening {in 
ordinary knife switch will realize the difference that liigh-spofHl 
contacts make on arc duration and the amount of burning on t.he 
contact parts. Pig. 7 shows the operation of an ordinary speed 
breaker at 44,000 volts on opening approximately 3000 amperes 
at 60 cycles. The arc extends over several cycles which, of coursts, 
represents a certain amount of burning of contact parts and oil 
and the generation of gas pressure in the breaker structure. In 
Pig. 8 is shown an oscillogram of a breaker with high-si>c 3 ed 
contacts opening approximately 4500 amperes at 44,000 volts, 
60 cycles and, therefore, the amount of arcing can be eoin])ared 
directly to that in Pig. 7. The total duration of arcing with tin* 
high-speed contact is 2J^ cycles on a 60-cycle circuit and con¬ 
sequently the amount of burning on the breaker contacts, tlm 
pressure generated in the tank, and the amount of oil burned up 
are reduced to a minimum. 

Pig. 9 shows curves of the relative speed of i.Jio arcing ineiribers 
of a breaker with ordinary breaks and of the sann^ breaker 



Pig. 9 ^Relative Speeds of Plain and High-Speed Contacts 

equipped with high-speed contacts. These data Avere taken with 
oscillographs but represent mechanical action of the parts only. 
The time, for a given break with high-speed contacts is approxi¬ 
mately one-third that required for the same displacement with 
ordinary break and this ratio holds closely over a largo range of 
voltege classes. Iteference to Pigs. 7 and 8 indicates that the 
ratio of arcing period for the two constructions favors the high 
speed contacts mpre than does the comparison of me*chanioal 
speeds. 

M. I. Pupins In listening to the discussion on circuit 
beakers, I observed that there was one fundamental principle 
which I think is never taken account of in the design of circuit 
breakers. We always take note of the principle of conservation 
of energy. The energy,—that is, the electrical energy,—must be 
transformed into some other form of energy. That, of course, is 
correct. But when you do that, you go only half-way. There 
IS another principle in the science of electricity which must be 
taken into account, and that is the principle of conservation of 
momentum. You must provide something which will take up 
innmomentum accompanying, say, 50,000 or 
100,000 amperes, and this so far as I can see, is not so easy to do. 

^old Roth» Perhaps I may take up the question of the 
VO age. As I am acquainted with the work of the European 
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committee mentioned in Mr. Stone’s report, I might tell you 
how we came to the conclusion to introduce the “recovery 
voltage” in the duty cycle and in the duty imposed on a circuit 
breaker. 

For the time lag of our relays, we use one second and two 
seconds, and there are generating stations using four and five 
seconds. As generally known, there is a very big difference for 
generating stations between the value of the initial rush of short- 
circuit current and the sustained value. This difference is due 
to the decreasing of the field. But there is a second effect of this 
weakening of the field, that is, the decreasing of the induced 
voltage. It takes place in quite the same relation as the decrease 
of cufrent and I wonder that more attention has not been given 
to this fact. As a consequence of this effect, if you have a ratio 
of 4 to 1 between momentary and sustained short circuit, you 
might have almost the same relation between the induced voltage 
at the beginning and at the end of the short circuit. The 
induced voltage during short circuit is identical with the re¬ 
covery voltage after rupturing the circuit. That is to say, in a 
15-kv. network, you would have at the end of a short circuit a. 
voltage of only 3700. You have a relation between the sustained 
and the momentary short-circuit kv-a. imposed on your breaker, 
not of 1 to 4, as we used to calculate, but of 1 to. 16. That is to 
say, if you out the short circuit in four, or to 0.1 see. for this 
special case, yoxi would have a difference from 1 to 16 that might 
be in one case 500,000 kv-a. for momentary tripping and in the 
other 30,000 kv-a. with time delay. You see a big difference, 
and it is absolutely necessary to introduce this relation in order 
to have a clear comparison between different tests and different 
kinds of breakers. 

I would not uphold our European practise to delay tripping 
as long as we do. I think we shall have to build breakers 
able to break the initial short circuit. But even for “momen¬ 
tary” breaking, if you analyze the short-circuit tests made, you 
will find it very difficult to have the whole voltage of your 
station as recovery voltage in the moment you are breaking your 
shor t circuit. That is to say, take a 100,000-volt network, and you 
will always find that if, in the moment of the establishment of the 
short circuit, the voltage has been 100,000 volts, you will have 
to break only about 85,000 volts if you don’t employ special 
apparatus to trip the breaker before the short circuit occurs, as 
is the practise in artificial tests. 

One of the reasons of European operating companies for 
introducing long relay setting might be of some interest. These 
companies installed breakers for the calculated short-circuit 
capacity when they built the generating stations; afterwards 
the short-circuit capacity grew and the breakers were no longer 
sufficient to break the short circuits. Then the operators gave 
a very long time-setting to the relays in order to reduce the 
duty. They had really had some reserve for their breakers in the 
time setting of the relays. 

I shall not say that it is good practise, but it is a practise with 
which we have to calculate in Europe, and to make possible 
the calculation, we recently introduced the definition of the 
recovery voltage into our regulation. I would not dare to say 
that this, manner of calculation has become general practise, 
but we hope it may. 

I should like to ask you some questions. I have had op¬ 
portunity to see many of the leading engineers of this country 
and have been astonished to find how different are their opinions' 
on the actual situation of the short-circuit-breaker question. I 
have been in companies where they told me it was quite all right 
and that they had no difficulties at all. Then there were other 
networks where it was quite the opposite. Now if you calculate 
in a general way the short-circuit capacity of the different 
networks and see the general conditions you would think they 
are the same. Of course, there must be some reason for this 
different behaviour. I think it would be a very interesting 
subject to investigate. 


Another question is that of secondary explosions. I have 
heard many times that one of the most important reasons for the 
blowing up of breakers is the secondary explosion. We used to 
make some tests on secondary explosions by exploding gas 
mixtures, and we found that it takes a relatively big spark to 
cause an explosion. If we only had on insulators those small 
sparks which we have as “static” or something like that, it 
would be quite impossible to ignite the gas. * I understand that 
after a breaker has operated, there is a mixture of explosive gas 
in the tank of this breaker, but I can’t understand how you get 
the ignition. I should be very much interested if it could be 
explained. 

Perhaps it would be interesting to do some work on the 
voltage drop in the arcs of short circuits. We made a test with 
two parallel iron tubes as electrodes and a copper wire acting as 
fuse with some 90,000-kv-a., short-circuit capacity behind 
8000 volts induced voltage. We found about the same values of 
drop in the arc you had here of 2 to 3 per cent, but this was true 
only for the first ten or twenty cycles, and afterwards the length 
of the arc grew and the voltage drop became quite considerable 
compared to the induced voltage of the circuit, so an influence 
of the arc resistance on the value of the short-circuit current and 
consequently on the duty imposed on the breaker is possible if the 
tripping of the breaker occurs in the moment the are has a great 
length. The influence was so great that in some cases the are was 
extinguished without operation of the breaker. It took the form 
of a horseshoe growing bigger and bigger, up to a diameter of 15 to 
20 ft. and then extinguishing. 

O. R. Schuri^ (by letter): The following discussion refers 
particularly to the subject of secondary gas explosions. Ac¬ 
cording to Dr. Roth’s discussion, data obtained in Europe 
appear to show that secondary explosions are less likely to occur 
than American experience has indicated. It is, therefore, the 
object of this discussion to present some data obtained in this 
country on the subject of secondary gas explosions. 

Secondary explosions in oil-circuit breakers take place when 
properly proportioned mixtures of air and gases of decomposition 
from the oil are ignited. Hence the necessary requirements for 
secondary explosions are: 

1. A combustible gas (or vapor), 

2. The presence of oxygen (as, for instance, in air), 

3. The proportions of gas and air must be within the explo¬ 
sions limits, and 

4. A source of high temperature, such as a flame, an arc, 

or high-temperature gases. 

Tests have shown that the conditions for secondary explosions 
are likely to be met in oil-circuit breakers unless preventives are 
applied. 

It is well known that the pas^s evolved during circuit 
interruption in oil are combustible and capable of explosion 
when suitably mixed with air. The analysis of the gases dis¬ 
charged by an arc between brass electrodes under oil (a commonly 
used mineral switch oil) showed a hydrogen content of the order 
of 60 per cent by volume at room temperature. Other explosive 
gases such as methane and ethylene are also present. 

An investigation conducted at Schenectady in 1920 and 1921 
to determine the proportions of gas and air required for ea;- 
phsive mixtures showed that mixtures containing 5 per cent gas 
or more up to 50 per cent are explosive, while mixtures not 
within this range of proportions are not explosive.^ 

The maximum pressures of explosion were eight times as high 
as the initial pressures, all pressures being measured in absolute 

4. For the present purpose, the term explosive is defined as capable of 
rapid combustion In a manner creating a material pressure rise. The 
Tnfl.iriTnnnfi velocity of flame propagation was found to be of the order of 
30 ft. per sec. as indicated by the experimentally observed time Interval 
between the beginning of the ignition arc and the occurrence of the maxi¬ 
mum pressure. 
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units, in tests made with initial pressures ranging from atmos¬ 
pheric to 40 lb. per sq. in. absolute (i. c., from 0 to 25 lb. per sq. 
in. gage). In other words, the maximum pressures of explosion 
for mixtures of circuit-breaker gases and air are, roughly, 100 
lb. per sq. in. gage for a mixture initially at atmospheric pressure, 
and 300 lb. per sq. in. gage for a mixture initially at 25 lb. per sq. 
in, gage pressure. Mixtures containing, roughly, 20 per cent 
oil-circuit-breaker gases and 80 per cent air (by volume) gave 
the highest pressures above indicated. 

In regard to the ignition of the gases, investigations have shown 
that high-pressure secondary explosions are brought about not 
only by an igniting arc, (either the main circuit breaker arc or 
some other arc reaching the explosive gas mixture), but also 
by hot gases rising out of the oil and mixing with the air in the 
air space, i. e., in the absence of an igniting arc. Thus secondary 
gas explosions are within common possibility unless suitable 
preventives are applied (to effect cooling of the rising gases, 
proper confinement of the arc, or elimination of sparks or arcs in 
the air space). 

In addition to special investigations on this subject, the oc¬ 
currence of secondary gas explosions from each of the causes 
stated above has been observed on numerous occasions during 
oil circuit breaker tests when the breakers were over-loaded 
beyond their rupturing capacity or when means for preventing 
secondary explosions were omitted. 

E- C. Stones I shall retet the qxiestion of secondary explo¬ 
sion to the circuit breaker designers. 

With reference to the circuit breaker situation in transmission 
net works, present operating conditions probably depend on 
whether the circuit breakers at the present time are subjected to 
less or more than the duties which they can stand. In some 
oases over-capacity breakers may have been originally in¬ 
stalled, or the growth may have been slow, while in other 
oases the breakers, when installed, may have had little factor 
of safety and systems may have grown very materially 
since. 

I was very much interested in Doctor Roth’s statement as 
to how the consideration of reeoveiy voltage came about in 
Europe. In this country, two seconds is about the highest relay 
setting used. This limit has probably been set by the possible 
physical damage to equipment and disturbances to motor 
service. It seems to me that if we allowed five seconds duration 
of short circuit on our systems as they are operated in this 
country, we would get into all kinds of trouble, both with our 
executives and with our customers. 

The recovery-voltage proposition came to my attention 
through a comparisdn of tests made on circuit breakers of the 
order of 500,000 kv-a. interrupting capacity on systems with 


dead-grounded neutral with those tested on systems where the 
neutral was grounded through fairly high resistance. A study 
of the oscillograms from the two systems brought out very 
clearly the difference in the recovery voltage under the two 
different conditions as to neutral grounding. 

It seems to me very important, at the present time, that we 
should give very serious consideration to “recovery voltage.” 
The fact that along the “decrement” curve the recovery voltage 
decreases as well as the current is another reason why recovery 
voltage should be given more serious consideration. 

In this discussion the question of rebuilding existing systems 
has come up. In such a matter economics plays a very important 
part. We cannot afford to spend a very large amount of money 
for a benefit from which dividends will not be derived for a good 
many years in the future. On the contrary, we must see an 
almost immediate dividend on all money that is to be spent. The 
“fixed charges” saved in a step-by-step development will often be 
many times more than the increased cost of such step 
development. 

There was an expression of difference of opinion between 
Mr. Kehoe and Doctor Roth with reference to the voltage at the 
arc in a fault. I am inclined to think that both were right. Mr. 
Kehoe referred particularly to underground systems whore the 
arc is confined within close limits, while Doctor Roth rofon*ed to 
overliead systems where there is ample opportunity, particularly 
with a slight wind, for the are to spread. Our experience on the 
system with which I am connected indicates quite clearly that 
the duty on oil circuit breakers on overhead systems is less than 
the duty on underground systems, where the thoorotical maxi¬ 
mum short-circuit current is the same in both cases. Perhaps the 
behavior of the arc as the breaker opens is one of the factors. 
Short circuits may occur on pole lines, as well as in cables, by 
failure of two insulators simultaneously, but in this cjise, if a 
wooden crossarm is used, there is considerable resistance in the 
short circuit. 

One of our men recently reported a failure from lightning 
on a 66,000-volt line which was rather interesting. He saw lihe 
flash start at the insulator on a tower, spread to an arc between 
wires, which were about 7 ft. apart, and travel down the span for 
probably 15 ft. or more, after which the arc broke. It was, 
however, immediately reestablished at the insulator and the same 
action occurred again. This was repeated several times until the 
opening of circuit breakers cleared the lino. If the circuit breaker 
had opened at the moment the are was broken its duty would 
have been, of course, light. This illustrates the possibilities that 
are to bo found on overhead systems where an unstable arc is 
involved. 



The Quadrant Electrometer 

BY W. B. KOUWENHOVEN* 


Member, 

Synopsis^ 7^/w ytuulvtiui clcclfovieleT /lus long been recognized 
as a valuable instrument for measuring potoer in a-c. circuits, 
especially at low values of the power factor^ Nevertheless, it has 
been used hut little. This has been caused to some extent by the 
fact that M axweH s treatment docs not hold for all electrometers, and by 
the dijpxtdty of determining its constant with alternating current. 

In this paper, the author has discussed the theory of the instru- 
tiierU from the viewpoint of power measurements and has reduced its 


.. 1. B. E. 

general equation to a simple form. He has shown how its constants 
may be determined with continuous current, and that these constants 
also apply in a-c. power measurement. He has checked the theoretical 
calculations by experiments. Data of the determination of the 
constarUs of a given instrument with continuous current are given in 
the paper, as well as examples of the use of the instrument in the 
measurement of power in a number of alternating circuits having 
differerU characteristics. 


T he quadrant electrometer has had long recognition 
as an instrument possessing excellent character¬ 
istics for the purpose of measurement. Never¬ 
theless, it has been used but little. To a great extent, 
this has been due to the fact that its theory is not 
available in any one place, but one must search in 
foreign publications* to find it. With this instrument, 
it is possible to measure small alternating voltages and 
currents; also small amounts of power at very low 
values of power factor. 

I. Theoretical 

The instrument depends upon electrostatic repulsions 
and attractions for its torque. It consists of a needle. 



Fia. 1 —Quadrant Electbombtbr 

or disk, cut in the shape of a figure eight and suspended 
by means of a conducting fiber in a cylindrical metal 
box, cut into four equal quadrants. The needle and 
the quadrants are all mounted inside of a metal case, 
which protects them from external fields. 

The case is fitted with a window through which the 
motion of the needle may be observed. The needle 
and the quadrants are insulated from each other and 
the case, and the latter is provided with leveling screws. 

^Associate Professor of Eleolrical Engineering, The Johns 
Hopkins University. 

1. For list of references see. end of paper. 

Presented at the Annual Convention of the A. I. B. E., 
Saratoga Springs, June 38-36, 193B. 


The theory of this instrument was developed by 
MaxwelP as follows: 

Let N = Needle potential 

Let Pi = Potential of quadrant pair No. 1 

Let Pa = Potential of quadrant pair No. 2 

Let Qo = Charge on needle 

Let Qi = Charge on quadrant pair No. 1 

Let Qi = Charge on quadrant pair No. 2 

Let Qe = Charge on case 

The case is grounded in practise and its potential is 
therefore zero. 

The charges will be 

Qo = Koo N + £^01 Pi + Koi Ps. 

Qi = Kio N + Kii Pi -f- Kii Pi 
Qa = Kio N + Kii Pi -|- Kii Pi 
Qe = Ke» N + Kel Pi + Kei Pi 

Here, Koo, Koi, Ka, etc., are coefficients of induction 
of the conductors for electrostatic charges. 

Since the needle and the quadrant pairs are com¬ 
pletely enclosed by the case, the algebraic svun of the 
charges must equal zero and therefore, 

Qo + Qx + Qo + Qe “ 0 ( 2 ) 

Prom equations (1) and (2), it follows that • 
{Koe-^Kic+Kio-hKoo) N + {Kci-jrKii-\rKii+Kei) Pi 

+ (-^02 + 1^12 + Kii H" Kei) Pa = 0 
and, since this relation must hold for all values of the 
potentials N, Pi and Pa, we have: 

Kqo -|- Kio + Kio + Keo = 0 (3) 

l^^oi + 1^11 + Kii + Kel = 0 (4) 

Koi + Kii + Kii + Kei = 0 ( 5 ) 

Now, assume that the needle is connected to quad¬ 
rant pair No. 1, and at the same time grounded on the 
case; and that a positive potential Pa is placed on 
quadrant pair No. 2. Then the needle will swing from 
quadrant pair No. 1 into quadrant pair No. 2. As the 
needle moves, some of the coefficients of electrostatic 
induction will change while others will remain constant. 

If we let K' designate the new values of these coeffi¬ 
cients we will have, for example, instead of (4), 

Koi'+ Kii'+ Kii'Kel'0 (6) 

Now, jK^ai = Kii and Kei = Kei because there is no 
change in the relative positions between the two quad¬ 
rant pairs or between the case and quadrants No. 1. 
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Therefore 

Ifoi' + Kn' = Koi + Kn 

AS the needle swings from quadrant pair No. 1 into 
quadrant pair No. 2, Koi must decrease, and Maxwell 
assumed that 

K,i’=Kn-Xd (7) 

where Z is a constant and $ the angle through which 
the needle swings. 

It follows from (7) that: 

Zxi' = Zxi + Z d (8) 

In like manner, Maxwell showed that 
Z 02 ' = Zo2 + Z 0 
=Kn-xe 

and 

= if. 2 ' 

Zoo = Zoo' 

It is evident that the increase in the value of one 
coefficient of electrostatic induction, as the needle 
swings, must be balanced by an equal decrea sein the 
corresponding coefficient if equations (3), (4) and (5) 
are to hold. 

The energy that the ssrstem possesses after the 
deflection, 9, is given by the relation: 

= ^ Zoo' N ,^+}4 Zu' K,,' P2HZ01' N Pi 

+Zo2'NPs+Zio'PiPo (9) 

The change in energy produced by the deflection 
is given by the first differential of (9) with respect to 
the deflection, and keeping in mind the values of the 
coefficients of electrostatic induction we find: 

dW' 

■jj= MZPi*- ^ZP^^-ZNPi + ZNP, (10) 

The change in energy caused by the deflection is equal 
to the work done in twisting the suspension. If one 
assumes that k is the constant of the suspension per unit 
angle of deflection, one has, 

/ Pi "f" Pj \ 

A 0 = Z (P, - P 2 ) (n -- ^ -) 

This is usually written 

P0 = (Pi-P2)(n- - ) (11) 

This is Maxwell’s equation for the quadrant electro¬ 
meter and according to him, P is a constant. 

The deflection of the electrometer depends upon the 
forces of attraction and repulsion between the charges 
on the needle and qxxadrants and the counter torque 
produced by twisting the suspension. Orlich and 
Schultz’ showed that the D in Maxwell’s equation is 
not a constant except for very small deflections and for 
some special electrometers. In most electrometers, 
D varies with the needle potential and the potential 
difference between the quadrants, and when the 


electrometer is used as a deflection instrument, this 
variation must be taken into account. 

There are at least two reasons for the variation in D. 
The first is that the directing force changes as the needle 
deflects and, under these circumstances, 

Zoi' 5^ Zoi - Z 0 

but the function is more complicated and is better 
expressed by 

Zoi' = Zoi dh 2: 0 ± 0 ’ 

The same is true of the electrostatic coefficients of 
induction, Z02', Kn', Z22' and Zoo'. That the coeffi¬ 
cient for the needle. Zoo, should vary as the needle 
deflects is to be expected when you consider that it is 
practically impossible to get the needle exactly central. 

The second reason for the variation in D is caused by 
the fact that the quadrant electrometer is very sensitive 
to small differences of potential when used in quadrant 
or power connection. Contact differences of potential 
exist between the needle, the case and the quadrants. 
If we let 

Po = contact potential difference between needle and 
case 

Pi = contact potential difference between quadrant 
No. 1 and case 

Pi = contact potential difference between quadrant 
No. 2 and case 

Then 

N = V^o + i>o 
Pi = Vi + Pi 
Pa = Vs + Pi 

where Vu,Vi and Vi equal the outside potentials ap¬ 
plied to the needle, quadrant pair No. 1 and quadrant 
pair No. 2, respectively. 

We shall rewrite the equation (9) for the energy in 
the system and substitute the new values of N, Pi 
and Pi, at the same time substituting 
An — 34 Zoo' Bq = Kn' 

Ai = ^Z„' Pi = Zoi' 

Ai = 3^ Z22' Bi = Zoa' 

W'=A„ (yo+p„)’-i-Ai (yi+pi)*-l-A 2 (Vi+PiP 
+Po (V^i+Pi) (l^a+Pal+Pi (Vo+Po) (V^i+Pi) 

+P 2 (l^o+Po) (Va+Pa) (12) 

Expanding the equation (12) for the energy in the 
system and grouping terms, we have 
iy'=Ao yo*-i-Ai yi’+Aa Va^+Po Vi Vi 

+Po Vo Vi+Bi Vo Vi+Bi Vo Vi+Bi Vo Vi 
+ (2 Po Ao + Pi Pi -H Pa Pa) V 0 
+ (2 pi Ai -|- Pa Po + Po Pi) V 1 
+ (2 Po Ai-j-pi Po-t-Po P 2 )ya+Ao Po®-|-A 1 Pi’-I-Aa Pa’ 
+Po Pi Pa + Pi Po Pi + Bi Po Pi (13) 

Let 

Co = 2 Po Ao -(■ Pi Pi Pi Bi 
Let 

Cl = 2 Pi Ai -|- Pa Po + Po Pi 
Let 

Ci — 2 Pi Aa + Pi Po + Po Pa 
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Let 

H = A(i pu” + Ai Pi* + Aa Pj* + Bo Pi Pa +jBi po Pi 

+ Bi Po Pa 

Substitute these values in equation (13) and rewrite 
W'^Ao y,r+Ai y,*+Aa Vi+Bo Vi Va+Si Vo Vi 
+ VoV‘i CoVo CiVi Ci Vi + H (14) 

The first six terms of equation (14) correspond to 
those in equation (12) and they are independent of the 
contact potentials. The Co, Ci and Ca terms depend 
upon both the applied and contact potentials and 
terms containing contact potentials only are covered 
by the H term. 

The new torque equation, whose derivation will be 
found in Part III of this paper, is derived from equa¬ 
tion (14) and is given below: 
d [1 -f- 22 (Vo - Vt) (Vo -Vi)+S (71* - 7a*)] 

ffio 7«* tt) 7i* -|- ffla 7a* + 7o 7i “1- 6a 7o 72 

+ Co 7o + Cl 7i H-Ca 72 (18) 

The D of Maxwell’s equation (11) equals the terms 
embraced in the brackets of equation (18) and it is no 
longer a constant, but varies with the potentials applied 
to the needle and quadrants. The right-hand side of 
equation (18) contains four terms corresponding to the 
four terms of Maxwell’s equation (11) and in addition 
to these, it contains an Oo 7(i* term and three terms, 
Co 7o, C| 7i and Ca 72, which depend upon the contact 
potentials and are not included in equation (11.) 
Equation (18) is the general equation of the quadrant 
electrometer. This equation will be further simplified 
in the experimental work that follows. 

A study of equation (18) shows that there are two 
controling forces present in the quadrant electrometer. 
These are the mechanical control produced by the 
torsion of the suspension and the electrostatic control 
caused mainly by lack of symmetry in the instrument. 
The presence of the electrostatic control is indicated by 
the terms embraced in the brackets of equation (18). 
The algebraic sum of these two controling forces 
opposes the deflecting torque set up by the applied 
potentials. By proper adjustment and construction 
the electrostatic control may be made to add to the re¬ 
storing torque of the suspension, to vanish entirely, or 
to neutralize the suspension torque. This last con¬ 
dition is used in the Crompton electrometer' to increase 
its sensitivity. In power measurements it is usual to 
reduce the effect of electrostatic control to as low a 
value as possible. 

Setting Up op the Electrometer 

The setting up of the electrometer may be divided 
into four parts: 

1: Leveling. Remove the case and sighting through 
the quadrant slits, level in one direction. Turn through 
ninety degrees and level again. Continue turning and 
leveling until the instrument is perfectly level in all 
directions. 

2. Siting horigorUdl position of needle. Bring the 


needle in position so that it is bisected by the quadrant 
slits and adjust its. height until as nearly as can be 
determined by the eye, it is midway between the 
quadrants. Replace the case and make the final 
adjustment for the horizontal position. To accom¬ 
plish this, connect both quadrants to the case and to 
ground and apply a high continuous positive potential 
to the needle. Note the deflection. Then reverse the 
continuous potential, making the needle negative, and 
note the deflection. Adjust the horizontal position 
of the needle with respect to the quadrant slits until 
the two deflections are equal. The needle is then ac- 
cirrately centered horizontally. 


+ L 


N 

2 


r-— r 

-'1 -h ' 


Fig. 2—Connections for Adjusting the Height op the 
Electrometer Needle 

S. Adjust for height. Apply a high continuous 
potential to the needle and a small continuous potential 
between the quadrants as shown in Fig. 2. Adjust the 
height of the needle until the deflection is a minimum. 
The needle is then midway between the quadrant faces. 

1. Adjust so that the mechanical and electrical zeros 



Pig. 3—Connections for Bringing the Mechanical and 
Electrical Zeros into Coincidence 

coincide. Connect both quadrants to the case and to 
ground and apply a high continuous or alternating 
potential to the needle. Tilt the instrument by means 
of the leveling screws until the zero position remains 
the same with the voltage either on or off the needle. 
When this adjustment has been properly made, the 
position of maximum electrostatic capacity coincides 
with the natural zero of the instrument, and the 
mechanical and electrical zeros coincide. This ad¬ 
justment is very important and should be checked when 
evCT the instrument is used. 
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The connections used for bringing the mechanical 
and electrical zeros into coincidence is shown in Fig. 3. 
When this adjustment has been made, the Oo Vo* term 
of equation (18) is eliminated. This may be seen from 
a study of the values of the terms of the right hand 
side of equation (18) 


relatively low potential and is very small compared 
to Vo, the needle voltage. Undo" these conditions, it is 
possible to neglect certain of the terms which form the 
left hand side of equation (19) and we may write 
5[l+f2 Vo*]=®iy)®+a2V2*+hiT^o 1^2H“Ci| Vo 

CiVi CtVi ( 20 ) 


Value of terms of equation (18) 


Position 

of 






- 



Switch 

a» Vof 

+a, 

+a, Vi* +ii Vo Vi 

Vo V 2 

+C 0 Vo 

+C1 Vi 

+ C 2 Vs 

Deflection 

Up 

+ 

0 

0 0 . 

0 

+ 

0 

0 

= ot 

Down 

+ 

0 

0 0 

0 

- 

0 

0 



When this adjustment has been properly made, a = 0 
= 0. Then if we take the sum of the two deflections 
we shall have 

Therefore 

Oo =0 

It does not follow, however, that the Co Fo term also 
equals zero when the mechanical and electrical zeros 
coincide. The. constant, Co, includes contact poten¬ 
tials, and when the quadrants are not connected and 
grounded, as in Fig. 3, these may become of importance. 
The constant, oo, however, does not depend upon the 
contact potentials, and it may safely be taken as zero 
when the electrometer is adjusted. 

Neglecting the Oo yo** term, equation (18) reduces to 
0 11+12 (Fo - Vi) (Vo -Vo)+S (V^ - y,v] 

= c5iyi^ + 02y2* + ?*iyoyi + 62 yoy 2 + coyo 

+ ciyi + c2y2 (19) 

Determination of the Constants 

In determining the constants, the quadrant con¬ 
nection is employed. In this connection, the needle is 



Fia. 4 —Qvadbant Connection fob Dbtbbminino the 
Electbometeb Constants 

at a high potential, one quadrant pair is connected to 
the case and grounded and the other is at a low poten¬ 
tial. The constants may be determined by naing 
alternating current* and measuring the power con¬ 
sumed in a load of known characteristics, but tdiey axe 
most readily determined with continuous current. 
The connections are shown in Fig. 4. 

In the diagram of connections, y 2 is zero, yi is a 


. In Fig. 4 there are two reversing switches or com¬ 
mutators marked with the Roman numerals, I and II 
respectively. There are four possible positions of the 
two commutators and the terms forming the right hand 
side of equation (20). have different signs depending 
upon the positions of the conamutators. We obtain a 
deflection for each of the four positions of the com¬ 
mutators. The deflections and the signs or values of 
the corresponding terms are given below: 

Position of 

Commutator Value of Terms Deflection 

I n a,Vi»+a»V,*+6,VoV.+6jVoVj + coVo+ci Vi + cjVs-tl+flVo^h 

II ll + 0 - 0 + - 0 -[ “ 1 a 

- II + 0 + 0 - - 0 -[ ■• 1 H 

-=+ 0 - 0 - + 0-1“ It 

II - + 0 + . 0 + + 0 =( “ IS 

The constants are determined from the above 
deflections as follows: 

[i + Ryo*](Q!-i8 +t- 5) =-46iyoyi ( 21 ) 

[1 + R Vo^ (a-p - y +8) = +4 Co Vo (22) 

[1 + Ry«*] (a + iS- 7 - 5) = - 4Clyx (23) 

[1 + R yo«] (a + /3 + 7 + 5) = + 4 Cl yx* (24) 

If we take readings of the deflections for two or more 
values of the voltages yo and yi we shall obtain suffi¬ 
cient data to solve the above equations for the con¬ 
stants. For example, let a', j8', y' and 8' equal the 
deflections obtained when Vo' and Vi' are the voltages 
applied to the needle and quadrant 1 respectively. 
Then from equation (21) we obtain 

_ _ 4yo-yx- _ 

bi ~ a’-fi' + y'-8'~'^^ 

For applied voltages Vo" and yi" we get the deflec¬ 
tions a", fi", y" and 8" for the four positions of the 
commutations respectively, and equation (26) follows: 

[i+Ryo"*] dyo'yx" ’ 

Here Xi and Xo are the numerical values of the right 
hand sides of equations (25) and (26) respectively. 

Solving these two simultaneous equations for 6x we 
find that, 

y/p- yp^'p 

~ Xo Vo'^ - Xi Vo"^ ’ 
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and Mills! it III iujj thi* vahu* (if />i in eijuation (25) we 
obtain. 


R 


/ii AI -- 1 


(28) 


In a similar manner, we ran obtain the other con¬ 
stants from e»jviutions !22i. i23t and (24), 

It is evident, frotn t he s>nmnetrical construction of the 
electromeli'i* that 

- «| 
h, ■ Ih 

Cl !’■. 

We may also prove that: 

«• '../ii (33) 

ft, 

'1‘he mathematical prind of equation (33) is ijiven 
in the matheimilical part of this paper and the con- 
tirniiit); experiituntlal data will lx* found in the expiTi- 
niental part. 
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♦ ( 


.s. 


I 


M- 


t'MNVKrfioSH run Mkahiihiso Powku with I'’(i|iI. 
Vol.T4«l». <*V NkKIH.K 


[f we substitute these values of the constants in 
wjuation (13) It becoraes, 

n iinv,r V,) f 

■ - Vi* + ‘*1 Vn Vi~h\ V(i Va'l"(^» 

^ A 

d" Cl 11 4* r» Vj (34) 

If the quadrant electrometer is to be used in measur- 
ina power in a-c. circuits, it is only necessary to 
know the constants R and f>i. The other constants 
may either be rwiuced to zero or made negligible. 

Power Measurement 

The quadramt connection is the one employed in 
measuring power in a*c. circuits. The quadrant 
electrometer may be connected so that there is either 
full voltage on the needle or only a fraction of the full 
volt^e. A dfi^ram of the connections for full 
voltage on the needle is shown in Fig. 6. The effective 
voltage across the load is V and the effective value of 
the load euiront is /. Ri is a non-inductive capacity 
free resistance. Only one commutator is used. 


7(>r> 


We shall assume that the instantaneous value of the 
voltage and current are designated by v and i respect¬ 
ively and that ‘P is the phase angle between them, 
'rhen ^ 

t> -= v ' - 1'’ sin 01 1 
i — \.' 2 / .sin (o) / dt ‘l>) 

When a ((uadrant electrometer is supplied with 
alternating current, the needle potential F,,, and the 
(juudrant potentials, Fi and V-, are the in.stantaneous 
values of the applied voltages. The electrometer 
reads the integral of thest' voltages over a complete 
period 7'. 

For example: 


I ' 

«i V'r - ff, f 2 /” Rc sin" (oi /. -t 'I>) = /- /fr 


I 

ru Vp • .M f \/2 K»sin col - 0 

^ (I 

It follows, from the above, that the c,,, Ci and c. 
terms will all eciual zero when tlie electrometer is used 
to mwi-sure power in a-e. circuits. 

t)n alternating power measurements, Vi and F., the 
({uadrant potentials, arc small compared to Fn, the 
needle potenlJal and we may therefore neglect the S 
term, and as the ci,, tq and c- terms are equal to zero, 
we eun write ecpiution (19) 

[l+/f F„"| 0 - - 2 '- F,"+ ' 2 '- 


+ fh F« F, - b^ F„ F. (35) 

We shall apply this equation to the measurement of 
the power consumed by the load of Fig. 6, bearing in 
mind the fact that F,, is the instantaneous value of the 
potential from the needle to ground, and that Fi and 
F-i are the values of the instantaneous potentials from 
quadrant pairs No. 1 and No. 2 to ground respectively. 

In Fig, 5, we .see that, 

Fo = 0 d* f /2i 
Fs - i Hi or 0 
Fi -- 0 or f Ri 

The values of Fi and Fs depend upon the position 
of the commutator. 

The integral of the 6, FaFi term over a complete 
period is a.s follow.s: 

- Fi= {v+i lU) (i Ro 

i ,, J u 

» bi (Ri I V cos <J> + P i?i») 

There are two positions of the commutator and the 
value and signs of terms of equation (35) are given 
below. The circuit conditions and the applied voltage 
must remain constant while the deflectionsaremeasured. 
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‘Position of 
Commutator 



Vo Vi 

-h Vo V 2 

Deflection 

II 

0 


0 

-ftiCBiJ Vcos* +2* ill*) 

- 11+ B V»* 1 « 

- 


0 

+bi(Ri I Vcos +i« Ri^) 


- [l+2iV.*l P 


Taking the algebraic sum of these deflections, we get and the resulting deflection (/3 - a) is usually written 

r-i 1 E> T/ M to \ equal to d. Equation (37) may then be written as 

[l+EYo^lO-a) . 

= -hiP El* + 2 6 i (E, I y cos $ + I* El*) (36) 

K 6 It 

The needle voltage, Vo, is equal to the vector sum of -- = 7 y cos ^ ' ( 39 ) 

the load voltage, V, plus the drop across the non-induct- ^ 

ive resistance iJi. Since the drop is very small com- i 4 . 4 . • 

j 4 . XT. 1 j Jo,r oociiTvi^ fiiof V If tfac Quadrunt electromcter IS usod to measurc powcT 

pared to the load voltage we may assume that Vq ^ 

XI 1 ifx j -j £ T/ with less than full voltage on the needle, the diagram 

on the left hand side of equation (36) is equal to v. . • • -ci- ^ 

^ , X- • VI X of connections are given in Fig. 6 is applicable. Here 

Rewriting equation (38) and combimng like terms ^ meanings as in Fig. 5. In 

we obtain 


[1 + E y*] 08*- a) 

2 bi El 


= I y cos $ + 


7* El 


(37) 


It is evident from equation (37) that the quadrant 
electrometo*, with full voltage on the needle, measures 



Ri I 

Pig. 7—Condensee Ci Poembd bt the Elbcteometbe 
Quaduants 

this case the needle voltage equals the vector sum of 
the load voltage, V, plus the 7 Ei drop divided by n, 
where n is the factor by which the voltage across the 


Pio. 6 —^Measvebment op Powbe with Less than Pvll Lin® 
Voltage on Nebdlb 


the power consumed by the load, plus one-half the 
power lost in the resistance, Ei. 

The power consumed by the load is 


7 y cos <?> = 


[l-fEy*] 

2 6i 


1 7*E, 

05 - a) - —5“ 


El 


(38) 



Equation (37) holds for all values of power factor, 
both leading and lagging. The only constants in-, 
volved are 6i and E which may be determined as 
already outlined. 

If E bias a negligible value or if readings are taken 
on a number of loads at a constant voltage y, then 
the expression 

1 -h E y* 


2 6i 


= E 


where E is a constant. 

The deflections a and j3 for the two positions of the 
commutators are right and left deflections respectively 


Pig. 8—^Vbctoe Diageah op the Ciecuit Shown in Pig. 5 
FOR A Condenser Load 

needle must be multiplied to give the total voltage of 
the circuit. 

The instantaneous value of the voltage across the 
needle is 

p ■+• t Ri 
n 

There are two positions of the commutator and the 
value and signs of the terms of equation (35) for reduced 
voltage on the needle are given as follows: 
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VALUE OP TERMS 

Position of 
Oommutator 


+-F 

+bi Vo Vi 

Vo Vi 

Deflection 

II 

0 


0 

/'RitVcoai+fiR?\ 
n ) 

- [/+ R Vo*l a 



0 

Ri I V<sos9+fi Ri*\ 
n ) 

0 

- 1 + J? V.*] 


Taking the algebraic sum of these two deflections, 
we obtain, 


\1+B 6 

Ri I V cos $ • J* jRi* 


n 


n 


(40) 


[1 + 12 v^] e 

2 &i / 2 — n \ 

= —^RiyIV<ios^ + —^PRij (41) 


as stated above, the needle voltage is equal to 

V + IR, 

Vo = • 

n 

In practise, I ^lis very small compared with V. It is 
usually less than one per cent of the load voltage and for 
practical purposes we may write 


Vo 


y 

n 


We obtain, when we make this substitution in 
equation (41), 

2bi • i2i 

2 — n 

= I y cos $ + —^ I* Ri (42) 

If n equals one, equation (42) reduces to equation 
(37), which is the power equation for full voltage on the 
needle of the quadrant electrometer. A further study 
of equation (42) shows that if n is equal to two, the 
last term of the equation vanishes; if n is greater, the 
last term becomes negative. This is true at all values 
of power factor. These deductions are verified by 
experiments reported in the experimental part of the 
paper. 

In special cases, equation (42) may be written 
= IV cos ^ + ~ 2 — 

Equation (43), however, holds only for the conditions 
where R is negligible or where readings are taken with a 
constant voltage applied to the needle. 

Equation (3S) gives the simplified form of the qu^- 
rant electrometer power relations. In this equation' 
6 equals the algebraic sum of the two deflections a and 
/3 for the two positions of the commutator. The cir¬ 


cuit conditions and the applied voltage are assumed to 
remain constant while these readings are being taken. 
Under these conditions we noted that 


and 


yi = 7i2ior0 
yj = 0 or I El 


Therefore, if we determine the signs and the values of 
the terms of equation (35) for the two commutator 
positions and take their algebraic sum, we may write 
[1 + E yo*] d = 2bi Vo Vi - hi Vi^ (44) 

This equation is a simplified form of equation (35). 
If we substitute in equation (44), the values of the 
needle voltage to ground, yo, and the drop across the 
resistances, yi, expressed in the form of their vector 
relations, we obtain exactly the same result as was 
foimd by the method used in determining equations 
(37) and (41). An example of this method is given in 
the paragraphs devoted to the question of errors. 
Errors 


The sources of error in the measurement of power 
with the quadrant electrometer have already been ably 
discussed in an Institute paper®. Therefore only a 
single case, illustrating the applications of equation 
(44), will he considered in this paper. 

If we study the diagrams of connections in Fig. 5 
and 6, we see that the electrostatic capacity between 
the quadrants pairs. No. 1 and No. 2, and their leads 
is in parallel with the non-inductive resistance Ei. 
The drop across Ei and this condepser in parallel with 
it will not be in phase with I as assumed. Let Ci 
equal the capacity of this condenser in farads. Then 
U Et equals the voltage across the quadrants we find 
that 



J El (1 —CO Cl El) 
1 + CO® Cl* El* 



The vector diagram of the electrometer, with full 
voltage across the needle and a capacity load in the 
circuit, is shown in Fig. 8. In Fig. 8 A E = V, the 
voltage across the load; B D ^Eq, the voltage drop 
across Ei and Ci in parallel, and AD = y^ the voltage 
across the needle. A E is also the vector sum of y 
and E q . 

With I as the ref^ence vector, the vector equations 
are as follows: 
y = y cos # — y sin $ 

. lEi . Iw Cl El* 

•" “ 1 + co*Cx*Ei* ^ 1 + co*Ci*Ei* 
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V.-yco3«-,'Vsint+ 

loi Cl Ri^ 

1 + oj^Ci^Ri^ 

Substitute the vector relations of Fo and Vi in 
equation (44) and take the power product and simplify 

(1 +ieP) (1 + w^Ci^Ri^) 

2biRi " 


= j y cos <§ + 


PRi 

(1 + a^Ci^Ri^) 


+ I {(aCi Ri) y sin $ + 


PRi (oiCiRiY 
1 + (o^Ci^Ri^ 


(46) 


The capacity Ci is, howeva', very small and at com- 
m^’cial frequencies «*5 Ci® iZi* is negligible. Therefore, 
we may write 

(1 *4- i? PR 

2 — d=IV cos4>+—^+J (o) Cl Ri) V sin 4> 


(47) 

Equation (47) is the same as that derived by Messrs. 
Simons and Brown® using a different method. 

Other sources of error are the charging current flow¬ 
ing from the needle to the high quadrant and through 
the shunt resistance Ri, the phase shift of the needle 
voltage introduced by the use of a potential divider, 
the phase shift due to the resistance of the needle 
su^ension, and any energy loss that may be present 
in the electrometer itself. 

II— Experimental 

DetenninaMon of 1M Constants bi and R. The 
constants, bi and R, are best determined with contin¬ 
uous potaitials, although they may be determined 
with alternating potentials. 

The diagram of connections is given in Fig. 4. The 
voltage applied to the needle could be varied through a 
range of from about 60 to 600 volts. It was measured 
with a Weston laboratory standard voltmeter. The 
voltage applied to the quadrants was varied from 2 to 
15 volts and was measured with a Siemens and HaJske 
instrument. 

The quadrant electrometer was set up, leveled, and 
carrfuUy adjusted, with about 600 volts on its needle, 
until its electrical and mechanical zeros coincided. 
Then readings of the deflections for the different 
positions of the twp commutators were taken for 
various values of Fo and Fi. Fom readings were taken 
for each set of voltages, which were maintained con¬ 
stant while iiie deflections were noted. In taking a 
set of readings it is best to commutate in a regular 
manner and read at regular intervals after commutating. 

The electrometer used was one constructed in the 
electrical laboratories of the Johns Ifopldns Uni¬ 


versity. The quadrants were of aluminum. The in¬ 
side diameter of the cylindrical box from which they 
were cut was 15.24 cm. and its height was 3.81 cm. 
The needle was also of aluminum, and the length of its 
phosphor bronze suspension was approximately 20 
cm. The quadrant pairs and the needle were insulated 
by special bakelite supports. 

The readings upon which the calculations of the 
constant bi and R are based are given in Table I. 


TABLE I 




‘ Position of 


cm. 

4VoVi 

Vo 

Vi. 

Oommutator 


B a 


Volts 

Volts 

No. I 

No. II 

cm. 

a -/> +7 

$ 

100 

5 

II 

II 

— 3.6 “O: 





a 

11 

+3.36 =/5 





« 

=a 

-3.6 





II 


+3.36 

-13.9 

+143.9 

100 

10 

II 

II 

- 7,36 






II 

+ 6.62 





* 

a 

- 7.32 





II 


+ 6.56 

-27.74 

+144.1 

100 

15 

II 

II 

-11.3 





» 

II 

+ 9.66 





&8 

a 

-11,3 





II . 


+ 9.66 

-41.9 

+143.2 

270 

5 

II 

II 

- 9,6 





e 

II 

+ 9.3 





» 


- 9.6 





II 


+ 9.3 

-37.8 

+142.6 

270 

10 

II 

II 

-19.6 





- 

II 

+18.36 






SB 

-19.6 





II 

» 

+18.36 

-76.9 

+143.6 

500 

2 

II 

11 

- 7.12 






II 

+ 7.66 






a 

- 7,1 





II 

a 

+ 7.6 

-29.27 

+136.6 

500 

5 

II 

II 

-18.3 





la 

II 

+18.15 





=5 

a 

-18.26 




. 

II 


+18.16 

-72.86 

+187.4 


The first three sets of readings were taken with Fo 
equal to 100 volts and they give an average Xi of 
143.73. The next two sets of readings are for F© 
equal to 270 volts, and Z* equals 143.0. The last 
two sets of readings were at 600 volts and Xs average 
equals 137.0. 

Calculating from these results in accordance with 
equation (27) we get an average 6i of 
6 i = -t- 0.00695 

calculating R from equation (28) gives 
E = - 1.95 X 10-^ 

Determination of the Constant ai. In order to check 
equation (24) 

[1 -I- E F««] (a + + 7 + 5) = + 4oi Fi» (24) 

an attempt was made to determine ax by liiis connec- 
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tion. Since ai depends upon the value of the quadrant 
voltage, Vi was made equal to Vo in this test. The 
results are given in Table II. 


TABLE 11 


Position of 





Commutator 

Vo 

Vi 


d « a +j9 +7 +5 

No. I 

No. II 

Volts 

Volts 

cm. 

cm. 

II 

II 

26 

26 

-6.6 =»a 



II 



+2.35 


= 

<= 



—•6.6 


n 




+2.36 

- 8.6 

II 

II 

40 

40 

-17.25 



II 



+ 5.66 


S3 

» ’ 



-17.3 


II 




+ 6.65 

-23.25 


The calculation of ai from the results in Table II and 
in accordance to equation (24) gave 

«! = + 0.00351 

According to the theory Oi has half the value and a 
sign opposite to that of 6i and it is clear that this test 
gives a fair check of the theoretical calculation. This 
method is, however, not suited for the determination 
of Oi, because in order to get readinp of sufficient 
difference to make it possible to calculate Oi with any 
degree of accuracy we must make the quadrant volt¬ 
age large compared to the needle voltage. This is 
not in accordance with the theory of the quadrant 
connection which presupposes a high needle voltage 
and a low quadrant voltage. , 

A better way to prove that Ui has half the value of 
6 i is to use the two idiostatic connections A and B of 
the electrometer which are shown in Pig. 12. 

The readings for connections A and B are given in 
Table III for an applied,voltageof44.5 volts in each case. 


TABLE III 


Position of C 

Commutators 

Connection A 
Deflections 

Connection a. 
Deflections 

III 

II 

cm. 

cm. 

II 

II 

+6.6 

+6.6 


II 

+6.6 

+6.6 

' a 


-6.1 • 

-6.1 

II 

- 

-6.1 

-6.1 


Exactly the same deflections were found for both 
connections A and B and they were in the same direc¬ 
tions. Therefore equation (33), whose proof is given 
in the mathematical part of the paper is true. 

ai=r- 

Proof of the Power EquaMon ydlih FuU VoUage on 
Needie. Equation (37) states tiiat the deflection of a 
quadrant electrometer is proportional to the power 
consumed in the load plus one-half the power loss in the 
shunt resistance Ri at any value of the power factor. 


In order to check this relation the quadrant electrom¬ 
eter was connected up as in Fig. 9, and three loads 
were used in turn. The first load was a non-inductive 
resistance Ro. The second load consisted of an induct¬ 
ance, L, and the third, of a mica condenser, C. 

The test at unity power-factor load will be considered 
first. In this test, &e secondary voltage of the trans- 



Fig. 9—Quad RAN* Electbometrb with Full Voltage 
Needle and Different Loads 


ON 


former was maintained constant at 100 volts and 60 
cycles. Readings of the defiections were taken with 
three values of Ri, namely, 100, 200Q, and 7000 ohms 
respectively. The value of the load resistance, Ro, was 
adjusted for each value of Ri so that the power loss in 
Ro was maintained constant at 0.32 watts. 

The constant of the electrometer with 100 volts 
applied to the needle is 

1 + RV^ (1- 1.96 X lO-^ X 100*) 
^--26; - 2 X 0.006 ^- 

The results of the unity power factor test are given 
in Table IV. 


TABLE IV 


Ro 

Ohms 

Ri 

Ohms 

I 

Milli- 

Ampere 

PRo 

Load 

Watts 

P Ri 

Electrometer 

PI2o + 
P Ri 

2 

Watts 

calcu¬ 

lated 

e 

cm. 

KB 

2 

Watts 

Ri 

Watts 



3.31 

0.32 

WM 

4.5 

0.324 

0.326 



3.44 

0.32 

BsH 

9.45 

0.339 

0.333 



4.83 

0.32 

IB 

39.6 

0.406 

0.402 


In Table IV, the current, I, is calculated from the 
known constants of the circuit. The watts consumed in 
the load, PRo, and one-half the loss in the shunt r^ 
sistance Ri are also calculated, as are the values given in 
the last column. 

A comparison of the watts registered by the electrom¬ 
eter for the different values of Ri and the watts cal¬ 
culated, as given in the last column of Table IV, shows a 
fairly close agreement. A comparison of the last two 
columns of Table IV shows conclusively that at unity 
power factor equation (37) holds and the ihstnimente 
read the watts lost in the load plus one-half the loss in 
the resistance shunting the quadrants. 

The inductive load, lagging power factor test followed 
the resistance test. The inductance used as the load 
consisted of an air cored copper coil with a resistance of 
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1650 ohms and a coefficient of self-induction of 7.73 
Henrs^s. At a frequency of 60 cycles the reactance 
was 2915 ohms. Readings were taken at two values 
of Ri and the applied voltage-was adjusted so as to 
maintain the current constant and thus keep the load 
at a uniform amount. 

The voltages used were 56 and 46.5 volts respectively, 
and at this value of the voltage the constant of the 
electrometer = 72. 

The results are given in Table V. In this test the 
power factor was 56.6 per cent lagging. 


TABLE v 








Electrometer 

Load 

Voltage 

Ri 

Ohms 

Circuit 

Impe¬ 

dance 

Ohms 

1 

MilU- 

amp. 

Load 

Watts 

fiRi 

2 

Watts 

0 

cm. 

Ke 

Ri 

Watts 

i?i 

“*■ 2 

Watts 

Calcu¬ 

lated 

46,6 

1000 

4664 

1.178 

0.23 

0.069 

4.1 

0.296 

0.299 

65.0 

2000 

3940 

1.178 

0.23 

0.138 

10.2 

0.367 

0.368 


A comparison of the watts as measured by the 
quadrant electrometer with the calculated watts shows 
a good agreement. A study of the last two columns 
of Table V shows conclusively that, at a lagging power 
factor of 66.6 per cent, the electrometer reads the power 
consumed by the load plus one-half the power lost in the 
shunt resistance. 

The capacity load test was made with a standard 
mica condenser whose capacity was 1/10 of a micro¬ 
farad. The frequency used was 60 cycles. Readings 
were taken at three values of the shunt resistance R, 
and the applied voltage was varied between the limits of 
396 and 400 volts so as to maintain the current through 
the circuit and the load constant. At 400 volts the 
constant of the electrometer is 69.7. The results are 
given in Table VI. 


TABLE VI 






Electrometer 


voltage 

Ri 

Ohms 

Circuit 
Impe¬ 
dance 
Ohms j 

I 

MiUl- Load ^ 
amp. Watts Watts 

KB 

e 

cm. Watts 

^ 2 

Watts 

396 

1000 

26620 1 

14.9 0.027 0.111 

1.96 0.136 

0.138 

398 

2000 

26670 

14.9 0.027 0.222 

7.16 0.249 

0.249 

400 

4000 

26800 

14.9 0.027 0.444 

27.10 0.472 

0.471 


The watts consumed by the load are determined by 
subtracting from the watts measured by the electro¬ 
meter one half of the loss in the shunt resistance Rj. 
Another method of determining the watts load is to 
plot the watts measured by the electrometer as or¬ 
dinates against the values of the shunt resistance Ri 
as abcissas. These points should lie on a straight line, 
as ^own in Fig. 10. If .this line is extended to the 
ordinal axis it will cut that axis at a value equal to 
watts lost in the load. From Fig. 10 we see that the 


load loss is equal to 0.027 watts. The power factor of 
the condenser load used in this test is 0.47 per cent. 

A comparison of the results given in the last two col¬ 
umns of Table VI show clearly that the quadrant elec¬ 
trometer with full voltage on the needle reads the loss in 
the load plus one-half the loss in the shunt resistance Ri. 
The curve plotted from the results in Fig. 10 also con¬ 
firms this conclusion. 



R]~ 0 HMS 

Fig. 10—Curve Showing the Relation Between Watts 
Measured by the Electrometer and the Shunt Resistance 
E l with Pull Voltage on the Needle. Plotted from the 
Results op Table VI 

The results of these three tests prove conclusively the 
correctness of equation (37), namely, that the quadrant 
electrometer with full voltage on the needle reads the 
power consumed by the load plus one-half the loss in 
the shimt resistance, irrespective of the value of the 
power factor. 

Proof of the Power Equation with Reduced Voltage 
on the Needle, Equation (42) applies to this type of 
measurement. 

— l ^ 

2 — 

= IFcos$+— 

(42) 

The sign of the last term, or correction term, depends 
upon the value of n* If n is equal to two, the term van¬ 
ishes. If n is greater than two, the term becomes nega¬ 
tive. In order to check this relation, readings were 
taken at unity power factor load for n equal to three 
different values. The connections used are those given 
in Fig. 6. 

The first test was run with n equal to two .and the 
voltage of the transformer was 160 volts at 60 cycles. 
The voltage applied to the electrometer needle was one- 
half of the transformer voltage and equaled 80 volts. 




June 1925 


KOUWENHOVEN: THE QUADRANT ELECTROMETER 


771 


The constant of the electrometer for this needle voltage 
was 71.9. 

Readings were taken at three values of the shunt 
resistance, and the load which consisted of a non- 
inductive resistance was maintained constant. The 
results are given in Table VII. 


TABLE VII 


Ro 

Ohms 

Ri 

Ohms 

X 

MiUi- 

amp. 

PR,i 

Load 

"Watts 

Electro 

smeter 

e 

cm. 

n K B 

Ri 

Watts 

29250 

1000 

5.29 

0.825 

5.76 

0.826 

27125 

2000 

5.49 

0.825 

11.6 

0.826 

20000 

5000 

6.4 

0.82 

28.7 

0.825 


It is apparent from the results given in Table VII 
that when n equals two, the quadrant electrometer 
reads directly the power consumed in the load, and the 
correction term vanishes. 

The second unity power-factor test was made with 
one-third of the transformer voltage applied to the 
needle, that is, n equaled three. The transformer 
voltage in this test was 240 volts at 60 cycles and this 
gave a needle voltage of 80, the same as used in the run 
with n equal to two. The electrometer constant 
equaled 71.9 in this test also. 

For the value of n equal to three, the correction of 
equation (42) becomes negative and equals 

PRi 

2 

The results of this test are given in Table VIII. 
Readings were taken for three different values of shunt 
resistance Ri. 


TABLE VIII 







Electrometer 

I® Bo 








Ri 



• 

P Rt 


- 

nKB 

2 



/ 



Ri 

"Watts 

Rq 

Ri 

MiUi- 

Load 


B 

Calcu¬ 

Ohms 

Ohms 

amp. 

Watts 

Watts 

cm. 

Watts 

lated 

29250 

1000 

7.93 

1.84 

0.032 

‘ 8.46 

1.82 

1.81 

27126 

2000 

8.24 

1.84 

0.068 

16.2 

1.76 

1.77 

13660 

7000 

11.62 

1.84 

0.473 

44.2 

1.36 

1.37 


It is evident from the results given in Table VIII that 
when is equal to three the correction term becomes 
negative. The dheck between the calculated watts and 
the watts as measured by the electrometer is good. 

The third unity power-factor test was made with n 
equal to four. Under this condition equation (42) 
becomes 

L_ ^ ^ 3 0 = I y cos $ — I® Ri 

2hi . Ri 


Readings were taken for three conditions. In the 
first, the loss in the shunt resistance was less than the 
load. In the second, the loss in the load and the 
loss in the shimt resistance were equal, and in the third, 
the loss in the shunt resistance was greater than the 
loss in the load. This last condition should give a 
negative deflection of the electrometer. 

The voltage of the transformer was 400 volts at 60' 
cycles. This gives, with n equal to four, a needle 
voltage of 60 volts and an electrometer constant of 72. 
The results are given in Table IX, which is divided into 
two parts. Part I gives the calculated watts and Part 
2 gives the electrometer readings. 


TABLE IX 
Part I 


ilo 

Ohms 

Ri 

Ohms 

I 

MiUi- 

Amp. 

J^iJo 

Load 

Watts 

I* Ri 
Watts 

I* Ri 

Watts 
Calculated 

15000 

10000 

8. 

0.96 

0.64 

+0.32 

10000 

10000 

10. 

1.0 

1.0 

0 

10000 

16000 

8. 

0.64 

0.96 

-0.32 


Part n 


i?o 

Ohms 

Ri 

Ohms 


i 

smeter 


Position 
of Com¬ 
mutator 

Readings 

can. 

t 

Deflection 

cm. 

nKB 

Ri 

Watts 

15000 

10000 

II 

+6.2 

-5.3 

+11.5 

+0.33 

10000 

10000 

II 

-0.7 

-0.7 

0 

0 

10000 

15000 

II 

-7.15 

+9.1 

-16.26 

-0,312 


A study of Table IX shows that the dectrometer 
reading reversed and became negative when the loss in 
the shunt resistance was greater than the load loss as 
predicted. A comparison of Parts I and II shows 
clearly that the experimental results check the theory. 

The experimental results of Tables VII, VIII, and IX 
definitely prove that the sign of .the correction term of 
equation (42) depends upon the value of n and not 
upon the value of the power factor. 

In order to prove that equation (42) holds at low 
power factor, a set of results is given in Table X that 
were taken on another electrometer which was con- 
vaiient. The load consisted of a high-voltage conden¬ 
ser of about 0.02 microfarads capacity. The voltage 
applied was 7600 volts at 60 cycles. The value of n 
was six and the electrometer constant was 83.6. The 
current was measured by another electrometer which 
was used as a voltmeter. 

For n equal to six, the correction term becomes 
-2PRi. 
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TABLE X 


Rl 

Ohms 

/ 

MiUi- 

ampere 

Load 

Watts 

2PRl 

Watts 

Electrometer 

Load 

-2i*iii 

Watts 

Oalcu* 

lated 

d 

cm. 

nKe 

i?i 

Watts 

2000 

4.7 

0.264 

0.085 

+0.7 

+0.176 

+0.179 

4000 

4.7 

0.264 

0.177 

+0.7 

+0.0875 

+0.087 

5000 

4,7 

0.264 

0.221 

+0.4 

+0.040 

+0.043 

8000 

4.7 

0.264 

0.354 

-1.45 

“0.09 

-0.09 

10000 

4.7 

0.264 

0.442 

“3.55 

-0.178 

-0.178 


The watts measured by the electrometer are plotted 
against Ri in Fig. 11 . The readings lie on a straight 
line and the intercept of this line on the Y axis gives a’ 
loss in the condenser under test of 0.264 watts. A 
comparison of the last two columns of Table X shows an 



Fia. H—Curve Shcwinq the Relation Between Watts 
Measured bt the Electrometer and the Shunt Resistance 
Rt WITH w = 6. Plotted from the Results of Table X 

excellent agreement between the watts as measured by 
the electrometer and the calculated watts. The power 
factor of the load used in this test was 0.75 per cent. 
The results in Table X also show that the electrometer 
deflection changed to negative when the loss 2 ItRi 
became greater than the load. 

The results of this test prove that eqtation (42) holds 
at low power factor. 

The expaimental results prove conclusively -that 
equations (37) and (42) are deiived correctly and that 
they are applicable at Jill values of power factor. 

III. Mathematical 

Derivation of the torque equation: 

Weassumethat 

Ao — fflo*' "t" da B "1“ da 6* 

Ai = Oi" + tti 0 + di 6 * 

At = at" + 02 ^ + O 2 ' 

= bi" + 616 + 61' ^ 

St — bt" ~lr bt B "i~ bt' 0* 

Ca = Ca" -|- Co ^ B^ 

Cl — Cl" + Cl 6 + Cl' B^ 

Cf “ Ct" Ct B Ct" B* 


If we study the electrometer, we see that Bn, the 
coefficient of electrostatic induction between quadrant 
pairs 1 and 2 will not change with the deflection be¬ 
cause the quadrants are fixed in position and the 
motion of the needle does not intercept lines of force 
passing between them. The terms covered by H are 
also independent of the deflection if the instrument is 
properly set up as explained in the body of the paper. 

In order to determine the torque, differentiate equa¬ 
tion (14) with respect to the deflection, and we get 

d w' 

^ = do Fo* H-Ui Yi* ^ 2 '^ -f- 61 Fo V^i •+• y 2 

■f Co Vo -b Cl V 1 Ct Vt -\- 6 (2 do' yo* H” 2 d/ Vi* 

-I- 2 dt' Vt’^ + 2 bi' Va Vi -t- 2 bt' y« y 2 -h 2 cu' y. 

4-2 Cl'yi-t-2 C 2 'yi) (15) 

d w' 

Substituting the value of=C0,'wefind 

0 (c- 2 do'yo*- 2 di'yii‘- 2 d 2 'y 2 *- 2 &i'yoy, 
- 2 62 'yo Vt-2 Ca' Va-2 Cl' yi-2 Co' yo) = do Va^ 
H-diyi* -f- diV H" ftiyoyi 62yoyo -1- coyo 
Cl yi-H C 2 yo (16) 

A study of the symmetry shows that di' = - do' and 
that bi' — — 62 '. We also see that the Co', Ci' and Co' 
terms, which include the small contact potentials, 
depend upon only the first power of the applied voltages 
and therefore they may be neglected. 

Rewriting equation (16) we get 



Pio. 12 —Idiostatic Connections 


B [c - | 2 do'yo* + 2 di'(Vi^ ~ y**) -j- 2 6 i-yo 

(y.-y*)}] 

= do yo* + di Vi^ + at + bi Va Vi + bt Va Vt 
-H Co yo ■+■ Cl yi •+• Co yo- (i?) 

Experimental results show that the torque equation 
(17) may be written in a more useful form; namely 

0 [H-R(yo - yi) (yo - Vt) + s (Vi^ - y**)] 
= do yo “I” di y 1® 

+ d2y2 -f- friyoyi -i- 52yoy2 h- coyo + ciyi 

-i-coyi (18) 
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PrDofthut. «s “ (I I Oil 
III <>r<U*r lo provt* tliis n*latioii l.lio (‘onneetions shown 
in Kik. 12 an* usod. 'Fhosi* connoftions art* known as 
the itiitislalic oonnocHons and an* also used where the 
elwtroineter is used as a voltineU^r. 

'rhi*n,‘ are two possilile arranjiements of the eonnec- 
lioiis whh'h are shown in Ki^s. 12 a and B. In eon- 
neelion .1 tlie nwdle and tdther quadrant, 1 or 2, are 
j'roundt’d and ineonneetion /i the needle is not grounded 
hut quadrants 1 or 2 are urounded dependinj' upon the 
position of t he eonnnutators. 

h’or eoniUH'fion 4, the needle potential is zero 
and e({uation (19) reduces to 
(f !1 1 A’ V^ V’, 1 .S'(r, V',)“! 

«, ri" + ( t - l';." 1 Cl Vi f <*.. V’b 1 , 29 ) 

heeause all of t he terms eontuinin.« Vn will be zero. 

We «el. a delleetion for each of the four positions of 
the I'oinmutators and the si^ns of the terms of equa¬ 
tion 129) are j^iven below 


rM<ifiiiii tif 
ClMitimurutitr 

at \l tit V,* 
U « 


Vitlin'Nof ihfi 'IVrms 
II. \'/" J « I [ i'i V‘;» 

I (I 

} 0 \ 

a ‘ 0 

0 II 


DrlliMM ion 

i > ti 

-i \ y 

i i « 


'rakin« the ulgebraie sum of the.se deflections as 
fidlows. we «t*t 

1 1 -M 

I M I (<r 4 a - 7 “ ■ ( 30 ) 

In ironnection li, Fijt. 12, etjuation (19) holds and 
. eontuins all of its terms. Here we see that, depending 
upon the positions of the commutators, 

v „« Ft « V or v„ y- - V 

Vi -- For zero and F- For zero 
The deflections for each of the four commuUitor 
positions and the signs of the terms are as follows: 


< fMiiimut at or VuIufh of ilio Tmm niflltjcUon 

111 11 If j Vi^ { i#2 Vr 4 In V« Vt I h V 41 Va 4 Ot V« 4- (h Vi Hu Vi 
Si if + » + “ 

„ 11 .|. a + 0 •- “ 0 *■ I jir 1 <1 

« »i i- 0 ^ + 0 + »t A/ 1 T 

1 ; » o r u r -- 0 - “ t A/ J« 

Taking the algebraic sum of these deflections as 
follows, we obtain 

I Af ] (tx -i-fi ~ y -‘B) » 2 («i (it) F* 4"2 (61 — bt) F* 

(31) 

If the same voltage is used in connections A and 
B of Fig. 12, then both will give equal deflections in the 
same directions. That the deflections will be in the 
same directions may be seen from a study of the con¬ 
nections. Consider connection A with both com¬ 
mutators vertical; then the needle and quadrant 
pair No. 1 will be grounded and therefore at same 
potential and quadrant pair No. 2 will be negative and 
the needle will swing into quadrant pair No. 2. In 
connection B, with both commutators vertical, the 
needle and quadrant pair No. 1 are again connected 


together, and therefore at the same potential which in 
thus case is positive. Quadrant pair No. 2 will be 
gi'ounded, and the needle will again swing into quadrant 
pair No. 2. Since the same voltage is used in both A 
and B connections, the deflections will be equal. 

Experiments show that the two connections give 
equal deflections and also that they are in the same 
direction. Therefore it follows that the right hand 
side.s of equations (30) and (31) must be equal, and 
we have 

2 (a- - a,) F= = 2 («, - a.) F= 4 - 2 ( 6 , - 6 -.) F* (32) 
Solving, we find that 

2 (at — fli) = bi ~ bf 

or 

a.j - a, = (D, -/>») 

Owing to the .symmetrical construction of the 
electrometer 

h[ = - and a, = — a-> 

Therefore 

= 1/2 6 , (33) 

ai = ~ }>ibi 


Conclusion 


In order to use the quadrant electrometer for the 
meiusurement of power, it is necessary only to deter¬ 
mine two constants, namely 6 i and K. This may be 
done with continuous current. In some instruments, 
A’Inus a negligible or zero value. 

The quadrant electrometer may be used in measuring 
a-c. power with either full or a fraction of the full 
voltage applied to its needle. In the case where full 
voltage is used on the needle, equation (37) holds. 




= J F cos < 1 > 4- 


PRi 

2 


(37) 


In case.s where a fractional part of the full voltage is 
applied to the needle, equation (42) holds 


[ (^] 


2 bi 


X 


n 6 

= J F cos 4» 4- 

Jtii 


2- w. 
2 


P Rt 


(42) 

These equations hold for all values of the power factor 
both lagging and leading. 

The general power equation of the quadrant electrom¬ 
eter for a-c. circuits is given by equation (44). 


—^ d-v.y.- 



(44) 


Here is th® voltage applied to the needle and F^ 
is the voitage applied to the quadrant pairs. In using 
this equation both are to be expressed in their vector 
form. By means of equation (44) it is a simple matter 
to determine what the instrument will read under any 


conditions in an a-c. circuit. 

The experimental data presented amply proves the 
theory given in this paper. 

The author wishes to thank Mr. W. W. Hill and 




774 


KOUWENHOVEK: THE QUADRANT ELECTROMETER 


Transactions A. I. E. E. 


Mr. G. A. Irland for their assistance in the experimental 
work. 

List of References 

1. Simons: Bibliography for Dielectrics^ Transactions 
A. I. E. E., Vol. 41, p. 601,1922. 

2. Maxwell: Electricity and Magnetism, Vol. 1, 3d edition, 
Clarendon Press p. 336. 

3. Zeiischrififm Instrumenten Kunde, Vol. 23, p. 97,1903. 
Zeitschriftfur Instrumenten Kunde, Vol. 26, p. 147,1906. 
Zeitschrift fur Instrumenten Kunde, Vol. 28, p. 61, 1908. 
Zeitichrift fur Instrumenten Kunde, Vol. 29, p. 33, 1909. 
Zeitschrift fur Instrumenten Kunde, Vol. 33, p. 97, 1913. 

4. Walker: Transactions A. I. E. E., Vol.49, p. 1035,1902. 
Skinner: Transactions A. I. E. E., Vol. 19, p. 1042,1902. 
Rayner: Journal, Institute of Electrical Engineers, p. 319, 

1914. 

Whitehead: A. I. E. E. Paper on- Gaseous Ionization in 
Built Up Insulation, presented June, 1923. ‘ 

6. Simons and Brown: A. I, E. E. Paper on Electrometers for 
Measurement of Dielectric Loss, presented February, 1924. 


Discussion 

J. B. Whitehead: Those of us who have had occasion to 
measure ^all values of dielectric loss with the quadrant electrom¬ 
eter instrument, know of the apparent facility and convenience 
of that instrument. I say ‘‘apparent” because we also know that 
we soon run into many entirely unexpected and apparently in¬ 
explicable phenomena in connection with the instrument. In 
the literature we find a great deal on the instrument and think 
. we will be able to clear up our difficulties. As we go on, however, 
we find that the points of view of the several people who have 
written on the quadrant electrometer often differ. The several 
authors introduce different constants and we are left with a 
large number of constants, whose relative Importance we are 
unable to determine easily. 

I think that Dr. Kouwenhoven has rendered a very important 
service, in that he has considered the quadrant electrometer 
from its simplest stage as represented by Maxwell’s equations, 
in which we find every coefficient of induction which is required 
by a system involving three elements. Some of the constants 
win change with the deflection of the instrument. The service 
he has rendered is to show that used as a power instrument, many 
of’ these constants disappear, either through mutual neutraliza¬ 
tion or because they happen to be so small as to be negligible. 
He has thus brought the instrument to a point where it is shown 
to be reliable through the determination of only two constants, 
and these two constants can be determined by d-c. measurement. 

D. M. Simonss Anyone -who has had much practical ex¬ 
perience with the quadrant electrometer has found that the so- 
called constant of the instrument is usually by no means what its 
name implies; we usually found that the constant would have 
different values at different voltages, and until certain adjust¬ 
ments were made, it would vary with the magnitude of deflection. 
It gave one rather a lack of confidence in the fundamentals of 
the theory of the instrument, because Maxwefl’s equation was 
based on ■the constancy of the proportion between the deflection 
and the total load. There have been some indications in print 
that the relationship did not hold good, such as Orlich’s article 
in the Zeitschriftfur Instrummtenkunde about ten year§ ago and 
the article by Cantutti in VElettricista in 1923, and the matter 
has been in the minds of a great many people, -without any defl- 
nite solution. I think, therefore, that Dr. Kouwenhoven is all 
the more to be congratulated on having solved the question so 
•thoroughly in a quantitative manner. 


Personally, I find it rather difficult to mention the quadrant 
electrometer without discussing the zero method, and the subject 
is not entirely inappropriate, because one of the main advantjiges 
of the zero method is that no knowledge of the constant is re¬ 
quired. We described a zero method last year before the 
Institute,^ which I believe is very practical, the deflection being 
brought back to zero merely by the insertion of a resistance in the 
needle circuit, the value of power factor of the load being calcu¬ 
lated in terms of the resistance required. Using any zero method 
■with the electrometer, there are certain great advantages; a 
straight-line constant is not necessary, and thus there is much 
greater freedom in the design of the instrument. The sotting is 
practically independent of voltage fluctuations, and thus the 
measurements may be made much more accurately and quieldy 
than with a deflecting instrument where the needle will swing 
■with every fluctuation of voltage. The reading with the zero 
method is proportional to power factor, while in the deflection 
method it is proportional to watts, and thus the zero method is 
more suitable for the measurement of ionization. 

S. L. Gokhale: 1. To begin with, I suggest that the title 
of the paper be changed to “Electrostatic Wattmeter;” in the 
past, all the valuable literature on this subject has been indexed 
under the head “quadrant electrometer,” and it is generally 
overlooked by those who are searching for information on 
methods for measurement of power. 

2. Tables IV, V, and VI constitute a very convincing demon¬ 
stration of the reliability of this typo of wattmeter, for loads of 
low power factor, but all the cases treated by the author are 
loads of no distortion. The particular case I am interested in, 
is the case of core loss in iron for flux density near saturation, 
involving not only a very low power factor but also a serious 
distortion of the cuiTent wave, with a possibility of distortion of 
the voltage wave also. It seems to me that the instrument 
would prove very satisfactory for this purpose also, but I would 
prefer to have the fact demonstrated, if possible. 

3, The question of instrument error, that is, error characteris¬ 
tic of the instrument, irrespective of the nature o‘f the load, is also 
quite important. On this point, I suggest, by way of experiment, . 
the measurement of core loss in an air-core transformer (i. e., 
mutual inductor); as there is no real loss to be measured, any 
apparent loss would obviously be the instrument error. Another 
experiment directed towards the same end would be the measure¬ 
ment of core loss in iron-core transformers at low flux density by 
the electrostatic wattmeter, and also by the electro-dynamometer 
wattmeter. 

4. As to the mathematical development of the final working 
formula (omitting the correction for errors), it may be noted that 
the author has given two equations. Nos. (42) and (43). Equa¬ 
tion (42) is theoretically the final form in which the variation in 
the coefficient of torque due to variation in the voltage of the 
needle has been taken into account. Equation (43) is a simpli¬ 
fied practical final form of equation (42), assuming the coefficient 
of torque to be constant and independent of voltage. In the 
several experimental demonstrations given by the author, this 
coefficient is either really constant, the working voltage having 
been maintained constant for each series of tests, or practically 
constant and regarded as such by the author himself. In other 
words the final working formula is equation (43), not (42). 
In view of this fact, it may be of interest to know that equation 
(43) can be derived directly from the well-known fundamental 
equation, that is, from equation (11) of Prof. Kouwenhoven, 
without the intermediate thirty equations which needlessly 
discowage an average reader. I do not intend to suggest that 
equation (42) together with the mathematical development which 
leads to it, is aU unnecessary. It is ea.sy to believe that ocear 
sions will ari se where the nature of the work in hand calls for a 

I. The Quadrant Blectrometer for the Measurement of Dielectric Loss, 
by D. M. Simons and W. S. Brown, A. I. EJ. B. Journal, December 1924, 
page 1147. 
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variation of voltage, which would make equation (42) indispen¬ 
sable. In view of this possibility, I might suggest that Prof. 
Kouwnnhoven extend his experiments to the case of varying 
voltage, other variables being maintained constant for the time. 
It would be interesting to have it demonstrated that the co¬ 
efficient of torque follows the law formulated in equa¬ 
tion (42). 

W. B. Kouwenhoven: The quadrant electrometer is an 
electrostatic instrument and measures root-mean-square values 
exactly. Its readings are independent of wave form and fre¬ 
quency. The capacity-load measxirements referred to in Table 
VI were made with energy supplied from a generator that does 
not give a pure sine wave. Under these conditions the current 
wave was badly distorted; nevertheless, the results checked 
closely. I am sure that the instrument could be successfully 
used in measuring core loss in iron samples. 


As stated in the paper, equation (43) is only a special case of 
equation (42). Equation (43) may be directly derived from 
Maxwell’s equation (11). 

In using an instrument it is always desirable to have a straight- 
line constant, but this is not possible in all electrometers for the 
reasons mentioned in the paper. In some electrometers the con¬ 
stant varies considerably with the needle voltage. In the electrom¬ 
eter referred to in the paper the constant varied as follows: 

Needle Voltage 55 volts; Constant 72 Table V 
« « 100 “ “ 71.8 " IV 

« « 400 « « 69.7 « VI 

This electrometer was used later with voltages as high as 1800 
volts on the needle. At this voltage its constant was found to be 
33.8. This clearly shows the effect of the variation in voltage 
upon the constant of the instrument. 


A New Method and Means for Measuring 

Dielectric Absorption 

BY RALPH E. MARBURY* 

Associate, A. I. E. E. 


Synopsis.—The ‘progress of practically all decirical apparaim 
is to a large degree dependent on progress in insvlation. The 
successful selection, and use of insulalion^ particularly insulation 
operated with maximum economy as in the case of static conr 
denserSf depends on our progress in the understanding of the 
factors on which insulation quality depends. 

It has long been known that for a given working condition^ 
reliability depends on dielectric losses^ particularly the losses 
commonly referred to as hysteresis losses. 


The hysteresis loss is definitely related to the phenomenon of 
absorption or residual charge^ especially when the residual voltage 
quickly builds up. 

In order to further analyze dielectric losses, and study the progress 
of treatment of insulation, a device has been developed for measuring 
dielectric absorption. 

This article describes the **Dielectric Lag Meter^^ and gives 
some test data secured by it. 


I. Introduction 

T he importance of insulation to the progress of the 
electrical art is well recognized. This is especially 
so in apparatus where insulation is operated with 
maximum economy, as in the case of condensers and 
cables. Possibly the most important of all insulation 
from the standpoint of relation to the cost and reli¬ 
ability of the apparatus is that used in condensers, 
since in condensers the insulation is the vital element, 
the active part, and fundamental to the device itself. 
More than that, the quantity of insulation varies 
inversely as the square of the stress at which the mate¬ 
rial is worked. The working stress must at all times 
be well within limits which have been established as 
reliable; nevertheless as we acquire knowledge of the 
fundamentals of insulation, we shall be able to fabricate 
it more economically and operate with less, but more 
definite, factors of safety. 

Insulation may be divided into two general classes; 

*Westing]iouse Elec. & Mfg. Co., East Pittsburgh, Pa. 
Preserved at the Annual Convention of the A. I. B. E., 
Saratoga Springs, June 


viz,, (1) that occurring in a natural state, (2) that 
which is created by combination of other materials. 
Under the first class we have mica and similar sub¬ 
stances, while under the second class we have fibrous 
spacer materials impregnated with oils, waxes, or 
similar substances. The practical disadvantage of the 
first class is that the quality is not under our control. 
We can only make suitable tests to select the material of 
satisfactory quality. Insulation of the second class, 
while of a complicated nature, is subject to closer Con¬ 
trol since practically all the materials making up* the 
structure may be controlled to a greater or lesser degree. 
It is only necessary to exercise the proper control when 
a means is available by which the quality of the various 
materials can be studied separately, combined, and 
during the process of combination. 

The advantages of oil-impregnated paper insulation 
are now fully recognized and this type of insulation 
has been used with success for many years. This iorm 
of insulation can be used in large quantities due to its 
inherent imifonnity. A closer control, however, during 
impregnation, will result in still greater gain, since a 
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large mass of insulation may be treated imtil every unit 
of its volume is of satisfactory quality. The principal 
advantages of oil-treated paper insulation are the 
high quality of oil as an impregnating medium, the 
circulating or heat distribution qualities, and the 
thoroughness with which it impregnates the material. 

It is extremely important that practically all the 
moisture be removed from the paper before the intro¬ 
duction of oil, and, in fact, the characteristics of the 
dielectric consisting of high grade paper and oil depend 
almost entirely on the completeness of moisture removal 
before impregnation. 

Many methods have been developed whereby the 
finished condenser, or cable, may be tested for dielectric 
losses. Such tests are extremely important, especially 
when one is concerned with the efficiency or tempera- 
tui;e rise. On the other hand, these tests give only the 
result of imperfections and not the nature of the losses. 
In other words, the losses in the condenser may be 
caused by losses in the metal plat^, conduction losses, 
or the so-called hysteresis losses in the dielectric itself. 

It is desirable not only to analyze these losses but 
to make the tests on the condenser during treatment. 

In the case of 60 cycles, practically all of the loss 
is in the insulation itself, rather than in flie metal plates 
or due to conduction through the dielectric. It is 
generally agreed that the losses in the insulation are 
directly related to the phenomenon of absorption. A 
m^ure of absorption during treatment should swve 
as a very effective quality control. 

A device for conveniently measuring absorption has 
been work^ out and it is the purpose of this paper to 
describe this device in detail. 

II. Diblbctbic Absorption 

When a condenser having a perfect dielectric is 
connected to a source of electromotive force, it , im¬ 
mediately takes up a quantity of electricity, Qo, which 
is proportional to the voltage 

Qo ~ Co E 

where Co is the geometrical capacity, or the capacity 
based on the phypcal dimensions of the insulation 
and specific inductive capacity. 

However, in the case of an imperfect dielectric, the 
above does not complete the process. The quantity 
Qo mereases with lime until a final value, Q„, which 
exceeds the value Q# by a certain fraction K, is reached. 

Q«, = il + K)Q,E 

This ch^acteristic of insulation has been given the 
name of dielectric absorption and the key to an under¬ 
standing of insulation losses Kes in the thorough 
und^tanding of this phenomenon. 

As stated above> the initial quantity of electricity 
^y be represented by Qo. This is also the quantity 
that will be dissipated on a quick short circuit or dis- 
^arge through a low resistance. Thus, when a con¬ 
denser IS charged, discharged, and then left open-cir¬ 


cuited, a voltage will build up with time across its 
terminals. The rate at which this voltage builds up, 
and the magnitude of the voltage for a given condenser, 
depends on the time of charging and applied voltage. 
With different condensers, the shape of this residual 
curve, especially when different applied voltages are 
considered, depends on the quality of the insulation. 

Our work has indicated that these curves, if fully 
understood and analyzed, will provide a measure of at 
least the major factors on which dielectric quality 
depends. 

The most desirable method for measiffing absorption 
direct is to charge the condenser for an arbitrary, but 
short, length of time, then discharge it through a very 
low resistance to eliminate the quantity Qo, and measure 
the residual voltage as it builds up after discharge. 

The subject of dielectric absorption has occupied the 
minds of many investigators over a long period. There 
are some who account for it entirely on the basis of 
heterogeniety, while others consider it of a more com¬ 
plicated nature. 

F. W. Grover* has reviewed a number of these theories 
and analyzed them quantitatively. 

K. W. Wagnerf has made a careful study of the 
Maxwell t theory of absorption and has applied it to a 
more complicated dielectric structure. 

Dippiculty op Measuring Absorption 

Many investigators have measured absorption by 
charging the condenser, discharging it, and immediately 
connecting awoss its terminals an electrostatic volt- 
metOT. This is not wholly satisfactory, since the 
static voltmeter has a large time lag and fails to Indicate 
the values of voltage during the most important part 
of the residual-voltage curve. Our tests of this kind 
showed that the part of the residual curve occurring 
during the first ten seconds is not secured. Further 
investigations showed first, that the most important 
part of the residual voltage curve occurs within the 
first second, and secondly, that after a few seconds the 
true shape of the residual curve is distorted by leakage 
current due to the over-all insulation conductivity. 

It is desirable, therefore, to make the absorption 
measur^ents within one second after discharge, and 
a si^cient number of measurements should be taken 
during this period of time to establish with reasonable 
accuracy the shape of the curves. 

The Dielectric Lag or Absorption Meter 

The dielectric lag meter measures the instantaneous 
values of voltage across the condenser by direct com¬ 
parison with known voltages. 

*P. W. Grover, BuUetia of the Bureau of Standards No. 4, 
December 15,19H. 

tK. W. Wagner, Theory of Dieleotrio After Effect in the 
Light of Maxwell’s Notions. 

Archiv fur Elekirotechnik, Vol. 2, No. 9, 1914. 

JClerh Maxwell, Eleciriciiy and Magnetim, Vol. 1, page 
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The apparatus consists of an arm switch rotating at a 
constant and known speed, a potentiometer for varsdng 
the value of the known voltage, a galvanometer circuit, 
and a means for selecting the instant of time at which 
the measurement is to be made. 

The diagram in Fig. 1 shows the rotating arm 
switch with twelve stationary contacts, the galva¬ 
nometer and potentiometer circuits, and, in addition, 
a variable resistance in parallel to the condensers. 
The variable resistance is not used in making residual 
voltage curves, but is provided for making discharge 
curves which are descinbed later. 



Fkj. 1 —Diaoiiam ok Connbotions op DiJiii.BCTBic Lao Meteu 

Three different types of test which may be made by 
mesins of this instrument have been found to be of 
particular value: 

A. Residual voltage against time, 

B. Residual voltage against applied voltage, 

C. Discharge curves wi% condenser and resistance. 
The methods of making these tests are discussed 

separately and in detail to illustrate the operation of 
the instrument. 



PiQ, 2 —Internai. View op Dielectric Lag IS^eter 

A. Residual VoUage Against Time. The condenser 
to be tested is connected at terminals marked C in 
Fig. 1. The shunt resistance is disconnected for this 
test. The two terminals marked D. C. are connected 
to a source of direct current. The other two terminals 
are connected to the 110 volts, 60 cycles, for operating 
the synchronous motor driving the arm switch. 


Two segments are used for charging and discharging 
the condenser, while the other ten segments are used for 
measuring the residual voltage at various values of time 
after discharge. 

The charge and discharge segments are connected to 
the line and discharge resistance, marked 60 ohms on 
Fig. 1, by means of the switches C, Z>, C, D, so that 
when the arm is rotating counter-clockwise the first 
segment will charge the condenser to the applied voltage 
and the second will discharge it. The width of the 
charging segnients and the space between it and the 
discharge segment are such as to fix the charging time 
at 0.111 seconds. The discharge resistance is made 
just high enough to prevent damage to the segments 
on the discharge and not high enough to fail to discharge 
the initial quantity Qo. 

In making the tests, the arm makesc ontact first with 
the charging segment, then with the discharge segment, 
and then makes a complete revolution and charges 
again and so on at a constant rate. Each time the 
arm leaves the discharge segment and as it makes its 
revolution a residual voltage develops each time 
taking on the same values for the periods of time corre- 
. spending to the segments 1, 2, 3 to 10, consecutively. 

While this is going on, the time-setting switch, shown 



Pin. 3—Front View op Dielectric Lag Meter 


on diagram Pig. 1, is set on contact one and tbo potent 
tiometer voltage adjusted until the potential of segment 
No. 1 is the same as that of the rotating brush at the 
particular instant of time that it comes in contact with 
segment No. 1. This condition is obtained by ad¬ 
justing the potentiometer until the galvanometer fails 
to reflect in either direction, when the arm mak^ con¬ 
tact with this segment. When the balance is ob¬ 
tained, the voltage setting of the potentiometer is equal 
to the condenser voltage at the instant of time corre- 
sppnding to the position of segment No. 1, which is 
located 0.111 seconds after discharge. This is repeated 
for segments 2, 3, 4, etc., thus giving 10 points on the 
residual curv6, 0.111 seconds apart. 

B. Residual Voltage Against Applied Voltage. In 
this case the time-setting switch is left in some one 
position and the residual voltage measured for different 
applied voltages by balancing with the potentiometer 
as in a. 

C. Discharge Curves with Condenser and Resistance. 
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Discharge curves are less important than the residual 
voltage curves, since more factors are involved. The 
departure of the curve on a condenser from the theoret¬ 
ical equations 

- L 

B = EtXe''‘ 

is quite noticeable with the slightest amount of absorp¬ 
tion. This is especially true with discharge curves of 
vepr short duration and the lag meter is especially 
suited for making these discharge curves. 

In making discharge curves, the charge and dis¬ 
charge segments are changed so that the condenser is 
first discharged and then charged to line voltage. This 
is accomplished by means of switches C, D, as will be 
seen by referring to Fig. 1. In this case the condenser 
voltage is that of the line voltage when, the arm starts 
its revolution and drops during the course of the revo¬ 
lution, due to the discharge resistance which is shunted 
aCToss it. The variable discharge resistance should be 
set at a value depending upon the capacity of the con¬ 
denser, so that the voltage at segment 10 will be of the 
order of one volt, thus giving 10 points on the dis¬ 
charge curve. Steeper discharge curves may be made, 
if desired, where the voltage has ah^dy reached practi- 


rtf) 



^Model Condbnsee to Illustrate Maxwell’s 
Thboet op Absorption 


values of R. If the distribution according to values of 
R does not agree with the distribution for the values 
of C correspondingly, a shift will take place in the 
stored- charges. This charge represented by the shift 
from the normal condition will not come out instan¬ 
taneously when the condenser is discharged, but will 
come out with time after discharge, resulting in a 
residual voltage. 



0 (X2 04 0.6 08 IX) U 

SECONDS 


Pici. 5 —^Residual Voltage Against Time for Modrl 
Condenser Shown in Ftn. 4 

A model condenser was constructed to illustrate this, 
and measurements of the residual voltage were made 
with the lag meter. This model consisted of two 
condensers Ci and C-t shunted by a resistance Ri and R^ 
as shown in Pig. 4. No attempt was made to make 
the values representative of an actual condenser. 
The two condensers used to make this test had ex¬ 
tremely low residual voltages, so that for all practical 
purposes the residual values obtained were due only 


^ly zero value at segment two or four or even one. 
The values of voltage for segments from one to ten 
consecutively are determined as before. 

The det^s.of the device, especially the arm switch, 

^ shown in Fig. 2 . The front with all control knobs 
IS shown m Pig. 3 . 

Diblectbic Absorption Measurements with “Lag 
Meter” 

Three types of test are described below to illustrate 
the performance of the device: 

1 . Didecteic absorption tests on a model condenser 
m^e to Illustrate Maxwell’s theoiy of absorption. 

Dielectric absorption tests on a paper condenser 
dunng removal of moisture to show effect of moisture 
removal on absorption. 

3. Tests on miscellaneous power condenses. 

1. Model Condenser 

^ Treatise on 

Electncity and Magnetism that a dielectric having a 

vanation m the product of i 2 and C at varous points 
would exhibit the phenomenon of absorption. That is, 
the mifad voltage distribution would follow the values 
of (7 and a later or final distribution would follow the 



Against Applied Voltage 

to the fact that Rt Ci was not equal to R 2 C*. Tests 

oKt? ^ residual voltage 

^ obtmed m excess of that which would ex 5 t 
without the resistances. 

as 

snown m Fig. 4 is given in Pig. 5 . 

voltage against applied voltage for T 
after diecharg. . x.u 
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This shows that the residual voltage is proportional 
to the applied voltage for such a model as would be 
expected from Maxwell’s equations. 

Fig. 7 shows discharge curves made, using the above 
model and with resistances of 31,000, 50,000,135,000, 



SECONDS 

Pig. 7—Shows Disohabgb Curves Made Using Modei. Pig. 4 

and 400,000 ohms. The model follows qualitatively 
Maxwell’s theory of absorption. 

2. Dielectric Absorption Tests 
ON Condensers During Treatment to Remove 
Moisture 

A stacked paper condenser having a capacity of 
approximately 3 microfarads was dried in an oven with 
vacuum in order to remove moisture, in accordance with 



SECONDS 

Pig. 8—Residual Voltage Against Time on a Condenser 
During Moisture Removal 

the usual process. Five residual voltage curves were 
taken, one just after heat treatment before vacuum was 
applied and the other four during heat treatment with 
vacuum. In each case the condense was allowed to 
cool to 22 deg. cent, before making the test. The five 
curves in Fig. 8 are identified as follows: 

a. Heated the day before 6 hours at 60 deg. cent. 

b. Heated the day before 6 hours at 100 deg. cent, 
and 27 in. vacuum. 


c. Heated the day before 6 hours at 100 deg. cent, 
and 28 in. vacuum. 

d. Heated the day before 6 hours at 100 deg. cent, 
and 28 in. vacuum. 

e. Heated 16 additional hours at 100 deg. cent, and 
28 in. vacuum. 



Pig, 9—Residual Voltage Curves on Typical Power 
Condensers 

As the moisture is removed from the dry paper con- 
denser, the residual voltage decreases to a value which is 
practically immeasurable, as shown by the above curves. 
This is due to the fact that the dry paper has very little 
absorption in itself. 



VOLTS 

Pig. 10—Residual Voltage Curves Against Applied 
Voltage por Typical Power Condensers 

\ 

3. Tests on Miscellaneous Power Condensers 
In order to illustrate the values of residual voltage 
obtained with average commercial power condensers, 
cmwes are given in Fig. 9 for five different condensers, 
each of the same style but varying somewhat in 
quality. These curves show that for a very high 
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•quality condenser, having losses of about 0.2 per cent 
^ designated by Curve No. 2, the residual voltage is 
very low, while for a condenser having power losses 
such as 0.5 per cent the residual voltage is very much 
higher, as shown in Fig. 8, Curve No. 5. It must be 
borne in mind, however, that a direct comparison 
cannot be made between losses and residual voltage 
unless all factors are taken into consideration, and in 
fact, the exact relation existing has not been definitely 
•established. These tests are made on 5-kv-a.,‘2300’- 
volt condenser units. 

Fig. 10 gives the five residual voltage curves against 
the applied voltage for the same condensers as covered 
by Fig. 9. Corresponding numbers are given to the 
two sets of curves for comparison. 

It is of greatest importance to note that in Fig. 10 
the residual voltage curves against applied voltage have 
a saturating characteristic, that is, at some voltage for 
each condenser the residual voltage reaches a maxim um 
value or approaches a maximum value as a limit, in¬ 
stead of being at all times proportional. It is of even 
more interest to note that the higher the quality of 
the condenser, the smaller the angle of rise becomes. 
Conclusions 

All tests to date indicate that the residual voltage 
■against applied voltage and residual voltage against 
time are of greatest value. 

The saturating characteristics of residual voltage 
■against applied voltage appear to be the most im¬ 
portant of all, in that it follows so closely the over-all 
quality of the condenser and it is our opinion that a 
thorough understanding of this curve will result in a 
better understanding of the factors on which insulation 
quality depends. This saturating characteristic is not 
accounted for by previous work or theories, so far as 
we have been able to learn. 

The immediate value of the absorption test is in 
determining when the moisture has been removed from 
the paper during treatment, so that in no case will the 
oil be applied until the moisture has been removed. 

A measure of absorption may show the progress of the 
oil in reaching the microscopic crevices of the fiber. 

After the factors affecting the absorption are under¬ 
stood, absorption tests may be of value in periodically 
testing cables in service, to show stratified deteripration 
and serve as a means of anticipating cable failures. 
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Discussion 

J. B. Whitehead: We have not had sufficient recognition of 
the importance of dielectric absorption as a factor in the question 
of dielectric loss. Modern theory of dielectric behavior, such as 
it is, is directed more and more toward the explanation of 
dielectric loss in terms of dielectric absorption. That is not to 
say, however, that we are getting to understand the fundamental 
character of this loss any better, because there is no more 
obscure phenomenon than that of dielectric absorption. 

We have Maxwell’s theory of absorption, but Maxwell’s 
theory has not been confinued by quantitative measurements, 
and, indeed, there are many indications that it must be modified 



in some way. However, the actual phenomenon itself is rela¬ 
tively simple; that is to say, we can make certain measurements 
on dielectrics which will give us certain curves, and if we express 
these curves in terms of mathematical functions it is possible to 
substitute these functions in our simple a-c. power equations and 
we get expressions for dielectric loss, phase difference, and specific 
conductive capacity, which go far toward .explaining their 
variations with such quantities as voltage, frequency, and to 
somewhat less extent, the temperature. So it is particularly 
important that wo should have a paper on this subject. 

I find, however, in considering Mr. Marbury’s method that it is 
subject to one very serious limitation. One of the best ways of 
representing the phenomenon of absorption is to plot a curve 
as ill Pig. 1 between the charging current of the condenser 
containing the dielectric and the time; that is to say, if we take a 
condenser which has been lying idle a long time, and suddenly 
apply a continuous voltage, measuring the current, we find a 
curve approximately asymtotic to the axis of time, but which, in 
most cases, reaches a final steady value. In a few very perfect 
dielectrics only does the curve come down to the horizontal axis. 
This curve can extend over a very long period of time, days or 
even months. • 

For example, in 60-oyele circuits, we have complete reversal of 
voltage in a very short interval of time and consequently any 
influence of this absorption curve must pertain to a portion of the 
curve which is extremely near its starting point, S. The great 
trouble that has been found in linking up the phenomenon of 
absorption with losses as we observe them has been the dif'^ 
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fioulty of determining the shape of this curve for extremely short 
intervals of time. 

In the cycle represented by Mr. Marbury’s instrument, he 
charges the condenser for 1/10 see., the quantity of charge being 
represented by the area A of the figure. He then discharges it 
for about the same interval of time (1/10 sec.), the quantity 
discharged being shown by area B. Now, there is a law not 
very gonei’ally spoken of, connected with this phenomenon of 
absorption. This is called the “Principle of Superposition,’* 
It was first noted by Sir John Hopkinson in some of the earliest 
and best work that has over been done on dielectrics, and it was 
confirmed beyond question by J. Curie. It states that if you 
start ono of these absorption curves, and then make any change, 
whatever, in voltage, the succeeding behavior of the dielectric 
will be as though you superimposed upon the initial curve the 
curve represented by the change of voltage when acting alone. 
In the figure, this means that when dielectric is short-circuited it 
behaves just as though we had applied a negative value of the 
voltage equal to the charging voltage. The discharge curve is 
exactly shnilar to the charging curve, but refers to the charging 
curve instead of the horizontal axis. In other words, it says the 
preceding state of the dielectric persists with the change in 
voltage applied to the initial curve, and not to the horizontal 
axis. So, also, the discharge curve which Mr. Marbury gets 
is subject to the same law. 

But what does he do? He has discharge for only a period of 1 /lO 
sec. and then allows the residual voltage to rise for a period of 
9/10 sec. but then he stops! Idis voltage residual due to the 
first cycle is represented by the progressive integration of the 
area C; that is, all the residual due to areas B and D are not 
included. 

If the discharge interval stops before the dielectric is com¬ 
pletely discharged, represented by the full area under the dis¬ 
charge curve, he has not measured his residual voltage accurately. 
The observations he makes appertain to the particular cycle 
represented by his instrument, because his next chargingcycle 
rises to a lower value and the successive discharge curve will 
also be a little less; but something more will be added to the 
foregoing residual. He is measuring the sum of a succession of 
those intervals, each one being less than the preceding one. So 
ho is measuring something that is certainly due to absorption, 
but it is peculiar to the particular cycle he is using; namely, 
1/10-sec. charge and discharge and a 9/10-sec. residual; The 
1/10-soc. interval is of no great interest because it is not short 
enough for information &s to 60 cycles. Hopkinson* s investiga¬ 
tions showed that a condenser, so far as the initial static charge 
is concerned, will be discharged in an interval in the order of a 
1/17000 sec., the residual curve then starting. So in Mr. 
Marbury’s instrument the discharge interval allows a large 
portion of the absorption to escape in the short circuit. 

I am sure that Mr. Marbury’s instrument will be of great 
value in testing the relative absorption properties of dielectrics, 
particularly those in which most of the discharge will take place 
within the interval of the instrument itself, but I think it ought 
to be clearly understood that it does not measure the true 
absorption curve and that what it measures is peculiar to this 
particular instrument. 

Arnold Roths It is interesting to note the different opinions 
on the importance of the losses in cables. We have worked on 
this question in Europe and our cable manufacturers also used to 
give much importance to this factor, 

I should like to point out the difference in the imporuanoe of 
these losses in two lands of materials, namely, (a) cable with 
relatively moderate outside temperature, (about 40 deg. cent.), 
and (b) materials which I should like to call “high-loss” ma¬ 
terials, like bakelite, sheUaC, paper, etc., in oil of high tempera¬ 
ture (70 to 80 deg. cent.). The importance of the losses for 
those two lands of materials from the practical point of view is 
quite different. 


To make it clear, I should like to speak of two kinds of bi-eak- 
downs. On one side we have what we call the “real electrical”^ 
breakdown. It is known to all of us. It occurs in orie-minute- 
tests, one-second tests, or l/IO-second tests. Its physical 
details are not explained. On the other side there is another 
kind of breakdown which I should call “heat breakdown” or* 
“loss breakdown.” It was explained by Steinmetz, Wagner,. 
Dreyfuss, and others, and is based only on the specific losses 
and the heat conductivity. You will remember that in insula.t- 
ing materials there are losses, and the losses increase very fast as 
the temperature increases. If you have some kinds of material 
and apply a voltage, it will create losses and the losses are 
transformed into heat. The heat makes the temperature rise, 
and you may reach a balanced state or an unbalanced state^ 
depending entirely upon the voltage impressed. 

This effect might be illustrated by the curves in Fig. 2 herewith,, 
representing losses plotted against time. Curve refers to- 
a voltage Ft ; Curve F 2 to a somewhat higher voltage B 2 . Tho 
object measured might be a bushing of the paper type (with or 
without condenser layers). In the first case, an equilibrium is 
reached after some hours; in the second case breakdown occurs. 

It is possible to predict the voltage at which this breakdown 
occurs before having made any tests, provided you know the 
specific losses of the material and the heat conductivity. An 
accuracy of 10 to 15 per cent is possible. I say that in order to 
show that this phenomenon is not simply an assumption but 
that it is a calculable fact. 



Fig. 2 

Now, to get back to the point from which I started: I repeat 
that there are two kinds of breakdown voltages which may 
exist, namely, the heat breakdown voltage, due only to the 
losses, and the electrical breakdown voltage which, so far as 
known today, has no direct relation to the losses. In your 
cables, you have now very low losses and if you calculate the heat, 
breakdown voltage for cables, you wiU see that you will come to 
about 180,000 volts in sustained service. You will see that 
today this heat breakdown voltage is of no importance whatso¬ 
ever in connection with cables. 

I do not wish to be naisunderstood. Although the direct 
effect of the losses does not enter into consideration, that does not 
ihean that loss measurements are of no importance. Loss 
measurements do give very interesting indications about moisture, 
regularity of manufacturing processes, and so on. 

The heat breakdown voltage is quite another thing in bakeli^. 
You are using it in hot oil in transformers; it may be at 60 to 
90 deg. cent. In addition there are the specific losses of the 
material itself, so that you get there a limiting voltage of 60 kv. 
It might vary from 40 to 70 kv. You may be astonished be¬ 
cause I apply such high voltages to bakelite. In speaking of 
those breakdown voltages, I am speaking of the case where you 
have only a unidirectional flow of heat; In a bushing you may 
have a dissipation of heat in the direction of the axis also, and 
the tension will be higher than that. 

You see now that the electrical breakdown voltage for the 
cable is below this heat breakdown voltage and so the hdat 
breakdown voltage is not of interest for cables. But it is quite a 
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different thing for bakelite. For bakelite the electrical break¬ 
down voltage is above 60 kv., so the heat breakdown voltage is 
interesting. I know very many eases of commercial design 
where the heat breakdown is the governing factor. 

Delafield DuBois: Mr. Marbury’s paper, and Pig. 8 in 
particular, add to the data that we already have linking ab¬ 
sorption, dielectric phase difference, and dielectric loss with 
moisture. Now th,e behavior of moisture in a dielectric under 
electrical stress, and particularly in a fibrous dielectric, is a most 
complex phenomenon. The moisture is strongly held by surface 
tension but is acted on by electrical forces tending to form it 
into conducting paths. Complicating this is the fact that the 
passage of current through these paths tends to disrupt them by 
heat generated in the paths. 

If we had a dielectric containing a high resistance path em¬ 
bedded in it and partially bridging it, we would have the e<iuiva- 
lent of the model condenser shown in Fig. 4 of the paper, and 
such a model would give a residual voltage curve as given in 
Fig. 6. But if this conducting path were a path of moisture it 
would not remain a fixed path of constant resistance, but would 
be constantly changing in length and resistance and intercon¬ 
nections with other moisture paths under the application and 
removal of voltage, and we should no longer expect a curve as 
Fig. 6. There are so many factors affecting this change that it is 
difficult to give them all proper weight in drawing conclusions. 
But, referring now to Pig. 10, it would seem that above a certain 
voltage the moisture paths, if we may consider them such, tend 
to increase in their effective resistance, acting to improve the 
dielectric. It is as if the dielectric became dryer with the 
increase of voltage. 

It is obvious that for a higher voltage the conducting paths 
carry more current, and it does not seem unlikely that it is this 
current, dispersing the moisture paths, that is responsible for the 
shape of the curves of Pig. 10. 

W. F. Davidsons Mr. Marbury’s paper calls our attention 
to a veiy important phase of insulation behavior and one which 
gives promise of telling much about the fundamental behavior 
of electrical insulating material. The paper also presents a very 
interesting shop method for determining certain aspects of 
dielectric absorption, but I think it would be a mistake to classify 
the method as truly scientific, ^ 

Towards the end of the paper the author calls attention to an 
apparent saturation of the dielectric. In an effort to explain 
this we find a disconcerting lack of detailed information as to the 
apparatus used and the test procedure. For instance, the 
diagram of connection indicates a 110-volt d-c. supply for 
charging the condenser and we are without information as to 
the means used for varying the' voltage in the individual tests. 

If this is done by means of a series resistance, certain results 
would be expected, while if it is done by varying the voltage of a 
battery with low internal resistance, tlie results would have a 
somewhat different characteristic. Furthermore we have no 
exact data as to the duration of the contact, either for the 
purpose of charging or for the purpose of discharging the con¬ 
denser. An effort to determine this time by scaling from the 
drawing indicates that the contact has a duration in the order of 
0.03 seconds, which can hardly be considered as a quick short 
circuit. Neither can the 60-ohm resistance be placed in the 
discharge circuit, be called low resistance, although it is quite 
permissible to use this sort of method for shop work. 

In the early part of this paper the author referred to the 
“inherent uniformity” of impregnated paper, but I fear that his 
statements are somewhat misleading and a little too optimistic. 
Those of us who have had experience with high-voltage cable 
with impregnated-paper insulation fully realize that this ma¬ 
terial does not have an inherent iiniformity; if it did have, many 
of the difficulties of the cable manufacturer would be things of the 
past. I must also question the thoroughness with which oil 
impregnates the material, for nmnerous observations have in¬ 


dicated that the thoroughness of impregnation depends in a very 
large measure on the type of fibre from which the paper is made. 
Probably Mr. Marbury’s statement is quite correct for the type of 
paper used in manufacturing condensers, but it is hardly correct 
for some sorts of paper which have been suggested for use in 
high-voltage cable. 

In the last paragraph of his paper the author makes the pre¬ 
diction that a study of absorption may afford a means of pre¬ 
dicting cable failure in operating systems. A method of cable 
testing based upon this idea was described before the Institute in 
1923 by Messrs. Phelps and Tanzer^ and had been further 
developed by several operating companies. In a discussion of 
a paper on testing cable by Mr. Lee® presented at the Mid¬ 
winter Convention of this Institute several aspects of the problem 
were discussed. Special high-speed, curve-drawing instruments 
for recording the data were described and some of the results 
presented. 

Due to the largo amounts of energy involved, the “discharge 
and recoveiy system” such as used for small condensers is veiy 
difficult to handle on long cable. Better results seem to bo 
obtained by observing the characteristic during the period of 
charge. In addition to the advantage just mentioned fi»r the 
charging system as distinguished fx-om the discharge and re¬ 
covery systems, there is the point that the readings are somewhat 
less influenced by the previous history of the cable. This is of 
great importance since the absorption of many of our cables is of 
verylar^e magnitude and unless long times are allowed to elapse 
between successive tests the readings on any one tost maj^ be 
largely influenced by the preceding test value. 

Probably the value of Mr. Marbury’s paper could bo very 
considerably increased if he could include some data taken with a 
electrostatic oscillograph showing the voltage across the con¬ 
denser terminals during a complete cycle of the test, that is during 
the charge, the standing, the discharge, and the recovery periods. 
Such data would be very helpful in explaining the apparent 
saturation of the dielectric previously referred to. It would also 
give a better idea as to the behavior of the contacts and the 
effectiveness of the discharge circuit in removing basic quantity 
of electricity on the basic charge. 

W. E* Kouwenhoven: The device developed by Mr. 
Marbury possesses many valuable features. It is similar in 
certain respects to the apparatus developed by the Bureau of 
.Standards for charging and discharging condensers by the 
method of mixtures.^ All who have used this apparatus know 
that different results will be obtained when the time of the charge, 
mix and discharge cycle is varied in any manner. 

Mr. Marbury in his paper mentions the operation of his 
device at only one speed. It would bo valuable to know what 
results would be obtained with some other cycle of charge and 
discharge and perhaps it would be possible to find ’some speed 
which will give results that would indicate more definitely the 
relative values of different types of insulating materials. 

W, A. Del Mar (communicated after adjournment): A 
century and a half ago, Franklin made a Leyden Jar with re¬ 
movable coatings and found that the charge adhered to the glass 
and not to the coatings. Until throe years ago this experiment 
was regarded as proof that the electric charge was held by the 
dielectric. In 1922, however, Addenbrooke upset this theory by 
repeating Franklin’s experiment but taking special precautions to 
keep the surfaces of the glass absolutely dry, when he found that 
the charge adhered completely to the metal coatings. {Phil. 
Mag. 1922, Vol. 3, pp. 489 to 493). . In Franklin’s experiments, 
the charge which appeared to be in the glass was really botind to 
the moisture films on the surface of the glass. 

2* A. New Method for the Testing of A-0. High-Voltage Paper-Insu¬ 
lated Gables. A. I. B. B. Journal, Vol. XLII, March 1923, p. 247. 

3. Abridged A. I. B. B. Journal, Vol. XHV, February 1926, p. 166. 

4, Curtis, H. L, Bali. Bur. Sids.. Vol. 6, p. 441, 1911. 
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There is moisture within most insulation and it can hold 
charges when the coatings are discharged. They would dis¬ 
sipate slowly through the high resistance of the dielectric, giving 
rise to residual-charge effects. It is therefore not necessary to 
assume the movement of moisture to explain dielectric absorp¬ 
tion. The moisture merely acts as secondary or internal electrodes. 

Mr. DuBois explains the effect of moisture by assuming that 
it collects in threads, stretching between electrodes, absorption 
being due both to the mechanical energy required to build the 
threads and to their influence in promoting the Clerk-Maxwell 
effect by shunting parts of the dielectric. If this were correct, 
the presence of moisture in sufficient quantities to produce 
distinct absorption effects should materially lower the break¬ 
down voltage due to the short circuiting of parts of the insulation 
by these moisture filaments. This, however, is not the case, as 
tests with manila-rope paper impregna^d with petrolatum show 
a distinctly higher dielectric strength when the paper is not 
dried prior to impregnation than when it is dried. 

Research work is now needed to determine definitely whether 
the Clerk-Maxwell effect holds quantitatively in the absence of 
moisture and whether the added effect of moisture can be ex¬ 
plained quantitatively by internal charges. If not, it will be 
time to look into the more complex theories that have been 
suggested. 

E. S« Lee (by letter): The methods of measurement of resid¬ 
ual voltage are of long-time standing. The particular feature 
aascribed to Mr. Marbury’s instrument is that readings are 
obtained at intervals of 0.1 sec. up to 1.1 sec, after the condenser 
has been discharged. The means adopted for doing this ex¬ 
cludes the usual caution that the condenser must be entirely 
discharged so that no residual charge remains for succeeding 
voltage applications. For this reason it would appear that re¬ 
sults obtained by the instrument described by Mr. Marbui^ 
would be a function of the instrument constants. 

Although not specifically stated, it would appear that the 
curves in Figs. 8 and 9 are obtained on comparable condensers. 
On the basis of this assumption it is interesting to note that the 
residual-voltage characteristics of an untreated-paper condenser 
during the drying (Fig. 8) are practically identical with the 
residual-voltage characteristics of treated-paper condensers 
having values of power factor from 0.2 per cent to 0.5 per cent 
(Fig. 9). From a standpoint of voltage rating and effectiveness 
of operation, the untreated-paper condensers would in no wise 
compare with the treated-paper condensers. The similarity of 
residual-voltage characteristics for such dissimilar insulations 
indicates the limitedness of the residual-voltage curves as a 
criterion for the effectiveness of insulation. 

While claims are made by Mr. Marbury that all tests to date 
indicate that the residual-voltage curves are of the greatest 
value, it is interesting to note that while nothing new is pointed out 
by the author resulting from these curves, there is a correlation 
made between these curves and the values of power factor of the 
condensers measured. It would appear, therefore, that the 
correlation between the residual-voltage curves and the life of the 
insulation is not different from what we now know as between 
power factor and life. 

R* £• Marbury: There are of course many causes of insula¬ 
tion losses, such as conduction losses, losses in the metal plates, 
and the so called hysteresis loss. The magnitude of the various 
losses depends a great deal on operating conditions; for example, 
on extremely high frequency the P R losses in the metal plates 
might be of great importance. On commercialirequencies such 
as 60 cycles the hysteresis type of loss is of greater importance, 
since the other losses can be reduced to neglible figures very 
easily. There is every indication that at least the most impor¬ 
tant cause of this hysteresis effect is absorption. 

The long-transient residual curves have been observed for 
many years. It is quite common to receive a severe shock from 
a condenser after repeated attempts to discharge it. Maxwell’s 


theory of absorption explained these long transients very well, and 
many investigators have plotted the residual voltage against time 
over long periods such as minutes, hours or even days after 
discharge. It can be easily shown mathematically that a con¬ 
denser will develop these residual voltages if the products R Cfor 
the various layers of insulation are not constant. 

It has been recognized for a long time that the residual phenom¬ 
enon of this type could not account for 60-eyele losses, due 
to the short duration of charge on 60 cycles, and that if 60- 
cycle loss was to be explained on this basis the same form of 
phenomenon would have to occur at a high .rate of speed. The 
latter would require some very low products E C as compared 
with the values capable of producing the common type of residual 
curves. In view of this, other more complicated theories of 
absorption were conceived, most of them admitting an actual lag 
in polarization. It is quite possible that there is a lag of this 
type but on 60 cycles it must be so slight as to be beyond measure¬ 
ment, and relatively unimportant from the point of view of losses. 

While the model condenser may be only a rough approxima¬ 
tion of a real condenser it may be used to a good advantage in 
discussing the phenomenon. Maxwell’s theory is very useful. 
A model condenser such as shown in Fig. 4 of the paper will give a 
residual curve as shown in Fig. 5. If the values’ Ri and R 2 are 
increased, the time required for the residual to reach its maxiiniun 
value increases. The time required for the model to reach its 
steady state on charging also increases. The values Riand JBomay 
be varied over unlimited range but the nature of the residual curves 
will be always the same. If we use an actual condenser, which in 
reality is composed of many such models in parallel, and charge it 
for a long time, we will obtain a residual curve which may require 
hours to build up to its maximum value. If we repeat this, using 
shorter and shorter charging time, we will find that as the time of 
charging is reduced the residual reaches its maximum value sooner. 
As long as we can continue reducing the charging time and obtain 
the same form of residual curves we are apparently correct in 
assuming that the cause of the residual is the same. Since the 
condenser is composed of many values Ri Cu or R^ C 2 , and since 
it is easily shown that the smaller these products the more 
rapid is the residual transient, it, naturally follows that as the 
charging time is reduced the lower products R C participate the 
• most in producing the residual curves. The same may be said 
for long charging intervals until the charging time is long enough 
for the steady state to be reached for the largest products R C. 
If the charging time is augmented beyond this point the residual 
curve will not be affected. 

The dielectric lag meter was developed to measure the residual 
curves with very short charging periods. The work that has been 
done has shown that the residual curves thus obtained are of the 
same type as with longer charging, thus proving that there are in a 
dielectric products R C which are low enough to explain 60- 
cycle losses, and that the only difference between these residual 
curves and those heretofore obtained is that they build up very 
quickly, as is to be expected. 

The principle of Maxwell’s theory need not be modified. 
However, certain secondary phenomena do exist. The resistivity 
does not remain constant with voltage apparently due to move¬ 
ment of moisture under the influence of the field. Furthermore, 
the lines of force are not always perpendicular to the various 
materials, or to the metal electrodes, but become refracted in 
passing through media having different specific inductive 
capacities. 

Dr. Whitehead spoke of the inability of the lag meter to 
record the entire or true residual curve. If Dr. Whitehead 
considers the true residual curve as that which would be obtained 
if the condenser remained on charge until a steady state is reached, 
then the lag meter will not measure it. Such a residual would 
require hours to develop, and the charging time would be of the 
same order. As stated above, the special object in view in the 
design of this device was to measure the residual that maybe 
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secured with very short charging periods, or where the residual 
obtained is a function of low products R C. 

In the paper the charging period mentioned in several iUus- 
trations is 1/10 sec. It was not intended that this figure be 
considered as important, as the charging time may be varied 
over a wide range during any investigation. The duration of 
discharge may also be varied depending on the data desired. 

Dr. Whitehead mentions the effect of previous charge on 
residual curves, or in other words the “past history” of the dielec¬ 
tric. It is a fact, as can be readily shown, that if a dielectric 
is subjected to a routine charge and discharge a cyclic condition 
is quickly reached where the residual curves will repeat them¬ 
selves very accurately for each charge and discharge, and the 
effect of previous charge disappears. With th6 lag meter this 
cyclic condition is reached long before the first reading can be 
taken, and in any case the galvanometer could not be balanced 
until this condition existed. 

A graphic check on the results that may be obtained in so far 
as accuracy is concerned may be shown as follows: 

Take the case of a model condenser such as shown in Fig. 4, 
but having the following values: 

Cl — 1.89 microfarads, C 2 = 3.11 microfarads, 

Ri = 796,000 ohms, R 2 = 4000 ohms. 

It would be desirable to use for Ci and C 2 perfect condensers, 
that is condensers having no residual of their own; otherwise the 
formula would not hold perfectly. The condensers used were 
not perfect but had a residual which was small compared to the 
residual caused by the model. 

If we charge this condenser for a time T at a voltage Vot 
the voltage being applied instantaneously, and then discharge it 
through an infinitely small resistance, the connection being left 
for an infinitely short time, we find mathematically that the 
residual voltage V at any time t after discharge follows the 
formula 


V 


Vo 


Ri Cl — R 2 Ci 
~(Ci + Ci) (Ri + 122) 



T 

e'^iCiXCi) X 



Calculating the residual on the above basis and using 100 volts 
for Vo and 0.07 see. for T we obtain the dotted curve shown 
herewith in Pig. 3. . » 

The solid curve in Pig. 3 was made on the same model using 
the lag meter but with a discharge resistance of 10 ohms left on 
for 0.0003*860. If the two condensers Cj and C 2 had been ideal 
condensers the curves would have practically checked. 

Mr. DuBois states that the moisture films are elongated 
by the field sufficiently to bridge a part of the dielectric. He 
states that the current probably disrupts these paths and causes 
the unproportionality of residual to applied voltage. 

It might be added that while this phenomenon may emst under 
certain conditions there is a movement of moisture that takes 
p^ce very quickly. Probably the moisture movement that 
causes the shape of curve Pig. 10 in the paper is of a different 
nature from that Mr, DuBois has in mind. To illustrate this 
Pig. 4 is given herewith. This shows five residual curves made 
on the same condenser but with different charging times from 
0.{W14 see. to 0,07 sec. When the. charging time in this par¬ 
ticular case exceeded 0.0035 sec, the curve took on a saturat¬ 
ing shape. This became quite marked at a time of charging of 
0.0065 see., and the curve became almost horizontal with a 
charging time of 0.07 sec. This shows that a certain time is 
required for the moisture movement to take place. It is even 
more interesting to note that Curves A, R, C, D, R, may be made 


in any order and the same curves obtained, or any one curve may 
be made with increasing or decreasing voltage. This shows the 
wonderful accuracy of movement of the moisture, and suggests 
a movement mthin the limit of the surface-tension restoring 
force, rather than an extensive elongation and volatization as 
suggested by Mr. DuBois. If the condition exists as described 
by Mr. DuBois it would probably not repeat itself so accurately. 

. In reply to Mr. Davidson, residual-voltage curves as shown in 
Pig. 10 of the paper are made as follows. As far as balancing is 
concerned the lag meter is operated in the same way as when 
taking a residual curve as it builds up with time. The time¬ 
setting switch is left on one point and the residual thus obtained 
for this given time after discharge is plotted against applied 



voltage. Another way of course would be to run complete 
residual curves as in Pig. 9 for different applied voltages, then 
take the residual values corresponding to any desired time and 
replot against applied voltage. The same curve would be obtained 
of course in either ease. The applied voltage was varied^by 
means of a three-point rheostat having such characteristics as 
not to affect the results. If there were an effect of this kind .the 
straight line as in Pig. 6 could not be obtained, nor would (the 
straight lines as in Pig. 4 herewith be possible. 



Mr. Davidson mentioned the difficulties experienced in 
attempting to test cables by the charge-and-recovery scheme, 
owing to the large amount of energy handled. With the lag 
meter it is possible to read residual voltages as low as O.I volt 
with accuracy. There is no need, therefore, to use more than 
100 volts. The lag meter works very satisfactorily on condensers 
having capacities as high as 10 microfarads. .By slight ad^ 
justments it works equally as weU on 100 microfarads. 

Mr. Davidson asked how one could be sure that the discharge 
resistance was of the proper value, or if the discharge time was 
correct. This paper was written to describe the principle of 
measurement rather than the actual details and physical nature 
of absorption. It is possible that we may later have some 
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thoughts to offer on the subject of absorption in the light of data 
being obtained. Shortly after the contact drum described in the 
paper was made, a new drum was made which made possible 



a wide range of variation of time of charge, discharge, and the 
values of time following discharge were made smaller. This 
new drum was arranged so that the first point on the residual 


curve was only about 0.00035 sec. after discharge. This made it 
possible to observe at once if the condenser was discharged to 
practically zero. 

In reply to Mr. Kouwenhoven regarding the speed, the speed 
may be changed at will by changing the worm-gear ratio on 
the driving mechanism. The speed which has been found of 
greatest value is such as to permit a charging time of 0.0025 
to 0.07 sec. 

Mr. Delmar refers to some of the more complicated theories of 
absorption, man 3 '^ of which assume an actual lag in polarization. 
Maxwell’s theory will hold wherever the product RC is not 
the same throughout the entire mass of material. We have only 
to show that in a dielectric there are products R C low enough to 
cause or explain 60-cycle losses. . The lag meter has proven 
the existence of low products E C by the fact that with it, it 
is possible to record residual curves which build up to their 
maximum value in short spaces of time. Pig. 5 herewith gives a 
few such curves which show definitely the existence of such a 
condition. 

Mr. Lee has called attention to the comparison between 
curves Fig. 8 and Fig. 9, stating that the residual is as high 
on the impregnated coniienser,as before. The statement that a 
condenser having power losses of the order of 0.5 per cent has 
higher residuals as shown by curve No. 5 Pig. 8 is incorrect. It 
should read Fig. 9. No comparison can be drawn directly 
iDetween Pigs. 8 and 9, as far as values of residual are concerned. 
Curves 1,2,3,4 and 5 of Pig. 9 bear a relation to 60-cycle losses. 


Separate Leakage Reactance of Transformer 

Windings 

BY 0. G. C. DAHL' 

’ Associate, A. I. B. B. 

Synopsis^—The paper discusses a method for determining the The method may be used both with "two-winding" and "multi- 
separate leakage reactances of transformer windings, originally ■ winding” transformers. However, it is particularly ■ convenient 
suggested in 19H1 by W. V. Lyon.^ The mdthod is applicable only when the transformers have more than two windings, 
to three-phase banks of three identical transformers, and makes use of Laboratory tests have been made on small experimental, Iwo- 
the third harmonic electromotive force and current which are intro- winding and three-winding transformers, and field tests on a bank of 
dueed into the urindings by the inherent magnetizing characteristics three-winding power transformers. The results in each c(ue warrant 
of the iron. Attempts made to determine the separate leakage re- the conclusion that the separate leakage reactances may he obtained 
actances of a single transformer did not meet with success. with sufficient accuracy, for engineering purposes. 


Introduction 

T he separate leakage reactances of transformer 
windings cannot be calculated witii accuracy. 
The standard formulas found in textbooks on 
principles and design of transformers are all based on 
broad assumptions in regard to the distribution of the 
leakage flux, and may easily give results which are in 
error to a considerable extent. Furthermore, it seems 
to be doubtful whether more rigorous and reliable 
formulas are capable of being developed. 

So far, no method has been available for experimental 

1. InstractoT Electrical Engineering, Mass. Inst. Tech., 
Cambridge, Mass. 

Presented at the Annual Convention of the A. I. E. E., 
Saratoga Springs, June S9-$6,19S6. 


determination of the individual leakage reactances. 
It is easy to obtain the equivalent leakage reactance by 
a short-circuit test, but when it comes to assigmng 
proper fractions of this reactance to the separate wind¬ 
ings, difficulties are encountered. Usually the equiva¬ 
lent reactance is split equally between the two windings. 
This procedure, however, is frequently far from correct 
although often the only one which can be resorted to. 

The purpose of this paper is to present a method, 
originally suggested in 1921 by W. V. Lyon,* by which 
the separate leakage reactances of transformer windings 
may be determined experimentally. This work was 
done as an introduction to a general stu^y of trans¬ 
former harmonics undertaken in the Electrical Research 

2. Massachusetts Institute of Technology. 
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Laboratories of the Massachusetts Institute of 
Technology.* 

The theory of the method is briefly discussed and 
data and results as obtained from tests on three small 
experimental transformers are given. 

The method has also been applied with success to a 
bank of three 2100-kv-a., 110,000/22,000/2300-volt 
transformers.^ 

Conception op Leakage Reactances 

The mutual flux in an iron-core transformer is 
usually considered to be exclusively confined to the 
core.* This assumption is not entirely rigorous. Evi- 



Fig. 1—Flux Distbibvtion (Vbby Appboximatb) When the 
Inneb Coil (1) Cabbies Cdbbbnt 

dently part of the flux which the current in any one coil 
sets up in the air will produce linkages with the other 
coils and hence be a mutual flux in the true sense of the 
word. 

All fluxes which have their entire path in air are pro¬ 
portional to the current producing them. This is true 
also for fluxes which only partly exist in the air, since 
the reluctance of the iron path is insignificant as com¬ 
pared to the-reluctance of the air path. 



Pig. 2 


Fig. 1 royghly illustrates the fluxes when the innt»r 
coil (1) carries current. As seen, a small part of the 
flux set up in the air will link with turns of coil (2) and 
produce a voltage in this coil in addition to the voltage 
produced by the flux in the core. This additional 
voltage will be in time quadrature with the current in 
coil (1). 

Fig. 2 represents a two-winding transformer with 
both windings carrying current. Considering voltages 
and currents of a single frequency only the vector 
equations for the voltage drops in the two windings may 
bewritten: 

3. Some results of these researches have been incorporated in 
the author’s report, "Transformer Harmonies", published in the 
report of the itaduetive Coordination Committee of the National 
Electric light Association in Juno 1923. 

4. See the paper “Transformer Harmonics and Their 
Distribution.” 


Vi = J?i/i 0 } Lili j (a Mali (1) 

Vi = Rili -|-j oiLili -f-j <^Mi\I\ (2) 

Since the permeability of the iron is a function of the 
instantaneous flux density and hence of the instantane¬ 
ous current, the self and mutual inductances will be 
some function of the current. On the contrary, the 
inductances which are due to fluxes in the air will be 
constant. 

The flux in the core itself contributes the part. Me, of 
the mutual inductance. Introducing this quantity, 
the two equations above may be rewritten in the 


following form: 

Vi =RiIi+ j w (Li - Me) li+j 0} (Mu - Me) h 
+ J OJ Me (Ii -|- Ji) , (3) 

Vi = Ri li -h J (0 (Li — Me) Is + y CO (Msi — Me) h 
-f- y CO Me (h + Ii) (4) 


In equation (3), Li — Me is a constant inductance due 
to all the flux in the air set up by. the current in coil (1). 
It is the “self leakage inductmice” of this coil. 
Mi 2 — Me is the constant “mutual leakage inductance” 
of coil (1). The term j co Me ( /i -f Js) evidently 
represents the voltage induced in coil (1) by the flux 
which exclusively exists in the core. The correspond¬ 
ing quantities in equation (4) may be similarly inter¬ 


preted with reference to coil (2). 

Introducing 

Xu = CO (Li — Me) (5) 

Xii = 03 (Li - Me) (6) 

. Xi 2 = Xii = CO (Mu — Me) = CO (Mil — Me) (7) 

Eic = Ejc = ,y CO Me (h +Ii) ( 8 ) 

equations ( 3 ) and ( 4 ) reduce to 
Vi = Eic + (Ri +3 03 Xu) Ji + y CO Xu h (9) 

Vi = Eic + (Ri +y 03 Xii) h +y ooXiiii (10) 


Neglecting the exciting current, the primary and 
seccindary currents are equal and opposite and the 
equivalent impedance drop Fi — Vj becomes 

Vl — Vi = [/?! + j(Xii Xis )] li — [122 
+ j (Xii-Xii )]Ii 
~ (^i "H 3 Xi) li — (Ri -t” y Xi) li 
= [Ri + Ri+3(Xi + Xi)]Ii 

= (Re+3]C.)Ii (11) 

The reactances, Xi and Xi, are the true leakage 
reactances of windings (1) and (2), respectively, with 
respect to the other winding. The relative aspect of 
the leakage reactances should be carefully noted. The 
leakage reactance of a winding is not a quantity which 
is dependent upon and characteristic of that winding 
alone; it must, of necessity, be defined with respect.to 
^me other winding. This fact becomes particularly 
important in multi-winding transformers. Thus in a 
transformer having three windings designated Nos. 1, 
2 and 3, the leakage reactance of winding No. 1 with 
respect to winding No. 2 will be in general different 
from the leakage reactance of the same winding with 
respect to winding No. 3. 
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In the following the true leakage reactance will be 
termed the leakage reactance and the mutual leakage 
reactance will be called the mutual reactance. 

The relative magnitude of the leakage and the mutual 
reactance of a winding depends upon the spacing and 
arrangement of the coils. If the spacing is large the 
mutual reactance is small and in some cases may even 
become negligible. 

The standard short-circuit test gives the equivalent 
leakage impedance of any two windings of a trans¬ 
former. Equation (11) expresses short-circuit condi¬ 
tions when Vi! is zero. Fig. 3 shows the vector diagram 
of a short-circuited transformer, the exciting current 
being neglected and the primary vectors being rotated 



Pig. 3—^Vector Diagram op a SHOBT-CiRcniTBD Tbans- 
pouMEB, Showing Resistance, Leakage Reactance and 
M uTtTAi, Reactance Drops 


by simple division, will give the desired triple frequency 
leakage impedance. 

b. Two-winding Transformers. The bank is con¬ 
nected Y-A and balanced sinusoidal voltages impressed. 
The third harmonic current in the delta and the third 
harmonic electromotive force per phase on the primary 
side are recorded. The latter is most practically ob¬ 
tained by connecting a Y-connected resistor bank be¬ 
tween the lines and measuring the voltage between the 
resistor and transformer neutrals. 

If the generator is Y-connected and its phase voltage 
is free from a third harmonic (and multiples), the bank 
of resistors may be omitted and the voltage measured 
between generator and transformer neutrals. No 
commercial Y-connected generator, however, is entirely 
without a third harmonic component in its voltage to 
neutral, so this method is scarcely of practical interest. 

As a rule, it will be necessary to take oscillographic 
records and take out the third harmonics by analsrais. 
While the current in the delta is sensibly third har¬ 
monic, a fundamental and also other harmonics are 
unavoidable between the two neutrals if even the 
slightest unbalance in the impressed voltages, the re¬ 
sistors or the transformers themselves is present. 

The diagram of connections md the third harmonic 
vector diagram are given in Fig. 4 and Fig. 5, respect¬ 
ively. One to one ratio of transformation is assumed. 


through 180 deg. Both leakage reactance drops and 
mutual reactance drops are indicated on the diagram. 

Experimental Determination op Separate Leakage 
Reactances 

a. Genercd. The experimental method by which the 
separate leakage reactance of the windings of a trans¬ 
former may be determined makes use of the third 
harmonic component which inherently exists in the 
magnetizing current of a transformer when a sinusoidal 
voltage is impressed. The method is applicable only 
when a three-phase bank of three identical trans¬ 
formers is available. Attempts made to determine the 
leakage reactance of a single transformer did not meet 
with success. 

The principle of the method is as follows: If sinusoidal* 
voltages are impressed on a Y-A-connected bank of 
transformers, the third harmonic component of the 
magnetizing current will be confined to the delta where 
it appears as a circulating current. If the transformers 
are perfectly balanced and there is no external load on 
the secondary, no current other than the third har¬ 
monic and its multiples can exist in the delta. Usually 
the ninth and fifteenth harmonics, etc., are negligible 
and need not be considered. The third harmonic 
electromotive force induced per phase of the delta is 
just balanced by the triple frequenqjr impedance drop 
due to the circulatory ^ird harmonic current. The 
problem is then to measure with precision the proper 
third harmonic electromotive force and current, which, 



Fig. 4—Diagram of Connections for Leakage Impedance 
Test on Two-Winding Transformer 



Fig. 5—^Vector Diagram of Third Harmonic Quantities 
Involved in the “Two-Winding Method” 

If the transformers have another ratio, the quantities 
in the various equations given below should all be re¬ 
ferred to the same side. 

If E is the resistance of the resistors per phase, r 
the resistance of the voltmeter, and Enn'" the third 
harmonic voltage between the neutrals, then 

Ef" = E.n'"a + -f^) ( 12 ) 

This voltage is the vector sum of two components. 
One component (Ea”) is induced in each primary 
winding by the triple frequency flux i<f>c'') in the core. 
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The second component (—j Xu" It") is induced by the 
part of the third harmonic flux in the air which produces 
linkages with the primary winding. Hence from equa¬ 
tion (10), considering voltage rises, 

= = (13) 

The triple frequency leakage impedance and react¬ 
ance of the secondary windinp are now found by 

E 

z.'" = -7777- (14) 

i2 

X 2 "' = V ( Z,"' Y - ( Y (15) 

This Xi'" is a true triple frequency leakage reactance. 
By repeating the measurements with the original pri¬ 
mary winding as secondary and vice versa, the leakage 
reactance of the other winding may be found in a similar 
manner. Dividing the triple frequency reactances by 
three, the fundamental reactances are found.. 

Having determined the individual leakage reactances, 
the equivalent impedance of the transformer becomes 
(1 to 1 ratio assumed): 


with respect to the open delta winding. In many 
cases oscillographic records are unnecessary when the 
transformers are well balanced, as both the voltage and 
the current will be sensibly third harmonic. 

The connections are shown in Fig. 6 and the third 
harmonic vector diagram in Fig. 7. 

Solution of the vector diagram exactly as in the pre¬ 
ceding case gives the leakage reactance of winding No. 3 
with respect to winding No. 2. By repeating the meas- 
uremente with changed connections, the other in¬ 
dividual reactances are obtained. 

It is beyond the scope of this paper to discuss how the 
separate leakage impedances in a three-winding trans¬ 
former may be combined for the purpose of calculating 
load division, etc., between the various windings when 
they all carry currents. 

Experimental Wore 

a. Apparatus. Fig. 8 shows one of the test trans¬ 
formers used for the experimental work in the Electrical 
Research Laboratories of the Massachusetts Institute 


Z.' = ViRi + + {XY + X,'Y (16) 

This value should, if correct, check the short-circuit 
impedance of the transformer to at least engineering 
accuracy. 

c. Three-winding Transformers. When the trans¬ 
formers have more than two windings, a more con¬ 
venient method may be used which eliminates the neces¬ 
sity of establishing the artificial neutral on the pri¬ 
mary side. As before, the primaries are Y-connected, 
while the other two windings are A-connected. One 



Fig. 6—^Diagbam of Conniiiotions fob Lbaeagb Impedance 
Test on Thbee-Winding Tbanbfobmeb ' 



E'oEtcEic 


Fig. 7—^Vectob Diaqbam of Thibd Habmonic Quantities 
Involved in the “Thbee-Winding Method” 

delta is closed and the circulating third harmonic cur¬ 
rent in it recorded. The other delta is not. closed; 
the third harmonic voltage appearing across the open 
comer of this delta may therefore be measured and 
will for bal^ced conditions be equal to three times the 
third, harmonic electromotive force per phase. Re¬ 
cording these two quantities^ makes it possible to deter¬ 
mine the leakage reactance of the closed delta winding 



Fig. 8—Coke-Type Expebimental Tbanbfobmeb Used in 
THE Tests at the Massachusetts Institute of TechnoiiOgt 


of Technology. Three transformers of this tsnpe were 
used, the approximate rating of each being two kw. 

The cores, built up of silicon steel laminations with 
lap joints, are firmly held together by wooden frames 
with through-going brass bolts. The dimensions of 
each lamination are 8 in. by 114 in* by 0.014 in. The 
gross thickness of the cores is 2 in., giving a gross cross- 
sectional area of 3 sq. in. (19.36 sq. cm.). Assuming 
95 per cent lamination factor, the net area becomes 2.86 
sq. in. (18.4 sq. cm.). 

There are four coils on each leg, numbered 1,2,3, and 
4, in the order of their proxinaity to the core. Each 
coil consists of 100 turns, double cotton covered copper 
wire, wound in two layers vrith the thickness of the 
insulation only between layers. Coils No. 1 and No. 2 
are wound with No. 12 B. & S. wire and are separated 
by the thickness of the insulation only. Coil No. .3, 
also of No. 12 wire, is spaced % in. from coil No. 2, 
beind supported by square wooden spacers. Coil 
No. 3 has wound with it a search coil of No. 24 wire, 
which is designated SIS coil No. 4. 
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Both ends of each coil are brought out to bindmg 
posts on a fibre terminal board. During most of the 
tests the corresponding coils on the two legs were con¬ 
nected in series, forming windings of 200 turns! 



60 I I I -I _1_I_I-1-1-1-1—I-1 

0 1.0 2.0 3.0 4.0 5.0 6.0 


EXCITING CURRENT IN AMPERES 

Pio. 9 —Single-Phase Exciting Curkent op the Experi¬ 
mental Transformers. The Corves Show that the 
Transformers Were Well Balanced Electrically 

The transformers were well balanced electrically. 
This is apparent from Pig. 9, which shows curves of the 
exciting currents of the three units as obtained from 
single-phase tests with a sinusoidal voltage impressed. 

As source of power a three-phase, 60-cycle, 6-kw., 
230-116-volt sine-wave generator was used. This 
generator gave a very staisfactory wave shape at all 
balanced loads. 



Fig. 10—Oscillogram from Leakage Impedance Test on 
Two-Winding Transformer. Circuit Connections Shown 
IN Pig. 4. 



Pig. 11— Oscillogram from Leakage Impedance Test on 
Two-Winding Transformer. Circuit Connections Shown 
IN Pig. 4 

Vacuum thermocouples were used for the measure¬ 
ments whenever it was necessary to record voltages 
without drawing appreciable current, and also in order 
to measure currents in circuits where commercial am- 
metos would cause serious disturbance in existing 
conditions. Either shunt or series resistance was 


used in the heater circuit in order to adapt the thermo¬ 
couple to any desired range. A microammeter was 
used as indicator in the circuit of the thermo-element. 

6. Test Results} Pigs. 10 and 11 show two of a 
series of oscillograms when the “two-;winding’' test was 
applied to the experimental transformers. Pig. 10 
was taken while the winding designated No. 1 was used 
as primary, winding No. 3 being secondary. In Fig. 11, 
winding No. 3 was primary. No. 1 secondary. The 
spacing between these two windings is large enough so as 
to make the mutual effect of the air fiuxes small. 

The necessity of using oscillographic records when 
this connection with artificial neutral on the primary 
side is used is best illustrated by the curves (Pig. 12) 
which give the triple frequency leakage impedance of 
coil No. 1 and coil No. 3 as computed directly from 
meter readings. According to these curves the leakage 



Pig. 12—The Curves Show the “Apparent” Leakage 
Impedance as Obtained from Meter Readings Alone 
Using the Connections Shown in Pig. 4. The “Apparent” 
Variation with Saturation is Mainly due to a Pronounced 
Fundamental Voltage of Varying Magnitude in Addition 
to the Third Harmonic between the Transformer and 
Resistor Neutrals. Hence it is in General Necessary 
TO TAKE Oscillographic Records When Artificial Primary 
Neutral IS USED. 

impedances apparently vary with the saturation, which 
in reality is not the case. The apparent variation is 
mainly due to a pronounced fundamental voltage of 
varying magnitude in addition to the third harmonic 
between the transformer and resistor neutrals (see 
Figs. 10 and 11). 

Tables I and II give the data and results from this 
test performed at four values of flux density. The 
osdllogratns were analyzed for their third harmonic 
components, the current waves by the 5-ordinate, and 
the voltage by the 11-ordinate schedule method. It 
will be noticed, however, that the current, without 
appreciable error, might have been taken directly from 
the meter readings since it appears to be practically 

6. Part of the given experimental data were recorded by 
W. J. Miller, formerly of the Massachusetts Institute of 
Technology. 
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TABLE I 




Approx. 

1 



Amperes 

Volts 

Obms Kesistance 



flux 

Volts induced in winding No. 2 

in 

between 

in metering 


‘ Oscillogram 

density 




delta 

neutrals 

circuit 


Unit A 


Unit O 

OonnectioiLs 

No, 

(Gausses) 

Units 

/A 

^nn 

•K»nA 

^ 1 

1 

2 

9200 

11200 

90r.0 

110.0 

90.0 

110.0 

89.0 

109.0 

0.339 

0.670 

0.646 

1.120 

1.34 

1.25 

11" s 

3 

12800 

125.0 

126.0 

124.3 

1,270 

1.980 

1.14 

0 

4 

14300 

140.0 

140.0 

139.3 

2.470 

3.885 

0.89 


5 

9200 

90.0 

■1 

89.0 

0.330 

0.972 

1.45 


6 

11200 

110.0 

mgm 

109.3 

0.710 

1.240 

1.25 

7 

12800 

125.0 

mgm 

124.0 

1.330 

1.620 

1.26 

h 

8 

14300 

140.0 


139.0 

2.670 

2.300 

1.00 


TABLE II 






Total third 



Third 

Average 



Third 

Third 

harmonic 

Resistance of 

Total 

harmonic 



harmonic 

harmonic 

impedance 

delta 

resistance 

reactance 

third 



e. m. f. per 

current in 

per phase 

winding 

per phase 

per phase 

harmonic 


Oscillogram 

phase 

delta 

of delta 

per phase 

of delta 

of delta 

reactance 

Connections 

No. 


Ja'" 


R 

Rt 


X'" 


1 

2 

0.521 

1.023 

0.339 

0.670 

1.637 

1,630 

0.466 

0.466 


M 


||"S 

3 

1.922 

1.270 

1.513 

0.466 

■liB 

msBM 


0 

4 

3.855 

2.470 

1.660 

0.466 

0.763 

1.360 

1.276 

¥i 

5 

6 

0.282 

0.598 

0.329 

0.710 

0.858 

0.842 

0.284 

0.284 

0.767 

0.701 

0.384 

0.466 


ill 

7 

1,085 

1.330 

0.816 

0.284 

0.701 

0.417 


i?-P 

8 

1,970 ‘ 

2.660 

0.741 

0.284 

0.617 

0.410 

0.414 


third harmonic. Inspection shows that the maximum 
difference between any single value of the third har¬ 
monic leakage reactance and the average is about 
10 per cent. 

The leakage reactance of winding No. 3 was also 
foimd by the "three-winding method." Fig. 13 diows 



Fia. 13—0SCILI.OOBAM FROM Lrakaoe Impedance on 
Thbbb-Windino Transformer. Circuit Connections Shown 
IN PlQ. 6. 

one of the oscillograms, while Table III gives the data 
and results from this test, which also was performed at 
four densities. It will be noted that the test gives the 
leakage reactance of winding No. 3 wilii respect to 
winding No. 2. Windings No. 1 and No. 2, however, 
WCTe so dose together that the leakage between them 
WM entirely negligible; h^ce the leakage reactance of 
winding No. 3, with respect to winding No. 2, coincides 


with the leakage reactance of winding No. 3 wuth re¬ 
spect to winding No. 1. 

As seen from the oscillogram, the current in delta No. 
3 is practically a pure third harmonic, while the voltage 
across the open comer of delta No. 2 is very nearly 
third harmonic. It appears from Table III that the 
discrepancy between results obtained from wave 
analyses ^d those obtained directly from meter read¬ 
ings is only about 3}4 per cent. 

It will also be noted that this method gives much more 
consistent results than the T-A method with artifidal 
neutral point on the primary side. The four values of 
the leakage impedance are practically coinciding. 

The value of the triple frequency leakage reactance of 
winding No. 3. from this test, is 1.336 ohms as com¬ 
pared with 1.275 ohms from the other test. The 
difference between the two is about 4^ per cent. 

■ Since more consistent results are obtained in this 
test, the larger value of X 3 '" is assumed to be the 
better one. Using then 

Xi"' = 0.414 ohm 
Xz'" = 1.336 ohms 
the fundamental reactances become 
Xi = 0.138 ohm 
Xi' = 0.445 ohm 
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The average short-circuited impedance of windings 
No. 1 and No. 3 obtained from a series of short-circuit 
tests on all transformers is 1.023 ohms, and the ohmic 
resistances, measured directly after the short-circuit 
tests, are 0.308 ohm and 0.613 ohm for windings No. 1 
and No. 3 .respectively. It will be noticed that these 
resistances are slightly larger than those used in the 
tables. This, of course, is due to the fact that the 
transformers became heated during the short-circuit 
tests, while the current during the other tests was en¬ 
tirely too small to cause any appreciable temperature 
rise. 

Using the individual reactances in connection with the 
hot resi stances gives for the equivalent im pedance: 

ZJ = V(0.308-1-0.513)* -f- (0.138 -|- 0.445)* = 1.007 ohm 


ated by the field tests previously referred to on the 
bank of three 2100-kv-a., 110,000/22,000./2300-volt 
transformers. 

List of Symbols 

V = Terminal voltage 
E - Induced voltage 
Ec = Voltage induced by flux in the core 
E/^ = Voltage across the comer of an open delta 
winding 
I = Current 

Ia = Circulatory current in a closed delta winding 
= Flux exclusively confined to the core 
IZma = resistance in the comer of a closed delta winding 
Subscripts attached to the above ssrmbols refer the 


TABLE III 










Third 

Third 





Volts 

Volts 

Amperes 

Ohms 

Ohms 

harmonic 

harmonic 

Ohms 



Approx. 

induced 

across 

in 

impedance 

resistance 

volts 

amperes 

impedance 


Oscillogram 

flux 

density 

in winding 
No. 2 

open 

delta 

closed 

delta 

£A 2 

in metering 
circuit 

across 
open delta 

in closed 
delta 

15:A2'" 


3 /As 


Oonnections 


Gausses 

Ei 

jEA 2 

/As 

•RtuAs 

js:a 2 '" 

/As"' 

3/As'" 

ba 

137 


128.0 

6.10 

1.310 

1.562 

0.66 

5.88 

1.308 

1.500 

138 


136.0 

8.32 

1.785 

1.554 

0.66 

8.02 

1.781 

1.501 

Windin 
primary 
2 open 
dose 

139 ^ 


121.0 

4.60 

0.987 

1.553 

0.66 

4.43 

0.984 

1.502 

140 

11300 

111.0 

3.22 

0.691 

1.554 

0.66 

3.10 

0.689 

1.500 


• Averago—— = 1.663 oluns Average- 5 - 7 -=-- 1.601 oluns Discrepancy » 3.46 per cent. 

^ ^Aj 3 


Averago Xs'" - V (1.501)* - (0.466 + 0 . 66 )* « 1.336 oluns 


The discrepancy between the two equivalent im- 
nedances is 


1.023 - 1.007 
1.023 


100 = 1.56 per cent 


Summary 

The paper has presented a method for experimental 
determination of separate leakage reactances of trans¬ 
former windings. It is applicable only to three-phase 
banks of identical transformers and is based on simul¬ 
taneous measurements of a third harmonic current and 
the third harmonic electromotive force producing it. 

The method can be used both with two-winding and 
multi-winding transformers. It is particularly conve¬ 
nient, however, when the transformers have more than 
two windings since the necessity of establishing an 
artificial neutral point on the primary side is eliminated. 
Furthermore, oscillographic records are less important 
in this case due to the fact that the quantities measured 
are very nearly of triple frequency when the trans¬ 
formers are well balanced. Meter readings alone will 
therefore often be sufficient. 

The experimental data from the tests in the Electrical 
Research Laboratories of the Massachusetts Institute of 
Technology, which have been reproduced, show that 
the obtained results are consistent and accurate enough 
for engineering purposes. This was also substanti- 


quantities to the particular winding designated by the 
subscript. 

Enn = Voltage between resistor and trans¬ 
former neutrals 

R = Resistance of resistors x>er phase 
r = Resistance of voltmeter 
Ri,Ri = Resistance of windinp No. 1 and No. 2 
Li, Li = Self-inductance of windinp No. 1 and 
No. 2 

Mn - Mil = Mutual inductance between windinp 
No. 1 and No. 2 

Me - Mutual inductance due to flux in the 
core 

^n, ^22 = Self-reactance ofwindings No. land No. 2 
Xii = Xii ~ Mutual reactance of windinp No. 1 and 
No. 2 

Xi, Xi = Leakage reactance of windinp No. 1 and 
No. 2 with respect to some specified 
winding 

R, = Equivalent resistance of two windings 

X, = Equivalent reactance of two windinp 
(0 » 2t / = Anplar velocity 
Several of the above quantities are different for the 
various harmonics. Primes attached to these quanti¬ 
ties indicate the order of the harmonic. 


Discussion 

For discussion of this paper see page 810. 














Transformer Harmonics 

BY 0. G. 

Associate. 

Synopsis, —This paper discusses briefly the distribution of 
harmonics in single-phase transformers and in three-phase banks 
of single-phase transformers. Two-winding transformers or three- 
winding transformersf where the harmonic cim*ent exists in two 
of the windings only, are considered. 

Formulas for the distribution of harmonic currents between 
primary and secondary circuits are given. 


and Their Distribution 

C. DAHL* 

A. I. E. E. 

Data and remits from tests on small experimental transformers 
in the Research Laboratories of the Electrical Engineering Depart¬ 
ment, Massachusetts Institute of Technology, and also from field 
tests on a bank of power transformers and a transmission line, 
have been reproduced. 

Both in laboratory and field tests calculated and measured values 
check to engineering accuracy. 


Introduction 


D uring the tast few years an investigation of the 
general subject of transformer harmonics has 
been undertaken by the Research Division of 
the Electrical Engineering Dqiartment, Massachusetts 
Institute of Technology. In a concurrent paper, the 
writer, who has been intimately associated with the 
various phases of this research, has discussed a method 
for experimental determination of the separate leakage 
reactances of transformer windings. 

The purpose of this paper is to give a brief discussion' 
of the problem of transformer harmonics and their 
distribution between primary and secondary circuits. 
Some data from laboratory tests on small experimental 
transformers and also some data and results from tests 
on a bank of three 2100-kv-a., 110,000/22,000/2300- 
volt transformers are presented. 


Single-Phase Transformers 

It is a well-known fact that when a sinuoidal voltage 
is impressed upon a single-phase transformer the 
exciting current that it takes will be non-sinusoidal. 
The number and magnitude of the harmonics which 
the exciting current contains depend upon the charac¬ 
teristics of the iron and the maximum density at 
which it is operated. 

The third harmonic is generally by far the most 
prominent, while usually an appreciable fifth also is 
present. Higher odd harmonics are also easily traced, 
but their magnitude is, in general, very small. These 
higher harmonics are, therefore, of minor importance 
as far as the operation of the transformer is concerned. 
At normal saturation the fundamental is about 90 
per cent, the third harmonic about 45 per cent, and 
the fifth harmonic about 15 per cent of the equivalent 
sinusoidal exciting current! The percentage harmonics 
increase with the fiux density as long as this is not 
forced up to abnormal values. At such abnormal 
saturations the p^centage harmonics may be expected 
to. decrease. 

In the discussion of distribution of harmonics which 
follows, the third harmonic alone is mentioned and the 
equations have been established for this harmonic. 

*Ma88achusetts Institute of Technology. 

'Presented at the Annual Convention of the A. 1. E. E., 
Saratoga Springs, June gS-Se, I9SB. 


It should be noted, however, that in single-phase con¬ 
nections all harmonics follow the same laws and what 
is said in regard to the third harmonic will hold for 
any harmonic. 

Consider the third harmonic components in the 
transformer circuit shown in Fig. 1. In general, 
third harmonic currents will flow in the secondary 
as well as in the primary circuit. 

The voltage of the generator is assumed to be strictly 
sinusoidal. Since third harmonic currents exist they 
must be produced by triple frequency electromotive 
forces. Being sinusoidal, the impressed voltage cannot 
directly give rise to third harmonic currents. Hence 
the triple frequency electromotive forces are generated 
by a triple frequency flux in the iron core. Assuming 
unity ratio of transformation, or referring all quantities 
to the same side, the third harmonic electromotive 



Eio. 1 —^Loaded Single-Phase Tkansfobmioh 


forces induced in . the two windings by this flux are 
equal in magnitude and phase. The following equa¬ 
tions inter-relate the third harmonic quantities: 
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= Ii" 
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( 4 ) 


The symbols used in these equations have the follow¬ 
ing meaning: 
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third harmonic electromotive forces 
induced in the windings by the 
flux in the core 

third harmonic terminal voltages 
third harmonic currents 
third harinonic self-impedances 


tor and primary leads 
bird harmonic hnpedai 
and secondary leads 


of load 
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It is apparent that it is impossible to get entirely rid 
of a small third harmonic component in the terminal 
voltages of a transformer, even if the generator voltage 
is a pure sine wave. The complete elimination of the 
third harmonic voltage components would require 
zero triple frequency impedance of the circuits (or 
one of the circuits) where the third harmonic current 
flows, a condition which of course never can be 
fulfilled. 

In single-phase or polyphase coimections, however, 
where no appreciable impedance is offered to the flow 
of the third harmonic current, the triple frequency 
voltages will usually be so small as to be entirely negligi¬ 
ble in comparison with the fundamental component. 
The resultant voltages, therefore, will be sensibly 
sinusoidal. 

Not only the magnitude, but also the phase of the 
impedance which the third harmonic current must 
overcome, has an important effect on the magnitqde 
of the third harmonic voltages and currents. Without 
going into the question in further detail it may be said 
that a lagging third harmonic current in general 
reduces the triple frequency flux in the core, while a 
leading current tends to amplify it. The author 
intends to discuss the mechanism of this interaction 
in a future paper. 

Transposing terms, equations (1) and (2) may be 
written: 

= /i'" {Zn'" + (5) 

= W" (.Z22'" + Z^") ■ ( 6 ) 

By equating these expressions the distribution of 
the third harmonic current between the primary and 
second^ is obtained. The ratio of the currents is: 

W” Zz^"'+ Z^'" - j Xn"’ Z,"' + Z,.'" 

W" ~ Zi^'" +Zo"'-jXn"' ~ Z^.'•'-\-Z<,"' 

(7) 

Equation (7) shows that the distribution of third 
harmonic current between the two windings depends 
upon the leakage impedance of the windings and upon 
the external impedances. The distribution is inversely 
proportional to the ratio of the total impedances of 
the two circuits. 

Usually the load impedance will be very much 
greater than the other impedances involved (the two 
leakage iml)edances and the generator impedance) when 
referred to the secondary side. Hence, in general, the 
third harmonic current in the primary will be many 
times greater than in the secondary when both currents 
are referred to the same side. If they are not referred 
to the same side, the actual third harmonic current in 
the primary may of course be the smaller in the case 
of a step-down fransformer of large ratio. 

It may be said, then, that the distribution of third 
harmonic curr^t between the two windings of a trans¬ 
former is l^gely regulated by the magnitude and 
character of the triple frequency impedance of the 


load. The minimum fundamental impedance of the 
load is determined by the rating of the transformer. 
The load, however, may easily be made large to the 
fundamental and still extremely small to the third 
harmonic by a suitable combination of inductance and 
capacitance in series. Let 

Zi'" + Zt'" = E 2 + y Xi + El -I- j (Xl'" - Xc) (8) 

If then 

X.'" + Xl'" - Xc"' = 0 (9) 

the secondary is tuned to series resonance for the third 
harmonic current. If at the same time the load re¬ 
sistance is zero, the ratio of the secondary third har¬ 
monic current to the primary third harmonic current 
is a maximum, the distribution being given by 

h'" Ri 

h'" ~ Xl'" -I- Zc'" 

It should not be inferred from this statement that 
the secondary "leakage resonance" condition gives 
rise to the maximum amount of third harmonic cur¬ 
rent. Much larger currents as well as voltages nday 
be obtained at other capacitive loads and at a sec¬ 
ond resonance condition. Operation in this region is 
also at certain points accompanied by peculiar insta¬ 
bility phenomena, the discussion of which is beyond 
the scope of this paper.* 

There has been considerable discussion of the causes 
for the harmonics in the magnetizing current and the 
voltage of a transformer. While opinions on this 
question have differed a good deal in earlier years, 
most en^neers now agree they are caused both by 
the varsdng permeability of the iron and by hysteresis, t 

The relation of the harmonics to the power losses 
in the core, however, has not, as far as the writer is 
aware, been settled to everybody’s satisfaction, t 
The writer’s conception of this question is (^tlined 
in the following. . 

■ If the voltage of the generator is strictly sinusoidal, 
then none of the harmonic currents can produce power 
in conjunction with this voltage. Hence, power is in¬ 
put to the core at fundamental frequency only. 

The harmonic currents, however, will necessarily 
give rise to a copper loss in the circuits whore they 
exist. The power corresponding to this copper loss, 
plus the losses in the core caused by the non-fimda- 
mental fluxes, is then evidently conveyed to the core 
as power of fundamental frequency. In the core, it is 
converted to power of other frequencies, a part, of 
which is given out to the circuits where the currents 
of the higher frequencies flow. 

The transformer core is in this respect nothing but 
a frequency converter, and the harmonics add to what 

*These instability effects have been and are stiU being 
investigated in the Electrical Itesearch Laboratories of the 
Massachusetts Institute of Technology. 

tExcellently discussed by J. J. Prank, Bibliography 20». 

JThe reading of some of the papers and the discussions giyen 
in the bibliography will show this. 
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may be called the “apparent core loss,” or to the funda¬ 
mental input to the core, while in re^ity a part of this 
power is expended as copper loss by harmonic currents. 

Conceive a hypothetical transformer having core 
loss but requiring no harmonics in the magnetizing 
current for impressed sinusoidal voltage. The vector 
diagram on open circuit is given in Fig. 2, and the 
exciting current taken is The h 3 q)othetical core 
is now exchanged for a regular iron core requiring 
harmonics in the magnetizing current. Fig. 2 may now 
be used as a vector diagram of fundamental quantities 
only. Neglecting the slight change in the fundamental 
leakage impedance drop of the primary, the only effect 
of the sudden introduction of harmonics in the cur¬ 
rent would be to increase the excitation conductance 
of the transformer. It would now (fraw a fimdamental 
current J„ and the apparent increase in core loss is: 

El (7c - Ic') watts (11). 

This power is, as already pointed out, not utilized 
as power of fundamental frequency but is converted 
to power of higher frequencies, part of which is absorbed 
by the core (and this part may be very small if the 
non-fundamental fluxes are small), while the rest is 



Fio. 2—VSoTOR Diagram Showing Increase in “Apparent 
Core Loss” 

dissipated as copper loss in the circuits carr 3 dng the 
harmonic currents. 

Three-Phase Connections op Single-Phase 
Transformers 

When single-phase transformers are connected for 
three-phase operation, the method of connection con¬ 
stitutes a means by which the distribution of the third 
harmonics and multiples may be partly controlled 
independent of the external circuits. This depends 
upon the well-known fact that the triple frequency 
voltages and currents in a balanced system are in 
phase in the three phases; in other words they appear 
as residuals. 

The third harmonic voltage, therefore, cannot appear 
between lines while it may be found as a component 
of the voltage to neutral. The third harmonic current 
can appear on the lines only in a F-connection with 
neutral. In a A-connection it will circulate in the 
closed delta but cannot escape from this and enter the 
lines. . 

The other harmonics which are not multiples of 
three and hence are phase-displaced 120 deg. in the 
three phases, cannot be controlled by transformer 
coimections independent of tiie aictemal circuits. 

In the following discussion of the distribution of the • 
harmonics strictly sinusoidal impressed voltages and 


balanced transformers are assumed. The ratio of trans¬ 
formation of the transformers is assumed to be unity. 

Since the same laws do not govesm the distribution 
of the two classes of harmonics, i. e., the third harmonic 
and its multiples and those which are not multiples 
of three, equations for the fifth as well as for the third 
harmonics have been established. The generator and 
the balanced load are both assumed F-connected for 
all transformer connections. The equations given, 
however, are easily modified to hold when either 
generator or load, or both, are delta-connected. “No 
load” in all cases means that the secondary lines are 
opened at the transformer terminals. 

Pig. 3 

It should be noted that voltages and currents of triple 
frequency are given per transformer. In a F-connec- 
tion this is equivalent to voltage to neutral and line 
current. Fifth harmonic voltages and currents are to 
neutral and per line, respectively, for any connection 
used. 

This significance of the symbols used in the equations 
below should be kept in mind, as otherwise the equa¬ 
tions are easily open to incorrect interpretation. 

A. A-A Connection 

With this eoraiection (Fig, 3), the third harmonic cur¬ 
rents cannotappear on the lines, but will exist as circulat¬ 
ing currents in the two deltas. Conditions are the same 
whether the transformer bank is loaded or not. 

The induced third harmonic electromotive forces are 
given by 

Ei^'" = 

Zn'" +jIi"'Xii"' (12) 

Pig. 4 

and the division of third harmonic current between 
primary and secondary is given by 

h"' • _ Z 2 '" 
h'” ~ Zi"' 


The fifth harmonic currents will appear on the lines. 
When the transformers are loaded the following equa¬ 
tions hold: 



Z,''-^ZZiy 

w ~ Zi'' + zz<y 
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When the load is disconnected (at the secondary 
terminals of the bank) the fifth harmonic current 
ceases to flow in the secondary windings, while a fifth 
harmonic voltage Vi still appears on the secondary 
side. The following relations hold: 


= Sac'' = I/( 


(16) 



i 

= E^^ — J Ii '' ■ 

3- 3 

► (17) 

B. 

A-Y Connection 



Isolated rmdrals. With this connection (Fig. 4), the 


When the load is removed equations (18) and (19) 
express the triple frequency relations. 

The fifth harmonic will follow the same laws as in 
the case with isolated neutrals and is hence determined 
by equations (20), (21), (22) and (23). 

C. Y-a Connection. 

Isolated neutrals. With this connection (Fig. 6), the 
third harmonic current will be exclusively confined to 

PiQ. 7 


Pig. 5 

third harmonic current will be confined to the primary 
delta both when the bank is loaded and when it is on 
open circuit. The following equations will hold: 

E,^'" = Eic'" ^ h'" Zn'" (18) 

Vi'" = - 3 Ix" Xn" = Ix"’ Z,"’ (19) 

The equations for the fifth harmonic when the bank 
is loaded are 


the secondary delta both for load and no-load conditions. 
The following equations hold: 

Ecx"'E^,'" = h"'Zii'" (26) 

Vr'" ^E^,'"-jIi'"XW" = Ii'"Zi'" (27) 

When the bank is loaded the fifth harmonic relations 
are 

E,: = y/l Eic''- = h'' + Z^) H- j Xi/ 

V 3 

= V3 7/ ( + Zx!' ^^jlxXix^ 


Exc'' = 


Ei,'' 


'2C 


V3 


h'' 


V3 


{Zii -(- Zt') -f- } h 


V3 




Pio. 6 


'•ai 

3 


( 20 ) 


_Jl_ _ VSiZ^+ZC) 

h'' Zx'' + 3Zo'' 

\ 

.Disconnecting the load gives 


( 21 ) 


( 22 ) 


y,v ^ Ei,'' - j X*/ = V 3 + Zo^) 

(23) 

Interconnectedneiiirals. Whenthebankisloaded (Fig, 
6) the following equations hold for the third harmonic: 

Exc'" = E,c"' = Ii"'Zii’" +iIa"'Xia"' 

= la (Zii"' -|-Xl'"-|-3 ZiJ") + 3 Ix"' Xit'" (24) 

( 25 ) 


Ix"' 

li"' 


Zi"' + Zx.'" -t- 3 ZiJ" 


Zx' 



(28) 

Ix'' Zi'‘' + ZZL'' 

h'' Vl (Zx'' + ZxT) 

(29) 

Removing the load gives 

E.J = w (Zxx'' + Z^y) 

. (30) 

Vi'' = F,/ - ;• Xix'' = (Zx'’ + Z.'') (31) 

Interconnected neutrals. With this connection (Fig. 
7), the third harmonic current will flow.in the primary 
lines and the secondary delta both at no-load and when 
the bank is loaded. The following equations hold: 

Exc'"=Eic'" = Ix'"(Zxx"'+Zo'"+3 Zxn'") 

+ 3 l 2 '"Xxi'" = Ii'"Zii"' +jIx'"Xix'" 

(32) 

Ix'" Zi"' 

W" ~ Zx'" + Zo'" ->cZZxJ" 

(33) 

The neutral connection does not affect 

the fifth 

fA. 


Pia. 8 


harmonics; they still follow equations (28), (29), (30) 

and (31). 


D. Y-Y Connection 



AU mvtrals Isolated. With this connection (Fig. 8), 
no third harmonic current can flow on either side imder 
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any condition. A third harmonic voltage, however, 
which may be very large, exists on both sides. 

V^”' = Vi'" = E,c"' = Ei^"' (34) 

When the bank is loaded the equations for the fifth 
harmonic are 


E,^'’ 

= Eic'' 

= 1/ (Zn" -t- Zo") +jIi"Xn'' 



= 

^ li" (Zii" + ZC) + j h" Xn" 

(35) 


/i" 

Z^ -f- ZC 

(36) 


■h'' 

~ Z," -h Zo" 

Disconnecting the load gives 


Eio'' 

= Ei^ 

-1- 

> 

> 

11 

(37) 

Vi^ 

= Ei,'' 

~jh"Xi" = U"(Z," + Zo") 

(38) 


Primary and generator neutrals intercomiected. With 
this connection (Fig. 9), the third harmonic current 


Fig. 9 

will flow on the primary side both at no-load and when 
load is put on the bank. The equations for the third 
harmonics are 

Eic"' = Eic"' = I/" iZu'" + Zo'" + 3 Zu'") (39) 

Vi'" = Ei^’" - j h'" Xix"’ 

= Ji'" (Zr'" -I- Zo'" + 3 Zin'") (40) 
The conditions as far as the fifth harmonics-are con¬ 
cerned are identical with those existing when all 

C&cS. 

• Pig. 10 

neutrals are isolated as expressed by equations (35), 
(36), (37), and. (38). 

Secondary and load neutrals interconnected. When 
.the bank is lqaded, (Fig. 10), the third harmonic current 
will flow on the secondary side. 

= Ei^'" = h'" {Zii'" + ZJ" -h 3 Zi^'") (41) 
V^" = Er^'" - j h'" Xii'" 

= li'" iZi'" -I- Z^"' -I- 3 ZiJ") (42) 

At no-load there is no circuit in which the third 
harmonic current can flow. Equation (34) holds for 
the voltages. 

The fifth harmonics behave as in the other Y-Y 
connections. Equations (35), (36), (37) and (38). 

Neutals interconnected on J>oth sides. With this 
connection, (Fig. 11), a third harmonic current will 
flow on both sides when the bank is loaded. 
Ei^"’^Ei^"'^W" (Zxi"'+Zo"'+S Zi„'") 

+jl2"'Xn"' 

=T 2 "'(Zii'^'+Zr."'+SZi„"') 

+ }Ii'"Xn"' (43) 


h"' _ Zi’" +ZJ" + BZi„'" 

h'" " Zi'" + Zo'" + 3 Zin'" ^ ^ 

When the load is removed. Equations (39) and (40) 
will evidently hold. The fifth harmonics follow 
Equations (35), (36), (37) and (38). 

E. Y-Y Connection with Terttary Delta 

Neutrals isolated. With this connection, (Fig. 12), 
the third harmonic current will always be confined to 

Pig. 11 

the tertiary delta independent of whether the bank is 
loaded or not. No liarmonic, other than the third and 
its multiples, can flow in the tertiary winding. 

Desi^ating the tertiary winding as winding No. 3 
and assuming unity ratio of transformation also for 
this winding, the following equations may be written: 
E,c'" = Ei^'" = = h'" Zn'" (45) 

Vi'" = E,^"' - j W" Xii'" = h'" Zi^'" (46) 

Vi'" = Ei^'" - j Xi'" Xii'" = h'" ZW" (47) 

In equations (46) and (47) ZvJ" and ZW repi:e- 
sent the third harmonic leakage impedance with 
respect to windings No. 1 and No. 2 respectively. 

The fifth harmonics behave as in the other Y-Y 
connections. Equations (35), (36), (37) and (38). 

Laboratory Tests 

The data which are reproduced below were obtained 
in the Electrical Research Laboratories of the Massa¬ 
chusetts Institute of Technology by tests on three 
small core type transformers.* 

A. Sdstgle-Phase Exciting Current 

It is important in three-phase tests that the trans¬ 
formers are as nearly balanced as possible. The ex¬ 
perimental transformers were well balanced electrically. 
This is apparent from Fig. 13, which shows curves of the 
exciting currents of the three units as obtained from 
single-phase tests with a sinusoidal voltage impressed. 

Pio. 12 

Fig. 14 shows one of a series of oscillograms of the 
single-phase exciting current. The magnitudes of the 
fundamental, third harmonic and fifth harmonic 
components as found from analysis of this series of 
oscillograms are given by the curves in Fig. 16. 

The curves are plotted against fundamental flux 
density and it will be noted that the percentage har¬ 
monics increases with the density. 

*T]ie transformers and other equipment are briefly described 
in the paper, "Separate Leakage Reactance of Transformer 
Windings.” 
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As a typical example, the results of the analysis of 
the exciting-current curve in the oscillograms Fig. 14 
are plotted in Pig. 16. The relative magnitudes and 
phase relations are correctly reproduced. The phase 
relation of each harmonic current, for instance the 
third, and the corresponding third harmonic electro- 



EXCITING CURRENT IN AMPERES 


Fig. 13—Exciting Cuiibknts of Experimental Transformers 
Single Phase 


transformers. The single-phase data are also interest¬ 
ing when compared with some of the data from three- 
phase tests. 



40 0 40 80 120 160 200 240 

DEGREES FROM ZERO OF RESULTANT WAVE, FUNDAMENTAL SCALE 


Pig. 16—Components op Exciting Current from 
Oscillogram Pig. 14 



Pig. 14—Oscillogram op Single-Phase Exciting Current 



Pig. 16—Components op Magnetizing Current op 
Experimental Tabnspoembrs. Single Phase 


B. Distribution op Third Harmonics in 
Three-Phase Banks 

In order to investigate the distribution of third 
harmonic current between two circuits, a series of tests 
was performed with circuits of various nature provided 



Pig. 17—Distribution op Third Harmonic Current. Cir¬ 
cuit Diagram for Y-a-a Tests. No External Load 

for this current. It will be remembered from the 
preceding discussion that, when any harmonic electro¬ 
motive force is introduced exclusively by the trans¬ 
former itself, the corresponding currents set up should 



Pig. 18—^Distribution op Third HabmonTo Current. 
Oscillogram prom Y-a-a Tests. Circuit Connections 
Shown in Pig. 17 


motive force evidently depend on the triple frequency 
impedance of the circuits where it flows as established 
by equations (5) and (6). 

These curves of the single-phase magnetizing current 
of the transformers have been included in order to 
jpye a picture of the magnetic characteristics of the 


divide between any two circuits inversely as the ratio 
of their total impedances at the frequency considered. 

F-A-A Connection. This test was performed in 
order to check the theory of third harmonic cwrent 
division between two closed deltas. The. connections 
used are shown diagrammatically in Fig. 17. 
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Windings No. 1 were used as primaries and were 
F-connected; windings No. 2 and No. 3 were used as 
secondaries and A-connected. The currents in the 
two deltas were recorded at five values of the flux 
density. 

Fig. 18 shows one of the oscillograms taken during 
these tests. The voltage between the resistor and 
transformer neutrals (not necessary for this particular 
test) and the delta currents was recorded. The triple 
frequency current was separated out by analysis. 

Tables I and II give the data and results from these 
tests. Since there was only one vacuum thermocouple 
ammeter suitable for measuring the current in the two 
deltas, it was necessary first to put the meter in delta 
No. 2 while the switch Sg was closed and, after reading 


be estimated with precision from the data at hand. 
The ratio of the currents would therefore be expected 
to be slightly too large. 

Inspection of the results given in the last three 
columns of Table II shows this to be the case. The 
discrepancies, however, are not large, and bearing the 
above consideration in mind, the check between the 
measured and computed current ratios seems 
satisfactory. 

A-Y connection with capacity load. These tests were 
made as an attempt to simulate the conditions when 
a A-Y connected transformer bank is connected to a 
cable or long transmission line of considerable capacity. 
The circuit diagram is shown in Fig. 19. 

The capacities used for the tests recorded in oscillo- 


TABUB I* 

DISTRIBUTION OP THIRD HARMONIC CURRENT 
K-A-A TESTS—NO EXTERNAL LOAD 


Trans¬ 

former 

connec¬ 

tions 

Oscillo¬ 

gram 

Number 

Frequency 
cycles 
pei* second 
/ 

Approximate 

flux 

density 

(Gausses) 

Volts indi 

iced in winding No. 2 

Amperes 
in delta 
No. 2 
/Aa 

Amperes 
in delta 
No. 3 

7A3 

Ohms resistance 

In metering circuits 

XTav O . r\«l4.n O 

Unit A 

UnitB 

Unit O 

Rwa 

litni 

CO 

d d . 

9 

60 

9200 

90,6 

90.0 

89.5 

0.275 

0.20 

1.08 

1.61 

% lz;.« 

(0 ^ 

10 

60 

11200 

110.5 

110.0 

109.5 

0.520 

0.30 

1.10 

2.69 


11 

60 

12800 

125.5 

125.0 

124.5 

O.QOO 

0.52 

1.13 

1.30 

liii 

12 

60 

14300 

140.8 

140.0 

139.5 

1.780 

0.93 

1.14 

1.07 


13 

60 

9200 

90,5 

90.0 

89.3 

0.212 

0.17 

4.10 

5.20 


Triple &equeiicy leakage impedance of winding No. 1 * 0.284 4- j 0.414 ohms per phase 
« « « « «« « No. 2 « 0.466 + j 1,336 ” “ ** 

♦The eiqperimental data In the V-A-A tests were recorded by W. J. Miller, formerly of the Massachusetts Institute of Technology. 


TABLE II 

DISTRIBUTION OF THIRD HARMONIO CURRENT 
y-A-A TESTS—NO EXTERNAL LOAD 


Oscillogram 

Number 

Third harmonic amperes 

Triple frequen 

cy impedance 

Impedance ratio 

2:a«'" 

ZAa'" . 

Ourrent ratio 

lAa'^* 

/Aa"' 

Per cent 
discrepancy 
referred to 
impedance ratio 

In delta No. 2 
iA/" 

In delta No. 3 
/Aa"' 

Delta No. 2 
ZA2'" 

Delta No. 3 
Zas'" 

9 

mBSSM 

■BHi 

2.55 

5.20 

2.040 

1.955 

4.17 

10 



2.57 

5.04 

2.310 

2.065 

10.60 

11 



2.39 

4.86 

2.035 

1.890 

7.12 

12 



2.40 

4.73 

1.971 

1.970 

0.05 

13 


0.142 

5.40 

7.97 

1.476 

1.352 

8.40 


its deflection, to remove it and put it in delta No. 3 in 
order to read the current here with Sg closed and 8 a 
open. 

It is not possible to apply a rational correction to 



Fig. 19—Distribution op Third Harmonic Current. Cir¬ 
cuit Diagram for A-F Tests. Capacity Load 

this current because of the change in the third harmonic 
electromotive force which accompanies the change in 
current. This change in electromotive force cannot 



Pig. 20—Distribution of Third Harmonic Current. 
Oscillogram prom A-F Tests. Circuit Connections Shown 
IN Pig. 19 


gram No. 121 and No. 123 Were not quite balanced. 
This fact accounts for the large fundamental current 
in the secondary neutral. The capacities used in the 
other tests, however, were practically perfectly balanced 
and ansdyses show that with these capacities the third 
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hannonic current in the secondary neutral is by far 
predominant. 

Fig. 20 is a sample oscillogram from this series and 
shows induced voltage (jE?,), current in the primary 
delta, and current in the secondary neutral. The 
third harmonic current in the latter is assumed to he the 
algebraic sum of the third harmonic currents in each 
phase and equal to three times the third harmonic 
current per phase, two conditions which are true when 
perfect balance exists. 

Tables III and IV give the data and results. The 
details of the computations ^e not reproduced. In 
obtaining the theoretical current division, the average 
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the theoretical and measured quantities is unsatis- 
facto^. However, a more thorough analysis of the 
conditions actually existing in the network during 
these tests permits and substantiates a much more 
favorable interpretation of the results. 

Unfortunately, a commercial ammeter was used in the 
primary delta, giving a third harmonic impedance of 
the metering circuit in one branch of the delta of 
1.14 0.665 ohms, which is appreciable as compared 

with the impedance of the rest of the delta. Due to 
the unbalance thus introduced, the sum of the third 
hai^nonic electromotive forces will not be exactly 
balanced by the third harmonic impedance drop around 
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DISTRIBUTION OF THIRD HARMONIC CURRENT 
_A-r TESTS—CAPACITY LOAD 


Oscillogram 

Number 


121 

123 

127 

128 

129 

130 

131 

132 


Frequency- 
cycles 
per second 
/ 


60 

60 

60 

60 

60 

60 

60 

60 


Volts 
induced in 
winding . 
No. 2 


110.0 

110.0 

111.6 

111.5 

112.0 

111.0 

111.0 

111.8 


Primary amperes 


in lines 
/ 


2.38 

2.64 

1.87 

1.66 

1.626 

1.55 

1.54 

2.24 


in delta 


1.57 

1.815 

1.10 

1.09 

1.15 

1.08 

1.07 

1.40 


Secondary amperes 


in lines 
h 


0.622 

0.3Q6 

1.17 

1.15 

1.16 
1.14 
1.14 
0.03 


in neutral 
In 


0.59* 

0.37* 

0.0667 

0.0640 

0.0685 

0.0662 

0.0660 

0.0464 


Load 

capacity in 
microfarads 

a 




15.0 

9.0 

25.85 

25.85 

25.85 

26.85 

25.85 
16.30 


121 and No. 123. 


TABLE IV 


0.sclllogram 

Number 

Third hai’m 

Dnic amperes 

in 

primary ’ 
li'" 

in secondary 
neutral 
hn'" 

121 

0.810 

0.0470 

123 

0.830 

0.0242 

127 

0.706 

0.0593 

128 

' 0.698 

0.0577 

129 

0.730 

0.0619 

130 

0.680 

0.0589 

131 

0.674 

0.0587 

132 

0.702 

0.0418 


distribution op third harmonic current 

A-K TESTS—CAPACITY LOAD 


Triple frequency 
impedance per phase 


primary 

Zpri, 


0 . 925 / 44 ."! 


secondary 


56.3 \8/."9 
95.7 \88."8 
34 . 37 \ 7 ^ 


67.3 \70.°8 


Current 

ratio 

3 h'" 


Iin*‘ 


61.7 
103.0 

36.7 

36.3 

35.4 

34.7 

34.4 

50.4 


Impedance 

ratio 

Zpri 


60,9 

103,5 

37.1 

37.1 
37.1 
37.1 
37.1 
62.0 


Per cent 
discrepancy 
referred to 
impedance 
ratio 


15.1 

0.48 

3.77 

2.16 

4.68 

0,47 

7.27 

18.7 


third harmonic impedance per phase on each side was 
calculated. The average primary impedance per 
phase is given as the impedance of one primary winding 
plus one third of the impedance of the metering circuit 
in the primary delta, i. e., ammeter in series with shunt 
and vibrator in parallel. 

In comparing the results from these tests, (Table 
IV), it will be noted that the observed current ratios 
are consistently less than the computed ratios by 
amounts varying from 0.48 per cent to 18.7 per cent. 
Since, in general, ej^rimental errors should be divided 
equally between plus and minus, one may at a first 
glance be inclined to conclude that the check between 


the delta, with the result that a third harmonic current 
will appear on two of the lines and in two of the phases 
of the y-connected generator. No third harmonic 
current will appear on the third line. 

The third harmonic current in the two phases of the 
primary delta which do not contain the ammeter is 
equd and in phase. On the contrary, the third har¬ 
monic current in the phase where the ammeter is 
inserted, is neither equal to, nor in phase with, the 
two other cu^ents. Since on the secondary side the 
third harmonic current per phase is considered equal to 
one third of the third harmonic current in the neutral, 
it is necessary for correct comparison of the third 
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harmonic currents on the two sides also to use the 
average third harmonic current in the primary delta, and 
the corresponding average triple frequency impedance 
per pnase. 

It is, therefore, evident that computing current ratios 
as done in Table TV, based on values of the primary 
third harmonic current which are smaller than the 
average values, discrepancies in the direction indicated 
might have been anticipated. Hence it seems safe to 
conclude that the results check to engineering accuracy. 

T-A connection with resonant load. Fig. 21 shows an 
oscillogram from a series of tests performed with the 



Fig. 21—Distribution op Third Harmonic Current. 
Circuit Diagram for A-Y Tests. Inductance and Capacity 
Load. Secondary Circuit Tuned to Triple Frequency 
Resonance 

connections shown in Fig, 22, usingacpmbined inductive 
and capacitive load so adjusted that the total secondary 
circuit was tuned to series resonance for the third 
harmonic., 

The oscillogram shows that in this case the current 
in the secondary neutral, as might be expected, is 
practically all third harmonic, while in- the test -with 



Shown in Fig. 21 

pure capacity load this current also contained a con¬ 
siderable amoimt of higher harmonics. With the 
resonant circuit these are all damped' out by the 
inductance. 

The complete data from these tests will not be repro¬ 
duced here as they cannot be used to verify the third 
harmonic current distribution. This is due to the 
fact that iron-core reactors (with air gaps) were used 
for producing resonance in the secondary circ\ut. 
Having iron cores, the reactors themselves would trad 
to introduce harmonics. The effect of the reactors in 
this respect cannot be quantitatively analyzed with 
suffici^t precision to render the results of value for 
checking the theoretical distribution of third harmonic 
current. 

Field Tests 

q. General. In July 19^, the Research Division of 
the Electrical Engineering Department, Massachusetts 


Institute of Technology, made a series of tests on the 
Gadsden-Iindale Tie Line belonging to the Alabama 
Power Company and the Georgia Railway and Power 
Company. By courtesy of these companies this line 
was placed at the disposal of the Institute for testing 
purposes. F. S. Dellenbaugh, Jr.,* was in charge of 
the work. 
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Fio. 23 —Configuration of Transmission Link Used in 
Field Tests 


The tests comprised mainly investigation of d-e. 
transients, harmonics due to transformers and deter¬ 
mination of the separate leakage reactances of a bank 



Fig. 24—Circuit Diagrams Showing Connections Used in 
Field Tests 

of power transformers at Gadsden. At the same time 
engineers of the American Telephone & Telegraph Co. 
made bridge measurements of the impedance to ground 

•MassjMshusetts Institute of Technology. 
fSee the paper, “Separate Leakage Reaetanoe of Trans- 
former Windings.'* 
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of the line at frequencies from about 180 to 2400 cycles 
per second. Several of the tests may, therefore, be 
used to check some of the theory of transformer har¬ 
monics was well as the method of measurement developed 
in the laboratory. 

Fig. 23 shows the configuration of the line from 
Gadsden to the State border (Alabama-Georgia). The 
configuration of the line from the State border to Lin- 
dale was essentially the same and will not be reproduced 
here. The lines were not transposed. Detailed data 
of the lines have no particular intoest for this paper. 

The transformer bank at Gadsden consisted of three 
2100-kv-a. transformers made by the General Electric 
Company. These had three windings each and were 
normally connected 110,000 - 22,000 - 2300 volts in 
A - A - A. 

Three series of tests are of particular value for check¬ 
ing the theory of transformer harmonics. Diagrams 
of connections used in these are shown in Pig. 24. In 
connections A and B will be recognized the “three- 
winding method” t for the determination of leakage 
reactances. The diagram marked “Connections C" 
shows the bank connected Y-open A-Y with the line 
connected to the 110-kv. side, the neutral being 



Fig. 25—Oscillogram from Leakage Impedance Tests. 

Circuit Connections Shown in Fig. 24-a 

grounded. The distant end of the line was free. This 
test was also performed with the 22-kv. delta closed. 
As the circulating current in this delta, wasnotrecorded, 
however, this test cannot be used for checking 
purposes. 

Referring to the circuit diagrams in Pig. 24, it will 
be seen that primary line voltage, line current, and 
voltage to ground were recorded for all three connec¬ 
tions. With connections A and B, the voltages across 
the open corner or the circulating currents in the deltas 
were read. With coimection C, the voltage across the 
open comer of the 22-kv. delta and line voltage, line 
current and potential to ground on the Y-connected, 
110-kv. side were recorded. All these data, however, 
will not be reproduced here; only those strictly required 
will.be given, corrected for instrument transformer 
ratios, instrument errors, etc. 

6. Separate Leakage Reactances. Fig. 25 shows one 
of the oscillograms taken dining the tests with con¬ 
nections A. It will be seen that while the circulating 
current in the closed 22-kv. delta is practically a pure 
tiiird harmonic, the voltage across the open comer of 
the 110-kv. delta contains a pronounced fundamental. 


This is due to unbalance of the transformers. Hence 
in this case it would have been impossible to rely upon 
meter readings alone; oscillographic records had to be 
used throughout the series of tests. 

Table V gives the values of the voltages across the 
open corner of the deltas and the circulating currents 
necessary for determining the leakage reactances. The 
actual readings, the per cent third harmonic as obtained 
from analyses of the oscillograms, the third harmonic 
voltages, and currents referred to the high-tension 
(110,000-volt) side, and the computed leakage im¬ 
pedances are given. 

Table VI gives the ohmic and 60-cycle effective 
resistances of the three windings. The separate 
effective resistances have been computed from the 
equivalent resistances as obtained from short-circuit 
tests, by assuming that the ratio of the separate 
effective resistances is equal to the ratio of the separate 
ohmic resistances. This assumption evidently involves 
a small approximation. 

The 180-cycle effective resistances will be considered 
to be the same as at 60 cycles. The error which may 
result from this assumption is negligibly small, since 
the resistances of the windings are insignificant as 
compared to the reactances. Hence the third harmonic 
leakage impedances in Table V may be reduced to 
exactly 60 cycles by multiplying by the ratio of 60 and 
the average frequency recorded. Furthermore, the 
third harmonic and the fundamental (60-cycle) reac¬ 
tances may be found. 

Table VI gives the desired values. It should be 
carefully noted that the leakage reactance of winding 
No. 2 is with respect to winding No. 3, and that of 
winding No. 3 with respect to winding No. 2. The 
leakage reactance of these windings with respect to 
winding No. 1 will in all probability be different from 
the leakage reactances given. This, however, is 
entirely dependent upon the arrangement and the 
spacing of the coils in the transformers. 

c. Third Harmonic Curreni Distribviion mth Line 
Connected to Transformer Bank. Data from two tests 
performed with "Cormections G”, Fig. 24, will be 
checked. The third harmonic current in the neutral 
on the line side will be computed from the voltage 
across the open comer of the 22-kv. delta, the separate 
leakage impedance of the 110-kv. windings, and the 
measured impedance to ground of the line. 

In the first test (oscillogram No. 106) the part of the 
line from Gadsden to the State border only was used; 
in the second test (oscillogram No. 113), however, the 
entire line Gadsden-Lindale was connected to the 
transformers. In both cases the distant end of the 
line was open. 

Fig. 26 shows one of the oscillograms (No. 106). 
While the neutral current appears to be nearly third 
harmonic, the ftiain part of the voltage across the open 
comer of the 22-kv. is delta fundamental. This is partly 
due to unbalance of the transformers themselves and 
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partly due to unbalance of the line admittances. 
Table VII gives the recorded data. From a set of 



Fig. 26 —Distribution or Third Harmonic Current. 
Oscillogram from Field Tests. Circuit Connections 
Shown in Fig. 25-c. 

curves (not reproduced here) of line impedance to 
ground plotted versus frequency, the necessary line 


impedances can be foimd. With the distant end open 
and the three conductors in parallel, the following values 
at the triple frequency corresponding to the funda¬ 
mental frequency recorded in Table VII are obtained: 

/ ^ 

Pai't of line cycles ohms 

Gadsden—State Border. 170.7 IS — y 775 

Gadsden—Lindale. 176.1 4—./.WO 

The leakage impedance per phase of the 110-kv. 
windings is 

Z,!" == 26.3 -|- y 649 ohms 
The total triple-frequency impedances of the high- 


TABLE V 

LEAKAGE IMPEDANCE TESTS 


Trans¬ 

former 

connec¬ 

tions 


|S| 

a§€ 

•Hweo 


Oscillo¬ 

gram 

Number 

/ 

cycles 

V 

A 

7 

A 

Rof(jrr( 

lid to 110-kv. 


Average 

olims 

Beading 

volts 

Per cent 
third 
harmonic 

Reading 

ampores 

For cent 
third 
harmonic 

Va"' 

volts 

/A'" 

amperes 

y/' 

ohms 

92 

69.4 

168.5 

61.8 

0.68 

99.0 

98.0 

0.1347 

243 


93 

59.4 

148.5 

62.3 

0.68 

99.4 

08.6 

0.1352 

243 


93A 

59.8 

159.3 


0.69 

.. 

99.3 

0.1370 

242 


96 

69.8 

300.4 

66.6 

1.20 

100 

204.0 

0.2400 

283 

253 

98 

60.0 

.. 

91.0 

0.184 

92.7 


0.1706 



98A 

60.3 

67.2 


0.179 

.. 

300.0 

0.1660 

615 


100 

59.7 

101.6 

’ • 

0.244 

06.3 

462.5 

0.2325 

663 

639 


No. 1 - 2300 volt winding = voltage across comor of open delta I •' 

No. 2 22,000 volt winding = current In dosed delta 

No. 3 « 110,000 volt winding Ka'" 

^ " " 3 /A'" “ Impodanee per phase of closed ddta winding with respect to 

open dolta winding 


TABLE VI 

SEPARATE WINDING CONSTANTS 


Winding 

Actual 

ohmic 

resistance 

ohms 



Referred to 110 kv. side 

Ohmic 

resistance 

ohms 

60-cyclo 

elective 

resistanco 

ohms 

Leakage reactance In ohms 

With respect to No. 2 

With r©sprx?t to No. 3 

00 cycles 

180 cycles 

60 cycles 

180 cycles 

No. 1-110,000 volt 
No. 2-22,000 . “ 
No. 3- 2300 « 

0.00802 

0.699 

23.64 

20.40 

17.48 

23.64 

22.4 

19.7 

26.3 

213 

639 

84.7 

254 


TABLE VII 

DISTRIBUTION OF THIRD HARMONIC OXJBRENT WITH LINE CONNECTED 


Oscillogram 

Number 

H. T. 
lino 
voltskge 
kv. 

/ 

. cycles 

V 


If 

i3 

VA2'" 

volts 

amperes 

Beading 

volts 

Per cent 
third 
harmonic 

Reading 

amperes 

Per cent 
third 
harmonic 

106 

113 

*130.6 

126.9 

68.9 

68.7 

1114 

970 

12.35 

7.6 

0.404 

0.^68 

»7.6 

90.7 

137.8 

73.7 

0.396 

0.334 
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tension circuit to be used in connection with the third 
harmonic currents in the neutnd are: 
tJadsen State border: 


Z"' 


IS - ; 775 d- 


._63nxl7(>.7 
- .j +3 'y'xTso “ 


-- 2(>.8 - j' 555 5(i(» \ 87.“l} ohms 

(Jadsrlen Lindale: 


the delta winding referred tt) the high-tensie)n side 
become: 

Line (la<lsden State border: 


/•/" - 0.55S 


1 TT 

25.8 - j 565 X ^ 
19.7 4-y251 X - 


Z'" 


■ 4 - j fvlO + 
- 12.S - 3 ;W2 


25.3 . 589 X 175.1 

3. “3 X“IS(P 

- 332 \ S7."8 ohms 


The voltage to be used in connection with these 
impedances is the third harmonic voltage per pha.se 
in the 22-kv. winding referred to the 110-kv. .side. 
The tliinl harmonic voltage per phase is one-third of 
the thin! harmonic voltage acro.ss the open corner of 
the 22-kv. deltsi. 

The above procedure is in accordance with equation 
(42) holding for a F Y connected bank with second¬ 
ary neutral. This is evidently correct since the Y Y 
connwtion and the open .1 Y connection are essentially 
the same iis far as the elfe<*t on the third harmonies is 
concerned. 

In Table VIII, the third hannonic currents in the 
neutral are ealculattnl and compared with the measured 
values. The check obtainwl mu.st be con8i<lered very 
satisfactory, particularly when consideration is given to 


TAJH-B vni 

uis'rittmmoN ok Tnnu> hah.monk; cukkknt with unk 
noSNKt'TKI) 


All fiimitiUli’i* ri‘fi‘rrf*4 Mi tlO«kv. 


Hftiti) 

Nwmtwr 

/ 

VliltK 

otiniH 

iniffi 

M<«anuml 

artery 
pi*r <r**m 

Jan 

JKI 

ns. 7 

aua.7 
t:j2 a 

fifin 

0.40A 

o.nTO 

u.:m& 

o.:m 

10.H 


the fact that the tests were performed under difRcult 
circumstances. 

In the teats previously referred to,where the 22-kv. 
delta was closed, the triple frequency component of the 
neutral current on the line side was 0.668 amperes when 
the line to the State border was used, and 1.125 amperes 
when the entire line to Lindale was connected to the 
bank. The frequency was 69 cycles. 

It is possible to calculate the third harmonic current 
which should flow in the closed delta, but since this 
current unfortunately was not measur^, no check can 
be obtained. 

In accordance with equation (2S) the distribution of 
third harmonic currents is given by 



Umng this equation the third hannonic currents in 


1.29 am pores. 


1.50 amperes. 

Applying the ratio of transformation, I ht* actual third 
hanmmic circulating current in the 22-kv. <l<.*lia woukl 
be 6.45 ampere.s and 7.50 ampere-s resiwctively for the 
• twociwo'.Hcon.'ddered. 

SUMMAliY 

The paper has discussed the di.strihul ion of harmonk'.s 
in single-phtuB? tnmsfonners and in thr<‘e-phast* bunks 
of single-phase tran.sformer.s. Two-winding transfonn- 
ers, or three-winding tr.in.sformer.s where the hannonie 
current exi.Ht.s in two <}f the windings only, have been 
considered. The impressed voltages have in every 
case been assumed strictly ainusf)idal so that all 
hannoni(w originate in the tronsformem themmdves. 
If the impressed voltages are non-sinusoldal the prob¬ 
lem becomes much more involved and may be con¬ 
sidered beyond the scope of this paiwr. . 

Formulas for the distribution of harmonies between 
primary and secondary circuits have been given for a 
seriffl} of connections. These formulas, slightly modi¬ 
fied, may also be applied to two secondary circuits, and 
in general formulas of the same type will give the dis¬ 
tribution between any tm> dreuits provided no other 
circuit carries any of the harmonic currents whose 
distribution is desired. 

The harmonic currents distribute themselves between 
two circuits in inverse proportion to the ratio of the 
total impedances of the two circuits at the particular 
frequency considered. The part that the transformer 
or each transformer in a bank contributes to these 
impedances is the true leakage impedance of each of the 
two windings involved with respect to theother winding. 

The distribution of the third harmonic current be¬ 
tween two circuits h^w been examined by laboratory 
tests on «nall experimental transformera. 
and A-F connections were used. The A-F bank 
was loaded by a F-eonnected capacity load and also 
by a F-connected load consisting of inductance mid 
capacity. The inductance and capacity in the lattw 


- 0.568 


557 

250 


Line Gad-sden Lindale: 

12.8-y 332 X 1^7 

- 1.125 


175.7 


19.7 4 /254 X 

180 


1.125 


333 

2.50 
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case were adjusted so as to produce triple frequency Xu, Xu, X 33 =Self reactance of windings No. 1, No. 2, 
resonance in the secondary circuit. The neutral point and No. 3 

of the F-connected load and the neutral point of the Xu - Xu = Mutual reactance of winding No. 1 and 


transformer bank were in every case interconnected. 

The measured and calculated distribution of third 
harmonic current in the first two tests check to engi¬ 
neering accuracy. The results from the third test 
could not be used for checking purposes since the 
reactors employed as a part of the load had iron cores 
and, therefore, had a tendency to introduce harmonics 
themselves. 

The paper has further given some data and results 
from a series of field tests on a bank of three 2100- 
kv-a., 110,000-22,000-2300-volt transformers and a 
short transmission line. The tests of particular 
interest in connection with the present subject con¬ 
sisted of determining the separate leakage impedances 
of two of the windings of the transformers and of 
measuring the third harmonic current in the line-side 
neutral when the line was connected to the bank. The 
transformer connections during the latter tests were 
F-open A-F with secondary neutral point grounded. 

The third harmonic current in the neutral has been 
eomputated from the measmed value of the third' 
harmonic voltage across the open comer of the delta 
winding in connection with the proper combination of 
transformer leakage impedance and line impedance. 
The check between the computed and measured third 
harmonic currents must be considered satisfactory. 

List op Symbols 

V = Terminal voltage 

V A “Voltage across the corner of an open delta winding 
E = Induced voltage 

Ec = Voltage induced by flux in the core 
I = Current 

Ia = Circulating current in a closed delta winding 
In = Current in neutral 

Rm = Resistance in the comer of a closed delta winding 
containing meters, etc. 

Xa = Total impedance of a closed delta circuit 
Zn = Impedance of neutral 
Subscripts attached to the above symbols refer the 
quantities to the particular winding designated by the 
subsoipt. 

/ = Frequency 

C = Capacity 

= Impedance of a primary circuit 
Z„c = Impedance of a secondary circuit 
Za = Generator impedance 
Zl = Load impedance 

Zii, Zn, Zi3 =. Self impedance of windings No. 1, No. 2, 
and No. 3 

Zl, Zi, Zi, = Lealmge impedance of windings No. 1, 
No. 2, and No. 3 with respect to some 
specified winding 

Ru R>, Ri = Resistance of windings No. 1, No. .2, 
and No. 3 


No. 2 

Xi 3 = X 31 “Mutual reactance of winding No. 1 and 
No. 3 

X 23 = X 32 “Mutual reactance of winding No. 2 and 
No. 3 

Xi, X 2 , X 3 “Leakage reactance of windings No. 1, 
No. 2 , and No. 3 with respect to some 
specified winding 

Xi. = Load reactance, inductive reactance 
Xc = Capacitive reactance 
Several of the above quantities are different for 
the various harmonics. Primes attached to these 
quantities indicate the order of the harmonic. 
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Resolution of Transformer Reactance 

Into Primary and Secondary Reactances 

A. BOYAJIAN' 


Synopsis* —The stand is taken that the resolution of the leakage 
reactance of . a pair of windings into the individual reactances of the 
two windings is indeterminate unless referred to a third winding and 
that therefore it varies with the object in view when making the 
resolution^ If the object is the influence of exciting current on 
performance, the problem is converted into a three-winding trans¬ 
former problem by conceiving of the exciting current as produced 
by a (Jictitipus) load in a (fictitious) third winding. It is 
pointed out that the resolution of leakage reactance into individual 
reactances is possible only in the case of three windings, and 
that therefore in a transformer with three reed windings and a 


Introduction 

HE old puzzle of the division of the leakage reactance 
of a transformer into primary and secondary react¬ 
ances is usually discussed with the tacit assumption 
that such a division exists in nature,—definite, inherent 

1. Technical Engineer, General Electric Co. 

Presented at the Annual Convention of the A, I, B, B,, 
Saratoga Springs, N, Y,, June 19^5, 


fictitious exciting-current-load winding, constituting the equivalent 
of a four-winding transformer, the simple resolution fails, each 
winding having a different individual leakage reactance when 
associated with one pair of the remaining windings than when asso¬ 
ciated with another pair. Furthermore, the resolution made 
from the standpoint of real load currents will be different from that 
made from the standpoint of exciting current. Formulas are given 
for stuih resolutions, and experimental methods are described. The 
problem is also considered from the standpoint of flux distribution 
and linkages, and the limitations of some common views are 
pointed out. 


and absolute,—^and that our probl^ is merely to ascer¬ 
tain its value. But the resolution of the leakage react- 
tance of two windings into the reactances of the individual 
windings is no more determinate than the resolution of 
the distance between two points, A and B, into two 
parts, one as A’s distance, and the other as B’s dis¬ 
tance. For this reason, it is frequ«itly reported by 
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investigators that the experimental separation of the which draws an exciting current, (Fig. lA or iB, espe- 
primary and secondary reactances has failed. cially the latter), with the equivalent network of a three- 

However, if the resolution is desired, not for pure winding transformer which draws no exciting current, 
philosophic interest but for a definite concrete object (Pig. 3), the essential identity of the two becomes 


m view, then this object furnishes us the point of view 
relative to which the resolution is to be made, and the 
problem becomes determinate. In every instance 


Zi 



B 


Fig. 1 

where an investigator reports that he has found a means 
of experimentally segregating the primary and second¬ 
ary rea,ctances, it will be found that he has referred the 
resolution to some arbiti’ary point of reference, prob¬ 
ably very useful and valid for his purpose, but arbi¬ 
trary just the same. 

The resolution of leakage reactance into primary and 
secondary reactances is sometimes necessary for certain 
practical purposes, as shall be illustrated below, but 
it wll be found in every instance that the resolution 
which is valid for one purpose is not valid for other 
purposes, and that, therefore, any such resolution has 
to be relative and conditional. 



Fig. 2 

The Equivalent Circuit 
The classical tTeatment of a transformer is by means 
of its eqmv^ent circuit (Pig. U or 1b). If the exciting 
cmrent is ipiomd, the equivalent circuit becomes like 
that ^own in Pig. 2. If the exciting current is ignored, 
and the transformer is assumed to have both a second- 
ary and a tertiary winding, then the equivalent net¬ 
work b^mes like that shown in Pig. 3. Comparing 
the equivalent network of a two-winding transformer. 


evident. That is, the standard equivalent circuit of a 
transformer (Fig. 1) treats the exciting current as 
though it were a (fictitious) load-current drawn from a 
(fictitious) third winding. From this standpoint, the 
resolution of leakage reactance into separate primary 
and secondary reactances becomes a three-winding 
transformer problem, the general solution of which has 
been accomplished within the last few years® and which 
we may briefly review here. 

General Theory op Three-Winding Tiunspormer 
In considering the effect of the impedance of a three- 
winding transformer on its performance, such as regu¬ 
lation, short-circuit cmrent, division of load, etc., we 
may resolve the leakage impedances between pairs 
of windings into impedances of the individual windings, 
the only condition to be satisfied beings, that, .sym¬ 
bolically, 

Z\ -f- Zi *= Zii (1) 

Za -)- Zi = Zsa ( 2 ) 

Zi - j - Za = Zia (3) 



Fig. 3 


It may be evident from these equations that the 
resolution of Zn into Zi and Zs is made dependent on 
winding No. 3 by involving Zu and Zaa, so that if 
winding No. 3 is altered the resolution of the leakage 
reactance between windings No. 1 and No. 2 into Zi 
and Za is also altered. Certainly, any such resolution 
that is made variable with changes in a third winding 
cannot be considered absolute or inherent but must be 
considered purely relative. Generalizing, we may say 
that a winding may be said to have a definite individual 
leakage reactance only with reference to two other 
windings. Referred to less than two other windings, 
the individual leakage reactance of a winding is inde¬ 
terminate, any resolution being as good as any other, 
and all of them being equally needless. Referred to 
more than two other windings, the reactance chmacter- 
istics of a winding cannot be completely specified by a 
single value. 

2. Transformers for Interconnecting High Voltage Trans- 
^mon Systems by J. F. Peters and M. E. Skinner. Joubnal 
A. I. E. E., June 1921, Vol. XL, page 4SS. 

Theory of Three-Carouit Transformers, A. Boyaiian, Jouenal 
A. I. E. E., 1924, Vol. XL [11, page 346. 
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Application to Two-Winding Transformers 
In a two-windinff transformer the resolution of the 
leakage reactance into primary and secondary re¬ 
actances having a significance only in relation to the 
exciting current, and the exciting current being con¬ 
ceivable as occasioned by a load in a fictitious third 
winding, the desired resolution, in the light of the theory 
of three-winding transformers, may be defined as 
follows. Let C represent the fictitious third winding 
which simulates the characteristics resulting from the 
core. The leakage reactances between this fictitious 
winding C and the rejil winciings No, 1 and No. 2, 



Fm. 4 

respectively, may be de.signated a.s A''ic and Xar. The 
individual leakage reactances Xi and Xs, resolved with 
respect to the exciting current, will be given by 


Xi - (Xu- + A.. - 

Xsc)/2 

(7) 

Xs * (Xs.. + Xis - 

Xu)/2 

f8) 

X,. - (Xu- 4- Xs. - 

~ Xis)/2 

(9) 


The equivalent network of this resolution,as that of a 
three-winding transformer, is shown in Fig. 4, which is 
another form of Fig. In. 

It may be noted that the core exercises a controlling 
influence on the resolution when made with reference 
to exciting current, (even though its effect on the total 
leakage reactance i.s ordinarily small), but it exerci.ses 
no direct influence on the resolution when made with 
reference to load currents as in a three-winding fTans- 
former. 

If it is desired to consider the element of exciting 
current in a three-winding transformer, the problem 
becomes one of four-windings, the exciting current 
being represented as a load in a fourth (fictitious) 
winding, as outlined above. In this case no definite, 
consistent reactance values can be assigned to the 
windings to indicate their performance rigorously from 
the standpoint of exciting-current. Furthermore, even 
if this could be done, the reactance values so assigned 
would be inconsistent with the values required to 
represent their load characteristics properly. 

Individual Leakage Reactances in Terms op 
Self and Mutual Reactances 

CJonsidering the equivalent network of a two-winding 
transformer with its fictitious third circuit, C, (Figs. 


iB and 4), it will be evident that the impedance, Zr, 
is in serie.s with and common to both of the circuits 
No. I and No. 2, and may, therefoi*e, be recognized as 
the mutual reactance Mis between the two circuits. 
Zir will be recognized as the open-circuit,self inductive 
reactance of circuit No. 1, which we may designate as 
Zi', Zsr as that of No. 2, which we may de.signate as 


Z-/. Evidently, 

Zt ~ Zu-~ Zc (10a) 

-^Zi'-Mis (10b) 

^Zs.-Z, (11a) 

--Zs'-Mis (11b) 

Z •< = Z\ -|- Zs (12a) 

Zi' +Zs' -ZMxs (12b) 



Equation (12b) will be recognized a.s classcial. 
Equations (10b) and (11b) have been used in the past'* 
to define the individual reactances Z\ and Zs, but no 
recognition has been made of their relativity with 
re.spcct to the exciting current so far us the xjrosent 
writer is aware. Thestt equations (10b) and (11b) 
if <lerivcd directly, based on the rea.soning that the total 



Pia. fi 


voltage induced in the winding is the difference between 
the self-inductive voltage drop and the mutual volUige 
induced from the other winding, have the appearance 
of finality. However, when they are derived, as a 
special case of a three-winding transformer, even though 
the derivation is roundabout, it is believed that the 
relativity of the resolution i.s thereby made clear. So 
far as utility for practical computation is concerned, 
neither the set of equations (7), (8), and (9), nor the 
set (10b), (lib), and (12b) is of a great deal of value. 
Their primary use is to define the quantities to which 

3- See, for InHtaneOi Eogoweld, in TranHformerH, 

BfZ, Voh XXXI. pp, 1033-1036.10004071; also, Mitteilungeii 
uber Forsohwngsarbmten, Heft. No. 7L 
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they refer and thus suggest and guide practical methods 
of calculation. 

Experimental Resolution 

Consideration of the equivalent circuit of a two- 
winding transformer, (Figs. 1 and 4), suggests a variety 
of test methods for the determination of Xi and Xi. 
They are very simple and convenient for transformers 
with 1:1 ratio. Those with other ratios will require 
either current or potential transformers of the same 
ratio as their own and the results will naturally be 
complicated on account of errors of ratio and phase 
angle introduced by these auxiliary transformers. 

1, Regulation due to Exciting Current. The primary 
impedance drop, due to exciting cmxent, can be 
measured directly and very exactly in a 1:1 ratio trans¬ 
former by using the connection shown in Fig. 5. Know¬ 
ing the current and the impedance drop, the value of 
the impedance follows by Ohm’s law. If the trans¬ 
former ratio is not unity, a potential transformer of the 
same ratio would be necessary for the test. 


- -Bp -- 

- wmp —^ 

Ip— 

—'ll 

--1 

_in ^ 

5 


^ 

A 




n 


Main Trans. 

11 


_rirn_ 


B 

Pig. 7 


2. Division of Exciting Current, If the two windings 
(1:1 ratio) are excited in parallel, they must divide the 
exciting current inversely as their respective leakage 
impedanc^. The equivalent circuit diagram of this 
test condition is shown in Fig. 6. When the ratio is 
not unity, the windings may be paralleled through a 
suitable current transformer. 

8, Series Impedance Test. With the two windings 
connected in series opposition, (Fig. 7a), the voltage- 
drop across each winding can be measured directly, and 
knowing the current, the individual leakage impedances 
follow by Ohm’s law. With ratios other than unity, 
the two windings may be connected in series through a 
suitable cuircnt transformer (Fig. 7b), although the 
results are likely to be disturbed by the errors of ratio 
and phase angle of the current transformer. 

4. ParMd Impedance Test. If the two windings are 
excited in parallel^pposition, (Fig. 8), so that the core 
eannot be magnetized as a whole, the impressed voltage 


must be balanced by the leakage impedance of the two 
windings, and the division of current between them 
will be inversely as their respective leakage impedances. 

Absolutely consistent results need not be expected 
from all these tests. In fact, the results will vary some¬ 
what with varying values of current and voltage even 
when using the same connection. The reason for this 
is that changes in the permeability of the core at various 
densities affect differently the reluctances of the external 
and internal parts of the magnetic circuit, neither the 



iron magnetic circuit nor the air magnetic circuit 
(which are in parallel) having uniform section or length. 
This fact was forced to the attention of the writer in 
1921 while investigating the division of third harmonic 
current between transmission lines and internal deltas. 
The method of test and some of the results bearing on 
the present discussion were as follows: 

5. Third Harmonic Tests. The division of exciting 
current, described under test method No. 2, would, of 
course, apply to the higher harmonics of the exciting 
current as well as to its fundamental, at least to a first 
approximation. Hence, if two parallel paths are 
offered to the flow of the third harmonic exciting 
current, as for instance by two delta-connected wind- 


A Be 

Pig. 9 

(Fig. 9), the division of the third harmonic 
exciting ampere-turns between them must be inversely 
as their respective leakage impedances. Hence, having 
obtained the division of current by test, the division of 
the leakage impedance between the two windings fol¬ 
lows as indicated. 

The foregoing method was tested on a three-phase 
bank of two-legged core-type transformers having a 
number of concentric windings on both of the legs. 
One set of windings was coimected in Y for excitation, 
and two sets were connected in delta, (Fig. 9). The 
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■fcwo delta windings had the same current and voltage 
I'ating and had low impedance between them, their 
60-cyele leakage reactance being about three times their 
i*esistanee. Both of the delta windings were on one and 
the same leg of the core. The Y primary windinp were 
chosen on the same leg as the delta windings in one set 
of tests (marked Case 1. below), and on opposite leg 
in another set of tests (marked Case II. below), to 
observe the effects of low and high reactances between 
the primary winding and the two secondary delta 
windings, with results as follows: 

Third harmonic circulating 
current in each unit in per 
. . _ cent of the total tmrd 

Nominal flux density in core harmonic current 

-— Delta B Delta C 

Case f 38 Kilolines/sq. in.61 per cent 49 per cent 

I. I 112 “ “ “ 44 per cent 66 per cent 

Low Reactance 

Case f 43 “ “ “ 48 per cent 62 per cent 

II. 1 113 “ “ “ 63 per cent 47 per cent 

High Reactance 

It is of interest to note how the division of current 
("and reactance) changes with a change in core density, 
£tnd also how the direction of change with high reactance 
r>rimary is opposite from that with low reactance pri¬ 
mary. It may be remembered from earlier discussion 
that this is really a four-winding problem,—^three real 
and one fictitious windings, and that the treatment of 
•this as a three-winding problem, that is as two real 
C delta) windings and one fictitious winding representing 
the core, is justifiable only at the lower densities, where 
the primary exciting current and the corresponding 
flux in air are small, as confirmed by the fact that 
Cases I and II given above approach each other at the 
lower density. 

The Viewpoint op Flux Distribution and Linkages 

Discussion of reactances by transformer engineers 
is frequently expressed in terms of flux linkages. This 
is the designer’s point of view, and has its uses in the 
determination of losses. As this involves a more 
detailed analysis of the transformer, one might be 
led to consider it more basic and accurate. However, 
SLS ordinarily handled, it has serious limitations. For 
instance, a common statement by lamisformer specialists 
is that most of the reactance of a transformer (say 
80 per cent to 90 per cent), is primary reactance and 
■that only a small portion (say 10 per cent to 20 per cent), 
is secondary reactance. Such a view, although con¬ 
ceding the relativity of individual reactances by assign¬ 
ing the reactance primarily to the excited winding, fails 
■fc>y not distinguishing between main and leakage fluxes 
n/Tid their composite. The basis commonly cited for 
-the assignment of the total or major part of the re- 
gtctance to the excited winding is briefly as follows: 


Ignoring the small resistance drops of the windings 
for simplicity, the net flux-linkages of each winding 
must be proportional to its terminal voltage. But on 
the impedance test the secondary terminal voltage is 
zero, and hence its net flux-linkages must be zero. 
This condition, however, does not require that no por¬ 
tion of the secondary should link any flux. Since 
windings must have some thickness, and leakage flux 
within their thickness, partial flux-linkages of the 
short-circuited secondary cannot be avoided, the magni¬ 
tude and sign of these partial linkages being such as to 
add up to zero. In making such an analysis it is found 
that the major part of the flux links exclusively the 
excited winding, a small part links both the excited 
winding and the short-circuited secondary, and another 
small part (equivalent and opposite to the preceding) 
links exclusively the short-circuited secondary. Bas¬ 
ing the resolution of reactance on such a resolution of 
fluxes, if net flux-linkages alone are considered all 
reactance becomes primary and none secondary; and 
if the partial exclusive flux-linkages of the s^ondaiy 
are featured, a small fraction of the total reactance 
becomes secondary. However, this plausible reasoning 



fails by confusing the total short-circuit flux with the 
leakage flux. The flux distribution and linkages hinted 
■ above are true only for the resultant of the main and 
leakage fluxes, and therefore the distribution or linkages 
of the latter cannot be considered a direct measure of 
the distribution of the leakage reactance. It would be 
erroneous to assume that there is no main flux under 
the impedance test condition, even ignoring the resist¬ 
ance of the windings. Main and leakage components 
of the flux may cancel in the short-circuited winding, 
and add up in the excited winding, as illustrated in 
Figs. lOa and 10b; but the fact that the linkages of the 
resuUarU flux with the secondary is zero could not be 
taken as a proof that the leakage reactance of that 
winding is zero, as this can be proven only by segre¬ 
gating the leakage flux proper and determining its 
linkages. The two component fluxes, under the 
impedance test condition, are so intimately merged into 
each other that their segregation, if attempted by 
measurements made on the composite flux, is most 
discouraging, as has been the experience of many an 
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investigator^. The practical solution of the problem 
would rest in making measurements under conditions 
in which only one kind of flux Mdsts at a time: (a) 
leakage flux unmixed with main flux in one ease, (b) 
main flux umnixed with leakage flux in the other. Con¬ 
dition (a) is realized by connecting primary and second¬ 
ary windings in series-opposition (one to one ratio) 
in which case no exciting current and hence no main 
flux can edst. Condition (b) is realized by open-cir¬ 
cuiting the secondary, so that no load current, and 
hence no leakage flux, can exist, and impressing on the 
primary a voltage equal to tiie secondary impedance 
drop measured in the preceding case. One small 
limitation must be borne in mind that due to the differ¬ 
ing permeability of the core at different densities, the 
flux distribution and linkages for the nsultant flux 
will not follow exactly the calculated values based on 
linear combinations of the two components. 

Conclusions 

(1) The idea of individual leakage reactance for 
circuits inductively related to each other is a very 
convenient conception for certain purposes; however, 
the resolution is not ioherent and absolute, but is purely 
relative, and is workable only when the problem is 
theoretically resolvable into three circuits. With less 
than three circuits, the resolution is indeterminate, 
and with more than three circuits, it is not possible. 

(2) In a two-winding taansformer, such a resolution 
can have a significance only with respect to the ftfw' ti ng 
current. The resolution is then defined (in terms of 
three-winding theory) by conceiving the exciting current 
as caused by a load in a fictitious third winding. 

(3) As a practical definition, the individual react¬ 
ances of a two-winding transformer may be defined as 
the apparent individual reactances of the two windings 
in series-opposition connection, on the basis of 1:1 ratio. 
Other methods of test are also described in the text, 
but perfect agreement among the various methods 
ca^ot be expected on account of the var 3 dng perme¬ 
ability of the core at the different densities involved. 
The different densities will influence the division of 

4. See for instaaoe, K. B. MoEaohron, “Magnetic Mux 
Distribution in Transformers,’’ Journal A. I. E. E.; 1922 nn 

281-287. > . i/i-* 

It may be noted that in the simple case of a perfectly sym¬ 
metrical magnetic circuit (ignoring the resistance and 
of Hie secondary), the main flux and the leakage flux 
(sho^ in Pig. 10a for the impedance test condition) wipe out 
each other bodily where they fafl together, as in the return leakage 
field of the secondary, and the resultant flux in this region be¬ 
comes zero, as shown in Pig. 10b. In actual transformers, the 
distribution of main and leakage fluxes in the return field are 
nrither alike nor uniform, and, therefore, although the two will 
still neutralize one another’s total linkages, they will not wipe 
out each other’s fluxes at every point in the return path of the 
^ond^ lea^e Md, and some of the Secondary leakage 
flux will retain its identity. It is this partial flux which is 
Bometunes erroneously taken as the measure of secondary leakage 


reactance very sensibly, even though they may not 
affect the total reactance appreciably. 

(4) In a three-winding transformer, it is not rigor¬ 
ously possible to assign a definite individual leakage 
reactance to each winding with reference to exciting 
current, but it is possible to do so with reference to their 
load currents. 

(5) Flux distribution and linkages under the short- 
circuit test condition apply to the resultant of a main 
flux and a leakage flux and therefore may not be taken 
as a direct measure of the division of leakage reactance 
between primary and secondary windings. 


Discussion 

SEPARATE LEAKAGE REACTANCE OF TRANSFORMER 
WINDINGS 

(Dahl) 

TRANSFORMER HARMONICS AND THEIR 
DISTRIBUTION 

(Dahl) 

RESOLUTION OF TRANSFORMER REACTANCES INTO 
PRIMARY AND SECONDARY REACTANCES 

(Boyajian) 

Sabatoqa Springs, N. Y., June 25, 1925 

J* F. Peterss In Mr. paper, as far as I can see, the 

assumption is made that the triple-frequency component of 
magnetizing current follows Ohms’ law, that is, there is inherently 
in the transformer a triple-frequency voltage and the triple- 
frequency component of current that will flow is that voltage 
divided by a triple-frequency impedance. If this is the case, then 
by decreasing the triple-frequency impedance to a small value, the 
corresponding current could be made quite large. Obviously 
this cannot be the case because when the triple-frequency current 
re^hes a certain value, which is approximately 40 to 46 per cent 
of the fundamental-frequency current, the voltage wave takes on 
a true sine shape in which case the triple-frequency voltage 
disappears. It may not be possible to decrease this impedance to 
a very small value within the transformer, but if it is a true 
impedance, it can be counteracted to any desired degree exter- 
naUy. AI 90 , if no triple-frequency current is permitted to flow, 
there will be a large triple-frequency voltage appear across each 
of the phases. In a transformer of commercial proportions and 
flux density, this voltage would amount to approximately 75 per 
cent of the fundamental-frequency voltage, which, in the trans¬ 
former analyzed by Dahl, would amount to 100 volts triple¬ 
frequency. Then the triple-frequency current that should flow 
in any winding should be that voltage divided by this triple 
frequency impedance. He finds in winding one a triple-frequency 
impedance of approximately one-half ohm. This should give 
a triple-frequency current in the order of 200 amperes. Actual 
measurements show approximately two amperes. 

Since this triple-frequency impedance is not.a true impedance, . 
that is, its X value is not a consonant, there are a number of 
operations used by Mr. Dahl that may be questionable. For 
instance, in his paper on Transformer Harmonica, etc., on the 
seventh page, first column, paragraph 3 , in measuring the 
triple-frequency cu^nt in two delta windings, when measuring 
the current in one winding, the corresponding resistance in 
the other winding was short-circuited in order to use the 
same measuring instrument In both, and vice versa. This 
resistance in the measuring instrument is quite large. It is of 
the order of the total impedance of the winding. That means, 
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in shifting from one winding to another, the triple-frequency 
current (Hstribution between the windings has been changed, 
and since the triple-frequency impedance obtained applies only 
to the particular flux density and triple-frequency current under 
which the test was made, there is a chance for considerable error 
being introduced. 

There is another point in connection with the paper that makes 
me feel that perhaps something not permissible was done. Mr. 
Dahl determined the triple-frequency impedance of his trans¬ 
former by two methods: In the two-winding methods, he deter¬ 
mined X 3 between coils 1 and 3 and found the value to be 1.275. 
By means of the tluree-winding method, he determined Xs be¬ 
tween windings 2 and 3 and found it to be 1.336. The distance 
between coils 2 and 3 is three-quarters of an inch. The distance 
between coils 1 and 3 is approximately 0.95 iu; That being 
the case, the reactance Xz measured between coils 1 and 3 
should be approximately 25 per cent higher than measiired 
between coils 2 and 3. Actually, he finds it to be approximately 
96 per oent», so that there is a considerable discrepancy between 
Xz measured by the two methods of' the order of 26 or 30 per 
cent. That could hardly be considered within engineering 
accuracy. 

The methods used by Mr. Boyajian are so simple and direct 
that I feel the chances of error are very remote and you will note 
in his one set of tests that he gives the distribution of triple- 
frequency current between two delta windings, that distribution 
changes with flux density which also shows the flctitious triple¬ 
frequency impedance is not a true impedance but changes with 
conditions. 

V. Karapetolls Consider a two-winding transformer, with or 
without an iron core, and disregard saturation and core loss. 
Such a transformer can be first replaced by one of one-to-one 
ratio of turns, and then by an equivalent diagram shown in Fig. 1 
of Mr. Boyajian’s paper (with a pure reactance in the exciting 
branch). In this diagram, the values of the leakage reactances 
Zi and Za are perfectly definite, namely Zi = — Z 12 and 

Za « Za^ — Z 12 , where Zi^ and Za' are the total impedances of 
the windings Ge^^dige plus mutual flux) and Zia is the mutual 
reactance. Therefore, rather than convey an impression that 
eakage reactances are fictions valid for one purpose and not 
valid for other purposes, would it not be better to say that in a 
two-winding transformer these reactances have a definite mean¬ 
ing in the equivalent diagram and must be interpreted in the 
actual transformer with reference to this equivalent diagram? 

In a transformer with more than two secondaries, the in¬ 
definiteness of the division of the leakage fluxes among the 
individual windings lies in the very nature of the phenomenon. 
Consider for example a ^^split” single-phase line, consisting of 
two lines on adjacent cross-arms. The inductance of such a line 
depends upon the fractions of the total load carried by the two 
loops, and is different for different divisions of the load. 

R« G. McCurdys It seems to me that Mr. Boyajian is in 
error in stating that the difficulties which have arisen in dividing 
leakage impedances between windings are due to any lack of 
definiteness of the problem. The generally acceptable definitions 
of the individual leakage reactances are given by equations (10b) 
and (Ub) of his paper. In two-winding transformers, when the 
exciting current is ignored, a single leakage impedance equal to 
the'sum of the two individual leakage impedances may be used in 
computing regulation under load, and with three-winding trans¬ 
formers ignoring the exciting current leads to the set of equations 
(1) (2) and (3) of his paper which express individual impedances 
in terms of the total leakage impedances between pairs of wind¬ 
ings. I think it leads to confusion, however, to call such in¬ 
dividual impedances of three-winding transformers “individual 
leakage impedances.” 

When it is desired to determine division of exciting currents 
between different windings the above simplifying assumptions 
may not be made. Knowledge of the individual leakage react¬ 


ances is then necessary. With two-winding transformers the 
simple equivalent network of Fig. 1 of Mr. Boyajian's paper may 
be used. This same network will also apply when considering 
the division of harmonic exciting currents in three-winding 
transformers when one of the windings is connected so that 
current of that frequency is suppressed. When current may 
flow in all three windings a more complicated network must be 
set up involving in general seven impedance elements. 

While it is true that fairly simple arrangements may be used 
for determining the individual impedance of unity-ratio trans¬ 
formers, the application of such methods to transformers of 
other ratios presents difficidties. Take for example the circuit 
of Fig. 7b of Mr. Boyajian's paper. An equivalent circuit is 
shown in the appended Fig. 1 , It will be evident by inspection 
that if the ratio of the secondary leakage impedance to the ex¬ 
citing impedance is the same for both the transformer under test 
and the current transformer, the secondary voltage will be zero 
and the primary voltage will be the same as that obtained on a 

Zi Z 2 


Test Transformer 



Fig. 1—Circuit Equivalent to Pig. 7 op Boyajian Paper 
WITH Current Transformer 

short-circuit test. To determine the individual leakage impe¬ 
dances accurately by such a scheme, the secondary leakage im¬ 
pedance of the current transformer would need to be very low and 
the exciting impedance very high as compared to the correspond¬ 
ing quantities of the transformer under test. Similar difficulties 
arise in the use of potential transformers in determining the 
division of exciting currents between the windings. Mr. Boy¬ 
ajian erroneously refers to the use of current transformers for 
this purpose. 

For these reasons such methods for determining the individual 
leakage impedances do not seem to have much practical im¬ 
portance. Methods based upon the division of triple-harmonic 
exciting currents as discussed by Mr. Dahl appear to be more 
useful. 

I note in comparing the test results of Mr. Boyajian and Mr. 
Dahl a considerable difference in the effect of magnetic density 
on the individual leakage impedances. I wonder if they have 
been equally careful to eliminate the impedances of measuring 
instruments and the effects of fundamental and harmonics other 
than the third. If I read Mr. Dahl’s paper correctly he has 
largely eliminated errors due to these sources. 

J- F. Peterss In view of what Mr. McCurdy stated I would like 
to amplify a point that I intended to make in the first discussion. 
I feel that the method that Mr. Dahl has used is of considerable 
value in many applications but it must be carried on with great 
care. The point I wanted to bring out was that the impedance 
obtained by this method applies only to that particular flux 
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density and value of triple-frequency current, that it is not a true 
impedance^ Care should be taken to retain the currents in their 
Mfnormal values. It is very unfortunate in the tests of the two 
deltas that Mr. Dahl made that it was necessary to short cir¬ 
cuit the resistance in one delta while measuring current in the 
second. This is more nearly a constant-current proposition 
than it is a constant-potential proposition. That is, if you were 
to insert in the coxmer of the delta suf&cient impedance to reduce 
the current to one-half of the value, the residual triple-frequency 
voltage would be more than double. It will not follow that law 
at all and I feel that there may be some considerable errors in the 
actual values obtained by means of changing the distribution 
of current. 

L, F. Ferriss Without enteringinto the technical controversy 
that appears between the papers by Messrs. Dahl and Boyajian, 

I wish to point out one example of the practical importance of a 
solution of this problem of the division of impedances between 
transformer windings. The example to which I have reference 
arises in connection with the inductive relations between power 
circuits and neighboring telephone circuits. When the neutrals 
of transformers are grounded it is important to know how the 
triple-harmonic exciting currents divide between the several 
windings of the transformer and particularly how these currents 
divide between closed deltas and the windings which are con¬ 
nected to the lines with grounded neutrals. This is a practical 
problem of great interest in addition to the problems of the effect 
of these impedances on regulation and on the division of load 
between windings. 

It will be appreciated that this distribution of the triple-har¬ 
monic currents is a perfectly definite thing which is determined 
in practise as soon as the transformer is connected to the line and 
is controlled by the characteristics of the transformer and of the 
line. The transformer impedances involved may be called by the 
term “leakage impedance” or by some other term. However, 
there is this very definite distribution which takes place and it is 
necessary to carry our analysis to the point where this distribu¬ 
tion may be predetermined. Thus it may be possible to pre- ^ 
determine the effect of a given change in connections or the effect' 
of the addition of a new bank of transformers in a complicated 
network. 

This problem was encountered by Mr. McCurdy, Mr, Cone 
^d myself about ten years ago in connection with our work in 
California with the Joint Committee on Inductive Interference. 
There are discussions of it in several of the technical reports of 
^a.t committee which have been published by the California 
Railroad Commission. 

The interest which is now being manifested in this subject by 
the colleges and several manufacturing concerns is very gratifying 
and I hope that it will continue until a common understanding 
IS reached. TMs problem is one which is now engaging the atten- 
Subcommittee on Development and Research 
of National Electric Light Association and the Bell System 
and I am sure that this committee will welcome any contribu¬ 
tions to a solution by engineers either from the manufacturers or 
from the colleges. 

C. T. Wellers I would like to discuss the subject of trans¬ 
former reactance with particular reference to instrument trahs- 
formers. 

use of instrument transformers has been referred to by 

Boyajian, so I will first comment on that. He states, under 
Expermental Resolution,” that when instrument transformers 
are used, the results will be complicated on account of the errors 
Of ratio andphaseangle introduced thereby. The ratio and phase- 
angle errors of properly designed instrument transformers are very 
smaU and can be very accurately determined if the condition of 
use can be reproduced in the calibration. If I understand the 
diagrams correctly, the condition described in Paragraph 1 can 
be accurately reproduced, but this is not the case with respect to 
Paragraphs 2 and 3, because it is entirely possible that the exci¬ 


tation of the instrument transformer may be wholly or partly 
supplied from the secondary due to differences in the characteris¬ 
tics of the transformers. I believe that the reference in Para¬ 
graph 2 should be to a potential rather than to a current trans¬ 
former. In this connection, I would like to emphasize the point, 
which has already been made, that the detectors used in these 
tests may considerably complicate the results. 

Instrument transformers are usually two-winding transformers 
with the primaiy surrounding the secondaiy. We have deter¬ 
mined the approximate individual leakage reactance of the 
windings of a few of our standard transformers by calculation 
from the ratio and phase-angle and exciting-current results. The 
results are somewhat indeterminate due to the very small errors 
of the transformers. I might add here that in transformers of 
this grade, the effect of third and higher harmonics is negligible* 
For potential transformers of moderate voltages, the primary 
leakage reactance may be taken to be about one-half of the total 
reactance obtained from the short-circuit impedance test. The 
range of phase angle, for the limiting cases of first assuming that 
the primary has zero leakage reactance, and second, that all the 
leakage reactance is concentrated in the primary, may not exceed 
five minutes. This indicates that the phase-angle error is very 
small. The leakage reactance appears to be constant under all 
normal load conditions. The total impedance and reactance 
appear to be the same at rated voltage as at the low voltage 
obtained in the impedance test. This makes it possible to 
determine in advance rather than to obtain by trial tlie power 
factor of the output which will give the maximum ratio error. 



Fig. 2 


For current transformers of the ring-core type, with evenly 
distributed windings, the secondary leakage reactance may be 
taken to be zero. For current transformers of moderate voltage 
ratings and of low ratios of the square-core typo, the leakage 
reactance may be taken to be approximately one-quarter of the 
total leak^e reactance obtained from the short-circuit impedance 
test. This value applies over the range of rated current. For 
moderate overloads, the value may reach over one-half of the 
total leakage reactance. At heavy overloads, the saturation 
of the core greatly complicates the results. 

To sum up, the approximate division of the leakage reactance 
of the windings of instrument transformers has been given for a 
few cases. These results were obtained by calculation from 
the ratio and phase-angle and exciting-current results and were 
merred to the results of the short-circuit impedance tests. 
Tms method is applicable to any two-winding transformers. 

K. K. Palueffs In regard to the Resolution of Reactances, 
It IS perhaps of interest to see the results of theoretical analysis 
of an elementary transformer. They are two concentric circles in 
air (one of which serves as primary and the other as secondary). 

These results can best be presented in graphic form. 

Fig. 2 herewith gives voltage induced in exploring coils of var¬ 
ious dimeters placed concentrically with the circles and in the 
same plane. This voltage is expressed in per cent of total volt¬ 
age mduced in primary (which in this case is the outer circle). 
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Fig. 3 gives voltage distribution in case the inside circle is 
primary. 

In both eases the secondary circle is short circuited and is 
assumed to be of zero resistance. These examples are calculated 
for circles of 43 and 49 centimeter radius and round conductors 
of one centimeter diameter. 

From the curves the direction and density of the flux in the 
plane of the circles can be determined. 

In Fig. 2 we find that beginning from the center the voltage 
increases to a certain point (Em) inside of the region enclosed by 
the secondary circle, and then gradually diminishes reaching 
zero in the region occupied by the shorter circle. This means 
that in the region encircled by the secondary there are two fluxes 
(+ — Fm) equal and opposite and with boundary line 

coinciding with the point of maximum voltage of this region, (Em ). 

As we proceed the short-circuited circle toward the 
excited outer circle voltage is steadily increasing. At a cer¬ 
tain point it reaches the value of maximum of the region encircled 
by a secondary (Em)* This point therefore lies on the outer 
boundary of the secondary flux (— Fm)* 



After passing the primary turns voltage begins to diTniniRh 
and at certain points reaches again the value of maximum of the 
region enclosed by the secondary, thus marking the outer 
boundary of flux linkmg with the primary circle alone (Fp) and 
of the flux linking with both turns (-|- Fm)* 

Fig. 3 gives voltage distribution in case the inner circle is 
excited and the outer short-circuited. 

W. V. Lyons The method of analyzing the performance of a 
transformer that Mr. Dahl outlines has some interesting possi¬ 
bilities when applied to three-circuit transformers. It seems 
to me that it makes clearer some points that Mr. Boyajian 
brings up in his recent paper on the theory of such transformers.^ 
When three circuits are magnetically coupled the instantaneous 
terminal potential of one of them may be equated to the sum of 
four components. 

, , - d d ^2 , - _ d ii . 

» ri + Lx-—4* H-Afi3-T— (1) 

at at at 

The difficulty met in handling this equation is due to the fact 
that with an iron magnetic circuit the inductances, both self 
and mutual, are variables, being functions of the currents. As 
far as the solution of a great number of problems goes, however, 
this difficulty can be removed entirely by the following device. 
While the principle of the device is old, the way of presenting 
it is not so common, especially in the case of transformers with 
three windings. The magnetic flux distributions which account 
for the self and mutual inductances may be divided into two 
components. By far the greater portion of the flux is confined 
to the iron core, but a smaller part exists wholly or partially 
in air. This smaller part, however, determines almost entirely 
the operating characteristics of the transformer. This thought 
is interesting. 

1. TUeory of Three-Oircuit Transformer, A. BoyaJian. A. I. B. E. 
Journal. April 1924, p. 346. 


At this point we will assume that the flux that is wholly 
within the iron core depends only upon the value of the ampere- 
turns producing it, and is entirely unaffected by the position 
of these ampere-turns with respect to the core. While this 
is not precisely true the error must be very small. That is 
to say, this flux that is wholly within the iron is the same whether 
produced by a given number of ampere-turns in circuit one, 
two, or three. Let M be the value of inductance assigned to 
each circuit on account of this flux. This inductance is variable. 
The remainder of the flux due to any of the circuits is wholly 
or partly in air and for this reason is essentially proportional 
to the current in the circuit. In all that follows we will assume 
that each of the three circuits has the same number of turns. 
The method of treatment when the number of turns is different 
is well known. Thus if we subtract from the self and mutual 
inductances given in equation (1) the inductance M the result in 
each case will be an inductance of constant magnitude, being 
due to flux that exists wholly or partly in air. Equation (1) 
becomes 

Vi - ri ii -f (Li — M) + (Mi2 — M) 

at at 

+ (Afu - M) + M -A (»» + + *>) 

at at 

The last component is the electromotive force produced in 
each of the windings by the action of the flux that exists wholly 
in the iron. Hereafter we will repreisent it by the letter e, or 
Et if the equation is written in the vector form. Following the 
nomenclature that Dahl uses we will write 

(Li - ilf) -A “ 

a t 

(Afis - M)-^ - j *,2 

a t 

and 

(ilf„ = 

a t 

Therefore we will now write equation (1) thus: 

7x — (n -hi OJu) Ii +j Zn 1 12 -hi 3518 /a -h ^ (2) 

Likewise 

V2 = (7*2 + i 3 : 22 ) I 2 + i 35 i 2 /l + i 3523 J3 "h (3) 

and 

^2 = ( 7*8 “hi aJaa) Iz -hi a?is Ji -hi 0 : 23 12 E (4) 

35x1 is the self reactance of circuit ( 1 ) due to flux that is wholly 
or partly in air. It is thus a constant quantity. Similarly 3:12 
is the mutual reactance between circuits ( 1 ) and ( 2 ) due to flux 
that is whoUy or partly in air. It is likewise a constant quan¬ 
tity. The meaning of the other reactances 3 : 22 , aJss, 3:23 and xi% 
is at once evident. In order to proceed with the problem effect¬ 
ively and without too much difficulty it is necessary at this 
point to assume that the sum of the currents in the three circuits, 
that is the net magnetizing current, is insignificant in compari¬ 
son with the individual currents themselves. This assumption 
limits the scope of the solution, but with about full-load current 
in the circuit it is nearly true. At any rate it is a customary 
assumption and need cause no concern. Thus we will write 
equation (5) as 

Ii +I 2 + /8 « 0 • . (S) 

Equations 2 » S, 4, and 5 are fundamental in determining the 
operation of three-circuit transformers. 

The voltage drop between the terminals of circuits (1) and 
(3) i, e. (Vi — 72 ) is, if it is noted that /a « — Ji — J 2 
7l — 72 = Irx 4-J l(35ii — 35x2 4" 3523 35x2)] 
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h b'i -\-j (afaa — aJu ®i3 + ®ii) 1*^2 (®) 

Similarly 

Ya — F 3 ~ [ra "\~j (aJaa ”” aJas ~ aJia 4* aJis) ] 1 2 

— [rs (a?s8 — X 23 -h aJia — a^ia) ] /a (7) 

Also 

Fa — Fi [ra 4“^ (aJaa “ ajia 4", aJia — iCas) l-Ts 

” [^*1 4*i (aJii — Xi2 + X 22 “ X 12 ) 1 /i (8) 
It will be noted that these last three equations may be written 
as follows: 

Fi - Fa =^1/1 -^a/a 
Fa - Fa ^Z2l2-Z2l2 
Fa - Fi ^ZzU-^Zilr 

The impedances Zi, Z 2 and Zz in these equations are the same 
as Zf^, Z^ and Zq that Boyajian uses. In the same way that a 
two-circuit transformer may be represented by a single coil 
as in Pig. 4, so a three-circuit transformer may be represented by 
three coils as in Pig. 5. 

Equations (6), (7) and (8) throw some interesting light on 
the composition of the impedances that are associated with the 
three equivalent coils shown in Pig. 5; e. ^'., 0:11 — X 12 is the 
leakage reactance between circuits (1) and (2) while xn — xn 



Pig. 4 



is the leakage reactance between circuits (1) and (3). The 
equivalent reactance of circuit (1) is the leakage reactance of 
(I) with respect to (2) plus the differential effect of (3) upon (1) 
and (2). If the iihird circuit were symmetrically located with 
respect to the other two circuits its mutual effect upon each 
would be the same; xzz would equal xiz and the equivalent 
reactance of (1) would be its leakage with respect to (2) alone. 
Or, if the third circuit did not carry any current the terms 
X 2 i and a; 18 would not enter into the equivalent reactance of the 
first circuit. This also appears if in equation (6) Ja is equal to 
— Ji, i, e* It » 0. It will be seen that the drop between the 
first two circuits is then 

Fi — Fa — [ri + J {xn — 0 : 12 ) 4- ^*2 +j (*22 — iCu) ] h 
Now it is evident that it is only when a?ii » 0:22 that the leakage 
reactance of (1) with respect to (2) is equal to the leakage 
reactance of (2) with respect to (1). Again, if it is possible 
to arrange the circuits so that the mutual reactances between 
chcuits (1) and (2) and between (1) and (3) are relatively large 
in comparison with the mutual reactance between (2) and (3) 
it may be that the equivalent reactance of circuit (1) be 
negative. Boyajian mentions this. 

If one or two of the three circuits delivers power to a load to 
which constants B and X may be assigned, the terminal potential 
of the circuit may be replaced by - I {B Z); a. p., in the 
case of a load on circuit (3) equation (4) may be written; 

/a (E 4^ j Z 4- rs 4- 7 It 4- j Xit h + j xtt I 2 + B « 0 
In this way it becomes ai simple matter to determine the power 


currents in each of the windings of a three-circuit transformer. 

Another even more interesting point is the operation of 
three-circuit transformers on three-phase circuits. In this 
ease the third circuits of each transformer are usually connected 
in delta and spoken of as the tertiary delta. One of the principal 
reasons for this is to provide a sure path for the third harmonic 
exciting current if the other windings are both connected in F. 
The tertiary A is also used to supply power, often at a relatively 
low voltage. The general method of analysis is as follows: 
Write the voltage equations similar to equations ( 2 ), (3) and 
(4) for each winding of each transformer, nine equations in all. 
Add the voltages across the three windings numbered (1) and 
divide by 3. By definition this is the zero-sequence voltage 
in the first winding^. This gives 

Fio = (ri 4“y^n)Iio +jx\2l2t 4*^*13 130 + Bq (9) 
This assumes that the three transformers are in all essential 
respects identical. The added subscript 0 signifies that the 
quantity is the zei'o-sequonce component. Lilcewise, we may 
write 

F20 ” (^2 “hy :r22) /20 j 3:12 lit 4 *^* 3:23 /30 4 Bq ( 10 ) 

F30 == (ra -hi Xst) I to H-in?i 3 Jio 4 -i iCaa /20 4 Bo (U) 

If the third windings form the tertiary delta, Fao is zero. This 
gives a useful relation for Eo which may be substituted in the 
other equations (9) and ( 10 ). Making this substitution gives 
Fio = (ri 4 "i -“i •'^ 13 ) Iio 4 "i (iCx2 — aj 23 ) /ao 

•“ (ra 4 i ®33 — i ^la) I to (12) 

and 

F20 “ (ra 4 i X22 — J X2i) 1 20 4 i (iCia — Scia) lit 

(ra 4i Xtt — j X2t) I to (13) 

We also have the general relation that 

ho 4 /20 4 /ao « 0 (5) 

Let us consider a few of the oases that may commonly arise. 

1 . Primaries and secondaries in A. 

In this case Fio = 0 and F20 = 0 , and the only values of 
the zero-sequence currents that will satisfy these conditions 
are zero. That is, there can be no zero-sequence load current 
in any of the windings under any condition even if it should 
exist in some unbalanced A-connected load, as it might. Or, 
it may be said that any current that may exist in either of 
the other deltas can only affect the current in the tertiary 
delta to a minor degree. That is, additional current in either 
delta will probably produce a small change in the terminal 
potentials of the tertiary windings and so alter the currents 
they may be delivering. Other than this the tertiary current 
is not affected. Indeed, as is well known, it is only when there 
is the possibility that the primary or secondary may carry zero- 
sequence currents that there can be produced any important 
modification of the tertiary currents, except, of course, as the 
load directly connected to the tertiary windings is changed. 

2 . Primaries in A, secondaries in F with neutral grounded 
and with a dmrent to ground of 3 /g. 

In this case the zero-sequence current in the secondary is 
/g and from equation ( 5 ) 


ho 4 /ao « r* /g 

Since the primaries are in A, Fio * 0 and we thus have 
(n +jxii —jxii) ho ’jrj {xiz - Xtt) /g 

^ (rt +j Xit — j Xtt) ho 0 

Eliminating ho from three equations gives 


For the meaning of Zi and Zt see equations (6,) (7), and (8) 
and the toee following ones. That is, the total current to 
ground divid es between the primary and tertiary as it would 

2. Methods of Symmetrical Oo-ordinates Applied to the Solution 

A. I. B. B., Transactions. 

1918, Vol. XXXVII. p. 1027. 
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between two impedances Zi and Zi connected in parallel. There 
are also the positive- and negative-sequence currents. But 
they are equal and opposite in the primary and secondary just 
as if the tertiary were not present. The zero-sequence com¬ 
ponent in the secondary voltages is from (13) 


720 


Zi Zi Zi Zi 4“ Zi Zi 
Zi -|- Zi 


ho 


For the meaning of these impedances see equations (6), (7) and 
(8) and the three following ones. 

Another interesting point about this connection is that 
the third-harmonic component of the exciting current divides 
between the primary and tertiary but not in the same proportion 
as do the load currents. Since in this ease the secondary can 
carry no third-harmonic exciting current,^ it is without effect 
on its division between the primary and tertiary, and the im¬ 
pedances that are involved are the true leakages between these 
windings. The ratio of the tbird-harmonic components is: 


h _ ri +j3 (xn — , 

11 fS “hi3 (3/83 “ Xiz) 

In the first case, however, in which all of the windings are in A, 
the third-harmonic components of the exciting current will 
divide between all three windings inversely as their third-har¬ 
monic impedances. That is, the third-harmonic components 
divide as: 


■ h _ 

ri H-J 3 {X\i -- 3518 -|- 3528 — *12) 

_ h _ 

^*2 4 “ i 3 (3522 — 3528 — 35 i 2 4 " Xu) 

_ h __ 

Ta 4" y 3 (3581 “ Xis 3528 4“ AJia) 

3. Primaries in F, secondaries in F with neutral grounded. 

In this case the sum of the primary currents must be zero and 

Iio is thus equal to zero. From this Jao equals — /20 which 
is one-third pf the current to ground. Again there are also 
positive- and negative-sequence currents of the same magnitude 
which are equal and opposite in the prmaries and secondaries 
but which do not exist in the tertiaries. In this case ground¬ 
ing the generator neutral has no effect on the current distri¬ 
bution since the generator is otherwise insulated from the 
secondaries. The displacement of the primary neutral,, viz. 
7io, is from equation (12) 

7io = /20 Zi 

The displacement of the secondary neutral is 
720 *= ho {Zi 4" Zz) 

4. Primaries in F with neutral grounded; secondaries in F 
with neutral grounded; generator neutral also grounded. 

If there is no impedance between the generator and the primaries 
and the generator is balanced, the zero-sequence primary voltage 
is zero. That is 7io = 0. Thus we have: (see equation (12) ) 
(n 4- j Xn - j Xn) ho +j {Xii - 3523 ) /20 

(n +j Xii -y 3513 ) /30 = 0 

also 

ho 4" I 20 + lao =0 

But J 20 - Ig where 3 Jo is the current to ground on the secondary 
side. Solving these relationships gives, as in case 2, 

Zi+Z, 

The displacement of the secondary neutral or the zero-sequence 
component of the secondary voltages is the same as in case 
2 if there is no impedance between the generator and the 
primaries. 

3 . The secondary terminals are assumed to be free. 


If there are equal line impedances of Z between the generator 
and the primaries and an impedance of Zn between their neutrals 
the current in the tertiary is 


ho — — /g 


^ 4 - 

2’i 4- ^ + ^3 


The general effect of this is to increase the tertiary current. 
If there is any unsymmetry in the lines between the generator 
and the primaries the solution is somewhat more difficult in¬ 
volving as it does the positive- and negative-sequence currents. 
For in this case a positive sequence load current will give zero- 
sequence line drop due to the negative-sequence component of 
the line impedance. Grounding the neutral of a F-connected 
system has of itself no effect in determining whether or not 
there is a zero-sequence component in the F voltages, for it is 
possible even with the neutral grounded that the sum of the 
F-voltages should not be zero. 

There are several interesting cases involving auto-transformers, ^ 
of which we will consider three. The fundamental equations are 
now in slightly different form. Refer to Fig. 6 herewith. All of 
the resistances and reactances will be given on the basis of a 
transformer which has the same number of turns in windings 
(1), (2) and (3). The voltages in the individual windings are 
given in equations (2), (3) and (4). The primary potential, 
7in, is however 7i plus 72 and is 



7 i« - /i (ri 4 - y 3511 4 - y 3:12) + h{ri + j Xn 4 - j xn) 

+ I 3 (y Xii 4 -y 3528) 4 - 2 E 

Eliminating E as before gives 

7 «o=110(^1 4 -y 35 ii 4 "y 3512 —y 2 3513) 4-120(^2 4-y 3522 4 -y xn—j 2 xa) 

— /so (2 rj 4- y 2 3588 — y 35 i 8 — y 35 2 8) 
Substituting the relation that ho ^ — /lo — /so. we have 
7no =* /lo {Zi — Zi) — /30 {Zi 4 “ 2 Zi) 

If both the generator and transformers are groimded and there 
is no impedance between the generator and the transformers 
and the generator voltages are balanced, 7no, equals zero, and 

. . {Zi-Zi) 

zTTiT, 

Thus if the tertiary is symmetrically located with respect 
to both of the other windings of the auto-transformer and 
they themselves are symmetrically located with respect to 
the iron core the tertiary will carry no current since in this 
case Zi and Zi are equal. If, however, the generator is un¬ 
balanced or there is impedance between it and the transformer, 
the tertiary will carry current even though the windings are 
symmetrically located as described. 

In case the generator is not grounded the zero-sequence 
current ho is zero and ho equals - /20, that is, it is one-third 
the current flowing into the neutral of the transformers. The 
displacement of the transformer neutral in this case is 
7 no =* /20 {Zi 4- 2 Zi) 

If the generator is grounded but the neutral of the transformers 

4. Perfonnance of Auto-Transformers with Tertiary Windings under 
Short-Oircuit Conditions. J. Mini, Jr., J. L. Moore, R. Wilkins. A.I. 
-Transactions 1923, page 1060. 
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is not grounded, the zero-seq,uenee current in the tertiary must 
he equal and opposite to the zero-sequence current in the pri¬ 
mary since Jao 0* That is, it is one-third of the current to 
groxmd either at the generator or load. The displacement of 
the transformer neutral is now 

FnO = /lO (-^1 + 2 Zs) 

The performance of the four-circuit and, in general, of the 
n-circuit transformer can be calculated by the same methods. 
When the transformer has more than three circuits little, if 
anything, is gained by attempting to represent it by an equiva¬ 
lent net work. 

Using the same nomenclature as before we may write: 


(ri+j Xii)+j Xi2l2~\-jxi9lz+jxuIi-\-E (14) 

F 2 = Ja (ra X 22 ) +J X 12 1 1 -\rj ^ 23 1 s +/ Xn 1 4 +J& (15) 

Vz-lz {rz+jx22)']rj Xi2l\‘\‘jx2zl2’^jxziU-\-B (16) 

V’4 = /4 {fi'^jXAA)+jXn l2-\-jX2^l2-\‘jXzAlz'^B (17) 

Also 

/i H- /a + /a + /4 = 0 (18) 


These five fundamental equations may be handled by a 
variety of ways. Since there is some advantage in having 
them in symmetrical form we will use the following method of 
elimination. First eliminate E by taking successive difierences. 
Then eliminate li from the first difierence, 7i from the second 
difference, and 1 2 from the third difference. These three equa¬ 
tions together with equation (18) are sufficient to determine the 
currents in any case. If it is of any advantage, the loads on 
any of the windings may be replaced by their equivalent im¬ 
pedances, in which ease the terminal voltages of these circuits 
will of course be taken as zero. We thus have: 

Fi —F 2 —/i.In+i {xii—xi2^xn-\-xu) ] 

—/alra+i {x 22 —Xi 2 '¥xiA-X 2 i)]+j (a:i3-a:28-ha;24“a:i4) Iz (19) 

Fa —Fa —/2 [r24’i(a22—^ 28 —^Jl 2 +a? 18 )l 

—/a Irz+j (iCsa—Zaa+aJn-aJia) I-|-y(a;i8-3584+0:24-«i2) I4 (20) 

Fs —F4*=J8 lr8+i(a;83—«84—0523+ 0 : 24 )] 

—74 [Vi+j ( 0544 —0584+0528 —0524) ]+y (0524 - 05 i4+05i8-OTaa) II (21) 
and the relation that 

7i+72 + 7,+ 74 = 0 (18) 

An lamination of these equations shows some interesting 
facts in regard to the impedances. In ^ the first equation 
Ti +j ( 051 - 3512 — 0514 + 0524 ) is the impedance that would be assigned 
to the first winding if the first, second and fourth windings were 
considered as a three-circuit transformer. We will represent 
this by Zi24* The impedance ra +i (xaa — 05ia — 0:14 — xzi) 
is that which would be assigned to the second winding if the 
first, second and fourth were considered as a three-circuit 
transformer. We will represent this by Z 214 . The first sub¬ 
script shows to which winding the impedance is attached. 
The second and third subscripts indicate which of the other 
windings are grouped with the first to form a three-circuit 
transformer. The order of the second and third subscripts is 
unimportant; that is, there is no difference between Z 124 and 
Zi42. It will also be noticed that, the coefficient of Iz in the 
equation (19) is ^211 — ^ 214 , that the coefficient of 74 in equation 
(20) is Zz42 — -^ 812 , and that the coefficient of 7 i in equation ( 21 ) 
is ,2^418 —^428. Thus the equations of differences may be 
written as follows: 

— F2 — 7i ^124 — 1 2 Z214 + Iz (Zziz — ^214) ( 22 ) 

F2 Fs « 72 -^281 - Iz Zz2l + I4 (Zzi2 - 2^812) (23) 

‘ Fa — F4 * IzZz 4 i — IzZizi + 7i (^413 — -^423) (24) 

There are some other interesting relations between these 

impedances. 

For example, 

^124 — -^128 — ^214 + Z 2 IZ 

Zizi - Zi82 « - Zzu + 2^812 

^421 — ^428 “ — 2^241 + J^248 


The values of these impedances can be determined by measure¬ 
ment if voltage is applied to one winding and one of the other 
windings is short-circuited. If, for example, Zn is the leakage 
impedance of the first and second windings when neither of the 
others carry current, then it follows® that: 

^ _ -^12 + ^18 — -2^23 

O. G. C« Dahl: I first want to discuss the paper by Mr. 
Boyajian. Mr. Boyajian states that the separate leakage 
reactance of one winding of a transformer is not a definite 
quantity. It seems to me, however, that before we make any 
attempt to determine whether leakage reactance is an explicit 
quantity or not, we ought to have an accepted definition of what 
we mean by the term leakage reactance. Leakage reactance of 
one winding with respect to another ought, in my opinion, to be 
the reactance caused by the part of the flux set up fully or partly 
in air by a current in the first winding which does not produce any 
linkages whatever with the second winding. I believe that on 
the basis of this definition, the separate leakage reactance, of a 
winding is a perfectly definite quantity and does not in any man¬ 
ner depend upon the connections or the load conditions. 

Of course, this reactance is not the reactance which should be 
assigned to a winding in a three- or four-circuit transformer when 
more than two of the windings carry current. The reactance of 
a winding in this case is a leakage reactance in the sense that it is 
caused by fluxes which do not exist exclusively in the core. 
These fluxes, however, are not entirely leakage fluxes according 
to the definition given above. They are partly mutual fluxes, 
and give rise to mutual reactances (*‘mutual leakage reactances*’) 
which enter as a part of the total or effective reactances. This 
idea, I think, is very clearly brought out in the discussion by 
Prof. Lyon. 

Mr. Boyajian makes use of the classical representation of the 
two-circuit transformer and states that the splitting of the 
reactance into primary and secondary has no meaning unless the 
circuit representing excitation is considered. It should be noted 
that such a three-circuit network is not an exact representation 
of a two-circuit transformer, although it represents the trans¬ 
former very closely. 

Let us assume then that Pig. 3 in Mr. JBoyajian's pai)er repre¬ 
sents a two-circuit transformer. According to the classical 
theory the voltage across the excitation impedance (Zz) should 
equal the voltage induced in the windings by the flux which 
exclusively exists in the core (usually called the mutual flux). 
If this IS assumed and the network is analyzed on the three-circuit 
basis, it can be shown that the presence of the fictitious excitation 
circuit does not affect the distribution of reactance between 
primary and secondary. Considering the currents positive when 
flowing toward the common point, the equations for a three- 


circuit transformer are: 

Fi - (n +yo5ii) 7i +y 0512 h +jxizlz + E (1) 

F 2 *= (r2 +70522) 72 +705i2 7i +7 0528 78 + .& (2) 

Fa = {rz +7 «88) Iz +7 »i8 h +7 + E (3) 

7i + 72 + 78 = 0 (4) 


The reader is referred to Prof. Lyon’s discussion for a com¬ 
plete e^lanation of the symbols. Equation (4) signifies that 
the exciting current is neglected in the three-circuit transformer, 
while for the two-circuit transformer it simply indicates that the 
sum of the primary and secondary currents equals the current 
required for excitation. When these equations apply to the 
two-ciromt transformer, evidently Vz = 0. Introducing this 
in equation (3), the* following expressions may be obtained from 
the equations above : 

Fi =s 7i - ^8 78 = [n +7 (0511 - 05i3 + 0528 - asia))7i 

— [^8 +7 (^88 — a5l3 + 3512 — 3528)] 78 (5) 

Fa = ^2 72 - ^8 78 « [rz +7 (3522 — 3528 + 3518 — 05ia)]72 
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— Iri (rcaa — + Xn — a;i3)]/8 (6) 

which may be written 

Fi = Zz (h + h) + Zi 7i (7) 

V 2 == Zz {11 4 -/ 2 ) "i" Z 2 12 (8) 

The term Zz (Ji 12 ) represents the voltage across the excita¬ 
tion circuit and shall be equal to the voltage (-Ec) induced in 
the windings of the two^rcuit transformer by the flux exclusively 
existing in the core. This voltage (j^c) is not the same as the 
voltage {E) induced in the windings of the three-circuit trans¬ 
former, and the two should not be confused. 

Equations (7) and (8) may now be written 
Vi = Ec 4- ^ 1/1 = Ec + [Ri -by (a?!! — X 12 4- X 2 i — «i3)I h (9) 

Fj « J^c 4- Z 2 I 2 - Ec + [E 2 4y (X 22 — Xi 2 + Xiz - » 2 s)] I 2 (10) 

These equations must be equivalent to equations (9) and (10) 
in my paper on Separate Leakage Reactance of Transformer 
Windings, namely, 

7i = Eic 4 (El ’^jxit) h H-y a;i2/2 (11) 

F 2 = E 2 C 4* (Ri 4y®22)/2 4 y 2 : 21/1 (12) 

From equations (9), (10), (11) and (12) we obtain 

( 2:28 “ Xiz) (Ii 4 /a) “ 0 (13) 

Since Ii 4 /2 is different from zero, being equal to the exciting 
current 1$, X 22 — xiz must be equal to zero. In other words we 
have Xiz = * 28 , which means that the mutual reactance (“mutual 
leakage reactance”) between the fletitiojis excitation winding and 
the primary is the same as between the flctitious winding and the 
secondary, a result which appears entirely logical. By intro¬ 
ducing this equality in the composite or effective reactances of 
the primary and secondary windings, we find that these reduce 
to the true leakage reactances given by my original definition. 
Hence, even in a two-circuit transformer the distribution of 
leakage reactance between primary and secondary is definite 
and is independent of whether or not a thir d circuit representing 
excitation is considered. 

It is not improbable that the same idea might be extended to 
the three-circuit transformer which, when excitation is con¬ 
sidered, represents a four-circuit problem. Also in this case it 
might be found that the presence of an excitation circuit does not 
affect the reactances to be assigned to the three actual windings. 
Of course, the reactances would still be composite reactances, the 
same as would be obtained for the three-circuit transformer when 
excitation is neglected. 

Mr. Boyajian described four tests for experimental separation 
of the leakage reactances in a single, two-winding transformer. 
Theoretically these tests all appear valid, but no doubt when 
applied in practise the first two will give rise to considerable 
inaccuracies. This is mainly due to the presence of harmonics. 
It will, presumably, be preferable to use the fimdamental com¬ 
ponent of the voltages and currents in question. Since these 
fundamental quantities in each case are associated with higher 
harmonics of considerable magnitude, it will be necessary to take 
oscillograms and to separate out the fimdamental by analysis. 
Since, as mentioned, the order of magnitude of the harmonics, 
particularly the third, being large as compared to the funda¬ 
mental components, this separation is difficiilt to perform with 
sufficient accuracy. 

These tests were tried in our Research Laboratory, However, 
they did not yield good results at all for the reason mentioned 
above, although they were all performed on 1 :1 ratio trans¬ 
formers. It seems to me, therefore, that the only way in which 
sufficient accuracy may be obtaiued is by making use of such 
connections as will separate out currents and voltages of one 
frequency. This is accomplished in tests No. 3 and No. 4 where 
the voltages and currents theoretically should be of impressed 
frequency. These tests, therefore, seem entirely rational when 
applied to transformers of unity ratio of transformation. When 
used with other ratios of trkisformation in connection with in¬ 


strument transformers, the results may easily be subject to errors, 
as also pointed out by Mr. Boyajian. These tests will also fail- 
to take into account the effect of saturation on the leakage 
reactance, if any. Personally, I think this effect is very small. 

The three-phase, third-harmonic test seems to me to be the one 
to which the fewest objections may be raised. It determines 
the leakage reactances at normal (or any desired) saturation, and 
instrument transformers are not likely to affect the results 
seriously since their secondaries are connected directly to indi¬ 
cating meters. All doubt in regard to the calibration of the 
instrument transformers is thus eliminated. Of course, due to 
unbalance and other causes, it may be impracticable to obtain 
an entirely pure wave; but in any event the quantities of triple 
frequency which it is desired to measure will be entirely predomi¬ 
nant and hence correct determination is highly facilitated even 
though oscillogram analysis may be necessary. 

Mr. Boyajian’s tests (1) and (2) make provisions for taldng the 
effect of the exciting circuit into account, while his tests (3) and 
(4) eliminate any effect of the exciting current, because in each 
case the connections are such as to suppress the flux exclusively 
existing in the core. Since Mr. Boyajian is of the opinion that 
the exciting circuit affects the distribution of leakage reactance 
between px'imary and secondary, the two former tests should be 
expected to give results which differ from those obtained by 
the two latter tests. Mr. Boyajian does not mention this point 
at all, which to the writer seems quite important if it is assumed 
that the exciting circuit affects the distribution. Since, as shown, 
this is not the case, it would not make any difference in practise 
which test was employed as far as this particular point is 
concerned. 

In connection with test No. 5 in which the F-A-A connection 
is used, Mr. Boyajian presents a table giving the distribution of. 
third-harmonic circulating current between the two closed deltas. 
His figures show that the distribution of this current, although to 
a comparatively small extent, depends upon the flux density in 
the core. Experiments performed in our Research Laboratory 
show less dependency on flux density. The table also indicates 
that the distribution of third-harmonic current between the 
two deltas to a certain extent depends on the reactance between 
the F-oonnected winding and the two delta windings. There 
does not seem to be any reason why this reactance should enter 
into the problem at all. I am inclined to attribute the change 
in distribution to unbalance of the transformers rather than to 
any other cause. Even if the transformers are very well balanced 
and the ratio of transformation is uniform, it is practically im¬ 
possible to avoid a small amount of fundamental in addition to 
the third harmonic in the closed delta circuits. According to 
Mr. Boyajian’s sketch, Fig, 9, the third-harmonic currents were 
measured by inserting meters only in the closed windings. It is 
hardly safe to assume that the currents measured were of purely 
triple frequency unless this was checked by oscillograph. 

Next, I want to say a few words in regard to Mr. Peters’ dis¬ 
cussion. Mr. Peters accuses me of sa 3 dng that when the triple- 
frequency voltage, which appears when the third-harmonic 
current is fully Oppressed, is divided by the triple-frequency 
leakage impedance, the triple-frequency current is obtained. 

I am surprised indeed that any of my statements can be inter¬ 
preted in such a manner. I fully agree with Mr. Peters that the 
relation between the triple-frequency “open-circuit voltage” and 
the triple-frequency current does not follow Ohm’s law. The 
relation, however, between the triple-frequency voltage, which 
is induced in the winding by the triple-frequency flux actually 
existing in the core, and the triple-frequency current, does follow 
Ohm’s law. 

It is well known that the third-harmonic voltage depends upon 
the third-harmonio current which flows. I briefly mentioned 
this in my paper on Transformer Harmonics and Their Distribution 
but did not discuss the mechanism of the interaction in 
detail. I stated, however, that it was my intention to do so in a 
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future paper. Siuoe this particular question, however, is brought 
up, I would like to say that the effect of the third-harmonic 
current on the third-harmonic flux and corresponding voltage 
may very illustratively be compared to the effect of the armature 
reaction in a s 3 uichronous alternator. In the latter, the excita¬ 
tion voltage will exist between the terminals if the machine 
carries no load. As soon as load is applied to the machine, how¬ 
ever, the voltage which is induced in the winding is changed due 
to the effect of armature reaction, and the excitation voltage 
becomes entirely fictitious. If the actually induced voltage is 
divided by the sum of the leakage impedance and the external 
impedance of the machine, we obtain the current which flows in 
the circuit. If the synchronous impedance corresponding to the 
particular flux density is knovm, then the same current may be 
obtained by dividing the fictitious excitation voltage by the sum 
of the synchronous impedance and the external impedance. 
What I have done for the transformer is equivalent to the former 
operation. If it were possible to ascertain the value of the trans¬ 
former impedance which would correspond to the synchronous 
impedance in the rotating machine, then the triple-frequency 
current could be obtained by dividing the open-circuit third- 
harmonic voltage by the sum of this impedance and the external 
impedance, if any. Of course, the internal impedance to be used 
in this case would depend upon and vary with the flux density, 
and hence with the triple-frequency current. There is a possi¬ 
bility that an impedance of this sort may be determined on an 
empirical basis, and I have looked into that question to quite 
an extent. However, the work has not as yet proceeded far 
enough, and I am not ready at this time to make a definite 
statement. 

I agree with Mr. Peters that it was imfortunate that the 
ammeter had to be shifted from one of the closed deltas to the 
other in the F-A-A test for determination of third-harmonic 
current division. I called attention to this fact in the paper. 
It should be noted, however, that while the meter was changed 
the oscillograph shunts and vibrators, which constituted the main 
part of the resistance in the corners of the two deltas, were never 
short-circuited, but always left in the circuits even when the 
ammeter was removed. The resistance of the shunted vacuum 
thermocouple ammeter was 0.3 ohm when oscillograms Nos. 
9, 10 and 13 were recorded, and 0.06 ohm when Nos. 11 and 12 
were taken. Hence, the resistance of the measuring instrument 
was in all cases far from being of the order of magnitude of the 
total impedance of the winding, as Mr. Peters states. In the 
most unfavorable cases (oscillograms Nos. 10 and . 11) the effect 
of a change in resistance of 0.3 ohm on the magnitude of the total 
impedance of the low-impedance delta winding is about 10 per 
cent. 

I cannot give any definite reason for the discrepancy between 
the values oi; leakage impedance of winding No. 3 as determined 
by the two-winding and three-winding methods. As Mr. Peters 
points out, the one found by the latter ought to have been the 
smaller|^ce it was taken with respect to winding No. 2 instead 
of witn|^^espect to No. 3. I do not think,. however, that the 
difference would have to be as large as 25 per cent, even though 
the distance between the coils is reduced by approximately this 
amount. Such a direct relation between spacing and leakage 
reactance would eidst only with a very ideal distribution of leak¬ 
age flux of uniform density, which does not obtain in an actual 
transformer. 

The discrepancy may be due to the effect of unbalance or to 
inaccuracies in determining the reactances by the two-winding 
method, or both. In the two-winding tests the third-harmonic 
volt^es which had to be measured, particularly at the lower 
denmties, were very small and this fact may have affected the 
precision of the measurements. 

I fuUy agree in the remarks made by Mr. McCurdy, The 
mattOT of whether a leakage readance is^ definite depends upon 
deflmtion, a point which I have tried to ampfify in my discussion 


of Mr. Boyajian’s paper. Of course, as Mr. McCurdy also states, 
the leakage impedance is not the impedance which should be 
assigned to a winding in all oases. It depends upon connections 
used and the number of circuits carrying current. 

Prof. Lyon’s discussion of applications to three- and four-circuit 
transformers is very interesting and illuminating. It brings out 
very clearly the difference between the leakage reactance of one 
winding with respect to some other winding, and the reactance 
which has to be assigned to the same winding in case three or 
more windings carry current of the same frequency. 

Aram Eoya jian: Professors Karapetoff, Lyon, and Dahl and 
Mr. Peters seem to be in agreement with the speaker on the main 
points of the paper. Thus Prof. Karapetoff says, “In a trans¬ 
former with more than two secondaries, the indefiniteness of the 
division of the leakage fluxes among the individual windings lies 
in the very nature of the phenomenon.” Prof. Lyon offers a 
number of equations because, he says, “it makes clearer some 
points that Mr. Boyajian brings up in his recent paper on the 
theory of such transformers. ” Prof. Dahl is no less explicit when 
he says (following his equation 11), “The relative aspect of the 
leakage reactances should be carefully noted. The leakage 
reactance of a winding is not a quantity which is dependent upon 
and charaeteiristic of that winding alone; it must, of necessity, 
be defined with respect to some other winding. This fact be¬ 
comes particularly important in multi-winding transformers. 
Thus, in a transformer having three windings designated Nos. 
1, 2 and 3, the leakage reactance of winding No. 1 with respect 
to winding No. 2 will be in general different from tlie leakage 
reactance of the same winding with respect to winding No. 3. . . ” 

Mr. Perris* attitude is, I think, entirely reasonable. Witliout 
generalizing and dogmatizing beyond his immediate problem, 
he states that in dealing with third-harmonic troubles it would 
be very desirable to formulate some sort of individual leakage 
reactances which could be used in the computation of residuals 
and third-harmonic line currents. This probably can be done 
to some tolerable extent, subject of course to variation with 
changing degree of saturation. More investigation would be 
desirable in this direction. 

Mr. McCurdy claims that the speaker “is in error in stating 
that the difficulties which have arisen in dividing leakage im¬ 
pedances between windings are due to any lack of definiteness 
of the problem.” Y^bat I have claimed was that (a) a single 
tesolution of universal application is impossible, not merely 
difficult, and (b), that resolutions for particular applications 
are easy, describing half-a-dozen methods for exciting-current 
applications. Mr. McCurdy’s interest in the subject being con¬ 
fined exclusively to a very definite particular problem, viz», 
third-harmonic telephone interference, his difficulty was not due 
to the indefiniteness of the general problem, even though the 
general problem is indefinite. His difficulty apparently lay in 
the belief that the third-harmonic method is the only possible 
method of resolution for exciting-current applications. 

Ordinarfiy, we speak of two kinds of transformer reactance: 
(1) open-circuit or magnetizing reactance, (2) short-circuit or 
leakage reactance. Thus, leakage reactance is the reaction of 
the transformer to the load currents. Still, Mr. McCurdy wants 
to restrict the use of the term “individual leakage reactances*’ 
only to magnetizing-eurrent applications by saying that “it 
leads to confusion to call such individual impedances of three- 
^ding transformers ’individual leakage impedances’.” If the 
impedance offered by a transformer winding to* its load current 
may not be called its leakage impedance, I fail to see what else 
may be called leakage impedance. I have justified the use of the 
terni “leakage impedance” in connection with exciting-ci^ent 
applications, only by considering the excitation kv-a. as a load, 
in a fictitious axDciliary winding. 

Relative to the third-harmonic tests mentioned by the author, 
M[r. McCurdy asks if the effect of meter inoipedances extrane¬ 
ous harmonics were eliminated. So far as extraneous harmonics 
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are concerned, they were previously found to be absent by 
oscillographic records, and in these particular tests no oscillo¬ 
grams were taken. So far as meter impedances are concerned no 
corrections or eliminations were necessary. The tost consisted 
in this: we had two independent windings A and B dividing be¬ 
tween them the third-harmonic excitation of the transformer. 
We noted that with a certain voltage inipreasod on the trans¬ 
former, A took more than half of the third-harinonic exciting 
current. Leaving all meter and connections absolutely un¬ 
changed, but increasing the voltage impressed on the transformer 
considerably, we observed that this time B took more than half 
of th<3 third-harmonic current. This showed, regardless of meter 
impedances, that the division of the third-harmonic impedance 
between the two windings had changed in changing the impressed 
voltage of the transformer. The phenomenon is explainable 
qualitatively by a consideration of the return magnetic circuits 
of the t%vo windings. 

Mr. McCurdy admits that the various test methods which I 
have described are entirely feasible with one-to-one ratio trans¬ 
formers, but ho overestimates the difficulties wliudi instrument 
transformers would introduce, tlie difficulties which 1 have 
already mentioned in my paper. As against his opinion that 
“these methods do not have much practical importance” and 
that the third-harmonic method is the only way, wo have Mr. 
Peters* opinion that “These methods are so simide and direct 
that chances of error are very remote.** We also have Mr. 
Weller*s statement that test methods No. 1 can be accurately 
reproduced, and that ho has resolved experimentally the react¬ 
ances of a number of potential transformers without the aid of 
third harmonics. Mr. Weller's results are the more significant 
in view of the fact that the resolution of the leakage reactances 
of potential transformers is much more difficult than that of 
power transformers. 

I wish to emphasize here the inherent weakness in giving the 
third-harmonic method a privileged position in this resolution. 

In the first place, we must recognize that third harmonics are 
not a necessary inherent and unavoidable aecompanimont of 
transformer action such as resistance or reactance or magnetizing 
current, but they are purely incidental and oven avoidable if 
one wishes to pay the price. Leakage reactance, on the other 
hand, is an inherent accompaniment of transformer action, and is 
primarily formulated for, and effective to, the normal-frequency 
currents regardless of the presence or absence of third-harmonic 
phenomena. Does it appear reasonable to imxdy that the 
normal-frequency porfonnance characteristics of the leakage 
reactances of the various windings cannot be determined except 
through the aid of the non-essential incidental third harmonics? 
Let us assume an air-core transformer; it certainly will have a 
large magnetizing current and a large leakage reactance, but no 
third harmoni(JS. Does the resolution of leakage imctance be¬ 
come indeterminate now on account of the absence of third 
harmonics? Or assume an iron-core transformer: are wo to 
think that, when it is excited at such high densities as to generate 
considerable third harmonics, the windings show definite individ¬ 
ual reactances to fundamental-frequency currents; and that, 
when the transformer is so underexcited as to yield inappreciable 
third harmonics, the windings will not show definite individual 
reactances? Or again we ask, is the e^ect of the division of 
leakage reactance upon the normal-frequency characteristics so 
insignificant that it cannot be detected or measured by normal- 
frequency phenomena? If so, the resolution would become 
largely a third-harmonic phenomenon indifferent to fundamental 
frequency, a conclusion which the third-harmonic champions 
would hardly admit. We should, I believe, admit that if the 
resolution does make a sensible difference to fundamental-fre¬ 
quency characteristics, then that difference ought to give us a 
line on the desired resolution. 

Mr. WeUer mentions the interesting case of ring-wound 
current transformers. These constitute the simplest case for 
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theoj'etical analysis. In them, all leakage reactance belongs to 
the outer winding, subject to a small correction due to the thick¬ 
ness of the inner winding. 

Mr. WoUer and Mr. McCurdy are right in stating that the 
passing reference at the end of the paragraph numbered 2 in the 
text should be applied to a potential transformer, not to a current 
transformer. 

Prof. Dahl, commenting on the classical equivalent-circuit 
diagram of a two-winding transformer as used in my paper, says 
that it is not antj.a*ac*0’epresentation,athoiighheiswillingto toler- 
ato it as an approximation. One would bo led to infer from such 
a comment that Prof. DahTs equations do not imply such a 
diagrain and that theloalaige reactances which he has formulated, 
and tried to determine, ai*e not the lealcago reactances shown in 
this dhigram. As a matter of fact, this is exactly the diagram 
implied by the classical equa.tioiis which. Prof. Dahl has used, 
and the leakage impedances shown therein are the very impe¬ 
dances which ho is trying to determine. The impedance links of 
tlie equivalent circuit are sotneAvhat variable depending on the 
saturation of the coro exactly as the self and mutual reatitances 
used in his equations are varial Je with density. 

Tins case is probably illustrative of other soomirig dilforencos 
between the two papers. 

Prof. Dahl offers a definition of leakage roacianeo in the belief 
that by it individual reactance will become a single-valued quan¬ 
tity incapable of more than one interpretation. Tims, the 
leakage reactan<?o of a winding is defined as the “reactance 
caused . . , by a current iu the first winding which does not 
produce any leakages wliatever Avitli the second winding.*’ Re¬ 
ferring to the clause “caused by a current,** we ask, caused by 
which (Mirront? Any current and every current? Or is it some 
particular kind of current such as exciting current or load ciuTent? 
If it is the latter, wo then ask, which load current, the one oc¬ 
casioned by the load iu winding X or that due to the load in 
winding F? The burden of iny paper was to show that the leak¬ 
age reactance which a winding offers to an exciting current is 
different from that which it offers to a load euwent, similar to tlie 
fact that the total reactance which a transformer offers to oxciting 
current is different from the total imctance which it offers to load 
currents, and tliat if the load can be applied at more than one 
point, the leakage reactance (for instance of the primary) is 
different for each different location of the load and of the second¬ 
ary with respect to which the primary leakage is being considered. 
Thus, even the definition which Prof. Dahl offers does not neces¬ 
sarily make the general resolution a single-valued operation. 

Prof. Dahl, like Mr. McCurdy, seems to wish to restrict the 
individual leakage reactances to currents considered as exciting 
currents. Such restriction, however, fails to reckon with the 
historical fact that the term “leakage reactance** is something 
that has always been applied exclusively to the reactance of a 
machine for its load current, not only in the ease of transformers 
but also in the case of induction motors and synchronous ma- 
chines. What linguistic or historical justification can there be * 
now in trying to restrict the leakage reactances of windings to 
exciting current? In my treatment, the exciting current comes 
in as a particular kind of load, a load in an auxiliary fictitious 
winding, and thus takes its place alongside of other loads, co¬ 
ordinate with them and entitled to no unique privileges. The 
problem then becomes that of a tliree-winding or multi-winding 
transformer. 

I am fully aware that, in contrast to the foregoing system of 
considering all currents as load currents, it is possible to con¬ 
struct an alternative system in which all currents including load 
currents are considered as magnetizing currents, and are thus 
given the same mathematical treatment as the no-load magnetiz¬ 
ing current. The initial steps in this latter method are quite 
elementary, and, therefore, the first impulse of nearly everybody 
on first approaching the subject of three-winding transformers is 
to try to attack it by beginning with the familiar equations, 
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E\ — I\ Xi + Xi2 + . . . 

Ei = I2 Xi 4 * -^1 X12 

where the voltages are total voltages and the currents are the 
total currents in the corresponding windings, and XitXz, etc., 
•X’la, X 18 , etc., are the total (magnetizing) self and mutual react¬ 
ances respectively. This latter method, however, leads to great 
complexity and an unnecessarily burdensome system of equa¬ 
tions, whereas, the consideration of the load currents as load cur¬ 
rents and the reactances as leakage reactances leads to wonderful 
simplification of equations, even though at first it may be a little 
difficult to grasp the point of view. It is certain that any system 
dealing with multi-winding transformers and starting with total 
currents and magnetizing self and mutual reactances must at 
some stage convert into load currents and leakage reactances, to 
be of any practical use. All this can be accomplished directly 
and with very little labor and mathematics once the comprehen¬ 
sive physical point of view is appreciated. The work done by 
Mr. Peters and the writer on the theory of three-winding trans¬ 
formers, as well as references in American and European technical 
literature that have come to my attention, seem to confirm this 
conclusion. Judging from very old treatises on transformers, the 
pioneers in transformer theory used to calculate load character¬ 
istics by the aid of self inductances and mutual inductances. 
Later it was discovered that the idea of leakage or short-circuit 
reactance introduces a wonderful simplification and precision into 
calculations by eliminating the need of any reference to the awk¬ 
ward magnetizing self and mutual inductances. It appears to 
me, therefore, that in dealing with load-current problems, to 
use magnetizing self- and mutual-reactance conceptions instead 
of leakage-reactance conceptions, is somewhat like using the 
instantaneous values of currents instead of their effective values. 
The question here is not which is correct (because both are cor¬ 
rect), but which is more comprehensive? Which is more prac- 
ical? Which utilizes to a greater extent the accumulated technical 
experience of the profession? Wouldn’t we handicap ourselves 
unnecessarily if in every problem we should start with Max¬ 
well’s fundamental equations? 

The conclusion which Prof. Dahl draws from the 13 equations 
in his discussion is that the reactances of the three branches of the 
equivalent circuit are definite quantities. This conclusion, 
hardly needs a proof, but only the caution that this resolution 
refers to the exciting current because the various impedances 
used in the equations are the magnetizing impedances. Prof. 
Dahl further wishes to conclude that the resolution is inde¬ 
pendent of whether or not a fictitious excitation winding is 
assumed. However, whether or not a fictitious excitation-load 
circuit representing the kv-a. loss in the iron is expressly assumed, 
one is implied. For instance, if 1 is given as the self-inductive 
impedance of winding No. 1, it represents the leakage impedance 
between winding No, 1 and the excitation-load winding which 
we have postulated as hidden in the core to represent the excita¬ 
tion loss (kv-a., not only kw.) in the iron. Although I have 
called this a fictitious circuit, it is not altogether fictitious, be¬ 
cause the core does constitute many little circuits and these may 
be represented by a single equivalent winding. The position and 
shape of this equivalent winding may not be arbitr/uily assumed. 
It has to bd such as to agree with the eharacteristics of each 
particular core.. 


Referring to the test methods described in my paper. Prof. 
Dahl states that some of them were tried out with one-to-one 
ratio transformers and found unsatisfactory due to the influence 
of the harmonics of the exciting current. It is very unfortunate 
that Prof. Dahl does not given any data at all, neither does he 
state just why the tests were considered unsatisfactory. It is 
possible that these tests were made after the publication of these 
papers and the data have not as yet been put into suitable shape 
for presentation. It is also possible that these tests at funda¬ 
mental frequency did not cheek the previous third-harmonic 
tests and were therefore considered unsatisfactory* Now, so far 
as the effect of harmonics of exciting current on these tests is 
concerned, I think we can decide the matter rather definitely 
on theoretical grounds as follows: 

The resolution of the normal-frequency leakage reactance by 
the aid of the third-harmonic test is based on the assumption that 
the same resolution holds at triple-frequency as at fundamental- 
frequency or at any other frequency. Now, if this assumption 
is true, that is, if all harmonies require the same resolution so that 
the ratio of the individual leakage reactances of the two windings 
is the same for all of the harmonics, then the division of the vari¬ 
ous harmonies of current between two windings ought to be the 
same whether one harmonic is tested or the other or whether their 
composite is tested, assuming that the meter impedances are not 
influencing the circuit conditions to any serious extent. Har¬ 
monics of exciting current could disturb the results only when the 
resolution of leakage reactance is different for different liar monies, 
and this I do not think Prof. Dahl would concede, because it 
would undermine the applicability of third-harmonic test results 
to fundamental-frequency phenomena. Furtherniore, the reso¬ 
lution may be tested at various flux densities in the core, starting 
with very low densities to which harmonics are practically absent, 
and plotting a curve of resolution against flux density. This may 
then be compared instructively with the resolution.^ obtained by 
a single harmonic at the corresponding densities. 

It is to be hoped that Prof. Dahl will investigate th(jso various 
test methods thoroughly and that he will pre.sent liis data to the 
Institute in another paper soon. 

The cmves presented by Mr. Palueff are interesting and have 
evidently been prepared with much care. It must be noted that 
he is dealing with the composite or resultant of two fluxes 
(produced by the magnetizing and load currents) and, therefore, 
the various voltages measured by the exploring coil are not 
directly indicative of individual reaetanco.s. Of course, so far 
as the individual leakage reactances (with respect to exciting 
current) of a transformer consisting of two circles in space are 
concerned, they can be very easily solved in accordance with 
equations (10) and (11) of my paper without having to plot any 
curve. It is unfortunate tht Mr. Palueff did not segregate the 
two components of fluxes and voltages. 

Professor Karapetoff as an educator is rightfully somewhat 
concerned over the sense of uncertainty and indefiniteness that 
people may get if told of the relativity of the resolution of leak¬ 
age reactance. It was attempted to guard against this opposite 
extreme by tabulating at the end of my paper a number of 
definite conclusions indicating specific applications and inter¬ 
pretations. 



A New Two-Phase to Six-Phase Transformer 

Connection of One Hundred Per cent Apparatus Economy 

BY A. BOYAJIAN‘ 

Member, A. I. E. E. 

Synopsis. A new transformer connection of 100 per cent ap. sishphaae and vice versa. Its merits from various standpoints are 
paratus economy is described for transformation from two-phase to compared with those of the ScoU and the Woodbridge connections. 


Introduction 

HIS paper describes a new two-phase to six-phase 
transformer connection which has an “apparatus 
economy” of one hundred per cent. 

By apparatus economy is meant the ratio of the 
single-phase transformer kv-a. rating of the device to 
its kv-a. rating as a phase transformer. This ratio is 
sometimes called “internal power factor”. This latter 
term, however, is not so good, because of the fact that, 
although at unity power factor loads the value of the 
internal power factor is identically the same as the 
apparatus economy, yet the internal power factor varies 
with the load power factor, while the apparatus econ¬ 
omy fs independent of the load power factor. 



DO 

PiG. I—Two-Phasb to Diametric Three-Phase or Six- 
Phase Tbansjtormers 
T hree>phaso side: 

Voltages: AD — BE — CF —100 per cent 
AP — PQ — QR — RD —per cent 
BC — PRr—FE —60 per cent 
BP — PF — CR--^RE —43.3 per cent 
Currents in Lines—100 per cent 
Current in AP — PQ — QR-^RD —100 per cent 
** “ BC — FE —^60 per cent 

** » BP—86.6 per cent 

Description op the Connection 

Fig. 1 shows the connection diagrammatically. 

The core and flux are two-phase, so that two single¬ 
phase cores or one two-phase core would be necessary 
and sufiBcient. 

Considering the windings, two windings are needed 

1. Of the General Electric Company, Pittsfield, Mass. 
Presented at the Annual Convention of the A. I. E. E.. 
Saratoga Springs, N. Y., June S£-87, 1926. 


on the two-phase side, one for each phase. They may 
be interconnected (as T, L, or diametrically), or they 
may be entirely independent. This freedom is advan¬ 
tageous, in being adaptable to any two-phase system. 

On the six-phase side, we have a rectangle, B CE F. 
crossed by the line A D. The voltages of the various 
parts are shown in the illustration. 



Fiq. 2 —Double-T or Double-Scott connection 

It may be noted that the six-phase side may be also 
considered a diametric three-phase system, since any 
diametric three-phase device may be operated from it. 

New Connection Compared with the Doublb-T 
Connection 

The common connection for two-phase to six-phase 
transformation is the so-called double-T or double- 
Scott connection shown in Fig. 2. While structurally 
there is a great deal of resemblance between this and the 
new connection, what little difference there is accounts 
for the difference in the apparatus economy of the two 
connections. The maximum apparatus economy which 
the Scott connection is capable of is 96.6 per cent (using 
non-interchangeable units and properly interlaced 
three-phase main windings) as against the 100 per cent 
apparatus economy of the new connection. Besides 
this difference in economy, the new coimection is free 
fromi the trouble of the interlacing requirement for the 
two halves of the main wdnding in the Scott connection. 
This advantage is more appreciated if it is considered 
that six-phase circuits are usually of low voltage and 
high current, and proper interlacing of the two halves of 
the main is not a simple matter. 
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It will be observed that the Scott connection can be 
converted into the new connection by redistributing the 
two teaser windings arotmd the two main windings in 
accordance with Fig. 1. 

A disadvantage of the new connection in comparison 
with the Scott connection is that the former is not 
adaptable for the use of interchangeable units. If a 
spare is needed, it must be a complete pol 3 T)hase unit, 
while in Scott connection a single-phase spare may be 
suflScient. In this interchangeable scheme, however, 
the apparatus economy of the Scott connection is at 
best only 93.8 per cent. 







Fia. 3—The Woodbbidqe Connection 

New Connection Compared with the Woodbridge 
Connection 

The Woodbridge connection is a 100 per cent econ¬ 
omy connection shown in Fig. 3. Originally this 
coimection was intended for two-phase to three-phase 
transformation, but its applicability to two-phase to 
six-phase transformation is obvious. The Woodbridge 
connection, although of high economy, is seldom used 
on account of three limitations: (1) being a 4-wire 
two-phs^ connection, it is not adaptable to 3-wire 
two-phase circuits; (2) the two-phase side is unsuited 
for taps; and (3) it is as complicated for two-phase to 
three-phase service as for two-phase to six-phase serv¬ 
ice, while in the matte* of simplicity, adaptability and 
convenience for two-phase three-phase service the 
Scott coimection is far ahead of any of the other many 
connections so far invented. The new connection here 


described is not adaptable at all to three-wire, three- 
phase service. 

For six-phase service, the Scott, the Woodbridge and 
the new connections are of the same order of complexity 
in the matter of windings, but the latter two do not need 
the particular interlacing required by the Scott con¬ 
nection. Since taps are or would be placed on the two- 
phase side, in this service the Woodbridge connection 
is at a very serious disadvantage. 

A point of great theoretical interest in this comparison 
is that both of the two 100 per cent economy connec¬ 
tions are “diametric” in their derived phases, but free 
and flexible in their original. The Woodbridge connec¬ 
tion uses three-phase flux, and is flexible in its three- 
phase side, its original side," being capable of either 
diametric or mesh connection. However, on its de¬ 
rived side,—^viz., the two-phase side,—^the connection 
is entirely limited to four-wire diametric connection. 
The new connection here described utilizes two-phase 
flux, and this being its original phase, it is capable of any 
two-phase connection. However, on its derived side, 
the ^ree-phase side, it has to be diametric, that is, 
six-wire three-phase, and is therefore not adaptable to 
ordinary three-wire three-phase circuits. 


Discussion. 

Vladimir Karaj^tofft A general solution of two-pharse to 
six-phase transformation is shown in Fig. 1 presented with this 
discussion. 0 a, 0 b, 0 c, 0 d, 0 f, 0 g, are six “star” voltages 
desired to be liad on the six-phase side. As a simplest eaee, 


a 



Fig. 1 

imagine a six-phase synchronous motor adjusted to run at unity 
power factor and used as a load on a two-phase line. Then the 
foregoing six voltages may be considered, as those across the 
individual armatiure phases (star connected) of the motor. 
The problem of phase transformation consists, in connecting the 
vertices of the. hexagon by lines of two mutually perpendicular 
directions. Starting with point a, there are only three possible 
independent beginmngs, viz., ab, a e, and ad. Beginning with 
o6, we have to draw ab, go, fd, for phase I, and af, bd, for. 
phase II. This will give the figure drawn by dotted lines and 
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identical with that shown in Boyajian’s Pig. 1J Beginning with 
a c gives again a figure shown in full lines. Beginning with 
a d gives an identical # figure drawn in “dash and dot.” Thus, 
the $ transformation is not one of several possible transforma¬ 
tions, but the only possible perfect transformation. 

By a perfect transformation I understand one in which only 
the vertices of the hexagon are used. With the double-T 
transformation, auxiliary points, h and h are necessary, and 
this causes reactive currents, increased kv-a. rating of the trans- 


a' 



formers, necessity for interlacing, etc. It will be seen from my 
Fig. 1 that no more lines interconnecting the vertices in a 
“perfect” way can be drawn; therefore, all possible solutions are 
included in this figure. 

For example, the six-pointed star shown in Boyajian’s Pig. 3 
may be readily seen in my Pig. 1. It may be of interest to point 
out that a sketch identical with Pig. 1 was included in the first 
edition of my “Experimental Electrical Engineering” published 
in 1909, and the general method of obtaining perfect phase 
transformations explained. However, I did not follow the mat¬ 
ter any farther and did not realize that I had the # figure until 
I saw it in the paper under discussion. 

The reason for which a perfect transformation gives 100 
per kv-a. efiicieney may be seen in Pig. 2. The six line currents 
flowing into the load are shown by the vectors a a', h etc. 
The six star voltages are in phase with these currents. Only 
two voltages, 0 a and 0 d, are shown. Phase I of the trans¬ 
former furnishes the currents a a' and d d' directly, and the kv-a. 
delivered is 2 ie. The current g g' is furnished by both phases. 
Phase I supplies 0.51 and phase-11 supplies 0.5 1 '\/’3. Thus 
the phase I furnishes altogether 

2 i e -b 2 (0.5 i) e — 'die. 

Phase II furnishes 

■ 2 X (0.51 V3) X (e\/3) = 3 t «. 

In other words, both phases furnish equal kv-a., and all the 
currents in the transformer windings are in phase with the re¬ 
spective voltages. This means 100 per cent apparatus efficiency. 

1. I suggest calling this kind of bransformer connection the connec¬ 
tion,” because of some resemblance of the diagram to this Greek letter. 


It will be seen that the connection involves two “stub ends,” 
a and d, and four “junction points,” 6, e, /, g, where two trans¬ 
former windings are joined together. For a “perfect” trans¬ 
formation, the stub ends should be used only whe.re the induced 
voltages in both systems are in phase with each other. At all 
other points, junctions should be used in order to produce a 
resultant current out of two components, each of which is in 
phase with its induced voltage for that particular transformer 
case. 

It is shown in Pig. 3 herewith the usual T connection does 
not satisfy this condition, and for this reason its kv-a. efficiency is 
less than 100 per cent. Stub ends, a and h, are used in the phases 
in which the induced voltages difier by 30 deg. As a result, 
the three-phase currents a a' and h h' are out of phase with the 
induced voltages when the two-phase side is loaded at 100 per 
cent power factor. This causes unbalanced magnetomotive 
forces, increased magnetic leakage, and necessity for interlacing. 

Aram Boyajian: Professor Karapetoff has proven tor us 
that the transformer connection here described is the only pos¬ 
sible two-phase-six-phase connection of 100 per cent apparatus 
economy utilizing two-phase fluxes and voltages. If his argu¬ 
ment is true, as it appears to be, he saves us from futile effort at 
further invention along this line. 

The connection here described originated in an effort to de¬ 
vise a two-phase-three-phase connection that would be free from 
the complications and limitations of the Woodbridge connection. 
Since the Woodbridge connection was based on three-phase flux 
and voltages, the solu tion of the problem was sought in the use of 



two-phase flux and voltages. However, the three-phase system 
so derived turned out to be a diametric (that is, six-wire) three- 
phase system, unadaptable to three-wire three-phase systems, 
and was equivalent to a six-phase system. As stated in the 
paper, it appears to the author that this is inherent in the 
nature of things, that is, the derived system has to be diametric, 
such as four-wire two-phase, or six-wire three-phase.ff Maybe 
Professor Karapetoff can definitely prove this to us some^time. 
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Synopsis:—The paper presents the results of wattmeter measure- All results show a comparatively small change in core loss as d-c* 
ments of iron loss in a small experimental reactor designed for a-c. excitation is addedf the core loss even showing a decrease when the 
and d-c, excitations* All the resistances were measured hy the d-c. a-c. saturation is high. 

voUmeter-ammeter method, and the P B losses were suitraOed from disUnguished from the dovhle frequency 

m total waUmeter readings. A-c. ewe losses are plotted against ^rrent copper loss, and means are given for decreasing 

drc. excuation for various .a-c. flux densities. These curves were p 

cheeked qualitatively by means of hysteresis loops taken ivith a 

special bilateral oscdlograph. » ♦ » » » 

Introduction d-e. fliox densities. Although the authors cannot, at 


I N thesis work at Massachusetts Institute of Tech¬ 
nology in 1924, the authors investigated the losses in 
iron under the action of superposed alternating- and 
direct-current excitations, and the results of this in¬ 
vestigation are given herewith. This paper was pre¬ 
pared while the authors were connected with that 
Institute. 

The question of superposed excitation is one of wide 
interest in electrical engineering as it occurs in one 
form or another in many electrical machines. Perhaps 
the best known example is the d-c. saturated regulator 
and reactor. Some rectifier circuits have transformers 
that are partially saturated with direct current, and the 
question of iron loss may be very important in connec¬ 
tion with the proposed high-voltage, d-c. transmission. 
Practically all rotating machinery is subject to magneti¬ 
zation at two or more frequencies at the same time, 
especially in the teeth and pole tips. Telephone and 
telegraph circuits also carry both direct and alternating 
currents in many cases. 

Previous investigators in this field have foimd, in the 
main, a very decided increase in a-c. iron loss with an 
increase in d-c. bias, sometimes amounting to fifteen or 
twenty times the usual core loss. Only a few reports 
show any decrease in the iron loss. In most of those 
which show excessive losses, the circulating double 
frequency current which appears in the d-c. circuit or in 
some other winding on the core when direct-current 
excitation is added, has either been neglected or there 
have been other possible errors in the method of meas¬ 
uring the core losses. 

They all agree, however, that the classical formula of 
Steinmetz expressing hysteresis loss does not hold at 
higii-fiux densities. Ball and others have attempted 
to fit ihe Steinmetz equation to the case of superposed 
fluxes by changing the value of the exponent and using 
some value of B which is a function of both the a-c, and 

* Alabama Power Co., Binainghani, Ala. 
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the present time, propose an exact formula, they be¬ 
lieve that the hysteresis loss actually begins to decrease 
at very high d-c. flux densities, and finally becomes 
zero when the total change in flux caused by the a-c. 
component takes place above the saturation point of the 
iron. 

The eddy-current component of core loss depends 
upon the a-c. flux change and not upon the d-c. com¬ 
ponent, and if the a-c. flux wave remains sinusoidal, 
the eddy-current losses should not change with an in¬ 
crease of d-c. excitation. As a matter of fact, the wave 
forms do become somewhat distorted, and the eddy- 
current loss probably goes up somewhat when direct 
current is added. 

The authors found that total core losses remain 
practically constant for a given a-c. flux density, re¬ 
gardless of the amount of d-c. flux in the iron, though 
some change did occur at high and low a-Ci flux densi¬ 
ties. The losses increased when d-c. excitation was 
added if the a-c. saturation was low, and decreased if 
high. The loss curves were taken from wattmeter 
readings and were checked by dsmamic hysteresis loops 
taken with a bilateral oscillograph. A study of the 
accuracy of this oscillograph was also made and they 
believe the loops shown are substantially correct. 

Method op Test 

The method consisted of measuring the total input to 
an iron-core reactor by a low power factor wattmeter 
and subtracting the P R losses in the windings, leaving 
the diflference as the core loss of the reactor. Two 
circuits were used. One had the direct current and 
alternating current in series in the same coil, forcing all 
of the P R loss into this one coil where it coidd be easily 
measured,* the other had three coils, two carrying direct 
current and the third alternating current alone. The 
latter had the advantage of better wave forni but still 
brought the second harmonic current into one winding 
where it could be measured. 

The series circuit is shown in Fig. 1. A storage 
battery supplied the direct current and a series resist- 
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ance regulated its value. DyTiamonaeter ammeters 
were used to measure the current. A transformer kept 
the direct current out of the alternator windings. All 
voltage and frequency regulations were made with the 
field controls of the 6-kw. motor-generator set. The 
core under investigation weighed 20 lb. It was built up 
of 25-gage (0.022-in.) U. S. electric sheet with lap-joints. 
The outside dimensions of the core were 9 by 9 by 
2 in. The cross-section of the middle leg was 2 by 2 in. 
while that of the rest of the core was 1 by 2 in. This 
gave 4 sq. in. for the a-c. fiux path and 2 sq. in. for the 
d-c. fiux when the three-coil circuit was used. 

In taking readings, it was found necessary to measure 
the resistance at every point because of the effect of 
temperature changes while taking data. This was done 


To 

Alternator 



Pia. 1—SxBiBB Connection Showing Positions oe 
Instsumbnts 

by the voltmeter-ammeter method using double-pole, 
double-throw switches to put the direct current alone in 
the windings. Carefully calibrated d-c. instruments 
were used, as the resistance had to be known with great 
accuracy in order to make the “subtraction method" 
at all reliable. With this arrangement, however, no 
difiicully was fotmd in checking readings at different 
temperatures. 

Fig. 2 shows a set df curves of core loss at variovis 
flux densities taken with the series circuit. The 
densities marked on the curves were figured from the 
applied voltage, and sine waves were assumed. If 
corrected for wave form and IR drop, the values would 
be slightly lower than those indicated. 

Since these curves did not agree at all with some 


similar curves taken at Massachusetts Institute of 
Technology in 1923, or with the results of other investi¬ 
gators, an attempt was made to discover the discrepan¬ 
cies. The circuit used in the M. I. T. report of 1923 
is shown in Fig. 3. On considering this circuit, it was 
foimd that an alternating current of double frequency 
must flow in the direct current circuit, even though the 
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Fig. 2—Core Loss Curves for Various A-C. Flux 
Densities Plotted Against D-C. Ampere-Turns. Alternat¬ 
ing AND Direct Currents in Series in the Same Winding. 

d-c. coils were balanced with respect to the fundamental 
when no current was flowing in them. If the direction 
of the winding is such that the a-c. voltages in the d-c. 
coils buck, it will be foimd that the a-c. flux will be with 
the d-c. flux in one core and against it in the other. This 
means that there will be a greater change of flux in one 
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Fia. 3 —Connection used in taking Curves of Fig. 

core than in the other, due to the shape of the mag¬ 
netization curve of iron, and hence more voltage will be 
induced in one coil than in the other at a given instant. 
This will produce a circulating current of double fre- 
quenqr. In fact, this is almost the identical circuit 
used at the Sayville Radio Station as a frequency 
doubler, and was first developed by Count von Arco. 
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When this circuit was duplicated with the identical 
reactors used in the work of 1923 but with an ammeter 
in the direct-current side that would read the square 
root of the sum of the squares of the r. m .s. alternating 
currentand the direct current, and when thel*ii! loss due 
to the circulating current was subtracted, the core loss 
checked that found by the simpler series circuit. At the 
a-c. flux density used it decreased slightly as direct 
current was added. 

There was one peculiarity that is shown by Fig. 4. 
The upper line is ,the curve of “core loss" given in the 



AC amperes 

Fig. 4—Cubves Showing Effect of Resistance in D-C. 
Circuit on Loss Due to Double Frequency Circulating 
Current 

previous report, which really included the circulating 
cmrent loss in the d-c. circuit; the lower curve is the 
same Oiing as read by our wattmeter. The true core 
loss lies under the lower curve. An explanation of the 
large difference is foimd in the different constants of the 
d-c. circuits. The upper curve was taken using direct 
current from the d-c. mains at 116 volts—^a large re¬ 
sistance was necessary to cut it down to a value required 
for the windings on the reactors. In the lower curve, 
direct current was supplied from a storage battery of 
only a few cells, and a very small resistance was needed 
to regulate the current. In this case the second har¬ 
monic path was practically a short circuit, while in the 
first case it had a large resistance load in it. 

It was discovered that as the resistance of the d-c. 
circuit was varied and the direct current kept constant 
by varying the voltage at its source, the circulating 
double frequency cuirent remained substantially con¬ 
stant and approximately equal to W V 2. This led to 
the suggestion that a short-circuited winding be pro¬ 
vided in p^aUel vsdth the d-c. winding in which this 
current could flow. This was tried and the total losses 
were still further decreased. The loss due to this cur- 
r^t can be made about the same value as the iron loss 
without usmg an excessive amount of copper in this 
short-drcuited coil. Since the r. m. s. value of the 
emulating cumnt is IdclV2, if no parallel short- 
circuited coil is provided for the circulating current, the 
loss due to it will be equal to one-half the direct-current 
P R loss in the entire d-c. circuit, including the source of 


supply. It should be noted that any short-circuited 
winding should be placed next to the core in order to be 
most effective, as its leakage reactance will be less than 
if placed outside the d-c. coil. 

The three-coil circuit mentioned here is shown in 
Fig. 6. This scheme has the disadvantage of having 
no d-c. flux in the middle leg of the core and conse¬ 
quently this flux is not so effective in changing the 
reactance as it might be, but the wave-form of the cur¬ 
rent is much improved by this form of core. • Some 
core-loss curves were taken with this circuit and found 
to be substantially the same as those of Fig. 2, except for 
small differences due to the unsaturated portion of iron 
in the middle leg, and the increased reluctance of the 
direct current path. This was about three times as 
high as when the direct current was in series with the 


Alternator 



Fig. 6—Thrbe-Ooil Circuit Which Gives Better Wave 
Form Than the Series Circuit op Fig. 1 But Same Iron 
Loss 

alternating current, as the area of the path was less and 
the length greater. 

Families of curves taken at different frequencies are 
very similar to those shown in Fig. 2 except that they 
move up as the frequency is increased, much as they 
would if no direct current were present. The middle or 
straight ctirve conies at a higher a-c. flux density as the 
frequency goes up, although its actual position, the 
authors believe, would depend upon the rdative 
amounts of h 3 rsteresis and eddy-current loss in the 
given core. 
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OSCILLOOUAMS 

St'veral oscilloKKims of the current and voltage 
in both the series and three-coil circuits were taken when 
the d-c. ampere-turns were of diffei-ent values. The 
single-coil connection of Fig. 1 will be considered first. 
1'he addition of direct current caused the voltage wave 
to become <iuite peakal. This was due in part to the 
effects of the direct current on the supply transformer, 
as it had to circulate through the secondary of this 
transformer as well as through the mietor being tested. 
The volt-amptu’c load on the transformer was about 
half its rating when the large.st value of direct current 
was u.se(l. The IR drop across the regulating resi.stance 
also <listorted this wave. The combined effects re- 
.sulted in a flat flux wave, which in itself, would tend to 
cause lews iron loss. That this was not the entire cause 
of decrea.sed iron los.ses, however, will be apparent from 
<,he results of the other circuit. 

'I’lie currant wav<? with no direct current is the usual 
magnetizing current of iron with a high percentage 
of the third harmonic and other higher harmoniew. 
When direct current is .superpu.sed, the lower half of the 



Etc. (i (‘lIUItK.VT A.Vll Voi.TAttE (>*• TUB RKUIES (aiU.'llIT 
OP Ei<*. 1 When Dikkct C'lmHKNT was Pw>win«. Tiik 
Vamo: is shows »v the Uppeh Hokizontai. Line, which 
Was Taken' IIkpobb C!i.i»kin*« the A-C. Switch 


wave is cut off, more or le.ss completely, depending upon 
the direct current value. Fig. 6 shows the voltage and 
current as well as the direct current alone before the 
alternator switch was closed. This peculiar current 
wave is due to the various harmonies which it contains. 
About 30 per cent each of a third and second harmonic, 
together with several higher ones, will account for this 
.shape. 

To make sure that there was not also some valve 
action in the storage battery that prevented the current 
wave from reversing at the a-c. frequency, a battery was 
put in series with an alternator ^ving the same r. m. s. 
voltage as the battery, and an oscillogram taken of the 
current and voltage waves. The current remained 
sinusoidal but was displaced above the zero axis. This 
displaced current changed sign without any indication 
of a valve action, although the lower peaks of the wave 
just barely extended across the zero line. 

Fig. 7 shows the current and applied voltage of the 
three-coil circuit of Fig. 5 when the a-c. flux density was 
about 94 kilolines, and 4000 d-c. ampere-turns were in 


the outer legs. There is no distortion of the voltage 
wave as when the direct current was in series. There 
is also a decided improvement in the wave form of the 
current, because the iron wiia saturated by the direct 
current and was operated upon the straight-line portion 
of its magnetization curve. Since there are two ])os- 
sible patlis through the iron for the a-c. flux in this 
arrangement, the current wave remain.^ symmetrical. 
The third harmonic still remaining is due partly to f;l\e 
unsaturated portion of iron in the middle leg, and partly 
to the incomplete d-c. saturation of the outside legs. 



7 C1t!ltIlKNT ANI> Voi-TAHK IIP THE TailK|.;,C?OII, 
CittfHHT HP Fill. wuE.v JOIK) D-(’. .\.\ipeuk-Tuh.v.s Wkke in 
tiieOhtku Leiwopthk (!i»IIK 


Fig. 8 shows the current and voltage in the d-c. 
circuit, and the a-e. voltage applied to the middle leg. 
'I'he ciraulating current i.s of just double frequency 
and is practically free from other h{UTnonic.s. 

The.s<> oscillograms are typical of the thirty or more 
that were taken under different conditions, and show 



Fh). 8 “E-kcitino Voi.taop. (with Tooth IliPi*t.E) and 
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THE D-C. CmciiiT. The Upper Horizontai. Line is tub 
DiUEOT CtmilBHT BEFORE THE A-C. SWITOH WAS Ct,O.SB», 
AND THE DoHBI.E-PbBIJOENOY CURRENT IS SyMMETRICAI. AIlOtIT 
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what wave forms may be expected from a .saturated 
core reactor. 


HysTBKBsis Loops 

Dynamic hysteresis loops were taken with a two- 
dimensional oscillograph constructed at M.,I. T. by 
T. W. Kenyon, and they check the wattmeter readings 
of core loss, at least qualitatively. There is a descrip¬ 
tion of such an oscillograph by E. L. Bowles in the 
Journal of the A. I. B. E. for August, 1923. The 
instrument consists of two ordinary vibrators mounted 
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with their axes at right angles and the light beam is 
reflected by both mirrors, one giving it motion in one 
plane and the other deflecting it in a plane at 90 deg. to 
the first. One vibrator carries a shunted portion of the 
magnetizing current, and the other, a current which is 
proportional to the flux in the core. This current is 
obtained by inserting a very large inductance in series 
with an exploring coil on the core, and if the ratio of 

in this circuit is very small, the current is very 

nearly proportional to flux. If this ratio is not small, 
negative loops will appear at the tips of the hysteresis 
loop; but this effect was negligible in the circuit as used, 
for the ratio could be increased to four times its normal 
value without causing any su^estion of negative tips. 

Fig. 9 shows a normal loop taken at about 94 kilo¬ 
lines, a-c. flux density, and one taken at the same 
a-c. impressed voltage, but with 8 amperes direct cur-’ 
rent flowing in the same winding. Both loops are taken 
to the same scale, and the area of the distorted loop does 



Pig. 9—^Nobmal and Displaced Htstbebsib Loops 
Taebn with Bidatbsaii Oscidlooraph. Their Area Incditdes 
Both Htstbrbsis and Eddt-Cxtrrent Losses 

not differ greatly from that of the normal one. The 
loop containing d-c. flux shows practically no area in the 
portion representing high flux density, and therefore 
practically no loss on this part of the cycle. The addi¬ 
tion of direct current causes a shift to the right, of the 
current vibrator, but there is no effect on the flux vi¬ 
brator by the steady d-c. flux in the core. 

Numerous other loops were taken at various values 
of a-c. and d-c. flux, and an extensive study was made of 
the errors in the bilateral oscillograph. It is felt that 
the loops shown above are free from any but very small. 
errors, and that they very nearly represent the iron loss 
(both hysteresis and eddy current) by their area. 

However, as a furtiher check on the accuracy of these 
loops, ordinary oscillograms were taken of the exciting 
current and tiie voltage induced in an exploring coil on 
the core. Fig. 10 shows a trace of this negative. The 
flux wave was plotted by taking the area under the 
voltage wave, and the hysteresis loop was constructed 
from this flux wave and the current wave. The 
constructed loop checks the distorted loop of Pig. 9 


very well indeed, if allowance is made for the difference 
in scales. The applied d-c. voltage, and direct-current 
values were the same in both cases. 

Pig. 11 shows two loops taken with the three-coil 
circuit. The flux vibrator was connected to an ex¬ 
ploring coil of five turns wound outside of the main coil 
on the middle leg. The cmrent vibrator carried a part 



Fig. 10—Displaced Hysteresis Loop Constructed From 
Actual Current and Voltage Waves. Note that this 
Loop is Substantially the Same as the One taken with 
THE Bilateral Oscillograph 

of the exciting current shunted off at (o) in Pig. 5. 
The currents were so high that the errors due to leakage 
and IR drop were very pronounced. The area of the 
loop is actually negative, and is therefore valueless 
in indicating losses. It does show the change in per¬ 
meability, though, by the decrease in its slope when the 
direct current was added. The vertical loop is a normal 
one, and has very little error, since the exciting current 
was quite low when no direct current was present. The 



Pig. 11—NobmaIi and Displaced Hysteresis Loops 
OP Three-Coil Cibooit op Pig. 6, Shotting Change in Im¬ 
pedance BY A Decrease in Slope’ when Direct Current is 
Added. Area op Distorted Loop is not Representative op 
Iron Loss Because op Errors 

distorted loop shows the ^ect of leakage and IR drop 
at high values of d-c. flux by a decrease in verticsd 
height. The exploring coil did not link as much of the 
flux when the core was saturated, and the flux was less 
by the I R drop, since the applied voltage was held 
constant. It should be noted that the average slope of 
the whole loop from the horizontal axis is a measure of 
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the a-c. permeability of the iron, or impedance of the 
reactor. 

Impedance Curves 

The design which gives the greatest change in im¬ 
pedance for the least number of d-c. ampere-turns is the 
best, other things being equal. Fig. 12 shows the change 
in impedance of the reactor as direct current is added. 
All of these curves are at 60 cycles. In each case the 
impedance, when there is no direct current, is taken as 
100 per cent and the percentage of this impedance 
plotted for different d-c. ampere-turns. Curve No. 1 is 
at a low a-c. flux density (42 Idlolines) and has the 
direct current in series (only the center leg of the re¬ 
actor being used). The initial decrease in impedance 



Pig. 12—^Pekcentagb Change in Impedance oe Reactob 
WITH AN Increase op D-C. Excitation fob Various Connec¬ 
tions AND Different Values of A-C. Excitation 

is seen to be quite Isirge for small values of direct cur¬ 
rent. No. 2 is the same curve for 70 Idlolines, and No. 3 
for 94 kilolines. The direct current is most eflfective at 
low a-c. flux densities. Curve No. 4 is also at 42 
Idlolines, but has direct current in the outside legs only. 
It lies above Curve No. 1 because the middle leg is not 
affected by the d-c. flux, and the reluctance of the d-c. 
path is higher than for the series connection. No. 6 
is at 90 Idlolines and corresponds to No. 3 of the series 
circuit. 

Conclusions 

The results of this work indicate that the irm losses 
of a d-c. excited reactor are not excessive. For high 
a-c. saturations, such as would be used in shunt re¬ 
actors for voltage regulation on a transnaission line, 
the iron losses proper may even be decreased. How¬ 
ever, no scheme has yet been discovered for eliminating 
the necessary evil of the double frequency circulating 
current, and its copper loss must really be charged up to 
the iron. This loss, however, may be made as small as 
desired by using sufficient copper, since for a given core 
the double frequency current is a function of the direct 
current excitation, and by its circulation, tends to cut 
down the voltage that produces it. Its limiting peak 


value is the value of direct current if it all flows in the 
d-c. circuit. 

In. conclusion, the authors wish to express their 
appreciation to Dr. V. Bush for his inspiration and 
assistance during the course of the work and to Messrs. 
G. Faccioli, A. Boyajian, and 0. R. Schurig, for their 
helpful criticisms and suggestions. 
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Discussion 

Jw D. Ball: About ten years ago I was very much interested 
in investigating the amount and nature of magnetic losses in 
iron when subjected to a superimposed a-c. and d-c. excitation. 
We spent three years on this investigation and collected what 
we could ffnd of the data available at that time. All the results 
showed quite conclusively that for a given flux change due to 
alternating current, there was a definite increased loss in the 
hysteresis if d-c. flux was superimposed upon it, and the greater 
the superimposed d-c. excitation, the greater the loss. The 
same conclusion was verified by experiments made at the United 
States Bureau of Standards, at the Pittsfield Laboratory of 
the General Electric Company, and also by tests made in the 
Standardizing Laboratory of the General Electric Company 
at Schenectady. The results from the various publications 
studied led us to the same conclusions. 

In the present paper the writers state that an attempt was 
made to account for the additional losses due to a superimposed 
d-c. excitation by a formula ^ which the Steinmetz equation 
was used with changed exponents. This is not accurate. In 
our mathematical, equation the Steinmetz formula was left 
exactly as it was given by him but it was extended by adding a 
supplementary expression which would indicate the increased 
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losses. It is readily seen that to be mathematically correct 
this additional expression must be added and cannot be multi¬ 
plied; otherwise the entire expression would become irrational 
when the d-c. excitation is zero. 

There was no certainty expressed at the time that the expres¬ 
sion, as supplemented by ourselves, was necessarily correct, 
but this equation did agree with the results of various experi¬ 
menters and was satisfied by the data which we obtained. 

Our investigation was made for two reasons, first, to assist 
in the design of machines where those conditions applied, such 
as in the inductor generator, and in the iron losses in rotor teeth, 
and second, in the hope that it would stimulate inquiry and 
result in the subject being studied by other investigators. 

The present paper disputes the results obtained up to this 
time. It is not essential to defend our position taken some time 
ago; the only thing in which we are interested is in finding the 
actual facts. The present results are unquestionably correct for 
the tests made, but I should question whether the authors had 
the same conditions in their circuits which they thought they had. 

I am more than glad additional inquiry has been made on 
superimposed losses. I do not think it is fair to take the results 
of this paper as the results of anything except the particular 
circuits in which they were applied. Since the tests, as the 
authors are aware, have been made in accordance with what 
has not been considered good practise for a number of years, I 
feel they will agree with me on this. 

Turning to the paper, the first thing is the question of taking 
the instrument losses from a primary coil. This was the way it 
was done for a good many years, and up to fifteen years ago, it 
was considered the best way possible. The instrument losses 
and additional current consumed by the instruments are nicely 
taken care of and it is a simple matter to take out those instru¬ 
ment losses which can be mathematically calculated and you 
always get something, altliough not always what is aimed at. 

It has been shown by experimenters in magnetic materials 
that it is necessary to use a potential or secondary coil for a 
voltage coil to measure the flux, and also to use the potential 
coil, either the same one or another potential coil, to excite the 
v-oltage windihg of the wattmeter. I think it was Prof. Epstein 
who first pointed this out and the fact has been thoroughly 
established. 

Some elaborate tests were made at the Bureau of Standards 
in Washington and it was pointed out by Dr. Lloyd, and after¬ 
wards by Dr. Burroughs, that it was absolutely necessary to use 
a potential coil to get consistent results in any magnetic testing 
or investigation which they attempted. That is why I was 
surprised in glancing over this paper to find a secondary poten¬ 
tial coil was not used. I feel that if definite conclusions are 
drawn, it would be very well to check these results, using the 
approved method of employing a potential coil. 

A second point I wish to make refers to the nature of the 
inagnetic circuit used. Possibly I misread this; but taking 
Pig. 3, if this represents the same connection as shown in Pig. 1, 
in which there is a d-c. excitation on the center leg of a three- 
legged core, and another excitation, a-c. or d-c., on the 
outer legs, I should take exception to that method of 
procedure. That isn’t exactly superimposing alternating cur¬ 
rent on direct current. In a three-legged core, fiux does quite 
a number of things and it doesn’t all go through the same paths. 

Another point: in superimposing alternating current and 
direct current, I know from experience that you get wild things 
unless it is done in one definite manner, that is, to have the 
alternating current and the direct current with one winding 
rijght. on top of the other, so that any leakage or trouble of any 
kind would have to be more or less similar. 

Another point is that the results obtained from any sample ex¬ 
cept a ring sample didn’t seem to be very good. True, with a ring 
sample the flux density is greater at the inner circumference 
at the outer circumference, but corrections have been established 


by the Bureau of Standards. We found the only reliable 
method was to use a large ring in which the mean diameter of 
the ring was comparatively large in comparison with the width 
of the sheet, or the difference between the outer and inner 
radii of the test specimen. Even then certain corrections 
should be applied as pointed out by the Bureau of Standards 
and others. 

There are at least two definite ways of superimposing alter¬ 
nating current and direct current: One is to subject the test 
specimen to alternating current and to superimpose on it a 
direct current in another winding immediately under or over it; 
another way is the step-by-step method, measuring the losses 
by the ballistic galvanometer. I think it would be well to 
check the present tests by the step-by-step method. First, 
a definite flux change should be assumed which would repre.sent 
the iron when subjected to the a-c. excitation. The hysteresis 
loop should then be obtained by the well-known step-by-step 
method. This is the normal hysteresis loop. To obtain the 
effect of superimposing d-c. excitation, another loop which I 
have termed the *‘unsymmotrioal loop” should be taken. This 
can be done by going up on the saturation curve to some point 
higher than the maximum of the first loop, then dropping down 
on the normal hysteresis loop from this second point to a point 
where the flux change from this new maximum is in the same 
amount as the total flux change in case of the first loop. Then 
from this new bottom point, return step-by-step to this new 
maximum. , Rather unique figures are obtained by this method, 
some of which were published in 1915^ We invarialjly found 
that with the same flux change the area was always greater 
when the maximum point from which the loop started was 
raised. This is the same situation as when you have) an a-c. 
excitation and superimpose upon that excitation a d-e. excita¬ 
tion represented by the mean density between maximum and 
minimum of the various loops. A study of these figures, the 
characteristics of any hysteresis loop, and the characteristics of 
any magnetization curve will show that invariably the area of 
the unsymmetrical loop increases with increasing moan den’* 
sity, the flux change remaining constant. 

A. C. Laniers The oscillographic record, Pig. 5 in this 
paper, seems to show a reduction in the density range as well as 
a change in shape of the dynamic hysteresis loop due to com¬ 
bined a-c.-d-c. excitation as compared with the normal loop. 
Both effects should increase progressively with the increase 
in d-c. excitation for large a-c. excitations, and both should cause 
a diminution in the hysteretic component of the iron loss. The 
effect upon the eddy-current component is less clear. With 
small a-c. excitations there should be no appreciable reduction 
in density range except for very large d-c. excitations. The 
area of the displaced hysteresis loop for a given density range 
has also been shown to increase with increasing average density. 
Therefore, the curves of Pig. 2 appear reasonable. 

In connection with the study of surface iron losses, the speaker 
has noticed that sometimes, with high average gap densities, 
the measured losses are less than the expected values. The 
magnetic structure used when these results were observed was 
a homopolar structure cpnsisting of a slotted cylindrical member 
rotating within a smooth cylindrical member. The excitation 
produced radial average flux distribution with a superposed 
tooth ripple. 

At high densities the amplitude of flux pulsation increased 
less with a given rise in gap density than it did at low densities. 
The loss increase was correspondingly lower. The seeming 
discrepancy is traceable to the effect of high tooth saturation 
which causes a departure from the straight-line relationship 
between the tooth-ripple density and the average gap density. 

Considering these results it seems probable that if the average 
gap densities had been carried high enough, the flux ripple and 

1. The XJnsymmefapical Hysteresis Loop, by J. p. Bsll, A. I. B. B. 
Transactions, 1915. VoL 34, page 2693. 
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the losses due to it might have shown actual decreases with 
further increase in average gap density. 

O. R, Schuri^s Mr. Ball called attention to the possibility 
of errors resulting from the method of iron-loss measurements 
employed by the authors, if proper corrections are not made. 

It is true that the power given by direct primary measure¬ 
ment, that is without the use of a separate potential winding 
on the iron core, includes losses other than iron losses. If, 
however, the extra losses are evaluated and corrected cor¬ 
rect iron losses are obtained. I believe the paper gives evidence 
to show that the proper corrections were applied and that 
reliable results were secured. 

It must be pointed out here that the method of iron-loss 
measurement employing a separate potential-circuit winding 
on the iron core—the method advocated by Mr. Ball—^also 
involves possibilities of grave errors. The potential-coil method 
is particularly subject to error where there is leakage flux between 
the primary (exciting) winding and the potential (exploring) 
winding to which the wattmeter potential circuit is connected— 
a well-known fact. Thus, the reliability of any test results on 
iron losses depends on the thoroughness with which the extra 
losses have been corrected, unless the circuits have been 
specially designed to make the excess losses negligible. 

It so happens that within the last year the potential-exploring- 
coil method has been applied at Schenectady to iron-loss measure¬ 
ments with superposed d-c. and ar-c. excitations, z. 6., a series of 
tests similar to those presented in the Charlton and Jackson 
paper, but utilizing, for measurement purposes, a separate poten¬ 
tial winding on the iron core imder test. The results of these 
more recent tests, to be published on a future occasion, show, 
as do those of the paper, a slightly decreasing iron loss with in¬ 
creasing d-c. excitation when high a-c. excitations at constant 
impressed a-c. voltage were employed. 

K. K* Palueff: I should like to mention that if a core as 
used by the authors is long, a certain portion of the total flux 
produced by windings placed on the outer legs may not reach 
the center leg but take an air path for return. The same thing 
would be true for the flux created by the winding on the inner 
leg. This “stray** flux will increase as the flux density in¬ 
creases. Thus, the superposition of two fluxes—one created 
by the winding on the outer legs and another by the winding on 
the inner leg—may not be as complete as anticipated. 

W. R. Weeks (by letter): In the measurement of iron losses 
under normal conditions, what is known as the Epstein circuit 
is used to eliminate the P R losses of the exciting winding and 
wattmeter current coils from the readings. If it is possible 
perfectly to interlink the excitation coil and the exploring coil, 
then the readings obtained will be an accurate measure of the 
losses in the iron. The eirors due to circuit-resistance losses 
will be automatically eliminated. 

However, errors may be introduced if there are other circuits 
which produce flux that links the exploring coil but does not, at 
the same time, link the exciting coil. Such leakage flux between 
the two windings will cause errors that will be positive or negative 
depending on the phase relation of the leakage flux. 

There are three possible conditions that may be encountered, 
(I) If there is no leakage between the exploring and excitation 
coils, the readings’ will be correct. (2) If there is leakage 
between the exploring and excitation coils, and there is no third 


excitation coil, the readings of the wattmeter will be low. (3) 
If there is leakage between the exploring and exciting coils and 
there is a third coil (such as the d-c. winding) which sends flux 
through the leakage path, the readings of the wattmeter may be 
high. 

All of the above leakage factors are quite difficult to determine 
for any magnetic circuit such as that used by the authors of 
the paper, and I believe that using the older method which 
introduced additional losses, losses that could be accurately 
determined, was much preferable to trying to use the Epstein 
circuit. 

The Epstein circuit would undoubtedly be better if the 
exciting coil were the outside strands of a cable of which the 
central strand was used as the exploring or potential coil. 

J. E. Jackson: Mr. Ball has pointed out the fact that 
the paper was inaccurate as to the exact methods that had 
been applied in correcting the Steinmetz formula. I am sorry 
that the mistake was made, but it was intended mainly to 
indicate that an attempt of some kind had been made to adapt 
existing formulas to the case of superposed excitations. 

In answer to the question of why the Epstein method was 
not used, it was simply because it was felt that with the facilities 
available, the “subtraction method** was much more reliable. 
Mr. Weeks has pointed out some of the difficulties encountered 
in the Epstein method, and, that for the very reason that no one 
knew what the different fluxes would do when they were super¬ 
posed, it was impossible to calculate the errors to be expected. 
If all the leakage factors were accurately known, the calculations 
would still be more involved than the ones used, and there would 
be that much more chance of error. 

Whether the two circuits used were identical in their be¬ 
havior or not is still an open question, but the data showed 
that they were at least substantially alike. Our wattmeter 
method, when used in the series circuit, was felt to be correct, 
and the fact that the curves were practically the same when 
taken with the three-coil circuit tends to prove that the flux 
paths were very nearly identical in the two oases. 

Mr. Ball stated that a study of magnetic characteristics would 
show that invariably the area of the unsymmetrical loop in¬ 
creases with increasing mean density. I do not believe that 
this is necessarily true if the analysis is carried far enough. 
Our hysteresis loops taken with the bilateral oscillograph show 
clearly that the area is less at the top of a distorted loop, and a 
consideration of the magnetic theories of Ewing, Poisson, and 
others shows that this must be the case. Hysteresis is generally 
regarded as some sort of molecular friction, and when d-c. excita¬ 
tion is added to the core the molecules are lined up and held so 
tightly that they cannot turn over completely with the reversing 
a-c. flux, but only vibrate slightly. If the d-c. excitation is 
strong enough to hold them tightly clamped, the hysteresis loss 
must disappear completely. The eddy-current loss should not 
change at all unless the wave form changes, so the net result 
would be a decrease in iron losses with d-c, saturation. As a 
matter of fact, the wave forms do become slightly distorted, 
and the eddy losses tend to go iip to some extent. 

Our work may not be accurate in the highest degree, but we 
feel that it is not grossly in error, and that certainly the iron 
losses do not increase ten or twenty times when d-c. excitation 
is added, although they may change as much as 100 per cent 
one way or the other. 



Study of Time Lag 

BY K. B. MoEACHRON* 

Member, A. I. E. £. 

Synopsis* —The study of high-voltage^ steep-wave-front transients 
is difficult from the experimental standpoint because of the very 
short times involved. Due to the improvement which the cathode-ray 
oscillograph has enjoyed in recent years, a device is now available 
by the use of which transients occurring in times as short as one- 
millionth of a second or less may be photographed. In the paper, 
the authors used an oscillograph developed by Dufour in France, 
vnth which a brief study was made of the time lag of needle gaps and 
of a needle to a plane, 

A description of the oscillograph is given including a discussion of 
the method of operation. The photographic film is placed inside the 
tube so that the electrons impinge directly on the film. The wave is 
drawn out along a time axis by the combined action of a sweeping 
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motion and a perpendicular oscillating motion impartea to the 
electron stream by the action of proper electromagnetic fields. 

Tests were made with a wave which was nearly perpendicular, 
reaching its maximum in about one microsecond. Such a wave-was 
obtained by the discharge of a condenser through a suitable circuit. 
An oscillogram which shows the wave front used is given, and at¬ 
tention is directed to the 20,800-kilocycle oscillation which appears 
superimposed on the wavefront. 

The results of tests in which this wave front was applied to gaps 
are given and it is shown that with any given gap setting and sparking 
voltage that the time lags vary through wide limits. It is also shown 
that, for the same voltage, increased gap settings mean increased lag. 
The per cent overvoltage required to keep the lag to two microseconds 
or less decreases as the gap spacing inct'eases. 


The Study of Transients 

O NE of the most difficult and perhaps also one of 
the most fascinating problems which the electrical 
engineer of today is called upon to study is that of 
the transient phenomena occurring in electrical circuits. 
Failure of apparatus, caused by the puncture or flash- 
over of insulation due to overvoltages the duration of 
which may be of the order of a few microseconds, has 
made desirable the use of lightning arresters which limit 
the voltage to safe values. Since in practise many of 
the steep front traveling waves are the result of the sud¬ 
den releasing of a bound electrostatic diarge, lightning 
arrester laboratories have used the discharge of a suit¬ 
able condenser to simulate the actual line condition. 
For this purpose, and for the study of . the action of 
insulation and gaps, impulse generators have been built 
which may be charged to values as high as 2,000,000 
volts. 

The calculation of such transients is not troublesome 
so long as the voltage is low and the wave front not too 
steep. However, with the higher voltages and very 
steep wave fronts, assumptions are often made, the cor¬ 
rectness of which is at least open to question. The 
sphere gaps which are used are assumed to be instan¬ 
taneous, and the resistance of the gap after arc-over is 
assumed to be negligible. The inductance and capaci¬ 
tance of the connecting leads is often neglected, while 
the influence of the test piece itself on the wave shape is 
frequently unknown. The circuit usually comprises 
loops which anyone familiar with radio knows are likely 
to mean coupling that may give rise to erroneous results. 

The limitations and some, at least, of the possible 
sources of error involved in the use of the impulse gener- 
ator have been recognized by lightning-arrester engi- 
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neers for some time. Three years ago the authors of 
this paper began to search for means for recording, on a 
photographic film, transient phenomena the frequency 
of which might be a million cycles per second or more. 
As a result of this search of the literature, the device 
described in this paper was found. 

OSCIIJLOGRAPHS 

The frequency limit of the ordinary Duddell oscillo¬ 
graph is in the neighborhood of 16,000 cycles. At 
this frequency the errors due to mechanical inertia are 
large and it is impossible to do more than count the 
cycles; the wave form cannot be distinguished." 

A satisfactory oscillograph for the delineation of the 
volt or current-time characteristic of a short-time 
transient must satisfy the following conditions: 

1. The device must have no appreciable inertia and must be 
capable of operating at a frequency of at least one million cycles 
per second. 

2. The device must use little energy in its operation, so that 
its use wiU not appreciably disturb the original circuit. 

3. The device should be capable of registering both voltage 
and current simultaneously. 

4. The apparatus must be so arranged that a single impulse 
will be sufScient for a satisfactory photographic impression. 

6. The oscillograph should be as simple as possible and have 
sufficient accuracy so that the results may be used with 
confidence. 

The first point can be satisfied only by some device 
using the flow of electrons. When thinking of the 
available devices making use of such a flow, one natu¬ 
rally turns to the Braun tube which has been used for 
many years as an oscillographic device. As originally 
developed, the Braim tube consisted of a cathode and an 
anode in an exhausted tube, together with a fluorescent 
screen. Unidirectional voltage from a static Tpa/*biue 
causes a flow of electrons from the cathode to the anode, 
some of which pass through a small hole in the anode 
and are deflected by magnetic or electrostatic fields 
produced by the phenomena being studied. The rays 
then pass on to the fluorescent screen where a graph is 
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traced the coordinates of which are determined by the 
deflecting fields. If the phenomenon repeats itself the 
graph appears as a stationary pattern, and may be 
recorded photographically using an exposure of several 
seconds. 

The Braun tube has negligible inertia, and very little 
energy is required to cause the deflection of the cathode 
beam. Its speed is the speed of the electron which may 
be varied between quite wide limits especially if using a 
heated cathode as in the Western Electric tube^ The 
upper limit of velocity is perhaps one-half that of light. 

The fourth condition mentioned, that of recording a 
single impulse, may be satisfied by placing the photo¬ 
graphic film inside the tube in such a way that the elec¬ 
tron stream impinges directly on the film. This has 
been done by several investigators with marked success. 
Some additional photographic effect can probably be 
obtained by the use of the heated cathode, but to get 
high electron velocities a very good vacuum.is required 
which makes the operating technique more diflBcult. 

Many references have been found in the literature 
concerning the Braun tube and its uses. Most of this 
material has been the result of investigations done in 
foreign countries. All of the early work was done with 
fluorescent screens which limited the oscillograph to use 
with phenomena which could be duplicated, since the 
time of exposure was very long compared to the dura¬ 
tion of most transient phenomena. 

S. R. Milnor'* in 1912 reported a volt-ampere char¬ 
acteristic of an arc at a frequency of two million cycles. 
This work was done with a cold cathode and a fluores¬ 
cent screen, but he was able to make the phenomenon 
repeat itself exactly. 

The first reference to the use of the photographic film 
inside the tube appears in an article by Alexander 
Dufour’ in Comptes Rendm'in 1914. He stated that he 
had obtained on a film a space of 1 millimeter cor¬ 
responding to an interval of time of one three-mil¬ 
lionth of a second. Dufour succeeded in doing this by 
the use of a method of registration which is described 
more in detail later in this paper. 

In 1919, Sir J. J. Thompson* in a lecture before the 
Royal Institution stated that, when using a hot cathode 
with the film inside the tube, an exposure of one- 
hundred thousandth of a second would be sufficient to 
excite the photographic plate. This reference also 
mentions the u^ of an auxiliary deflecting alternating 
current which produces the time axis and which could 
also be used for timing the phenomenon. 

In a valuable contribution appearing in the L’Onde 
Eleetrique in 1922 Dufour® describes a cathode ray tube 
which he used successfully with transients up to a 
fundamental frequency of 750,000 cycles with har¬ 
monics showing plainly at a frequency of 3,000,000 
cycles. To produce a time ^s, Dufour used the rise of 
current in an inductive circuit to draw out continuous 

1. See list of references at end of paper. 


oscillations from an arc generator. He used a cold 
cathode with the photogi’aphic plate inside the tube, the 
tube being connected to a continuously operating air 
pump. This apparatus was used in studying the an¬ 
tenna currents in the wireless system on the Eiffel 
Tower. 

In 1921, Dr. D. A. Keys®, in an article entitled A 
Piezoelectric Method of Measuring Explosion Pressure, 
used a cathode oscillograph as the indicating device for 
the determination of instantaneous pressures in explo¬ 
sions under water. In this work Dr. Keys used a heated 
cathode with the photographic plate inside the tube. 

In 1922 Johnson* described a tube developed by the 
Western Electric Company which makes use of the 
hot cathode. This tube has a much higher sensitivity 
than the cold cathode tube used by Dufour. With any 
given tube the sensitivity depends on the speed of the 
electrons in the cathode stream and on the deflecting 
force. If high sensitivity is required, the use of the 
heated cathode will give very good results as it is pos¬ 
sible to apply low cathode voltages and secure slow 
moving electrons. Since the cold cathode depends on 
positive ion bombardment for the liberation of electrons, 
quite high voltages are necessary, which means high 
velocity electrons. 

The name of Professor Harris Ryan^ has been as¬ 
sociated with the cathode ray oscillograph for many 
years, he had a paper on this subject before the 
institute as early as 1903. 

Important work has been done by several investiga¬ 
tors among whom may be mentioned Wood®, Minton®, 
and Chaffee*®, but enough has been mentioned to in¬ 
dicate the development of the cathode ray oscillograph 
in recent years. 

The Dufour Oscillograph 

For the study of high-speed transients then, it ap¬ 
pears that no better device is available than the oscil¬ 
lograph developed by Dufour. In the description of 
this oscillograph which follows, the tube itself is iden¬ 
tical with that described by Dufour®. The switching 
apparatus furnished by Dufour has not been used in 
this investigation*. 

Referring to Fig. 1 the oscillograph consists essen¬ 
tially of glass tubes o and b, fitted by means of a ground 
joint into the bronze chamber c. The upper glass tube 
a carries the cathode and anode. The tube b has one 
pair of deflecting plates for electrostatic deflection of 
the electron stream. For magnetic deflection two sets 
of coils, 1-1 and 2-2, Fig. 2, perpendicular to each other, 
are placed external to the tube and located slightly 
below the deflecting plates. The coils are arranged so 
that they may be rotated about the axis of the tube, thus 
allowing adjustment of the angle between the axes of 
the deflecting fields. 

To operate the oscillograph expeditiously, easy means 

*For a description of this part of the apparatus reference 
should be had to the work of Dufour. 
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must be provided for changing films quickly. It is also, films in the drum, it is placed inside the bronze chamber 
necessary that a fluorescent screen be arranged so that and locked in position. The opening is closed by a door 
it can be removed when making an exposure. How having a very carefully constructed joint so that the 
this is done in the Dufour oscillograph may be seen by tube may be made air tight. Three cocks, turning in 



Fia. 1—DuPOtTB OSCILLOGBAPH 


referring again to Fig. 1. The drum, which in the 
illustration appears in the foreground, is provided with a 
film magazine which allows six films to be taken in 



Pig. 2 ^Diagramatic Rbpbbsbntation or Oscilloqrapb 
Opbrawon 

succession. When viewing the phenomraion, a fluores- 
screen is turned up into position covering the open¬ 
ing into the interior of the drum so that the films are not 
exposed when using the screen. After placing the 


ground joints placed in the door, serve to operate the 
mechanism for changing films and moving the fluores¬ 
cent screen. Two glass windows, one on either side of 
the bronze chamber, permit of easy view of the fluores¬ 
cent screen. 

Operation op the Oscillograph 

For slow speed work, a moving drum to take the 
place of the magazine drum may be used. This drum 
is driven by means of an external motor and magnetic 
clutch. A simple calculation shows that such a drum 



Pm. 3~Method of RBOisTimiNa Tbansibnt Phenomena 
I. Sweeping ni. Sweeping and Oscillator 

n. Oscillator rv. Transient superimposed on III 

cannot be rotated at a sufficiently high velocity to draw 
out the oscillations so that they may be studied. To 
draw out a one-million-cycle wave in a manner similar 
to that used with the ordinary Duddell oscillograph, 
so that two millimeters are allowed per cycle, would 
require a film velocity of 2000 meters (6650 feet) per 
second. 

This problem has been solved by Dufour in a very 
satisfactory manner. Rather than move the film, the 
electron stream is subjected to the action of auxiliary 
fields which draw out the wave without the limitations 
of ' a mechanical system, as shown in Fig. 2. The 
method by which this is accomplished may be under¬ 
stood by reference to Fig. 3. In I is shown the 
effwt of passing a transient current through coils 1-1. 
With the proper circuit arrangements the beam is held 
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off the film at the top until ready for the photograph to 
be token, when a transient takes place which sweeps 
the beam across the film holding it off the film at the 
bottom. This transient current will be referred to as 
the sweeping cuirent. 

A source of high frequency (a vacuiam tube oscilla¬ 
tor) is connected to coils 2-2, which are mechanically 
spaced 90 deg. from coils l-l. With coils 2-2 energized, 
the oscillator traces a straight line on the film , the am¬ 
plitude usually being adjusted to utilize the entire 
width of the film. When coils 1-1 and 2-2 are operated 
together the oscillator waves are drawn out as seen in 
in. If the oscillator frequency is 50,000 cycles nnrf 
the effective width of the film 100 m. m. (3.9 in.), then 
the average distance corresponding to one micro¬ 
second would be 10 m. m. (0.39 in.). This means that 
if a million-cycle wave were impressed on the deflecting 



Fi«. 4 —ImpuivSB Qknebatob 


plates so that the beam was deflected thereby in the 
same direction as by the sweeping current, it would be 
drawn out sufficiently so that the wave form could be 
determined and IV shows the effect of the combination 
of the three fields. The oscillator wave is the zero line 
for the transient being studied, and it is a time axis 
whose unit of measure is varying according to the sine 
law. The speed of sweeping is always a compromise 
between drawing out the oscillator wave and the 
difficulty of getting the unknown phenomena tinaed so as 
to appear on the film.* With much slower speed phe¬ 
nomena, the sweeping field may be placed 90 deg. from 
that of the unknown transient, so that the time axis 
becomes a straight line across the film. This axis may 
be conveniently calibrated by superimposing a known 
high frequency using the oscillator coils. 

Thus it is possible to get volt-time or ampere-time 


curves with a time axis which can be calibrated with 
considerable accuracy. Volt-ampere characteristics 
may be taken by applying to the cathode stream fields 
proportional to the voltage and current and spaced 90 
deg. apart. 

The Cathode Stream 

The best registration on the film is obtained when 
conditions are such that a fine pencil of rays strikes the 
film only when required. Not only is it desirable to 
hold the rays off from the film before and after the 
transient, but the operation of the tube is much im¬ 
proved if the cathode voltage is applied for just sufficient 
time to allow the proper registration of the unknown 
transient. 

For a given voltage impressed on the cathode the 
.sharpness of the trace on the film will depend on the 
degree of exhaustion of the tube. For the work de¬ 
scribed in this paper the authors have used a Langmuir 
condensation pump, backed up by a two-stage oil pump. 
A McLeod gage was used to give an indication of the 
condition of the vacuum but the appearance of the 
spot on the viewing screen and the character of the 
discharge from the cathode itself, as viewed with the 
eye, gives a more accurate determination of the proper 
operating condition. A small tray of phosphorus 
pentoxide was kept imside the vacuum chamber which 
serves to keep the vapor pressure low. The entire tube 
is always kept in the evacuated condition except when 
actually changing films. This procedure aids in keep¬ 
ing the gas evolved by the walls of the tube down to a 
sufficiently low value so that the tube can be worked 
easily and quickly. 

The necessary cathode potential may be obtained by 
the use of either a high-voltage direct current, or a few 
degrees of the crest of an alternating potential. The 
latter method may only be used with phenomena which 
are fast compared to the change of potential during its 
registration. This method was mentioned by Dufour 
as being particularily adapted to the study of very 
short time transients, and as this method is very con¬ 
venient it was adopted for use in this study of gap 
characteristics. 

Timing the Transient 

The spot made on the photographic film by the elec¬ 
tron stream may travel as fast as 80 km. (50 mi.) a 
second across the film; and since it is not feasible to get 
a developed registration length of more than 10 or 12 
meters (32.8 to 39.2 ft.) on the film, the transient must 
be initiated dumg the very short interval of time in 
which the spot is sweeping across the film. 

A rotary switching device has been built which makes 
the necessary contacts so that voltage is applied to the 
cathode, the sweeping started, and the unknown 
phenomenon so timed as to appear on the film. The 
oscillator is connected before voltage is applied to the 
cathode, and remains connected until after the exposure 
has been made. The arrangements are such that only 
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the pushing of a button is required to set in operation a The oil-immersed dividing condensers are shown in 
mechanism which makes all connections automati- Fig. 6, together with the needle gap being tested, 
cally. These condensers consist of two fixed plates spaced 

_ Time Lag of Needle Gaps in.) with a movable third plate having a 

It is Imown that a needle gap shows considerable lag 
when subjected to steep wave front impulses. The 
brief study which is presented herewith measures 
definitely the lags encountered under the given con¬ 
ditions. The results are not complete, but do give for 
the first time, as far as the authors are aware, a direct 
measurement of lags as short as a few microseconds. 

The methods used here are being applied to the study of 
the problems encountered in lightning an'ester practise 
and will yield results of great importance. 

I The time lag of a gap may be taken as the time elaps- 
jing until breakdown occurs during which the applied 
jpotential exceeds the low frequency spark potential. 
j'For a voltage only slightly in excess of the low frequency 
spark potential the time lag may be long, while with 
steep wave fronts of high voltage it will be extremely 
short. The lag with any given gap is determined not 
only by the voltage at the time of spark-over but also 
by the shape of the wave front used. 

The purpose of these tests is to find the effect of 
successive ina^ments of overvoltage on the time lag. 

To avoid the complication of a sloping wave front, it 
was thought best to use a wave as nearly rectangular as 
could be obtained. It is impossible to produce a per¬ 
fect rectangular wave but if the time required for the 
voltage to reach a constant value is small in comparison 
with the time taken by the gap under test to spark over, 
the o'ror will be negligible. 



Test Arrangements 

An impulse generator, which was built for use in con¬ 
nection with the testing of lightning arresters, was used 
as a source of voltage. This generator, which may be 
operated up to 100 kv., consists of two hundred glass 
plates with tinfoil coatings. The plates are divided 
into four groups connected in series, each group consist¬ 
ing of 60 plates in parallel, giving a capacity of 0.18 
microfarads. The photograph (Fig. 4) shows the com¬ 
pact arrangement of the plates and the kenotron equip¬ 
ment which is used' 'to charge the condenser. A con¬ 
nection diagram is given in Fig. 6 and shows the limit¬ 
ing sphere ^p which determines the voltage at which 
discharge will take place. The water tube resistance, 
Bi, allows the sphere gap to charge up properly, while 
ns IS used to control the wave front as will be shown 
later. The dividing condensers, Qi and Gs, were used 
for reducmg the voltage to the proper value for the 
d.eflectmg plates on the oscillograph. The use of a re¬ 
sistance potentiometer was considered, but if a value 
ow enough to r^ord the wave form accurately was 
wo^d discharge the condenser too rapidly, so 
that the voltage applied to the needle gap would not 
be sustained. 


micrometer adjustment. The capacity of Ci at the 
.setting used on the tests was about 20 micro-micro¬ 
farads. Variable stray capacities to ground and induct¬ 
ive effects between the condenser and the oscillograph 



Pia. 6—DmDiNQ Condhnsbus Aito Test Needi,e-Gap 

were eliminated by using a ground shield around the 
dividing condenser and by the use of a concentric cable 
connection to the oscillograph. The grounded sheath 
of this cable was made of braided bronze wire, the inner 
conductor being a fine manganin wire having a resist- 
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ance of about 100 ohms. This resistance was used to 
damp out oscillations originating in the dividing con¬ 
densers and lines. 

Voltage calibrations were obtained from capacity 
measurements, and more directly by taking oscillograms 
when holding a Imown 60-cycle voltage on the dividing 
condensers. 

The general arrangement of the different elements 
used in taking a cathode ray oscillogram is shown in 
Fig. 7. The vacuum tube oscillator may be seen just in 
front of the oscillograph. The vacuum pumps are not 
visible, being located under the table directly beneath 
the oscillograph. The rotary switch is housed in 
the square box shown at the right. Between the 
rotary switch and the oscillograph are located the divid¬ 
ing condensers and the test needle gap. The entrance 
bushings back of the test gap lead to the 200-plate 
condenser, which is located close to the other side of the 



Pig. 7—Labobatory Sbt-op fob thb Study op Impulses 

wall. When setting up this circuit, care was taken to 
make all connections as short and direct as possible. 

Wave Form 

Fundamentally, the circuit shown in Pig. 5 represents 
the discharge of one capacity into another with small 
series inductance and considerable series resistance. 
The circuit is of course complicated by the use of series 
gaps, wires leading to oscillograph and etc. With such 
a circuit, the series resistance will increase the time 
required to charge the capacity of the dividing con¬ 
denser and connections. 

The effect of changing Rt may be seen by referring to 
Fig. 8, which shows the wave fronts with three different 
values of resistance. The method of registration used 
is the same as that described in connection with Fig. 8 
and consists in applying an upward sweeping motion, 
combined with the horizontal motion of the oscillator. 
Superimposed is the discharge of the condense which 
is initiated by the action of the rotating switch. 

On the oscillograms given in Fig. 8 will be found two 
sets of oscillations, the first being damped out rather 
quickly. This oscillation, which has a frequency of 



Fig. 8—Obcillograms Showing the Wave Front UsedJ'on 
Needle Gap Tests 

Film 300—OsdiJator frequency 42.6 kc showing wave form with HOO 
ohms series resistance. Voltage reaches constant value in 2.5 xnicrcH 
seconds. 

Film 804—Oscillator frequency 42.6 kc. Wave form with 670 ohms 
series resistance. Voltage reaches constant value in 0.4 microseconds. 

Film 593—Oscillator frequency 50 kc. Wave form with 700 ohms series 
resistance. Voltage reaches constant value in 1.0 microseconds. Needle 
gap sparks after 0.83 microsecond. Gap setting 65mm. voltage 75 kv. 
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approximately 20,000 kilocycles, occurs when the rotat¬ 
ing switch sparks and is followed by another when the 
limiting gap sparks. There is a certain variable time 
interval between the sparking of these two gaps. How¬ 
ever, for the purpose of this paper the wave to be studied 
is that found when the limiting .sphere gap sparks. 
On each of these films time is measured along an os¬ 
cillator wave beginning at the time when the main 
condenser discharge begins. 

In making these tests the aim was to obtain a steep 
wave front but at the same time to prevent the voltage 
from over shooting. Film 300 (Fig. 8) shows the main 
transient rising to its maximum value in about 2.5 
micro-seconds. Superimposed on this wave front are 
oscillations which are made up of a combination of 
several frequencies. Film 300, which was taken with 
1100 ohms in series, shows that none of the oscillations 
has a voltage exceeding the maximum value of the 
main transient. 

The series resistance was reduced to 570 ohms and 
film 304 taken. This film shows that the main transient 
ris^ to its maximum in about 0.4 microsecond. This 
resistance is too small, however, as some of the crest 
values of the superimposed oscillation exceed the firial 
voltage. 

A value of 700 ohms was chosen as being the best 
compromise between the steepness of wave front and the 
condition of over-shooting. Film 593 was taken, 
using this series resistance, and it was found that a time 
of one microsecond was required for the voltage of the 
main transient to reach its full value (marked a on the 
film). This film is interesting as it shows the sparking 
of a needle gap 0.8 microsecond after full voltage baH 
been applied. 

Results op Tests 

The tune la^ under most test conditions used ex¬ 
ceeded two microseconds, which made the use of the 
o^illator undesirable except for timing purposes; 
therefore, nearly all results were taken with the sweep- 
• if ^®.^owed several exposures on one film. 
With SK ^s and five tests per film, it was possible to 
g t 30 teste before releasing the vacuum and ehfl.Tigiti g 
themagazinedrum. The use of the sweeping also ^vi 
a ^orm toe scale for the measurement of the lag. 

Fi mne representative teste are given in 

^ oscillogram is probably new to 

Sven ^ The'^fff" ^ €®Planation is 

wS’ fi,^^ <^ff^ent teste are numbered in the order in 

which they were made. In the first test, for instoS 

LudSi^nth^r^f (No. 543), the cathode 
the Sra? r, ^ swept across 

^ eor«.p<„ding to 4 5 micro- 

tet bmata doTO Md the cathodl iSs Z^Tid 




. Crtifi* Sparks 






S^3 



Pia 9 —Oscillograms Showing the Time Lag op Nebd;.b (Up 

Film 543—Five tests on needl • grap at 15 mm 22 lev. 

T? ^ spacing 58 kv. 50 

n o Timing wave. 

so continues, pacing off the fihn at the right. Although 
the wave front in this film appears perpendicular, it is 
really as shown in Pig. 8, fi m 593. 



Pig. lO-CoNDiTiON op Needles after Thirty Discharges 
a. New point. b. Dulled point, 

c. Extra sharp point. 

Pow needle-gap breakdowns ^e given in film 558, 













jiiiu* iU2r» 


STUDY 01<' TIMK LAC. OP THE NEEDLE GAP 


.S.S<1 


1' i}f> tho voltaic* bein^ 58 kv. with a needle gap spacing 
ol ()0 intn. This film shows a 50-kilocyele timing wave 
whicli fixes the l ime calibration. Pig. f), Film 543 , shows 
file result of tests on a 15 mm. needle gap with 22 kv. 
applied. Thes(‘ (wcillograms show very nicely the 
steepness of (,lu> wave front comparer] with the time 
lags, and ukso how well the cathode ray oscillograph 
is adapter] to the study of .short time phenomena, 
lii'sults obtained from a seritw of oscillograms for 


An analysis of the results given in these tables brings 
out certain relations which are briefly discii.ssed. 

For each voltage used the gap setting, corre.spon<]ing 
to infinite lag, will be .slightly above the (> 0 -cycle setting 
for that voltage. As the voltage applied to the grip de¬ 
creased about five per cent in 4000 microseconds due to 
leakage of the conden.ser, no attemi)t was made in these 
te.st 8 to get extremely long lags. ''I’he per cent over¬ 
voltage above the 00 -cycle spark potential necesssiry to 


TK.ST 
TAIU.K I 


I.AOS (itVKN IN .S.\MK OltllKK AH TKSTS WKKK MADK 

vol.TAOK aa.noo 


Spuffu'.? 


'riinn* 





. 

15m* iM'iU SparUiiigt 

' 


(*atilirati()ii 

mt(To.srrotttl.s 




Min. 





anti 

Aini‘«splu*plf 


'riiiM* Lags in 

l.N( 

2ml 

3ra 

4th 

C tU() 

(NmiUthms 

P«»r m. m. 


MliTiismiuits 

Av. 

rang!* 

rango 

raiigr 

rang!) 

iw.ri lu, m. 

Hur. in. 

IS .*• 

3ril 

710 

.3.51 222 20.5 

Max. 850 

-IS 

30 

0 

_22 

Nt’t'ilit’ < iiifi 

Tftiip. 21.0 4li*M, mil' 


112 

20.5 

015 20s 8.50 

Mill. .55 








*13 

700 

20.5 205 5.5 

Av, 323 








240 

2S0 

8.5(1 75 75 









370 

•1.3 

17.5 






iTt Ills in. 

liar. 2U.u:t In. 

t.a 

140 

Ml 

- 2.5 210 1:1 

Max. 2SO 

32 

18 

2(» 

24 

Ni f'iilt* i «ap 

'ri*rnp. 22 cliT?. r<‘Hl f«H‘ 


120 

27 

IH 50 34 

Min. 13 






Isl Ht lists. 


120 

100 

73 ~ 18 IS 

Av. 132 






lift, hiiitilillt.v 22 iifrmit 


IH 

11.5 

100 170 







liar. 2<i,;i In. 


272-^ 

2.30 

2M 220 220 
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2.5S 240 2 IK 
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23 
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215 

115 45 1.30 







Tt*tii|i. 21 th'p. i*fUI. fur 
last iisiN. 
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IH2 

182 103 172 







lift. hiitnlini.v 2H pft'mu. 

4 .r, 

I.M 

on 

11 1.30 41 

.Max. 272 

17 

3.3 

20 

30 

la til. fit. 

liar. 2H.r» in. 


75 
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HI 213 - 107 

Mill. 14 





Nfi'flif I lap 

Tfiiip, IH itfg. mil. for 


too 

427 

220 204 -230 

AV. 147 





E.\fm Sharp | 

iHl 111 IlslM. 


23 
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272 - 23 250 






Pahifs i 

lifl. hiiinUlify 5,^* iwr mit. 


20P 

82 
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Mar. 2H,.^i In. 

^rrrnp. 21 flog. wni. for 

llIHi ttSlK. 


|S2~ 

100 
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HfL humlility ftfi pf r mit. 

4,5 

HO’ 

14 

00 -15.8 -- H 
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.53 

20 

7 

2(1 

E’t III. til. j 

Ilur. 2.H.r# In. 


208 

400 - 

- H2 45 50 

Min. 0 





NmlliMiafi 

TiHiip. IH flog, rnrit.. for 


177 

18,. 

^ 0--. 13— 13 

Av. 75 





Dulh'il 
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23 

23 " 

32 - 0 14 





Points 

lii'K liuinlrliiy ftfi piT mit 
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.. IP-. 

218—• IH -172 







Hiir. 2H.r» in. 

Tomp. 21 ilfgi mil. for 

liStH. 
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- I8-, 
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12 nu m. 

liar. 2U.lif* tn. 

1.75 

4 
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7—* 5 10 
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57 

10 

10 

H 

Nwftllo fJap 

Tnrtip. 22 flog. nont. for 


4 

7„, 
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Min. 2 






flrnt 2D 


3,5 

42 

7 ^^ 81 

Av. 10,1 





i 
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1 

Bar. 2H3 In. 


5 
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„ 4— 7— 0 
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27- 

02 - - :ifj- - 43 
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43 
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p- .., 40 - .Ti 
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35- 

- 4 - 4.3— 20 






i 
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21 

lO- 

- 50 -- 04— 20 







calihratifiitu art) to mHow that tlui itacurat^y of timo moaMuromout Ih comrmrat)!^ at dUforent laga. 
tin many isancii tho lanKii occurmi in t|r4f}ntto 2 onoH and to show tklK in a comparativo oray tho maximum lag wa<) dlvldod Into four onual iftnen tho 
poi’fH'iitago of lay4i ocourrimc in oach of tlicm rangea being given* 


three different voltages and with different needle-gap 
spacings are given in Tables I to III. Tests were also 
made with a needle to a plane and between needles 
having different d^ees of sharpness. A photomicro¬ 
graph is given in Fig. 10 showing the different needle 
points ma^ified to 30 diameters. This picture shows 
the condition of the needles after each had been given 
thirty discharges. 


obtain lags of one microsecond or less was found to 
decrease with increased spacing. 

With spacings of 10, 40 and 65 millimeters the per 
cent overvoltages are 76,40 and 29 respectively. It is, 
of course, to be expected that the greater the per cent of 
over voltage the shorter the time lag. The results show 
that this is true, in general, although wide variations 
in time lag occur with every setting and at all voltages. 
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Transafitions A. I. K. K. 


Spacing 

and 

Gap 

12 m, m. 

Oap 

tNew 

Needles 


tExtra 

Shaip 

Points 

tDuUed 

Points 


TEST DATA 
TABLE lA 

LAGS GIVEN IN SAME ORDER AS TESTS WERE MADE 
VOLTAGE 22,000 
♦Needle to plane—Needle Negative 


Atmospheric 

Conditions 

Time 

Calibration 
microsec. 
per m. m. 

Time Lags in 
Microseconds 

Max. 

min, 

Av. 

Rel. humidity 55 per cent 
Bar. 29.3 in. 

Temp. 20 deg. cent, for 
1st 26 tests. 

Rel. humidity 26 per cent 
Bar. 28.6 in. 

Temp. 20 deg. cent, for 
last 6 tests. 

4.5 

. 

110— 9— 4—155_ 9 

4—100— 9— 9— 9 
4— 9—140— 14— 9 
Put in new needle 
100—110—104— 86— 91 
86—104—110—100—114 
Put in new needle 

32— 41—109— 66—133 

Max. 155 
Min. 4 

Av. 62 

Rel. humidity 26 per cent. 
Bar. 28.6 in. 

Temp. 20 deg. cent. 

4.5 

126— 64— 32— 9—114 
68—104— 86— 82— 32 

Max. 126 
Min. 32 

Av. 74 

Rel. humidity 26 per cent 
Bar. 28.6 in. 

Temp. 20 deg. cent. 

4.5 

14— 66—380— 23— 18 
380^“* 9— O'"" 36"“' 9 

Max. 380 
Min. 9 
" Av. 94 



Por cent Sparking 

1 1 


1st 

2nd 

3rd 

4th 

range 

range 

re,ugG 

range 

41 

7 

41 

ll 


tSee Pig. 10 for degree of sharpness of points* 


An examination of the tabulated results discloses the 
existance of time-lag zones, which indicates that break¬ 
down is more likely to occur within these zones than 
outside. The existence of these zones is doubtful in 
some cases, while in others it seems well defined, as for 
instance at 75 kv. with a 95-mm. spacing (Table III). 

In general, the tests show that dull needles give 
shorter time lags than sharp needles, although more 
tests should be made to be certain of the relationship. 

Comparing the point-plane tests (Point negative, 
Table lA) with the needle points having the same spac- 
ing, the data show that the lags are of the same order of 
magnitade although the maximum lag with the point- 
plane is considerably greater than the corresponding 


value for the points. Tests made with the point posi¬ 
tive (Table IB) show that the lag is lea,s than two 
microseconds while with the point negative with the 
same pacing and voltage, an average lag of 62 micro¬ 
seconds was obtained. When the point was negative 
with a spacing of 13 mm. sparking occurred with ap¬ 
proximately 60 per cent of the voltage applications. 
Withthepointpositivea similiar condition was obtained 
with a spacing of 19 mm. These results give .some con¬ 
ception of the effect of polarity on the lag of a point- 
plane gap. 

Measurements of atmospheric conditions were made 
as a. matter of record. Although no correlation with the 
variation in time-lag could be found, these factors 


Spacing 

and 

Gap 


Atmospheric 

Conditions 


15 m. m. gap Humidity 67 per cent 

Bar. 29,3 in. 

Temp. 26 deg. cent. 

16 m. m. Gap Humidity 26 per cent 
New point Bar. 28,6 in. 

Temp. 20 deg. cent. 


Dulled 
Point . 

14 m. m* gap Humidity 67 per cent 
Bar. 29.3 in. 

Temp 26 deg. cent. 


TEST DATA 
TABLE IB 

LAGS GIVEN IN SAME ORDER AS TESTS WERE MADE 
VOLTAGE 22,000 

_ Needle to Plane—Needle Positive 


Time 

Oalibration 
microsecond 
per m. m. 


Time Lags in 
Microseconds 

465—466—130—203—335 
700— 37—^240—410—410 
160—260—220—700 

61—^210—116— 66—188 
77— 33— 61—232— 66 


^21—116—183— 28**— 44 
80— 28—110—188 

100—^200*—300—222—338 
360—210—188—288 

96— 9— 11 — 13 — 9 
II— 13— 6— 9— 23 
13— 18— 13— 18— 11 


Max. 700 
Min. 37 
Av. 338 

Max. 232 
Min. 33 
Av. Ill 

Max. 221 
Min. 28 
Av. 108 

Max. 360 
Min. 100 
Av. 236 
Max. 96 
Min. 5 
Av. 18.1 

(Av. 12.6 
omitting 
96 point) 


Per cent Sparking 


If 95 point is included 


June 1925 


STUDY OF TIME LAG OF THE NEEDLE GAP 
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TEST DATA 
TABLE II 

LAGS GIVEN IN SAME ORDER AS TESTS WERE MADE 
VOLTAGE 58,000 


Spacing 

and 

Gap 


Time 

Calibration 
microsecond 
per m. m. 


Max. 

Min. 

Av. 


Per cent Sparldng 


Atmospheric 

Conditions 

Time Lags is 
Microseconds 

1st 

range 

2nd 

range 

3rd 

range 

4th 

range 

60 m, m. 
Nee.dle 

Gap 

Relative 

humidity 48 per>cent 

Bar. 28.5 in. 

^emp. 21 deg. cent, 

2.8 

22— 14—251—261—182 
33—216—212—296— 22 
22— 48— 31—140— 28 
48— 26—112— 28—134 ; 
36— 42— 45— 34— 14 
87—210—196— 87 

Max. 296 
Min. 14 
Av. 78 

52 

21 

17 

10 

50 m. m. 
Needle 

Gap 

Relative 

humidity 35 per cent 

Bar. 28.5 in. 

Temp. 2b dog. cent. 

4.5 

13— 18— 68— 69— 9 
136— 91— 68— 9— 68 I 
91— 9—^ 9— 9— 9 1 
9—100— 68— 9— 82 
5— 77— 9— 9— 68 
100— 68 

Max. 136 
Min. 9 
Av. 47 

48 

4 

44 

4 

45 m. m. 
Needle 

Gap 

Relative 

humidity 15 per cent 

Bar, 20.1 in. 

Temp. 21 deg. cent. 

2.8 

6_ 25— 6— 3— 3 
6—6—6— 6—112 
6— 42—112— 6— 3 
3— 3— 3— 3— 3 
3— 3— 3— 63— 3 
6— 39— 3— 6— 3 

Max. 112 
Min. 3 
Av. 16.5 

83 

7 

3 

7 


undoubtedly have a great effect. To determine the 
effect of these factors much greater variations are 
necessary than those which occur naturally. 

Conclusions 

An oscillograph is now available, as represented by 
that made by Dufour, by the use of which single tran¬ 
sients may be photographed, without being limited by 
the inertia of a mechanical system. By its use, wave 
forms are shown in the paper having measureable 
oscillations up to 20,000 kilocycles. The authors have 
worked with an oscillator frequency of 250 kilocycles 
which allows the registration of a frequency of 100,000 
kilocycles. As the frequency increases, the problem of 
the characteristics of the circuit used become increas¬ 
ingly important and great difficulty is experienced in 


keeping the oscillograph circuits free from disturbances 
emanating from the main impulse circuit. The cathode 
ray oscillograph, as used here, becomes a tool of the 
greatest value in the study of transient phenomena. 

The lag tests, with constant voltage on the needle 
gaps, show that the lags vary between wide limits, the 
average lag increasing with increased gap settings. 
The limits could probably be narrowed considerably by 
the use of careful control of air and electrode conditions. 
The per cent overvoltage, required to keep the lag to 
two microseconds or less, decreases as the gap spacing 
increases. The lag is shown to depend on the condition 
of the needle, the dull needle tending to have the shorter 
lags. 

The authors are continuing the use of the oscillograph, 
intending to apply it to the study of transients on 


TEST DATA 
TABLE in 

LAGS GIVEN IN SAME OBDEB AS TESTS WEBE MADE 
VOLTAGE 76,000 


Spacing 

and 

Gap 


Time 

Calibration 
microsecond 
per m. m. 




Per cent^ 

Sparking 


Atmospheric 

Conditions 

Time Lags in 
Microseconds 




3rd 

range 

4th 

range 

95 m. m. 
Needle 

Gap 

70 per cent 
sparking at 
this setting 

Relative 

humidity 14 per cent 
' Bar. 29.1 in. 

Temp. 22 deg. cent. 

8.5 

120— 21— 88— 42— 26 
491—406— 34—840—466 
389—440—400—460—400 

Max. 491 
Min. 21 
Av, 260 

40 

0 

14 

46 

80 m. m. 
Needle 

Gap 

Relative 

humidity 14 per cent 

Bar. 29.1 in. 

Temp. 22 deg. cent. 

5 

35— 46—280—240—260 
35— 4o_ 30—236— 30 
35— 30— 36— 36—335 
236— 40— 16—210—230 
300—200—260— 46— 30 
35— 36— 40— 36—210 

Max. 335 
Min. 16 
Av, 120 

68 

0 

28 

14 

72 m. m. 
Needle 

Gap 

Relative 

humidity 26 per cent 

Bar. 28.8 in. 

Temp. 19 deg. cent. 

2.4 

38— 38— 43— 48— 26 
43— 29— 38— 21— 48 
29— 46— 29— 29— 29 
29— 2— 17— 66— 60 

31— 63— 41— 31— 31 

Max. 60 
Min. 2 
Av. 36 

4 

48 

28 

20 
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McEACHRON AND WADE: 


Transactions A. I. E. E. 


transmission lines due to lightning and other causes. 
The breakdown of insulation and the operation of 
lightning arresters is also being investigated. Ac¬ 
knowledgment is gladly given to the work of Alexander 
Dufour, who constructed the oscillograph used by the 
authors in the work described in the paper. 
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Discussion. 

Swampscott, Mass., May 9, 1935 
C. H. Datfnalh I should like to ask Mr. McEachron what 
method he used to have the specified amount of gas—inert gas— 
inside of a tube to concentrate a stream of electrons into a point. 
It has been found that when a definite amount of inert gas is 
present in the ^thode-ray tube, due to ionization of this gas, the 
electrons flowing are concentrated into a very fine stream, 
instead of spreading out due to repulsion between the electrons 
A?^ abould like to know what method Mr , 
McEachron used to produce this definite amount of gas. 

H. B. Smithi I think this paper of Mr. McEachron’s deserves 
discuffiion, and, in my own case, appreciative discussion, because' 
m 1914 we attempted at Worcester to carry out a little of. the 
fundamental research on dielectrics which Professor Adams 
^inted out the other day as important, as a basis for cable 
deagn as well as other things. We wanted to see what could be 
^ analysis of dielectric phenomena 
approaching the point of breakdown of the 
^electric. We wanted to get polar oscillograms of halfwaves of 

^ ® previous to the 

point of breakdown, m order that we might analyze the phe¬ 
nomena going on in the dielectric under that condiS 

®'**®“‘*’*’ •^®8inning about 1914, although 
the inherent difficulties of any instrument involviL 
wSh ' application of the Einthoven galvanometer*^ 

which mnnnizes mertia of parts for the current waTTn 

®l^troatetic field was used to get the voltage wave simul- 
teneously imth a suitable photographic optical sTtem^SS 
etc ^ ^t we imght obtain a half wave of boL cv^Tmd 

e. “-f.onapolardiagmmof sixty cycles. 

worked ’but“st!int Mr. McEachron has 

of such a diaracter that thA 1 ^ } , (liagrams were 

W.,= .told rf to " "»*«> “>•»• «l» mow «. 

trie Complies ‘^® Elec- 

into just the difficulty mentioned W^M 

regard to getting a satisfaetftrrr McEachron with 

speed. We coiddn’t d? it 

point when we learned of the Diifniir^ reached that 

to make use of that Thf« ^ 

conditionsmadeiM:rcoS^^^^^^^ . 


KjaMjaM. a Vsyeigncoiis in tne early years ox ughtniiig arresters 
and protective devices development, I spent many hours 
^th Dr. Steinmetz speculating on what might be taking place 
in the earlier parts of our artificial lightning discharges. We 
could estimate, in a way, what extremely high frequencies might 
be brought into existence—superposed on bur lightning frequen¬ 
cies which were, as a matter of fact, carried as higli as 5,000,000 
cycles per second—but there was no assurance that these siiper- 
, posed higher frequencies actually existed to any appreciable 
. degree. The mathematical calculations of the i*esistance of the 
skin effect, for example, indicated that such high frequencies 
would be damped out immediately. These puzzles of mon^ t han 
twenty years' standing have been carried in our minds. Tlu^^e- 
fore, to me, personally, it is a most peculiar pleasure to look on 
these oscillograms of records of millions of cycles j^er second and 
see the complete solution of our speculative problem.. 

I wsh to m^ake one correction as to the authors' credit given to 
Mr. Duddell in the matter of the early work on the oscillographs. 
There are three men who stand preeminent in the development of 
the oscillograph—BlondeU in Prance, Duddell in England, and 
our good friend, Louis Robinson, in America. 

T BlondeU is, without doubt, the father of the oscillograph. 

In 1898 I passed through London on my way to Paris andspenta 
day with Mr. Duddell. He was just getting his oscillographic 
work under way at that time. Upon arrival in Paris I found 
mt M. Blondell had had his oscillographs in use for a long time. 
Re had both the magnetic-needle type and the bifilar type which 
IS in such universal use today. The practical oscillographic 
apparatus which all of us know and find so convenient to use is 
entirely the work, one might say, of Mr. Robinson. 

h. R. Oolladays I was interested in the author's investiga¬ 
tion of the impulse circuit resistance to give most nearly a vertical 
wave front. It seems to me that a moderate amount of ovor- 
^oot with a steeper wave front might not be objectionable. 

H the frequency of oscillation were high enough, the effcjcts on 
tne time lag of the alternate half-waves would, at least approxi¬ 
mately, cancel out. 

The authors conclude that the percentage of over-voltcge 
^mred to keep the lag at two microseconds or less, deoroasos as 
toe gap spacing increases. This conclusion must bo based on 
data not included in the paper. It is to be inferred from 
edemn s work that the percentage of over-voltage to keep the 
tune lag constant with increasing gap length would ineroaso. 

*^® P- 0- Pederson who has 

M,!? w’J'® important papers on spark lag in the AnnaUn der 
Phmh. His method makes use of the velocity of spreading of 
Idtohtenberg s figures, and of the velocity of propagation in 
wnduotors, to measure time lags of the order of 10-«*^Beoond8. 

indi^tes that very careful work is required to 
V «“ measuring times as short as those 
measured by Pedersen. A few of the latter’s conclusions are as 


exieiv^U.r^*"'* leng^: the time lag decreases as the 
SSni piS ®o«®lusicn is reached in the 

(e) Effects of electrode shape. 
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L Fur fqiuil lun^ths, tuumHos and points are faster than 
splu*n‘-gaps. 

For equal la^^s, a j^ap is about ono-thinl loniyor 

Ilian a sphm^-^jap. 

3. With a gap of nun., and abcni t UK) pt?r ctuil exeess voltage, 
llie tiling lag of a lO-nun., diameter sphere-gai) was found to be 
UKo X 10^^ si*c., and of a iMM*dle gap, 5.0 X 10”'® sec., at the 
same \*<dtage. 

•b The time lag of a gap is ileterjuiiied almost entirely by 
(he shape of the atiodis and the cathode has jiructically no elT<»ct. 
Tins aecoiints for the results obtaiiu^d with a gap between a point 
and a plane in the pn‘sent jiaiier, 

(d) A minimum time lug is oldainc'd with clean idecjtrodes, 
whadi may be multiplied by live or more by contamination of the 
(4c»e(rodes surface. Thc^ elTect of a spark is to iuer<‘ase tlu^ turn* 
lag for subsequent sparks dut^ to corrosion of the electrode Hiu’fa<?e. 

(e) Time lag ilepends more upon the ratio of impress(*<l 
voltagi! to lu*eakdown voliag<\ than upon gai» length, although 
there is a shiw increase with incnuising gap length. 

1'ln? abov(‘ results wc^re obtairu»d with relatively short gap 
lengths “ Usually of a few millimebTs. It is inUwesting to notc< 
that Pedersmi found that tlu^ tijiie lag is jnore alTected by Ihi* 
elt‘Ctrod(' .surface) than liy the (4«sjtrode shape. 

In the <umrse of liglitning-arn‘s(er development work, tlie 
writer Jiad oecasioii to d(»velop a mcuui.s for jmutsuriug time 
lag of insulator llashover, breakdown of spark-gai), »«d discharges 
of lighttiing arrcHterH, ISaiisfactory answers to tlu‘se problems 
were obtained with a “timing** circuit consisting of a condenstw 
and r«»sistance eonnecbsl in siwii^s and .shunted across the appara¬ 
tus to bo timed. The peak voltage of the tsouden.si)!* is nnsisurml 
hy a small sphere-gap in the case of Icuiff time lags, or by a kly- 
donograph in the (uise of short time lags. With the assumpti(»n 
that the voltage impr4<s.sed on the timing enreuit has a rc»ciangular 

* A* 

vvav<^ .shape, the time is given liy t he formula I H C Iog€ -; ——, 

where i^and Care the constants of the timing circuit, A the surge 
voltage, and c the condenser volitig<^ With this method we 
have obtained a figure of 2.7 microseconds for the time lag of a 
‘iTi-kv., pin4ype insulator with 150 kv. impressed. The time lag 
<»f a 25-cm., spln^re-gap set at H.5 mm., was 0.24 miorosecoiulH 
with JIO kv. While the Hph(*re-gap is fast, it is not instantaneous. 

11 lias a nn ^astirablc time lag. 

As a iiiatter of interest some tests \mh made imd«w one of the 
conditions of the present piip(tr, a 12-mm. needle gaii at 22 kv, 
A O.l-microfarad condentMT supplied the surge through a 075- 
ohm rcNi.sU>r, The results obtaimid were: ynluimum time lag, 
0.S3; average 3.S; and juaxiinum 13,8 microseconds. These 
results are of the same order Imt somewhat lower than those of 
the paper. I believe that the discrepancy m duo to diffcreucos in 
tests conditions. The results with the needle gap were quite 
erratic comparetd to those obtained with sphere-gaps. The 
major inconsistencies aro probably due to inicrosctipie differences 
in the needles. The smaller di0erenct»s aro encountered whim 
testing with sphorc-gaps and ar«5 probably duo to minor changes 
in test Conditions. 

E# Burner* One of the ttn)Ht important uses of the cathod«> 
ray oscillograph at the present time is to study the operation of 
lightning arresters. Heretofore, we have had to rely chiefly upon 
sphere-gaps for measurements but since only maximum values 
could be measured and, the time clement was not considered, 
questions of uncertainty always accompanied the measurements. 
By applying this oscillograph to lightning-arrester test circuits a 
new field of information has been opened for study. 

In the study of lightning arresters, there are two important 
points that we wish to consider from the protection standpoint. 
First, how much above the insulation test voltage do the arresters 
allow the voltage of the transient to go, and second, what is the 
duration of this over voltage! Most insulation has a test voltage 


of approximately t,wu timos normal for one iuinuto. Stiulii^s of 
tho juochanmju of insulation breakdown s<‘oin to iiidicato 
that insulation failuro dopeiids upon an ovorvoltago-timo 
charao1.oristic. 

The accompanying curvo.s show two oathodo-ray oscillograms 
transcrihfd into reetaiigular coordinatt^s. The ordinates ropro- 
sout tho \ aluo of voltage improsstnl across apparatus insulatiou, 
and tho abscissas give tho duration. Curve A shows a transient’s 
clniracleristics without tho lightning arrosttw, and Cnrvo li 
shows the change in tluj transient caused by tho operation of 
tho arresbT. Lino f* wonhl represent the A. 1. E. E. value of 
te.st voltagt*. The area under (hirve B and above lino C roprc'- 
.sonts the n*alm in which iiisnlaton may lu^coinu damageil. 



OHtni.r.i.juit.\MH SiinwiNo UrsK op Vui,ta«I'J (A) Witiphit ani> 
(11) With Lkuitnino Ahukhtku. 

Now tho <iU(^stion is: what kinds and shapes of trransients shall 
wo ajiply to arresbirs? In tho laboratory it is possible to ])ro- 
ducc transients of almost any wave front, voltage or duration, 
but we do not know how those bransionts compart) with what 
wo actually got in pmetiso. This is one of the most; important 
points wo should know, and possibly througb the use of this 
oscillograph or other in.strumont.s, we may bo able to detonnine 
some of Qimn factors. 

L. T* Hobitisont in (soiinecUou with this instrument, 
It Is interesting to recall that as early as 1(K)3 a dovicni making 
use of the cathode-ray tube for olitaining phot-ographic records 
of oloctrical wavi* forms was developed and (leH(5nbed hy our 
past-iiresident, Harris J. llyan.^ 

K* B« McEachroni No direct determination of the corro.ct 
aimniut <if residual gas is made. Tho condition of tho vacuum 
for prtiper focusing is dntenuined by observing the appearance of 
the cathode .Ht.reanu To hcj able to judge proptsrly the si»e of 
tho spot in this manner requires some exporionce on the part of 
the ofMjrator. Tho gage shows a pressuro of from 2 to C microns, 
but the gage indication is not depended upon for determining the 
propijr vacuum condition. 

Thn qtiostiott of limitation of tho oscillograph raised by Profes¬ 
sor W. Ti, Smith is an interesting question. The electron speed 
corresponding to tho voltage used is about one-third that of light. 
At this speed the limitatifiii does not depend on the velocity 
of the electrons but rather ou means of drawing out tho wave 
along a time axis. 

We have used oscillator frequencies as high as 1,OCK),000 
cycles, detecting frequencies on the unknown transient of more 
than 100,000,000 cycles. Btill liigher frequencies may be studied 
but the sweeping rate becomes so high that it is difficult to time 
the phenomena properly. For most work it is doubtful if miudi 
is to be gained by going to frequencies higher than this. 

Concerning the effect of spacing on the percentage of over¬ 
voltage required to keep the lag to less than two microseconds, 
mentioned by Mr. GoUaday, the detailed data were not included 
in the paper, but the data for three different spaoings were given 

T. The doth Alternating-Wave Indicator, by Harris I. Byan, 

A. X. B. B. TKANSAcrtONS, Vol. XXIX, XOOd, page 589. 
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in the text near the end of the paper. The results in the table 
are for lags of two microseconds or longer. 

The results obtained by Pedersen are of interest, but as Mr. 
G'olladay states, they were obtained on relatively short-gap 
lengths with which electrode conditions are of greater importance 
than with larger gaps. 

The time lags on the insulation and sphere-gap as given 
by Mr. Golladay are of note, but the results will depend consider¬ 


ably on the wave shape applied. Considerable error may be 
introduced when using this method by assuming a perpendicular 
wave form for calculation purposes. 

Mr. Golladay used a much smaller sphere-gap sotting than is 
standard for 25 cm. spheres which is probably the reason for the 
rather long time lag given. Peek® has shown that considerable 
- lag may be expected with gaps much smaller than 0.3 -s/Tt, where 
R is the radius of the sphere in centimeters. 


Oscillographic Solution of Electromechanical 

Systems 

BY C. A. NICKL© 

Associate, A. I. E. E. 


Synopsis.—A simple and practical method ha^ been developed for 
investigating certain important classes of dynamic systems^ as 
represented, fox instance, by a power system comprising synchronous 
•or induction generating units, with prime movers, connected through 
•transmission lines to receiving apparatus of the same character. 
The behavior of individual units, of course, can also be investigated, 
—such as the important case of determining the current pulsation of a 
•synchronous motor driving a reciprocaling compressor, or purely 
mechanical systems involving moving masses and resilient members, 
•such as beams, bus bars, etc., under the influence of suddenly applied 
Jload. In the present paper, the method is described and its applicor 
•tion to a few of the possible cases is illustrated. 

The method is to have an ^'eguivalent electrical circuU'' solve the 
.problem, and the oscillograph plot the solution. The idea is based 


on the fact that if the differential equation for an electric circuil is 
identical with that for the dynamic mechanical system in question, 
then the corresponding electrical quantities can he taken to represent 
quantitatively the actual mechanical quantities. The equivalent 
circuit can be easily set up, and oscillographic records of the voltages 
and currents constitute the plotted solutions. 

The chief value of the scheme lies not only in onc\s being able, lo 
easily solve a given complicated problem, but also in the facility with 
which the effect of change in design factors may he determined. 

The method is capable of considerable exlcnsio7i. Its applicatUm 
is limited only by the extent to which circuit vle^ncnts of the proper 
characteristics can be found. The treatment given here considers 
only those cases which involve the circuit elements L, C, and R, andin 
which these are constant.'^ • 


M athematical analysis of mechanical and 
electro-mechanical dynamic systems, such as, 
for instance, a modem power system as a whole, 
•or individual power units, becomes complicated very 
rapidly as the nmnber of degrees of freedom is ejctended. 
When the limit of practical mathematical solution is 
reached, it is possible to resort to graphical methods 
which may be effectively employed, within a limited 
field. Such methods were carried to Tmusual limits in a 
recent investigation by Booth and Bush* which demon- 
:strated the efficacy, and also indicated the limitations, 
of those methods. Many practical power systems, 
mevMtheless, extend far beyond such limits, yet the 
importance of their solution is certainly no less. On the 
contrary, it is perhaps greater. 


A simple method has hem developed for investigal 
ing systems of this general character. It involves th 
iu^ of the oscillograph in connection with electrics 
■circuits in which the electrical quantities represent th 
mechanical quantities of the actual system. In an' 
giv^ problem the procedure is to sketch out th 
eqmvalent circuit according to definite principles 
merely by an inspection of the diagram of the actua 
system. The equivalent circuit, described later, usuall; 
comprises batteries, inductances, capacities, and re 

1. Of the General Bleotrio Co., Seheneotady, N. Y. 

.ooc Transients, Jotonal, A. 1. E. E., Marol 

at the Regional Meeting of Diet. No. 1, Swatnpeeob 
May 7-9, 19S6, and at the Annncd Convention, Saratoga 
N. Y., June SS-Se, 1996. - 


sistancqs of appropriate values. Oscillographic records 
of the currents and voltages in the various circuit 
branch^, following some disturbance, constitute the 
•plotted solutions of the differential equations of the 
system—plotted against time to a definitely known 
scale of torque, speed, displacement, power, etc. The 
method thus brings within practical reach the solution 
of extremely complicated problems relating not only 
to power systems but also to any system for which 
an equivalent circuit can be set up. 

Historical 

The idea of analogous systems has been employed for 
many years as an aid in -visualization, explanation, and 
mathematical anal]rsis. The same differential equa¬ 
tion may repre^nt many different natural phenomena; 
which means, of course, in each case, that the quantities 
expressed vary with respect to each other in precisely 
the smne manner. Thus, analogies follow, and elec¬ 
trical engineers have been quick to utilize them in the 
analysis of many problems. Arnold* has extended such 
analogies to the use of equivalent electrical circuits in 
the mathematical analysis of problems. While this 
usually affords a cl^er conception of the problem, and 
may sometimes facilitate the handling of mathematical 
expressions, nevertheless, the expressions still remain to 
be handled. 

In the present paper, the idea is carried a step further. 
The mathematical processes are eliminated altogether 
by having the electrical circuit solve the problem, and 

3. Die Wechselstromtechnic, Vol. IV, page 379. 
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the oscillograph plot it. So, instead of tedious equa¬ 
tions perhaps hopeless of solution even with such aid 
in mathematical treatment as the analogous circuits 
may give, one has available in the present oscillographic 
method, practical and simple facilities for analysis. 

Premises 

The fundamental basis for the method is that the 
differential equations for the equivalent circuit are of 
exactly the same form as those for the actual system. 
Since the equations are of the same form, the elwtrical 
quantities which occur in the equations for the equiva¬ 
lent circuit may be considered to represent the physical 
quantities which occur in the equations for the actual 
system. As will be shown later, if we choose inductance 
to represent mass, and electrical charge to represent 
displacement or length, time being common to both 
systems, it will be found that the differential equations 
are of exactly the same form, and, furthermore, that the 
various phaiomena occurring in the physical system are 
represented by quantities in the equivalent circuit 
which are convenient to measure, that is, voltage and 
current. 

Assuming for the present that these representations 
are the most advantageous, Table I can at once be 
constructed. 


TABLE I 


Meohanioal System 

Electrical System 

mass 

M 


£, inductance 

length 

L 


Q 

charge 

time 

T 


i 

time 

Derived 






quantities 

Dimensions 

Dimensions 



force 

F 

MLT-^ 


B 

voltage 

velocity 

V 

LT-^ 

Q 

I 

current 

damping 


F 

, E 



constant 

Ki 

V 

I 

R 

resistance 

resilience 


L 

n 



constant 

Kr 

F 

V 

B 

C 

capacity 


In general, however, it is not desirable to use Table I 
for quantitative representation, since this would often 
require very large and impracticable electrical units. 
In order that the electrical units shall be of reasonable 
magnitude, we can let one unit of mass be represented 
by a units of inductance, one imit of time in the physical 
system by b units of time in the electrical system, and 
one unit of length by c units of charge. Then, by ar¬ 
bitrary choice of the conversion factors a, b, and c, 
the order of magnitude of the quantities in the electrical 
circuit can be made any desired value. Introducing the 
conversion factors. Table II may be constructed. 

In the' differential equations for systems in rotation, 
the moment of inertia corresponds to mass in systems in 
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TABLE II 


Mechanical System 

Conversion Factors^ 

Electrical System 

mass 

M 

a 

£, inductance 

length 

L 

c 

Q charge 

time 

T 

h 

t time 

Derived quantities 



force 

F 

ac 

B voltage 

velocity 

damping 

V 

cib 

I current 

constant 

resilience 

Kd 

a/h 

R resistance 

constant 

Kr 

6Va 

C capacity 

power 

FV 

a c* 

E i power 


translation, angle corresponds to length, and time is'the 
same for both systems. Hence the table for systems 


in rotation may 

be written at once, 

as shown in 

Table III. 

TABLE III 



Rotational System 

Conversion Factor 

Electrical Systemr 

moment of inertia I 

a 

£ 

inductance 

angle e 

c 

Q 

charge 

time T 

h 

t 

time 


Derived quantities 


torque 

3 

a c 

B 

voltage 

angular velocity 

<a 

c/b 

i 

current 

damping constant 


alb 

R 

resistonce 

resilience constant 

Or 

bya 

C 

capacity 

power 

3<o 

a 

'1^ 

E i 

power 


In the present treatment, only physical systems, 
in translation or rotation, in which existing forces are 

X d X 

proportional to and x, will be con¬ 

sidered, where x represents length or angle; in other 
words, only physical systems which may be expressed 
by linear differential equations will be taken up. 

A composite system, of which the component parts 
are expressible by linear differential equation, is itself 
expressible by a linear equation of higher order and may 
be represented by a composite electrical circuit. 

Obviously the method is not limited to problems in 
mechanics alone, but may be used as a means of solution 
of any problem which may be expressed by linear dif¬ 
ferential equations. Howeva*, the method is not neces¬ 
sarily limited to linear systems only. If electrical 
circuits can be devised which have characteristics 
vanring in exactly the same manner as the characteris¬ 
tics of the system to be solved, then the method is 

4. (MeebAmoal quantity) X (conversion factor) = (electrical 
quantity). Thus, CL feet = QCoulombs, V c/h feet per seci. 
= amperes, etc. 
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applicable. In general, this would require resistances, 
capacities, and voltages which should be variable in 
accordance with certain prescribed laws. This might, 
in many cases, be entirely feasible, as is demonstrated 
in the representation of governor action described in 
Appendix A. 

Equivalent Circuits 

Fig. 1 illustrates some elementary physical systems 
and their equivalent electrical circuit. 

A brief inspection of the familiar differential equations 
for the various cases shows that they are of exactly the 
same form and, hence, their solutions must be of the 
same form. 



o D 

Pio. 1 —Systems Represented by the Same Differentiaii 
Equation 

J‘x dx 1 

dt + 


sistance, the resilience constant by capacity, and 
velocity by current. These relations all exist respect¬ 
ively in the two sets of equations, and therefore. Case D 
is a true representation of Case A. A sudden applica¬ 
tion of force on the mass M is given by a sudden ap¬ 
plication of voltage. The voltage across the inductance 
then gives the inertial force of the mass; the voltage 
across the condenser C is a measure of its charge, and 
thus gives both the displacement of the spring and the 
displacement force; the voltage across the resistance R 
gives the damping force of the liquid on the mass; and 
the current in the circuit gives both the velocity of the 



(B) 


( 0 ) 


(D) 


dV I - 

^17 f Vdt 

, „ dS 1 

d <a ^ 1 /T 

i ^ J <adt 

„ dd 1 ^ 

^ dj* +^‘* <f< + 3, * ” ^ 

^ ^ FT 1 /• 





E 



+ f iid 


^ dl + ( '1 - ‘« ) + ~^J'( - <» ) dl-l 


Case A represents a mass and q)ring with one end of 
the spring attadied to an immovable support, and 
having the mass constrained to move in a bath which is 
assumed to give a damping force proportional to the 
velocity of the mass M. Comparison of the equations 
for Case A and Case D i^ows at once that mass in the 
physi^ system is represented by the inductance in the 
electrical dreuit, and length, by charge, time being the 
same for both i^stems. From Table I, force should be 
jepresented by voltage, the damping constant by re¬ 


mass and the rate of change of displacement between the 
two ends of the spring, these velocities being the same 
since the support is immovable. 

Sunilar reasoning applies to Case B, except that the 
dectrical quantities are interpreted in terms of rotation 
instead of translation. 

Case C represmits a synchronous machine connected 
to an infinite system. In this case the voltage across 
the condenser gives the synchronous torque of the 
machine due to the displacement of the rotor from the 
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terminal voltage; the charge on the condenser gives the 
angular displacement of the rotor from the phase of the 
terminal voltage; the voltage across the resistance gives 
the damping torque due to the amortisseur winding, 
and the current gives the velocity of the rotor with 
respect to the terminal voltage, that is, the departure of 
the rotor from synchronous speed. It sliould be noted 
that the assumption of direct proportionality between 
synchronous torque and displacement angle has been 
made. Although this is not rigorously true, neverthe¬ 
less for small angles the assumption is, of course, 
justifiable. 

If the capacity in the circuit is made infinite, the 
s3mchronous torque becomes zero, leaving only the 
damping torque. The circuit is then evidently the 
representation of an induction motor. 

In the more general case, the supports are not im¬ 
movable, but also have a velocity and displacement 
which are functions of time. Fig. 2 illustrates this 
condition. 

Inspection of the respective differential equations 
shows that they are of exactly the same form as those 
for the equivalent circuit. Hence, for Case A and 
Case D the voltage across the inductance gives the 
inertial force of the mass; the current in the inductance 
gives the absolute velocity of the mass; the voltage 
across the condenser, the displacement force of the 
spring; the charge on the condenser, the displacement 

F ' K [ m 1 1 ' ;— [mg | -»-p 

Fia. 3 

between the two ends of the spring; the voltage across 
the resistance, the damping force acting on the mass; 
the current in the condenser, the rate of change of dis¬ 
placement of the two ends of the spring; and the 
current in the circuit terminals, the speed of the end of 
the spring. 

The reasoning for Case B is the same except that the 
electrical quantities are interpreted in terms of rotation 
instead of translation. 

For Case C, the velocity of the rotor is represented by 
the current in the inductance; the velocity of the ter¬ 
minal voltage is represented by the current in the cir¬ 
cuit terminals; the displacement of the rotor from the 
bus is given by the charge on the condenser; the S 3 m- 
chronous torque, by the voltage on the condenser; 
the damping torque, by the voltage across the re¬ 
sistance; and the relative velocity of the rotor with 
respect to the terminal voltage, by the current in the 
condenser. 

The characteristics of a transmission line are such that 
the power transmitted over the line, and the torque 
corresponding to it, are proportional approximately to 
the sine of the angle of ^placement between the ter¬ 
minal voltages. Rigorous representation of such a 
characteristic would require a condenser the capacity of 


which is a sine function of the charge. It has been 
found, however, that for displacements of the magni¬ 
tude customarily encountered in practise, the torque 
may be taken as proportional to the angular 
displacement®. 

For such an assumption, the transmission line will 
evidently be represented in the equivalent circuit by a 
condenser, just as in the case of the spring. 

In certain cases, such as power systems, the variation 
in speed of the component parts may be of relatively 
small magnitude compared with the total speeds. 
Since motion is purely relative, any constant value of 
speed may be taken as a reference. The actual choice of 
this reference will be largely determined by the nature 
of the problem under consideration. If every part of 
the system is initially moving at the same speed, the 
logical reference point is this initial speed. For such a 
case, the relative initial speed of each component part 
with respect to this reference is, of course, zero, and 
since current in the equivalent circuit represents speed 
in the actual system, the initial currents in every part of 
the equivalent circuit must be zero. 

Now, for constant speed in the actual system, 2 
torques acting on the rotor of each unit must be zero. 
These conditions impose on the equivalent circuit that 

(a) all initial currents must be constant and equal to 
zero, and 

(b) 2 voltages acting on the individual induct¬ 
ances must be zero. 

As an illustration, let Fig. 3 represent a mechanical 
system in equilibrimn, the entire system traveling at an 
absolute velocity V. To an observer also moving at the 
velocity V, the system will, of course, appear stationary; 
that is, with reqiect to the velocity F as a reference, the 
relative velocity of the oatire system is zero. Now, if , 
one of the forces is suddenly changed to a new value, the 
observer at velocity F will note certain velocities in the 
various parts of the system as functions of time, while 
to a stationary observer every velocity will be different 
by F. Evidently, therefore, the speed of the observer 
will have no effect upon the other phenomena such as 
forces, relative displacements in the system, etc. 

For systems initially in motion, it is thus possible 
to obtain an equivalent circuit in which the currents all 
differ from the actual equivalent currents by a constant, 
without changing the performance of the circuit. 

Use of this principle is made in developing a repre¬ 
sentation of certain prime mover torque-speed char¬ 
acteristics. 

Pig. 4 shows a tsrpical torque-speed characteristic 
for a waterwheel with full load gate opening held con¬ 
stant. If the waterwheel is initially operating at point 
C, then for considerable variations in speed, the charac¬ 
teristic is essentially the straight line A tangent to the 

5. The relation between power and ang:ular displacements 
between the voltages at the ends of a transmission lino is shown in 
the paper by Biish and Booth, on Power System Tranrients, 
JovBNAL, A. I. E. E., March, 1925, Vol. XLIV, No. 3, page 233. 
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actual characteristic at G. The equation of line A is 
3 = So- Ks (1) 

where 

5 ■ = torque at any speed s 
3o = intercept of line A with the Y axis 
and 

K = the numerical value of the slope of the line A. 
In accordance with the foregoing, since it is desirable 
in the interest of accuracy to choose some speed other 



PER CENT SPEED (EXPRESSED AS A FRACTION) 


Pig. 4—Speed-Torqub Characteristic 


Mass or Moment of Inertia — 

Resilience Constant (Spring, Transmission 
line, etc.) 

Damping Constant , -v\^\/vv\/vv\^-. . 



Force or Torque 


Force applied to Mass, or Torque applied to. 
Moment of Inertia 




Synchronous Machine 
Prime Mover 




-UWlr-®-- 


Synchronous Machine with Prime mover and 
Damping Winding ^ 


"Mmw-- 

C R 


Induction Motor with load 



Pig. 5—Equivalent Circuits 



than zero as the reference speed, let s, be the reference 
speed with, respect to which other speeds are to be 
measured. Then, since the slope of the line is of course 
not changed by the choice of reference, the general 
ecjuation is 

3' = 3i - A (s - So) (2) 


where 3' = the torque at any relative speed (s — So) 
and 3i = the torque when the relative speed is zero. 
That is, 

3i = the ordinate of the line A at the reference 
speed So. 

In the equivalent circuit, torque is represented by 
voltage and speed by current. Hence, corresponding to 
Eq. 2, the prime mover torque at any relative speed 
will be represented in the equivalent circuit by 

e = E- Ri (3) 

The quantity K, or the slope of the torque speed 
characteristic, is thus represented in the equivalent 
circuit by a resistance. 

For other gate openings, the slope of the line A and its 
intercept with the Y axis will have other values. Under 
actual conditions, the governor will change the gate 
opening as a certain function of time thus necessitating 
values of E and R in equation (3) which are also func¬ 
tions of time. An approximate method of obtaining the 
proper functions for these quantities is illustrated in the 
representation of the governor given in Appendix A. 
However, under transient conditions it requires from 
two to four seconds for the governor to function; 
hence, the phaiomena may be investigated, at least 
approximatdy, during the first second or two imder the 
assumption of constant gate opening. 

In all equivalent circuits, the inductances, which are 
used to represent inertia, possess a certain amount of 
inherent resistance. This resistance, however, can 
always be considered as a part of the resistance required 
to represent the torque-speed characteristic. Oscillo¬ 
grams of voltage across the terminals of the various 
inductances to obtain inertial forces will include the 
small resistance drop due to the inherent resistance of 
the reactor. To obtain the true inductive voltage it is, 
of course, only necessary to subtract the resistance 
voltage at each instant from the total voltage. 

The equivalent circuits for the individual elements of 
the systm, such as generators, motors, tr ansmissi on 
line, etc., have been established, and are shown in Fig. 5. 
It is now necessary to show how these must be <Jon- 
nected in a combined, equivalent circuit to represent the 
Systran as a whole. 

Unerring to Fig. 6, let any number of synchronous 
and induction machines A, B, C, etc., including genera¬ 
tors, motors and synchronous condensers, be connected 
to the bus m m. The conditions which must be satisfied 
are: 

(1) S power flowing to point o must equal zero. 

(2) The speed (a of all branches must be the same 
at the point o, being the ssmchroiious speed of 
the bus. 

(3) Therefore, S torques, corresponding to the 
various values of power, and to that speed, 
must be zero. 
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Thus, by (1), 

Sp = 0 = Pa + Pb + Pc + Pd + .. .. 

By (2) 

0)a ^ COfe = COc = 0)d .= COo 

By (3) 

HT = 0 

Fig. 6b shows the equivalent circuits for the various 
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Pig. 6—Synchronous and Induction Machines Connected 
TO THE Same Bns 




(B) 

Pia. 7— ^Equivalent Circuit fob Two Busses Connected 
BY A Transmission Line 

units A, B, C, etc. The speed of the terminal voltage— 
that is, the voltage at 0, Fig. 6a —^is represented by the 
current io. Since this must be the same for all units, 
the circuits must be connected in series; and since 
S torques must equal zero—^the torque evidratly 


being the voltage* between the junction points n n — 
it follows that S voltages must equal zero. Hence by 
Kirchoff’s Law, the circuit must be closed, as in Pig. 
6c. Therefore, for any number of machines connected to a 
bus, as in Fig. lA, the equivalent circuits of the various 
units should be connected in series, as in Pig. 6c* 

Thus, if the synchronous generator A were suddenly 
dropped from the system (by short-circuiting the points 
n n), the variation in the speed of the bus voltage, the 
instantaneous values of phase displacement, torque, 
speed, slip, etc. of the various machines can be read at 
once from the currents and voltages of the various 
branches. This is shown in more detail in the Num¬ 
erical Illustrations. 

Next, consider two such busses connected by a trans¬ 
mission line, as in Fig. 7a. The difference between the 
speeds wi and wj of the two-bus voltages is, of course, 
the rate at which the angular displacement between 
the two voltages is changing. Thv^, in Pig. 7b, 
if and h represent respectively those two speeds, 
then ii — ii would be the current to the condenser, 
which represents the spring-like characteristic of the 
line. That is, the charge on the condenser d represents 
the phase displacement between the ends of the line, 
and the current (ii — ii) is the rate at which it is 
changing. The connection must, therefore, be as in 
Fig. 7b. The rectangles A, B, C, and D in Pig. 7b 
represent the equivalent circuits as shown in Fig. 6b. 

Consider next a system as shown in Fig. 8a. At the 
junction point or bus at G, the speed for all branches is 
the same, namely Wi. There must therefore be a 
main series circuit, which connects the various individ¬ 
ual circuits, and in which a current u flows. Yet each 
bus will likewise have its own series circuit as in Fig. 6. 
The transmission lines a, b, and c \Wlleachberepresented 
by a condenser which takes a current equal to the 
difference between ii and the current representing the 
speed of the particular bus. Thus, the component 
circuits are shown separately in Pig. _8b. The connec¬ 
tions are completed by inspection, as in Pig. 8c. Thus 
the series circuit for each bus is shunted by a condenser 
representing the line which connects that bus to the 
common point at G, and the groups are then all con¬ 
nected in series. 

Following the same reasoning, the equivalent circuit 
for the complicated system in Pig. 9a can be con¬ 
structed. Here, each circle marked w represents a 
bus with any number of units on it, such as in Pig. 6a. 
From the individual circuits shown in Fig. 9b as 

6. The voltage n n represents the eleetro-magnetic torque, 
and is obviously the impressed torque ininus that consumed in 
acceleration: 


T = 


I 


d 0 ? 
dt 


; or, in the electrical circuit 
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sketched from inspection of Fig. 9a, the final 
nections are made as in Fig. 9c. 



PiQ. 8 —Equivalent Circuit fob a Four-Branch Ststbm 


1. For any number of machines connected in parallel 
to a bus, the equivalent circuits should be connected in 
series, as in Fig. 6c. 



Pia. 10—Equivalent Circuit for a Closed System 




I 

Pig. 9-Equivalbnt Circuit fob an Extended System 


the equivalent circuit is constructed for i 
network shown in Pig. 10 . oi-i uutea lor i 




m =0.1476 (4.761b.) 
K,=0.111 ft. per lb. 
Ki=0.116 lb. per ft. 

per sec. 

P=4.63 lb. 


a-1.11 
b=0.0407 
c.» 0.0396 


L E 


L=0.164 henrys 
C=166 m/ 

11=3.18 ohms 
E = 120 volts 

llA 

2. If this bus is connected to another through a 
^ansmission line, or other inductance (the line or in¬ 
ductance thus being a series connection), the condenser 
representing the line should be connected in shunt as in 
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3. Condensers representing transmission lines must 
be always connected in such a way that the condenser 
current will be the difference between the two currents, 
representing respectively the speeds of the two buses 
which the line connects. 

Numerical Illustrations 
The diffei’ential equations, shown in connection with 
Figs. 1 and 2, are set up in terms of actual mechanical 
speeds and displacements. However, on accoxmt of the 
fact that the actual speeds of the various units compris¬ 
ing the system are different on account of the different 
munbers of poles, it has been found more convenient, in 



(A) Equ’lvalont Circuit 

(B) Oscillographic Solution 

handling actual numerical examples, to reduce all 
quantities to the basis of a two-pole machine. This 
has been done in numerical examples here considered. 
The conversion factors are given in Table IV, Ap¬ 
pendix B. 

Case 1. Fig. llA shows a mechanical system, con¬ 
sisting of a mass and spring suspended from a rigid 
support, having the mass m constrained to move in a 
damping bath. The constants of the mechanical 
system and the available values of L, C, and E for use in 
the equivalent electrical circuit are given. 

The conversion factors are-then obtained as follows: 

inductance 0.164 
mass “ 0.1476 “ l 


¥/a 


capacity _ _ 166 X 10~° 

resilience constant ~ 0.111 


= 0.00149 
From which 

b 


also, 


ac 

¥ 


0.0407 

voltage 

face 


120 

4.53 


26.5 


Then, 

c = 26.5 * 0.0396 

Of the three constants, L, C, and R, if two of them 
are chosen arbitrarily, the third is thereby fixed. Since 
resistance values are easily obtained, it is convenient to 
take L and C as are available, and let the resistance be 
what is thus required. 

The convOTsion factor for the damping constant is 
a 

y = 27.8 


Therefore, 


R = Kd = 3.18 ohms. 

The oscillogram, Fig. 11b, was taken of the voltage 
across the condenser, C, for a sudden application of 
voltage, E, thus giving a measure of the displacanent 
force of the spring. The actual displacement force 
is obtained by dividing the voltage by its conversion 

a e 

factor, The values of time for the actual system 

are obtained by dividing the time on the oscillogram 
by the factor 6. Therefore, the oscillogram gives the 
plotted curve of either the actual displacement or the 
displacement force as functions of time, by merely 
giving it the proper scales. 

Case 2. Fig. 12a shows a composite mechanical 
system with its equivalent circuit. The constants for 
the two systems are 


A 

y .286>.2S9 cos 4.25t*.047 cos tit 
Qi- k(.286%239 cos •4.25t-.047 cob lit) 




(A) E(iulvalont drcult 

<B) Comparison of mathomatical and oscillographic solutions 
actual tost. 


Mechanical Electrical 


mi = 0.218 

mi = 0.1476 
Mechanical 


Li = 0.246 henrys 
Li = 0.167 henrys 
Electrical 


kri = 0.131 ft-lb. Cl * 64.9 microfarad 

kri = 0.111 ft-lb. Ci = 46.6 microfarad 

F =2.18 lb. E = 264 volts 

The mass, mi, was raised to a point 0.286 feet above 
its nomal equilibrium position and then suddenly re¬ 
leased. The displacement as a function of time was 
then calculated mathematically, and also solved by 
means of the equivalent circuit with the aid of an os- 
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eillograph. Actual test was also made on the mechan¬ 
ical system. The results of the three methods plotted 
in Fig. 12b show the remarkable agreement between the 
different methods. 

Case 3. Fig. 13 a shows a power system and its 
equivalent circuit. The generating apparatus consists 
of a shunt motor driven synchronous generator which 
delivers power over a transmission line to a synchronous 
motor. The ssmchronous motor is direct-connected to 
a (direct-CTurent) shxmt generator which furnishes 
power to a resistance load. The load was suddently 
thrown on the shunt generator. The consequent vari¬ 
ation of power over the line was calculated mathematic¬ 
ally, measured by means of the equivalent circuit, and 
obtained from actual test. 

The constants used in the analysis are: 

Power System Equivalent circuit 


1 1 = / s = 2.78 ' Li = Lj = 0.328 henrys 

3ri = Sri = 0.00167 rad/lb. ft. Ci = Ct = 27.45 mfd. 

Sdi — Sdi ” 6.3 lb. ft/rad/sec. Ei* = Ej* = 16.4 ohms 

3,* •= 0.00193 rad/lb. ft. Cs = 33.6 mfd. 


Tests were made by means of the equivalent circuit to 


|-'-QSyn. Generator 


^n. Generatoi^ p, (initial).480.000 Kw. 


360,000 Kv-a. 
WR2. 419,000 
Po* 720,000 


X 


Line Pq (final) >362,000 Kw. 


9.2x10*® 
b- .^236 
c- .0184 


Syn. Motor 
^WR-U83,000 
—<i)p„.960,OOOKw. 
400,000 Kv-a. 


I-© 


Syn, Generator 
700,000 Kv-a. 
WR^> 1,150,000 
Po» 1,000,000 Kw. 



^2 R L« ®:i 


Li s 0.12 hemvs 

Ci'f64 

Lg** 0.328 henrys 

Ci-=21 

Ljs 0.14 henrys 

Cz-Bl 

Ej- 72 

volts , 

C3>32 

E2-168 

volts 

Ri« .20 - 

E3»240 

volts 

R 2 - .615 
6.12 
Rjs 6.5 


Cl >42.8 mfd. 

mfd. 
mfd. 
mfd. 
mfd. 



(A) Eqiiivaleiit circuit 

(B) Comparison of mathematical and oscillographic solutions with 
actual teats. 


Shunt motor torque-speed characteristic, 

Ki = 3.3 lb. ft/rad/sec. Ri = 8.6 ohms 
Shunt generator torque-speed characteristic, 

Ki = 0.336 lb. ft/rad/sec. Ri = 0.875 ohms 
Applied torque 

Si = 127 lb. ft. Ei = 130 volts 

I - moment of inertia 
Or = resilience constant 
Sd = damping constant 

Subscripts, 1, 2, and 3 refer to sending apparatus, re¬ 
ceiving apparatus, and line, respectively. 

Case It. Fig. 14a shows a composite power system 
and its equivalent circuit. The system is comprised of 
a waterwheel driven generator (1) delivering power 
over a two circuit transmission line to a bus, to which 
may be connected a turbo-driven generator (2), a 
synchronous motor (3), and a synchronous generator 
(4)* 


14A 



650,^00 lh f^37,goo lb. ft 
0.136 ' 




> Receiver End 


(a) Torque 

I (b) Departure fhnn Ihitlal 8|peed 


140 


(a) 

lu. II. 

1 *—l.Second —^ 

MJ^4rad./,ec. 

Syn. Motor ^ 

((b) Departure from Initial Stpeed! 

(b) 


14D 

M. 

Sya.Gem Sending End 

lb. ftT ^ ^ 

/sec. jfc. 



14E 

44,500 __ 

. 0.844 miUL 


^1*—1 Second—*1 ^ 

// . m. ... 


644,0(j01b.ft 


((b) Departure from Initial SM 


14P 

Fig. 14— Case 4 

(A) Equivalent circuit 

(B) , (O), (D), (B) and (P), Oscillographic solutions 


determine the nature and magnitude of the disturbances 
in various parts of the ssrstem when (a) a section of the 
line is opened, and (b) when synchronous generator 
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(4) is dropped from the system. Figs. 14b, 14c, and 
14d show the effect in the various units of dropping a 
section of line. In the equivalent circuit representing 
this condition, switch (2) is permanently closed and 
smtch (1) is initially open, but is closed to produce the 
disturbance due to dropping a section. For this con¬ 
dition, the synchronous motor (3) was assumed to be 
carrying 400,000-kw. load, generator (1), 120,000 kw; 
and generator (2), 280,000-lcw. Generator (4) is not 
connected. 

Initially the system is running in equilibrium with a 
resultant distribution of power and displacement 
angles throughout the system. When the section of 
line is dropped, the power-angle characteristics for the 
system are instantly changed. For the first moment, 
however, the rotors, due to the inertia, remain in 
their original relative positions. Therefore, due to the 
change in power-angle characteristics of the ssrstem, 
there is an instantaneous redistribution and change of 
power and torque for the various units. Oscillograms 
(a), Figs. 14b, 14c, and 14d show this instantaneous 
redistribution and subseq^uent variations of torque with 
time for units (1), (2), and (3) respectively. 

The final distribution and magnitude of power and 
torque is the same as the initial distribution and mag¬ 
nitude, since these are determined only by the governor 
characteristics of the prime movers and the applied 
load, which remains constant. However, the angular 
positions of the rotors with respect to each other, are 
different in the final condition from the initial condition 
since the power-angle characteristics are different. 
In changing from the initial to the final positions, the 
rotors go through certain cyclic changes in speed as 
shown in oscillograms (b). Figs. 14b, 14c, and 14d. 

The effect of dropping generator (4) was next in¬ 
vestigated. For this condition switch (1), in the equiv¬ 
alent circuit, remains open and switch (2), across which 
the voltage normally represents the torque of generator 
(4), is closed, thus eliminating the torque of generator 
(4) from the sj^tem. In this case the synchronous 
motor (3) is assumed to be carrying a 4(K),000-kw. load; 
generator (1), 100,000-kw; gaierator (2), 280,000-kw; 
and genCTator (4), 20,000 kw. 

The consequent variations of torque in imits (1) and 
(2) are shown in oscillograms (a). Figs. 14e and 14F, 
respectively. The final speed of the S 3 rstem is not the 
same as the initial speed, and the variation of speed in 
units (1) and (2) are shown in oscillograms (b). Figs. 
14b and 14p, respectively. 

Case 5. Fig. 16a shows a system consisting of an 
induction-motor and ashunt-motor-drivai synchronous 
generator connected to the same bus. Fig. 15b shows 
variation of induction motor slip and symchronous 
generator torque consequent to suddenly applying 
full load to the induction motor. The constants shown 
in Fig. 15a were used in this test. The curves shown in 
Fig. 16b indicate that the disturbance was slightly 
oscillatory. To make this more pronounced, the os¬ 


cillograms in Fig. 15c were taken for an induction motor 
which would carry full load at yi of one per cent slip. 
For this condition, R^, in the equivalent circuit, was 
changed to 280 ohms. Oscillogram (b). Fig. 15c, 
shows the speed of the synchronous generator rotor with 
respect to .its terminal voltage and oscillogram (a) 
shows the torque of the synchronous generator. In 
this case the disturbance was decidedly oscillatory, 
thus showing that the combination of an induction 
motor with a synchronous machine is not necessarily 
logarithmic. 
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Appendix A 

(Suggested by Professor V. Karapetoff) 

Centrifugal Governors 

Due to the inertia and sluggishness of the centrifugal 
governors controlling the prime movers—especially the 
water-wheels—^additional periodic forces may be called 
into play in the hunting machines, which sometimes 
aggravate , the conditions. For small changes in posi¬ 
tion, a governor may be assumed to add an input of 
steam or water' proportional to the departure of its 
actual position from that corresponding to the steady 
load. Thus, calling this departure x, Arnold’s^ equa¬ 
tion for a synchronous machine with an applied torque 
becomes 

(«^/j>)Q»i(dco/dO + W.(^— ffm) + Wd(c>>- coi) = Ga; ( 1 ) 
where G is a coefficient of proportionality equal to 
additional power per unit length of governor displace¬ 
ment*. Since the moving part of the governor has some 
inertia and is subjected both to a restoring force and to 
friction, its equation of motion is of the form 

LgidTx/dP) -h Toidx/dt) -)- s,* = rbw (2) 
In this repression, D, is the mass of the moving part. 


fO-tOk 



H 

Fig. 16—^Equivalent Cibctiit foe Centkifuc.al Governoe 

r, the friction factor, and the restoring force per unit 
displacment. The right-hand side represents the 
external force, that is, the action of the generating unit, 
and may be assumed to be proportional to the deviation 
£0 of its instantaneous angular velocity from the mean 
angular velocity tq is a coefficient of proportion¬ 
ality. Eq. (2) is identical with Arnold’s eq. (289) on 
p. 410, except that his x represents the total travel of the 
governor body from the position of zero speed, so that 
the departure from the mean operating position is 
denoted by a: - a:#. The same applies to his value of w. 

Eqs. (1) and (2) are simultaneous differential equa¬ 
tions of a generating unit which is hunting and the 
governor of which is also slowly oscillating. Both 
BQ'us.tions ar6 of the general type 

T ^ r. 


and can b e represented by two coupled, equi 

S! yol. 4, Second Edition,p< 

Vol. 4, Second Edition 


7. Di 

8. Di 
and 418. 


electric circuits. Fig. 16. This equation is the familiar 
expression for Kirchoff’s second law in a network around 
a closed loop containing an inductance L, an elas- 
tance 5*, a resistance r, and an external applied e. m. f. E. 
It must be kept in mind, of course, that in eq. (2), * 
corresponds to the electric charge q , and that, therefore, 
the current in the equivalent circuit of the governor is 
equal to (d xfdt ). The energy transformations in the 
governor itself are small as compared to those in the 
alternator, and the governor acts merely as a relay - 
controlling energy input into the prime mover. There¬ 
fore, in the equivalent electric circuit the storage bat¬ 
tery H is shown, the energy of which may be added at 
will between the points P and q , which correspond to the 
disturbing e. m. f. in Fig. 6c. An amplifier, Y, is 
coimected with its input side in the governor circuit and 
the output side in the alternator circuit. 

In eq. (1), the term G a: on the right-hand side repre¬ 
sents the voltage between the points P and q , pro¬ 
portional to the instantaneous displacement of electric¬ 
ity, X, in the governor circuit. For this reason, the in¬ 
put leads to the amplifier are shown connected across 
part of the condenser Sg, The elastance of this part is 
so chosen, that the voltage across it, when properly 
amplified, will give the required voltage, G, on the out¬ 
put side. 

In eq. (2), the right-hand side represents the drop of 
voltage due to the current w through a resistance ro. 
This resistance is shown coimected between the points 
s and t of the inductance branch of the main circuit. 
Since the currents and the voltages in the governor cir¬ 
cuit are much smaller than those in the main generator 
circuit, the resistance r o is of the nature of an ammeter 
shunt. This means that the voltage drop across st 
is small in comparison with that across A B, and the 
current d x/d t is small in comparison with w. 

Since the main circuit in Fig. 16 is practically identical 
with that shown for the individual imit in Fig. 6c, the 
other connections as shown in Fig. 6c still hold true 
when some or all of the machines in parallel are con¬ 
trolled by centrifugal governors. 

When the action of the gate, controlled by a centrifu¬ 
gal governor, causes a surging motion of the whole 
column of intake water, the inertia of this column and 
the elastance of the surge tank may have to be taken 
into consideration. This can be done by including in 
the circuit of the battery H, Fig. 16, some inductance, 
resistance, and elastance, connected somewhat as in 
the equivalent circuit of the generator itself. 

Appendix B 

Conversion Factors for 'Reducing Quantities 
TO THE Basis of a Two-Pole Machine 
Since power systems, in general, are comprised of 
multipolar machines having unequal numbers of poles, 
the relatio n between mechanical and electrical speeds 

9. An elastance is a reciprocal of a capacitance: see V. 
Karapetoff, “The Electric Circuit,” page 148. 
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for the various units is not uniform. For the sake of 
uniformity and convenience in numerical examples, 
it is advantageous to substitute for the respective units 
an equivalent two-pole machine. The synchronous 
el^trical speed of the system then becomes identical 
with the synchronous mechanical speeds of the various 
units. 

If p is the number of poles of any given unit, the speed 
of the equivalent two-pole machine must be p/2 times 
as great since the the electrical speed or frequency must 
remain the same. 

Also since torque is inversely proportional to speed 
for a given power, the torque of the equivalent two- 
pole machine will always be 2/p times the torque of the 
actual machine. 

Since the speed for the two-pole unit is p/2 times as 
great as the actual mechanical speed, it is evident that 
the acceleration for the equivalent machine will also be 
p/2 times as great as the actual mechanical accelera¬ 
tion. Now in general, the torque consumed in ac¬ 
celeration is T = I a. 


where / is the moment of inertia and a is the acceleration 
produced by the torque T. The conversion factor for I 
is then evidently the ratio of the factor for torque to the 
factor for acceleration, or 4/pK 

The mechanical angle traveled through in a given 
time will be proportional to the speed or p/2 times as great 
in the equivalent two-pole machine as for the actual unit. 

Let Pu be the power required to produce a displace¬ 
ment of one electrical radian in the synchronous ma¬ 
chine. Since the conversion factors are to reduce all 
quantities to the basis of a two-pole machine, and P* is 
already expresssed in these terms, the factor for it is unity. 

Following the foregoing reasoning, the factor for 
converting the actual resilience constant 

Mechanical displacement 

JJj, rs: —— . . . — . 

torque required to produce it 

to a two-pole basis, is pV4. 

Likewise the factor for converting the damping con¬ 
stant cjrf, is4/p^ 

The conversion factors are tabulated in Table IV. 

TABLE IV 


Quantity for Actual 
Machine 

X 

Quantity for 

Conversion Equi valen t Two- 
Factor « Polo Machine 

Mechanical torque 

a 

s/p 

Mechanical angle 

e 

p/s 

Moment of inertia 
Mechanical resilience 

I 

4/p» 

constant 

Mechanical damping 

3r 

7^/4 

constant 

Mechanical angular 


W 

velocity 

Ohn 

p/s 

Kw. per elec, radian 

Po 

t 
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Discussion 

R. E. Dohertys Anyone who has wrestled with differential 
equations in attempting to solve those of higher order must 
certainly bo impressed with the possibility of having an electric 
circuit solve them and an oscillograph plot the solution. This is 
precisely what Mr. Nickle’s scheme does. 

The extent to Avhich it has been developed in this paper is, 
in my opinion, only a beginning, touching tis it does only those 
cases in which the phenomena can be represented by circuit 
elements which are constant. However, the scheme is not 
limited to such cases. The method is perfectly general and 
applicable to any problems for which circuit elements of proper 
characteristics are available. 

Regarding its present possible application to problems involv¬ 
ing constant circuit elements, it should not be inferred from the 
paper that it is ai>plieable only to problems of power transmission; 
rather, it applies to many other problems involving mechanical 
oscillation, for instance, tlie flywheel problem of synchronous 
machines connected to reoipi’ocating apparatus, short-circuit 
forces in busbai’s, etc. Huch problems are beautifully solved by 
this method. 

I wish to call attention, also, to its eduoational value in drawing 
out the ptirallel betwcjon Awious physical phenomena. In this, 
it is of gr(iai value and 1 commend it to the attention of educators. 

R. D. Evanss In regard to the* application of Mr. Niclde’s 
work to the solution of the problems which are facing the industry 
at the present time—such as the stability problem—there are a 
number of points which I would liko to discuss. The method 
as described in the paper is of limited application in the study of 
stability, for the reason that the fundamental assumptions 
involve power relations proportional to the angle of phase differ¬ 
ence between e. m. f.’s instead of a trigonometric function of the 
angle. Stability is of importance in the vicinity of tho limit, 
and for this condition the assumption that tlie power is directly 
pi’oportional to the angle is entirely too crude for practical 
application. 

The method described by Mr. Nioklc Juis application in the 
determination of the hunting condition rather than for the sta¬ 
bility condition where pull-out may occur. For the condition of 
htinting, tho power changes in almost dir(.‘Ct proportion to tho 
angle, and tho approximation that tho power is directly propor¬ 
tional to tho angle is sufficiently accurate for the purpose. 

It is possible that Mr. Nickle's methods may be extended, not 
to solve tho stability problem m a whole, but to solve a particular 
part. For example, it may be possible that his method may be 
applied to the receiving network of a transmission system in 
order to find a simple equivalent. Such a possibility seems 
likely because the power limits of the individual parts of the 
receiving network are relatively high in comparison with the 
power limits of the transmission network. Consequently the 
phase difference is small and the approximation assumed in this 
paper is sufficiently good for the purpose Having found a 
simple equivalent of a receiving network, the problem of deter¬ 
mining the stability would be much simplified and could be 
handled analytically from this point. 

We have been working along the same general lines, but in a 
somewhat different manner. Instead of converting the electro¬ 
mechanical transients to an electrical transient, wo have sought 
to convert the electro-mechanical transients to a transient of a 
mechanical system. One of my associates, Mr, Griscom, has 
investigated a mechanical system which avoids the limitation 
in Mr. Nickle’s paper, due to the power being proportional to the 
angle of phase difference. Mr. Griscom was able to represent the 
trigometric function accurately. In tho original form of the 
method, there were limitations due to the inability to represent 
losses with absolute accuracy. 

These comments ore made merely to point out the limita¬ 
tions in the method so far developed and described, and with the 
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hope of stimulating further work along these lines, for the electro¬ 
mechanical problem w'hieh Mr. Nickle has studied is one which in 
general cannot be solved analytically, but must involve either a 
solution of the type which Mr. Nickle has presented or involve a 
method of simplifying networks, so that the system, as a whole, 
will be suffieientlj’ simple to handle analytically, 

C* A. Nickle: The differential equations for any electrical 
circuit are linear if the values of inductance, capacitance, and 
resistance remain constant. Evidently, such electrical circuits 
offer a rigorous solution for only those systems which may them¬ 
selves be represented by linear equations. 

The equations for a transmission system are not linear and 
hence the method cannot be used for values of power near the 
power limit. However, for values of power well below this limit, 
such a system may be represented for all practical purposes by 
linear differential equations and the equivalent-circuit method 
may be used. In this way the effect of various types of disturb¬ 


ances, such as dropping a generator, opening a line section, 
adding load, etc., may be studied. The relative severity of 
different types of disturbances, the effect of various physical 
constants on the behavior of the system, etc., may be investigated. 

It should be realized, however, that the investigation of power- 
transmission problems is only one of the many possible applica¬ 
tions of this method of solution. For instance, the sustained 
oscillation of synchronous machines connected to reciprocating 
apparatus may be easily and accurately determined by tliis 
method. 

As already emphasized, the use of constant values of induct¬ 
ance, capacitance, and resistance limits the method to 
systems represented by linear differential equations,, but 
the use of circuit elements which vary in accordance with 
certain prescribed laws is quite within the range of possibility, 
thus making the method applicable to systems which arc not 
linear. 



The Klydonograph and Its AppKcation to Surge 

Investigation 

J. H. COX‘ and J. W. LEGGi 

Associate, A. I. E. E. Associate, A. I. E. E. 


Synopsis, —In the pasifeio years the need of a device for recording 
voltage surges on transmission Lines has been felt more and more. 
Realizing this necd^ J, F, Petersj in the fall of nineteen tiventy^three^ 
developed the klydonograph which utilizes the Litchtenherg figure to 
record the characteristics of transient voltages. The principle of the 
instrument and practical connections to a line are discussed. The 
results obtained in the field from four investigations arc given. 


Parts 11 and IV describe the first experimental model of the 
klydonograph which uses a stationary glass photographic plate in 
removable plateholders with a moving electrode^ and the commercial 
type of klydonograph which uses a day-light loading .roll film of 
sufficient length to last seven days. This latter model has three 
electrodes for connection to a three-phase line, 

« « :|i 


I. Principle and Characteristics 
INCE the beginning of high voltage transmission 
the question of the nature of transient voltages on 
transmission systems has been a troublesome prob¬ 
lem. Many troubles have been attributed to surges, 
but without positive evidence of their existence. How¬ 
ever, there is considerable evidence that transient over¬ 
voltages of short duration do exist on transmission 
lines and information regarding them is very desirable. 
There has been developed a considerable amount of 
theory regarding these transients but very little verir 
fication of this theory by test has been produced, due 
to the absence of a satisfactory means of measurement. 
Heretofore, the i^ark gap has been the principal means 
of measurement. It was found that the spark gap had 
considerable time lag when the voltage in excess of its 
flashover value was small. Other objections to the 
spark gap for the measurement of transients are well 
known. Various other devices that have been tried 
had practically the same objections; that is, they had 
time lag, were not graphic, indicated only one value, 
introduced hazards to the line dr were excessively 
expensive. 

Prindple. The klydonograph* was the successful 
culmination of the effort of J. F. Peters and his assist¬ 
ant, W. L. Teague, to develop a satisfactory surge 
recorder, one that would give a continuous graphic 
record of detailed information regarding magnitude, 
time of day, polarity, steepness of wave front, direction 
of travel, and whether or not the surge was oscillatory. 
In producing this instrument a phenomenon was 
utilized that has been known for a century and a half. 
In 1777, Dr. G. C. Lichtenbra-g first observed that when 
a condenser was discharged onto a terminal in contact 

1. Both, of the Westinghouse Electrie & Mfg. Co. 

2. The word “Klydonograph” was suggested by Dr. Rosooe 
M. Ihrig of the Carnegie Institute of Technology. It is derived 
from two. Greek words “Kludon” and “Graphos.” Eludon 
means “billow” or “wave,” and a related adjective means 
“surging” or “dashing.” Graphos means a writing. Thus 
the Klydonograph means an instrument for recording surges. 

The Klydonograph, J. P. Peters, Electrical World, April 19,1924. 

Presented at the Annual Convention of the A. I. B. E., 
Saratoga Springs, June 19S6. 


with a plate of insulating material such as ebonite 
between it and a grounded metallic plate, and particular 
kinds of powder, such as fiour of sulphur, were 
sprinkled on the insulating plate, the powder would 
arrange itself about the position of the terminal in a 
distinctive and consistent manner. The powder could 
be applied either before of after the discharge. Figures 
thus formed are called Lichtenberg figures. 

Since the original observations, there has followed a 
long series of investigations on these figures. In 1888, 
J. .Brown and E. Trouvelot discovered that these 
figures could be produced by replacing the insulating 
plate with a photographic plate, the emulsion being in 
contact with the terminal. The plate, of course, had 
to be kept in a dark box. The glass plate acted as the 
insulating material and the emulsion, when developed, 
replaced the dust. It was found that figures thus 
produced were more definite and clean cut than those 
produced by the use of dust. The most recent and 
most complete exposition of the Lichtenberg figures 
was that by P. 0. Pederson of Copenhagen, Denmark, 
in a paper for “Det Kgl. Danske Videnskabernes 
Selskab, 1919." This paper carefully analyzes the 
characteristics of the figures and gives a number of 
curves of these char^teristics. However, the curves 
are small, only indicate the general shape of the varia¬ 
tions, and are not suitable for calibration. The method 
used by Pederson was that developed bv S. Mikola in 
1917. 

Considerable investigation has been made, but with 
little success, to determine the nature of the phenomena 
that causes these figures. No attempt was made in the 
development of the klydonograph to explain the 
phenomena, but the work was confined to a study of the 
characteristics of the figures for their use in gaining 
information regarding surges. As far as was 
known, Lichtenberg figures had been used only in 
an academic way and never for the measurement of 
transients as i^ch. 

The essential elements of the klydonograph are 
shown in Pig. 1. The form .in which these were as¬ 
sembled for the laboratory work is shown in Fig. 2. 
This laboratory instrument had six terminals and took 
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a 6 in. by 7 in. plate. It is not suitable for commercial 
work, as it is not graphic. For this work, it was found 
that any plate of high photographic speed was satis¬ 
factory. No work was done using dust figures. 


one may also distinguish between an abrupt-front surge, 
such as indicated in Fig. 3a, and a tapered-front surge, 
as indicated in Fig. 3b. Figs. 4 and 5 show a positive 
and a negative surge, respectively, having a front as 
abrupt as could be produced by ordinary means in the 
laboratory. Figs. 6 and 7 show a positive and a nega- 


-Elements op the Klydonograph 


Characteristics. When a voltage above the critical 
voltage is impressed between A and B of Fig. 1, and the 
plate developed, a figure will be found surroxmding the 





4—Positive Surge, 
Abrupt Front 


Pig. 5—^Negative Surge, 
Abrupt Front 



Pig. 6—Positive Surge. Five- Pig. 7—Negative SunaB, 
Microsecond Front Five-Microsecond Front 


Fig. 2—Laboratory Klydonograph 

spot where the terminal has been in contact. The 
critical voltage is approximately 2.0 kv., below which, 
at atmospheric pressure, no figure is produced. The 



Pig. 8-Positive Surge, 200- Fio . 9-Nbgativb Surge., 
Microsecond Front 200.Miobo8bcond Front 


Pig. 3—Ttpicai Waves: (a) Abrupt, (b) Sloping, 

(o) Alternating * 

St emanating nni- 

to about IS hr., when, in addition to the uniform 
taAea, mam trm*a ertend out from the center and 
m turn act as emission points for other branch^ 
These tru^ do not form in a consistent manner as do 
the branches. If the voltage is further increased a 
point will be reached where a visible spark 
^d the ^t^ plate will become exposed. If tiie voltaee 
impressed is unidirectional there will b- « „T 
diffe^ce betwe^ the figures produced by positiS^d 
native potaitials. In the case of T-n 
voltage the two wffl be superimposed. By ti fi^SS 




Pia.l0-PosiTivESuRaE,ABOVB Pig. U—Negative Surge, 
ANGB OP Instrument Above Range op Instrument 

tive ^irge, respectively, having a front of five micro- 
^conds; that is, it required five-millionths of a second 
to from z^o to its maximum value. This corre- 
^onds to a traveling wave having a front of one mile 
on a tran^ission line. Figs. 8 and 9 show similar 
si^M ha,^g fronts of 200 microseconds or 40 miles. 
Di^ct ^erences in the figures formed by these three 
lengths of wave front can be noticed. Figs. 10 and 11 
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show a positive and a negative surge that were above 
the range of the instrument. Pig. 12 shows a figure 
produced by an alternating potential such as in Fig. 3c. 

The paper by P. O. Pedenson goes into considerable 
detail regarding the make-up of the figures and their 
variations due to dilferences in plate thickne.s.s and 
pre.ssiire of surroundinggas. I n thisde\ elojiment, these 



12 -Al.TMItNATI.VO Vill.TAdB 


phu.ses were investigated only to the extent of deter¬ 
mining that the figures were practically constant within 
the range of atmos])herie pressure in air and of thick- 



-PosmvK FimiBKM, JiO Fia. M- Nkoativk FKniHK.s, 
Sbcondh IJktwkkn Hurobs ao SwroNiw Bbtwbkn HtritOKS 

nesses of commercial photographic plates. Further 
special testa were made and it was found that, so far 
as could be detected, the figures were identical whether 




Fim. 15—^PostTivK FiauRBs, Fill. 16 ~Nk«ativk Fiochkh. 
TKRMtNALMoVKBBKTWBBN TbRIMNAL MoVBP BK- 

SUROBS TWEKN SUROBB 


produced in fairly dry or in saturated air, and whether 
the plates were developed immediately or after a lapse 
of several days. According to Dr. Pederson, in order 
to form a figure the voltage must be impulsive so 
as to produce an intense field on the surface of the plate. 
It was found that a 25-cycle wave would produce a figure 


of the same .size as a wave of short front. However, 
if a d-c. potential was gradually applied, the figure 
produced was peculiar in shape and did not confrom 
to the calibration curve in .size. 

Te.sts were made to determine whether or not one 
application affected the plate to succeeding applica¬ 
tions. The rays or branches of a single figure never 
cross. It was .suggested that if one surge wei*e recorded 
and a comparatively short time later another surge 
appearefl, the figures might not overlap and the second 
surge would make no impression. Tests were made 



FlU. 17.NimVilUK UhKD in LAHOHATtHtY 


wliicli proved that one impre.s.sion has no effect on 
succeeding records. If two surges are impre.ssed 
.simultaneously on adjacent terminals, the figures will 
not overlap. If a .surge is applied on the position of a 
previous surge it superimposes its figure exactly as if 
there had been no previous figure and the rays of the 
two figures cross each other promi.scuously. In this 
manner a .succeasion of figures merely increa.ses the 
density smd with a large number the spot becomes 
black. This is what happens in an a-c. figure. Figs. 
13 and 14 .show po.sitive and negative surges, respect¬ 
ively, where one surge was impressed and a few 
setionds later a surge was Impressed on the adjacent 
terminal. F’igs. 16 and 16 show similar surges where 
there was a .similar interval and each terminal was in 
contact with the plate only when the surge was im- 



TIME — 

Fih. l8--Tri*icAi. SoROB I'robuced by Network op Fio. 17 

pressed. Further, the size of each succeeding figure 
was determined only by the applied voltage. This was 
cheeked by applying surges of equal values a various 
number of times, one to six, on the six terminals of 
the instrument. The figures were of the same size 
and only differed in intensity. 

CaUbraiion. Kg. 17 shows the network used in the 
laboratory as a surge generator in the development of 
the klydonograph. Fig. 18 shows the shape of a typical 
surge as calculated from the constants of the network. 
By varying the constants of the network a surge of any 
desired wave shape could be produced. It was found 
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to be no easy matter to obtain surges of the desired steepness. They were, therefore, not used in calibration 
characteristics. The greatest trouble was encountered work. 


with the reflections of the initial traveling wave. 
Before the condenser, Cz, at the end of the network, was 
added, when the sphere-gap sparked over a wave 
would proceed out through the series inductance and 
when it hit the klydonograph it would reflect with 
increased voltage. The klydonograph itself forms a 
small condenser so an oscillation would be set up in 
the circuit. The klydonograph would record these 
oscillations. Further, due to the reflection the klydono¬ 
graph would record a higher voltage than the setting 
of the spark-gap. By placing the condenser Cs in 
parallel with the klydonograph the initial wave would 
be absorbed. This would be reflected but in this case 
since the surges were tapered, it did no harm and would 
join with the principal part of the surge in bringing the 
voltage up to the proper value. However, it was foimd 
necessary to place resistance Rz in series with the 
Wydonogi’aph to critically damp the loop consisting of 
leads, klydonograph and Cz to prevent small reflections 
at the plate. This did not disturb results as a non- 
inductive resistance was used and the voltage drop was 
negligible since the current was very small. It was 


It was found in calibrating that the radius of a figure 
made at a setting of the generator would vary as much 
as 20 per cent from the average reading of the same 
value but most of them were within 10 per cent of the 
average. This would not seem to be veiy accurate at 
first glance, but it is maintained that the vai iation was 
impressed in the voltage due to inaccurate setting of 
the spark-gap and inaccuracies in the method used, and 
not in the figure made by the klydonograph at a given 
voltage. The network would be set for a given voltage 
and condition of surge. The voltage was tested in the 
position of the klydonograph by a .sphere-gap. A 
series of pictures would then be taken and the network 
changed to some other value. The curves were made 
up from the results of a great many settings for a given 
value. These settings were made on different days 
over months and it is impossible to duplicate such a set¬ 
up with exactness. The basis for attributing the error 
to set-up rather than klydonograph is the fact that 
for a single setting the variation between the flgure.s was 


interesting to notice that a sphere-gap would not indi¬ 
cate these reflections but the klydonograph would. 
To obtain the desired setting the klydonograph was 
removed and gap gz inserted and set at the desired 
voltage. Gap gi was then varied until gz would just 
spark over at the breakdown of gi. Gap gz was then 
replaced by the klydonograph, and leaving gi as set, a 
smies of figures were made. 

The diameter of the figure is a measure of the magni¬ 
tude of the surge. Positive and negative surges have 
quite different calibrations, a positive figure being 
considerably larger for the same voltage. Since the 
positive is the larger, the a-c. calibration is the same as 
the positive. All the work for the calibration curves 
was done with five-microsecond and 200-microseeond 
surges. Tests were made which indicated that for a 
surge with a front as long as 5 microseconds the tiTYiia 
lag of the measuring sphere-gap was negligible. In 
addition to this, the characteristics of the surge genera¬ 
tor iKed gave a surge with a comparatively flat top. It 
was found liat the calibration was the same for uni¬ 
directional surges of both these wave fronts of each 
polarity as well as for a 60-cyele and a 26-cycle a-c 
mve. It was realized that even with no coil inserted,* 
the inductance of the leads and the time Jag of a sph^e- 
gap would give a shght taper to the wave. The 
figu^ shown as abrupt-front surges were as abrupt as 
could be made with ordinary methods. They were 
made with no inductance between the spark-gap and 
klydonograph except that of a short lead. It takes 
a certain tme for a sphere-gap to break down and 
become highly conductive, so it was felt that surges 
thus produced could not be called absolutely abrupt 
nor be depended upon to be of the same degree of 



Surge Generator 
® 


^ Klydainiiraph 


Pio. 19— Abranoismbnt Used to Mkasitbi« .Shokt-Timb 
Intebvals 

(a) SuBGE ObNEBATOB (b) TwO-TeBMINAL IvDYDONOaBAPU 

exceedingly small. To test this quality further, surges 
were thrown on six leads connected to the six terminals 
of the test instrument, simultaneously, and in practi¬ 
cally every case there were no variations that could be 
measured. In the few cases where there were measur¬ 
able variations, these variations were very slight. 

Rapidity. Since surges may be of extremely short' 
duration it was highly important that the klydonograph 
be a rapid instrument. Many tests were made to 
determine the speed of formation of the fig^ures. The 
diagram of the set-up used to obtain these data is shown 
m Fig. 19. This merely consisted of a circuit which 
discharged a condenser through a sphere-gap into two 
open-wire lines which were shunted to ground by 
a high resistance. The lines A and X were connected 
at the far ^d to a special klydonograph having two 
^-m. terminals in contact with the plate at a short 
dist^ce apart. The time lag of the sphere-gap 
used to discharge the condenser played no part as the 
data obtamed was of conditions after* the gap had 
broken doim. When the sphere-gap broke down a 
surge was impressed on the two lines simultaneously, 
and would proceed as a traveling wave at approxi- 



Jill If 


cox AND LEOti: THE KLYDONOCSKAl'lI 


SOI 


nuiloly the specKl of li^ht. If the lines were of equal 
l(*n.t!:th, the wave would arrive at the ends at the same 
lime. ]''i.u\s. 20 and 21 show po.sitivo and netfative 
li.auivs, respeeLively, made with eciual lenjLth lines. 
'Pht* division line between the two lijmres was distimd. 
and ils aetion positive in that its position was eon- 
sisU'iit with repeateil trials. 'I'c'shs w'ere then made 
having one line lonyer tluin the other. Fi.«:s. 22, 2:!, 
and 21 .show surja's iint»ress<!d on unequal lines. l*’i,!c. 
22 is for a posilive .suriie with /I ~ :»() ft. ami .V - 50 
fl. P’roin I he rate of propa.ifUtion of a sur.tie on an a(‘rial 
line this ilillerenee t)f 20 ft. re|jresents a time interval 
of 2 by 10 “'.or twenty billionths of a seeond. It is to be 
nolicred that the surye from the shorter line took po.sses- 
sion of more than one-half the spai-e between t.lie li!j:ures. 
!'%. 2:’. is for a po.sitiv(‘ sur,ue vvitli A ■- 50 fl. and 
A' MO ft. 'Phis dilferenee of 00 ft. eorresponded 
to a dilfenmee in time of the arrival of t he wave at the 
insi rumen I. of 0 by 10 ‘ .stronds or ninety billionths 
of a second. 11, is notinl here that. .I is j)mel ically fully 
developed when the wave sirriveil at A', .so that the 
lij-ture lit.'eame nearly comiilt'te in ninety billionths of a 
seeond. 'Pfwls were made vuryinit tin* ilillVjxnu^e in 



Eio. 20 -PomrivR EnnatKs iMi’itnssun Oviat KneAi, Links 

.1 .V 

line lengths ami the speeil of the figures was fouiul to 
he consistent. Fig. 24 is for a negative .surge with 
A .’50 ft., X 00 ft. The negative figures were 
found to be the slower by about five lime.s. 'Phis is 
t'videnl. from a comparLson of Figs. 22 and 24. How¬ 
ever, either is amply rapid for the purpose of rw-ording 
I>racticul surges. 

Jt was interesting to note the evidence of the tapering 
of the wave front as it traveled down the line even in 
sucii .short distances a.s 100 ft. Fig. 20 shows the two 
figures made with lines of equal length to be identical 
in form. On the other hand. Fig. 23 shows the figure 
produasl at the end of the longer line as indicating, by 
its fonn, a longer wave-front than the other. 

Since it takes time for a spark-gap to .spark over and 
become highly conductive, the surges were somewhat 
tapered, and if the lines were .short the reflection of the 
foot of the wave would return from the shorter line and 
disturb results. In fact this would .sometimes cause the 


figure to form on (he more distant terminal liivst. 
Therefore, the lines had to he long enough so that the 
completi* wave would arrive before the relk'ctcsl wave 
of the shorter line disturbed the principal wave. When 
a vv'ave strikes the ojieii end of a line, it. theoretically 
doubles. 'Phe voltage was found to increase at the* end 
of the line hul did not double in value exceid where the 
line was of considt'rahle length. Lines could not ho 
made long enough so (hat the entire wave front could 
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Ki*i. 22 INlhitivk Kifji itMS 
[MFKKMSKD OvkU llNKtillAI. 
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s1.arl. hefon* the foril. of tho wav'e would return 

and i*oini)lieate (he wuvi** In onler to (?ul. down tluK 
relleetion as mucdi as |)ossibl(% a resistamre equal to the 
siu\nv inipedaruH* of (he line was phu'ed in parall(‘l with 
tlie klyclono^5rai)h. ^l^his was found to ahsorh I Ik* wave 
with praelieally no rc'lleelion and the true sur^* would 
he rtKforded with uo increase in voltaj^x?* IJeforc* this 
).i;roinidin|0!; inipedanee was ad<ledj, it was interesting^ 
1.0 note that a si)here-|*:ai> at the end of the line, while it 
indiealed a rise in vollaue would not indieute tin* full 
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value of the reflection as recorded on the klydonogi-tiph. 
In the <jase of a long line, the klydonograph indicated 
practically double voltage. 

Extensive tests were made by Pederson to measure 
the .speed of formation of the figures, that is, the rate 
at which the figures grow from the center outwards. 
Thi.s he found to vary somewhat with the di.stance 
from the center and with the voltage, but to remain of 
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the same order of magnitude. He gives the following 
values: 

Speed at 8 kv. positive — 4 by cm. per sec. 

“ “8 kv. negative— 1 by 10^ cm. per sec. 

“ “ 15 kv. positive —6.6 by 10'' cm. per sec. 

“ “15 kv. negative—2.8 by 10'' cm. per sec. 

Special Applications. The Lichtenberg figure 
promises, in addition to its use in surge investigation 
on transmission systems, to be a valuable aid in special 
tests both in the laboratory and field. It can be used 
in the measurement of exceedingly small time intervals 


nected by means of an electrostatic potentiometer to 
lines of practically any voltage without introducing an 
insulation hazard. An electromagnetic multiplier is, 
of course, out of the question, since there must be no 
time lag. Kg. 27 shows a satisfactory method of 
connecting the klydonograph to a line. The lower 
ring in this set-up will maintain at all times the same 


; ;v,>y 



Fig. 26 —Synchronous Klydonograph 

wherever a capacity of the order of 10-« farads is 
negligible and the voltage is above 2.5 kv. Some work 
has been done by P. 0. Pederson on the time lag of a 
spark-gap. There has not been time, since the develop¬ 
ment of the Mydonograph, for much special investi¬ 
gation, using it as an instrument. Pig. 25 diows a 



Pig. 27 Diagram of Electrostatic Potisntiombtkr 


proportion of the potential on the upperring. A klydon- 
opaph connected in this manner will record figures 
giving the magnitude and polarity of the £iurge.s. 

A gap in series with the instrument may be included 
as shown, or left out as desired. If included there will 
be no record except in case of a surge the voltage of 
which is in the same ratio to normal as the setting of 
the gap is to the normal voltage on the lower ring. If 
no gap is used, there will be a uniform band on the plate 
corresponding in width to the diameter of the positive 
figure at the normal voltage on the lower ring. A 
smge figure will then be superimposed on this band. 
The width of the band will also indicate wide variation 
m hne voltege. Whether or not the instrument is 
op^ted with a series-gap, the potentiometer must be 
<ahbrated with the gap closed. The reason for this 
IS that the capacity of the instrument, while small, 
<»nnot be i^ored in comparison with that of a practical 
low potential ring. The voltage on the lower ring 
after ^e gap breaks down is not the same as before 
Since there is a division of charge. 


Pig. 26-Piqiire Prodvcbi) bt Stnchbonovs Klybonogbabh 

^chronous klydonograph which was developed for the 
purpose of separating the positive and negative figures 

air. 

Ehot iMicPmnimMer. TobeappBcabtetotrim- 

m seneral the imtnmmt mmt have 
IS an aceedingly low cmrent devioe, it 



Fig. 28— Diagram on Antbnna 


Antenna. .’WWle some idea of the steepness of wave 
front c^ be gained from the- appearance of the figures 
blamed on the potentiometer instruments, this is 
extreme y approximate. Kg. 28 shows ^ me^ S 
connection that will give the steepness of wS^^^nt 
more ^urately. This consists of running a wire 
to the t rai^on-Una condnctora as close 
as is consistent with the insulation requirements, 
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Krounding one end solidly and the other end through a 
higii impedance. The klydcinograph is connected 
a(!ro.ss thi.s impedaiu'e and if tlie impedance i.s high 
compared to the impedance of the antenna loop itself, 
the klydonogra])!! will measure any voltage above 2.5 
kv. which may be induced in the loop. This antenna 
looj) will have a certain mul;ual inductance in relation 
to the various conductors of the tniasmission line. 
At a given distance the length is varied to give the 
desired amount. The voltage induced in the antenna 
loop will be proportional to d i 'U t on the tnin.smi.ssion 
line; that is, it i.s proportional to t;he stuepne.s.s of the 
current wave. Under t.raveling wave conditions the 
curnmt and voltagt? wuv'es are tibsolutely inseparable. 
The current is always (sjual to the voltage divitled by 
the surge impedance of the line and the wave shape is 
tin* same. Thcndore, the steejjness of the voltage 
wave* front d Vid t (‘an be (ralc.ulated by the relation 


»’ “ V<ili,ago intluced in anUmna loop 
M Mutual imluctance between loop and lin<> 
conductor 

/it, Surge impedance (if line <-onductor calculated 
with mspect to the gi-ound 

Uy a compuri.son of the polarity of .simultaneous 
rttadings on the klydonograph connotdied to the line 
through the electrostatic potentiometers and that con¬ 
nected on the antenna, t.he direction of tmvel can be 
determined. Tluit is, a .surge of a particular polarity 
will indu<*e a potential of one poUirity in the antenna 
if t,niveling in one direction, an<i of the opposite polarity 
if l.ruve}ing in the other direction. 1’he direction i.s 
readily determined fr<«n Jin examination of the con- 
neid-ions. Thus, magnitude and pohirity are obtained 
directly from the potentiometer klydonographs, steep- 
nes.s of wave front from the antenna klydonograph, and 
the dirijction of travel from a eompari.son of the polarity 
of the two. 

II. PllKLIMINARY FlKIJ) MODBL, PliATK TYPB 

A time amipowM must be added to the camera al¬ 
ready dewTibed before the same is effective in obtain¬ 
ing data on disturbances in transmission systems. To 
obtain a time comiionent, the electrode must move 
relative to the plate or photographic film. Either the 
plate may move and the electrode remain at rest, or the 
electrode may move while the plate remaias at re.st. 
Each of these two eases has its advantages and its 
disadvantages. If the plate is the moving element, 
the electrode capacity to ground may be kept a mini¬ 
mum, but the case must be large enough to clear the 
carriage of the moving plate. The apparatus as a whole 
is cumbersome and is not readily loaded without taking 
a large part of it into a dark room. 

SUUiomry Plate. The first field model. Fig. 29, 
was made with a stationaiy plate in a removable 


holder, enclosed within the same light-tight cabinet 
with the clock-driven electrode. The holder was of the 
single-plate type having a stiff metal bottom. Above 
this metal bottom was a .sheet of soft felt, cut away at 
the center so as to press a very thin disk of hard-.sheet- 
metal against the under surface of the active part of the 
photographic, plate. The metal disk was grounded 
through the plate holder bottom, and did not extend 
to the edges of the photographic plate. Thus, a 
uniform capacity was assured, and .sullicient insulation 
between the electrode and ground. A number of these 
removable plate-holders were provided for each recorder. 

Clock Driven Electrode. A one-day clock wsis used 
in most recorders, driving the electrode in a 7-in. 
circle, one revolution in 24 hours. A few instruments 
were (Kpiipped with 7-day clocks making one revolution 
in 1(58 hours. 'The electrode was mounted vertically 
neiu* the edge of a light di.sk of insulating material, 
hiiving a wire-collector ring on its periphery. The 
lejul-in terminal, passing through an insulating hushing 



Fi«, 20--Pi,ATK-TypM KtYDoNooitAPH, Hnowmu Rotatinci 

MnKnTKODK AND HotlU 

in the case, had a brush on the bottom end which bore 
on the collector and thus carried the potential to be 
measured to the electrode proper. This electrode was 
free to move up and down and pressed on the sensitive 
side of the photographic plate with its own weight only. 

Time Locating Device. In order that the time at 
which each surge occurred might be known by a glance 
at the finished photographic plate, a photographic 
template was prepared with opaque background and 
transparent dial and figures. All klydonograph plates 
were exposed to light with this template over them, so 
that when the plate was developed a circular scale, 
marked in 24 hours with "Mionksht" at top and 
“Noon” at bottom, appeared. An hour circle on 
the electrode disk was also graduated into 24 hours. 
If this was set correctly before starting the test, by 
slipping the friction clutch on the clock shaft until the 
figures on the disk corresponded to true time, the 
klydonograph figures would appear after development 
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in their proper time relation with the scale on the plate. 

The instrument was inverted to set the electrode 
disk through a large hole in bottom of the case, and 
before tuiming the instrument right side up the plate 
holder was inserted. The removal of the rubber slide 
from the plate holder permitted the electrode to drop 
to the sensitive surface of the photographic plate, and 
thus he in condition to take a klydonogram. After 
a 24-hour test, the instrument was again inverted, the 
rubber slide replaced, and the plate holder removed. 

III. Field Experience 

Insirument. Sfnee the film-type instrument has only 
now been made available, all the field work has been 


required, for certain periods during tests. During 
such periods much more satisfactory information was 
obtained as to the causes and actions of the surges 
recorded. 

Potentiometers. Fig. 30 shows the potentiometer 
rings which were used on the 26,400-volt S3^tem. It 
was found that a 30-in. ring of 2-in. iron pipe, mounted 
as shown, was satisfactory on this class of voltage. 
The high potential element was mounted about 30 
in. above the ground plate. The lower ring was placed 
at such a height that it had a potential of 3-kv. crest 
with normal voltage on the upper ring. This proved 
to be about 15 in. above the gi'ound plate. For the 
higher values of voltage, the high potential element was 
raised and the ratio of distances changed to fulfill both 



the insulation and calibration requirements. Thus?, to 
keep the proportions reasonable and a more unifoirm 
field, the sizes of the rings were increased with the 
voltage. Six- to eight-feet rings were used on the 
higher voltage lines. Fig. 31 .shows the set-up used 
on the 140-kv. line and Fig. 32 shows the set-up used 
on the 220-kv. line. The height of the upper ring was 
between 8 and 12 ft. from the gi'ound plate and the 
lower ring about 15 in., as before, to give 3-lcv. crest 
with normal voltage on the upper ring. 


Fig. 30—30-Kv. Electrostatic Potentiometer 


done using the moving electrode, plate-type of klydon- 
ograph. With the electrode speed of this instrument, 
the time of a record could not be distinguished to a 
greater accuracy than 15 min. No practical attach- 



Pio. 31—140-Kv. Electrostatic Potentiometer 


ment could be made with this type of instrument to 
speed up the electrode. Besides, this would have 
required changing of plates more frequently than once 
a day which would have unduly increased tie expense 
of material and labor. When an operation is per¬ 
formed on a line requiring several switches to be thrown 
at various points, these are often thrown at intervals 

of a mmute or so. Wh^e a figure was recorded at the 
tune of such a performance it was impossible to assign 
any particular operation as the cause. In order to 
obtain more concrete information as to the causes of 

JwS: were made to have switches 

thrown at 15 mm. mtervals, when an operation was 



Fig. 32 — ^220-Kv, Electrostatic Potentiometer 

In order to make the position of the ground beneath 
the rings constant, the rings were mounted on a metallic 
sheet consisting of either sheet iron or close-woven 
mesh. This ground plate was made large enough to 
extend about a foot beyond the outside circumference 
of the rings and solidly grounded. 

An alternate form of potentiometer, shown in Fig. 
38, was found feasible on the 220-kv. test and was used 
at three of the stations. The station busses on this 
system consisted of 4-in. iron pipes mounted parallel 
to, and 12 ft. from, the ground. A 10-ft, length of 3-in. 
iron pipe was mounted on insulators parallel to the bus 
at the proper distance above the ground plate, which 
was a 10- by 9-ft. plate of sheet iron lying on the 
ground and tied solidly to the station ground. This 
fom of potentiometer has certain disadvantages which 
will be pointed out later. 

The potentiometers were calibrated by measuring the 
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voltage on the lower ring with a ?ii-in. sphere-gap with 
normal voltage on the upper ring. When no series-gap 
is used, this calibration can be roughly checked by the 
width of the normal voltage line on the plate. With 
the potentiometer set to give 3-kv. crest with normal 
line voltage, the upper limit of the instrument, or IS-kv. 
crest, permits the measurement of a surge of six times 
normal voltage and the recording of a surge eight times 
normal before the instrument will .spark over. 



Pin, - 22 ()-Kv. Kt’s Tvi’k Po'I'Kn’tiomktku 

At first some difficulty was experienced as a result of 
<!ulibruting the potentiometer,s with the .serie-s-gap open. 
It was found that when a surge just high enough to 
break down the gap occurred, the figure on the plate 
indicated a .somewhat lower voltage than the gap 
.setting. The instrument itself had approximately 
25 by 10 '--farads capacity. By voltage tests with and 
without a series-gap the capacity of the lower poten¬ 
tiometer element to ground, in the case of the bus tyi)e, 
was about 125 by 10 '■•-farads. Thu.s, there was a 
reduction of voltage on the klydonograph bus of about 



Ejo. M —.Section op Plate Withovt Skeibb Gap. Oscilla- 

TORV SOBOB 

20 per cent upon breakdown of the gap. This error 
was eliminated by doing all calibration of the potentio¬ 
meter with the instrument in place and the series-gap 
closed. It was also found that due to the capacities 
of the various elements in series it took a voltage 16 
per cent above the setting of the gap to spark it over. 
This merely altered the lower limit at which the instru¬ 
ment began to record and could be taken care of by 
changing the gap setting. On two of the tests the 


S(j.'> 

serie.s-gap was used and on the other two it was not. 
When no gap is used the smaller negative records are 
obscured by the band of nonnal positive figures. 
However, these are not important since a negative 
surge large enough to cause concern would show itself 
above this band. To operate without a series-gap gives 
a continuous check on the calibration of the potentio- 
raeteivs, a check on wide variations of the line voltage, 
and indicates a static potential on the line where this 
occurs. Fig. 34 is a section of a plate taken with the 
klydonogi-aph operating without a series-gap. The 
surge shown indicates an o.scillating .surge. Fig. 35 
is a section of a plate where a series-gap was used. The 
surge .shown indicates a positive surge. 

It was found that on a polyphase set-up the poten¬ 
tiometers must be .set at some distances apart to pre¬ 
vent mutual elfects between them. This presents no 
particular difficulty when rings are used us these can 
generally be placed at intervals along the line. In the 
ctuse of th(! bu.s-lyi)e potentiometer, the separation of 
the station bus.se.s being fixed, this effect cannot be 
avoided. This makes the latter type a less accurate 



Fin, 35 —SKirrrim op Pi^atw wmi Swuikh (3ap, Pobitivb 

Hum 03 


set-up. It was found that in a particular case, where 
the height above ground was 12 ft. and the separation 
was 12 ft., one bus would affect the pipe of an adjacent 
bus to an extent of about 30 per cent. It wa.s assumed 
in general that, except in the case of a lightning surge, 
a surge was unlikely to occur on two phases simultane¬ 
ously and that, therefore, the calibration was correct 
• when made with the adjacent bus.«?es dead. 

In situations where the potentiometers were out in 
the weather, it was found to be imperative for all 
metallic parts to be painted. When this was neglected, 
the rust, running down on the supporting insulators, 
would create leakage and drop the potential on the 
lower ring to very low values, 

ArUenna. It was found that where the transmission 
line had a ground wire, this was generally in sufficiently 
close proximity to the line to act as an antenna. By 
insulating the wire on one tower, extending it down 
and grounding it through a suitable resistance, the 
antenna loop was complete. This could be made 
as long as desired by insulating the wire from as many 
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towers adjacent to the end tower as necessary. Fig. 
36 shows an antenna set-up effected in this way. On 
lines where no ground wire was used, it was a simple 
matter to moimt a wire on the transmission line poles' 
or towers. 

The antenna loop had a definite mutual inductance 
with each conductor and could be calculated with fair 
acciu^cy. At a fixed separation this can be varied by 
changing the length of the loop. At a given value of 
mutual inductance, the range of the klydonograph 
pmnits only a given range of steepness of wave fronts 
to be recorded. Such a value of mutual inductance 
was chosen that the steepest of the wave fronts en¬ 
countered would not cause a flashover of the plate. 
A surge with a front too tapered to come within the 
range of the klydonograph with such a set-up was 
probably not abrupt enough to be serious. 

The value of the mutual inductance with the various 
conductors was found to vary about 26 per cent in 
practical cases due to their different positions. In 



on four systems representing a wide range of conditions 
of electric power transmission. 

a. These tests were made on a 26,400-volt system 
consisting of connected cable and open wire. Ground¬ 
ing was varied between solid and 150-ohm resistance. 
One instrument was installed on one phase at a sub¬ 
station having cables extending in each direction and 
another instrument on the same phase on the open- 
wire line, 18 miles from the junction of cable to open- 
wire. The tests were continued 20 days. 

During this 20-day investigation 18 surges were 
recorded. The largest number in one day was three. 
All were obtained on the instrument on the open-wire 
line. A possible reason for this was the fact that the 
potentiometer was not painted for the greater part of 
the tests on the instrument recording no surges, with 
the resultant lowering of the calibration. Of these 
surges, seven w^e alternating, seven were positive, and 
four negative. As to magnitude of voltage, two were 
twice normal, six were 1.6 times normal, and ten were 
1.3 times normal or less. As to weather conditions, 
dght occurred in clear weather, seven during rain, two 
in cloudy weather, and one during an electric storm. 
Both surges twice normal came during rain and wind. 
As to attendant causes, the two surges twice normal 
WCTe not caused by a switch operation but switches were 
tripped by the' disturbances. The one surge during 
an electric storm was 1.3 times normal. Of the total, 
nine were caused by switching and one by lightning. 
No cause could be assigned to the remainder, of which 
three came in clear weather and five during rain. 

6. These tests were made on a 27,400-volt cable 
^stem. Only one instrument was installed at a pot 
head of a station with cables extending in both direc¬ 
tions. The system was solidly grounded at one point 
appro^ately 10 mi. from the klydonograph. The 
duration of the test was 104 days. 


Pio. 36—Antenna Connection on 220-Kv. Line 

the ca^ of an antenna record with a simultaneous 
pcrtentiometer record on a particular phase, the mutual 
mductance with that phase was used in cfl.l<»nin< ^f T ig 
d V/d t. In the case of a record caused by a steep-front 
surge, too small in magnitude to be recorded by the 
potentiometers, an average value of mutual inductance 
^ used. In the case of simultaneous waves on the 
three conductora, the effects add algebraically. It was 
assumed that, in general, surges on three conductors 
^used by a switching operation would not be simul- 
tMTOus when c^idering the propagation speed of 
electric waves. When the evidence indicated a light- 
^ mutual inductances 

Tes^ and Remits. Whfle up to the present writing 

1 j field experience as 

could be desired, rather extensive tests have been made 


--e, surges were recoraea. 

One was 1.5 times normal, one was 1.4 times normal, and 
22 W6re 1.3 tini6s normal or loss. Nino occurrod in ra,in 
and 15 on cloar days. Tho probablo causo of tho surge 
1.5 timos nomal was a switch oporation within three 
milos of tho instrumont. Tho 1.4 times normal surge 
occurred during switching operations. 

c. These tests were made on a 240-mile, 140-kv. 
open-wire line with a free neutral. Three instruments 
each on potentiometers were installed at the receiving 
end, 65.5 mi. and 193 mi. from the receiving end and at 
the sending end. One antenna instrument was in¬ 
stalled at the receiving end. The duration of these 
tests was 65 continuous days. 

During this investigation, 124 surges were recorded on 
the potentiometer instruments. Of these, 22 were at 
the sending end, eight at the second station, 27 at the 
third station, and 67 at the receiving end; Fifty-four 
0 these were 1,4 times normal or above and were 
distributed according to Table No. I. 
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TABLE NO. I 


Surge Maguitudti 
times normal 

Sending 

end 

Second 

Station 

Third 

Station 

Receiving 

end 

3.5 to 4.2 




2 

2.5 to 3.5 

1 


2 

6 

2.0 to 2.5 

5 

3 

1 

7 

1.4 to 2.0 

5 

3 

4 

15 


In only two cases were surges recorded at more than 
one station simultaneously. In both of these cases, the 
surge was oscillatory and the maximum values of the 
surges were 4.2 and 2.8 times normal, respectively. 
Of these 54 separate figures, 15 were alternating 
caused by three surges; that is, some surges occurred 
on more than one phase and extended to more than 
one station; 21 were positive, caused by 13 surges, and 
18 were negative caused by 18 surges. 

Lightning caused nine a-c. figures in two surges, 
maximum values 3.3 and 2.8 times normal. Only 
one of these caused figures at more than one station. 
Lightning caused nine positive figures, all at the re¬ 
ceiving end, in four surges, with maximum values of 
4.2,2.5,1.5 and 1.3 times normal. No negative figures 
were caused by lightning. The other surge that was 
recorded at more than one station, causing seven figures 
in all, was caused by a telephone wire falling into and 
grounding one phase at about the middle of the line. 
The maximiun value of the surge vras 4.2 times normal 
at the receiving end. 

Of the 64 figures, 1.4 times normal or above, switch¬ 
ing caused nine. None of these were over two times 
normal. To about 80 per cent of the 70 figures below 
1.4 times normal, no cause could be assigned. The 
others occiured at times of switch operations. 

Except for a few mild lightning storms, the weather 
was in general fair. 

The steepnesses of a total of 106 surges were recorded 
on the antenna instrument at the receiving end. Of. 
these, 16 were simultaneous with records of magnitude 
on the potentiometer instruments. The maximum 
was due to one of the oscillating surges caused by light¬ 
ning and was 28 by 10®-kv. per sec. or indicated a fre¬ 
quency of 16,000 cycles. The next largest was due to 
an arcing ground and indicated 24 by lO'-kv. per sec. 
or 9000 cycles. The steepest front surge caused by 
switching had a slope of 14 by 10®-kv. per sec. and was 
unidirectional. Of the six lightning surges on the 
potentiometer, there were four to which there were 
corresponding antenna records. Of the 90 anteima 
figures with no simultaneous figures on the potentio¬ 
meters, 20 could be connected with switching opera¬ 
tions. There was no apparent cause for the remainder. 

The varying rdationship between the widths of the 
positive and negative portions of the normal voltage 
band indicated that this system would pick up and 
maintain for several hours a static potential of one or 
the other polarity. 

This investigation has not been completed. 


d. These tests were made on a 270-mi., 220-kv., 
open-wire line with neutral solidly grounded at four 
points along its length. Klydonographs were installed 
as follows: three on potentiometers at the sending end, 
three on potentiometers and one on an antenna at 
stations 105 mi. from the sending end, 140 mi. from 
the sending end; and at the receiving end. Tests were 
made on 120 days, covering 4^ months. 

The results of this investigation are being discussed 
in a contemporary paper by R. J. C. Wood, of the 
Southern California Edison Company. They will 
therefore not be discussed in detail here. There was 
an unusual amoimt of system switching performed 
during the investigation and a resulting large number 
of surges were recorded. However, none of these were 
of alarming magnitude. The maximum surge recorded 
was 3.2 times normal voltage to ground. The next 
highest was 2.7 times normal. During the tests, there 
were two flashovers of line insulators, neither of which 
caused a higher voltage than 1.9 times normal, and 
this might have been caused by a switch operation 
within a few minutes of the flashover. The weather 
was fair during the investigation with no lightning. 

Oscillations, There have been certain theories ad¬ 
vanced regarding the existence of high-voltage, high- 
frequency oscillations on transmission systems. The 
above tests while not broad enough to be conclusive on 
all systems have indicated nothing to substantiate 
these theories except in the case of an arcing ground. 
Further, arcing grounds on a grounded-neutral high- 
tension line produced no high voltage oscillations, and 
in the case of the free neutral system, the frequency of 
oscillation did not exceed 16,000 cycles. 

IV. Commercial Type op Roll-Film Recorder 

A roll-film type of single-electrode klydonograph was 
under consideration before the construction of the glass- 
plate type. However, in order to cause as little delay as 
possible in obtaining a few field instruments, the ro- 
tating-electrode plate-type was chosen because of the 
certainty of its operation with standard clock and 
standard dry plates. 

As soon as the plate-t3T)e of recorder proved that the 
klydonograph was very valuable in obtaining data on 
surges on transmission systems, the complete design 
and construction of the roll-film type was undertaken. 

Some of the desirable features to be incorporated in 
such a recorder are as follows: 

1. Daylight loading and unloading 

2. Independent of power for operation, hence 
clock-driven 

3. At least three electrodes desired 

4. A long record possible, hence roll film to be used 

5. Time markings correct without resorting to 
cog-wheel drive and holes in edges of film 

6. Capable of standing considerable over-voltage 

7. Reasonably constant in its calibration 

8. Simple and reliable in operation 
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9. Truly portable; reasonably small and light 

10. Rugged and not too expensive in construction 

In order to harmonize these desirable features, a 

design radically different from that of any existing 
graphic instrument is required for this Mydonograph. 
In such instruments, the torque required to reroll the 
chart is constantly increasing from beginning to end, 
and hence must be supplied by a separate clock spring 
or motor. The same tsqie of reroll was chosen for this 
klydonograph as was designed for the long-film attach¬ 
ment for the three-element portable oscillograph. 
This incorporated the daylight-loading feature and 
constant torque for driving film and reroU. 

Daylight Loading Film. A 63^-in. width of roll-film 
was chosen as a desirable width for a good three-elec¬ 
trode chart. This fihn was obtained on a metal, 
flanged spool having extra deep holes in the ends to per¬ 
mit the introduction of steel pins to act as shafts. 
These special films are put up in cartons marked for the 
klydonograph. A film length of 8 ft. was chosen to 
give a one-week record with a film velocity of J-^-in. 
per hr. Fig. 37 shows this film in place in the klydono¬ 
graph. The system consists of a main clock-driven 
drum over which the film passes on its way under the 


of the main drum is the unexposed film; on the other 
side is the exposed film. Beyond each of these is a 
roller with pulleys attached. Two helical-spring belts 
hold the rollers against the film cartridges, and, in 
turn, the cartridges against the main drum. If the 
under side of each belt is tight and the upper side rela¬ 
tively slack, the film will be drawn tight over the top 
half of the main drum. Now, as the main drum is 
turned by hand, or by the clock, the unrolling action 
from one spool will cause a rolling-up action on the other 
spool by means of the rollers and the two belts. The 
driving pulleys are made larger than the driven pulleys 
so that the under side of each belt will remain tight 
and the upper side relatively slack. Thus the film is 
luged to roll up faster than it is unrolled from the first 
spool. The rollers and film spools are held in aline- 
ment by shaft extension, free to slide in longitudinal 
grooves in the metal frame. 

No slipping of either film or rollers takes place, for the 
ratio of the pulley diameters is so chosen as to keep the 
twisting torque as high as possible and yet well below 
the point where the rollers would slip on the film. In 
other words, the sum of the four tensions in the belts, 
multiplied by the coefficient of friction between the 



Fiq. 37 ^The Klydonograph, Cover Removed, Showing 
Film in Place 

electrodes. The outer shell of the drum is micarta 
insulation. Beneath this is a thin metal sheet moulded 
into the micarta tubing. The metal sheet is grounded, 
through the metal ends of the drum, to the frame. It is 
practically impossible to make a thin film lay fiat on a 
gla® plate and touch all parts of the surface. However, 
it is much easia* to make a film roll over a micarta 
(grlinder and hug the cylinder so as to have no air 
spaces between the film and the cylinder under the 
electrodes of the klydonograph. In this design, we have 
a repetition of the essential features of the original 
klydonograph. The film used in this klydonograph has 
black paper on each end but none under the film itself. 
This permits of daylight-loading and daylight-un¬ 
loading without introdiicing an undesirable member 
between the film and the internally grounded drum. 

ReroU Sdieme. The general construction of the 
rerolling sy stem can be seen in Pig. 37. On one side 

Portable Oscillograph. 


film and the rollers, is always greater than the sum of 
the differences between the tensions in the tight sides 
and the slack sides. The belts have no tendency to 
continue to accumulate tension on one side. If each 
driving pulley is a certain per cent larger in diameter 
than the driven pulley, then the slack side of the belt 
will have that same percentage greater number of turns 
th^ the tight side. The belt stretches as it leaves the 
driven pulley and contracts again as it leaves the driver 
pffiley, and so on, indefinitely. Thus, there is no 
slipping of any member and no tendency to break the 
helical-spring belt. 

It is easily seen that the peripheral speed of the 
main-drum surface, the film surface, the driving-roller 
siuface, and the driven-roller surface is the same. Also 
the torque required to drive the driun, and thence the 
reroll, etc., is constant. As the unexposed film-roll 
decreases in diameter, the exposed roll increases in 
diameter, and the film shafts and the roller shafts shift 
along in the horizont^ groove. The center distance 
between the pulleys remains practically constant with 
this arrangement and hence the tension in the belts 
does not change. All of these novel features go to 
make a simple but reliable reroll system which may 
be driven by a single clock. 

Time Marker. Since the photographic chart is 
friction driven, it is necessary to devise a time-marking 
system which will show no error, due to any slight creep- 
age of the fihn as it passes on its way over the lyiain 
<irum. The clock is geared to the drum so as to drive 
the film at a uniform speed of approximately one foot 

day. The drum actually makes just one revolution 
in 24 hours, yet the film-travel, in seven days, may vary 
as much as an inch. If the time marlringa had a 
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proportionate error this would represent two hours. 
By means of a stationary speck of luminous paint, just 
under one edge of the drum cylinder, and twenty-four 
equally distributed holes through the outer edge of the 
cylinder, a dot is exposed on the edge of the photo¬ 
graphic film every hour, and a dash every sixth hour. 
Each hole passes over the speck of luminous paint just 
as that hole lines up with the three electrodes. Hence, 
there can be no error in time marking, even if the film 
should vary several inches in its travel during one 
week, provided the 8-day clock keeps good time. 

An H(ntr Circle is provided on the end of the main- 
drum .shaft on the outside of the klydonograph. This 
has 24 graduations, each of which lines up with an 
index at the same time as the corresponding hole in 
the edge of the cylinder lines up with the electrodes, 
ff the clock loses or gains a few minutes during the 
week, this can be checked by the reading on the hour 
circle and later allowed for in estimating the true time 
of occurrence of .surges which may appear on the 
developed film. 

The four dashes, per 24 hour.s, are all alike so that 
any one of them may be 6 o’clock or 12 o’clock, day or 
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night. This is done to save film when initially setting 
the instrument. A daylight intensity record appears 
on the oppo.site edge of the film from the dote and 
dashes. Daylight enters the case through a hori¬ 
zontal hole in the upper part of the klydonograph and 
is reflected downward through a vertical hole in the 
cover to a point on the film in line with the electrodes, 
thus giving the record of day and night, by reference 
to which it is easy to determine which time-dash is 
6 a. m., which 12 m., which 6 p. m., and which mid¬ 
night. A 45 deg. whitened surface, on the inside end 
of a screw, at the conjunction of the horizontal and 
vertical light holes?, may be twl.sted so as to regulate 
the amount of light reaching the edge of the film. At 
any setting, daytime can be told from night, but by 
adjusting the amount of reflection according to the 
locality and position of the klydonograph, it is possible 
to get a record of the variation in intensity of daylight 
as caused by changing cloud conditions. This last 
feature is not essential but is often very helpful in 
cheeking up the causes of surges which appear on the 
film. 

Complete Instrument. The complete roll-film type 


of klydonograph is shown in Fig. 38. The parte which 
appear on the outside are: the three electrode-termi¬ 
nals; their lead-in bushings; the daylight-intensity 
adjustor, on one side of the electrode chamber; the 
cover thumb-nuts; the hour circle, on the instruction 
panel; and the ground-binding-post. The outfit is but 
12 by 12 by 8? s in. over all, the ease proper being but 
half that height. This three-electrode seven-day 


NEGATIVE FIGURES, RADIUS IN MILLIMHERS 
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recorder is no larger than the original .single-electrode 
24-hour plate-model. Its weight is much lass than 
many single-element graphic meters. It is .so portable 
that it may be taken to any desired location on a (;ran.s- 
mission system, and in fact, in .some ca.ses located up in 
a transmission tower. For accurate work, special 
electeo-static potentiometers, previously described in 



Pin. 40— Section op Tyi'Icai. Pir.M. Autipiciai. Simnp.» 

PllODtICED IN LaHOBATOKY 

this article, must be used. However, some informa¬ 
tion can often be obtained by tapping in between the 
first and second insulators, when of the multiple unit 
type, so as to lead a fraction of the voltage of each of the 
lines, of a three-phase .system, to an electrode of the 
klydonograph. 

Condensed instructions for loading and operating the 
instrument are moulded into the micarta panel each 
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side of the hour-circle. The hour-circle and the ground 
binding-post are in a recess, so that there is no pro¬ 
trusion beyond the 12 by 12 cases. The top of the 
naovable part of each electrode is protected by a cap- 
nut over the electrode binding-post. With this ar¬ 
rangement, no delicate mechanism of any kind is 
exposed, and the instrument may be carried or shipped 
without danger of breakage. 

Introduction and Removal oj Film. In loading the 
klydonograph the whole , top is removed, with the 
electrodes attached. The 8-ft. roll-film, with steel 
pins in spool ends, is inserted between the main drum 
and the roll®’ having the larger pulleys. The opaque- 
paper end is brought up over the main drum and in¬ 
serted in the slot in the empty spool between the other 
roller and the drum. This spool is turned until the 
opaque paper is tight over the upper half of the drum 
and the second roller is twisted until the lower halves of 
both spring belts are tight and the uppa* halves rela¬ 
tively slack. The cover is then replaced, with the 
electrodes bearing on the opaque paper on top of the 
drum. The hoim circle is tW drawn out, thus disen¬ 
gaging the drum from the dock pinion, and is turned 
until the joint between the opaque paper and the 
sensitized film is detected by the upward movement of 
the electrodes (easily seen, or felt, when the cap-nuts 
are removed). The hour circle is turned in until the 
gradtiations indicate the proper hour and fraction 
thereof, taking the nearest long mark to represent the 
nearest quart® of the day (6 or 12 o’dock, day or night). 
At this prop® setting the hour circle is released so that 
the gear on the oth® end of the drum shaft engages 
with the clock pinion, thus driving the film ]>4, in. p® 
hr., for seven days. Meanwhile the daylight-intensity 
indications, the luminous-paint time markings , and any 
surge phenomena have made their impressions on the 
photographic film. After the seven dajTs are up, 
the hour circle is pulled out and turned onward so as to 
roll up the last of the film and opaque paper on the 
second spool. The cov® is then lifted and this re¬ 
rolled film-cartridge removed, without resort to a dark 
room. Lat® the films may be developed by any 
photo^pher or by the op®ator in a suitable dark room. 

CalibraHon and Tests. The calibration of this roll- 
film-type of klydonograph proved to be very nearly 
the same as that for the plate type, the main difference 
occumng at the lowest p®ceptible voltages wh®e the 
effect of the dielectric constant, and thickness, is most 
apparent. Fig. 39 shows the calibration chart of radius ' 
of fi^es (both positive and negative) to ®est volts 
apphed. Fig. 40 shows a short length of film with ! 
®faficial surges, timing dots and dashes, and daylight- < 
mte^ty recorf. The surge figures are described in < 
detail m earli® parts of this artide. Although the ‘ 
nomal continuous potential on the electrodes of this 
ins^mt will be adjusted at 2500 volts, approxi- ! 

potentials as high - 
as 25,000 volts without damaging the instrument or r 


d puncturing the film. The calibration is not satis- 
>- factory beyond 18,000 volts, but this is 700 p® cent 
e above normal, and hence gives a very great range to 
I- the instrument. Since there is no pow® backing the 
'- surges as picked off an electrostatic potentiometer, and 
s since the instrument stood higher voltages, backed with 
1 pow®, than can be met in practise, it is undoubtedly 
safe for the service intended. 

a ___ 

i Discussion 

1 D. W. Ropert One of the first things that is necessary in 
i order to make improvements in power cables is to know what 
. causes the failure, A paper on dielectric losses in relation to 
cable failures^ presented before the' Niagara Convention out¬ 
lined one cause of failure and the method of deteranining when 
such failures occur. A study of the failures on the cable systean. 

J in Chicago, however, indicated that only 40 per cent of the 
I failures of the transmission cables could be accounted for on this 
■ basis, and we had to look elsewhere for the balance. 

Then it was noted that there were occasional simultaneous 
failures of switches in generating stations or substations and 
cables. There was a continuous discussion as to which was the 
cause and which the effect, and the cause was difficult to deter¬ 
mine until the oMce oat wandered into the switch-liouse and 
came in contact with a line reactor. That gave us a very 
definite cause and when a cable failure occurred at the same time 
we knew the station trouble was the cause and the cable failure 
the effect. 

That was verified later at another station where a rat got 
across the insulation of a switch connected to the generator bus 
and on that occasion two cable failures resulted. 

The interesting part is that we know definitely that from these 
transient voltages cable failure is caused, and the next thing to 
do is to get some idea of the nature and voltage of these tran¬ 
sients. For a number of years we have been securing records 
by means of needle gaps, but it was hard to tell just what they 
meant. When a transient sparks across a needle gap, you know 
that the voltage of the transient is greater than the voltage 
required to spark across a needle gap, but you don’t know how 
much greater; it may be 10 per cent greater or 100 per cent 
greater. But in the Idydonograph we get an instrument which 
will tell us that particular quantity. 

In the Dufour oscillograph we get an instrument w^hich will 
give us more intimate information regarding the nature of these 
transients, their shape and their voltage. The interesting 
thing about these transients and their frequency is that the 
theoretical men tell us that high-frequency transients do not 
travel, and that they cannot travel on underground systems. 
Then we have a disturbance like this eat and the reactor per¬ 
formance at one place and the cable failure occurs a few miles 
away. They say that the transient must be due to the effect 
of the discharge of the magnetic energy in the transformer, but 
it sometimes occurs a mile or two away from a transformer, and 
m such a way that the only path from the switch that fails to the 
cable that fails is through two line reactors which are said to 
stamp out transient voltages of that frequency. 

With the advent of these new tools, we may call them, for 
attacking the problem of the troubles which occur on our cables, 
we should be able very shortly, with the continued assistance 
of the companies in whose laboratories these tools have been 
developed, to determine first the cause of the failures of our 
cables and afterwards the cure. 

K. B. McEachronx We have been making a few preliminary 
tests, using the klydonograph and we believe it will be a very 
useful tool. There is just one point that I wish to bring up 

htr Losses and Stresses in Relation to Gable Falliires bv 

D. W. Roper, A. I. K. B. Transactions, Vol. XLI, 1922, n fi4.7 
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regarding the calibration for different wave fronts in connection 
with the work that we have done recently. 

Near the beginning of the paper it is stated that a 25-oyole 
wave would produce a figure of the same size as a wave of short 
front. We have briefly investigated the effect of using single 
half cycles of a 60-cycle wave so as to separate the positive 
and negative figures. This was done by a special synchronous 
switch, recording the wave form by an oscillograph. To give 
only one case as an example, we found that a 60-cycle wave 
of 15 kv. maximum gave a negative figure with a radius of 
about 1 mm. while a steep-wave front impulse, about 0.01 
microsecond, of the same voltage, gave about 10 mm. While 
there may have been reflections in the impulse circuit tending to 
increase the voltage, we could hardly expect more than two or 
three times the voltage due to reflections so that it seems prob¬ 
able that tlie difference in wave front is responsible for at least 
a part of the change in the size of the figures. 

Based on such data, I want to question the statement that 
the size of figure is independent of the wavefront. We believe 
that the same size of figure may represent considerably dif¬ 
ferent voltages if the wave fronts vary through a wide range. 

B. E- Ha^y (communicated after adjournment): It may be 
of intoi’est to describe briefly the results of some recent tests on 
the system of The Philadelphia Electric Company in which 
two of the klydonograph instruments were used. 

The tests were made on one line of a double-circuit, 66-kv., 
ungrounded, open-wire tie line between two generating stations 
which are about 14 mi. apart. Both lines on the transmission 
towers are insulated for 110 kv. and have overhead ground 
wires. The oil switch at the end of the line farthest away from 
the point where the actual switching was done remained open 
throughout the tests. 

The purpose of the tests was to determine the transient dis¬ 
turbances set up on this line by normal switching operations 
on the system. Attempts to propagate surges on the line were 
made by charging electrolytic lightning arresters, by shifting 
load from line to line, by picking up and dropping an unloaded 
but fully energized line, and by changing the ratio of some tap¬ 
changing transformers at one end of the line, etc. This testing 
was carried on over a period of two days and several readings of 
value were obtained. 

On one of the two days, a polyphase klydonograph instrument 
was located at each end of the line, the purpose being to measure 
the surge voltages at both the sending end and at the distant 
open end which were expected to be of different magnitude due 
to attenuation, damping, corona, or other effects. On the second 
day, both klydonograph instruments were located at the same 
end of the line but on opposite sides of the line choke coil for the 
purpose of determining the voltage difference caused by the 
inductance of the coil. There were considerable differences in 
simultaneous readings at the two ends of the line and across the 
choke coil. 

The highest value of surge voltage reached during the two 
days of miscellaneous testing was 4.3 times normal or 240 kv. 
crest to ground while there were several readings of over three 
times normal. The reading of 4.3 times normal as well as the 
majority of the other high readings were recorded when the 
unloaded but energized line was disconnected from the source by 
opening the high-voltage line switch. 

An interesting point of information indicating desirable 
operating procedure is noted in comparing the results of switch¬ 
ing on the high- and low-voltage sides of the step-up transformers. 
These results show that while almost no surges are produced 
when the switching is done on the low-voltage side, surge voltages 
of more than four times normal are produced when the switching 
is done on the line side of the transformer. 

The changing of transformer ratio under load, the shifting of 
load at an intermediate substation, the energizing of the line, 
and the charging of lightning arresters produced only nominal 


surges, which is somewhat surprising particularly with respect 
to the operation of charging the electrolytic lightning arresters 
which was expected to cause surges of fair magnitude. In 
some cases, the voltages built up by reflection at the dis¬ 
tant end of the line as well as the voltage on the line side of the 
choke coil were simultaneously greater than the voltages on 
the same phase at the source end and sometimes less. Only 
a few of these surges were oscillatory in character and these Avere 
rapidly damped. 

These tests are, of course, of different significance from those 
described in the paper where the usual application of the in- 
strument was to have it connected more or less permanently to the 
system over a fairly long period to record normal system surges 
due to atmospheric conditions as well as switching, while the 
purpose in the tests described was to reproduce several normal 
switching operations in a short period and in good weather for the 
purpose of determining the probable magnitude of switching 
surges in ordinary operation. Even under the less severe 
conditions, it will be noted that the voltages recorded are 
relatively greater than any previously reported. It may be that 
on. a good many systems routine switching operations will 
produce surges of surprisingly high value. 

The latest film-type polyphase instruments were used in these 
tests and the results secured and the experience with them show 
the device is convenient to use and gives ample voltage records 
the meaning of which is easily interpreted. 

J. H. Cox: Mr. McEachron raised two questions; one was 
calibration of the klydonograph when the figures begin to slide, 
and the other was the accuracy of calibration for various fre¬ 
quencies or steepness of wave fronts. As brought out in the 
paper, when the figures begin to slide they do not behave in a 
consistent manner and the voltage is approaching the limit of the 
instrument. However, when these slides do occur there are 
nearly always some rays that enanate directly from the center and 
the length of these conforms to the calibration curve. 

In the development of the klydonograph little work was done 
using wave fronts beyond two limits of length, that is, shorter 
than five microseconds and longer than that given by a 25- 
cycle wave. Most of the work was confined between five and 
200 microseconds. A great many records were taken with 
surges as abrupt as could be produced by ordinary means and 
our work leads us to believe that these confoim to the calibration 
curve of the more tapered surges. They were not used in 
obtaining these curves for the reason that the voltages produced 
in such a circuit are indefinite. When a spark-gap is discharged 
into a simple circuit, as done by Mr. McEachron, you can¬ 
not say with any degree of certainty what the voltage is at any 
part of the circuit. It required a great amount of work to set up 
a circuit that did not give reflections and oscillations. Succes¬ 
sive records taken without changing a set-up did not vary as 
much as 1 mm. Further, when a single surge was impressed on 
six terminals tied together, no variation could be measured. 

The klydonograph was developed for the purpose of recording 
transients on transmission systems. It has been gratifying to 
find that the surges present on practical lines have a wave front 
between one and 200 microseconds. In this range at least the 
klydonograph is entirely satisfactory. It must be remembered 
that no greater accuracy than 15 per cent is possible in such an 
instrument. This is ample for practical use. 

When the application is as slow as a 60-cycle or a 25-oycle 
wave the conductivity of the film surface has an influence. A 
slight conductivity in the case of a slow application will allow 
some charge to leak off the electrode and thus tend to lessen the 
intensity of the field at the emulsion surface which is necessary 
to produce a figure. We have found commercial films to vary 
somewhat in this respect, but not enough to cause concern when 
dealing with surges. The performance of the instrument at 
commercial frequencies is not particularly important since there 
are more convenient methods of measuring such potentials. 



Over-Voltage on Transmission Systems Due to 

Dropping of Load 

E. J. BURNHAM^ 

Associate, A. I. E. E. 


Synopsis: —When a ioaterwheeUdrwen generator, or a hydro^ 
electric station, loses all or a large part of its load, the voltage rises 
more rapidly and to a greater extent than has been generally 
realized. 

The purpose of this paper is to show the manner in udiich the 
voltage will rise under different conditions, and amethodof calculat¬ 
ing the voltage rise of a waterwheel-driven generator when!oadis lost. 

The results of a large number of tests are given showing the rise 


in voltage on an 8500-kv-a., 6600-volt waterwheel generator when 
load was tripped under several different conditions at three dif¬ 
ferent places, namely, at the generator, on the high-voltage side of a 
transformer hank, and at a substation forty miles away. 

As it is not considered good practise to subject a transmission 
system to high over-voltages, consideration is given to, methods of 
checking the voltage rise by use of relays as soon as possible after 
load has been dropped. 


M uch has been written about instantaneous rises 
of voltage due to switching surges, and tran¬ 
sients due to short circuits, but very little has 
been said regarding the rise of voltage due to dropping 
of load on an a-c. system. 

Great interest has been shown in various sections 
of the country during the past year in the voltage 
obtained when a waterwheel-driven generator, or a 
hydroelectric station, loses all or a large part of its load, 
since voltages obtained in this manner are much higher 
and develop more rapidly than would ordinarily be 
expected. 

When load is lost on an a-c. generator, or group of 
a-c. generators, the manner in which the voltage rises 
and the time interval taken for such a rise varies ac¬ 
cording to the following factors: 

1. Voltage regulation and design of the generator. 

2. Type and speed regulation of prime mover con¬ 
nected to generator. 

3. Generator excitation obtained from direct-con¬ 
nected exciter, exciter motor-generator set, or d-c. bus. 

4. Amount and power factor of load dropped. 

5. Voltage regulators used or not used. 

6. Place in circuit where load is tripped. 

7. Connections including lines, transformers, etc., 
between generator and load. 

8. Over-voltage or over-speed devices used or not 
used. 

With the above points in mind, calculations were 
made to determine the maximum rise in voltage on 
ordinary waterwheel-driven generators when load was 
lost under different donditions. The results of these 
calculations are shown in Table I. Details regarding 
method of making calculations are given later. 

In order to check the calculations and to obtain 
further information, a series of tests^ were made, in 

1. Central Statiop Engineering Dept., General Electric Com¬ 
pany, Schenectady, New York. 

2. Tests were taken at the Spier Palls Station of the Adiron¬ 
dack Power & Light Corporation. 

Presmted at Regional Meeting of Diet. No. 1, Siuamp- 
scoU, Mass., May 7-9, 1995. and at the Annual Convention of 
the A.I.E.E., Saratoga Springs, N. Y., June 9S-B6, 1996. 


TABLE NO. I 

VOLTAGE EISE IN PER CENT OP NORMAL VOLTAGE 


Type of 
Prime Mover 

Over- 

Speed 

With Voltage 
Regulator 

Without Voltage 
Regulator 



With 

direct- 

connected 

Exciter 

Without 

direct- 

connected 

Exciter 

With 

direct- 

connected 

Exciter 

Without 

direct- 

connected 

Exciter 

Water- 

turbine. ... 

25-35% 

50-80%. 

40-65% 

90-100% 

60-85% 


which load was dropped in different ways and under 
many different conditions on an 8500-kv-a., three-phase, 
60-cycle, 164-rev. per min., 6600-volt, 80-per centpower- 
factor waterwheel generator, connected to a large 60- 
cycle system, through an 18,000-kv-a. bank of trans¬ 
formers and a 40-mile, 66,000-volt transmission line. 


I&ooo . 

Tranaformesr- 
66oo/seooo Volt 

B500 Kv-a, 

6600 Volt Circuit 

Gctricrator' Breaker 



Cirauvt 

BrcaRer 


66000 Volts 


^OMilc Linc.'^O Copper 


A/WVS 

_ . ruiKi n.M-1, Polenliat 

Transformer Transformer 


Fig. 1—Arrangement op Equipment for Test 


Connections and arrangement of equipment between 
the generator and substation are shown by Fig, 1. By 
use of circuit breakers 1, 2, and 3, load could be tripped 
at any one of three different places. These circuit 
breakers will be referred to as generator, transformer- 
high-voltage, and substation circuit breakers, re¬ 
spectively. 

The generator had a direct-connected exciter, but 
in order to also make tests with the generator sep¬ 
arately excited, a temporary connection was made to a 
small, waterwheel-driven exciter. However, the limited 
capacity of this exciter would permit the gener¬ 
ator when separately excited to carry only 4000- 
kw. load at 98 per cent power factor. 

A vibrating type, 60-cycle voltage regulator was 
in the station, so plans were made to use that in some 
of the tests. 

Connections were made to an oscillograph so that 
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TABLE II 












Maximum 



Load 

Power 

Direct- 



Over- 

Breaker 

Breaker 

Voltage 

Test 

Oscillogram 

Factor 

connected 


Over-volt- 

Frequency 

tripped 

tripped 

In per cent of 

dropped-kw. 

per cent 

Exciter 

Regulator 

age Belay 

Relay 

by Hand 

by Relay 

normal 

1 

97300 

5900 

83 

Yes 

No 

No 

No 

1 


195 

2 

97304 

6100 

83 

Yes 

Yes 

No 

No 

1 


151 

3 

97326 

4000 

98 

No 

No 

No 

No 

1 


128 

4 

97321 

6500 

83 

Yes 

No 

• No 

No 

2 

_ 

174 

5 

97813 

6400 

90 

Yes 

Yes 

No 

No 

2 


157 

6 

97312 

6400 

90 

Yes 

No 

No 

No 

2 


185 

7 

97317 

6700 

83 

Yes 

No 

No 

No 

3 


218 

8 

97323 

6100 

87 

Yes 

Yes 

No 

No 

3 

— 

168 

9 

97322 

6500 

83 

Yes 

Yes 

Yes 

No 

2 

1 

113 

10 

97324 

6150 

83 

Yes 

Yes 

No 

Yes 

2 

. 1 

126 

11 

97318 

6700 

83 

Yes 

No 

Yes 

No 

3 

2 

183 

12 

97319 

6700 

83 

Yes 

No 

Yes 

No 

3 

1 

201 

13 

97310 

3500 

70 

Yes 

No 

Yes 

Yes 

2 

1 

138 

14 

97320 

6700 

83 

Yes 

Yes 

No 

No 

3 


206 

15 

97309 

3500 

66 

Yes 

No 

Yes 

No 

2 

1 

138 


any three of the following waves could be recorded at 
the same time: 

1. 60-cycle or 40-cycle timing wave. 

2. Generator field or exciter voltage. 

3. Generator current. 

4. Generator voltage. 

5. High-tension voltage at a point between trans- 
fonner and transformer high-voltage circuit breaker. 

Table 11 gives details regarding tests in which load 
was dropped in different ways and under different 
conditions. 

It will be noted that 6700 kw. was the largest load 
dropped. The generator could not carry a greater load 
than this because of the water conditions at the time 
the tests were made. 

Commercial load was used for these tests; therefore, 
because of the system operating conditions, it was not 
always possible to drop the load most desirable for a 
particular test. However, by giving consideration to 
the amount of load dropped, proper comparisons inay 
always be made between the different tests. 

It will also be noted that after a load was dropped, 
in some cases the speed rise reached 162 per cent of 
normal, which is a much greater speed increase than 
generally obtained on waterwheels under similar 
conditions. This large speed increase is accounted for 
by the fact that the waterwheel governor had not 
received final adjustment, but this does not make the 
tests less valuable, since the speed characteristics for 
each test can be determined by making a comparison 
between the timing wave and the genaator-voltage 
wave. Furthermore, the large speed regulation of the 
waterwheel was offset, to some extent, by the load 
dropped, which was less than normsd; therefore, the 
results are not far , from what might ordinarily be 
expected, as will be shown later. 

Load Dropped by Tripping Generator Breaker 
Direct-Connected Exciter Used 

Fig. 2 shows the results of two tests, a voltage 
regulator being used in Case 2, but not in Case 1. 
Curves 1 A and 2 A show the rise in speed that took 



t 60 _ 

150 E 
£ 
140 ^ 

120 u 

100'S 

90^ 


Fig. 2—Case 1. 6900-kw. load Dropped by Tripping 
Generator Breaker. DiREcav-CoNNECTED Exciter. No 

BEaULATOR. 

Case 2. 6100-kw. Load Dropped by Tripping Generator 
Breaker. Direct-Connected Exciter. Regulator in 
Operation. 


place as soon as load was dropped. Curves 1B and 
2 B show the corresponding rise in generator voltage. 
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The curves illustrate that as soon as the generator 
breaker was tripped, the generator voltage rose in¬ 
stantly to approximately 112 per cent of normal, and 
then inCTeased in accordance with Curve IB at 2 B, 
1 B being without voltage regulator and 2 B being with 
voltage regulator. The effectiveness of the voltage 
regulator is plainly seen when a comparison is made 
between Curves 1 B and 2 B. Themaximum over-speed 
is greater in Case 2 than in Case 1, as shown by speed 
Curves 2 A and 1 A, due to the fact that a slightly larger 
amoimt of load was dropped in Case 2 than in Case 1. 

Referring to Case 1, Fig. 2, the solid line 1 B repre¬ 



Load Dropped by Tripping High-Voltage 
Transformer Breaker 
Direct-Connected Exciter Used 
Fig. 4 shows results of two tests, one taken with and 
one without voltage regulator. In each case, load was 
dropped by opening the high-voltage transformer 
breaker. Here, as before, the voltage regulator was 
very effective in limiting the rise of voltage. 



Bbbaker. Gbnebatok Sepabatblv Excited. No ReguiiATOB. 

sents test values as recorded on an oscillogram, while 
the small circles were plotted from calculations. In 
Case 2, solid line 2 B represents test values, while the 
small triangles are taken from calculations. The 
method by which the calculations were made will be 
given later. 

Load Dropped by Tripping Generator Breaker 
Generator Separately Excited 

Results of a test in which the generator was s^arately 


Fig. 4 —Case 1. 6500-kw. Load Dropped by Tripping 
Tbansfobmer High-Voltage Breaker. Dibbct-Connbctbd 
Exciter. No Regulator. 

Case 2. 6400-kw. Load Dropped by Tripping Trans¬ 
former High-Voltage Breaker. Direct-Connected Ex¬ 
citer. Regulator in Operation. 

Allowing for the different amounts of load dropped, it 
is seen that when the load was tripped by the trans¬ 
former high-voltage circuit breaker, the voltage did not 
rise as high as when the load was tripped by the genera¬ 
tor circuit breaker. This difference was due to the 
exciting current taken by the transformer after the 
high-voltage circuit breaker had been opened, which was 



Pigs. 5a-b 6500-kw. Load Dropped by Tripping Transformer High-Voltage Breaker. Direct-Connected Exciter. 

No Regulator. 


Ourvo A 40-CYCle tuning wave Curve B —Generator current 

‘ Curve C —Gen^ator voltase 


excited are shown in Mg. 3. As only 40C0-kw: load was 
dropped, the speed did not rise as high as it did in tests 
previously described. 

After the load was dropped, the voltage increased in 
accordance with Curve 1 B. The small crosses rwre- 
sent points calculated. 


load current for the generator. Curve 1 B, Pig. 4, 
shows how the tr^isformer exciting current, or in 
other words, the generator-load current, increased as the 
voltage became greater and greater after load had been 
dropped. 

Mgs. 5a— B show part of the oscillogram from 
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which Curves 1 A and 1 B, Fig. 4, were taken. The 
oscillogram shows how the transformer exciting 
current and the generator voltage increased in value 
after load was dropped, the middle wave being trans¬ 
former exciting current and the lower wave genera¬ 
tor voltage. 

Fig. 6 shows part of an oscillogram similar to that of 
Fig. 6a, with the exception that a slightly different 
load was dropped. The middle wave indicates exciter 
voltage instead of generator current. This middle wave 
gives a good indication of how the exciter voltage in¬ 
creased in value as the speed increased, after the load 
was dropped. 



Pig. 6— 6400-kw. Load Dropped by Tripping Trans¬ 
former High-Voltage Breaker. Direct-Connected Ex¬ 
citer. No Regulator. 

Ourvo A —40-cyclo timing wave 
Curve B —Exciter voltage 
Curve C —Oonorator vollvage 

Load Dropped by Tripping Substation Breaker 
Direct-Connected Exciter Used 

Pig. 7 shows the results of two tests, one taken with, 
and one taken without, voltage regulator, in which load 
was dropped by opening substation circuit breaker. 
The voltage regulator was again very effective in limit¬ 
ing the voltage rise. 

Curve 1 of Pig. 7 shows a 118 per cent voltage rise, 
which is a greater rise than obtained in any of the tests. 
This is only natural when consideration is given to the 
fact that the charging current of the 40-mile line more 
than offset the exciting current of the transformer. 


curve has two peak values, the dip in the middle oc¬ 
curring at the time the voltage reached maximum. 

Pigs. 8a-b show parts of the oscillogram from 
which Curves 2A and 2B of Pig. 7 were taken. 
The middle wave of the oscillogram shows clearly the 



Pig. 7 —Case 1. 6700-xw. Load Dropped by Tripping 
Substation Breaker. Dirbci'-Connectbd Exciter. No 
Regulator. 

Case 2. 6100-kw. Load Dropped by Tripping Substation 
Breaker. Direct-Connected Exciter. Regulator in 
Operation. 

dip in the generator currents mentioned above, and 
also the many harmonics in the current wave. The 



Pigs. 8a-b_ 6100-kw. Load Dropped by Tripping Substation Breaker. Direct-Connected Exciter. Regulator in Operation. 

Curve A —40-cycle timing wave Curve B —Generator current 

Curve C —Generator voltage 


the effect of which was to boost the excitation of the 
generator. 

Curve 2 B, Fig. 7, shows the generator current which 
is a resultant of transformer exciting current and 
line-charging current. In this instance, the current 


lower wave of the oscillogram represents the generator 
voltage and shows the switching surge at the time the 
high-voltage transformer circuit breaker was tripped, 
and just how the voltage increased after the load was 
tripped. 
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Voltage Reduction fisld switch was opened, and Curve c the rate of voltage 

^ ^ j decrease when the generator field circuit breaker was 

The teste already de^bed show the rapid ^d ^ ^ pjgj^ discharge resistors were, of couise, 

ertei^venseofyoltagethat occiitewhenlo^tel^on ^ ^ ^ 

a wateiwhed^dnyen geaerator. Believe it de^le 9 the advantage of tripping the generator 

to check the voltage rise as soon as possible after load is ® 


TABLE NO. Ill 

REDUCTION IN GENERATOR OPEN-CIRCUIT VOLTAGE 


Test 

Oscillo¬ 

gram 

Previous ! 
Voltage 
in %of 
Normal 

Method of Reducing Voltage 


16 

97302 

143 

Insert Resistance in 

Exciter 

4.75 




Field Circuit 


17 

97306 

149 

Open Exciter Field Switch 

3.75 

18 

97305 

52 

Trip Generator Field Breaker 

0.90 

19 

97316 

100 

Trip Generator Field Breaker 

1.00 



fllBKiBflBBBBBBBBB 

IlIBBAIBBflBBBBBflB 

iWBBBKflBBBBBBBB 

|bbbb»kbbbbbbbb 

iBiBBBBBBBBBBBBB 

iBnBBBKBBBBBBflB 

iBHBBBBnBBBBBBB 

Ibhbbbbbbkssbbbb 

IBfliBBBBBKaaSIBBB 

iBflnBBBBB0BBBBB 

iflBWflBBBBBBBBBB 

iBBBBBBBBBBaiBBB 

iflBBBBBBBBBBBBB 

Ibbbbisbbbbbbbsb 

Ibbbbbbbbbbbbbs 


Tima in Seeonds 

Fig. 9—Generator Open-Circuit Voltage Decreased: 
Case a : by Inserting Resistance in Exciter Field 
Circuit. 

Case b : by Opening Exciter Field Switch. 

Case’c: by Tripping Generator Field Circuit Breaker. 

dropped, a series of tests was made to determine the 
speed with which the generator open-circuit voltage 
could be reduced by three different methods, A 
tabulation covering these tests is given in Table III. 
Fig. 9 shows the results of three of these tests, each 



Fig. 10—Generator Open-Circuit Voltage Decreased 
BY Inserting Resistance in Exciter Field Circuit 
Curve A—60-cycle timing wave 
Ourve B—^Exciter voltage 
Curve C—Generator voltage 

method being represented. Curve a shows the rate of 
voltage decrease when a block of resistance was placed 
in the exciter field circuit, this being accomplished by- 
holding the voltage regulator contacts open. Curve 6 
shows the rate of voltage decrease when the exciter 


Fig. 11—Generator Open-Circuit Voltage 1)ki.’re.\skd by 
Tripping Generator Field Circuit Breaker 
Curve A—40-cyclo timing wavo 
Curve B—Gonorator field voltago 
Ourve C —Generator voltago 

field when it is desirable to reduce the generator voltage 
at a very fast rate. 

Fig. 10 shows the oscillogram from which Curve o 
of Pig. 9 was taken. The middle wave of o.scillogmin 


JsB™ 

IBBBSSBiaBBBHBBBHlil 


I gaBBga 
— iMaBBBB 

ssBniBpnniimiiin 

jigaaeBamsaa mm 

aBBBBRaiBii359ll8BB||l 

^gaBit 

Isisgflgggaiamiiii 


o t a 3 4 » 

Tim© In S^eondBi 

Fig. 12 Case 1. 6500-kw. Load Dropped by Tripping 
Transformer High-Voltage Breaker. Dirrct-Connected 
Exciter. Regulator in Operation. Over-Voltage Relay 
Tripped Generator Breaker. 

Case 2. 6150-kw. Load Dropped by Tripping Trans¬ 
former High-Voltage Breaker. DiREer-CoNNECTKi) Ex¬ 
citer. Regulator in Operation. Over-Frequency Relay 
Tripped Generator Breaker. 

shows the way the exciter voltage decreased when a 
block of resistance was placed in the exciter field 
<arcuit. 

Kg. 11 shows the oscillogram from which Curve c 
of Pig. 9 was taken, the generator field circuit breaker 
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being tripped at a time when the generator was oper¬ 
ating at normal voltage, no load. The middle wave of 
oscillogram shows how the generator field voltage de¬ 
creased after, the field circuit breaker was opened. It 
will be noted that the generator field excitation was 
reversed in polarity at the time the field circuit breaker 
was tripped. 

Fig. 12 shows the effect of tripping the generator 
field circuit breaker, as well as the generator main 
circuit breaker, after load had been dropped by opening 
high-voltage transformer circuit breaker by hand. 



Em. i;{ —(ll.'iO-Kw. Load Dnoi’i’ni) iiy Thii’pino Tuans- 
FOUMMK lIl(}ft-V0LTA(JK BitKAKEU. DlUEtn'-CoNNTECTBD Ex- 
OITEU, liEOEEATOIt TN ()l'EItATION. ()VKIt-EttEQHENCY RjtlLAY 

Tkippei) Uenkiiatuh Bueakeh. 

Oiii’vo A —‘lO-cycltj tiniliif' wavo 
Oiirvo jf{ (ionora(.or cnimnit. 

Curvo —(tonoruUw vnltaKo 

Curves 1 A and 2 A show the rise in speed and Curves 
1 B and 2 B show the corresponding voltage changes, 
when load was dropped. The difference in the two 
speed curves is due to the fact that more load was 
dropped in Case 1 than in Ca.se 2. 

Voltage Curves 1 B and 2 B are also different. In 
Case 1, the generator and field circuit breakers were 
tripped by an over-voltage relay set at 115.5 per cent of 
normal voltage. In Case 2, the generator and field 
circuit breakers were tripped by an over-frequency 
relay set at 63 cycles or 105 per cent of normal fre¬ 
quency. In each case, auxiliary contactors were used 
with the relays so arranged that the trip circuits of the 
generators and field circuit breakers would be ener¬ 
gized at the same time. 

OVEB-VOLTAGB AND OVBK-FbEQUBNCY RELAYS 

The curves in Fig. 12 give information regarding 
the operation of the relays, as well as information re¬ 
garding the voltage and speed changes. In Case 1, the 
generator and field circuit breakers were tripped sooner 
than in Case 2. This was due to the fact that the over¬ 
voltage relay in Case 1 was operated by the initial 
voltage impulse which reached approximately 130 per 
cent of normal, while the over-voltage relay in Case 2 
did not operate until approximately a quarter of a sec¬ 
ond later when the speed reached 105 per cent of 
normal. 

Fig. 13 shows part of the oscillogram from which 
Curves 2 A and 2 J5 of Fig. 12 were taken. The middle 
wave on the oscillogram represents the generator cur¬ 
rent and indicates clearly the time when the high- 


voltage transformer circuit breaker opened and also the 
time when the generator circuit breaker opened. By 
use of the 40-cycle timing wave, it is found that the 
generator circuit breaker opened approximately 0.73 



Fia. 14 —Case 1, 6700-kw. Load Dropped hy Tripping 

Substation Breaker. Direct-Connected Exciter, No 

liEQULATOR. OVER-VoLTAGE ReLAY TrIPPED TRANSFORMER 

HiGn-VoDTAGE Breaker. 

Case 2. 6700-kw. Load Dropped by Tripping Substation 

Breaker. Direct-Connected Exciter. No Regulator. 
Over-Voltage Relay Tripped Generator Breaker. 

Case 3. 35(X)-k\v. Load Dropped nr Tripping Trans¬ 
former lilGH-VOLTAGB BREAKER. DirECT-CoNNECTPJD Ex- 
oiTBR. No Regulator. Combination Over-Voltage and 
Over-Frequency Relay Tripped Gfinerator Breaker. 

seconds after the high-voltage transformer circuit 
breaker was tripped. 

Three diff^ent tests are represented in Fig. 14. An 
over-voltage relay was used in Case 1 and Case 2, but 



Pig. 16—6700-kw. Load Dropped by Tripping Substation 
Breaker. Direct-Connected Exciter. No Regulator. 
Ovbr-Voltagb Relay Tripped Generator Breaker. 

Curve /I—40"Cyclo timing wave 

Curve ,0—High-tension voltage at transformer terminals 
Curve C—Generator voltage 

in Case 3 a combination relay of both over-voltage and 
overrfrequency was used. In the latter case, the over¬ 
voltage element was set at 116 per centnormal voltage, 
and the over-frequency element was set at 105 per cent 
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normal frequency. The contacts of both elements 
were placed in series, so the tripping circuit of the 
generator breaker would not be energized until each set 
of contacts had been closed. An analysis of the curves 
shows that the contacts of the over-voltage relay closed 
approximately 0.5 seconds later than the closing of the 
over-frequency relay contacts. 

In Case 1, the relay tripped the high-voltage trans¬ 
former circuit breaker, while in Case 2, the relay tripped 
the generator circuit breaker. In Case 1, the trans¬ 
former exciting current furnished load for the 
generator; therefore, the voltage did not rise as high as 
it did in Case 2, where the generator had no load after 
the generator breaker was tripped. 

Fig. 15 shows part of the oscillogram from which 
Curve 2 B of Fig. 14 is taken. The middle wave of the 
oscillogram represents the voltage on the high-voltage 
side of the transformer. The small voltage indicated 
after the generator breaker was opened was induced 
from a 110,000-volt, 60-cycle line, which parallelled the 
line being used for these tests. 

Generator Circuit Breaker and Relay Tests 

In order to cheek the operation of the relays, two 
tests were made with the use of the oscillograph, one to 
determine the operating time of the generator circuit 
breaker and the other to determine the operating time 
of the over-voltage relay. The results of the tests are 
shown in Table IV. 


TABLE IV 
OPBEATING TIME 

GENERATOR OIROUIT BREAKER AND OVER-VOLTAGE RELAY 





Operating 




Time 

Test 

Oscillogram 

Equipment 

Seconds 

20 

97314 

Generator Breaker and Belay 

0.21 

21 

97315 

Generator Breaker 

0.11 


General Consedbrations and Calculations 
Voltage Regulation. Due to regulation, the voltage of 
an a-c. generator carrying full load at normal speed and 
voltage will generally rise between 25 and 35 per cent 
above normal when load is lost, providing the speed and 
excitation remain constant. 

Part of this rise in voltage is instantaneous and part 
takes place over an interval of time. Consider the 
8500-kv-a., 6600-volt a-c. geaerator used in the tests 
just described, and assume that it is carrying a load of 
5900 kw., 0.83 per cent power factor, as in test No. 1. 

When carrying this load, the calculated internal or 
generated voltage is equal to 111 per cent of the terminal 
voltage. The internal voltage diff^s from the terminal 
voltage by the amount of impedance drop in the 
stator winding. If the load just mentioned is dropped, 
the terminal voltage will instantly rise to a value equal 
to the internal voltage because the flux to produce thia 
voltage is already present in the stator and because the 
impedance drop in the stator winding disappears as 


soon as load is dropped. Referring to Fig. 2, this in¬ 
stantaneous voltage rise is shown by line c d, the cal¬ 
culated value being 111 per cent and the test value being 
112 per cent of normal voltage. 

Using calculations and assuming, further, that the 
speed and excitation remain constant, the voltage will 
increase from 111 per cent voltage to the open-circuit 
voltage. This rise of voltage is shown by Cuiye 6, 
Fig. 2, and takes place over an interval of time, because 
after load is tripped and armature reaction disappears, 
time is consumed in building the stator flux up to a 
value corresponding to the field m. m. f. 

For an average generator on which full load is lost, 
this time may be assumed to be two seconds, but varies 
to some extent, according to the size and design of the 
machine in question. 

Prime Mover. As the governors of waterwheels and 
steam turbines are speed devices, a change in load is 
always accompanied by a change in speed. Given 
sufficient time, the new output of energy will be pro¬ 
duced at a new steady speed. (Only by readjustment 
of the governor can the new output be produced at the 
previous speed.) When the decrease of load is great 
and sudden, the speed will rise higher than the ultimate 
speed, this over-shooting being due to the inability of 
the governor system to follow quickly enough the speed 
of the turbine rotor. 

The overspeed of water turbines when full load is 
lost varies according to the horse power of the turbine, 
the time taken to close the guide vanes, the W of 
combined generator and turbine unit, the rev. per min., 
and the length of penstocks. However, these different 
factors combine in such a way that for an ordinary de¬ 
sign of water turbine, the overspeed is usually between 
26 and 35 per cent when load is dropped. 

Fig. 16 shows some tjqiical speed-time curves indi¬ 
cating the rise in speed on a large water turbine when 
different amounts of load were dropped. In this partic¬ 
ular case, the speed rose to 131.6 per cent of normal, 
when full load was dropped. 

In the tests referred to in the first part of this article, 
the speed regulation was greater than customary for 
the reason already given, namely, the waterwheel 
governor had not received final adjustment. 

The maximum speed attained by a steam turbine 
when load is suddenly removed is much less than that 
attained by a water turbine under similar conditions. 

Tests taken on a 30,000-kw. steam turbine show that 
when full load was dropped the governor action was 
such that the maximum speed attained was only four 
per cent above normal. This maximum speed was 
reached in one second. Upon dropping a 75 per cent 
load on the same turbine a maximum speed rise of 
2.75 per cent normal was attained in 0,9 seconds. Even 
if the emergency governor of a steam turbine is called 
upon to operate, the speed will generally not rise above 
110 per cent of normal. 

In view of the foregoing, the danggr from the over- 
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voltage on steam stations is not as great as on hydro¬ 
electric stations. 

Generator Excitation. Field excitation for a-c. genera¬ 
tors is generally obtained by one of the following 
methods: 

1. D-c. bus. 

2. Direct-connected exciter. 

3. Exciter motor-generator set. 

The maximum over-voltage obtained when load is 
dropped depends, to some extent, on which method of 
excitation is used, as a direct-connected exciter will 



Tim» in Seconds 

Fig- 16 —Load Rejection on a 44,000-kw. Water Turbine 
C ase A — 39.8 per cent load di'opped 
Case B — 58.0 per cent load dropped 
Case C— 67.0 per cent load dropped 
Case D —100.0 per cent load dropped 

overspeed with the generator when load is dropped. 
The same is true of an exciter motor-generator ^t if 
the motor of the set receives power from a circuit con¬ 
nected to the a-c. generator which loses load. 

Aniincrease in the speed of the exciter causes an 
increase in the exciter voltage, which, in turn, causes 
an increase in the a-e. generator field current and, there¬ 
fore, a further rise in the a-c. generator voltage. 

For exciters generally used, the armature voltage 
increases approximately as the square of the speed, as 
the speed is inCTeased above normal. The a-c. genera¬ 


tor field current increases in direct proportion to the 
increase in exciter voltage providing the resistance in 
the field circuit remains the same, but the a-c. genera¬ 
tor voltage will not increase in direct proportion to the 
increase in field current due to saturation of the iron in 
the generator magnetic circuit. However, if a water¬ 
wheel-driven generator, having a direct-connected 
exciter, drops load, the field current will rise to such an 
extent that the open-circuit voltage will usually reach 
the upper part of the saturation curve, which is nearly 
fiat. 

Referring again to Fig. 2, the voltage rise shown by 
Curve 6 assumes no increase in speed when load is 
dropped, and assumes the generator to be separately 
excited. If the speed is increased and field excitation 
held constant, the voltage will actually rise above this 
Curve 6 in direct proportion to the increase in speed. 
This is true because the open-circuit voltage of an a-c. 
generator is always proportional to the generator speed, 
providing the excitation remains constant. 

Now assume that the 8500-kv-a. generator has a 
direct-connected exciter and that it is connected to a 
waterwheel having a speed characteristic as shown by 
Curve 1 A, Fig. 2. Curve 3, Fig. 2, shows how the 
generator voltage increases to 132.6 per cent of normal 
assuming an bverspeed on the exciter, but no over-speed 
on the generator. (This is a physical impossibility, 
but is suggested as a step toward determining the 
actual voltage). Instantaneous increase in voltage 
c d is the same as before. For the voltage rise indicated 
by Curve 3, a time lag of three seconds has been as¬ 
sumed, which takes into consideration the lag of flux 
change in both the exciter and the a-c. generator. 

When the load is dropped, the generator, as well 
as the exciter, overspeeds; therefore, the calculation of 
the actual generator voltage curve for this condition 
involves increasing the value of the voltage points on 
Curve 3, in accordance with the increase in speed, as 
shown on speed Curve 1 A. The resulting calculated 
values of actual generator voltage are indicated by the 
circle points falling on or near Curve 1 B. 

Voltage Regulators. In case a generator voltage 
regulator is used in connection with a generator that 
loses load, the regulator will, of course, try to keep the 
voltage from rising. As soon as load is lost, the regu¬ 
lator contacts at once open and a block of resistance is 
inserted in the exciter field circuit. If a large amount of 
load is dropped on a waterwheel-driven generator, the 
generator voltage rises in spite of the fact that a block 
of resistance has been plac^ in the exciter field circuit, 
principally because flux change in the exciter and the 
generator is relatively slower than the speed change. 

, Curve A of Fig. 9 represents a voltage regulator test, 
as already mentioned. This curve is reproduced in 
Curve 4 of Fig. 2 for use in making calculations. For 
convenience, the starting point of the curve is raised to 
ill per cent generator voltage and all other points are 
raised in the same proportion. 
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It was previously stated that Curve 3 of Fig. 2 shows 
how the generator voltage increases, assuming an over¬ 
speed on the exciter, but no over-speed on the generator. 
By combining Curve 3 and Curve 4, a resultant curve is 
obtained, as shown by Curve 5, which represents ap¬ 
proximately the change in voltage when a load of 6100 
kw., 0.83 power factor is dropped, a direct-connected 
exciter and a voltage regulator being iised. 

Curve 3 is used to take care of a 6100-kw. drop of 
load, as well as a 5900-kw. drop of load, because, if two 
curves were plotted, one would fall practically on the 
other. Now, increasing the voltage points on Curve 5, 
in accordance with the increase of speed, as shown by 
Curve 2 A, final calculated results are obtained as shown 
on the small triangles. These calculated points fall 
reasonably close to the test Curve 2 B, 

Amount and Power Factor of Load Dropped. The per 
cent voltage regulation of a generator and the per cent 
speed regulation of a turbine being greater for full 
load than for part load, it is obvious that the loss of full 
load on a generator will cause a greater rise in voltage 
. than dropping part load. 

As the power factor of a load being furnished by a 
generator is decreased below unity (assuming constant 
kw. output), the field excitation, the kv-a. output, and 
the internal genmited voltage increase. Therefore, 
the lower the power factor of the load dropped, the 
greater will be the rise in voltage. 

Conclusions 

It is not considered good practise to subject a trans¬ 
mission system to high over-voltages, especially if they 
are of long duration, because such over-voltage might 
cause damage to the generators, motors, transformers, 
lightning arresters, lines, insulators, and other equip¬ 
ment connected to the system. 

Each piece of apparatus is designed for a particular 
maximum voltage, should be tested in accordance with 
A. I. E. E. Standardization Rules, and should operate 
continuously and successfully at that voltage under 
normal operating conditions. If the voltage is in¬ 
creased above normal, apparatus or equipment may or 
may not fail, according to the following factors: 

1. Maximum over-voltage obtained. 

2. Duration of over-voltage, taking into considera¬ 
tion the speed with which the voltage is increased or 
decreased. 

3. Factor of safety in insulation and design of 
apparatus or equipment. 

In other words, the time element of over-voltage 
must be taken into consideration as well as the maxi¬ 
mum overvoltage. For example, a piece of apparatus 
may withstand an impulse voltage of double normal or 
more, when the duration of the impulse is a fraction of 
a cycle, but may fail if subjected to a voltage of much 
1^ value when apphed continuously for several seconds 
at normal frequency. 


In general, it is desirable to design any piece of 
apparatus so that it has as high a factorof safety against 
failure as is consistent with an economical design. 
The proper balance between factor of safety and 
economy of design depends largely on the principle xmder- 
Isdng the design. In some kinds of apparatus, such as 
transformers, a high factor of safety is possible; in 
others, as lightning arresters, the same high degree of 
safety with over-voltage is incompatible with the 
proper function of the device. 

An attempt to capitalize the factor of safety by oper¬ 
ating a piece of apparatus at voltages above normal 
should never be made. Furthermore, it should not be 
assumed that the factor of safety will take care of any 
over-voltage that may exist momentarily on a system. 

Although the apparatus treated thus may not fail 
immediately, the insulation or other parts may be 
weakened, so that by repeating or continuing the 
conditions of over-voltage, eventual failure is invited. 

Total loia of load, and therefore dangerous over¬ 
voltage, may occur on any hydroelectric station having 
only one or two outgoing lines. If all, or nearlyall, of 
the power is fed out from the station over one line, 
then in case of trouble it is quite possible that load on 
this line wUl be lost, particularly if the line is adequately 
protected by relays. If a station has two outgoing 
lines, both linebreakersmay occasionally tripautomatic- 
ally; also, if two outgoing lines are used, one line may 
be under repair, in which case all of the power would be 
transmitted over the second line. The situation would 
then be the same as though only one line existed. 

When the load is fed out over three or more lines, 
there is much less likelihood of complete loss of load; 
therefore, the same precautions are not as essential as in 
the case of stations having only one or two circuits. 

The contact of the over-speed and the over-voltage 
relays may be connected either in midtiple or in series. 
If they are connected in multiple, the 6vCT-voltage relay 
should be given a sufficiently high setting to jirevent it 
operating in case of ordinary switching surges. If 
the contacts are coimected in. series, the over-voltage, as 
well as the oyer-speed relay, may be given a rather low 
setting. 


Discussion. 

®t. W. Smith! The paper hy Mr. Burnham is valuable in 
that it g^ves us actual tests on. the over-voltages due to over¬ 
speeding of waterwheel generators. This problem has also 
been encountered by the Niagara Falla Power Company who have 
had lightning arresters fail due to the rise in voltage on dropping 
of load. Tests have shown that with load suddenly dropped, the 
generator volt^e has increased from 12,000 to 21,000 volts. 
There was an instantaneous increase up to about 30 per cent 
above normal voltage. An ovm-voltage relay has been used to 
correct this difficulty, and the primary relay of the standard 
induction feeder regulator has been used as the voltage relay. 
This relay operates in about ten cycles of a 25-oyolo system, and 
has been set to operate at 30 per cent above normal voltage. 

• At the Mitchell Dam plant of the Alabama Power Company, 
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the combination of over-voltage and over-frequency relays is 
used. 

W* F. Dawsons There seems to bo a difference in practise in 
respect to waterA^^heel governing. We in this country do not, 
so far as I know, provide by-passes to the penstock. Therefore 
it is necessary to have the. governors operate very slowly. Other¬ 
wise the inertia of the water column would destroy the penstock. 
I do not know how far they have carried the practise, but I 
happened to be iii England about eighteen years ago when a 
prominent London firm was asking for tenders for d-c. generators 
to be connected with water-wheels at the Lockleven plant of the 
British Aluminum Company. Following our American practise, 
I designed the proposed d-c. generators for about 50 per cent 
overspeed. It is tho custom of consulting engineers in this coun¬ 
try to require that generators and water-wheels be perfectly 
safe from mechanical overspeed stresses, at the anticipated run¬ 
away speed of tho water-wlioels. J told the consulting engineer 
that we had made such provision in the machines upon which 
we were tendering, and he was surprised. 

He said, “We do not have to allow for that. Our waterwheel 
builders provide by-passes about the penstock, so that the 
governors can operate with sufficient rapidity to prevent over¬ 
speeding.” 

That is the only case I have ever had brought to my attention 
suggesting that by-passes were provided. If any waterwheel 
designers are here, we should have information from them, be¬ 
cause it is certainly a tremendous handicap to the designers of 
generators for waterwheel plants, not to speak of the bad effect 
on over-voltage, to have to provide for from 50 to 75 per cent 
over-speed. 

I realize, of course, that bj'^-passes moan increased capital 
account, but the high over-speeding that has to be provided for 
also means big increase in the cost, not to speak of the disad¬ 
vantage due to higli over-voltage. 

H. C. Don Carloss I should like to correct the impression 
which might be gained from tho last remarks, which intimate 
that pressure-regulating valves are not commonly used in this 
country. I think that a large majority of the high-head plants in 


this country are designed to use relief valves which are operated 
from the governor mechanically to give a by-pass in the case of 
heavy load rejections, which would tend to produce a heavy pres¬ 
sure rise in the penstock. 

There is another factor which I believe has not been mentioned 
in the paper or the discussion, which should not be overlooked in 
a consideration of the over-speed of hydroelectric units, that is, 
the characteristic of the Francis-type turbine itself, which pro¬ 
tects it against an over-speed of more than 65 to 70 per cent. 
Without any governors at all, most water wheels of this type will 
not attain an over-speed of more than 65 to 70 per cent on ac¬ 
count of the choking of the water in the wheel. 

E- J. Burnham t It has been suggested that resistance might 
be placed in the exciter field, and also in the generator field, in 
order to check the rise of voltage on a generator that has lost 
load. 

Curve a. Pig. 9, of the paper shows the way generator voltage 
decreases when resistance is placed in the exciter field circuit. 
As the resistance in the field circuit is increased, Curve a ap¬ 
proaches Curve h as tho limit. 

The results of inserting resistance in the generator field 
circuit at the time of dropping load would be represented by a 
curve lying between Curve h and Curve c, of Pig. 9. The method 
of inserting resistance in the generator field circuit could easily 
be adopted in cases where face-plate regulators are used. 

Regarding the time of reaching maximum speed, after full 
load has been dropped, the time of three seconds is not uncom¬ 
mon on waterwheels of orcMnary design, as shown by Curve D, of 
Typical Water Wheel Characteristics, Fig. 16. 

The water-turbine characteristic curves shown by Pig. 16 
apply, in a general way, to water turbines of different sizes, and 
used under different conditions, because, taking into considera¬ 
tion the different factors, such as size of turbine, length of pen¬ 
stock, and W of revolving parts, the results will be approxi¬ 
mately the same in any case. 

In accordance with Mr. Don Carlos* remarks, by-passes are 
commonly used in this country for stations having high heads. 
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Synopsis. —With an increase of traffic carrying capacity of 
$00 per cent over that of corresponding cables of the previous art^ 
the New York-Azores permalloy-loaded cable marks a revolution 
in submarine cable practise. This cable represents the first practical 
application of inductive loading to transoceanic cables. The 
copper conductor of the cable is surrounded by a thin layer of the new 
magnetic material^ permalloy, which serves to increase its inductance 
and consequently its ability to transmit a rapid succession of 
telegraph signals. 


This paper explains the part played by loading in the operation of 
a cable of the new type and discusses some of the problems which 
were involved in the development leading up to the first commercial 
installation. Particular attention is given to those features of the 
transmission problem wherein a practical cable differs from the 
ideal cable of previous theoretical discussions. 

Brief mention is made of means of operating loaded cables and 
the possible trend of future development. 

:18 * # * * 


T he announcement on September 24, 1924, that 
an operating speed of over 1500 letters per minute 
had been obtained with the new 2300-mile New 
York-Azores permalloy-loaded cable of the Western 
Union Telegraph Company brought to the attention 
of the public a development which promises to revolu¬ 
tionize the art of submarine cable telegraphy. This 
announcement was based on the result of the first test 
of the operation of the new cable. A few weeks later, 
with an improved adjustment of the terminal ap¬ 
paratus, a speed of over 1900 letters per minute was 
obtained. Since this speed represents about four 
times the trafiic capacity of an ordinary cable of the 
same size and length, it is clear that the permalloy- 
loaded cable marks a new era in transoceanic 
communication. 



Pia. 1 —^Pbrmallot-Loabed Cabls 

Above, section of deep sea type showing construction. 

Below, section of core showing permalloy tape partly unwound. 

The New York-Azores cable represents the first 
practical attanpt to secure increased speed of a long 
submarine telegraph cable by inductive loading and it 
is the large distributed inductance of this cable which 
is principally responsible for its remarkable perform¬ 
ance. This inductance is secured by surrounding the 
conductor of the cable with a thin layer of permalloy. 
Fig. 1 shows the construction of the deep sea section of 
the cable. In appearance it differs from the ordinary 
type of cable principally in having a permalloy tape,, 
0.006 in. thick and 0.126 in. wide, wrapped in a dose 
helix around the stranded copper conductor. 

Permalloy, which has been described by Arnold and 

1, Bell Telephone Lahoratories, Inc. 

Presented at the Annual Convention of the A. J. E. E., 
Saratoga Springs, June 1926. 


Elmen®, is an alloy consisting principally of nickel and 
iron, characterized by very high permeability at low 
magnetizing forces. The relative proportion of nickel 
and iron in permalloy may be varied through a wide 
range, or additional elements, as for example, chromium, 
may be added to secure high resistivity or other 
desirable properties. On accoimt of its extremely 
high initial permeability, a thin layer of permalloy 
wrapped around the copper conductor of a cable 
greatly increases its inductance even for the smallest 
currents. 

In the ease of the New York-Azores cable the 
permalloy tape is composed of approximately 78 
per cent nickel and 21per cent iron and gives the 
cable an inductance of about 54 millihenries per nautical 
mile. An approximate value of the initial permeability 
of the permalloy in that cable may be obtained by 
assuming the helical tape replaced by a continuous 
cylinder of magnetic material of the same thickness. 
This material would have to have a permeability of 
about 2300® to give the observed inductance. A better 
appreciation of the extraordinary properties of the new 
loading material may be obtained by comparing this 
pmneability with that which has previously been 
obtained with iron as the loading material. The Key 
West-Havana telephone cables are loaded wth 0.008- 
in. diameter soft iron wire. The permeability of this 
wire, which was the best which could be obtained 
commercially when that cable was made, is only about' 
115, o: approximately one-twentieth of that of the perm¬ 
alloy tape of the New York-Azores cable. 

The proposal to use permalloy loading to increase the 

2. Journ. Franklin Inst., 'Vol. 195, pp. 621-632, May 1923. 

3. The true initial permeability is slightly higher. To com¬ 
pute it, account must be taken of the fact that, contrary to 'what 
has been sometimes assumed, the magnetic lines of induction in 
the tape do not form closed loops around the we but tend to 
f oUo'w the tape in a helioal path. The pitch of the helical path of 
the lines of induction is slightly less than that of the permalloy 
tape -with the result that a line of induction takes a number of 
turns .around the conductor, then crosses an airgap between two 
adjacent turns of tape and contiaues along the tape to a point 
where it again slips back across an airgap. 0. E. Buckley, 
British Patent No. 206,104, March 27,1924; also K. W. Wagner, 
E. N. T., Vol. I, No. 6, p. 167,1924. 
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speed of long telegraph cables was one outcome of an 
investigation undertaken by the author, soon after 
the war, to determine whether some of the new methods 
and materials developed primarily for telephony might 
not find important application to submarine telegraphy. 
In the subsequent development of the permalloy loaded 
cable a large number of new problems, both theoretical 
and practical, had to be solved before the manufacture 
of a cable for a commercial project could be undertaken 
with reasonable assurance of success. The problems 
encountered were of three principal lands. First was that 
of the transmission of signals over a cable having the 
characteristics of the trial conductors made in the 
laboratory. Although the theory of transmission over 
a loaded cable had been previously treated by others, 
the problem considered had been that of an ideal loaded 
cable with simple assumptions as to its electrical 
constants and without regard to the practical limita¬ 
tions of a real cable. The second class of problems had 
to do with the practical aspects of design, manufacture, 
and installation. In this connection an extensive 
series of experiments was conducted to determine the 


THE WESTERN ELECTRIC COMPANV 

rRESHEST mos AT BOTTOM MARKET PRICES 


_ SHE >S HIS SISTEI? _;_J_ 

Fio. 2 —Tjost Mjubsaoe—'Webtkiin Union New York-Azoues 
Permalloy Loaded Cable 

Hont from HoHa (Azores) and iH?coivetl at New York November 14,1924. 

Spood—1020 leltors por minute. 

Kocordcd with siiocial high speed siphon recorder. 

means required to secure, at the ocean bottom, the 
characteristics of the laboratory samples on which the 
transmission studies were based. Among the numerous 
problems which arose in this connection wgtc those 
concerned with protecting the copper conductor from 
any possible damage in the heat-treating operation 
which was necessary to secure the desired magnetic 
characteristics, and those concerned with protecting 
the strain-sensitive permalloy tape from being damaged 
by submerging the cable to a great depth. The third 
class of problems had to do with terminal apparatus and 
methods of operation. The protective speed of the 
new cable was quite beyond the capabilities of standard 
cable equipment and, accordingly, new apparatus and 
operating methods suited to the loaded cable had to 
be worked out. In particular it was necessary to 
develop and constnict instruments which could be used 
to demonstrate that the speed which had been pre¬ 


dicted could actually be secured. The success of the 
investigations along all three lines is attested by the 
results which were obtained with the New York- 
Azores cable. Fig. 2 shows a section of cable recorder 
slip, the easily legible message of which was sent from 
Horta, Fayal, and received at New York at a speed of 
1920 letters per minute. 

It is principally with regard to the first of these 
classes of problems, that of the transmission of signals, 
that the following discussion is concerned. No attempt 
will be made here to discuss the details of design and 
development of the physical structure of the cable, nor 
will there be given a detailed description of the oper¬ 
ating results or how they were obtained; these subjects 
must be reserved for later publication. It is desired 
in what follows to explain how inductive loading 
improves the operation of a submarine cable and to 
point out some of the problems concerned with the 
transmission of signals which had to be considered in 
engineering the first long loaded cable. 

In order to understand the part played by loading in 
the transmission of signals, it is desirable first to review 
briefly the status of the cable art prior to the introduc¬ 
tion of loading, and to consider the factors then limiting 
cable speed and the possible means of overcoming them. 
A cable of the ordinary t 3 rpe, without loading, is 
essentially, so far as its electrical properties are con¬ 
cerned, a resistance with a capacity to earth distributed 
along its length. Although it does have some induct¬ 
ance, this is too small to affect transmission at ordinary 
speeds of operation except on cables with extremely 
heavy conductors. The operating speed of a non- 
loaded cable is approximately inversely proportional 
to the product of the total resistance by the total 
capacity; that is, 

k 

^ = 'cW¥ 

where C is (capacity and R resistance per unit length, 
and I is the length of the cable. The coefficient, A;, is 
generally referred to as the speed constant. It is, 6f 
course, not a constant since it depends on such factors 
as terminal interference and method of operation, but 
is a convenient basis for comparing the efficiency of 
operation of cables of different electrical dimensions. 
As the technique of operating cables has improved, the 
accepted value of k has increased, its value, at any 
time, being dependent oh the factor then limiting the 
maximum speed obtainable. This factor has, at times, 
been the sensitiveness of the receiving apparatus, at 
other times, the distortion of signals, and in recent years, 
interference. During a great part of the history of 
submarin e cable telegraphy, distortion was considered 
the factor which limited the speed of operation of long 
cables and on this account most of the previous dis¬ 
cussions of submarine cable transmission have been 
concerned principally with distortion and means for 
correcting it. As terminal apparatus was gradually 
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unproved, means of correcting distortion were developed 
which practically eliminated distortion as an important 
factor in the operation of long cables. With distortion 
thus eliminated, the speed was found to be limited 
principally by the sensitiveness of the receiving ap¬ 
paratus. This limit was, however, in turn eliminated 
by the development of signal magnifiers. During 
recent years, in which numerous cable signal magnifiers 
have been available and methods of correcting dis¬ 
tortion have been understood, the only factor limiting 
cable speed has been the mutilation of the feeble 
received signals by interference. Most cables are 
operated duplex, and in these, the speed is usually 
limited by interference between the outgoing and 
incoming signals. In cables operated simplex, and also 
in cables operated duplex where terminal conditions are 
unfavorable, speed is limited by extraneous interference 
which may be from natural or man-made sources and 
which varies greatly in different locations. The 
strength of the received current must, in either case, 
be great enough to make the signals legible through 
the superposed interference current. Owing to the 



a. Non^loaded cable 

b. Ideal loaded cable 

c. Real loaded cable (approximate) 

rapidity with which the received signal amplitude is 
decreased as the speed of sending is increased, the 
limitiTig speed is quite sharply defined by the inter¬ 
ference to which the cable is subject. 

With the speed of operation thus limited, there were 
two ways in which the limiting speed could be increased; 
the interfOTence could be reduced, or the strength of 
signals made greater. No great reduction in inter- 
fOTence due to lack of perfect duplex balance could be 
expected, as balancing networks had already been 
greatly refined. Extraneous interference in certain 
cases could be reduced by the use of long, properly 
terminated sea-eartihs. The dgnal strength could be 
increased either by increasing the sending voltage or by 
decreasing the attenuation of the cable. Nothing at all 
is gained, however, by increasing the voltage in duplex 


operation where lack of perfect duplex balance limits 
the speed, and in simplex operation any gain from rais- 
ing th6 volt 3 .g 6 is obt£iiii6(i Rt the cost of incrcRscd risk 
to the cable, the sending voltage being usually limited to 
about 50 volts by considerations of safety. The at¬ 
tenuation of the cable could be reduced and the strength 
of the signal increased by use of a larger copper con¬ 
ductor or by using thicker or better insulating material. 
None of these possible improvements, however, seemed 
to offer a prospect of very radical advance in the art. 

In telephony, both on land and submarine lines, an 
advantage had been obtained by adding inductance* 
in either of two ways, by coils inserted in series with the 
line or by wrapping the conductor with a layer of iron. 
The insertion of coils in a long deep-sea cable was prac¬ 
tically prohibited by difficulties of installation and 
maintenance. Accordingly, only the second method of 
adding inductance, commonly known as continuous 
loading, could be considered for a transoceanic tele¬ 
graph cable and it is primarily with regard to continuous, 
loading that the following discussion is concerned. 

Most of the proposals to load telegraph cables have 
had the object of reducing, or eliminating, distortion, 
and accordingly most of the mathematical treatments 
of loading have been from that point of view. The 
reduction of distortion is, however, not the only benefit 
to be obtained from loading and, in fact, may not 
alwas^s be secured in the high-speed operation of si 
loaded cable. The principal benefit of loading from 
the practical standpoint is to decrease the attenuation 
of the signals so that for a given frequency more cur¬ 
rent will be received or so that the minimum permis¬ 
sible current may be received with a greater speed of 
signaling. From the mathematical standpoint, there 
are two ways of treating the problem of the loaded 

4. The idea of improving the transmission of signals over a 
line by adding distributed inductance to it originated with 
Oliver Heaviside in 1887, (Electricianf Vol. XIX, p. 79, and 
Electromagneiic Theory, Vol. 1, p. 441, 1893), who was the first 
to call attention to the part played by inductance in the trans-* 
mission of current impulses over the cable. Pie suggested, as a 
means for obtaining increased inductance, the use of iron as a 
part of the conductor or of iron dust embedded in the gutta 
pereha insulation. Ho also proposed inserting inductance coils 
at intervals in a long line. Other types of coil loading were 
proposed by S. P. Thompson (British Patent 22,304—1891, and 
U. S. Patents 571,706 and 571,707—1896), and by C. J. Reed 
(U. S. Patents 510,612 and 610,613—1893). M. I. Pupin 
(A. I. E. E. Trans., Vol. XVI, p. 93,1899, and Vol. XVII, p. 446, 
1900) was the first to formulate the criterion on the basis of which 
coil loaded telephone cables could be designed. Continuous 
loading, by means of a longitudinally discontinuous layer of 
iron covering the conductor, was proposed by J. S. Stone in 1897 
(U. S. Patent 578,276). . Breisig (E. T. Z,, Nov. 30, 1899) sug¬ 
gested the use of an open helix of iron wire wound around the 
conductor and Krarup (E. T. Z., April 17,1902) proposed using a 
closed spiral so that the adjacent turns were in contact. J. H. 
Cuntz (U. S. Patent 977,713 filed March 29, 1901) proposed 
another form of continuous loading. Recent general discussion 
of loaded telegraph cable problems has been given by Mal¬ 
colm (Theory of Submarine Telegraph and Telephone Cable, 
London, 1917), and by K. W. Wagner, (B. N. T., Oct. 1924). 
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cable: first, with regard to the transmission of a tran¬ 
sient impulse, and second, with regard to setting up 
steady alternating currents of definite frequency. In 
the ultimate analysis the solution of either problem 
can be got from the other. However, for practical pur¬ 
poses they are two distinct means of attack. The choice 
oftheonetobeused depends on the object to be secured. 
If one is concerned primarily with the effect of the cable 
on the wave shape of the signal transmitted over it, it is 
fairly obvious that the transient treatment has ad¬ 
vantages. If, however, one is concerned only with the 
strength of the received signal, as is the case if there 
is assurance that the signal shape can, in any event, be 
corrected by terminal networks, then the steady state 
treatment is sufficient and much more convenient to 
apply. In the case of the real loaded cable the complete 
transient solution is extremely complex and the steady 
state treatment relatively simple. The solution of the 
transient problem of an ideal loaded cable is, however, 
very valuable to give a physical picture of how induct¬ 
ive loading aids the high speed transmission of signals. 

The transient solution of the problem of an ideal 
heavily loaded cable has been worked out by Malcolm* 
and more rigorously by Carson,* who have determined 
the curve showing the change of current with time at one 
end of the cable if a steady e. m. f. is applied at zero 
time between the cable and earth at the distant end. 
Such a curve is called an "arrival curve” and for an 
ideal loaded cable comprising, only constant distributed 
resistance, capacity and inductance may have a form 
like that shown in Curve b of Fig. 3, which is to be com¬ 
pared with Curve a, which is the arrival curve of a non- 
loaded cable. The straight, vertical part of Curve b 
represents the “head” of the signal wave which has 
traveled over the cable at a definite speed and with 
diminishing amplitude. The definite head of the ar¬ 
rival curve is the most striking characteristic difference 
between the ideal loaded and the non-loaded cable. 
In the latter, as is evident from Fig. 3, the current at the 
receiving end starts to rise slowly almost as soon as the 
key is closed at the transmitting end. When an 
e. m. f. is applied to the sending end of the non-loaded 
cable, a charge .spreads out rapidly over the whole 
length, the receiving end charging up much more slowly 
than the sending end on account of the resistance of the 
intervening conductor. Hence, if a signal train, con¬ 
sisting of rapidly alternating positive and negative 
impulses, is applied to the sending end, the effect at the 
receiving end of charging the cable positively is wiped 
out by the succeeding negative charge before there has 
been time to build up a considerable positive potential 
and the successive alternating impulses thus tend to 
annul each other. In the loaded cable the effect of 
inductance is to oppose the setting up of a current and to 
maintain it once it has been established, and thus to 

6. Theory of the Submarine Tdegraph and Telephone Cable, 
London, 1917. 

6. l-RANs. A. I. E. E., Vol. 38, p. 346,1919. 


maintain definite wave front as the signal impulse 
travels over the cable. Hence, with inductive loading, 
the strength and individuality of the signal impulses are 
retained and a much higher speed of signaling is possible. 
It should be noted that by speed of signaling is meant 
the rapidity with which successive impulses are sent 
and not the rate at which they travel over the cable. 
This speed of travel is actually decreased by the addi¬ 
tion of inductance, about one third of a second being 
required for an impulse to traverse the New York- 
Azores cable from end to end. 

It should be noted that Curve b of Fig. 3 is for 
an ideal loaded cable in which the factors of resistance, 
capacity, and inductance are constant. In a real loaded 
cable none of these factors are constant and the arrival 
curve cannot be simply and accurately computed. 
Even the capacity which is usually assumed as con¬ 
stant for real cables, varies appreciably with frequencies 
in the telegraph range, and, owing to the fact that gutta 
percha is not a perfect dielectric material, its conduct¬ 
ance, which is dso variable with frequency, miist be 
taken into account. Although the inductance of the 
cable is substantially constant for small currents of low 
frequency, it is greater for the high currents at the 
sending end of the cable on account of the increase of 
magnetic permeability of the loading material with 
field strength and is less at high frequencies than at low 
on account of the shielding effect due to eddy currents. 
The resistance is highly variable since, in addition to 
the resistance of the copper conductor, it comprises 
effective resistance due to eddy currents and hysteresis 
in the loading material, both of which vary with fre¬ 
quency and current amplitude. Furthermore, there 
is variable inductance and resistance in the return 
circuit outside the insulated conductor which must be 
•taken into accoimt. Although it is very difficult to 
compute the exact arrival curve of a cable subject to 
all of these variable factors, an approximate calculation 
in a specific case, like that of the New York-Azores 
cable,'shows that the arrival curve has the general shape 
of Curve c of Fig. 3. It will be noticed that although this 
arrival curve lacks the sharp definite head, character¬ 
istic of the ideal loaded cable, it still has a relatively 
sharp rise and that the time required for the impulse 
to traverse the cable is not greatly different from that 
of the ideal loaded cable. 

Although it is difficult to take exact account of the 
variable characteristics of the loaded cable in the solu¬ 
tion of the transient problem, it is easy to take account 
of them in- the steady state or periodic analysis by 
means of well-known methods. If a steady sinusoidal 
voltage, V„ is applied at one end of the cable, the 
resulting voltage, V„ a.t the distant end, will be given 
by the equation 

Vr = kV. 

where I is the length, P the propagation constant of the 
cable, and k a constant which depends on the terminal 
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impedance and which is unity in case the cable is 
terminated at the receiving end in its so-called charac¬ 
teristic impedance. The propagation constant is 
given by the formula, 

P = v'(-R + 4P-^')(^ + *pC') = 01 + 10 
where R is the resistance, L is the inductance, G is the 
leakance, C is the capacity per unit length, and p 
is 2 7 r times the frequency. The real part of the 
propagation constant, oc, is called the attenuation 
constant and the imaginary part, j8, the wave length 
constant. By separating a and 0, the amplitude and 
phase displacement of the received voltage relative to 
the sent voltage may be computed for any particular 
frequency and the behavior of a complex signal train 
may be worked out by analyzing it into its Fourier 
components and treating than separately. The phase 
shift is, however, of importance mainly as regards the 
shape of the received signals, and their amplitude may, 
in general, be obtained from the attenuation constant 
alone. Thus if it is known that the signal shape can, 
in any case, be corrected by terminal networks, there 
is no need to be concerned with more than the attenua¬ 
tion constant to compute the speed of the cable. 

In the case of a cable of the pqrmalloy-loaded type, 
a is given with an approximation^ sufficiently close for 
the purposes of this discussion by the equation 



For the purpose of computing R, it is convenient to 
separate it into its components, giving 

a = ~~2 ^i2o+jBe+iZ«+i2A-|-~^ 

where 

Rc = copper resistance per unit length 
R, - eddy current resistance per unit length 
R, = sea return resistance per imit length 
Rh = hysteresis resistance per unit length 

The copper resistance, Rc, is that determined by a 
direct-current measurement of the loaded conductor, 
since the resistance of the loading tape is so high and 
its length is so great that the current flowing longitudi¬ 
nally through it may be safely neglected. 

The eddy current resistance, Rc, is given approxi¬ 
mately by the formula, 

„ m y? P 
R, = —73—77" 
pid-t) 

where t is the thickness or diameter of the loading tape 
or.wire, dis the outsidediameteroftheloaded conductor, 
/is the frequency, pis the resistivity of the loading mate¬ 
rial, y is its magnetic permeability, and mis a constant 
which depends on the form of the loading material and 
is, in general, greater for tape than for wire load- 

7. For accurate computation of attenuation the complete 
formula for a must be used. 


ing. Although it is possible to compute a value of 
m, the value found in practise is always larger than the 
theoretical value, which is necessarily based on simple 
assumptions and does not take into account such a 
factor as variation of permeability through the cross- 
section or length of the loading material. Accordingly, 
it is necessary for any particular t37pe of loaded con¬ 
ductor to determine m experimentally. 

The sea-retum resistance may safely be neglected 
in the computation of slow speed non-loaded cables, 
but it is a factor of great consequence in the behavior 
of a loaded cable. By sea-retum resistance is meant 
the resistance of the return circuit including the effect 
of the armor wire and sea water surrounding the core 
of the cable. Although the exact calculation® of this 
resistance factor is too complex to be discussed here, 
the necessity of taking it into account may be quite 
simply explained. Since the cable has a groimd return, 
current must flow outside the core in the same amount 
as in the conductor. The distribution of the return 
current is, however, dependent on the stracture of the 
cable as well as on the frequencies involved in signaling. 
If a direct current is sent through a long cable with the 
earth as return conductor, the return current spreads 
out through such a great volume of earth and sea 
water that the resistance of the return path is negligible. 
On the other hand, if an alternating current is sent 
through the cable, the return current tends to con¬ 
centrate around it, the degree of concentration in¬ 
creasing with the frequency. With the return current 
thus concentrated the resistance of the sea water is of 
considerable consequence. It is further augmented by 
a resistance factor contributed by the cable sheath. 
This may be better understood by considering the 
cable as a transformer of which the conductor is the 
primary and the armor wire and sea water are each 
closed, secondary circuits. Obviously, the resistances 
of the secondary circuits of armor wire and sea water 
enter into the primary circuit and hence serve to in¬ 
crease the attenuation. The presence of the armor 
wires may thus be an actual detriment to the trans¬ 
mission of signals. 

To take account of the hysteresis resistance, Rh, 
and also of the increased inductance and eddy current 
resistance at the sending end of the cable, it is most 
convenient to compute the attenuation of the cable for 
currents so anall that Ri, may be safely neglected. The 
attenuation thus computed is that which would be 
obtained over the whole cable if a very small sending 
voltage were used. The additional attenuation at the 
sending end for the desired sending voltage may then 
be approximated by computing successively from the 
sending end the attenuation of short lengths of cable 
over which the current amplitude may be considered 
constant, the attenuations of separate lengths being 
added together to give the attenuation of that part of 

8. See Carson and Ghbert, Jour. Frankiin InaU, Vol. 192, 
p. 705,1921, and Electrician, Vol. 88, p. 499,1922. 
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the cable in which hysteresis cannot be neglected. In 
this computation, account must, of course, be taken of 
the increased inductance and eddy current resistance 
accompanying the higher currents at the sending end. 

Having calculated or obtained by measurement the 
several resistance factors, and knowing the capacity, 
leakance, and inductance, the whole attenuation of a 
cable for any desired frequency may be computed and a 
curve drawn showing the variation of received current 
with frequency for a given sending voltage. This 
relation for a pai’ticular case is shown in Curve c of 
Pig. 4. Curve a shows, for comparison, the relation 
between frequency and received current of a non-loaded 
cable of the same size, that is, a cable having a conductor 
diameter the same as that of the loaded conductor and 
having the same weight as gutta percha. Curve 6 shows 



a, Non-Joaded cable 

b, Ideal loaded cable 

c, K(uil loaded cable 


the behavior of an ideal loaded cable having the same 
inductance, capacity, and d-c. resistance as the real 
loaded cable of Curv^e c, but in which the leakance 
and alternating current increments of resistance are 
assumed to be zero. 

Now, if the level of interference through which the 
current must be received is known, the maximxim speed 
of signaling for the loaded cable may be obtained from 
Curve c. It is that speed at which the highest fre¬ 
quency necessary to make the signals legible is received 
with suflScient amplitude to safely override the super¬ 
posed interference. Just what the relation of that 
frequency is to the speed of signaling cannot be defi¬ 
nitely stated, since it depends on the method of oper- 
tion and code employed as well as on the desired per¬ 
fection of signal shape. J. W. Milnor" has suggested 
that for cable code operation and siphon recorder 
reception a fair value is about 1.6 times the fimdamental 

9. Journal A. I. B. E., Vol. 41, p. 118,1922; Thansactions 
A. I. E. E., Vol. 41, p. 20, 1922. 


frequency of the signals, that is, the fundamental 
frequency when a series of alternate dots and dashes 
is being sent. 

By referring again to the equation for a, it can now be 
explained why high permeability is a necessary char¬ 
acteristic of the loading material if benefit is to be 
obtained from continuous loading. The addition of 
the loading material has two oppositely directed effects; 
on the one hand it tends to improve transmission by 
increasing the inductance and consequently decreasing 
the attenuation, and on the other hand it tends to 
increase the attenuation by increasing the effect of 
leakance and by the addition of resistance. Not only 
are the hysteresis and eddy-current factors of resistance 
added by the loading material, but it must also be 
looked on as inarming either the copper resistance or 
the capacity on account of the space it occupies. Gen¬ 
erally it is more convenient to look on the loading ma¬ 
terial as replacing some of the copper conductor in the 
non-loaded cable with which comparison is made, 
since by so doing all of the factors outside of the 
loaded conductor are unchanged. Now, if the loading 
material is to be of any benefit, the decrease in attenu¬ 
ation due to added inductance must more than offset 
the increase due to added resistance, including the added 
copper resistance due to the substitution of loading 
material for copper. In the limiting case the lowest 
permeability material which will show a theoretical 
advantage from this point of view is that which, as 
applied in a vanishingly thin layer, gives more gain 
than loss. For any particular size and length of cable 
there is a limiting value of prameability which will 
satisfy this condition, this limiting value being greater 
the longer the cable and the smaller the diameter of its 
conductor.’® For transatlantic cables of sizes laid prior 
to 1923, the minimum initial permeability required to 
show an advantage is higher than that of any ma¬ 
terial known prior to the invention of permalloy. Ac¬ 
tually a considerably higher permeability than this 
theoretical minimum was, of course, required to make 
loading an economic advantage, since there are practi¬ 
cal limits to the thickness of loading material and 
since the cost of applying it has also to be taken into 
account. Further, there are limits on methods of 
operation, imposed by loading, which necessitate still 
higher permeability to make loading worth while. 

Since the addition of loading has two opposite ten¬ 
dencies in its effect on attenuation, the practical design 
of the cable must be based on a compromise between 
them. Thus, to secure the maximum gain from load¬ 
ing a cable of a given size, the loading material should 
be chosen of such a thickness that the gain due to in¬ 
creased inductance from a slight increase of thickness 
just offsets the loss due to increased resistance and 
dielectric leakance. In practise, of course, economic 
considerations of the cost of various thicknesses of load¬ 
ing must also be taken into account. 

10. 0. E. Buckley, British Patent No. 184,774, 1923. 
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In designing the New York-Azores cable some 
assumption had to be made as to the extraneous iiito- 
ference which would be encountered. Theoretical 
considerations led to the belief that the loaded cable 
would be no more subject to external interference than 
non-loaded cables. It even appeared that it would 
be less affected by some types of interference, for, owing 
to the shorter wave length for a given frequency, a 
disturbance which affects a great many miles of cable 
simultaneously is less cumulative in its effect at the 
terminal of a loaded than a non-loaded cable. A 
reasonable assumption seemed to be that the total 
overall attenuation which could be tolerated for the 
loaded cable was at least as great as that which expe¬ 
rience had shown to be permissible for simplex operation 
of non-loaded cables. Of course, this maximum per¬ 
missible attenuation depends on conditions of terminal 
interference, and no fixed value can be given as appli¬ 
cable to all cables. However, for average conditions of 
terminal interference in locations free from power-line 
disturbances, and where the cable lies in relatively 
deep water near to its terminal landing, a reasonable 
value of total attenuation constant for the fundamental 
frequency of cable code is about 10 (86.9 T. U.) for 
recorder operation and about 9 (78.2 T. U.) for relay 
operation. These were the approximate values as¬ 
sumed for the New York-Azores cable and later ex¬ 
perience has demonstrated that they were well justified. 

Throughout all of the preceding discourse, it has been 
assumed that the relation between attenuation and 
terminal interference would limit the speed of simplex 
operation, rather than that distortion of signal shape 
would be the limiting factor. Although this is, in fact, 
the case with non-loaded cables,“ it was not self-evident 
as regards the loaded cable, and to make reasonably 
certain that the speed could be determined from the 
attenuation-frequency relation required a demonstra¬ 
tion fhat the signal distortion of a real loaded cable 
could be corrected by suitable terminal apparatus. One 
of the merits long claimed for loading was that it would 
reduce distortion and, indeed, an ideal loaded cable 
with constant inductance aind without magnetic hy¬ 
steresis, eddy current loss, dielectric leakance, and 
sea-return resistance would have very little distortion 
and would give a speed limited only by terminal 
apparatus. However, a real loaded cable, the induct¬ 
ance of which varies with both current and frequency 
and in which all the above noted resistance factors 
are present, may give, and in general will give when 
operated at its maximum speed, greater distortion 
of signals than a non-loaded cable.. 

To solve the question of distortion on a purdy 
theoretical basis required consideration of the trans¬ 
it. Recent work of J. R. Carson (U. S. Patent 1,315,639— 
1919) and R. C. Mathes (U. 8. Patent 1,311,283—1919) lias 
shown that with the combined use of vacuum tube amplifiers and 
distortion correcting networks, distortion in non-loaded cables 
can be compensated to any desired degree. 


mission of a transient over the loaded cable. This was 
made extremely difficult by the existence of numerous 
possible causes of signal distortion, the effects of which 
could only be approximated in the solution of the tran¬ 
sient problem. In addition to the distortion resulting 
from the rapid increase of attenuation with frequency 
due to the various sources of a-c. losses, distortion pecu¬ 
liar to the magnetic characteristics of the loading 
material had also to be taken into account. There 
are several types of magnetic distortion worthy of con¬ 
sideration. First, there is the production of harmonics 
as a result of the non-linear magnetization curve of the 
loading material; second, there is a possible asymme¬ 
trical distortion due to hysteresis, and third, there is a 
possible modulation resulting from the superposition of 
one signal upon another, which is, in effect, a modula¬ 
tion of the head of the wave of one impulse by the tail of 
the wave of a preceding impulse. The first two of these 
are effective at the sending end of the cable and the 
third near the receiving end. 

A computation of distortion, including the peculiar 
magnetic effects, by a steady state, a-c. method, based on 
measurements of short loaded conductors, indicated 
that the cable should operate satisfactorily with or¬ 
dinary sending voltages. Further evidence that none 
of these various t 3 rpes of distortion would be of serious 
consequence, and that the distortion of a loaded cable 
could be corrected by terminal apparatus, was obtained 
by experiments with an artificial line constructed to 
simulate closely, as regards electrical characteristics, the 
t 3 q)e of loaded conductor with which experiments were 
then being made. This artificial line was loaded with 
iron-dust core coils, which admirably served the 
purpose, not only as regards inductance and a-c. 
resistance but also as regards magnetic distortion. 
Iron dust is, of course, very different from permalloy in 
its magnetic characteristics. But owing to the large 
number of turns on a coil, it is operated at much higher 
field strengths and on a part of the magnetization curve 
corresponding approximately to that at which permalloy 
is operated on the cable. In fact the case for magnetic 
distortion was a little worse on the artificial line than in 
the then proposed cable. Fig. 5 shows an illustration 
of the artificial line, the coils of which are in the large 
iron pots and the resistance and paper-condenser 
capacity units of which are in the steel cases. This 
line was equivalent to a 1700-nautical-mile cable, 
loaded with 80 millihenries per nautical mile, and over 
it, legible signals were secured at speeds up to more 
than 2600 letters per min. Such a speed of operation 
was quite beyond the range of the then available tele¬ 
graph instruments, and accordingly special transmit¬ 
ting and receiving instruments were required. The 
multiplex distributor, of the Western Electric printing- 
telegraph system, proved an excellent transmitter for 
e^erimental purposes, and for receiving, use was made 
of a combined vacuum-tube amplifier and signal-shap¬ 
ing network, the signals being recorded on a string 
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oscillograph. Fig. 6 shows part of a test .message 
received oyer the loaded artificial cable at a speed of 
2240 letters per min. 

The results of the tests with the artificial loaded 
cable were entirely in agreement with the author’s 
calculations, and showed that it was possible to obtain 
satisfactory signal shape with a coil loaded cable having 
a-c. resistance and distortion factors approximating 
those of the permalloy loaded cable. The. exact 



Fi(i. 5 —Loaded Artiiocial Link 


behavior of the proposed cable, including such factors as 
sea-retum resistance and a somewhat variable dis¬ 
tributed inductance, could not, of course, be duplicated 
without prohibitive expense. The approximation was 
considered, however, to be sufficiently good to justify 
proceeding with a loaded cable installation so far as 
questions of signal shaping were concerned. It is 
interesting to note that the factor which limited the 
operating speed of the artificial loaded cable was one 
which is not present in a continuously loaded cable but 
which possibly would be a serious factor in the operation 
of a coil loaded cable, namely, the oscillations’* resulting 
from the finite size and separation of the inductance 
units. 

With the completion of the artificial loaded cable 
tests, there was still one principal question of transmis¬ 
sion which had to remain unanswered until a cable had 
been installed. This was the question of balancing the 
cable for duplex opOTation, Ordinary submarine cables 
are generally operated duplex, the total speed in the 
two directions being usually from about 1.3 to 2 times 
the maximum simplex or one-way speed. Except in 
<^ses where the external interference is very bad, the 
limiting speed of duplex operation is determined by the 
accuracy w ith which au artificial line can be made the 

12. Carson, Trans. A. I. B. E.. Vol. 38, p. 345,1919. 


electrical equivalent of the cable. Ordinarily, the 
artificial line is made up only of units of resistance and 
capacity arranged to approximate the distributed 
resistance and capacity of the cable. Sometimes 
inductance units are added to balance the small induct¬ 
ance which even a non-loaded cable has. In the 
actual operation of cables, artificial lines are adjusted 
with the greatest care and a remarkable precision of 
balance is obtained. This is necessary because of the 
great difference in current amplitude of the outgoing 
and incoming signals, the former being of the order of 
10,000 times the latter. It is quite obvious that it will 
be much more difficult to secure duplex operation with a 
loaded cable than with one of ordinary type, since not 
only do the copper resistance and the dielectric capacity 
have to be balanced, but the artificial line must also be 
provided with inductance and a-c. resistance. Also 
the sea-retum resistance and inductance which vary 
with frequency must be balanced. 

In view of these difficulties, it will probably be 
impossible to get as great a proportionate gain from du¬ 
plex operation of loaded cables as is secured with ordi¬ 
nary cables. However, it is quite evident that it will be 
possible to obtain duplex operation at some speed, since, 
with loaded as with non-loaded cables, the ratio of 
received-to-sent current increases rapidly as the speed 
is reduced, and on this account it is much easier to 
duplex the cable at low speeds than at high. To 
make duplexing worth while oh a cable with approxi¬ 
mately equal traffic loads in both directions, it is, in 
general, only necessary to get a one-way duplex speed 
half as great as the simplex soeed. In fact, in some 
cases the operating advantages of duplex would warrant 
even a slower duplex speed. On the other hand, there 
are cables on which the traffic is .largely unidirec¬ 
tional through most of the day and which would 
accordingly require a one-way duplex speed somewhat 
higher than half the simplex speed to justify duplex 



BiQ. 6 —^Tbst Message 

Bignals received April 16, 1920 over coil-loaded artificial line equivalent 
to a 1700 n. m. cable with 30 m. h./n. m. Speed 2240 letters per minute* 

operation. Whether a sufficiently great speed of 
duplexing could be secured to justify designing a cable 
on the basis of duplex operation could not be judged 
in advance of the laying of the first cable^ and ac¬ 
cordingly it was decided to engineer that cable on the 
basis of simplex operation. 

Although it was expected that the new cable might at 
first have to be operated simplex it should not be 
supposed that any great difficulty or loss of operating 
efficiency was anticipated on this account. The speed 
of the New York-Azores cable is so great that to 
realize its full commercial advantage practically requires 
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working it on a multi-channel basis, as, for example, 
with a Baudot code, multiplex system, similar to that 
used on land lines. Such a system may be conveniently 
adapted to automatic direction reversal and, with this 
modification, most of the common objections to simplex 
operation are removed. Indeed, simplex operation may 
in this case possess a real advantage over duplex, from 
the commercial point of view, since it permits dividing 
the carrying capaeijy of the cable most efficiently to 
handle the excess of traffic in one direction. 

Although means for making efficient use of the loaded 
cable have been made available, it should be recognized 
that the method of operation best suited to satisfy 
commercial demands must be determined from future 
experience with cables of the new type. This is 
especially true with regard to relatively short cables. 
In this paper the discussion of the loaded cable problem 
has been confined wholly to the realm of long ocean 
cables where the limitations of the cable, rather than 
terminal equipment or operating requirements, deter¬ 
mine the best design. This is the simplest case and 
the one which, at present, seems to show the greatest 
gain from loading. Where traffic requirements are 
limited and there is no prospect of ever requiring a 
speed higher than can be obtained with a non-loaded 
cable of reasonable weight, the advantage of loading is 
less and becomes smaller as the weight of non-loaded 
cable which will accomplish the desired results, de¬ 
creases. It should not, however, be concluded that 
loading will not find important application to short 
cables. Many short cables are parts of great systems 
and must be worked in conjunction with long cables. 
In such cases it may pay to load short sections where 
loading would not otherwise be justified. Permalloy 
loading also offers great possibilities for multiple- 
channel carrier-telegraph operation on both long and 
short cables, and with this type of operation m prospect 
it is too early, now, to suggest limits to tiie future appli¬ 
cations of permalloy to cabl^ or to predict what will be 
its ultimate effect on transoceanic communication. 


Discussion 

W* G. Peterman t This paper treats of a phase of communioa- 
tion that apparently has not kept pace with the advances in 
other methods of communication. Numerous inquiries have 
been directed in recent years to the cause of this apparent 
lack of progress in the field of cable telegraphy. As a matter of 
fact, a very considerable progress has been made in the past 
10 or 15 years. The improvements in this period, principally in 
the terminal apparatus, repeating apparatus, and operating 
methods, resulted in a substantial increase of speed and a reduc¬ 
tion of operating cost. There were, among others, the introduc¬ 
tion of a successful relay to automatically connect two cable 
sections, the development of an amplifier suitable for cable 
conditions, and the improvement in the design and use of 
artificial cables for duplexing. 

During the past few years there has also been developed by the 
Western Union engineers, a system of repeating-cable signals 
which completely regenerates them as to shape and strength so 
that on leaving the repeating station they are as perfect as when 
originally sent. This system permits of the insertion of a 


number of repeaters in a circuit where previously one had been 
the limit. By this method, automatic through operation 
direct between New York and London was for the first time 
successfully accomplished. There has also been developed a 
special printing telegraph system which permits of a higher 
operating speed in letters per minute than can be obtained with 
the usual cable code which had heretofore been considered the 
fastest system for ocean cables. This printing method has 
proved highly successful on a through circuit from New York 
to London with duplex operation. 

When the possibilities of this new type of cable, as outlined 
by Dr. Buckley, were presented to us, we were immediately 
interested. Our engineers went into the subject as presented 
to them, and came into entire agreement on all points. From 
then on our engineers checked over the designs and plans at every 
stage to satisfy themselves as to their correctness, for a sub¬ 
marine cable is such a large, long-time investment that every 
precaution,must be taken to insure nothing having been over¬ 
looked. As an additional precaution a trial 120-mi. length of 
loaded cable was manufactured and laid in deep water off 
Bermuda. The results of tests made on this cable were in ac¬ 
cordance with predictions from the previous laboratory tests and 
theoretical studies made by Dr. Buckley. The Western Union 
was satisfied with the results and proceeded to lay the 2300-mi. 
Azores cable. This was done without mishap and met all 
requirements. Dr. Bucldey is to be congratulated on the 
conception of the application of a material of high permeability 
in ocean cables and on the successful development of the idea. 

With this new cable, combining speed, accuracy, reliability, 
and the usual secrecy of cable messages, we are now, for the first 
time, linked by cable to Italy and Spain, and to these we hope 
in the near future to add Germany. At that time it is expected 
that this cable will be operated on the multiplex system with five 
or six channels. Three or four of these channels will bo used by 
the Western Union, and it is planned that two or three channels 
will be used by the Commercial Cable Company under agree¬ 
ment with the Western Union. With the present plans, some of 
the channels will be operated directly from New York to Berlin 
and Hamburg without manual rehandling. One or more 
channels will terminate at the Azores. The channels assigned to 
the Commercial Cable Company will be operated directly from 
their ofdce in New York to either Germany or the Azores; 
all this gives some idea of the flexibility of the multiplex system 
when used on such a cable. 

But more important still, the confidence inspired by the 
performance of this cable has led the Western Union to order 
another similar loaded cable, this time to connect New York and 
London. The signals will be automatically repeated at New¬ 
foundland and Penzance, England, so that there will be com¬ 
plete automatic, through operation between New York and 
London. This new loaded cable will have a still higher operat¬ 
ing speed than the present loaded cable, being designed to 
transmit signals of frequencies up to 76 cycles per second, which 
corresponds to a speed of 2400 letters per minute with cable 
code. 

We shall have to revise our ideas of cable telegraphy, for this 
speed is considerably higher than that at which most of the 
open-wire, land-line telegraph circuits in the United States are 
being operated today. This cable will probably require two 
overland circuits to cany its traffic from Penzance—^the cable 
station on the coast of England—^to London. Indeed, the 
traffic-carrying capacity of this cable will be so great that it will 
be nearly equal to the total capacity of our present seven cables 
to England. The addition of this cable alone will result in about 
a 40-per cent increase in the traffic-carrying capacity of all the 
present North Atlantic cable communication systems. 

The operation of these cables with the Baudot code and with a 
number of channels, each with its own transmitter and printer, 
will place cable operation upon the same basis as our trunk land 
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lines, with all that that means in similarity of operating methods 
andj^appaiutus. With this code there is also the possibility of 
automatictxlly extending some or all channels of such cables by 
means of our existing land-line system directly to other parts of 
the United States. A new era is here; between points where the 
traffic is heavy, the old wavy line bf the siphon recorder will 
gradually drop out of the picture. 

E. B. Craft* I should like to correct one impression which 
may have been given by Dr. Buckley’s paper. As he has 
described the problem of the loaded cable it looks too easy; it 
looks as if all that had been done was to wrap a permalloy tape 
around a copper wire and then make a high-speed cable of it. 

I wish you might appreciate how much more there was 
involved in this accomplishment than can be brought out in such 
a brief paper as that to which you have just listened. Years 
of painstaking effort were required and difficulties were en¬ 
countered at every step. Precautions had to be taken against 
any harmful mocliaiiical and electrical effect which might 
be encountered in laying or operating a cable. 

One very interesting feature of the New York-Azores cable 
which Dr. Buckley has not mentioned is the new type of bal¬ 
anced sea-earth which w^as developed after an extensive in¬ 
vestigation of cable interference. This setv-earth almost 
completely eliminates the effect of local power disturbances and 
atmospherics and makes it possible to operate cables efficiently 
in the most unfavorable t(^rminal locations. 

When the development of the loaded cable was undertaken 
there were no meums in sight for efficient. o])eration of such a 
high-speed loaded cable, ovcm if the problems of the cable itself 
could be solved. New oi)erating metliods and new methods to 
measure the electrical constants of a loaded cable had to be 
worked out and new instruments had to be developed for these 
purposes. When the cable was laid, these instruments were, 
ready and within a Pew liours after the final splice was made, the 
successful operation of the cable was demonstrated. Almost 
every pic’ce of apparatus usihI in the test and demonstration of the 
cable was new and specially devcHoped for the purpose. A new 
type of cable transmitter, wtndving with compressed air, was 
devised to send messages at sj^eeds jnany times greater than 
would bo permitted by any previously existing transmitter. 


A siphon recorder which would record messages at over 2500 
letters per minute was devised and made ready for the test. 
But perhaps the greatest achievement in this connection was 
the signal-shaping amplifier. This represented an achievement 
comparable with that of the cable itself. In addition to ap¬ 
paratus for test and demonstration of the cable, operating 
systems suitable for commercial use were worked out and tested 
over an artificial line in the laboratory. All of this was done in 
advance of laying the first cable. 

I hope that some of these accomplishments may later be 
subject to publication, and when all that was done to make the 
permalloy-loaded cable a success is known, I am sure that you will 
feel, as I do, no small satisfaction in its having been an American 
achievement. 

Ghas^A* Perkins: It has occurred to me to ask why the air-gap 
which occurs in this permalloy winding does not largely neutralize 
the effect of the high permeability of the material. 

O. E. Buckley: Professor Perkins has asked why the air-gap 
between the adjacent turns of permalloy tape does not materially 
neutralize the effect of the high permeability of that metal. The 
answer is rather interesting and may possibly surprise some of 
you. The reason that the air-gap does not introduce much 
reluctance in the magnetic circuit is that the magnetic lines of 
induction are not single loops around the conductor, as has 
sometimes been assumed, but have the form of a helix which takes 
a large number of turns around the conductor before crossing an 
air-gap between adjacent turns of the permalloy tape. In the 
case of a conductor like that of the New York-Azores cable the 
lines of induction follow the permalloy tape very closely, the 
pitch of the screw of the lines of induction being only slightly less 
than the pitch of the tape, with the result that a line of in¬ 
duction follows the tape for about 20 turns around the conductor, 
then jumps an air-gap between two adjacent turns and con¬ 
tinues following the tape in the same direction as before for 
another 20 turns, when it again slips back across an air-gap. 
This means that if the permalloy tape were strictly uniform and 
continuous from one end of the cable to the other and if the 
cable carried a steady, direct current and was not subject to the 
effect of the earth’s field, the lines of induction would be con¬ 
tinuous from one end of the cable to the other. 



Law Description and Hypothesis in the 

Electrical Science' 

BY M. I. PUPIN* 


Y our invitation to deliver the first Steinmetz 
lecture I consider a very great honor. The late 
Doctor Steinmetz was a dear friend of mine. I 
met him in YonkCTS in 1889, and from that time on 
until his death we were tied to each other by bonds of 
personal sympathy and scientific interest, which was 
a source of uninterrupted pleasure to both of us. 

This lecture is an attempt to describe briefly how 
Faraday and Maxwell, starting from definite laws 
which were discovered by experiment, created the 
modem Electromagnetic Theory by a prophetic use 
of description and hypothesis, and how this theory 
furnishes the foundation of the Science of Electrical 
Engineering. 

Our knowledge of electrical phenomena began 
its career as a science when it started to build 
upon a foundation of a quantitative law.- Coulomb’s 
law marks, therefore, the beginning of the electrical 
science. It says that two electrical point charges in 
a vacuum act upon each other with a mechanical force 
which is equal to the product of the two charges divided 
by the square of the distance between them. 

In its mathematical form Coulomb’s law is identical 
with Newton’s law of gravitational action. Many 
theorems which the mathematical physicists of the 
eighteenth and the beginningof thenineteenth centuries 
had developed in their analyses of gravitational fields 
of force were, apparently, directly applicable to the 
analysis of electrical fields. This was very fortunate, 
because it attracted some of the best mathematical 
minds of those days to the electrical science. Thisraised 
its st an d ing among the sciences which it badly needed. 

Newton’s great essay, Principia Philosophiae Natu- 
ralis, published in the beginning of the eighteenth cen¬ 
tury, created a new school of natural philosophers 
whidh dominated during the eighteenth century the 
scientific mental attitude of the world. No natural 
philosopher of tho'se days could expect to attract 
serious attention who departed from the rigorously 
mathematical methods of this school. Even so great 
a natural'philosopher as Benjamin Franklin may be 
said to have been snubbed by the Royal Society, when 
it refused to publish in its transactions Franklin’s 
communications describing his electrical experiments. 
These experiments, suggested by and clustoing aroxmd 
Leyden jar discharges, had no obvious connection with 
the Newtonian school of natural philosophy of the 

h The first Steinmetz lecture delivered on May 8, 1925, 
before the Schenectady section of the American Institute of 
Electrical Engineers. 

2. Of Columbia University, New York. 


eighteenth century and, therefore, the Royal Society 
failed to recognize their full significance. One may 
imagine how welcome Coulomb’s law was to some 
natural philosophers of the eighteenth century, to 
whom Newton’s Principia was as final as the book of 
Genesis is to some people of our own generation. 

Faraday was the first to point out a fundamental 
difference between Newton’s law of gravitational action 
and Coulomb’s law of electrical action. The action 
of a gravitational mass upon another gravitational 
mass is not influenced by the medium separating the 
two, but the action of an electrical charge upon 
another electrical charge is influenced very much by 
the medium separating the two. Coulomb’s law 
unaided by other considerations was unable to 
explain this difference. Faraday was the first to enter 
into these considerations, and his first guide may be 
said to have been a hypothesis which maintained that 
all electrical charges trace their origin to the molecules 
and atoms of material bodies, which in their normal 
state contain, according to Franklin, the same amounts 
of positive and negative charges. This h 3 ^othesis of 
the atomic origin of electrical charges was undoubtedly 
suggested by Faraday^s classical studies of the behavior 
of electrolytes, which revealed a new truth, namely, that 
a definite electrical chargd is attached to each valency 
of atoms. The granular structure of ordinary electrical 
charges and the whole modem electron theory was first 
foreshadowed in these experiments. But how did this. 
h 3 ?pothesis affect Coulomb’s law of force between 
Coulomb charges which are surrounded by a material 
medium? 

Consider the insulators. The hypothesis suggested 
that in an insulator each molecule contains a definite 
quantity of positive and an equal quantity of negative 
charge which can be separated from each other by the 
action of an external electrical force impressed upon 
thmi, but that the distance of separation cannot exceed 
the dimensions of the molecule. Adopting this picture 
of the electrical structure and behavior of insulators, 
there was readily deduced a modified form of Coulomb’s 
law of force between charges separated by an insulating 
medium, and this modified form of Coulomb’s law says: 
The force between two point charges in an insiUating 
material medium is equal to ffiat in a vacuvm divided 
by a constant, called the specific inductive capacity of 
the material medium. 

. But experiment told us that the hypothesis 
mentioned above concerning the process of separating 
molecular charges and ever 3 rthing inferred from 
it can be only approximately true, because the 
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specific inductive capacity of material insulators is 
usually neither constant nor does it always have -a 
definite meaning. This law, therefore, could not be 
taken as our infallible guide in the study of the electrical 
fields of force in material insulators. The question 
arose then: Is there any other law to which we can 
appeal for guidance? Faraday’s study of the electrical 
action of insulators, a subject to which Benjamin 
Franklin first drew attention, showed a way leading to 
the answer of this question. This study suggested one 
of the two great foundation pillars of the modern electro¬ 
magnetic theory, which I venture to describe here 
briefly. 

Faraday’s method of representing graphically the 
field of force of electrical charges is well known, and it 
finds its simplest illustration in the well known conical 
tubes of force drawn from a point charge as vertex and 
expanding into all space. We are also familiar with 
Faraday’s tubes® of force for any distribution of 
electrical charges. Faraday’s pictorial method of 
describing the field of force leads to the same numerical 
results as Coulomb’s law when the surrounding medium 
is free space without any material bodies in it. When, 
however, the surrounding medium contains material 
insulators, Coulomb’s law offers small assistance in 
our study when these insulators have a variable specific 
inductive' capacity and deviate otherwise from the 
characteristics of an ideal dielectric. It will be pointed 
out below that there are electric and magnetic fields 
which are not due to charges and in which Coulomb’s 
law is altogether inapplicable. Faraday’s picture of 
the. field in terms of the tubes of force suggested to 
Maxwell a new law of force which is broader than 
Coulomb’s law both in its meaning and its applicability. 

Faraday’s ideas concerning the physical character of 
the tubes of force were a guide to Maxwell, whose 
earliest studies of electrical phenomena, while still an 
undergraduate at the University of Cambridge, related 
to Faraday’s Physical Lines of Force. In these early 
studies Maxwell made wonderful attempts to show by 
imaginative description and ingenious mechanical 
models what he saw in Faraday’s tubes. But all these 
things were only a temporary scaffolding around a new 
structure which Maxwell was building. When the 
structure was finished the scaffolding disappeared, and 
what do we see today? I shall try to answer this 
question. 

In Maxwell's mind, just as in the mind of Faraday, 
the tubes of force were not mere geometrical 
pictures but represented physical entities capable of 
actions and reactions. Each volume element of a 
tube of electric force is, according to Faraday and 
Maxwell, the seat of an electrical reaction against the 
change of its density, that is, of the number of tubes per 
unit area. When the surrounding medium is a 

3. The term “tubes” is preferable here to “lines” because it 
brings out clearly the three-dimensional character of these 
structures. 


vacuum or an ideal insulator, that is, a dielectric 
with a constant specific inductive capacity, then the 
numerical value of this reaction can be calculated. 
According to Maxwell's hypothesis, the electrical re¬ 
action in this case per unit length and unit cross-section 
of the tube is equal to the density of the tubes in the 
direction in which the reaction is considered, divided by 
the specific inductive capacity. The hypothetical 
reaction had a most significant corollary; it located the 
energy of the field in the volume elements of the tubes 
of force and assigned to each element, per unit of vol¬ 
ume, an amount proportional to the square of the 
density of the tubes of force at that volume element. 
Dynamically, therefore, there is a perfect resemblance 
between the field of electrical reactions in ideal insula¬ 
tors and the field of elastic reactions in the interior of an 
elastically strained body which obeys the so-called 
Hooke’s law. 

According to this view, the charges transmit their 
action through the volume elements of the tubes against 
the reaction of the tubes. When the field of electrical 
force is in equilibrium the external actions coming 
from the electrical charges and the internal electrical 
reactions of the tubes are equal and opposite to each 
other at every point of space. This form of statement is 
suggested by Newtonian dynamics and furnishes a law 
which conforms to Newton’s third axiom. It is dif¬ 
ferent from Coulomb’s law in form and meaning, and it 
holds good no matter how the impressed forces are gen¬ 
erated or what the physical character of the material 
bodies is upon which these forces are impressed. It is 
obtained from the hypothesis that the tubes of force are 
physical entities which react against a change of their 
density. There is nothing in Coulomb’s law which sug¬ 
gests this hypothesis and there cannot be, because this 
law suggests nothing concerning the velocity or the 
mechanism of transmission of force' between electrical 
charges, whereas a reacting tube of force was suggested 
to Faraday and to Maxwell by the intuition that elec¬ 
trical actions are transmitted through the tubes of force 
with a finite and definite velocity which depends upon 
the dynamical properties, that is, the reactions of the 
tubes. The tubes of force attached to electrical charges 
or otherwise generated are, according to this hypothesis, 
the transmitting mechanism reacting in every one of its 
elements by reactions which in the case of the vacuum 
and of ideal dielectrics are identical in form with the 
elastic reactions of an ideal elastic body. This view of 
the field of electrical force is one of the foundation 
pillars of the Faraday-Maxwell electromagnetic theory. 
I shall next describe briefly the second foundation 
pillar of this theory. 

What has been said above about our knowledge of 
electrical phenomena is also true of our knowledge of 
magnetic phenomena. It started its career as a 
science when Coulomb’s measurements succeeded in 
formulating a law of force between magnetic charges. 
Since this law is identical in form with that for elec- 
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trical charges, and since the presence of material bodies 
affects a magnetic field as the presence of material 
insulators affects an electrical field it is obvious 
that the Faraday-Maxwell intuitive philosophy leads 
here to the same results as in the case of electrical 
fields of force. Coulomb’s law can, therefore, be 
replaced by a law which is identical in form with the 
law formulated above for electrical fields. It is as 
follows: When the fidd of magnetic force is in equi¬ 
librium tile external magnetic actions and the 
internal reactions of the magnetic tubes of force are 
equal and opposite to each other at every point of space. 
Description and hs^pothesis serve here the same object 
as in the case of the electric fields, namely, to point out 
that the magnetic tubes of force are the transmitting 
mechanism of the magnetic force and that the quantita¬ 
tive relation between the forces impressed upon the 
tubes and their reactions is one of the determining 
factors of the mode of propagation. 

It is obvious that so far I have been endeavoring to 
show that Faraday’s and Maxwell’s views paved the 
way to the formulation of new concepts, the concepts of 
electrical and magnetic actions and reactions, which 
like ordinary material actions and reactions obey 
Newton’s third law. These endeavors will be con¬ 
tinued in that which follows. 

The law of equality between electrical and magnetic 
actions and their respective reactions in fields which 
are in static equilibrium can, obviously, tell nothing 
definite about the velocity of propagation. Reactions 
brought into play when this equilibrium is disturbed 
must be considered. Do they exist, and if so, do they 
show that the velocity of propagation of electrical force 
is the same as, or different from, that of the magnetic 
force? The electrical science prior to Oersted’s and 
Faraday’s discoveries could not have answered this 
question. These discoveries supplied the necessary 
knowledge. Broadly stated, they revealed the following 
new truth: Oersted discovered that electrical charges 
moving through conductors produce magnetic tubes 
of force which are interlinked with the conductors; 
Faraday discovered that magnetic charges and their 
tubes of force produce by their motion or variation 
electrical forces in conducting circuits which are inter¬ 
linked with these tubes. This description of the dis¬ 
coveries intentionally emphasizes two facts, namely, 
that Oersted made his discovery while experimenting 
with conduction currents, and that Faraday explored 
the electrical field in conducting wires which are inter¬ 
linked with the magnetic tubes of force only. The laws 
resulting from liese experiments, namely. Ampere’s 
law and Faraday^s law, were necessarily limited to the 
conditions of the experiments which led to their formu¬ 
lation. Neither one nor the other were sufficiently 
general to give direct information concerning .the 
unknown reactions associated with the variable electric 
and magnetic tubes of force at any point of a dielectric. 

. Oersted’s and Faraday’s experiments did not detect 


them, nor was it obvious how to detect them experi¬ 
mentally. New h 3 q)otheses were needed and Maxwell 
was the first to formulate them; they were as follows: 
First, a variation of the flux, that is, the total numberof 
electrical tubes of force through any area, is equivalent 
to the motion of electrical charges through that area; 
in other words, the so-called displacement current pro¬ 
duces according to Maxwell the same magnetic effect 
as the conduction or convection current; secondly, 
the variation of the flux of the tubes of magnetic force 
through any area produces an electromotive force 
around the boimdary curve of this area which is 
independent of the material through which this bound¬ 
ary curve passes. These two hypotheses extended the 
meaning of the Amp6re and of the Faraday law and 
gave them that sjnnmetry which is expressed in the 
following statements: 

The rate of variation of the electric flux through any area 
is equal to the magnetomotive force in the circuit which forms 
the boundary curve of that area. 

Therateof variation of the magnetic flux through any area is 
equal to the electromotive force in the circuit which forms the 
boundary curve of that area. 

The first statement represents Maxwell’s generaliza¬ 
tion of Amp&re’s law, and the second that of Faraday’s 
law. Mathematical physicists call them Maxwell’s 
field equations. This name does not convey clearly 
their physical meaning, nor does it express fully their 
historical significance. Prior to the time of Oersted 
and Faraday there were only a few rather feeble 
processes of generating and impressing upon material 
bodies electric and magnetic forces: Frictional machines, 
galvanic cells, action of permanent magnets, etc. . . 
Ampere’s and Faraday’s generalized laws, describe new 
processes of generating and impressing magnetic and 
electric forces upon any part of space. They might be 
called Maxwell’s laws of electrod 3 mamic generation, 
or briefly Maxwell’s laws, the rest of the proposed title 
being understood. These laws give the total sum of the 
electric and magnetic forces impressed by those pro¬ 
cesses upon any circuit; the energy principle tells 
us that this sum is equal to the sum of the electric and 
the respective magnetic reactions in the circuit. The 
parcelling out of the total impressed forces thus gener¬ 
ated among the volume elements of the circuit and the 
character of the reactions of each volume element must 
be determined by the character of each problem and by 
the phs^sical properties of each volume dement of-the 
circuit. Circuits in ideal isotropic dielectrics present 
the simplest illustration of the general procedure, and 
this was the subject which Maxwell considered first. 
In this case the reaction per xmit cross-section and unit 
length of the circuit is, as already pointed out, equal 
to the ratio of tie flux density to the specific inductive 
capacity, or permeability, respectively, and this reac¬ 
tion must beequal to the force generated by the variable 
fluxes and impressed per unit length of the circuit. 
This leads to a reciprocal relation between the electric 
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and magnetic reactions in variable fields which in 
an isotroi)ic dielectric exhibits a process of propagation 
identical in form with that obtained by Newtonian 
dynamics for the actions and reactions in an isotropic, 
incompressible, elastic medium. Maxwell’s greatest 
achievement is, in my opinion, his introduction into the 
electrical science of new concepts, electric and magnetic 
actions and reactions, which are subject to the same laws 
as the corresponding concepts in Newtonian d3mamics. 
But it should be observed here that M axwell's success was 
due to Faraday’s suggestive description of the electric 
and magnetic fields in terms of tubes of force and to 
the intuition which created the epoch-making hy¬ 
potheses endowing these tubes with dynamical attributes 
fonnerly belonging to material substances only. These 
hypotheses demanded experimental verification; Hertz 
seized the opportunity and furnished the epoch- 
making demonstration of the correctness of Maxwell's 
hypot.heses. 

Th(‘ propagation of force through an ideal elastic 
solid makes the velocity of propagation depend upon 
two constants only, the density and the elastic constant. 
The first determines the inertia reaction and the second 
the elastic! reaction per unit volume of the solid. Simi¬ 
larly in the ])rQpagation of the electric force through the 
electric and magnetic tubes of force in an ideal dielectric 
the velocity of propagation depends upon two constants 
only, the specific inductive capacity of the tubes and 
their magnetic permeability. One determines the 
reaction of the (dectrical tubes of force and the other 
the reaction of the magnetic tubes. These reaction 
constants determine the velocity of propagation through 
the electric and magnetic tubes in the same manner as 
density and elastic constants determine the velocity of 
propagation through ideal elastic bodies. The question 
arises, as to which of the two reaction constants of Fara¬ 
day’s tubes corresponds to the density and which to the 
elastic constant of material bodies. In other words, 
which of the two constants is characteristic of the inertia 
reaction of the tubes? 

The generalized laws of Amp 6re and of Faraday, which 
I call the Maxwell laws, suggest a permissible answer to 
this question. They indicate a scheme which demands 
one primary or fundamental flux only, the electric flux. 
A variation or velocity of motion of the electric flux 
generates, according to the first Maxwell law, magnetic 
forces and corresponding magnetic fluxes which in an 
isotropic dielectric are proportional to the impressed 
magnetic forces, the factor of proportionality being 
the magnetic permeability of the tubes of the magnetic 
field. If, therefore, we consider the magnetic flux 
of the field, thus generated, as the mornentum of the 
varying or moving electric flux, since it is proportional 
to its rate of variation or velocity of motion, then 
the electrical field generated, according to the second 
Maxwell law, by the variation of the magnetic flux will 
be due to the change of this momentum. According 
to this scheme the permeability constant in the electro¬ 


magnetic theory would correspond to density in the 
theory of propagation through elastic solids. 

Electron physics supports this scheme. It traces the 
origin of all magnetic forces of magnets to the orbital 
motions of electrons. This reminds us of the old 
Ampdrean conception. Magnetic tubes of force asso¬ 
ciated with so-called permanent magnets are, according 
to electron physics, the result of the motion of electric 
tubes of force attached to electrons. Maxwell always 
associated with magnetic tubes of force the momentum 
of some electric motions; what Faraday called the 
electrotonic state, he called the electro-kinetic momen¬ 
tum of a circuit, that is, the magnetic flux interlinked 
with the circuit. The reactions of varying magnetic 
tubes of force are, therefore, inertia reactions, and their 
reaction constant, the permeability, should, as already 
pointed out, be considered as corresponding to the 
density of elastic solids, whereas the reciprocal of their 
specific inductive capacity corresponds to the elastic 
constant. Faraday’s tubes of force in free space have, 
in electromagnetic units, a permeability equal to unity 
and, measured in the same system of units, an exceed¬ 
ingly small specific inductive capacity. They behave, 
therefore, like incompressible elastic bodies of moderate 
density but of very high elastic constant for shearing 
strains. It is equal to 9 X 10“. Hence the great 
velocity of propagation of electromagnetic disturbances 
through tubes of force in free space, as experimentally 
verified by Hertz. 

Electrical propagation through ideal dielectrics,includ¬ 
ing the vacuum, demands, according to the above picture, 
nothing more than Faraday tubes of electric force (which 
I cs^WiBYQ'primary flux) capable of two distinct reactions, 
one an electrical reaction and the other amagnetic, that is 
an inertia, reaction. The tubes react like a material 
medium of reasonable density but of most extraordinary 
stiffness. But neither this similarity to material bodies 
nor anything else in our present knowledge of electrical 
phenomena justifies the hypothesis that they consist of 
a substance which has qualities of ordinary matter in 
bulk. One cannot resist the temptation of asking the 
question: What are these tubes made of? I venture, 
therefore, to offer the following pardonable suggestion. 

Our ideas of these tubes are associated with our con¬ 
cepts of electrical charges which are the terminals of the 
tubes when they have a terminal. In this we follow in 
the footsteps of Faraday. It is not an unreasonable 
hypothesis to assume that they are made of the same 
fundamental substance of which the electrical charges 
are made. The name “electricity” may, therefore, be 
reserved for that substance, whatever it may be, so that 
we may say: The medium which transmits electrical 
disturbances is “electricity,” meaning thereby the 
electrical tubes of force. Light is an electrical disturb¬ 
ance and it is, according to this view, transmitted by 
electricity. The concept suggested by the word “elec¬ 
tricity” is much more definite than that suggested by 
the words “lumeniferous ether,” because we associate 



896 PUPIN; LAW DESCRIPTION AND HYPOTHESIS IN THE ELECTRICAL SCIENCE Transactions A. I. E. E. 


with electricity two perfectly well known and experi¬ 
mentally determinable reaction constants, that is, the 
reaction constants of the primary flux of force at rest 
and in motion. These are the only attributes that we 
can dynamically predicate of amaterialsubstance, hence 
the concept “electricity” is dynamically just as definite 
as the concept “material substance”; the concept 
“ether” is not. 

Perhaps I have dwelt too much upon that part of the 
electromagnetic theory which is a little outside of the 
daily problems of the electrical engineer. Some people 
think that it is entirely outside of the theory which 
imderlies electrical engineering problems. Permit me 
to show you, as briefly as I can, that this is not so, 
and that the same form of laws and the same dynamical 
methods apply to electrical engineering problems as to 
the problems discussed above. Electrical engineering 
problems deal with actions and reactions in electrical 
and magnetic circuits and so does the general electro¬ 
magnetic theory. I have pointed out how starting 
with Coulomb’s law a more general law was formulated 
for thf field of force due to electrical or to magnetic 
charges at rest, the law of equality of actions and 
reaction in every volume element of the field in static 
equilibrium. The validity of this law was maintained 
for the dynamical equilibrium of variable fields when 
Ampere’s and Faraday’s laws were formulated by 
Maxwell in their most general form. The principle of 
conservation of energy demands that this law be 
always true irrespective of the physical character of 
the circuit or of the process of generating the impressed 
forces. This furnishes then the most fundamental 
basis in theoretical electrical engineering. It may be 
stated as follows: 

In every circuit or part of a circuit the algebraic mm of 
electrical reactions is equal to the algebraic mm of the 
impressed electrical actions. 

Omit the words “electrical” from this statement 
and you have the most fundamental law in Newton’s 
dynamics, showing that “electricity” obeys the same 
fundamental law which ponderable matter obeys. 

Take for an illustration an electrical circuit in which 
we have a constant electromotive force, generated by a 
voltaic cell, and a constant current flowing through a 
conducting wire. Consider any two points on the wire. 
Heat is generated in the wire between these two points 
and, thwefore, there must be an electrical reaction in 
the wire between these two points. Heat is the 
result of the work done against this reaction by the 
impressed electaical force transmitted by the battery. 
This reaction may be called a resistance reaction, wh^eas 
the impressed action is the difference in potential 
betwe^ these two points. The law of equality of 
action and reaction , says: The resistance reaction is 
^ual to the difference of potential. This relation is 
independent of the^ so-called “Ohm’s Ljaw.” When, 
however, the wire is maintained at constant tempera¬ 
ture its resistance reaction is found by experiment 


to be proportional to the current; this empirically 
established characteristic of most metal wires is called 
Ohm’s law. It really is not a law any more than 
Joule’s rule for the rate of heat generation by a current 
flowing through a metal wire. Both are accurate 
empirical descriptions of a phyrsical characteristic of 
most metal wires. It is occasionally stated with some 
show of disappointment that the flow of current through 
a gas does not obey Ohm’s law, which really means 
that the resistance reaction is not proportional to the 
current, and that it cannot be described as simply as 
the resistance reaction of a metal wire. That a con¬ 
ducting gas should react differently from a conducting 
metal wire should not smprise anybody; but it seems 
that it does. 

Consider, as another simple illustration, a toroidal 
magnetic circuit consistingof severaldifferentradialsec¬ 
tions of different kinds of steel separated from each other 
by small air gaps and magnetized by a current flowing 
through tvu-ns of wire wound uniformly around the toroid. 
The total magnetomotive force generated by the current 
is given by Ampere’s law. Each part of the magnetic 
circuit receives its definite share of the total magneto¬ 
motive force; this share is the magnetizing force im¬ 
pressed upon that part of the circuit. In each part of 
magnetic circuit the impressed magnetizing force is 
equal to the magnetic reaction of that part, so that 
according to the fundamental law the sum of the mag¬ 
netic reactions is equal to the total impressed magnetic 
actions, which is the magnetomotive force. This is 
the> fundamental law, whereas the usual method of 
calculating, roughly, the magnetic flux froni impressed 
magnetizing forces and reluctances by making use of a 
new kind of Ohm’s law for the magnetic circuit is, in 
my opinion, a misleading use of the word law. This 
spurious Ohm’s law is abandoned, of course, as soon 
as we attempt to devise an experimental method for 
measuring hysteresis losses during a complete cycle of 
magnetization, but we do not abandon the dymaihical 
law that in every part of the magnetic circuit the 
magnetizing force is equal to the magnetic reaction. 
On the contrary, we could not without it interpret 
dynamically the hyrsteresis losses during cyclic mag¬ 
netizations. 

When in a network of linear conductors alternating- 
current generators are located at various points of the 
network, the current distribution in the network can be 
calculated by setting up equations for each circuit 
which state the fundamental dynamical law that in 
each circuit the algebraic sum of electrical reactions is 
equal to the algebraic sum of impressed dectromotive 
forces, generated by the alternators. To call these 
equations mathematical expressions of a Kirchlbff law, 
as some do, is unpardonable abuse of language.' Klirch- 
hoff gave the rule that for any circuit in a network of 
metalic wire conductors in which there are sources of 
constant electromotive force the algebraic sum of the 
electromotive forces is equal to the algebraic sum of the 
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products of current and Ohmic resistance, but he 
aever suspected that this is a special case of the funda¬ 
mental dynamical law given aWe. 

It is true that in 18^ Kirchhoff, in his analysis of 
electrical propagation along an overhead telegraph wire, 
stated correctly the relation between the electrical 
reactions at any el^nent of the wire, and in this state¬ 
ment he was guided by Thomson’s discussion of 
electrical propagation over a submarine cable. But 
neither Thomson nor Kirchhoff were aware of the 
general law stated above. Maxwell’s Electromagnetic 
Theory had not yet been published, and prior to that 
publication the general law implicitly contained in 
this theory, and which is today the foimdation of 
electrical engineering, could not be formulated. 


The several shnple examples, cited above, suffice to 
illustrate clearly ^at electrical engineering problems 
on their pruely scientific side are formulated in 
the same way as the problems in the genm^iJ 
electromagnetic theory. Their solutions are obtained 
by the application of the same form of the funda¬ 
mental laws employing the same methods of 
reasoning and the same terminology which Newton 
had formulated when he created the science 
of dynamics. The possibility of describing electrical 
phenomena in terms of Newton’s concepts and 
language is one of the greatest achievements of 
Faraday and Maxwell. Law, description, and hy- 
pothesiswo’enever employed mth greater effect than by 
thegeniusof these great prophets of the electrical science. 


Corona Investigation on an Artificial Line 

BY MURRAY F. GARDNER* 

Associate A. I. B. B. 


Synopsis—Accompanying corona on a transmission linct there 
has been founds in several cases, an appreciable increase in the 
line charging current over that indicated by the usual formula* 
This has been taken to indicate an increased line capacitance result^ 
ing from the preserice of the corona envelope about the conductors^ 
and haSf for this reason^ come to he described as the extra'-capacity 
effect of corona. This explanation^ by an envelope^ however, has 
not been entirely satisfactory, and the question has arisen as to 
whether the current increase could not have been equally as well 
attributed to the current and voltage harmonics which the corona 
introduces. 

The paper describes an investigation made of this extra-capacity 
effect on an artificial transmission line using artificial corona. 
In avoiding, by means of this method, the glow discharge of real 
corona, all envelope effects were eliminated. The operation of the 
artificial corona is described, and the results given of the tests which 
were made in checking its characteristics against those of real corona. 

By means of the artificial corona it is shown that it is possible to 
obtain the extra-capadiy effect of corona without havirig present an 
ionized envelope. The explanation is offered that at least the larger 


portion of this effect found on transmission lines under corona 
conditions is apparent only; that it is a result of the approximate 
method by which the line capacitance is calculated, and the increased 
admittance which the line offers to currents of harmonic frequencies. 

The effect of corona leakage in altering potential rise on an open 
line is shown by representative voltage distribution curves taken on 
an artificial line with and without the corona leaks operating. 
From a comparison of these curves it appears that the leakage of 
corona plays a predominant part in the establishment of ike resultant 
voltage, the harmonics caused by the corona in no case producing 
unusual resonance effects or extrorpotential rises. This is important 
largely for the indication it gives that the present methods of pre¬ 
determining voltage distribution on open lines for corona conditions 
are accurate within the limits of engineering accuracy. 

Qualitative results are given showing the effectiveness of corona 
leakage in reducing traveling waves such as result from switching 
operations. Two oscillograms of the same transient are shown, one 
taken with the corona leaks operating and the other without. The 
muck shorter duration of the transient in the former case is evidence 
of the coronals effectiveness in absorbing the energy of the disturbance. 


Introduction 

NDER ordinary conditions air is a good insulator, 
but it loses this quality when subjected to an exces¬ 
sive potential gradient, such as occurs near the sur¬ 
face of the conductors of a transmission line when the 
voltage between lines is increased above a limiting value. 
In this region of maxim um stress, ionization takes place 
and there is formed about each conductor an envelope 
of semi-conducting and luminous air, called corona. 
This envelope is believed to relieve the concentration 
of stress by increasing the effective diameter of the 
conductors. 

There is a minimum corona-forming voltage, eo, for 
every line, dependent upon the configuration of its 
conductors and the atmospheric conditions under which 
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it operates. With an alternating voltage, the maximum 
value must exceed this critical voltage before corona 
forms. If much in excess, the corona starts at Co 
on the increasing portion of each half-voltage wave, 
and continues until a slightly lower value is reached on 
the decreasingportion. Coronaunder theseconditionsis 
pulsating, itsfrequency being double that of the voltage. 
This pulsation causes a cyclic change in line admittance 
which introduces harmonics, particularly the third.' 

Accompanying corona, there is a power loss which 
increases with the square of the excess voltage over the 
critical value. This is expressed by the formula* 
p == c* (e — Co )* 

where p is in watts, c is a constant, e is the applied volt¬ 
age, and Co is the disruptive critical value for the line. 

1. P. W. Peeks, Jr.; “Voltage aud Current Hamonios Caused 
by Corona", Trans. A. I. E. E., 1921, p. 1155. , 

2. P, W. Peek, Jr., “Dieleetrio Phenomena in High-Voltage 
Engineering”, 1920, p. 122. 
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This quadratic law holds except in the neighborhood of 
Co, where varied results are obtained due to surface 
irregularities on the conductors. 

Due to corona loss it has been customary to operate 
lines well below their corona-forming voltage. But with 
the large blocks of power now transmitted, it becomes 
feasible, with certain systems, to raise the operating 
voltage practically to the corona limit. In seasons of 
unfavorable weather it is to be expected, therefore, that 
portions of these systems will operate for considerable 
periods in a state of corona. 

This continual presence of corona, in addition to 
causing high energy loss, may be a source of serious 
interference between the transmission line and neigh¬ 
boring communication circuits. The ■ corona intro¬ 
duces an appreciable third harmonic, and this is within 
the range of audibility in the case of a 60-cycle current. 
If the power system is three-phase and has its trans¬ 
formers connectedin grounded-Y, these triple-frequencgr 
currents can floy? through the three lines in parallel, 
combine in phase in the neutral, and complete their 
circuit through the ground. This induces troublesome 
voltage disturbances in paralleling telephone and tele¬ 
graph Imes. If the power system does not have a 
grounded neutral, it is impossible for the third-harmonic 
currents to flow. To compensate for this, a third- 
harmonic voltage appears between each line and neu- 
tral.i These voltages, being in phase, cause the whole 
^tem to pulsate with a triple frequency to ground. 
This pdsation induces a voltage between Hnes and 

groundmtheparallelingcircuitwhicheven transposition 

will not eliminate. It appears, therefore, that interfer¬ 
ence due to corona harmomcs presents a serious problem 
in any extensive operation above the corona-formins 
voltage. ® 

On the other hand, the presence or ready formation of 
corona may be of some advantage. It may assist in 
dampmg high-voltage transients.** When operating 
near the corona limit, the rapidly increasing energy 
loss for slight rises in potential above normal is likely to 
be of considerable value in absorbing and quickly at- 
enuating these disturbances. Corona’s real effective- 
dSLl^in^^ respect, however, has not been definitely 

The leakage effect of corona may also be of assistance 
in keeping down the magnitude of potential rise at the 
^ line accidentally 

This reducing effect would be 

de^able, ^ the rise subjects the insulators to high 

hargmg current from the coimected generators. 

A further interesting feature of corona is the dis- 
CTepancy foimd between the measured charging current 

TOltagM are iiKd whicK are above the critical corona 


Q W-TXT ---—WWW* wVfiVJlXCI, 


value.^ As the line potential is raised from low values 
up to Co, the charging current increases proportionately. 
Slightly above, as corona forms, the current diverges 
from the linear relation, and for higher voltages, rises 
much more than proportionately. Since this is the 
same result as would be obtained were the line capaci¬ 
tance to increase above normal at these high voltages, 
the divergence has come to be described as the extra¬ 
capacity effect due to corona. 

There are several explanations of this non-linear 
inCTe^e of current. Usually it is explained by assuming 
the line capacitance to be increased due to a cyclic 
change in effective conductor diameter caused by the 
corona. To account for the total test charging current 
in this way, however, requires in some cases an effective 
conductor of from fifty to eighty times normal.diameter. 

This explanation is also open to question due to the 
fact that it assumes that, were the capacitance to 
remain normal under corona conditions, the charging 
cuirent would continue to rise linearly with the voltage. 
It is believed that the current might rise above the 
linear relation even with a normal capacitance, because 
of the corona harmonics. From this standpoint, it 
would seem more likely that the increase is the resiilt: 

1. Of the very approximate method by which the 
capacitance current is. calculated. 

2. Of the increase in admittance which the line, like 
any other circuit of relatively high capacitance, offers to 
currents of harmonic frequencies. 

In these two explanations there is involved no action 
of the corona envelope, the current increase being 
considered the result solely of harmonics. 

Purpose 

The purpose of this paper is to present the result? of 
an inv^tigation carried on in the Research Division 
of the ElectncaJ Engineering Department, Massachu- 
^tts Institute of Technology, aimed at the representar 
tion of corona effects on artificial lines. It describes 
the ^ificial corona which was developed, and gives the 
resulte of tests in which it was used. The latter tests 
wwe for the purpose of; First, obtaining experimental 
evidence m support of the “harmonic” explanations for 
the increased charging current which accompanies 
corona; second, determining the effect of corona in 
altering voltage distribution; and third, investigating its 
effectiveness in reducing traveling waves in the system. 

Development op an Aetipicial Corona 

As evidence was sought to show that the increased 
charging current is the result of harmonics rather than 
ot the corona envelope, it was necessary to have a check 
upon the envelope effect. This being practically im- 
possible w ith real corona, the envelope was eliminated 

A. L E^E.a9^t'l07t“' Tests”, Tbans. 

Current Harmonies Caused by 
Corona ,Tbans. A. I.E.E., 1921,p. H65. 
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from consideration by simulating the corona effects 
artificially on an artificial line. 

The artificial corona consisted of a representation 
of the cyclic change in line leakage peculiar to corona. 
The leakage variation was obtained by the use of three- 
electrode vacuum tubes, the current characteristics of 



Pig. 1—Connections op Artificial Corona T.nnTr 

which are in many respects similar to those of ionized 
air. As the tubes pass current only in one direction, 
two were necessary for one complete leak—one to oper¬ 
ate on the positive half of the voltage cycle and the 
other on the negative half. Fig. 1 shows the inter¬ 
connection used. 

The operation of the leak depended upon the non¬ 
linear characteristics of the tubes. The filament of the 
first tube and the grid and plate of the second connected 
to one line wire, while the filament of the second and 
the grid and plate of the first connected to the other 
line wire. The breakdown voltage, that is, the e# of 
the leak, was governed by a bias potential of approxi¬ 
mately 120 volts in each grid circuit. This, with the 
type of tube used (V T-2), kept the grid negative and 
the tube inactive until 116 volts, instantaneous between 
line wires, was reached on the ascending portion of the 
wave. With a plate potential of 115 volts and the grid 
5 volts negative, conditions were favorable for the 
passage between line wires of a small plkte current 
through one tube. As the maximum rose above 115 
volts, the grid of this tube became less negative and 
■finally positive, while its plate potential steadily 


Pig. 2—Diboontinuovs Leakage Current given by the 
Artificial Corona Leak 

increased. This resulted in a rapidly increasing leakage 
currenit up to the crest of the voltage; beyond, on the 
descending portion of the wave, the action was reversed. 
The leak was then inactive until the second tube 
repeated the cycle under the negative voltage loop. 

The leak may be likened to a two-way valve, in that 
it permitted leakage only for the intervals during which 


the instantaneous values of the voltage wave exceeded' 
its breakdown value, Co. It gave a small, discontinuous 
leakage current. Pig. 2, which was zero atalltimesexcept 
under the crests of the voltage wave. The shape and 
amoimt of this cuwent could be controlled , by adjust¬ 
ment of filament temperature and bias potential. 
By increasing the latter, the breakdown voltage was. 
increased, and the leakage reduced. If the breakdown 


Pig. 3—Current Obtained with Artificial Corona Leak 
AND Condenser in Parallel 

voltage had been established, the amount of the leakage 
could be controlled by the filament temperature. As 
used in the following tests the r. m. s. critical voltage, 
Co, for the leaks was approximately 76 to 80 volts, 

. 115 

representing —^ volts. 
v2 

By shunting the terminals of the leak with a small 



Pig. 4—Curve Showing that the Artificial Corona Leak 
Satisfies the Quadratic Law of Corona Loss 

paper, condenser at a a'.in Fig. 1, the distorted current 
shown in Fig. 3 was obtained. As a voltage greater 
th^ Co was applied, there was a leakage current in 
addition to a charging current, the leakage, current 
causing a hump on the latter slightly in advance of each 
voltage crest. The smaller irregularities in the current 
were due to tooth harmonics in the voltage wave. 
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In later tests these were eliminated by the nse of filters. 

That the leakage current of the artificial corona was 
similar to that of real corona may be observed by com¬ 
paring Figs. 2 and 3 with the wave forms obtained of the 
latter by Whitehead® and by Bennett.® In both of 
these cases, the real corona was formed on a rod within 
a concentric cylinder. The oscillograms of Bennett 
show the distortion caused by corona of the rod-and- 
cylinder capacitance current when the applied voltage 
exceeded the critical corona-forming value for the ap¬ 
paratus. The corona introduced a hump into the 
charging-current wave just in advance of each voltage 
crest. In the duplication of this, with the artificial 



Eia. 5 —Connection of Cobona Leaks to the Abtipicial 

Line 


corona, the capacity effect of the rod and cylinder was 
supplied by the small fixed condenser shunting the leak 
terminals. The wave forms reported by Whitehead 
were obtained by a separation of the total current, as 
found by Bennett, into two parts—a charging current 
and a corona current. For this the current wave was 
taken, first below and then above the critical voltage, 
the difference between the two giving the wave form of 
the corona current. This latter was pulsating. Its 



Fig. 6—Chaboing Curbent for an Artificial Line having 
Artificial Corona Leaks 


humps were asymmetrical, but they attained their 
maximums approximately under the crests of the 
voltage. 

The conformance of the artificial corona to the quad¬ 
ratic law of corona loss is shown by the typical power- 
loss curve given by a single leak (Fig. 4).- The test 
for this t 3 rpe of curve consists of a plot of square root 
of the power against volts, the points of which should 

5. Wliiteliead and Inouge, “Wave Form and AnapUfication of 
Corona DisoLarge”, Trans. A. I. E. E., 1922, p. 138. 

6. E. Bennett, “An Oscillograpli Study of Corona”, Trans. 
A. 1. E. E., 1913, p. 1787. 


lie on a straight line. The leakage curve satisfied this 
requirement, as shown. The straight-line plot may be 
compared favorably with similar plots given by Peek 
It is interesting to recall, in this connection, that tht 
deviation from the theoretical curve in the region of 
Co is also a characteristic of real corona. 

The artificial line to which the corona leaks were 
attached represented a single-phase line having 500,000- 
cir. mil conductors, spaced 9 ft. between centers.* One 
leak was placed at each end and two leaks in parallel 
at the middle. This was in accordance with the pi- 
construction of the line, and gave twice the leakage at 
the middle as at the ends. See Fig. 5. The critical 
voltage, eo, for the line was established at 81 volts. 

Using a 420-mile length of open line, oscillograms were 
taken of voltage and charging current at the generator 



Fig. 7—^Voltage Wave Forms at the Two Ends op a 420- 
Mile Line with Corona Leaks Operating 

end, both with and without the leaks operating. When 
they were attached, but inoperative, (filament currents 
zero), the current and voltage were normal sine waves. 
When placed in operation, they caused the distortion 
shown in Fig. 6. Analysis of the wave forms of the 
latter showed the voltage to have a three per cent 
third harmonic, and the current to have a nine per cent 
third harmonic, three per cent fifth harmonic, and one 
and three-tenths per cent seventh harmonic. These 
compare favorably with the voltage and corona-plus- 
capacity-current wave forms at the generator end of a 
real transmission line under corona conditions, as given 
by Peek.® 

By these preliminary experiments the characteristics' 
of the artificial corona were checked against those of 
real corona. It was shown that the leakage current 
was of approximately correct wave form, and that the 
power loss varied with the voltage in agreement with the 
quadratic law. Further, when operating on the arti¬ 
ficial line, the distortion produced in the voltage and 

7. F. W. Peek, Jr., “Dielectric Phenomena in High-Voltage 
Engineering,” 1920, p. 128. 

8. A. B. Kennelly, “Artificial Electric Lines”, 1917, pp. 205-7. 

Kennelly and Nabeshima, “The Transient Process of Estab¬ 
lishing a Steadily Alternating Current on a Long Line”, Pro. 

A m. Phil Soc., 1920, p. 325. 

9. F. W. Peek, Jr., “Dielectric Phenomena in High-Voltage 
Engineering”, 1920, p. 118. 
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current was similar to that found with real corona on a 
real line. 

Distortion op Voltage 

Oscillograms were now taken of voltage wave forms 
at points out along an open line. The use of a vacuum- 
tube repeater*® made it possible to attach the oscillo¬ 
graph to the unloaded line without disturbing voltage 
conditions. When the leaks were inoperative there 
was no distortion at any point on the line. But when 
they were placed in operation, they produced the 
distortion shown in Fig, 7. Only the two end voltages 
are given, as they represent the extreme conditions. 
Analysis of all the waves of the series was made, how¬ 
ever, and it was found that the distortion was progres¬ 
sive. It consisted almost entirely of a third harmr^Tiie, 
the magnitude of which increased steadily from four to 
fourteen per cent between generator and open end. 



Pio. 8 —Crest and R. M. S. Vodtage Distribution on 420- 
Milb Line, with and without the Artipiciad Corona 

Using a vacuum-tube, crest-reading voltmeter (also 
arranged to take negligible power), the maximum volt¬ 
age values at positions along the line were found in 
similar manner. Under corona conditions the crest 
value was increased near the generator end, but de¬ 
crees^ near the free end, as shown in Fig. 8. 

This progressive increase in voltage distortion is due 
to the difference in resonance conditions for the funda¬ 
mental, and for the various harmonics. The latter, as 
a result, become a larger percentage of the resultant 
voltage at the distant points. 

This di stortion of the voltage along a single-phase line 

10. p. g. Dellenbaugh, Jr., “Artificial Transmission Lines 
aiith Distributed Constants,” Journ. A. I. E. B., Dec. 1923, p. 
1293. 


is of interest, since it occurred under conditions which 
provided a circuit for third-harmonic currents, A 
three-phase line with grounded neutral is equivalent 
to three such single-phase lines in parallel. The results 
indicate, therefore, that even with a grounded-neutral 
system there can be a distortion of voltage between 
each line and ground. It is of interest also in connection 
with the explanation given later of the charging current 
which is found under corona conditions. 

Any alteration in maximum voltage values, such as 
was formd, would have an appreciable effect upon the 
distribution of corona loss, increasing it at the near end 
and decreasing it at the far end of the line. 

Effect op Corona Leakage on Voltage 
Distribution 

An excessive potential rise on an open line under 
corona conditions has been reported.'* This has raised 
questions regarding the effect of corona in altming 
voltage distribution in cases of open circuit, and the 
possibilities of serious resonant voltages at triple 
frequencies. 

These points were investigated with the artificial 
corona. Voltage distribution curves were taken with 
an electrostatic voltmeter over a wide range of line 
lengths and voltages, with and without the corona 
leaks operating. The curves shown in Fig. 8 are typical 
of the alteration in distribution found in every case. 
To this, even a 240-mile line proved no exception. This 
is important as this line represented approximately a 
quarter-wave length for the third harmonic of sixty 
cycles—a condition which would be most favorable for 
the formation of high-resonant voltages by the corona 
if resonance effects of the harmonics should prove to 
be present. 

In these tests it was found that the normal voltage 
distribution, that is, for no corona leakage, held also for 
corona conditions unless the applied voltage was exces¬ 
sively high or the length of line extreme. With a long 
line and an applied voltage near the critical value, the 
distribution was appreciably lowered. It appears, 
therefore, that in the case of distributions on long lines 
the reducing effect of corona as a leakage will largely 
overbalance any tendencies toward high voltage reso¬ 
nance due to the harmonics it may introduce. 

In. making voltage distribution computations for 
high-voltage lines where corona must be considered, it 
has been customary to represent the probable corona 
loss by an equivalent ohmic leakance. In this, the 
assumption has been made that corona would tend as a 
leakage to reduce the rise of potential should the line 
accidentally become open-circuited. The above re¬ 
sults appear to substantiate this assumption. Further, 
it was possible in the case of each of the tests on the 
artificial line to calculate a distribution which would 
agree within the limits of engineering accuracy with 


4. ioe. cit. 
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tKe distribution obtained by test. For this the usual cycles, and six reflections are distinguishable. In the 


uyperooiic lormuias were employed, using a leakance, g, 
•obtained from the division of measured loss by the 
average of the squares of the end voltages. 

For all these tests it was possible to check the ade- 
■quacy of the corona representation. The critical 
•corona voltage of the single-phase power line, which the 
artificial line represents,* is approximately 96.2 kv. to 
neutral, assumptions being made as to atmospheric 
conditions and state of conductor surface.** As this 
corona-forming voltage was represented on the artificial 
line by 81 volts, the ratio between corresponding line 



Fig. 9—Cubrent Transient on Open Line without Corona 
Switch Closed 115 deg. After Voltage Passed Through Zero 


■voltages was • It was thus possible to check 

the corona representation, as the corresponding losses 
on the artificial line and on the real line were to be to 
each other as the square of this voltage ratio. In all 
cases the loss measured was found to be within 10 per 
cent of the loss which was calculated for the condition by 
this method. 

Effectiveness op Corona in Damping Transients 

Tests were also made to show the possible effective¬ 
ness of corona in attenuating traveling waves, such as 
re^t from switching operations in the system. For 
this a single-phase artificial line with distributed 
■constants wm used. It represented 331 miles of 
No. 00 solid copper conductors having 8 ft. 9 in 
spacing.*® 

A synchronous switch closed the circuit between genera¬ 
tor and line at any desired point on the voltage wave. 
Two oscillograms for each point of svritch-closing were 
t^en one to show the transient under normal con¬ 
ditions, and the other the same transient vdth corona 
present. Their difference represented the modification 
resulting from the corona leakage. . 

In Figs. 9 and 10 are given typical transients for the 
two cases. They show the generator voltage and the 
current entering the open line when the switch was 
closed on the descending portion of the voltage wave. 
In the first, without corona, the deviation from the 
sinusoidal state is apparent for approximately two 

♦See page 816. 

11. P. W. Peek, Jr., “Dielectric Phenomena in Hieh-Voltaae 
Engmeering,” 1920, p. 203. ^ 

10. loo. cit. 


second, taken with corona present, the steady-state 
condition was reached in half a cycle. In this latter, 
the normal distortion of the current due to the corona 
should not be confused with the transient. 

Although these last results are only qualitative, they 
support the general belief that corona, as a leakage 
occurring with excessive voltage, acts to suppress ab¬ 
normal voltage disturbances. In functioning as a 
safety valve, it serves to dissipate the excess energy of 
the traveling waves and reduce them rapidly to the 
steady-state condition. 

Effect of Harmonics on Apparent Capacitance 

In corona loss tests on transmission lines, readings 
are^ taken of current, voltage, and power. PVom the 
ratio of watts to volt-amperes the power factor is cal¬ 
culated, and thereby the line current resolved into two 
components—one in phase with the voltage, and the 
other at right angles and leading. The latter, (con- 
adered the charging current for the line capacitance) 
increases linearly with the voltage up to the point of 
corona formation; beyond, it bends rapidly upward. 
Curves Rowing this are given by Lewis'* and Peek. 
The variation from the linear relation above the critical 
voltage is generally attributed to the presence of the 
corona envelope increasing the line capacitance. 

This feature of corona was investigated on the ar¬ 
tificial line. Corona loss tests were made, and essen¬ 
tially the same procedure followed in measurement and 
calculation as outlined above. For each voltage the 
value of line capacitance corresponding to the quadra¬ 
ture current was computed., The results, given in 



Pig. 10— Current Transient as Shown in Fig. 9, but with 
Corona 

graph form in Fig. 11, show in the upper part the 
variation of volt-amperes, net watts of corona loss, and 
power factor with applied voltage. In the lower 
part are given the total current, corona current, charg¬ 
ing current, and the apparent capacitance. There is 
an interesting similarity between these and the char¬ 
acteristic curves of real corona. 

The true capacitance of the 189 miles of artificial line 
was 1.445 microfarads. The capacitance calculated to 
agree vnth the test charging current at a voltage 40 per 
c&it above the critical value was 1.61 microfarads. 
Thus with only the leakage effect of corona represented, 
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the capacitance of the line was apparently increased 
4.6 per cent, and this with no actual change taVing place 
in the fixed condensers which supplied it. In this con¬ 
nection, Lewis reports an increase of 32 per cent, found 
when the voltage was 70 per cent above the critical 
value. Although small in comparison with this, the 
increase which was obtained on the artificial line showed 
plainly that an ionized envelope is not an essential to the 
occurrence of this effect. 

It was possible to show in another way that at least 
much of this capacitance change found on lines is ap¬ 
parent. The above test was repeated, measuring only 
the loss m a single corona leak shunted by a fixed con¬ 
denser. The quantities. Fig. 12, were calculated as for 



Fio. n—C habactbbistic Cobona Cubvbs Obtained on an 
Abtotcial Line having Abtipicial Cobona, Showing Typical 
Incbeasb in Line Capacitance 

a line. The curves are almost exact duplications in 
form of those given for real corona. The charging 
current and apparent capacitance of the condenser were 
distinctly increased at voltages exceeding the critical 
value of the leak. The capacitance changed from 1.06 
to 1.25 microfarads, which is a 21 per cent increase for a 
voltage 67 per cent above the critical value. These 
results were obtained, using a voltage of approximately 
100 volts; there was no corona envelope; and the true 
capacitance of the circuit was known to remain constant, 
being a fixed condenser. 

In both of these tests the increase in charging cur¬ 
rent was reai, but the increase in capacitance only 
apparent. This may be explained by the presence of 
harmonics. 

In the transmission line case there was a distinct 


distortion of the voltage between line and ground out 
along the line due to the corona harmonics. (Shown in 
.Fig. 7). Being impressed on the normal line capaci¬ 
tance, these harmonic voltages produce large charging 
currents due to the fact that there is an increased suscep- 
fance to currents of harmonic frequencies. The result 
is that the quadrature, or capacitance component of 
the line current, is increased more than proportionately 
to the applied voltage. 

Further, as shown in Fig. 6, the current at the genera¬ 
tor end of the line under corona conditions was highly 
distorted in comparison with the voltage at that point. 
The meters coimected there, for measuring the current 
and voltage indicated only the effective values of the 



Fig. 12—Chabaotbristio' Corona Curves Obtained with 
AN Artificiaii Corona Leak Shunted by a.Fixed Condenser, 
Showing Abpabent Increase of Capacitance 

wave forms, and in making the subsequent computa¬ 
tions, equivalent sine waves having these values were 
substituted for the distorted waves. 

The fflTor introduced by neglecting the harmonics in 
making the calculations is brought out by the results 
of the test on the leak and shunting condenser. In that 
case the current and voltage wave forms were as shown 
in Pig. 3; the current only was distorted, the voltage 
remaining practically sinusoidal. This produced a 
decrease in the power factor, for the harmonics which 
eristed in the current and not in the voltage contributed 
nothing to the average power, but did increase the 
effective value of the current required to produce that 
power. The result of this is shown by the vector 
diagram of Fig. 13. 

The fundamental Ii of the current has an energy 
component I, in phase with the voltage, V. As the 
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voltage is sinxisoidal, this is the only part of the current 
that contributes to the power. The harmonics increase 
the effective value of the total current from h to I, 
but its energy component must remain the same. Con¬ 
sequently, when an equivalent sine wave is used for I, 
as is done in making the usual computations, the result 
is an increased quadrature current I «, and correspond¬ 
ing apparent capacitance calculated from C = . 

w V 

The results of the above tests are evidence that the 
capacitance change attributed to corona is not at least 
entirely a phenomenon due to the presence of an en- 



Fia. 13 —^iLLusTBATiHra how Incbbase in Oapacitanob Rb- 
sviHS FEOM THE SvBSTmmoN OP Equivamnt Sinb Wavbs 

velope. The indications are that it is a direct result of 
distor^ wave forms, and of a method of calculation 
in which only equivalent sine waves are considered. 
The “change in capacitance" accompan 3 ring corona is a 
means of describing a particular effect, that is, the 
upward bend of the charging current, and its explana¬ 
tion therefore is largely'a matter of definition. Al¬ 
though capacitance is usually defined as the charge per 
unit rise of potential, it is not likely that the ions of the 
corona envelope constitute a charge in the true of 
the word, as probably little of the charge in the envelope 
<^n return to the conductor as the voltage drops from 
its crest value. 

The final proof of whether or not there is a real ca¬ 
pacitance change may well lie in thie actual measure¬ 
ment of a line capacitance both with and without corona 
present. Tests of this nature have been made at 
Massachusetts Institute of Technology by M. T. Dow. 
An exploring wire was placed in the field near one of the 
conductors of a laboratory span, upon which was formed 
direct-current corona, and the capacitance between the 
wire and conductor measured. This is a method laden 


with experimental difficulties due to the high voltages 
which must be used, the smallness at best of the quan¬ 
tities dealt with, and the essentially negative nature of 
the problem. Four different methods of capacitance 
determination were used, but no indications of any 
capacitance increase were found. This warrants the 
conclusion that the increase, if there is any due to the 
corona envelope, is very small. There seems, therefore, 
to be as yet no definite proof that corona does cause an 
actual change in the capacitance of a transmission lin e. 

Summary 

1. The energy loss and distortion characteristics of 
corona can be closely approximated on an artificial line 
by simulating the cyclic change in line leakance peculiar 
to corona. This corona leakage can be lumped simi¬ 
larly to the resistance, capacitance, and inductance of the 
line. 

2. Corona may cau.se a distortion of voltage to 
neutral even when there is a complete circuit for the 
third-harmonic cun-ents provided by a grounded 
neutral. 

3. The harmonics introduced by corona will not 
cause unusual resonance effects or extra-potential rises 
in tiie case of an unloaded line. 

4. The results indicate that voltage distribution for 
usual corona conditions can be calculated within engi¬ 
neering accuracy by the methods at present in use. 
For this, the corona loss can be represented by an 
equivalent ohmic leakance. 

6. Qualitative results were obtained which support 
the general belief that corona, in forming only at high 
voltages, can be effective in .suppressing high-voltage 
disturbances. 

6. The extra-capacity effect” accompanying corona 
is largely a matter of definition. The presence of an 
envelope of ionized air about the conductors is not an 
essential to its occurrence. It is probable that at least 
the greate part of the capacitance change is apparent 
only, resulting from the method by which the capaci¬ 
tance is calculated, and from the increased line admit¬ 
tance to charging currents of harmonic frequencies. 

In conclusion, the author wishes to thank Doctor 
V. Bush for suggesting and supervising this investi¬ 
gation, and ^ Me^rs. M. T. Dow and R. Henriksen 
tor their assistance in the experimental work. 





Three-Phase, 60,000-Kv-a. Turbo Alternators 

for Gennevilliers 

BY E. ROTHi 

Associate, A. I. £. B. 


T he Sccidt^ Alsacienne de Constructions Mon¬ 
iques af Belfort (Prance), installed for the 
SociO rUnion d’Electricitd, in the Gennevilliers 
Generating Station near Paris, three 45,000-kv-a. sets in 
1922 and another in 1924. The alternators of these sets 
were, at the time, the largest four-pole niaf»}iiTiPs 
ever built, but they are now exceeded in power 
by the two new 60,000-kv-a. units, of 66,000-kv-a. 
overload capacity, that the Socidt^ Alsacienne is build¬ 
ing for the Gennevilliers Generating Station. Like the 
45,000-lcv-a. generators, these new units are designed for 
delivering three-phase current at 6000 volts, 50 cycles, 
and run at 1500 rev. per min. direct-connected to 
60,000-kw. steam turbines (Fig. 3). 



Fig. 1— ^LoNaiTtTDiNAL Pakt-Sectional Ebevation op 60,000- 
Kv-a. Alternator 


The makers have sought to obtain the greatest 
strength, electrical and mechanical, in the construction 
of these machines, ensuring complete reliability of 
operation, and three years’ service with the 45,000- 
kv-a. alternators has shown that this purpose has been 
My attained. These machines have been running 
without accident, and tests have proved that they can 
even yield 55,000-kv-a. without difficulty. Indeed 
there have been cases where it was necessary to run 
them at this overload at very low power factors. In 
view of these good results, it is easy to understand that 
relatively small modifications had to be made in the 
design.of the 45,000-kv-a. alternators to provide the 
60,000-kv-a. units. It has even been possible to make 
their stators and rotors interchangeable. 

The det ailed description of the 45,000-kv-a, alter- 

1. Chief Electrical Engineer, SociiSfkS Alsacienne de Construc¬ 
tions Mdcaniques, at Belfoi’t, 

Presented at New York Section Meeting of the A, L E. E.^ 
October 23, 1925, 


nators which the author has published elsewhere^ can 
thus apply to the 60,000-kv-a. units, and it seems un¬ 
necessary to repeat it here. It will be sufficient to 
point out, shortly, the modifications that the first 
alternators have undergone. However, it has occurred 



Pig. 2—^Transverse Part-Sectional Elevation 


to the author that it would be interesting to reproduce 
in this paper, aS an example of European practise, some 
of the photographs which have been reproduced in the 



Pig. 3—General View op 50,000-Kw. Set 


2. E. Both. The 40,000-kv-a. alternators built by the 
Soci6t6 Alsacienne de Constructions M6chaniques for the 
Gennevilliers Power Plant of the Union d*Eleetricit6. Revue 
G6n4rale de rEleotrioit^, 24th Pebruary 1923, Vol. XIII, page 
307, and Bulletin de la Soci6t6 Alsacienne de Constructions 
M4caniques, No. 2, April 1923, page 42. 

Large Turbo Alternators at Gennevilliers; the 40,000-kv-a. 
alternators of the Soci4t4 Alsacienne. The Electrical Review 
21st and 27th April 1923, pages 604 and 646. 

E. Roth. Advances in the Construction of Large Turbo 
Alternators. An account delivered to the International Congress 
at Ldige, 1922, and Revue G4ndrale de rElectrieit^, 27th January, 
1923, Vol. XIII, page 129. 
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papers to which reference has been made. These 
photographs show assembled views of the machines (Figs. 
1 to 5) as well as detailed views of the stator (Figs. 6 
and 7) and the rotor (Figs. 8 and 9) in the various 
stages of instruction. But it is desired especially to 
call attention to some of the unusual features of these 
machines which may interest the American engineer, 
and^to point out the methods and results of tests 
carried out on these machines. 

Comparison between the Dimensions op 60,000- 
Ky-a. and 45,000-Kv-a. Alternators 
Some of the numerous heat tests made on the 45,000- 
kv-a. alternators are given later in this paper. At the 



Pig. 4— Vibw of 60,000-Kv-a. Alternatob 


60,200-kv.a. load (Test No. VIII) it wiU be noticed 
tnat the temperature rise of the copper, measured by 
thmnocouples placed on the bare copper, inside the 
^ppings, was but 37.6 deg. cent., whfle the tempera¬ 
ture nse of the rotor copper at the same load, as. 


incr^e of flux made it necessary to slightly increase 
the section of the rotor disks by reducing the air ducts. 
The reastance of the latter to the passage of the. air 
has thus been somewhat augmented; this, however, is 
negligible, owing to the total section of the air duets 
being very, large. 



Fig. 6—^Boring op Stator 


For providing stability, the air-gap has been enlarged 
from 2.6 to 3 cm. The increase of the excitation which 
results therefrom is somewhat compensated for by the 
reduction of the armature reaction. The full-load 
excitation of the 60,000-kv-a. units requires 72,000 
amp^e-tums per pole while 65,000 ampere-turns are 
required in the 45,000-kv-a. units. It is obvious from 
the results of the test already mentioned and which 
corresponds to 75,000 ampere-turns, that the tempera¬ 
ture rise of the rotor copper of the new Tna.f».hiTiftg will 
be less than 65 deg, cent. These 72,000 ampere-turns 
correspond to a current of 630 amperes with 19 conduct¬ 
ors per slot or 114 turns per pole. (Fig. 9). 



• COVBSB OF EebCTION (SHOWING 

Dhtahs of Stator Winding and ConstrdctiDn of Rotor) 

me^ed by the increase of its resistance, was only 67 

tX’ power-factor was but 0.65. 

temperature rise, due to an 

SSrfTf ventilation, have, m already stated, 

new machines to be given the same geo- 

^ a total 

lei^h of active iron of 278 cm. (Fig. 1) 

wf 45,000-1^-a. alternators 

pitch, while .that of the 60,000-kv-a. units 
> S- ) IS a.fractional pitch winding. The ■»mign 



Pig. 7—Oomplbtb Stator Rbady for Winding 

Fig. 10 represents the stator slots of the two alterna¬ 
tors and shows the proportions employed to provide for 
^ 10^7 ^®at leakage flux, constituting the most remark- 
a e eatore in these machines. Reference will be made 
to this future later in the paper. The numbm* of slots 
V altered but the section of the copper is 

^ghtly larger in the 60,000-kv-a. machines than in the 
46,000 kv-a. units. 
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The bars in both machines are similarly constructed, 
and are made up of component conductors strongly 
insulated from each other and placed obliquely to the 
center line of the slot in order that they shall have 
identical positions with respect to the slot-field, (Fig. 
11). The eddy current losses are thereby cut down to 
a negligible value. In fact, the examination of the 
reports of the heat test shows that the readings of the 
couples which are laid right on the copper (the first at 
the top of the lower coil side and the second at the’top 



Fia. 8 —Rotor on thb Lathe 


of the upper coil side), numbered 10 and 12 in Fig. 10, 
are very nearly the same. In badly designed bars, the 
stray losses due to eddy currents are very much greater 
in the upper conductor of a slot than in the lower. The, 
fact that the temperature rise of both conductors is the 
same leads to the conclusion that the supplementary 
losses are completely eliminated. 



Pio. 0—60,000-Kv-a. Rotor Being Wound 


The dimensions of the air-cooler, a description of 
which has already appeared in the papers mentioned, 
have been somewhat enlarged. It will be recalled that 
the air describes a closed circuit. It is cooled by means 
of an air-cooler wherein the condensate circulates and 
which possesses the interesting characteristic that ihe 
amount of cooling water is maintained greater than a 
given minimum whatever the load may be. Thus a 
certain part of the water returns to the condenser 
immediately after leaving the air-cooler. This ar¬ 
rangement was made to overcome the difficulty of the 


losses in turbo alternators being but slightly variable 
with the load, whereas the amount of condensed water 
essentially depends thereupon; hence, there is a risk of 
overheating the air at light loads if the condensate 
alone is employed for cooling. 

The total weight of the 60,000-kv-a. alternator is 162 
metric tons (366,400 lbs.), without bearings and base¬ 
plate. The stator alone weighs 104 tons; the rotor, 
with the exciter, 50 tons; and the end-shields, 8 tons. 
It may be interesting to compare these weights with 



Stator Slots' 


46,000 Kilovolt-amperes 60,000 Kilovolt-amperes 

Pig. 10—Snowing Arrangement op Thermocouples 

those stated by Messrs. Foster, Freiburghouse, and 
Savage in their paper on “Large Steam Turbine Genera¬ 
tors,” Journal of the A. I. E. E., October 1924, page 
923. For a 62,500-kv-a., 1200-rev. pm* min., 60-cycle 
turboaltemator, these authors give the following 
weights: stator, 93 tons without bearings and base¬ 
plate; rotor, 93 tons; end shields, 11 tons;—giving a 
total weight of 197 tons. The differences in weight 
are easily explained by the fact that the Soci^t4 Alsa- 
cienne’s alternator is a four-pole machine while the alter¬ 
nator described by those authors is a six-pole machine. 
CONSmBBATION OF THE ADVANTAGE OP EMPLOYING 

Leakage Slots 

The leakage slots (Fig. 10) are the most interesting 
feature in these machines. They serve a double 
purpose since they first artificially increase the leakage 
for tile stator, thqs reducing the instentaneous short 
circuit current to a very low value, and then serve 
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advantageously as a channel for the cooling air. These 
two functions of the leakage slots will be examined in 
detail and it will be seen that the latter is by no means 
the least important. 

The design of these machines has been largely in¬ 
fluenced by the condition that, without the use of re¬ 
actance coils, the instantaneous value of the sym¬ 
metrical short-circuit current should not exceed four 
to five times that of the normal currents. The actual 
values are 4.17 for the45,000-kv-a. alternator and 3.7 for 
the 60,000-kv-a. units. To obtain these exceptionally 
low values, special arrangements had to be employed. 

^ It is a well-known fact that the instantaneous short- 
circuit current in turbo alternators is almost solely 
limited by the stator leakage, for, not only is the rotor 



alternator or 42.6 per cent, and, depending on 

the instant of the short-circuit, even twice this value, 
or 86 per cent of the normal flux. In the 60,000-kv-a! 

■ 9 

alternator, the corresponding values are or 33 per 

cent and can reach twice this value, or 66 per cent of the 
normal flux. 

Owing to these values being smaller in the 60,000- 
kv-a. machines, it has been possible to reduce the height 
of the leakage slots (Fig. 10) and thus increase the 
height of the core back of the slots with the same 
magnetic density in the core of both alternators, 
notwithstanding the greater total flux in the 60,000- 
kv-a. design. 


Fig. h 

leakage very small, but its effect is still further reduced 
by the presence of dampers. Therefore, neglecting the 
rotor leakage, the above mentioned values of tiie 
instantaneous short-circuit current in the 46,000- 
kv-a. and 60,000-kv-a. alternators correspond to 
respective inductive drops equal to 24 per cent and 27 
per cent of the normal pressure with the normal cur¬ 
rent. But it is not recommended to obtain these hi gh 
inductive drops by the usual means consisting of design¬ 
ing an alternator with a high armature reaction, be- 
•cause, as will be seen later on, serious disadvantages 
could result in the course of operation. But let us 
■first examine the conditions which must be fulfilled in 
the dimensioning of the leakage slots and their advan¬ 
tages to the alternator itself. 

The height of these slots may occasion surprise, 
ance the same inductive drop could, in fact, be obtained 
by means of much smaller slots. Thus the supplemen- 
^ leakage obtained by the leakage slots is the same 
in a and 6 of Fig. 12. But it should be borne in mind 
that on a shoiircircuit the normal path offered to the 
^ is checked and that the major part of the flux is 
obhged to seek its way across the slots. It is necessary, 
therefwe, that the depth of the leakage slots be sufficient 
to a,void saturation of this path, since the magneto¬ 
motive force, and thus the short-circuit current which 
produces it, would be increased due to saturation. 

The following table shows how the inductive voltage 
drops caused by stator leakage are distributed in both 
machmes; these figures are stated in per cent of the 
normal yoltage for the normal current. 

45,000-Icv-a. 60,000-kv-a. 

Alternator Alternator 


Advantages of the Leakage Slots with Regard to ike 
Alternator. It may be contended that these high teeth 
cause an increase of the losses in the teeth, but this 
possibility is easily compensated for by very slightly 
increasing the weight of the copper. And here the 
first advantage of these slots appears, in that they per¬ 
mit a greater weight of copper to be placed on the stator 
than that corresponding to the diameter of the bore. 
This greatly facilitates the construction of very power¬ 
ful alternators. 


r-.2.8peroeut 4.1pereent 

End corrections..;.O.Speroent 12.0perc6nt 

Zig^a® leakage. l.Spercent 1.9percent 

Leakage slots. 10.2pereent 9.0Dercer.t 

.. • • • • •24.0peroent 27.0pereent 

inerefore, on a sudden short-circuit, the flux which 
passes across the leakage slots in the 46,000-kv-a. 


Fia. 12 

Another advantage resulting from the leakage slots 
may be described as follows. The important point on 
* short-circuit is not the actual value of the instantaneous 
^UTent, but the stresses exerted on the end connections. 
But these stresses are weaker at equal short-circuit 
current when the reactance is produced by increased 
slot leakage. In fact, in alternators where the stator 
leakage is obtained by a high armature reaction, the 
major part of the leakage is due to the end^connections. 
It IS consequently necessary that on short-circuit these 
should withstand the dynamical stress due to a flux 
nearly equal to the normal flux, or, depending on the 
instant of short-circuit, to even twice this flux. Now in 
the case of the 46,000-kv-a. alternator, the flux that, 
on short-circuit, is interlinked with the end-connections 
. , 9.5 

IS but 2 ^ or about 40 per cent, and in the worst 
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conditions 80 per cent of the normal flux. In the case 


of the 60,000-kv-a. units, this value becomes 


12 


44.5 per cent, and a maximum of 89 per cent. Further¬ 
more, in machines with high armature reaction, the 
weight of copper to be placed in the end-connections is 
much greater than in a machine with a small armature 
reaction, and consequently, the involutes are longer and 
more difficult to secure and higher stress must be with¬ 
stood by a part less capable of withstanding it. 

We have already stated that the leakage slots per¬ 
form an important function in the ventilation of these 
machines; reference to this will be made later. 

Advantages of the Leakage Slots with Regard to the 
Operation. Having pointed out the advantages of the 
leakage slots with reference to the alternator itself, we 
will now examine the advantages they present witii 
regard to operation. 


One important condition with which the alternators 
have to comply relates to stability of operation, which 
requires a high pull-out torque; the alternator should 
not tend to hunt or run out of step under an accidental 
overload. The condition of stability is generally com¬ 
plied with when the machine operates on a system 
having a certain inductive reac^ce, but it is more 
difficult to satisfy when it may be called upon to 
supply a S3mtem with a capacitive load or even when • 
the power factor is not much different from unity. 
Now, when the limiting instantaneous short-circuit 
current imposed is low, the required stability may be 
attained with an alternator having a high armature 
reaction, or, in other words, owing to stability refine¬ 
ments it may become impossible to design the alternator 
for the short-circuit current imposed. In this case, 
compliance with the conditions of stability leads to the 
design of an alternator with a rather high flux, and to 
the artificial increase of the leakage by means of special 
slots so as to obtain the proper value of the instan¬ 
taneous short-circuit current. 

But a small armature reaction is also necessary when 
it is desired to avoid self-excitation. This question 
is of sufficient importance to be dealt with in file special 
section following. We shall see that in this further 
particular, the leakage slots are extremely useful. 


The Auto-Excitation op Tuebo ALTEaaNATOEs 


It is known that in cm'tain conditions an alternator, 
when switched on to a capacity, may be self-exciting; 
that is, it may proceed to function as a generator, its 
nia^etizing current being supplied by the capacity. 
This phenomenon has been described many times*. 


3. P. Boucherot. Alternateurs Auto-excitateurs. 
^la Sooi4t;5 Internationale des Eleotrieiens, Peb. 
XV, p. 79. 


Bulletin 
VoL 


A, Blondel et Ch. Lavanchy. Rapport sur les reactions d*un 
r6seau ^ haute-tension sur Texoitation des alternateurs. Effets 
de resonance et d’auto-amoroage sous charge r^duitd. Compte- 


especially by American engineers. These studies show 
that an alternator will be less self-exciting the larger 
the air-gap and the smaller the armature reaction. 

Synchronous Self-excitation of Alternator with Salient 
Poles. Messrs. Blondel^ and Bethenod® have shown 
that an alternator, when connected to a capacity,, 
may be self-exciting under certain conditions if the* 
reluctance of the path offered to the flux of direct, 
reaction is different from that offered to the flux of 
transversal reaction. The current produced is at a 
frequency synchronous with the pulsation. We call 
this phenomenon "'synchronous self-excitation.” This 
difference between the reluctances of the paths of the 
two fluxes of reaction always exists in salient-pole 
alternators, but it is not so marked, being sometimes 
absent altogether, in turbo alternators. The syn¬ 
chronous self-excitation cannot therefore generally 
take place in these machines, and is even absolutely 
impossible when the rotor teeth are imiformly distrib¬ 
uted over the periphery of the rotor. 

Asynchronous Self-Excitation of Turbo Alternators. 
In this case, however, another kind of self-excitation 
may take place, but it is necessary that the rotor be 
provided with dampers or the rotor winding be a closed 
circuit. The frequency of the current produced by the 
machine is no longer synchronous with the pulsation 
when the field does not revolve sjmchronously with the 
rotor, and obtains a certain slip with regard to it. This 
phenomenon which we have called "asynchronous 
self-excitation” has been studied by Mr. Bethenod®,. 
who pointed out the danger it would present to turbo 
alternators. 

The conditions of self-excitation, whether synchro¬ 
nous or asynchronous, are the same; the main cause is the 
residual magnetism. The self-excitation may in general 
be explained as follows: 

rendu des trauvaux de le V Conference internationale des Grands 
reseaux, 1921, p. 881. 

J. Bethenod. Sur Talternateur k resonance. La Lumiere 
electrique, 25th December, 1909, Vol. VIII, p. 398. 

F. D. Newbury. The Behavior of Alternators with Zero 
Power-factor Leading Current. The Electric Journal, 1918^ 
p. 363. 

R. W. Sorensen, H. Cox, and G. E. Armstrong. California. 
220,000-volt, 1,500,000-kw. Transmission Bus. PBocBEDiNas 
A. I. E. E. 1919, Vol. XXXVIII, p. 1027. 

W. 0. Morse. The Behavior of Alternating-Current Genera¬ 
tors when Charging a Transmission Line. General Electric 
Review, Feb. 1920, Vol. XXIII, p. 109. 

C. J. Fechheimer. Teansactions A. I. E. E. 1920, VoL 
XXXIX, p. 1637. 

G. Darrieus. Les reseaux de distribution et la transmission 
k tr4s haute frequence. Exemples Am^ricains. Bulletin de la 
Soci6t6 franoaise des Electriciens 1920, Vol. X, p. 411. 

T. Labouret. Repercussion des lignes de forte capacite k 
vide nu le fouotionnement des alternateurs. Revue gen^rale 
de rElectricite, 17th December 1921, Vol. X, p. 876. 

4. loc. cit. 

5. loe. cit. 

6. T. Bethenod. Auto-amorcage des machines, k rotors 
eylindriques associees k des condensateurs. Revue gendraJe de 
rElectricite, 8 September 1923, Vol. XIV, p. 307. 
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When starting an alternator connected across a 
condenser, the residual magnetism induces in the alter¬ 
nator a very small electromotive force. This, owing to 
the presence of the condenser, produces a current 

TT 

leading by which adds its magnetizing action to 

that of the residual magnetism. However, this effect 
can start the auto-excitation only at the speed by which 
the capacitive reactance of the condenser is slightly 
higher than the inductive reactance of the alternator. 
In fact, from this time on, the current in quadrature 
with the electromotive force is sufficient to magnetize 
the machine. As the pressure builds up, the current 
does likewise, one boosting the other, the phenomenon 
being limited only by the saturation of the alternator. 

But any condenser has losses, however small they 
ihay be. Losses are also developed in the iron and 
copper of the alternator due to the passage of current, 
and these losses can be even higher than the normal 
losses. As the corresponding active power can be 
derived only from the motor driving the alternator, an 
electromagnetic torque has to be developed between the 
stator and the rotor. 

The existence of this torque is rendered possible in 
two ways,—^in the salient-pole alternators, by the dis¬ 
symmetry of the magnetic circuit in which case the 
self-excitation is synchronous, and in the turbo alter¬ 
nators, by the presence of a damping circuit or the closed 
field circuit. In the latter case, the self-excitation is 
asynchronous; in fact, an active component of the cur¬ 
rent in the stator requires the presence of a correspond¬ 
ing component in the rotor winding for the production 
of which an electromotive force is required, and in order 
that it may be induced, it is necessary that the speed of 
the rotor be different from that of the revolving field, 
the rotor leading with regard to the field by the speed 
of the slip. Therefore the conditions of the existence of 
this component of the current in the rotor are the same 
as the conditions of existence of the current in the in¬ 
duced winding of an asynchronous generator. 

The condenser is practically represented by the line 
which has but a small resistimce. The value of the 
slip is then very small so that the frequency of the 
alternator running under the conditions of asynchronous 
self-excitation is not, at the normal speed, much 
different from the normal frequency; hence it ensues 
that the conditions of asynchronous sdf-excitation and 
of syndhronous self-excitation are the same. The 
alternator is self-exciting when the capacitive reactance 
of the line is slightly superior to the inductive reactance 
of the alternator, the limiting case being where the 
characteristic of the line coincides with the straight 
part of the no-load characteristics of the alternator. 

FoiimM Useful in Ascertaining Uie Conditions of 
Self-excitation. The conditions of sdf-excitation ^ust 
^t^ can be expressedinaverysimple form. An exam¬ 
ination of the no-load and short-circuit characteristics 


of an alternator determines whether self-excitation 
will take place in the case of a line of, say, L km. length. 

Study of a certain number of high-voltage, three-phase 
lines indicated that their capacitive reactances did not 
vary much from one line to another and that the value 
per phase (whatever the pressure), is, for 60-cyele lines, 
about 0.385 X 10* ohms per 1cm. It is therefore 
approximately correct to multiply the value of the line 
pressure U, per phase, by the reciprocal of this capaci¬ 
tive reactance and by the length, L, in km., to obtain 
the charging current of the line, or: 

10 -* 

» ___ — XLxU = 1.5 xLxUx 10“* amperes. 

U.Oob 'V o 

Multiplsdng this value by the transformer ratio 
gives the value of the charging current in the line, 
corrected to the pressure 17„ of the alternator. It 
becomes 

I = 1.5 X -jj- X L X 10“® amperes. 

According to what has just been stated, the self- 
^citation will take place when the magnetizing current 
supplied by the line is slightly higher than the current 
necessary for exciting the alternator. Therefore, by 
reading, on the extension of the straight part of the no- 
load characteristic of the alternator, the number of 
ampere-tums corresponding to the value Ua of the 
normal voltage of the alternator, and determining the 
armature current !„ on the short-circuit characteristic 
corresponding to the same number of ampere-tums, 
the self-excitation takes place when 

J >7, 

or when 

1-5 X L X 10“* > 7o amperes. 

Application of Formula to the 60,000-kv-a. AlternoAor. 
The full lines on Fig. 13 represent the no-load and the 
short-circuit characteristics of the 60,000-kv-a. alter¬ 
nator. It will be noticed that a current 7« = 2400 
amperes on the short-circuit characteristic corresponds 
to the normal pressure of 6000 volts read on the straight 
part of the no-load characteristic. Assuming a three- 
phase line at £7 = 150,000 volts at 50 cycles, self¬ 
excitation will' take place when the length, L, of the 
line is such that 

, 150,000* 

L .x 1.5 X gQQQ— X 10-* > 2400 amperes, 

or 

L> 426 km. 

Let us now compare this alternator with another of 
the same kv-a. output, but without leakage slots, one 
which also has to comply 'with the condition that 'the 
instantaneo'us short-circuit current be 3.7 times tiie 
normal current, corre^onding to 27 per cent inductive 
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drop due to the stator leakage. As it is constructed, 
the leakage slots of the alternator produce 9 per cent 
inductive drop. Suppressing these leakage dots will 
give a total drop of only 

27 — 9 = 18 per cent. 

It is therefore necessary that the alternator without 
leakage slots be designed with a sufficiently higher 
number of conductors to increase the reactance from 
18 to 27 per cent. As the inductive drop increases 
as the square of the number of conductors, the numbers 
of conductors on the stators of the two maohinfts should 
be in the ratio, 

M 

The flux in the second machine is reduced in the same 
ratio. There being imposed the supplementary con¬ 
dition that the magnetic circuits of both alternators 
be identical and all parts be submitted to the same 
induction, it ensues that their lengths should be in the 
ratio of these fluxes. Therefore, the length of the active 
iron of the alternator without leakage slots becomes 

278 

1.226 “ ^ 

The copper on the periphery of the rotor of the second 
machine will have the same section and will then be 
capable of developing a magnetomotive force corre¬ 
sponding to 72,000 ampere-turns. Constructing the 
Potier’s diagram for this new alternator shows that 
this total munber of ampere-turns can be maintained 
only when the armature reaction is increased by 22.5 
per cent by reducing the air-gap from 8 to 1.64 cm. 
But it is very possible that an altmiator so designed 
will be unstable. 

The no-load and short-circuit characteristics of such 
an alternator are traced in dotted lines on Fig. 13. 
Appl 3 dng the above stated rule, it will be found that the 
self-excitation will take place if the length, L, of the line 
be such that 

150,000* 

1.5 X ~gQQQ— X X 10-' > 1140 amperes, 

corresponding to a line of 

L > 202 km. 

This shows that with an imposed instantaneous short- 
circuit current of, say, 3.7 times the normal current, the 
alternator with leakage slots is self-exciting when the 
length of the line exceeds 426 km. while the one without 
leakage slots is self-exciting when the length of the line 
is only 202 km. This important advantage is obtained 
by a relatively slight increase of the length of the active 
iron from 227 to 278 cm. Let us further add that the 
alternator without leakage slots becomes unstable; also 
that in spite of an equal short-circuit current, the end 
cqnnections are stressed twice as much as those of the 
alternators with leakage slots, and tibat, finally, it be¬ 


comes very difficult to place the copper on the periphery 
of the stator. 

Ventilation of 46,000-Kv-a. and 60,000-Kv-a. 
Alternators 

The ventilating air of the rotor follows two courses: 
One part enters the holes in the plates supporting the 
fans (Pig. 1), passes into theend-connections, and escapes 
by the notches cut into the end-plates of the rotor, as 
shown in Figs. 5, 8, and 9. 

The other part enters the rotor by conduits cut into 
the shaft (Pigs, land 5), thence is distributed to the air 
ducts, from which it passes into the air-gap and is 
expelled through some of the air ducts of the stator 
(Fig. 7), thus contributing to the cooling of the same, and 
is finally discharged into the frame. Therefore, the 
cooling air follows a radial path passing through the 
rotor at a rate of from 13 to 14 cubic met^s per second. 

We have already pointed out the importance of : the 
leakage slots to the ventilation of the stator, as per¬ 
formed in the following manner. Each fan situated 
at the ends of the rotor delivers from 18 to 19 cubic 
meters per second, draws the air into the end-shields, 
where it penetrates between the end-connections. 
These latter are particularly well cooled, because of a 
definite spacing maintained between the involutes, 
permitting the air to circulate freely around them. 

Prom the end-shields, the air enters by channels 
arranged in the frame (Mg. 6) and is distributed to the 
stator ducts. (Pig. 1). A certain amoimt of this air 
cools the core on its way across the ducts and passes 
into the frame; but the major part of the air penetrates 
between the teeth, then circulates axially in the leakage 
slots and follows the reverse path in the next duet, from 
which it also passes into the frame. 

These various paths of the air and the air guide 
baffies may be seen in Fig. 2. It should be under¬ 
stood that the baffles of one type which guide the 
air at the intake are situated along the entire air duct 
and those of another type to guide the air at the ex¬ 
haust are arranged all along the next air-duct. 

This system of ventilation may, in a certain maimer, 
be compared with that described by Mr. Fechheimer 
in his paper*, but two essential differences exist 
between the two systems. First, in that of the Soci4td 
Alsacienne, the air flows axially, not in the air-gap but 
in the leakage slots, the air-gap being, as already 
stated, a collector for the air of the rotor. The leakage 
slots are very close to the conductors and afford a much 
greatCT surface for the transmission of heat than the 
air-gap. The second point which distinguishes the 
two systems lies in the fact that in the one desmbed 
by Mr. Fechheimer the air of several air ducts is dis¬ 
charged by a corre^onding nmnber of other neighbour- 

7. A« Experimental Study of VentUaiion of Turbo Aitemo- 
tore. Journal of A. I. B. E., May 1924, page 416, Pig. 23. . 

Also see: Dr. Bratt. The Multiple Radial System of Cooling 
Large Turbo Oenerators. Journal of A. I. E. E., March 1924, 
page 185. 
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ing duets, while in the system described herein, the air 
flowing across an air duct passes in a reverse direction 
in the next two. The speed of the air in the leakage 
slots is therefore small. 

This arrangement has consequently all the advan¬ 
tages of the axial ventilation without the inconveniences 
of producing very high temperatures at the center of the 
machines, the cooling air being distributed uniformly 


mentally by tests carried out on the apparatus as 
represented in Pig. 14. 

Measurement op the Temperature Rise 

The heat tests to which the alternators have been 
subjected are also reported in Table I. One short- 
circuit test (No. I), one no-load test, with no-excita¬ 
tion, which gave the temperature rise due to the venti- 


TABLS! I 


Test No. 

I 

II 

III 

IV 

V 

VI 

viit 

Vint 

Nature of Test 

On 

short 

circuit 

No load 
not 

excited 

No Load 



On Load 



voltage V. 
Ourrent A. 


4S00 


6000 

4800 

5400 

5350 

5610 

5820 

5000 

32,800 

f Kw. 



4450 

4200 

4600 

4600 

Load 

1 . 

Kv-a...._ 




22,500 

26,500 

32.500 

32,000 

Power factor. 



• • 

37,000 

39,300 

42,700 

44,600 

0.72 

50.200 

0.66 

545 

Exciting current A. 

310 

• • 

136 

0.61 

0.70 

0.765 


1 


415 

430 

432 

455 

Jr'osiuon and Indication 
■ of the’ Couples* 


Increase 

of temperature 

* above the temj 

perature of the 

intalre air, deg. 

cent. 

Core M., 

25 

7 

1 4.8 

39 

42.5 . 

1 44 

46.5 

49 

31.5 

28.5 

R9 

“ ;K,... 

lo 

17 

6 

9 

31.5 

28.6 

34 

29.6 


Teeth G .. 

70 

30.5 

27.6 

29.5 

80 

31 

" D. 

44 

24 

47.5 

56.5 • 

53.5 

54.6 

39.6 

33.6 

27.6 


“ P. 

27 

10 

8 

8 

22 

38.5 

38 

40.5 


“ E. . 

26 

26 

32.5 

34.5 

33.5 


Between 

A. 

47 

32 

27 

40 

41 

23 

30.5 

30.5 

32 

29.5 

Wrappings 

B. 

9 

20.5 

35.5 

37.5 

37 .'5 

39.5 

36.5 

23.6 


u 

C. 

10 

9 

10 

26 

32.6 

31.5 

t 


On the copper lO.. 

23 

26.5 

27.5 

23.5 

25.5 

t 

27.6 

In the slot 

12.1 

12 

33.5 

33.5 

32.5 

33.5 

33.5 

32.5 

31.5 

31.5 

37.6 

9*7 K 

correspond to those given In Pigs. 10 and 15. ^ ---- 


iWe, - --- 

tTests Nos. vn and vril were not carried out on the same group as Nos. I to VI. 


along the whole length of the laminations; The heat 
t^ts are the best proof of the efiiciency of this system 
of ventilation. One will notice the fairly imiform 
value of the temperature rises along the whole length 



of the stator read during the test No. Ill (Table ] 
where the alternator, excited at the normal voltag 

was submitted to a no-load heat test. 

The necessary air pressure was determined expei 





X*—X/BVIOB POE mbasvbino Pebsstjrb OP Cooling 

lalmg air (No. II), the test No. Ill already mentioned, 
and a number of testsatvariousloads and various poww 
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factors have been carried out, of which the tests No. 
IV to VIII have been reported. 

The temperature rise of the rotor was determined by 
the measurement of the increase of the resistance, that 
of the stator by means of thermocouples. Many of 
these were installed throughout the stator, most of them 
during the construction; thus couples have been laid 
within the laminations in the core and in the teeth when 
piling up the plates. Two couples were embedded 
right on the copper inside the wrappings in the middle 
of the bars. Care was taken to connect the bars directly 
to neutral in order to avoid all danger during the reading. 

In almost every case the couples were laid in dupli¬ 
cate, one serving as a spare to the other in case of 
breakage. The location of the couples is indicated in 
Figs. 10 and 15. With regard to the iron, the tables 
make a distinction between the couples in the core and 
those in the teeth, also for the measurement of the 
temperature of the copper by couples between the 
wrappings and on the bare copper. 

MEASXJREMENT op THE LOSSES AND THE EFFICIENCY® 

This article by the author contains data with regard 
to the efficiency of alternators at various loads. Tests 
have been carried out in order to measure the amount of 
the air by means of an anemometer and the temperature 



rise by means of thermo-electric couples laid at the inlet 
and at the exhaust of the air of the alternators. • As the 
air circulates in a closed circuit the air chambers are 
not easily accessible, hence the measurement of the 
air speed by means of the anemometer is rather difficult. 
For this reason, the Socidtd Alsacienne has elaborated 
the following method which has confirmed the accuracy 
of the first measurement. It will be an interesting 
matter to discuss. 

Various methods have been proposed which obviate 
the necessity of measuring the amount of air*. Of these 
we shall mention the following: a. When it is 
possible to measure the losses po in any running condi¬ 
tions (at no-load, for example), these losses are measured, 
as well as the temperatures U at the intake and h at the 
exhaust of the air. At the contemplated load the 
temperatures <o' and h' of the air at the intake and the 
exhaust are also measured. The total losses of the 

8. E. Roth and G. Belfis. The Measurement of Losses in 
Totally Enclosed and Ventilated Electrical Maehines, Specially 
the Turbo Generators. Bulletin de la Sooi6t4 Alsacienne de 
Constmctions M4caniques, No. 9, January 1915, page 20. 

9. S. P. Barclay. The Determination of the Efficiency of the 
Turbo Alternator. The Journal of the Institution of Electrical 
BngSheers. August 1919, page 293. 


machine at the considered rating will be 

fo A f 


b. It is also possible to install in the path of the air a 
heating resistance with which to calibrate the system. 
The power consumed by this resistance taking the place 
of the measurable losses po mentioned in the first 
method, the total losses will be determined as indicated 
above. 

It is obvious that these methods of measurement 
apply not only to the turbo altenators but also to any 
totelly enclosed and ventilated machines. They can 
easily be employed on the test stands, but they often 
meet with certain difficulties when it is necessary, as is 
very often the case, to apply them to machines already 
erected. With particular regard to the method imder 
the heading (b), it is easy to see that installing a heating 
resistance across the air channel is difficult; and it does 
not give the desired result because the heating is not 
produced at the same places as on normal miming. In 
the method described under (a), on the contrary, the 
known losses, which serve for the calibration of the 
system, are produced within the machine, and for this 
reason this method should be preferred to the other one 
whenever applicable. However it also presents certain 
difficulties when it is desired to employ it for the 
measurement of the losses in machines already installed. 

It often occurs that the no-load losses of the machine 
can be measured at the test stand where it is impossible 
to make a test under load. With th^ conditions, the 
method (a) is applicable to the machine when installed. 
The temperature rise corresponding to the known losses 
is first measured, the losses on load being deduced con¬ 
versely from the temperature rise of the air. But 
when the machine is of such dimensions that the no-load 
test on the test stand is impossible, this method cannot 
be employed directly. This is particularly the case 
with the large turbo alternators. In order to measure 
in this case the known losses po in the machine and to 
determine in a precise manner the temperature differ¬ 
ences, the following method has been devised which is 
particularly applicable to machines the ventilation of 
which is performed in a closed circuit. 

CaMbrating the System. The known losses in an 
alternator may be determined by nmning it as a syn¬ 
chronous motor, but the power consumed by the latter 
includes not only the losses which contribute to heat the 
cooling air but also the friction losses in the bearings 
to which the losses in the driving motor (a steam tur¬ 
bine, for example) should be added when care has not 
been taken to disconnect it. However, two tests ^rmit 
these constant losses to be eliminated, the alternator 
being run as a synchronous motor at two different 
voltages, the one e^ as high and the other Ci as low as 
possible. The constant temperatures being attained 
in each case, the temperature rises A U and A ti of the 
air are measured, as well as the powers consumed pt 
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and pi. For a power p 2 — pi consumed in the machine, 
the temperature rise of the air would be therefore 
Ati— At-i and one may conclude conversely that, under 
the same running conditions as to rate of air flow, for 
which the temperature rise of the air would be A t, 
the losses will be 


P = (p2 - Pi) 


At 

A its — A 


In order that the powers p 2 and pi may be accurately 
measured, it is advantageous to adjust the excitation 
to reduce to a minimum the current input. 

Measuring of temperature rises. It is easy to under¬ 
stand that the value of the method will depend upon the 



accuracy with which the power and the differences of 
temperature, A t, are measured. The industrial watt¬ 
meters permit of an approximation of 0.8 per cent; it 
will be seen later that, thanks to the test method 
adopted, the differences of temperature can be measured 
with such exactness that the accuracy of the method 
depends almost solely upon that of the wattmeters. 

The temperatures can be measured by three different 
means, the thermometer, the thermoelectric couples, or 
the variation of the resistance of a metallic wire. 

The thermometer is to be excluded from all methods 
of high precision; furthermore it is difficult to handle, as 
the apparatus for the measurement of the temperature 
must be installed at places highly inaccessible during 
the tests. 

Thermocouples could be employed, but these devices 
also do not afford as high a precision as the method, 
based upon the measurement of the increase of the 
resistance of metallic wires. It is a known fact that 
measurements of resistance are the most precise meas¬ 


urements, in electrotechnics and even in physics in 
general. This last method has, therefore, been selected. 
It has the further advantage of greatly simplifying the 
measurements, owing to the fact that the increase of the 
resistance of a metallic wire in terms of the temperature 



Fig. 17— Abrangement of Kbsistanobs and Apparatus for 
Measuring Efficiency 


follows, at least in the limits that interest us, a rigorously 
linear law, which is not the case for the electromotive 
force of a thermocouple. 

The variation of the resistance of a metallic wire is 
measured by means of a Wheatstone bridge. Direct 
measurements for the differences A t between the tem- 



PiG. 18— One of the Two Resistances Ri Placed in Air 
Entrance 


peratures at the intake and the exhaust of the air are 
made, rather than measuring these temperatures 
separately. To this end, two resistances, and R^, 
forming the two arms of a Wheatstone bridge (Fig. 16)* 
are placed respectively at the intake, and the exhaust 
of the air Ri and R^, have equal resistances at equal 
temperatures. 










Oet. 1925 


ROTH: THREE-PHASE, 60,000-KV-A. TURBO ALTERNATORS 


916 


As the temperature varies somewhat from one part 
of the section of the air conduit to another, the resist¬ 
ances Ri and iJa are placed so that their elements are 
uniformly distributed over the whole section of the 
conduit; the difference of the average temperature is 
thus directly measured (See Figs, 17 and 18). 

Two other resistances, and JB 4 , rigorously equal, 
form the other two arms of the bridge. When the 
machine is running either as a synchronous motor or as 
an alternator, the values of the resistances Ri and R^ 
vary, the resistance iJa increasing with respect to Ri. 
As soon as steady thermal conditions are attained the 
balance of the bridges is restored by means of a resist¬ 
ance box, r, and a wire of german silver, 1 , provided with 
a slide which closes the circuit of the galvanometer. 

The resistance, p, taken on the box, r, and the wire, 1, 
which restores the balance of the bridge, is propor¬ 
tional to the temperature difference desired. Desig¬ 
nating by Pi the correcting resistance for the calibrating 
test at the low pressure Ci, by p 2 that for the calibrating 
test at the higher pressure 62 , and by p the correcting 
resistance for the test under ’the Considered load, there 
is obtained for the losses corresponding to this load: 


p = (P2 - Pi) 


P 

P 2 — Pi 


The application of this method requires, therefore, 
the measurement of two powers and three resistances. 

Accuracy of method. It is possible to establish the 
values of the two resistances,and the resistance box, 
r, with a very high precision. The absolute values of 
the resistances, R^, are of no importance. They need 
only be of the same order as the values of theresistances 
Ri and -K 2 ; but it is absolutely necessary that they 
should be rigorously equal to each other. Before 
being installed in the machine, the resistances, jBi 
and R 2 , are established with their definite connections 
and compared with each other. To this end, the 
elements being intermingled, they are placed for a 
sufficient length of time in closed boxes to make sure 
that the temperature of all elements is the same. 
This is ascertained by the fact that when replacing, Ri 
or R 2 , or conversely, the balance of the bridge is not 
disturbed. The accuracy of the values of the ratio 

p 

-is thus very high so that the accuracy of the 


method depends almost solely upon that of the watt¬ 
meters. 

When making the calibration measurenaents it is 
advantageous, in order to increase the precision, to 
disconnect the alternator from the turbine; and this 
procedure should be followed every time the conditions 
of operation of the power plant permit it. 

The possible error in the losses of one alternator, the 
efiiciency of which is 96 per cent, or nearly so,varies from 


four to five per cent, with four per cent losses. The 
error in the efficiency therefore lies between: 

4 X 0.04 and 4 X 0.05 per cent, 
say, between 0.16 and 0.20 per cent. 


Discussion 

W. F. Dawson: The author is to be particularly congratu¬ 
lated on the production of a very fine machine. It has shown 
low heating, many novel and ingenious ideas, good mechanical 
engineering, and, I should say, very good efficiency. But there 
is one feature of the design that is quite startling to us in the 
United States. I know I speak for myself and for my im¬ 
mediate colleagues although I do not know that I speak for 
other manufacturers in this country. 

Mr. Roth has laid particular stress on the fact that, by means 
of his leakage slot, he has achieved very low short-circuit current, 
current as a result of sudden short circuit. He has also pointed 
out that he has done this in preference to using very high arma¬ 
ture reaction and a correspondingly low flux. Nevertheless, 
his armature reactions are proportionately higher than we would 
feel safe in using. 

If we go back to the Electrical Review of London, April, 1923, 
we find there the saturation and impedance curves (page 646, 
issue of April 27th, 1923). The “saturation,” 60(K) volts is, 
expressed in field amperes, about 136 amperes. The short- 
circuit impedance at 4200 amperes is approximately. 270/am¬ 
peres. We feel that in designing alternators, particularly those 
to carry inductive load, the excitation required for normal 
ampere short-circuit impedance should not be much in excess 
of the excitation required at normal open-circuit voltage. 

I understand that it is the practise of many European de¬ 
signers to allow a high short-circuit impedance, making a 
machine in which the full-load field excitation is three times the 
open-circuit excitation. 

I also understand that somehow in general they are successful 
with it, probably because the increment of the load is small 
compared with the total load and perhaps, too, because of the 
more general use of automatic voltage regulators. I have had 
at least two or three glaring oases in my own practise, in which, 
before I realized the importance of designing for “voltage stabil¬ 
ity,” the voltage would break down at or about full load. One 
case was in a cotton mill where one turbo alternator was carry¬ 
ing the entire load of the mill and, according to the calculations 
which I learned later how to make, the. machine should have 
had a voltage breakdown at about 2300 kw.; it was rated at 2500 
kw. I furnished a new armature which had lower armature 
reaction and, of course, higher flux, and the trouble disappeared. 

I have had other cases into which it is not necessary to go; 
we have also noticed it particularly in the case of ship propul¬ 
sion machines where one turbo alternator is to take care of the 
induction-motor load. That machine, or a group of machines, 
will be running along satisfactorily, but rough sea will increase 
the load on the motors, and the voltage falls faster than the 
amperes increase; hence the kv-a. is reduced and the motors 
break down. 

I should like the author to tell whether he has had any such 
experience. 

Philip Torchio: Mr. Roth’s paper gives an excellent illus¬ 
tration of the progress in large turbo alternator design. Some of 
the special features of his machines will undoubtedly be com¬ 
mented upon by expert designing engineers. From an opera¬ 
tor’s standpoint, I wish to express my sincere appreciation of 
the remarkably low temperature rises of the copper in the stator 
and the rotor. The long narrow slots with an abundance of 
radiating area, the winding bars of the armature, with their 
careful assembling to eliminate eddy-current losses and a com¬ 
bination of axial and radial ventilation, have been used to secure 
results which are superior to any with which I am acquainted. 
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In making this statement I wish to add that I have not had the 
time to analyze closely how much the results are influenced by 
the differences in number of poles and the relative capacities of 
the machines compared. Mr. Roth has already mentioned 
how the difference in number of poles for machines of same 
capacities affects the total weights of such machines. Un¬ 
doubtedly to some extent the number of poles imposes limita¬ 
tions upon the temperature rises. The employment of leakage 
slots may, however, be of a decided advantage in giving remark¬ 
ably low temperature rises. 

As to the advantage of reducing the short-circuit current, I 
shall be very much interested to learn of the comments of de¬ 
signing engineers. In our practise we have, for more than 
13 years, considered it essential to the safe operation of a large 
system to install reactors between generators and buses so as 
to protect the main bus against sort-circuit failxires in gener¬ 
ator windings. In such installations, therefore, the reduction 
of short-circuit current on sound generators is limited by the 
external reactors, and designers may not find it necessary or 
desirable to employ leakage slots. This is a problem that should 
receive consideration in the discussion. 

G. M. Laffoont These generators are uni(iue, in that certain 
design features are carried to rather extreme limits. The 
author states that the 46,000-kv-a. turbo generators, which 
were installed in the Qennevilliers station in 1922, were the 
largest four-pole turbo generators built up to that time. This 
statement is somewhat liable to misinterpretation because these 
are 50-cycle machines and the design and construction of a 
given size, fotir-pole generator, operating at 1500 rev. per min. 
are not so difficult as the design and construction of a four-pole, 
60-cycle generator which operates at 1800 rev. per min. At 
the time these Gennevilliers generators were installed, they were 
rated at 40,000 kv-a. At the same time the Westinghouse Com¬ 
pany was installing the first of the Hellgate generators which 
were rated at 43,750 kv-a., but were six-pole, 1200-rev. per min. 
The Westinghouse Company has since built generators of this 
same kv-a. rating but of four poles, 1800-rev. per min. Recent 
tests on these generators show that they will carry 50,000 kv-a. 
at 80 per cent power factor and do not exceed the standard 
guarantee of 60 deg. cent, temperature rise on the armature 
winding and 90 deg. on the field winding. The Westinghouse 
Company has also built 62,500-kv-a. generators for the Brooklyn 
Edison Company, but these were of six poles and 1200-rev. 
per min. At the present time a four-pole, 1800-rev. per min. 

62.500- kv-a. 80 per cent power-factor turbo generator is being 
developed by the Westinghouse Company and 1800-rev. per. 
mm. generators with ratings as high as 75,000 kw. and 90 per 
cent power factor appear feasible to build and operate. 

It is to be noted that this generator is being wound for 6000 
volts, which is a relatively low voltage for 60,000-kv-a. rating. 
In the United States the majority of central stations generate 
at voltages varying from 11,000 to 13,800, and with some com¬ 
panies there is a decided tendency to specify a final insulation 
test voltage of three times normal plus 1000 instead of the stand¬ 
ard insulation test of twice normal plus 1000. However, some 
utility companies are considering the advisability of having 
generators wound for lower voltages and solidly connecting the 
generators to step-up transformers without any intermediate 
circuit breakers. In this case the final insulation test voltage 
would be on the order of four times normal plus 1000. On the 
other hand, other companies in the far west are considering 

16.500- volt generators. At the present time there does not 
appear to be sufficient data available to determine the TnnfVirm mn 
voltage stresses due to switching, short circuits, and lightning 
to which the generator windings may be subjected during actual 
service conditions. Until these data are available, it will be 
difficult to determine the voltage and insulation strength which 
will give the greatest protection against over-voltages and still 


not seriously affect the cost and the reliability of operation 
from the standpoint of temperature. 

In going over this paper the following outstanding features 
are of paramount importance: 

1. Small physical dimensions. 

2. Low short-circuit ratio, i.e., a low ratio of no-load field 
ampere-turns to the field ampere-turns which are required to 
maintain full-load sustained armature current. 

3. High leakage reactance. 

In comparing the physical dimensions of this 50-cycle genera¬ 
tor with those of a four-pole, 60-cyele, 1800-rev. per. min. 
generator of the same kv-a. rating, it is noted that the overall 
length of the active iron including the ventilating duets is con¬ 
siderably less than that required for the 60-cycle generator. 
This is partly due to the fact, as previously indicated, that, 
for a given rotor diameter, the design and construction of a 50- 
cycle generator are less difficult than they are for a 60-cycle 
generator of the same rating and niunber of poles. Since the 
mechanical stresses in the rotor body and retaining rings are 
proportional to the square of the peripheral speed, approximately 
20 per cent more ampere-wires per inch of wound periphery 
can be obtained for a given rotor diameter for the 50-cyele 
generator than for the 60-cycle generator on tho basis of the 
same number of poles. In either case, for a given short-circuit 
ratio, the kv-a. output is proportional to the product of the total 
flux, rotor ampere-turns, and rev, per min. Hence, the length 
of the active iron of the 50-oycle generator would be appreci¬ 
ably less than that of the 60-oyole generator and would be equal 
to that of the 60-eyele generator multiplied by the inverse ratio 
of the total flux in the machine. Since the iron loss varies 
approximately as the second power of the flux density and 
about as 1.^ power of the frequency, the relative total flux for 
the two cases will depend on the effectiveness of ventilation for 
each generator. An examination of the temperature data of 
Table I shows rather high stator-iron temperatures as com¬ 
pared to the. temperatures on the bare copper. This indicates 
that the stator iron is worked at.rather high magnc3tic induction 
and consequently this feature also tends toward a short machine. 

Prom Fig. 13, the short-circuit ratio of this 60,000-kv-a. 
generator is approximately 0.475. This same value was obtained 
from the specified dimensions and design data which were 
given for the armature and field windings. Tho short-circuit 
ratio of a Westinghouse generator of the same rating would be 
on the order of 1. Similarly, the full-load fi(dd ampere-turns 
are approximately 3.1 times the no-load field ampere-turns, 
whereas, in the case of the Westinghouse generator, tho ratio is 
about 2 to 1. This means that the armature ampere-turns are 
high as compared to the no-load field ampere-turns and a small 
change in tho armature load current produces a large change in 
generated voltage and kw. output. Pig. 2 herewith shows 
the relation between armature current and voltage, armature 
current and kw. output, and kw. output and voltage for the 
60,000-kv-a. Gennevilliers generators and for a 62,500-kv-a., 
60-cycle, 1800-rev. per min. generator with the field excitation 
Corresponding to full rated kv-a, at 80 per cent poW'^er factor. 
The curves for the 60,000-kv-a. Gennevilliers generators 
were determined from the specified design data and physical 
dimensions of these machines, and the no-load and short- 
circuit saturation curves of Pig. 1 herewith. The curves in 
Pig. 1. are the same as given in Pig. 7 of the paper for the 45,000- 
kv-a. generators but modified to suit the design constants of the 
60,000 kv-a. generators. An analysis of the load curves in 
Pig. 2 shows the following comparison of the stability character¬ 
istics of the two generators when operating at 7 per cent power 
factor loads, and with a field excitation corresponding to full¬ 
load 80 per cent power factor conditions: 

1. The maximum kilowatt output of the Westinghouse 
generator is 106 per cent, whereas that of the Gennevilliers 
generator is only 100.5 per ceut. 
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2. Tlie Westingliouse generator will deliver lUU per cent 
kilowatt output with an armature-current range of 100 to 138 
per cent, whereas the Gennevilliers generators will deliver full 
kilowatt output over an armature-current range of 100 to 
108 per cent only. 

3. The rate of change of terminal voltage with respect 
to Idlowatt output, at the point of 100 kw. output, is approxi¬ 
mately five times as great for the Gennevilliers generator as for 
the Weatinghouse generator. 

This comparison shows that the Gennevilliers generators, 


generators which have greater stability under changing load con¬ 
ditions, that is short-circuit ratios of one or more, it would be 
necessary not only to provide high-speed voltage regulators 
but the characteristics of the voltage regulators and of the 
governors on the driving turbines would have to be carefully 
designed to meet the particular conditions. But even then, 
there is always the possibility that hunting action may take 
place between the generators with poor and good regulating 
characteristics and reach such magnitudes as to cause the 
machines to pull out of step. 



PERCENT FIELD AMPERE-TURNS 

r Fia. 1 —No-Load and Shout-Circuit Saturation Curves 
60,000-Kv-a., 50,000-Kw., 83 Per Cent Power-Factor, 6000- 
VonT, 50-CycLK, 1500-Rbv. Per Min., 5775-Ampbrb Gbnnb- 
VILLIERB GeNBHATORS 



Pig. 2—Load Characteristics for 60,000-Kw. Turbo 
Obnerators 80 Per Cent Power Factor and Constant 
PiBLD Excitation 


wMch are designed with a low short-oireuit ratio are much 
more sensitive to sudden changes in load than the WestmghOTse 
generators which have a short-circuit ratio which is more tl^ 
twice as large. Hence, when operating alone or in p^aUel 
with other generators which have the same charaetenstacs, it 
would be necessary to provide voltage regulators m Qvaw o 
maintain reasonably constant voltage for rapidly oha^ng loads 
on the system. The application of quick-acting voltage regu¬ 
lators to these machines is difficult because of the extomely 
wide range in field current required in going from no-load to 


lU-load operating conditions. 

If these generators were operated in parallel with other 



In the case of high-voltage transmission system, the design 
of the generators should be such that the armature ampere-turns 
are small as compared to the no-load field ampere-turns; that 
is, the short-circuit ratios should be high. 

A generator designed with a low short-circuit ratio has con¬ 
siderably smaller dimensions than one designed for a high 
short-circuit ratio on account of the fact that the portion of 
the field ampere-turns which is used to give stability in the 
high short-circuit ratio machine is used to give kv-a. output 
in the case of the generator with the low short-circuit ratio. 
There is no doubt but that generators with short-circuit ratios 
as low as 0.475 can be operated satisfactorily with hand regu¬ 
lation on systems which have reasonably smooth load curves, 
as well as with automatic voltage regulators on systems 
with varying loads, provided the voltage regulators ‘and turbine 
governors are designed with the necessary characteristics. 
However, there is no doubt that such generators require careful 
attention and are likely to give trouble during transient dis¬ 
turbances or sudden load changes. The extent to which it is 
desirable to reduce the short-circuit ratio, and hence increase 
the output for given physical dimensions depends, to a large 
extent, on the load characteristics of the system on which the 
generator is to operate, the characteristics of the generators 
which operate in parallel, the characteristics of the voltage 
regulators and turbine governors, and the amount of attention 
the operators give to the machine. Our own experience and 
observation indicate that turbo generators which have short- 
circuit ratios of approximate unity give satisfactory operation 
on the average central-station system in this country. How¬ 
ever, this value of short-circuit ratio can and must be widely 
departed from in the case of generators which-operate on systems 
or central stations in which greater or less generator stability 
is necessary. 

The leakage reactance of the armature winding of the Genne- 
viUiers generators is unusually high for turbo generators. 
A large portion of this reactance is obtained by providing leak¬ 
age slots immediately above the slots for the main winding. 
If it is necessary to limit the initial values of short-circuit 
current to values comparable with those delivered by slow- 
speed waterwheel-type generators and the reactance must 
be within the generator, this is an attractive method of obtain¬ 
ing a high reactance. The mechanical forces on the end turns 
are reduced and the increase in reactance due to the air dots 
does not materially increase the iron loss in going from no-load 
to full-load conditions. However, it must be remembered 
that the use of these slots increases the over-all diameter of the 
machine, the cost, and the value of the iron losses. The in¬ 
crease in diameter and cost are partially offset by the fact that 
more room is obtained for the armature copper. An increase in 
diameter not only adds to the weight but also the shipping 
difficulties. The iron loss in the stator teeth is usually about 
one-half of the value of the loss in the core. The addition^ 
tooth projections increases the iron loss in the stator teeth 
about 60 per cent and this corresponds to an increase in tne 
total iron loss of approximately 20 per cent. In the case of 
paarticular generator, the additional 20 per cent incre^e in iron 
loss corresponds to 0.15 to 0.20 per cent reduction in the genera- 

tor efficiency. . „ 

The leakage reactance of a 60-oyole, 1800-rev. per nun. West- 
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inghouse turbo generator of the same rating would be from 15 
to 18 per cent, and the end turns of the armature winding are 
sufficiently well braced to withstand a three-phase short circuit 
at the generator terminals under no-load initial conditions and 
110 per cent of normal rated voltage, as required by the 1925 
A. I. E. E. Standards. So far as the initial values of the short- 
circuit currents are 'concerned, this condition corresponds very 
favorably with the actual conditions under full-load operation. 
In machines of this class the percentage of winding failures due 
to short circuits has been very small. In general we feel that 
f-Tift end turns can be sufficiently well braced to withstand short 
circuits that occur under usual operating conditions when the 
leakage reactance of the generator is 10 per cent and above. 
If still greater protection is desired it can be obtained by making 
further improvements in the bracing instead of increasing the 
leakage reactance by a method which involves an increase 
in cost and overall diameter, and a decrease in the generator 
efficiency of 0.15 to 0.12 per cent. 

A comparison of the temperature rises obtained by detectors C, 
10, and 12 show that when carrying 50,200 kv-a., the tempera¬ 
ture rise on the bare copper at the midway axial position is 
only 37.5 deg. cent or 10 deg. higher than the temperature rise of 
detector placed between the conductor sections. Using this 
same temperature difference, the temperature rise of the bare 
copper near* the ends of the machine would be 50 to 56 deg. cent. 
The iron temperatures vary over quite a wide range, being 
particularly high in the teeth at the ends of the machine and 
in the core at the middle of the machine. The temperature 
rises of the armature and field windings compare very favor¬ 
ably with corresponding temperatures obtained on Westing- 
house generators which have a similar system of ventilation. 
This particular form of the multiple-path radial system of 
ventilation is exceptionally well worked out from the stand¬ 
point of utilizing the frame space behind the stator punchings, 
and gives excellent results in stator and rotor ventilation. The 
air requirements for the generator are approximately 105,000 
cu. ft, per min, and the author states that approximately 26.5 
per cent of the air passes through the rotor body. This is an 
unusually large percentage for the rotor and no doubt is re¬ 
sponsible for the low temperature of the field winding. 

In order to determine the losses of turbo generators when 
operating under normal load conditions, it is necessary to know 
the volume of cooling air and its temperature rise for any partic¬ 
ular load condition. Various methods have' been' suggested 
and used for measuring the amount of air passing through the 
machine. When the air discharges to the atmosphere the air 
volume can be determined with a good degree of accuracy by 
measuring the velocity head at the discharge from a specially 
designed stack or nozzle. The discharge velocity can be made 
practically uniform over the entire discharge section by properly 
designing the stack and passing the air through fine-mesh 
screens as it leaves the generator. However, the most promis¬ 
ing method is the one suggested by the author, in which the 
generator is operated as a synchronous motor under no-load 
conditions and the electrical input and final temperature rise 
of the cooling air are measured for two widely different values 
of voltage. If temperature detectors of the thermocouple or 
resistance type are properly placed in the inlet and outlet air 
duets and due care exercised in making the measurements, the 
air volume can be determinded with a satisfactory degree of 
accuracy. Since most large turbo generaitors cannot be tested 
at the manufacture works under normal load conditions, it 
seems very essential that aJl such generator units should be so 
arranged that the steam end can be disconnected and the genera^ 
tor operated as a sjmchronous motor. The operating companies 
should have sufficient interest in the performance of the machines 
to be wiUing to cooperate with the manufacturers in making 
the tests. 

Briefly summarizing, the. 60,000-kv-a. turbo generators as 


described by Mr. Roth are exceedingly interesting on account 
of: 

(1) The small physical dimensions which result from the 
following: 

a. The generators are designed for 50 cycles at 1500 
rev. per min., and consequently the stator iron can be 
worked at a higher magnetic induction than in a 60-cycle 
generator; 

b. The short-circuit ratio is unusually low; that is, 
the portion of the field ampere-turns which is used to 
give stability in the case of a Westinghouse generator is 
used to give kv-a. output in the Gennevilliers generators; 
and 

c. The ventilating system provides excellent cooling 
for both stator and rotor. 

(2) Low short-circuit ratio, which results in a machine that 
is sensitive to load changes and is likely to be very unstable 
when operated on a system with rapidly changing load. The 
application of voltage regulators is more difficult on account of 
the wide range of exciting current which is required for a given 
load change. 

(3) The high armature leakage reactance, which is obtained 
from the additional slots, provides short-circuit pi-otection 
and the additional reactance which is secured does not materially 
increase the core loss under stable load conditions. However, 
this method of obtaining high reactance involves an increase 
in cost and overall diameter, and 0.15 to 0.20 per cent reduction 
in generator efficiency. 

C. J. Fechheimer: A few points of interest in this paper 
will be pointed out in this discussion. 

1. The scheme , of stator ventilation is unique, as the cir¬ 
cumferential system is combined with the axial system. The 
air which flows circumferentially does not pass through the 
stator teeth and into the air gap, but the air that flows axially 
first flows radially inward and then axially through the leakage 
slots. 

Referring to Fig. 2, you will notice that at the back of the 
core through which the air passes first axially to get into the 
radial slots, there are eight openings distributed about. The 
air passes down, radially, in the vent ducts and then, in the 
same vent ducts, some passes around circumferentially and 
goes out. Some of the air goes farther radially between the 
coils and gets into the leakage slots and then moves axially. 
You see that on one side are shown one kind of guide for the air, 
and on the other side of the line the guides are arranged differ¬ 
ently. Now on the right side of the line, the guides are for the air 
coming in, and to the left they are for the air going out; that is, 
the air moves axially and then out, radially, in the next vent 
duct, and that is the one at 45 deg. to the loft of tho division 
line. It moves axially through the leakage slot. 

It would seem that the objections which were raiscjd to the 
circumferential system of ventilation are believed not to apply 
to Mr. Roth’s machine.' In the tests on tho model for cir¬ 
cumferential flow described in my A. I. E. E. paper in 1924, the 
air flowed radially through the vents and then circumferentially 
through the air gap. Although an analytical study of Mr. 
Roth’s system of ventilation has not been made, the low tempera¬ 
tures obtained and the comparatively small dimensions indicate 
that the system is excellent. It would seom that tho supply 
of air to the leakage slots is sufficient to maintain comparatively 
low temperatures in the tooth belt where the material is worked 
the hardest. 

2. The method which Mr. Roth uses for measuring the 
losses and air volumes at full load is novel. Mr. Roth assures 
us that he can obtain accuracy by calibrating the system, operat¬ 
ing idle as a synchronous motor with known total losses at two 
different voltages. In the equation on page 10, what is the 

1. An Experimental Study of Ventilation of Turbo Alternators, Trans* 
A. I. JBS. B., 1924, pp. 486-488. 
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order of magnitude of At 2 - A t^? I presume it is about 10 
deg. cent., and to obtain accuracy these temperature rises must 
be measured with extreme care. 

The measurement of the temperature rises of the air by 
means of resistance coils connected in a Wheatstone-bridge 
network is one that is frequently used, and if proper precau¬ 
tions are taken, it should lead to accurate measurements. With 
small temperature rises, it is necessary to measure resistances 
with extreme accuracy, as a oue-degree change in temperature 
corresi^onds approximately to only 0.4 per cent change in re¬ 
sistance; or, if the temperature rise is 10 deg., it is necessary to 
read to 0.04 per cent if the error is to be not over 1 per cent. 
In some of our work, temperature rises of the order of only two 
degroe are obtained, and then it is necessary to read .to 0.008 
per cent. While, with extreme care, such measurements of 
resistance can be made, there are possible sources of error, such 
as those due to contact resistance or those which might arise 
from the stretching of some of the wires, and this introduction 
of considerable errors.. 

In tho early work on air-volume measurements by the thermal 
method at the Westinghouse Company, resistance measurements 
w(U‘o made, but they were abandoned partly because of the 
ncccissity for great precision in measurement and partly because 
a few of the wires stretched and the resistance was consequently 
changed. We have since been using large numbers of thermo¬ 
couples connocted in series, and, for the most part, have been 
able to secure very reliable results. We can read our volumes 
within about 1 per cent. Of course, if only a few thermocouples 
arc used, this metliod is not recommended, as a reliable average 
is not then obtainable. 

3. The volume of air through the rotor seems, to be very 
high. In conversation Mr. Roth explained to me the method 
which he used for measuring it. I think that the method is of 
suHlcient interest to warrant his telling the members of the 
Institute what it is. 

4. The device shown in Pig. 14, for measuring the pressure 
of the cooling air, is a model of part of the machine in which the 
flows are imitated as accurately as possible. I should inquire 
of Mr. Roth how close the agreement was between the pressure 
measured in the model and the pressure measured in the machine. 
I am a great believer in imitating in a model, conditions in the 
actual structure, but in this, care must be exercised, as some¬ 
times tho conditions are extremely difficult to mutate with 


sufficient accuracy. 

5. Mr. Roth states that with a salient-pole alternator, the 
self-excitation is synchronous. It may be of interest to those 
who have not noted it before that it is possible to increase the 
load on a salient-pole alternator gr^ualiy when it is being 
excited by condensive reactance until, at a certain load, the 
alternator pulls out of step and runs at a speed slightly above 
the frequency of the line. In other words, in a salient-pole 
machine just as in a turbo alternator it is possible to have self¬ 
excitation and operate as ah asynchronous general. One 
of the oscillograms in the discussion referred to by Mr. Roth 


shows this very clearly.* , -xi. 

E. H. Frelhurihouset I agree m general with what Mr. 
LafPoon has said as to the principles governing the limit of elec¬ 
trical stability of alternators, and I, too, question whether these 
generators which have been described by Mr. Roth possess 
the necessary margin of stability. 

Nevertheless, Mr. Roth has informed me that generators 
having these characteristics do operate successfuUy and that 
the power-station people do not And it necessary to employ 
voltage regulators.. He-states that voltage regulators have 
been installed but their use has not been found necessa^. 

Some years ago, the General Electric Company rebuilt a 
large foreign-made, turbine-alternator in which 
creased the originally high synchronous impedance. There 


2. Tbans, a. I. B. Bm 1920, 
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have always been doubts about the stability of that generator; 
however, it has now been operating satisfactorily for seven 
years, although the excitation for synchronous impedance is 2.04 
times that for normal voltage at no load. The above is an 
abnormal ratio which we do not advocate. Instead, we usually 
make the ratio less than unity. 

The deep, partially closed leakage slots winch Mr. Roth 
has employed to increase the reactance also inherently make 
it necessary to assemble the stator bars axially from the end of 
the core. Obviously, the fit of the coil cannot be so close in 
the slot as it would be if it were inserted radially under pressure 
from the air gap or open end of a slot. However, his machine 
is much shorter than we are building for that output. 

We do not believe that 27 per cent reactance is necessary 
to insure the safety of the turbine-type alternator w’hich has 
its stator winding laced at the ends to supporting rings. This 
machine as built in America is apparently flexible and strong 
enough to withstand many thousand dead short circuits with¬ 
out permanent distortion of the end structure. I recently wit¬ 
nessed a number of dead short circuits upon generators rated 
35,300 kv-a. upon which there was no permanent distortion 
whatsoever. 

Referring to the heating of these generators as given by Mr. 
Roth in Table I, we find that the temperatures obtained during 
the open-circuit run No. Ill were fairly uniform throughout 
the core; however, this was not the case during the short circuit 
test No. I. On tooth G, Fig. 15, the rise was 70 deg. cent.; 
on tooth F, 27 deg.; and on tooth E, 26 deg. G was in the 
second package of iron from the end of the core whereas the 
others were in the middle of the core. I venture to say that the 
extra heating of tooth G was caused by flux from the magneto¬ 
motive-forces of the stator winding outside of the core. We 
are interested to know what temperatures were obtained at 


the other end of the core by couples 1, 2, and 3. 

W. Kirkes This paper brings out new methods of in¬ 
corporating characteristics of high reactance without obtaining 
excessive armature reaction. At the same time the use of leak¬ 
age slots provides an effective method to keep the temperature 
rise within low limits. 

The first characteristic of high reactance is pro\dded for 
in a great many systems in this country by the use of external 
reactors in the circuit connecting the generator to the bus. 
Such reactors not only aid in keeping the voltage near noi*mal 
with a generator short circuit but they also reduce the interrupt¬ 
ing duty on the generator circuit breakers. On the other hand, 
if the reactance is built into the machine by the use of leak^e 
slots or other means, a generator short circuit means dropping 


the voltage of the bus section fed by that unit. 

Increasing the stability of the machine is a very desirable 
feature. As systems are more extended and more power plants 
interconnected, one wonders if ever a condition vdll exist when 
the extreme ends of an interconnected system will start rocking, 
due to lack of stabiHty of the interconnected system. Any 
measure tending to increase the stability of a single unit will 
aid in stabilizing a large system consisting of many such umts. 

The use of leakage slots would seem to indicate a considerable 
advantage in ventilating the unit. With the maximum size Of 
turbo generators steadily increasing as the size of 
and interconnection facilities develop, capacities of 100,000 
kv-a. win soon be required. Any method which inthcates an 
nf ventilation should be given thorough analysis 


by designing engineers. -n 4.,., 

Robert Pohl* “The most interesting part of Mr. Roth s 
paper is his advocacy of leakage slots below the mam stator 
slots This design is for obvious reasons supenor to the d^p 
slot bridges advocated by Miles Walker many years a^. but 
somewhat similar in principle to the practise of some mak^ to 
use much deeper open slots than necessary for ^e -mnding. 
The author has convinoingly demonstrated the advantages of 
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his design. I should like to say, however, that the properties 
of such leakage slots do not appear to me generally advantageous 
but only in special eases. In the first place, why employ so 
high a reactance as 27 per cent? If Mr. Roth’s 60,000-kv-a. 
alternator had been made ■without leakage slots, its reactance of 
18 per cent would have been fully high enough for all ordinary 
requirements and perhaps already too high for stations with 
feeder reactances, and a poor power factor. In Europe we 
have often to deal with station power factors much below 0.8 
down to 0.6. In such cases the increase of reactance makes 
itself seriously felt in the size and to some extent in the efficiency 
of the alternator. 


As to the author’s comparison of the two methods of ob¬ 
taining high reactance, leakage slots or increased electric load¬ 
ing, one misses the third alternative, i.e., a separate reactor. 
It is obvious that an alternator with separate reactor will, as re¬ 
gards stability, auto-excitation, and stresses on end connections, 
behave exactly as a corresponding alternator with leakage slots 
and equal total reactance. A short circuit on the alternator 
terminals need hardly be feared. It seems to me that the 
leakage-slot design with its appreciable increase in the stator 
dimensions is the more expensive way of creating the desired 
additional reactance. If so, it can only be justified by the 
remaining advantage, i,e., the improvement in ventilation. 
This seems to me the decisive point.' Here one has to distinguish 
between bipolar and multipolar designs.- In bipolar turbo 
alternators the output is mostly limited by the temperature 
rise of the rotor. The stator winding is generally cool enough 
when placed in the ordinary way in close proximity to the 
rotor. Hence there appears to be no cause for changing this 
practise. The same applies to smaller four-pole machines 
with solid rotors. In the larger four-pole and even more so in 
the six-pole designs with built-up rotors the ventilation of the 
latter is more effective and the limiting temperature may be 
found in the stator winding. Here it may well be advantageous 
to employ an otherwise unnecessaiy depth of slot or leakage 
slots after Mr. Roth’s proposal if there is no other way of im¬ 
proving the ventilation. 

Another way of improving the cooling of altenators is the 
use of hydrogen or other gases superior to air as cooling media. 

Franklin Punkas I congratulate Mr. Roth on his con¬ 
tributions to developments in the design and construction of 
large turbo generators, and in particular on the means by 
which he was able to increase to 60,000 kv-a. the rating of the 
45,000-kv-a. generator without altering the external dimensions. 

Regarding certain features I should like to make the following 
observations; 


I thoroughly endorse the employment of a stator slot pro¬ 
vided unth a large open portion at the end opposite the air gap. 
This is very useful for ventilation purposes. In the design 
which I some time ago proposed to the Thyssen firm, and 
contra^ to the design of Mr. Roth, the lower third of the slot 
was widened as shown in the accompanying illustration of the 
slot, Kg 3. The principal reason for this relates to winding con¬ 
struction technicalities. In the normal partly or entirely closed 
slot, the conductor has to be inserted axially. This ma W it 
necessary to make a relatively great allowance for clearance 
between the side of the slot and the insulated conductor; other¬ 
wise the insulation on the conductor is liable to be harmed in the 
process of being inserted into place in the slot. Should any 
repair of the winding ever be necessary it is exceedingly difficult 
to remove such a conductor from the slot. In designs in which 
toe^nduotor is inserted radially into an open slot, it is prao- 
ticaWe to ^ow less clearance between the insulated conductor 
^d the sides of the slot. This is desirable for several reasons, 
S' space factor, and (2) decreasing 
the liabihty to <»rona phenomena. When employing my de- 
of slot the insulated conductor is first introduced axiaUy 
into the space in the lower third and is then pressed radially 


upward into place, the space available in the ventilating ducts 
being convenient for the application of the necessary radial 
pressure. 

But this design of slot fulfils a second important purpose. 
It is well known that if the ‘tooth saturation is too great, the 
flux passing parallel to the sides of the slot occasions a consider¬ 
able copper loss. For this reason it is customaiy to employ 
a relatively low no-load tooth saturation (some 16,000 lines 
per sq. cm.), so that at full load the value of 20,000 linos per 
sq. cm. shall not be exceeded. Now the difference between the 
tooth saturation at full load and that at no load is chiefly de¬ 
pendent upon the distorting ampere-turns. The decreased 
tooth section in the lower third of the slot consequently serves 
as insurance against too great saturation in the portions where 
the copper is located and will be found especially valuable in 
turbo generators with a cos near (p unity. 

Furthermore, the slot leakage is of course also decidedly 
increased, although not so much as in the case of the turbo 
generator designed by Mr. Roth. The advantages which Mr. 
I^th mentions, relating to relatively great slot leakage, are 
all of them correct, but a disadvantage of the great slot leakage 
ought not to be overlooked, namely, the radial saturation of 
teeth at particular parts of the circumference on the occur¬ 
rence of sudden short circuits. For instance if wo represent 



Fig. 3 


tile leajtage oi one slot Dy a vector, this will be of uniform magni¬ 
tude and direction until we come to a place on the ciroumfei*ence 
wb^ one phase winding is completed and the next phase winding 
begms. In a four-pole machine with two conductors per slot, 
and IQO per cent winding pitch, there are on the circumference 
^elve sudi places. The slot leakage vector moves tlirongh 
60 electnoal degrees and the consequence is that at those points 
a flux represented by a vector of equal magnitude passes through 
the tooth and into the laminations behind the slots. Conse¬ 
quently in such a machine at short circuit there would be com¬ 
plete saturation of twelve teeth equally distributed around the 
circi^erence. This would decrease the efleotiveiiess of the 
great slot leakage. In this respect the use of fractional-pitch 
mndmgs is of advantage since the number of these teeth is 
then increased from twelve to twenty-four so that the flux 
set up m each tooth is appreciably smaller. 

Mr. Roth’s observations about self-excitation have interested 
me very mu^. In German power houses it is now required 
that large polyphase generators shaU bo able to carry as leading 
lo^ 80 per wnt of their rating. This requirement has a close 
rektion to the problem of self-excitation discussed by Mr. Roth. 
This problem will be of even more importance in the future 
If the lengths and voltages of transmission lines are 
increased. 

In conclusion I should like to briefly mention that the prin¬ 
cipal progress which has been made in the development of 
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large turbo generators has been due to the avoidance of stray 
losses. These stray losses were due to (1) current distortion 
in the slot copper; (2) flux passing parallel to the slot sides and 
of too high tooth saturation; (3) flux passing from the field 
into the open slot; (4) variations in flux density around the 
circumference of the field, due to the slot openings; (5) the 
leakage flux from the end windings, (a) in the copper of the end 
windings, (b) in the end clamping parts (6) iron short circuits 
duo to bad workmanship in slotting and assembling the 
cort^s. 

From this paper of Mr. Roth’s and from his previous publica- 
tious it is very evident that the author has dedicated much 
study and research to the problem of decreasing the stray losses 
and of their exact measurement. 

J. Rosen (communicated after adjournment): I would 
refer only to one section of Mr. Roth’s paper in which he deals 
with the difflculty of alternator instability. It is sometimes for¬ 
gotten that many of the difficulties lie in the excitation circuit. 
Sumo ton years ago, instability was experienced on an 18,000- 
kv-a. alternator, operating at unity power factor and sometimes 
with a loading power factor. The alternator air-gap was in¬ 
creased with entirely satisfactory results. 

Later experience and tests on other plants showed that atten¬ 
tion should also have been directed to the design of the exciter. 
One of the improvements adopted was the addition of a few 
aeries turns to the exciters which overcame entirely the alter¬ 
nator instability difficulties which had up to that time been 
oxperienccid. The tests have proved that sudden changes in 
load, faulty synchronising, and faults in the transmission line 
arc reflected in the alternator rotor by momentary increases in 
the value of the rotor current. I would refer to the papers, 
and the discussions upon them, on “Exciter Instability'’ by 
R. E. Doherty^ and “Some Problems In Iligh-Speed Alterna¬ 
tors and their Solution’by the writer, in which the whole 
pnddtan is discussed in full. 

Calculated figures are given by Mr. Roth of the total inherent 
reactance of the plant. It would be of interest to learn if they 
are confirmed by actual sudden-short-circuit tests at the normal 
operating voltage. 

E. Roth: The most important observation presented in this 
discussion has been expressed by Messrs. W. P.. Dawson, Philip 
Torchio, 0. M. Lafioon, E. II. Freiburghouse, and W. B. Kirke, 
and regards the armature reaction to which American practise 
gives lower values than that which exists in our alternators. 

Mr. Lafloun has givon a very complete statement of this point 
and I am in g(meral in agreement with him. His comments 
apply more particularly to the conditions of stability. 

These machines were designed to run first at 41 Vs cycles in 
paralk‘1 with the distributing system of Paris, and later at 60 
cycles. In fact, the machines have never been operated at 41Vs 
cycles. Moreover the customer wanted a very low value of 
instantaneous short-circuit current, of about four times the 
normal current, which condition had never been required before 
from large turbo alternators. It was therefore necessary to 

3. Jouhnal A. I. B. B., Vol. XLI, No. 10. p. 731. 

4. Journal I. B. B.. Vol. 61, No. 317, p, 462-3. 


design a machine in accordance with these requirements without 
neglecting, of course, the condition of stability. 

Four years’ experience has shown that these machines have 
been giving entire satisfaction to the users. Had difficulties 
arisen with regard to stability, it would have been easy to en¬ 
large the air-gap of these machines sufficiently without exceed¬ 
ing the standard American temperature rise of 90 deg. cent., 
which up to the present has never been attained in our 
machines. 

These machines have been designed for 35,000 kw. at 80 per 
cent power-factor, that is, 43,760 kv-a.; in fact, they are operated 
at 40,000 kw. and 50,000 to 55,000 kv-a. 

Based upon this experience the 60,000-kv-a. machines have 
been built on the same principles but the flux has been increased 
slightly and the air-gap enlarged to maintain the same condi¬ 
tions of stability. Considering the operating conditions we are 
confident that they will run as satisfactorily as the former, 
and should difficulties arise these could be easily remedied. 

As pointed out by Messrs. Torchio, Kirke, and Pohl, the low 
value of the instantaneous short-circuit current could have been 
obtained by reactance coils. This solution was examined very 
seriously but had to be rejected. Indeed, these reactance coils 
are very cumbersome, and the price of the alternator together 
with reactance coils has been found higher than that of the 
alternator with leakage slots alone. The efficiency using react¬ 
ance coils is less than with the solution adopted; first, it is not 
possible to build reactance coils with a loss smaller than 0.15 
to 0.20 per cent, and further, when external i*eaetance coils are 
used the alternator has to be operated at a higher terminal 
voltage, which creates core losses which do not exist in the case of 
leakage slots. 

With regard to operation, the use of reactance coils or of 
leakage slots leads exactly to the same result. Whenever it is 
desired that the voltage drop at the busses on short-circuit be not 
too high, individual reactance coils should be installed on every 
feeder. 

I wish to emphasize what I have already stated in my paper, 
that using leakage slots in a given machine does not practically 
alter the conditions of stability; thus should a eustomer require 
from American manufacturers as small an instantaneous short- 
circuit current as in the Gennevillier’s machines, they could 
obtain it, without changing any of the properties of their ma¬ 
chines, by simply adding leakage slots. 

I greatly appreciate the technical progress which the American 
manufacturers have made by designing their 62,500-kv-a. 
turbo alternator for 1800 r. p. m. I know vepr weU the ffifficulties 
which they may have encountered and I think that this is a still 
more marked progress than that which the Soe6it6 Alsaoienne 
made when they built their 45,000-kv-a. alternators for 1500 
rev, per min., which capacity was at that time only realized 
at 1200 and 1000 rev. per min. I have learned with great 
interest that Mr. Laffoon sees the possibility of constructing 
75,000-kw. machines at 90 per cent power-factor and 1800 rev. 
per min. In Europe we think that it is possible to build 60- 
cycle turbo alternators for over 100,000 kv-a. at 1600 rev. per 
min. and for 40,000 kv-a. at 3000 rev. per min. 



Hydrogen as a Cooling Medium for Electrical 

Machinery 

BY EDGAR KNOWLTON^ CHESTER W. RICE* E. H. FREIBURGHOUSE* 


Members, 

Synopsis. —This paper presents the results of a large amount of 
theoretical study and a large number of tests to determine the ad^ 
vantages of hydrogen as a cooling medium in electrical machiney. 

The conclusions fall into two classest some definite and some 
speculative. In the former class are: 

1. For the same operating temperature a steam turbine-driven 
generator of a given size will have a capacity 'at least 30 per cent 
greater when operated in hydrogen than when operated in air. 

3. The efficiency mil he 1 per cent or more higher. 

S. There will he no danger of fire destroying the insulation. 

4. The detrimental effects of corona if present will be greatly 
reduced. 


A. I. E. E. 

5. The machine may be protected by suitable devices from the 
formation of an explosive mixture of hydrogen and air. 

6. The frame can be made sufficiently strong to resist an explo¬ 
sion. This is additional security in case of failure of the protective 
devices or negligence in operation. 

7. The cooler for removing the heat from the' hydrogen may be 
considerably smaller than a cooler for removing heat from air. 

In the speculative class are: 

1. A hydrogen pressure of several atmospheres unll result in 
still greater possibilities provided a suffidenily gas tight enclosure 
can be developed. 

3. The insulation may be made thinner and still have as long a 
life as the present insulations operated in air. 


I. Introduction 

EVERAL years ago, Dr. W. R. Whitney suggested 
in a note to one of the writers the desirability of 
studying the problem of using hydrogen as a cooling 
medium for large electrical machinery. He pointed 
out that it is purely an accident that our ipachines are 
operated in air and that an atmosphere of hydrogen was 
much more favorable for the following reasons: 

1. Less windage loss, because of the low density of 
hydrogen. 

2. Cooler, because of high heat conductivity of 
hydrogen. 

3. Less damage due to electrical failure, because the 
insulation cannot bum. 

This suggestion of Dr. Whitney led to an extensive 
study of the characteristics of hydrogen and other gases 
as cooling media.*-’-* An investigation of the windage 
losses has also been reported.* A subsequent investiga¬ 
tion showed that the idea of using hydrogen as a cooling 
medium in electrical machinery was proposed some 
years earlier by Max Schuler.* 

The most desirable application of hydrogen as a 
cooling medium is to machines having both a relatively 
large windage loss and adverse cooling factors. These 
occur in all steam turbine-driven alternators, especially 
those which at present seem to be approaching the 
maximum desirable capacity for a given speed. The 


use of hydrogen as a cooling medium will in such cases 
allow a greater capacity for a given speed and obviate 
the necessity, for certain capacities, of reducing the 
speed or changing to methods of ventilating that are 
less favorably considered. For example, for an air¬ 
cooled machine of a given capacity and speed, it may be 
necessary to use external blowers for circulating the air, 
whereas if the same capacity of machine was cooled by 
hydrogen the fans could be placed on the rotor. 

In certain cases of air-cooled machines, with fans 
mounted on the rotor, the power to drive the fans be¬ 
comes excessive if the fans are designed to circulate the 
maximum quantity of air which can be obtained with 
the diameter and speeds chosen. It is customary in 
such cases to be content with a lesser quantity of air 
than is otherwise desirable. With a hydrogen-cooled 
machine a 25 or even a 50 per cent increase in power to 
drive the fans is of no relative importance. 

II. Characteristics op Hydrogen 

The important characteristics of hydrogen when com¬ 
pared with air as a cooling medium for large high speed 
electrical machines are: 

A. Lower density 

B. Higher thermal conductivity 

C. Higher forced heat convection 

D. Practically no damage to insulation by corona 

E. Prevention of fire 
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A. Lower Density. Tests in hydrogen showed a 
windage loss of 10 per cent of that in air which agrees 
with the chemical analyse of commercial hydrogen. 
The total losses of large capacity alternators of 1800 or 
3600 rev. per min. amount to approximately 2)4 per 
cent and the windage loss is one or more per cent of the 
rated capacity. By operating such a machine in hydro¬ 
gen the windage loss is practically eliminated and 
results in about 1 per cent increase in efficiency. 

B. HighTherrnalCoridiietmty of Hydrogen. Hydro¬ 
gen hM approximately seven times the heat con¬ 
ductivity of air or as high a thermal conductivity as the 
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ordinary insulating materials. When a machine is 
operated in air any spaces in the insulation, or between 
the insulation and slot sides, appreciably increases the 
thermal drop from the copper to the surface from which 
the heat is to be removed by the air. With hydrogen 
in the machine, the gas spaces are no longer harmful in 
this respect because of the greater heat conductivity 
of the hydrogen. To illustrate the effect, consider an 
extreme case in which the armature insulation is 
7/32 in. thick and the spaces aggregate 1/64 in. addi¬ 
tional. The following table gives the thermal drops in 
both cases with an energy flow of 0.32 watts per square 
inch through the insulation, assuming a thermal resist¬ 
ance of 27P deg. cent, which is closely true for the type 
of insulation considered. 

Air Ha 

Drop tliroufjpli iusulution.17.5 deg. cent. 17,5 deg. cent. 

Droi> through gas space.s. 9, 1.25 

Drop, totiU.26.5 deg. cent. 18.75 deg. cent. 

An additional gain will be made in the thermal drop in 
those heat paths in the armature core and teeth which 
are parallel to the axis of the armature, since the spaces 
between the laminations will be filled with hydrogen. 
The ratio of the temperature drop in a hydrogra 
atmosphere to that in air would be about 66 per cent in 
this case. 

C. Forced Heat ConDection. The efficiency of heat 
removal by high velocity gas blowing over the surfaces 
is approximately 1.3 times as great in commercial hy¬ 
drogen as in air. In other words, the surface film 
terhperature drop required in the hydrogen machine to 
transfer one watt per sq. in. is 77 per cent of that 
required for the same machine in air. 

The machine under consideration is totally enclosed, 
and the heat is removed from the circulating air, or 
hydrogen, by tube and fin surface coolers, provided with 
water circulation. The rate of heat transfer, from hy¬ 
drogen to a single tube in commercial hydrogen at the 
usual velocities is approximately three times as great 
as for the same tube in air at the same velocity. Some¬ 
what the same ratio is expected in the ease of buflt-up 
coolers, since the spacing between the tubes will be 
large compared with the film thickness, and the mutual 
influence of the tubes should be small. Accurate tests 
are, of course, needed to determine the exact ratio. 

Effects of Lower Density and Greater Conduction and 
Convection. We may summarize the temperature 
conditions for the machine in hydrogen and am as 
follows: 

1. The practicable absence of windage loss when 
hydrogen is used results in less heat to be removed from 
the machine. 

2 The temperature drop required to transmit a 
givOT amount of heat from the copper to tee iron, 
through the insulation, will be matmally lower m 
hydrogen. The temperature drop reqmred to transmit 


heat across the laminations will also be lower in hy¬ 
drogen than in air, 

3. The temperature drop required to transmit the 
heat from the surface to the high velocity ventilating 
gas will be less in hydrogen than in air. 

4. When the gas reaches the cooler, less tem¬ 
perature difference will be required to remove the heat 
from hydrogen than from air, and, therefore, the hy¬ 
drogen will be cooler when it returns to the machine. 

The accumulative effect of all these factors is con¬ 
siderably lower copper and insulation temperatures, and 
the advantage may be used either to increase the life 
or the capacity of the machine as seems most desirable. 

D. Corona in Air and Hydrogen. The potential 
gradient at which corona starts in hydrogen is approxi¬ 
mately 60 per cent of that at which it starts in air,^ 
Thus a machine designed to operate in air without 
corona might produce severe corona when operated in 
hydrogen at atmospheric pressure. The destructive 
nature of corona in air on insulation is well known and 
it was, therefore, feared that insulation troubles would 
soon develop, if a standard machine without corona 
shields were operated in hydrogen. To test this point 
some preliminary comparative endurance tests were 
made in hydrogen and air on two similar samples of 
yellow varnished cloth. These samples were made by 
winding the cloth around glass tubes approximately 
% in. in diameter by 7 in, long, until thirteen layers 
were obtained. The inner electrode consisted of a 
y 2 in. diameter copper tube which was slipped inside 
of the glass tube, and the outer electrode consisted of 
several widely spaced turns of 0,01 in. diameter cotton 
covered wire extending over approximately 1 in. of the 
central portion of the cloth. One sample was con¬ 
tained in a glass bell jar through which hydrogen at 
atmospheric pressure was slowly circulated, and the 
other was placed in the open air. The samples were 
connected in parallel across the terminals of a small 
testing transformer, and the voltage gradually raised. 
The tests were made in a moderately darkened room, 
and it was expected that corona would first be dis¬ 
tinctly visible on the hydrogen sample, but this was 
not the case. On the contrary, needlelike purple 
streamers were first seen on the air sample. The 
corona in hydrogen was a very faint diffused glow. 
Probably in a completely darkened room the corona 
would have been visible in hydrogen before it appeared 
in air. The main point of interest was the strikingly 
different appearance of tee corona in tee two ga^. 
In air there were vicious needlelike slrcamers coming 
out from ^ots along tee wires, while in hydrogen tee 
appearance of corona was soft and diffute in charaetOT, 
and gave the impression that hydrogen corona would be 
harmless compared with air corona on the same sample 
and at the same voltage. A potential difference of 

7. . Wolf, Weifi. Ann*i 37, p. 306,1889. 

Haydrshi, Ann, der Phys, 45, p. 431,1914. 

Jensen, Phy, Rev ,, Vol. 8, p. 433,1916. 
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10 kv. at 60 cycles was applied for 76 hours. Fig. 1 
shows the samples with the fine wire removed. In the 
air sample small holes may be seen along the imprint of 
the wire on the cloth. Photographs were taken of the 
samples when unrolled, but the variations in light 
reflections completely masked the effects of corona; 
therefore a contact print was made and this was photo¬ 
graphed to obtain Pig. 2. The samples of cloth were 


Different materials were tested in a similar manner 
for 56 hours. The damage in each case was not so great, 
but the same relative effects were obtained. 

The appearance of corona in hydrogen resembles the 
appearance of corona in air at reduced pressure. It 
was, therefore, interesting to compare the relative de¬ 
structiveness of corona in air at atmospheric pressure 
with that in air at reduced pressure. Some preliminary 
tests in air at one atmo^here and one-half atmosphere 



Pro. 1— Samples op Varnished Cloth Subjected to Corona 
IN Air and Hydrogen 


about three feet long, and since a reduction to the s 
neces^ for reproduction would render the punctui 
invisible, only the outer and inner layers are shown 
this fi^e. These layers are numbered 1 and 
r^ectivdy. No. 1 being the surface on whi 
the wire was wound, and No. 13 the layer whi 
was agmnst the glass tube. In both cases the int< 
vem^ layers resembled to a degree those shown. 

ihe sample in air was punctured through thirtei 
layers as shown in the figure. The hydrogen samp 

i^ no punc^ The only noticeable effit was tl 

imo^l of the glaze on the varnished surface in tl 
™tyoftheTwe. This duller area was greatest ( 

the outer layer, but was present on all layer? On tl 
outer layer this removal of glaze eirtended over a coi 
^ably greater area in the hydrogen than in the a 


pressure indicate that the corona is not materially 
different in the two cases. In order to obtain more 
information on the question of whether corona destruc¬ 
tion is due to mechanical or chemical effects, six layers 
of yellow varnished cloth were placed on a table 
and. a drop of concentrated nitric acid placed in the 
center, with five drops of dilute acid surrounding it. 
An inverted beaker was placed over the drops to retain 
the acid fumes in contact with the cloth. After three 
da,ys a visual inspection of the samples showed no dif- 



Pio. 2-Bppect op Corona on Varnished Cloth in Air 
AND Hydrogen 


j-yo. X was the surface uu wmca wii 
surface which was against* the glass tube. 


In both 
was the 


V r T ^ exposea to the acid fumes 
ndCT the beaker ^d the portion exposed to the air. 
there was, however, a very marked reduction in me- 
fu^^^ in the area subjected to the add 

luT' 1 ^ forced through 

all SIX layers anywhere within the beaker diameter, 
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whereas outside of the beaker diameter the material 
retained its normal strength. 

It may be inferred from these tests that the destruc¬ 
tive action of air corona on insulation is due to the 
mechanical weakening of the insulation by the presence 
of nitric acid or ozone produced by the corona, followed 
by erosion of the corroded material by the mechanical 
or blast action of the corona streamers. In hydrogen, 
corrosion is not produced, as no chemical action takes 
place, and erosion is not of itself sufficiently severe to 
seriously impair the life of the insulation. 

Following these preliminary tests, G. B. Shanklin 
made corona endurance tests on eight samples of 
armature insulation. Pour were varnished cloth and 
four mica tape insulation, each having a thickness of 
0.23 in. Horn fibre 0.016 in. thick was moulded over 
the insulations and over this were wound thin copper 
strips in. wide with a similar space between the 
edges. Half of the samples were placed in hydrogen 
at atmospheric pressure and half in air and subjected 
to a potential of 22,000 volts which was sufficient to 
produce clearly visible corona at the edges of the copper 
strips, in a slightly darkened room. 

The two cloth samples in air failed after 2600 and 
2660 hours operation. The remaining samples were 
tested for 8000 hours without failure. 


there have been cases of fire starting on the surfaces 
of insulation without any electrical failure. If venti¬ 
lated with air, the fire may spread writh great rapidity 



Pia. 3 —Appearance op Armature Coil Insulation Sub¬ 
jected TO Corona Endurance Tests in Air and Hydrogen 

and injure the winding to the extent of requiring 
extensive replacement. Also, a slight electrical failure, 
involving initially one or two coils, may start an equally 
serious fire. With hydrogen no fire can occur and the 


TABLE 1 

RESULTS OP THE OPERATION OP ARMATURE INSULATION IN AIR AND HYDROGEN 



Mica Tape in 

Oloth Tape in 


Air 


Air 

Hi 


No failure 

Failed 

No failure 

7jongt.h of Tosb in Hours. 

8000 


8000 

2500 

' 8000 

Appoarance Seo Fig. 3 with 
coppor strip removed 

Fibre bleached. Pitted 
tlirough fibre and next 
layer of cloth tape. 

Fibre retained original 
color. Fibre pitted only 
in a few places. 

2650 

Fibre partly bleached. Pit¬ 
ted through fibre and two 
layers of cloth in quite a 
number of places. 

Fibre slightly bleached. Pit¬ 
ted through fibre and 
through two layei*s of cloth 
in a few places. 

Dielectric strengt<h test. 

Tost started at 30,000 and in¬ 
creased 3000 volts oach minute 

60,000 


63,000 

31.500 

48.800 


Table I gives a condensed statement of the results. 

None of the mica tape samples showed any pitting of 
the mica tape. The horn fiber covering was entirely 
pitted through in numerous places in the air sample but 
examination of the mica tape disclosed no pitting. 
Dissecting the insulation revealed brown powder and 
white powder in some places between the layers of tape 
of the air sample but none in the hydrogen sample. 
Fig. 3 shows the appearance of the mica tape samples. 

A visible examination of the cloth samples would not 
lead one to suppose that there should be so great a 
difference in puncture values as showm by the tests. 
It seems reasonable to conclude that the doth in air 
was injured considerably more than the doth in 
hydrogen but not to the extent indicated by the 
puncture values since unknown factors may also have 
considerable influence on puncture values. 

E. Prevention of Fire. In steam turbine generators 


damage due to an electrical failure will be confined to 
a few coils. 

Most of the large capacity air-cooled steam turbine 
generators are provided with pipes for the injection of 
steam or water in case of fire. The pipes are usually 
located near the ends of the windings and when the 
steam or water is turned on the ends of the windings 
are envdoped or covered by the extinguishing substance 
as the case may be. When there is a suspicion of a 
fire, the operator naturally wishes to be sure that the 
situation is serious before a machine is taken off the 
line and subjected to steam or water, and the tendency 
is to wait so long that damage may be done either by the 
fire or by the amount of steam or water that is turned 
into the machine. With a hydrogen filled machine 
no such disturbing condition can exist. The only 
failure to be considered is an dectrical short circuit or 
ground, and the well known automatic devices now 
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available should remove the machine from the line 
before any serious damage results. 

III. Influence op Hydrogen on the Design of 
Insulation 

A few tests were made on the puncture voltages of 
sheet insulating material in air and hydrogen and no 
appreciable difference was found in the two cases; 
therefore no conclusion could be reached. 

In order to obtain some information on the effect of 
hydrogen on the life of fibrous insulation, three samples 
of black varnish cloth were tested for 1300 hours under 
the conditions given below. The effect on the flexi¬ 
bility is given in the last column 

Sample Surroimdiiig 

Number Medium Temperature Flexibility 

1 100 deg. cent. 100 

2 Air 100 deg. cent. 25 

3 Air 25 deg. cent. 90 


2. The heat conductivity of a gas is independent of 
the pressure, and will therefore be the same as hydrogen 
at atmospheric pressiu-e, which, as has been stated, is 
seven times as great as air. 

3. The forced heat convection, or efficiency of heat 
removal by the high velocity gas flowing over the sur¬ 
face, will be approximately thirteen times as great as 
for the air machine. This condition would render the 
surface temperature drops negligible, whereas in the 
air filled machine, the surface drops are considerable. 

4. The dielectric strength of hydrogen, for one- 
cm. spacing at ten atmospheres pressure, will be ap¬ 
proximately 60 per cent as strong as transil oil in bulk. 

Thus a machine running in hydrogen at ten atmos¬ 
pheres pressure would approach many of the properties 
of an oil immersed machine and still have the same 
windage loss as an air cooled machine. 


The samples were in the form of strips supported so 
that the air or hydrogen had free access to both sides. 
This condition is much more severe than that existing 
in insulation wound tightly on a coil and protected by 
external coverings of varnish, but it gives results of 
value in forming conclusions as to the relative merits 
of the two gases in respect to the flexibility of the 
insulation. These tests of samples at about operating 
temperatures indicate that the life of insulation will 
be greater in hydrogen than in air as far as this life 
depends on brittleness of insulation. 

The thickness of armature insulation for higher 
voltages is at present governed by the consideration of 
having a potential gradient that will not cause corona 
in minute spaces which may be present initially or 
developed later in the internal parts of the insulating 
material. The thickness necessary to withstand me¬ 
chanical injury, high-potential tests, and the stresses of 
operation, is less than that required for the above 
consideration, and the removal of the more severe 
requirement first mentioned will allow a favorable 
decrease in thickness with the attendant benefits in 
design. 

The thickness of field insulation is governed largely 
by the mechanical requirements of operation, but 
mechanical deterioration depends to a great extent on 
oxidation, and since this is not present in hydrogen, 
an increase in life may be confidently expected. 

IV. Selection op the Most Suitable Hydrogen 
Pressure 

If we neglect the question of leakage it surely would 
be a strange coincidence if it should be found tiiat the 
most efficient pressure for hydrogen operation is at 
that of our surrorading atmosphere. To illustrate 
the properties which may be obtained in hydrogen 
under pressure, consider the case of ten atmospheres, 
or 147 lb. per sq. in. absolute. 

1. The windage loss will be equal to that of the 
same machine in air. 



ThouMnda of Dollars 

Pia. 4 —Yearly Cost op Hydboobn Leakaois non Pin 
Hole as a Function op Hydrookn Puesstjue 

Fig. 4 shows the, yearly cost of hydrogen leakage 
per pin hole of 0.025-cm. diameter (0.0005 sq. cm. 
area) as a function of the pressure of hydrogen in the 
machine. It will be noted that below a pressure of 
1.9 atmospheres the curve is of a parabolic form' and 
above that pressure it is a straight line. This difference 
is on account of the fact that the efflux of a gas is in 
conformity with one law up to a certain pressure and 
above that pressure it is in accordance with a different 
law, the point of transition being where the lower or 
outside pressure is 62.7 per cent of the higher pressure 
from which the gas escapes. At this point the velocity 
in the escaping jet is equal to the velocity of sound in 
the gas at atmospheric pressure and density or 



Where 

V = velocity in cm. per sec. 

■y = ratio of specific heat at constant pressure 
to that at constant volume 
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p = density of Hi at the lower pressure in grams 
per c. c. 

Pi, - External pressure in dsmes per sq. cm. One 
atmosphere equals 1.0132 X 10® dsmes per 
cm. 

At any pressure below 1.9 atmospheres, the tranation 
point when the lower pressure is assumed to be one 
atmosphere, the amount of hydrogen passing through 
the orifice may be calculated from the following 
etjuation 


.V........^7^ 


Where 

H' gr. per see. 

A -■ area of orifice in .stp cm. 

P pressure of //«in machine in dynes per sq. cm. 

p - den.sity of Hi in machine in gr. per c. c. 

/^) - external pressure in dynes per sq. cm. 

For pressures above the point of transition the 
expression 

W = 0.685 A VTp 

shoultl be used. 

In making calculations for the curve the area of the 
orifice was assumed to be as stated above, and the cost 
of hydrogen $6.00 per kilogram, or approximately 
$0.015 per eu. ft. 

Durivaf ions of the above equations are given by 
liUmb®. The determination of the most efficient 
pres.sure will depend on many de.sign factors which are 
now unknown and therefore an estimate of the most 
.suit,able pre.ssure, all things being considered, is im- 
po.ssible at the present time. 

V. Tests of a Hydroobn Filled Machine 

ObjeeL Tests were made with a steam turbine type 
aitt'rnator operated as a synchronous motor to deter¬ 
mine the capabilities of hydrogen as a cooling medium 
in a closed system of ventilation. 

During the te.sts attention was directed primarily to 
the operating characteristics of the alternator which are 
inherent to the density, thermal conductivity, and 
convection of hydrogen. To emphasize these charac- 
teri.stics comparisons were obtained by making similar 
tf!.st8 with air as a cooling agent. 

While making these tests an opportunity was given to 
apply and observe the operation of protective devices, 
alw) to study some of the difficulties pertaining to the 
confinement of hydrogen under moderate pressures. 

Description of Generator. A high-speed marine type 
alternator was selected for these testa, since it had 
fairly high windage losses, aJso because the outer 
shields which carried the armature were cast integral 
with the bearing supports, thus making a short closed 
circuit system of ventilation readily obtainable. 

Vemikaion System for Tests. Fig. 5 is a view of this 

8. Horace l*mb, Hydrodynamics, Cambridge University 
Press, 3rd. Edition, p. 23,1906. 


generator arranged with closed circuit ventilating 
ducts and coolers for removing the losses. The gas 
was discharged from the top of the stator frame into a 
sheet iron chamber which was attached by gas tight 
joints to the discharge fiange of the stator frame. The 
gas then divided and each half passed through two 
coolers located near each end of the chamber from 
which the heat was removed by water. After passing 
through the coolers, the gas was drawn downward 
from the ends of the chamber through diverging sheet 
iron ducts over each end of the stator frame, thence 
into the generator through the fans on each end of the 
rotor. 

Coolers and Rate of Heat Transmission. Since it was 
the purpose of these tests to determine the relative 
temperature rises of the windings above that of the 
incoming cooling medium, little attention was given to 
the coolers other than to hold the water flow fairly 
constant. 

The area of the cooling surface was 400 sq. ft., and the 



Pia. 6 —Turbine Generator Arranged fob Operation 
AH A Synchronous Motor with Closed Circuit System op 
Ventilation Containing Hydrogen or Air as a Cooling 
Medium 

net area of the air passages was 4 sq. ft. The velocity 
of water in the cooler tubes was 26, and the velocity 
of gas was 2100 ft. per min. Twenty-five gallons 
of water and 8400 cu. ft. of air were circulated per 
minute. 

Although no accurate heat transfer tests were made 
on the coolers during operation it was found that 
they were much more effective with hydrogen than 
with air. 

Protective Devices. Mechanical and electrical devices 
were used to detect explosive mixtures, automatically, 
eliminate them, and prevent high pressures in case 
explosions should occur. 

A small gasometer was connected to the point of 
lowest pressure in the machine, thereby maintaining a 
constant pressure riightly above that of the atmosphere, 
independent of temperature changes and leakage. 
Although leakage occurred on account of the crude 
joints between sheet iron and rough castings, the de- 
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sired pressure was automatically maintained and con¬ 
tamination by air was prevented. 

A recording device developed by C. Dansizen 
gave an accurate continuous lag of the amoimt of im¬ 
purity in the hydrogen. This device produced a 
graphic record of the difference in potential between 
the terminals of a pure metal filament placed inside 
the generator and through which a constant electrical 
current was automatically maintained. The resistance 
of the filament is a function of its temperature which 
depends upon the rate of heat transmission from the 
wire to the gaseous mixture, which, in turn, depends on 
the amount of impurity in the gas. With this ap¬ 
paratus a potential drop of 11.5 volts was observed with 
pure hydrogen and 12.6 volts with a mixture of hy¬ 
drogen and one per cent of air impurity by volume. 

Another safety device consisted of a metal filament, 
moimted upon a suitable support, placed within the 
generator ■ and maintained at a temperature of from 
700 deg. to 900 deg. cent, by means of an electric 
current. A mixtur 3 of air and hydrogen, having less 
than 15 per cent of air, will combine without explosion 
when brought in contact with the filament. The 
object of this device was to keep the air constantly 
being burned out of the hydrogen so that an explosive 
mixture could never be reslched even though air should 
be continuously leaking into the mflr»hinp 

Six diaphragms of varnished horn fiber ten inches in 
diameter and 15 mils thick were inserted in the outer 
walls of the ventilating ducts to relieve the pressure in 


minute; hence the windage loss was only 61 per cent of 
normal. This should be kept in mind when considering 
the results of the tests. 

Heating Tests Using Air and Hydrogen for Cooling 
Agents. Four tests were made, the results of which 
are shown by Table II. These tests were made at no 


TABLE 2 

RESULTS OF TESTS WITH AIR AND HYDROGEN AS THE 
COOLING MEDIUM 


Test Number. 

1 

2 

3 

4 

Duration of test hours. 

6 

6.5 

7.5 

8 

Cooling medium. 

Air 

//-j 

//-2 

Air 

Input to motor kv-a.*.. 

2400 

3200 

3400 

2107 

Armature current amps. 

750 

1000 

760 

657 

Armature voltage. 

1850 

1850 

1850 

1850 

Speed rev. per mifi. 

2400 

2400 

2400 

2400 

Field current, amps. 

174 

106.6 

169.5 

159.0 

Field voltage at collector rings.... 

114.2 

129. G 

100.5 

08,7 

Field input kw. 

19.9 

25. r> 

17.0 

18.8 

/2 R loss in stator winding kw.... 

10.9 

19.5 

9.9 

8.0 

Core loss kw. 

19. 

19. 

19. 

19. 

Windage, kw. 

17.9 

1.8 

1.8 

17.0 

Total loss in motor kw. 

67.7 

65.8 

47.7 

60.7 

Temperature rise of rotor winding 
above average temperature of 




the ingoing cooling gas. 

' 79. 

79.2 

55. 

62. 

Maximum temp, rise of armatui’o 
winding above average ingoing 




gas. 

39. 

42.5 

27. 

31.1 

Average temperature rise of six 
temp, detectors between coils 




of armature winding. 

35.9 

28.2 

23.9 

28.7 

Pressure of gas on suction side of 
fan inches of Ri o above atmos¬ 




phere. 

_ 

1. 

1.3 

2.4 

Temp, rise of field In deg. cent, 
per KW. of loss.. 

3.79 

3.10 

3.23 

3.40 


’“^1 “T'Jf ¥ a synchronom motor, with 

Two 4h««n.t ^0 1 loSlhat the gao im- 

inired direetlv nri thAiV iTinor cuT-fonac t+ . . ’ ' ^ were taken with 2400 


pinged directly on their inner surfaces. It was feared l,, » j 4 . • : - 

that the varying force of the gas would cause sufficient to detemme the relative temperature rises 

movement of the diaphragms to produce failure if thesi stator windings using air and hydrogen, 

were made of fiber. Lead diaSiragms were iLd S .J T determme approximately the 

these locations and they were cut nearlv throuvh their • accessary to secure the same temperature 

thickness so that them strength compared favorably 
with those made of fiber. The inertia of the lea d 
prevented any destructive flutter. 

Test Results. A duplicate machine had been operated 
in air at a load of 8380 kv-a. and at 3000 rev. per min. 

The losses under these conditions were 


Kw. 


Per cent of 
Per cent of Total 


Output Losses 


rise with air as was obtained with hydrogen in Test 3. 
Being unable to predict the temperature rises which 
would exist at the end of the run, the final temperatures 
in Test 4 were somewhat higher than in Test 3. By a 
comparison of runs No. 1 and No. 2 it will be seen that 
one-third more kv-a. were carried on the motor, with 
the same rise in temperature of the field winding, by 
using hydrogen instead of air as the cooling medium. 
The maximum temperature rise of the stator winding, 
as determined by resistance temperature detectors 
located between the top and bottom armature coils, was 
only 3.6 deg. cent, higher during the hydrogen run at 
------- 3200 kv-a. than with air during the 2400-kv-a. run. 

From this tabulatim of losses it is seen^Lt s W .rf „ No. 3 and No. 4. the flnal tempera- 

1.48 per cent of the capacitTof fte ii^ro ® 

duced by windage. It maybe said i^^that^^ “‘h* 08™* dn^ Test No. 4 at 2107 W, 

windage loss in large steam turbine generators will fall wl+n^ 4 ^* obtam^ by Test No. 8 at 2400 kv-a. 

between 1.00 and 1.76 per cent of the ™ “Ny 56 deg. cent Based upon 

Unfortunately, conditions made it^ec^^to^' Sf- ^o. 8 and No. 4, it is 

the heating tests at 2400 instead of 8000 revoSohs^ ^nuated ttat a load of clt^y 2700 kv-a. could have 

louuorevoiutiousper been earned when usmg hydrogen cooling with an 


Windage. gg 

Open Circuit Core Loss. !!!!!!!! 27.5 

***********'***»*«»***4«a»aee., 13 25 

R Loss of Kotor...le i 


1.48 

1.16 

.66 

.68 


38 

30 

15 

17 


Total. 
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Oft. Iti-*.'. 

avera^t* tuiaperaturo rise in the field winding of 62 
dog. fi'nt. 'Phis is 1.28 time.s the load of 2107 kv-a. 
oarriotl when air was used as the cooling agent. It 
is doubtful whether the temperature rise of the arma¬ 
ture tit 2700 kv-a. cooled by hydrogen would be more 
than 1 deg. or 2 deg. higher than the rise obtained at 
2107 kv-a. when cooled by air. 

'riie est iniates of additional loads of 88 per cent and 
28 per cent which have been made would be greater if 
tht‘ tests had been made at the normal speed of 3000 
inslt'ud of 2400 ix>v. jier min. 

\' 1. Heat Transfer from Rotor Winding 
Htiving detennined the increased cooling and rating 
pennissihle by the use of hydrogen in the small turbine- 
driven generator, an e.stimate was desired of the rela¬ 
tive temiierature rises which would be obtained by the 
embeddeil rotor copper in a large steam turbine-driven 
uliernalor. 

'Phe temperature drops at heated surfaces cooled by 
forced convection of uir and hydrogen were known, but 
no inlbrmation was available by which an estimate could 
be made of l.he relative thermal drops from copper 



Fto. 0 -Hjmiu.atkd Pjbi,u Com Akbanobd fob Tbstino in 
Aib and Hyduoobn 

through the insulation to the sides of the rotor slots. 

To obtain this information, a coil having a resistan^ 
of 0.002 ohms at 26 deg. cent, was made of copper stnp 
0.876 in. by 0.03 in. in section, folded back and forth to 
obtain 20 layers in depth. The tiras were separated 
from each other by layers of mica, and insuMng 
armor 0.1 in. thick was moulded about the coil. This 
coil was actual size as regards the cross section but of 


course its length and shape differed from that of the 
coil which it represented. 

The coil was enclosed in a retainer and seven thermo¬ 
couples were soldered into the strips of the coil at dif¬ 
ferent depths. The thermocouple leads were carried 
down through the coil and out of sealed holes in the 
steel bar at the bottom of the slot; see Fig. 6. As shown 
by the longitudinal and transverse sections, the coil 
container was welded into and hung from the edges of a 



NoIS Nal NaZ No.5 No4 NoS Na6 No.7 



Kid. 7—TlCMPKllATllUK RI8E OF DIFFERENT LaYBRS OP 
HiMiijiATEi) Field Coil above Temperature at Location 
No. 18, WHEN Cooled by Air and by Hydrogen 

rectangular slot in a steel plate. The coil, its container, 
and supporting plate were mounted in a steel box. 
Below the supporting plate the space about the con¬ 
tainer was lightly packed with silox, a silicon oxygen 
carbon compound of very low thermal conductivity. 
This caused practically all of the heat to pass to those 
surfaces of the container which corresponded to the 
surfaces exposed at the air gap of an actual machine. 
The heat was removed from these surfaces by water. 
The gas used for impregnating the coil was admitted 
and discharged through the end plates of the container. 
Gas pressure was maintained constant at 3J4 in* 
water by means of a gasometer. The hydrogen used in 
these tests was analyzed and found to have the follow¬ 


ing composition by volume: 

Carbon dioxide. 

Ethylene. 

Oxygene. 

Carbon Monoxide.... 

Hydrogen.:. 

Methane..... — 

Nitrogen. 


0.4 

Nil 

1.0 

0.2 

90.5 

Na 

7.9 


100.0 













500 600 700 800 


Fig. 8—Temperature Rise op Simulated Field Coil When 
Cooled by Air and Hydrogen 

surface of the slot wedge. Three thermocouples were 
soldered to the bottom of J^in. holes which were drilled 
% in. below the water-cooled surface of the teeth. 
Their leads were protected from the water by small 
copper tubes soldered into the drilled holes. 

The temperature rises were taken by resistance of the 

Heat Runs on Simulated Field Coil Impreqnated with Air 

... 


Fig. 10 —^Estimated Actual Temperatures op the FiBLt> 
Coil op a Large Capacity Steam Tuubinjs-Djuven (Jenera- 
tor WHEN Cooled by Air and Hydrogen, incjoing* Oas 
Temperature Assumed to be 40 Deg. Cent. 

coil were about 35 per cent lesfe with hydrogen than with 
air. 

In Fig. 9 are shown the actual temperatures during 




- Curve E - Curve J 






Current 400 Ampereo 


3 0 1 

Duration of Heat Runa m Hours 


Current 500 Amperes 
i 2 3“ 


Pig. 9—Record of Tests on Simulated Field Coil in Air 
WITH Currents of 400 and 600 Amperes 

coil itself, and by the thermocouples in the turns of the 
coil. In Fig. 7 the temperature rises of the thermo¬ 
couples are plotted above the temperature of No. 18 
thermocouple which was embedded near the face of the 
^th. From an inspection of temperatures plotted in 
this fi^e It will be seen that the bottom strips of the 
MU did not attain the highest temperatures. Sixteen 
heat runs were made at different values of current the 

The final maximum and average temperature rises, 


ill 
m 




PiQ. 11— Model of Generator Core, Pkamb, and Shields 
USED FOR Explosion Tests 

A. Keprssents fan space 

B. Represents end windings space 
O. Represents air gap 

D- Represents armature core 
B. Represents armature frame space 

F. Represents Intake chamber 

G. Represents connecting passage R to F 

two heat runs at 400 and 600 amperes when the spaces 
were impregnated with air. Curves D and I refer to 
thermocouple No. 18 in Fig. 7. Curves E and J were 
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obtained by a thermometer located in the water close to 
the face of the tooth in which thermocouple No. 18 was 
placed. Referring to the final temperatures, the dif¬ 
ference between D and E and between I and J are 
7 deg. and 10 deg. cent, respectively. 

Table III gives the final maximum and average tem¬ 
perature rises, watts input, and watts dissipated per 
square inch of coil surface during a numb^ of the heat 
runs with the coil impregnated by air and.hydrogen. 

This data was used to estimate the field temperature 
rises in air and hydrogen of the machine whose field 
winding was simulated by the coil tested. See Fig. 10. 
The temperature of the medium entering the machine 
was assumed to be 40 deg. cent. It will be noted that 
at 0 amperes the temperature of the winding was 60 deg. 
for air and 41 deg. cent, for hydrogen cooling. These 
are the temperatures which would be attained by the 
field winding because of windage loss only. It will be 
seen that the temperature rises above the temperature 
of the medium entering the machine are 10 deg. and 
1 deg., depending on which medimn was assumed. 

The normal exciting current was 476 amperes. 
Refemng to Fig. 10, Curve I, it is seen that, at the cur¬ 
rent given, an actual temperature of 143 deg. cent. 


In order to answer this question some preliminary 
tests were made by E. W. Kellogg. The apparatus 
consisted of an iron pipe 4 in. in diameter and 24 in. long, 
provided with a steam-engine indicator and spark plugs. 
The following maximum pressure rises were observed: 


Gas Mixture 
by Volume 

Maximum pressure 
lb. per sq. inch ga^e 

20 per cent H 2 in Air 

53 

30 “ “ “ “ “ 

61 

60 " “ “ “ “ 

54 

60 “ “ « " " 

50 

65 “ « « “ « 

50 


It was impossible to ignite mixtures containing more 
than about 66 per cent hydrogen. On the basis of 
heat content, an ideal mixture of hydrogen and air 
should produce a temperature of 4100 deg. cent, with 
a pressure of about 180 lb. per sq. inch gage. That such 
pressures are not obtained in practise is due to dis¬ 
sociation and the cooling effect of the enclosure. To 
test the effect of an explosion on insulation, small pieces 
of double cotton covered wire were placed in the bomb. 
Examination showed the outer layer of cotton to be 
scorched and slightly weakened. When the pressure 
was relieved by a paper vent over the end of the bomb, 
no scorching was detected. It may be concluded from 


TABLE 8 

TEMPERATUEE DATA ON FIELD COIL 


(i 2 ts in Coil 

Ih 

Air 


Air 

Hi 

Air 

Hi 

Air 

Hi 

Air 

Hi 


200 

200 

400 

400 

500 

500 

600 

600 

650 

650 

730 

WfLtliS input... 

81.2 

82.0 

360.0 

377.6 

612.6 

647.6 

972.0 

1054.8 

1200.0 

1280.2 

1636.0 

Watts per s<i. in. of coil surface... 

0.142 

0.143 

0.626 

0.667 

1.067 

1.128 

1.603 

1.835 

2.090 

2.230 

2.845 

Mitx. temp, rise abovo thermocouple in 
Tooth faco. 

5.9 

8.4 

25.6 

37.9 

46.2 

64.7 

77.3 

106.4 

100.1 

126.1 

138.6*0 

Average temp, rise abovo thermocouple in 
•^rooth fac<3. 

4.6 

7.3 

22.6 

33.4 

40.9 

57.7 

68.7 

95.8 

85:3 

113.2 

120.8®C 


would be obtained in the embedded portion of the rotor 
body when cooled by air, whereas as shown by Curve 
the same load might be carried when cooled by hydro¬ 
gen at an actual temperature of 110 deg. cent. This 
is a gain of 23 per cent. The armature temperature 
would also be reduced in approximately the same 
ratio. 

Capitalized otherwise, the field might be operated at 
143 deg. cent, with an excitation of 650 amperes when 
hydrogen-cooled, which is sufficient to carry a load of 
26 per cent more than normal. This does not take into 
account the lesser temperature drop at the surface of the 
cooler. With the increased load and reduction in wind¬ 
age loss the efficiency of the machine would be 1.2 
per cent higher. These values agree closely with the 
results of the tests on the 3380-kv-a. machine mentioned 
in Section V. 

VII. Explosions 

The question most frequently asked the authors by 
those interested in this subject is in regard to 
explosions.® 

9, A Study of Explosions in Gaseous Mixtures, by Kratz 
Rosecrans, Bulletin 133, Engineering Experiment Station, 
University of Illinois. 


these tests that an explosion in a machine would have 
no detrimental effect on the insulation. To determine 
the feasibility of limiting the explosive pressure in a 
tnni»binA to moderate values by the use of suitably 
placed vents, the model shown in Fig. 11 was con¬ 
structed. This represented as clo^ly as convenient 
the various parts of the generator. The parts were 
full size except that the model was 2 in. thick in a direc¬ 
tion normal to the surface of the page. 

The various spaces simulated were: 

A —^fan space 

B —space around ends of winding 
(7—air gap 

D —^armature core and ducts 
E —chamber encircling armature core 
F —^intake chamber 
G —connecting passage from E to F 
Pressures were measured by a steam-engine indicator 
started automatically just before the igmtion of the 
gas. In general, the thicker the diaphragm the 
heater was the pressure devdoped by the explosion. 
Volumes of air and hydrogen as nearly equal as possible 
were used, but in spite of tiie fact that the explosive 
range is considerably beyond this point in both direc- 
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tions there were several times that the charge failed 
to explode, doubtless due to incomplete mixing. 
Twenty-five explosions were made and the highest 
recorded pressure (45 lb. per sq. in.) occurred when the 
venting diaphragms were replaced by steel plates. 

There is no more reason to fear the explosion of a 
machine filled with hydrogen than that of other ap¬ 
paratus having considerable stored energy such as 
boilers, gas tanks, rotating elements, high-speed trains 
and automobiles, and various, other familiar examples. 
Most of us fear a new condition if it has the possibility 
of accident, and accept as a matter of course the usual 
dangers of our daily lives. 

VIII. Conclusions 


an average velocity of 5000 ft. per mib. On the other hand Rice'"' 
gives for large plane surfaces this heat transfer (K) as proper- 

P k 

tional to ——, where p, /c, and p are thie density, thermal 

conductivity, and viscosity of the gas, respectively. On this 
basis, the unit heat transfer from the surface will be about tlie 
same for hydrogen as for air. 

Pohl^ has cadculated from Nusselt’s® work this coefficient (AT) 
to be about 50 per cent greater for hydrogen than for air. The 
equation given by Nusselt can be reduced to the form** of 

{pCpVr 

where 

K = unit surface heat transfer 
k = thermal conductivity of the gas 
p = density of gas 
Cp = specific heat of gas 


To summarize previous statements, ‘ the advantages 
which may be realized in various proportions are: 
lower temperatures, greater capacity, lower losses, 
elimination of fire hazard, longer life, and greater 
reliability. 

There seems to be no great difficulty or danger in the 
use of hydrogen in a properly designed and operated 
machine. 

The automatic mainteriance of hydrogen pressure 
slightly above atmosphere will prevent the ingress of air 
and the possibility of the explosive mixtures. 

Several .devices, each operating on a different principle, 
may be used to detect a change in the mixture and give 
an alarm long before the mixture reaches an explosive 
stage. 

Finally, should all of these contrivances fail to 
operate and a spark be applied to an explosive mixture 
inside the machine the results would not be serious, 
since it is not difficult to vent the machine to reduce 
the force below a destructive value. 

Grateful acknowledgment is made to Dr. W. R. 
Whitney and Dr. H. G. Reist for the keen interest 
which they have taken in the progress of the 
work. 


V = velocity of gas 

This equation is also practically the same as that given by 
Pohl. Thus, the ratio of the heat transfer with hydrogen to that 
obtained with air will depend upon the exponent (n) of the ve¬ 
locity factor. Thus, with (7i) = 1, the ratio is about 98 por 
cent and with a = 0.786 as given by Nusselt the ratio becomes 
about 150 per cent. The writer has found that for turbulent 
gas flow where the gas path is straight and uniform, the heat loss 
varies as to and where the air path is irregular the 
unit heat loss varies as 7 ® *76 yo.85 Hence, it is estimated 

that in an average generator the unit heat dissipated with hydro¬ 
gen will be about 25 per cent greater than with air, which is not 
far from the figure given in the paper. 

The paper states that the rate of heat transfer in the coolers 
should be about three times greater for hydrogen than for air. 
This figure seems too,high; it might be correct for th(j tubular 
surface but is probably too high or the fin surface, and this latter 
surface is usually several times greater than the tubular surface. 
The writer estimates the heat transfer in the usual type of cooler 
to be 50 to 100 per cent greater for hydrogen than for air. This, 
of course, is a big factor since the cost and size of the present 
cooler can be reduced. 

The majority of the iron and copper losses in the core have to 
flow an appreciable distance through the iron to the ventilating 
surface. This necessarily requires a temperature drop. Whore 
radial ventilation is used, the heat flow is mainly across the lami¬ 
nations, in which direction the heat flow has a hlgh-resistano<^ 
path due to the varnish and gas film between the laminations. 

With one-watt flow across a 1-sq. in. section of the usual 


Discussion 

G. £• Lukex In determining the probable temperature rise 
of any electric machine, we may first start with the calculation 
of the volume of fluid necessary to be circulated through the 
machine in a given time. 

Thus, comparing air and hydrogen as possible fluids, the 
volume of hydrogen required will be only 2 or 3 per cent more 
for hydrogen than for air, on the basis of the same temperature 
rise of the gas due to the same loss absorbed. This temperature 
nse m the gas used should not be over one-half of the maximum 
temperature rise of the ventilating surfaces. 

The ventilating-surface temperature can be calculated when 
the surface-heat-transfer coefficient (K) is known. Consider- 
^le data regardmg this constant (K) are available for air^ 
However, little experimental data are pubHshed for hydrogen. 
Some experimental tests by Rice^on a small cylinder (axial flow) 
gave a heat t ransfer for hydrogen 137 per cent of that for air at 


u.ui/-in. varmsned. iron laminations, the temperature drops arc 
approximately: 

■ Deg. cent, drop through 

Iron ■ Varnish Gas Total 

1-0 11.0 (Air) 21.0 33 deg. cent. 

10 11.0 (Hydrogen) 3.0 16 deg. cent, 

Hence the rate of heat flow across the laminations should he 
at least doubled by psing hydrogen as the cooling medium. 

One of the most important poMons of the heat-flow path 
is from the copper through the insulation. This part has more 
influence in limiting the rating than any other since the tbnmifti 
conductivity of insulating materials is so low. The thermal 
resistance through ordinary insulation in air is about 3000 times 
greater than that through copper. All insulation in the built-up 

3. PoroeiOonvection of Heat In Gases and Liquids, Bng. & Ind. Ohem.. 
May, 1924. . 

Heatdng Oalc.," by E. PoM, Arch. /. Electro. 




Trans. 


6. Transmission in Conduits,'’ by W. Nusselt Z V d I 

October 23, 1909. . . . >** **, 


n forced Connetion of Heat 

A.I.B.B., 1923, p, 063. 


in Gases and 
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6. This was done on the basis of (K) being independent of the tem¬ 
perature of the gas and surface, which is practically true of the range In 
which we are interested. • 
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wrapptT will noftes-sarily Cdiitain aonui small gas spaces; hence 
these gas spaces, if they art» air, will elTor considerable resistance 
to the lunit How, sinc<5 the thermal n^sistance of air is aboxit ten 
times that, of the insulation itself. 

To cheek I he above, the Westinghouse Research Laboratory 
has mu(lc‘ lt‘st,s on the thermal conductivity of the insulation 
on turlH» annatun» coils. Tim results show that the thermal 
conductivity tif ilu‘se mica insulaiions tis used is from 150 per cent 
to i250 per ctuit as grtuit with the coils in hydrogen as obtained 
on 1 he same coils in air. The particular ratio depends tipon the 
eomiKiel ness of the insulation, that is, the piu'centago gas space 
in the \vrapp<'r. This increase in heat ilow with the hydrogen 
ctmling sy.st(*m will result in a considtTablo reduction of the con¬ 
ventional ‘*fml .spot.** 

Tht! temperature of tlu* rotor copper is usually the limiting 
tt»mpt*ralure, with air as the cooling llui<l. It will also tend to be 
the limiting fiudi^r whcm hy<lrog<*n is used, dins to space limita¬ 
tions utul lo appn‘(uable temperature drops through the solid iron 
core which will be imalT(‘cte(l by the gas used for cooling. 

In the tests givtui by the writers, tlm apparatus simulated 
conditions found in a solid rotor where tlu^re would ]>o a eon- 
Hulerable t4‘miH»rature <lrop through the iron. However, in a 
vmUilatcti rotor, i‘ven l»cdter results could be e.xpected, since this 
drtip through the iron would be r(^duc<»d. 



OOllflNfA. KFPBfJTH UN^DISH 15,000 VoLT.S FOU 
19 Days. 


:\h to tin* insulation, the writer also agrees with the authors 
that its life vvmild \h^ materially incrt^ed in a hydrogen atmos- 
lihcre. Oxygen in the air is the main factor which causes 
mcchauicml det«^rioration. Dr. 0. F* Hill made tests regarding 
the corona uction upon insulation in air and in hydrogen, Tm 
results wert^ even better than those quoted in the paper in favor 
of hydrogtm. Two kinds of insulation were tested, one varnished 
nambrio, tho other a mica wrapper. Both were wound on a ghiss 
lube and 15.<KK> v<dts n-o., 60 cycles, was applied for 19 days. 
Most of tho stress was through the glass tube but a heavy corona 
conlfi be scon covering the insulation. At the end of the test, 
the sample in hydrogen was unchangiul, while the one in air was 
radically alu^red. The varnished cambric was bleached and was 
v*u-y brittle; tho paper in tho mica wrapper was completely 
ib^stroyed. The hydrogen prevonUd tho chemical action found 

on lint sample in air. ^ i. j „ 

Ah to tho possibility of explosive mixtures with hydrogen, 
the average of nine investigations^ gives the explosion limits as 
7.9 to 69.4 per cent hydrogen in a hydrogen and air mixture. 

An indicating or riicording instrument for giving the purity of 
tho mixture can be easily obtained by using the conductivity^ell 
bridge method^ This is exceedingly accurate and is well suited 

for mich purposes. , ^ ^ _ 

a»H*w other than hydrogen can be used for a cooling medium. 
Thus helium (if made available in the future) is an inert gas with 
a lionHity about Vr of that of air. Its specific thermal capacity 
ia about 73 per cent of that of air and its thermal conductivity is 

O. J. Rodman, E!et4 World, 6-24-2S, 

h[ Thermal Conductivity for Analysis of Gases. Technical Paper. 
Bureau of Standards, No. 249. 


almost as high as that of hydrogen. Such a gas would be prefer¬ 
able to the operating men. 

L. B. Bonnetts From tho user’s point of view, there are 
some very striking things in this Table II showing the results of 
the tests on the small 3000-kv-a. machine. If we can expect to 
get a one-tliird increase in capacity out of the same material, 
presumably at approximately the same price, we are getting some¬ 
thing that is very interesting indeed. At that increased rating the 
total loss is practically the same, in fact, it has slightly decreased. 

Looldng at it from a little different point of view, many of us 
use stand-by machines that are in operation ready to take load, 
and the no-load losses are a veiy important factor. If the xise of 
liydrogen can reduce those losses by, say, 60 per cent, that indeed 
is a very great advantage for this particular duty. 

This light-load loss, too, has another rather interesting appli¬ 
cation. Turbo generators are commonly equipped with closed 
ventilation and air coolers and very frequently condensate is 
used for cooling. Since the light-load losses are usually more 
than half tho full-load losses, the condensate at light loads has 
to be recirculated in a more or less complicated fashion or some 
otlier moans of cooling supplied. Tlus very great reduction in 
the fixed losses would moan that the losses would decrease more 
nearly in proportion to tho load and the condensate itself might 
bo perfectly adequate for cooling the machine all the way down. 

With all the advantages mentioned in this paper—a really 
astonishing catalog of advant^es—it behooves us, the users, 
not to be too sure that tho one disadvantage, the possibility of 
an explosion, is an insurmountable defect. I believe our serious 
consideration is well worth while. 

W. B. Kirkc: It is hoped that further investigation on the 
life of insulating material when operated in hydrogen as compared 
to operation in air can be made. It might be found quite practi¬ 
cal to operate at higher temperature limits in hydrogen than 
have been standardized for operation in air. It is also to be 
hop(^d that this paper will be supplemented by others which will 
indicate tlie installation cost of such a ventilating system and 
some idea of the equipment necessary for its operation. 

C* J. Fechheimer* A few years ago the only media for 
cooling considered were air oil, and water. The use of oil or 
water has never mot with favor in this country, even though 
certain important advantages could be secured by their adoption. 
It seems that electrical engineers were not aware until a few years 
ago that the gains to be obtained by means of some other gas 
were ufftoient to warrant employing it instead of air. Even 
after the suggestion of the use of a lighter gas was offered to the 
designing engineers, they did not immediately consider its 
adoption. The gas proposed in tho Schuler patent is hydrogen, 
and the first thought that entered the mind of the engineer was 
the danger of explosion. It was not until hQ learned that 
detonation will not occur if hydrogen constitutes more than about 
70 per cent of a mixture with air that he felt that possible gains 
were great enough to warrant investigation. We now have 
records in this paper of the studies and researches ^ven by three 
engineers of one of tlie loading electrical manufacturing companies 
on this subject. It is the first public presentation to a group of 
engineers of a systematic study of this advance which it is be¬ 
lieved will considerably modify the design and construction of 
large electrical machines in the future. 

Of the various gains to bo obtained by means of hydrogen, 
there are two of prime importance. The first is the enormous 
reduction in windage loss due to the low density, and the other 
is the decrease in thermal drop through the insulation. In the 
large high-speed steam turbo alternator the windage is the grea^ 
est loss and may be as high as 50 per cent of the total. By sub¬ 
stituting hydrogen for air this loss becomes almost negligible. 
In addition to the gain in eflicieney, the temperature rise due to 
the windage becomes insignificant, whereas in the present day 
machine it is from 5 to 10 deg. cent. 

It has been recognized for a number of ye^s that tho tmy 
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voids in insulation reduce the net thermal conductivity of the 
wrapper to about 50 to 75 per cent of that which would obtain 
if the wrapper were solid throughout. Now we find that 
because hydrogen diffuses so readily hydrogen will supplant the 
air and the resistance to heat flow in the voids will be decreased 
to about one-seventh, and the net conductivity will be greatly 
improved. ‘The authors find 30 to 58 per cent improvement in 
net conductivity for the field core, and they estimate about 42 
per cent gain for the armature coil. Also, because the thermal 
conductivity is high, the transverse drop through a package of 
laminations is reduced, and the drop from the surface is de¬ 
creased. So the authors find that as a result of all the gains, a 
certain turbo alternator can be rated about 30 per cent liigher by 
substituting hydrogen for air. But that is not the final word; 
to take full advantage of the properties of hydrogen, the machine 
should be proportioned differently. For example, the velocities 
of the gas in the vent duets can be increased, and the lamination- 
package thickness can be enlarged. Owing to the reduction in 
total losses, the volume per unit time of the gas may be lowered. 

Also, as the authors state, there is a likelihood of reducing 
thickness of insulation wall in the stators when mechanical 
considerations do not enter. At present it is difficult to state 
how much the weight, cost and size of the generator may be 
decreased if full advantage of all gains is taken in the design. 
But certainly the cost will be reduced considerably. 

There are a few points w’^hich are not covered in the paper. 
Two will be mentioned. In very large machines as designed at 
present, it is not feasible to evacuate in order to replace the air 
by hydrogen or vice versa, as the stresses arising from atmos¬ 
pheric pressure are prohibitive. While it is possible so to pro¬ 
portion those parts as to prevent collapse while evacuating, it is 
believed that an alternative plan which will maintain all parts 
at or near atmospheric pressure should be entirely satisfactory. 
The plan is to replace the air by an inert gas, such as nitrogen, 
and then to replace this inert gas by hydrogen. Tests are now be¬ 
ing conducted for determining how satisfactorily this can be done. 

Another feature is that to minimize leakage, suitable stuffing 
boxes should be pro\’ided where the shaft passes through the 
openings in the end bells. It seems at present that this is the 
most difficult part of the problem. Experimental work is now 
under way on a water-gland seal, and with this device it is be- 
lieyea tnat the leakage will be negligible. Ample precautions are 
being taken to avoid the escape of water into the generator. 

The authors have used the thermal-conductivity method for 
determining the extent to which the hydrogen is contaminated. 
Another method consists of a small fan driven at constant speed, 
the inlet and outlet of which join into the system. The pressure 
which the fan generates is directly proportional to the density 
of the gas, and the pressure difference between the inlet and out¬ 
let can readily be indicated on an ordinary manometer. The 
relation between the percentage of hydrogen and the reading on 
the manometer IS linear, assuming that air is the contaminating 
gas The authors state that with the thermal conductivity 
me^od, 1 per cent impurity will change the potential drop from 

1 , ™ ‘le'isity method, the ' 

s^e change m constituency will alter the manometer reading ! 

thi sensitivity, and it is beUeved 

than the thermal 1 

method. The density method can be used to operate a signal ’ 
or possibly to operate switches automatically ' 

J. Rosot (communicated after adjournment)' The authors' I 

investigations into the difficulties of *• armors t 

machinery wffl be welcoxne® 2g ® 

particularly aa they have someT^* uS S ' “S” S 

generating at higher voltages than have beentiCtS'SSe ' 


e past. I do not think, however, that the use of hydrogen can be 
u considered practicable at the present moment. It has the draw- 
it back of increased cost and complication in design. Further, I 
e do not think that the danger of forming an explosive mixture can 
i be altogether avoided. The closed-circuit system of ventilation 
jr has now been generally adopted for large alternators. The 

1 advantage with the use of hydrogen in avoiding the danger of 

2 fire also applies to the closed-circuit system using air, as, with 
1 the limited amount of air in the latter, the damage that can be 
t done by fire is limited. I illustrate this by the following example: 

The volume of air in the alternator and ducts of the closed- 
b circuit system of a 25,000-kv-a. alternator at 3000 rev. per min* 
r is approximately 2000 cu. ft. containing 40 lb. of oxygen. This 
; quantity of oxygen could consume 15 lb. of carbon or 40 lb. of 
) wood, but as the principal product of combustion is carbonic acid 
i gas, and a flame is extinguished when only 4 per cent of carbonic- 
acid gas is present, the amount of wood consumed would only be 
1 about 2 lb. The total weight of combustible material in the 
alternator, including wood packing and insulation, exceeds 1000 
lb. It is obvious therefore that the fraction of material that 
would be damaged or consumed by fire would be negligible. 

To reduce the losses in the fans attached to the rotor body, 

I prefer to use separately driven fans, and to adopt a suitable 
system of ventilation to reduce the pressure drop through the 
alternator to a minimum. By this means, an improvement in 
efficiency of one per cent can be obtained. In the ventilation 
scheme described in the paper*', “Some Problems in Higli-Spoed 
Alternators and their Solution,” the air-pressure drop through 
the alternator is reduced to approximately 3-in. water gage. 

Robert* Pohl: The valuable research which Messrs. KnovvI- 
ton, Rice and Freiburghouse publish on this subject might with 
advantage be extended to the use of methane. In a paper pub¬ 
lished in 1923 (Archiv. F. ELecL, Juno 30, 1923, p. 3G1; 1 
defined what one might term the cooling constant of various 
gases and showed that this constant is oven higher for methane 
than for hydrogen. Since methane is also cheaply obtained as 
a by-product, its use may well be considered. Although tJie 
risk of explosion is not serious in any ease the much smaller area 
of “exploibility” would be a practical advantage. 

E* H. Freiburghouse: From the discussions it is evident that 
other engineers have also been giving active consideration U) the 
subject and almost all of them seem very optimistic for the future 
use of hydrogen as a cooling medium for electrical machinery. 

Opinions and data which have geen given seem, in the main, 
to agree quite well with those given in the paper. Although the 
points raised by Mr. Pechheimer were not covered in the paper, 
^ey have been carried out or considered during the invosUgatlou 
by the authors. 

Mr. Fechheimer mentions the use of an inert gas, such a.s 
nitrogen, for replacing the air and hydrogen in the generator be¬ 
fore and after the installation of the hydrogen. Nitrogen was 

l^^at tests which wore made upon 

tue 3380-kv-a. generator. 

It was reaUzed from the beginning that to prevent the leakage 
of hydrogen between the rotating and stationary parts of the 
generator was the most difflenlt and expensive problem to solve. 
Two different types of seals have been developed each of which 

® “®sligible value. In the liquid seal it 
is thought that oil is preferable to water. 

A small fan driven at constant speed was used in some of our 

the density of the gas mixture 
®^®°hheimer states, it has several attractive features 
th«; a cooling medium, the authors boliovo 

that Mr. Rosen will agree that fans upon the rotor of the genera¬ 
tor are pref^able to separately driven fans. Wo believe that 
the pressure of the air through the generator should greativ 
exceed the 3 m. of water which Mr. Rosen mentions, if the^tHsos^ 

JS uniJsSce 
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Stored Mechanical Energy in Transmission 

Systems 

BY J. P. JOLLYMAN^ 


Associate, A 

Synopsis*—The paper corisiders the performance of the stored 
mechanical energy in the moving masses connected synchronously 
to a transmission system during changes in loadf changes in 
inputs and changes of transmission capacity^ 

The stored mechanical energy greatly affects the performance of a 
transmission system- during sudden changes in transmission line 


T his paper will consider the performance of stored 
mechanical energy in a transmission system during 
changes in load, in input, and in transmission 
capacity. 

Typical Transmission System 
For this paper’s purpose, a typical transmission ssrs- 
tem will be considered to consist of two or more generat¬ 
ing plants connected to a network feeding load centers 
by double circuit lines of considerable leigth. Some 
generating capacity may exist near the load centers, but 
its existence or. absence has little effect on the subject 
under consideration. 

Mechanical energy is stored in every moving mass 
connected to a trananaission system. The most im¬ 
portant of these masses are those revolving elements 
the speed of which fluctuates with dhanges in system 
frequency. The rotors of synchronous machines, such 
as generators, synchronous motors, rotary, converters 
and s 3 mehronous condensers, are of greater importance 
than the rotors of induction motors or the revolving 
parts of machinery driven by induction motors, because 
the synchronous machines must follow Hie system 
frequency precisely while induction motors have some 
slip. The stored energy in devices such as street cars 
connected to a transmission system in a non-regenera- 
tive manner does not influence the performance of the 
stored energy of the system. 

Typical Flywheel Effects 

The greatest flsnvheel effects per kv-a. of capacity 
will usually be foimd in the rotors of large generators. 
Typical flywheel effects are: 

Large hydro unit — 27,000 kv-a., 226 rev; per min. 
WR’^ = 5,000,000. 

Stored energy = 43,081,250 ft-lb. = 16.2 kw-hr. 
= 1590 ft-lb. per kv-a. 

Small high speed hydro unit — 7500 kv-a., 614 rev. 
per min. W = 200,000. 

1. Hydroelectrio and Transmission Engineer, Pacific Gas & 
Electric Co., San Francisco, Cal. 

PvBscnicd <xt ths Pucijlc Coast ConvoKtion of the A. /. E* E, 
Seattle, Wash., Sept. 16-19, 1996. 
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capacity occasioned hy stoitching out or in a parallel circuit. 
Sitch switching operations lead to oscHiatiorts of input due to the 
interaction of stored mechanical, energy and the altered difference in 
phase between generated and received voltages over a transmission 
line. 

« « « 


Stored energy = 8,976,000 ft-lb. = 3.37 kw-hr. 
= 1195 ft-lb. per kv-a. 

Synchronous condenser — 20,000 kv-a., 600 rev. per 
min. IF E* = 500,000. 

Stored energy = 30,600,000 ft-lb. = 11.5 kw-hr. 
= 1630 ft-lb. per kv-a. 

Total Flywheel Effect of System 

The total flsnvheel effect of a large transmission 
system is. difficult to estimate but may be of the order of 
2000 ft-lb. per kv-a. of connected generator capacity. 
A^uming 1.25 kv-a. of generating capacity for each 
1.00 kw. of load, a five per cent increase in load will 
reduce the speed from 60 to 69 cycles in about two 
seconds, if the mechanical input is held constant. 

Many classes of load decrease with a decrease of 
speed. Among these are centrifugal pumps and other 
motor-driven devices. Experience on a typical large 
transmission having a load of 300,000 kw. indicates a 
loss of about 3.5 per cent in load for a reduction in speed 
from 60 to 69 cycles and a corresponding gain for an 
increase of one cycle. 

Performance of Stored Mechanical Energy 
During Load Changes 

An addition of load to a transmission system do^ not 
cause an immediate increase in input of the governing 
generators. The governors are responsive to speed 
only; hence they cannot add input until the speed has 
dropped the . 0.1 per cent to 0.2 per cent necessary to 
cause the governors to act. The additional load is 
supplied from the stored energy of the system while 
the speed is decreasing to a point where the governors 
start to act. The input is then increased until the sp^ 
returns to normal or until it returns to the speed cor¬ 
responding to the load on the governing units, depend¬ 
ing on whether the governor is adjusted to maintain a 
flat speed or a drooping speed. • . 

Where two or more generating units are goverang 
at the same' time, their governors must be set with a 
drooping speed characteristic. In such cases the speed 
will not return to normal unless the synchronizing mo¬ 
tors of the governors are readjusted. 

A reduction in load causes a similar train .of events. 
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The governing unit does not immediately decrease its 
input. The excess input increases the stored energy 
with the increase of speed necessary to bring the gov¬ 
ernor into action, whereupon the speed returns to 
normal. 

A consideration of the events attendant upon a 
change of load shows the fallacy of a speed governor 
which is controlled by the electrical output of the 
governing unit. The only change in output occasioned 
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return to the system speed and the normal amount of 
stored energy. The process involves an oscillation of 
the angular position of the generators with respect to the 
synchronous equipment at the receiver end of the line 
with a corresponding oscillation of electrical output. 
This oscillation is independent of the mechanical ou^ut 
of the prime mover which will usually remain constant, 
since the changes in speed during the oscillation will 
usually be less than those required to cause the gov¬ 
ernors to act. Fig. 1 shows the character of this 
oscillation. 

An increase in input as might be occasioned by a 
plant pulling up a block of load acts in a manner similar 
to a decrease of load—tiie stored energy is increased 
with the increase of speed to the point where the 
governors begin to act. 

Since increases of input are usually less sudden than 
decreases due to the separation of a generating unit, the 
attendant oscillations are usually less pronounced. 
Such as occur are due to the increase in the phase angle 
over the line which must take place before the line can 
deliver additional load. 


Fig. 1—Oscillation op Output dub to Suddbn Loss of 
Generator 

by a change in load is the share of the total stored energy 
contributed by the governing unit. If the governing 
unit is to maintain speed it must be controlled by speed. 

Pebpobmance of Stored Mechanical Enebgy 
Dubing Changes in Input 

A generating unit may be separated from the system 
by the operation of a switch with the result of a sudden 
decrease of the input to the system. 

The general effects are the same as when a load is 
suddenly applied. The stored energy of the system is 
drawn upon until the speed drops to a point where the 
governors begin to act. 

A sudden decrease of input due to switching off a 
generator imder load causes an oscillation of the stored 
energy of other generating units in the same or nearby 
plants wi^ resp^t to the system at the receiving end of 
a transnussion line. The flow of power over a trans¬ 
mission line is accompanied by a lag in time phase of the 
rweiver voltage behind the impressed voltage. The 
differ^ce in phase depends upon the length of the line 
and the amount of load carried. This difference in 
ph^ IS ^ogous to the twist in an elastic shaft oc- 
caaon^ by a torque. The degree of twist between the 
SSiS upon its length and the torque 

The sudden tripping of a generator under load leaves 
tte remaining generators in the same plant in an angular 
poarion ahe^ of the angular position correspondiS to 
f ^ trananission line, T^se 
senators must drop back in angular position, hence 
m^t ^w down slightly and yield some of thei; S 
mechamcal energy. Finally, the generators must 



-T UUJU TU WSSJO UF rwo I'AIiALLjah TRANSMIS¬ 
SION Lines Tripping 

The Pebfobmancb op Stobbd Energy During 
Changes in Transmission Line Capacity 
Stored energy is an important factor in the per¬ 
formance of a transmission system during changes of 
transmission line capacity occasioned by switching but 
or m a paraUel circuit. Such an operation results in 
a sudden change in the load on the line or lines re- 
maming in service. The change of load on the line 
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requires a change in the angular position of the genera¬ 
tor voltage with respect to the receiver voltage. This 
change in angular position requires a change in stored 
energy and the transition is accompanied by an 
oscillation. 

The case most likely to cause difficulty is the loss of 
one of two parallel circuits when the load on the re¬ 
maining circuit approaches the limit of synchronous 
stability. Under these conditions the oscillation in 
kilowatt input arising from the oscillation of the stored 
energy may result in an input which exceeds the stabil¬ 
ity limit even though the steady state input is consider¬ 
ably under the limiting load for the remaining line. 

A better understanding of the subject may be had 
by considering the performance of the generators at the 
time one of two circuits is switched out. Reference is 
made to Fig. 2. 

Preceding the instant the parallel line trips out, the 
angle between the generator and receiver voltage may be 
n°. When the circuit trips, the remaining circuit 
cannot carry the total load until its angle has become 
even more than 2 n®; hence the generator output drops 
to about half of its previous value and the excess of 
input from the prime mover increases the stored energy 
and the speed until the normal generator output is 
restored. 

At this point the generator is running faster than the 
receiver; hence the output continues to increase until 
the excess stored energy is reduced to normal when the 
generator will be slowing down. Thus an oscillation of 
kilowatt output, angular difference between generator 
and receiver voltages and stored energy is started which 
may result in a maximum kilowatt input exceeding the 
limiting load the circuit can carry.. 

The performance of the transmission system imder 
these conditions is greatly complicated by the fact that 
the sudden decrease in input attendant upon a line 
opening, starts aA oscillation of the synchronous re¬ 
ceiving apparatus with respect to the generators. 

The period of oscillation of each synchronous unit 
will depend upon its W per kv-a. which will usually 
be different for each unit of different size or character. 
The resultant performance of the transmission ^stem 
is extremely complicated and probably impossible to 
predict with accuracy. Observations indicate that the 
oscillations of energy flow in the transmission system 
are composed of several different frequencies 
superimposed. 

Switching in a second parallel circuit also causes an 
oscillation of mechanical energy with the reverse effects 
to those observed for switching a line out. The 
generator output will be momentarily increased, fol¬ 


lowed by an oscillation. Such an operation is probably 
less likely to. cause synchronous instability than switch¬ 
ing out a parall elcircuit; however, a severe disturbance 
may be set up, A much better method of operation 
consists in transferring generators to the incoming line 
and equalizing the loads before the lines are paralleled 
at the generating plant. 

Discussion. 

R. J. C- Wood: The outstanding point which struck me in 
this paper was the very small number of kilowatt-hours that are 
stored in the kinetic energy of the moving fly-wheel. Here is a 
27,000-kv-a. unit and the total stored energy from full speed. 
down to nothing is only 16 kw-hr. That seems to be such a 
small amount that it would not enter materially into any dis¬ 
turbances Qf the system, , particularly as the whole of that 16 
kw-hr. is not used since the speed will not drop from full speed to 
zero; the fluctuation will be very small and the amount of energy 
re'eased will correspond to it. 

L« N* Robinson: In connection with Mr. Jollyman*s paper, 
it may be of interest to mention that it is intended to synchronize 
the 19,600-kv-a., hydraulic-turbine-driven generators at the 
Baker River Station automatically. 

It is expected that this will facilitate operation and improve 
the service considerably. It will reduce the number of attend¬ 
ants to one on each shift. It is expected that automatic syn¬ 
chronizing will expedite the starting up and connecting of 
generators to meet changing load requirements and that it Will 
be effective in restoring service quickly after serious interruptions. 

Two speed switches are geared to the shaft of each of the 
generating units. One speed switch is closed when the speed of 
the unit is more than 95 per cent of normal speed and the other 
is closed when the speed is less than 105 pe r cent. The two speed 
switches are connected in series so that the. circuit is closed only 
when the speed of the unit is within 5 per cent of normal. When 
he desires a unit to be synchronized automatically, the operator 
will turn a key switch on the main switchboard. This key 
switch connects the closing circuit of the generator oil circuit 
breaker through the speed switches and the oil circuit breaker 
will be closed automatically when the speed comes to within 
6 per cent of normal. This procedure applies whether the 
machine is being started up or is coming back to normal after 
excessive speed due to sudden interruption of the load. 

. The generators are equipped with amortisseur windings, since 
they are intended to be thrown on the bus without d-c. field 
excitation, relying upon the induction-motor effect of the squirrel- 
cage winding to bring them nearly to synchronism. The auto¬ 
matic synchronizing control is interlocked with the generator field 
switches so that a generator cannot be thrown on the bus auto¬ 
matically unless its field switches are open. 

As far as we know, these are the largest generating units to be 
equipped for automatic synchronizing up to this time, and they 
are of especial interest because each unit constitutes approxi¬ 
mately ^ per cent of the present peak gefierating capacity of the 
system on which they are. being installed. 

J. P. Jollyman: While as Mr. Wood has pointed out, it is 
true that the fly-wheel effect of a largo generator is only a few 
kflowatt-hours, still the total fly-wheel effect of alarge system is 
sufficient to prevent the usual load changes from producing 
material speed changes within the time required for governor 
action. 



Transmission Line Design 

Mechanical Design of Spans With Supports at Unequal 

Elevations 

BY G. S. SMITHS 
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Synopsis.—The purpose oj Urn paper is to derive a practical 
method of design based upon the catenary formulas for spans whose 
supports are not at the same elevation» It is furthermore intended 
completely to formulate the method for applying it to any cable which 
is suspended freely or is uniformly loaded^ as well as for obtaining 
its characteristics after the temperature or loading conditions of the 
cable'have changed. 

After a brief survey of the present need for more accurate methods 
of mechanical design of transmission line cables, the several formulas 
which are adapted to spans with supports at unequal elevations are 
given, and the method of using them is fully explained. All such 
special formulas artfully derived in the appendix. 

The first method given depends somewhat upon interpolated values 
from the symmetrical span data, second pure interpolation 
method is next described which has the advantage of being shorter 
than the first as well as more accurate, since it depends upon fewer 
interpolated values from mathematical tables. 


The use of these two methods is then fully illustrated by the sola-- 
tion of three typical spans. Data for the cable, used in symmetrical 
spans are first give7i, and from these the solution for the span with 
supports at unequal elevation is obtained. For the purpose of 
comparison the com-pulaiions used in obtaming the desired values 
by each method are given in full for one of the spans chosen. 

These data are entered on a co^npleie set of forms stating all 
formulas used and indicating by the headings of each column the 
operation performed to obtain the results recorded therein. These 
forms have been so arranged that by supplying the proper consiafUs, 
they may he applied to any similar span problem, and thus will 
greatly reduce the work and the possibilily of cirors in (he final 
results. 

This affords a welV defined method of snaking, to any desired 
degree of accuracy, computations which can he applied equally well 
to all types of spans with supports at any relative elevation. 

♦ ♦ ♦ ♦ ♦ 


I MPROVEMENTS in the methods of mechanical 
design of electrical transmission lines have scarcely 
k^t pace with the advancement made in the elec¬ 
trical design. Most of the methods offered for the solu¬ 
tion of the span whose supports are at the same eleva- 
ti(m are based either upon the assumption that the 
cable takes the form of a parabola or upon some scheme 
of selecting the desired values from a set of curves. 
Few, if aiiy, of these methods used in the past are capa¬ 
ble of giving results with any great degree of accuracy. 
For the solution of the span problem, when the supports 
am not at equal elevations, the methods available are 
still fewer in number, and even more approximate in 
character. 


In 1917 Professor Kirsten* presented before the 
Institute his paper on “Transmission Line Design,” 
in which he offered a method of design for spans with 
supports at equal elevations, based upon the equation 
for the catenary curve. His method, as later im¬ 
proved*, is capable of almost any degree of accuracy 
desired. This paper presents a somewhat similar 
method of design for those spans whose supports are at 
unequal elevations. 

Since the formulas derived have a definite relation to 
those usually given for the catenary curve, this relation¬ 
ship will be next ^cplained and the reasons why new 
formulas may be desired will be shown. 


Such methods were sufficiently accurate in the past, 
since the cost of the small lines used was not great in 
rampanson with the total cost of the development. 
However, a very marked change has taken place in the 
l^t several years until now the cost of the transmission 
line IS often a very important item. Both the increased 
^^ity and more permanent type of construction 
demand Wger spans than were previously used in 
greatest economy may be obtained, 
nen again, we are now reaching out into the verv 
rugr^ parts of the country for the water-power avaib 
able there, and here also we find a stimulus toward the 
^e of long to decrease the construction expense 
Here ^so we find many, if not most, of the spaTS 
supports at unequal elevations. It is needless to say 




- - ►-rw* i /VO 

Oeigin op Coordinates 

A fiexible cable suspended from two points at an 
^ual elevation forms a catenary symmetrical to these 
^0 pomts of support under all conditions of tempera¬ 
ture or uniform loading. In this case the origin of 
coordmates may be taken at its lowest point where the 
tangent to the cable is horizontal. Thus only half of 
the span need be considered. 

The value of X at the point the cable is fastened to 
the support will be equal to half the total span, and the 
coi^onding value of Y will be the total sag of the 
cable for the load tempretaure and tension conditions 
^sting. If we should raise or, lower the supports so 
that the lowest point of the cable would always be at 
the same el evation, under varying load and temperature 

Tj^Ns^" Line Design, 1917 A. I. B. E. 

\ University of Washington Exnerimenf 

Station BnUetin No. 17. G. s. Smith, University of Washington 
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conditions, the cable would take positions similar to 
those shown in Fig. 1. 

In the catenaries shown, the tension at any point on 
the cable x distance from the origin may be expressed 
by the simple catenary equation given in hyperbolic 
functions; thus 

% 

T = ew cosh- (1) 

c 



Pig. 1 

Similarly the distance of the same point above the 
horizontal is expressed by 

X 

y = e cosh-— c (2) 

c 

and the equation for the actual length of the cable from 
0 to 12 is 

X 

s = c sinh —— (3) 

c 

The concept c is a constant for all points on any given 
catenary. It has a value equal to the length of cable 
whose weight is the same as the value of the horizontal 
tension, or.the actual tension on the cable at the lowest 
point. 

If the same cable is suspended from supports not at 
the same elevation, the point at which the tangent to 
the cable is horizontal does not lie midway between 
supports. Furthermore it changes its position for 
eveiy change of temperature or loading. However, 
of the various curves formed, is a portion of some 
symmetrical catenary similar to those in Fig. 1. 



Pig. 2 


Fig. 2 represents such a cable suspended between 
points A. and B, showing three of its positions under 
three respective assumed temperature or loading con¬ 
ditions. Each curve is projected to the horizontal line 
AC a. It is evident then, that ^ch curve between A 
and 5 is a portion of a symmetrical catenary with the 
lowest points at Di, Da and Da respectively. Obviously 
the simple catenary equations hold for any one curve 
referred to its lowest point as an origin, but this proves 
of little value since the origin shifts whai the assumed 
conditions change. Thus the simple relations between 
the curves in Fg. 1 for various assumed conditions is 
lost for the similar curves in Fig. 2. 


From the foregoing it is evidently desirable to derive 
the corresponding equations with the origin at one of the 
supports, which is a point on the resulting catenary 
under all conditions. Since the support A has the 
greater tension at all times, and will always be one ot 
the ends of the resulting equivalent symmetrical cate¬ 
nary, it is the more desirable for the origin. Thus with 
the higher support as an origin, most of the values 
found in the tension-sag data for symmetrical supports 
can be substituted directly in the new formulas. The 
equations derived with A as the origin will hold equally 
well for B or D as the origin if proper substitutions are 
made. 

Pig. 3 shows one of the curves in Fig. 2 with the 
various tensions, angles, etc., indicated. With the 
point A as the origin of coordinates, the following 
equations have been derived: 

s - — —r r ~ "7 ^ ) 1 

cos /Sm L c \ c / J 


For the sag of the point p below the point A 



Fig. 3 


and for the tension on the cable at point P 

T = - r cosh — - sin /3„ sinh y 1 (15) 

cosj3„ L c . c J 

The full derivation of these formulas is given in Appen- 

dixl. , , j • 

The following list will explain the symbols used in 
these formulas, as well as all others which will be used 
throughout the paper to specify special values. 
w = weight per foot of cable in pounds 
s = total length of the cable from A to any point P 
X ■= any horizontal distance measured from A 
X = half span length of the equivdent catenary with 
supports at the same elevation 
y = sag at any point 

Y = maximum sag corresponding to the value X on 
the equivalent catenary 
T = tension at any point 

T„ = tension at the upper support or at either support 
in the equivalent catenary 

^ = angle the tangent to the cable makes with the 

horizontal 



SMITH: TRANSMISSION LINE DESIGN 


Transactions A. 1. E. E. 


(MO 


dm = value of /3 at the upper support 
c = length of cable whose weight is equal to the 
horizontal tension on the cable 
a = horizontal distance between supports of the span 
with supports not at the same elevation 
b = difference in elevation of supports 
d = maxim um horizontal distance from the straight 
line between supports to the catenary 
Equations (13), (14), and (15) are the generale qua- 
tions for the eatenaiy, assuming the origin of coordinates 
at the higher support. By substitution of the value of 
at any point,P,for; 8 m,theformula will then be theequa- 
tion for the catenary with the point P as the origin. 
Thus if the value of /S is zero, which is true at the point 
where the tangent to the cable is horizontal, the for¬ 
mulas will reduce to the simpler expressions given in 
(1), (2), and (3). 

The new equations derived might be used to solve 
spans with supports at any relative elevation, but the 
mathematics involved in finding the new span data 
after changing temperature or loading conditions would 
be very difiicult. However, since the tension-sag data 
for spans of various lengths, with supports at the same 
elevation, are usually required for every line designed, 
certain parts of these data may be substituted in the 
foregoing equations to obtain the desired results for 
the span with supports on an incline. 

Applications op Equations—First Method 
In Fig. 4 two catenaries from the tension-sag data for 
symmetrical spans are shown asABi and A These 


desired values Of c, X, and Tm will then be the points 
corresponding to h on these curves. The values of Y, 
w or any othePs may b,p-found by a similar method, or 
may be computed. 

The value Z here is the half span length of the equiv¬ 
alent symmetrical catenary and Y the maximum sag 
of the same catenary. 

It is obvious from Fig. 4 that there are two points 
on the curve A B' which have the same difference of 
elevation from the support A. Thus h corresponds to 
span a, and h' corresponds to a'. In other words the 
desired catenary may have a total span a greater than 
the half span X of the equivalent symmetrical catenai’y* 
or a span a' which may be less. In the latter case the 
lowest point on the line is at the lowest support and the 
vertical component of strain upon this support will be 
upward. 

An inspection of the data given later will show that 
no large amount of computing is necessary for obtaining 
the tension ^g or any other data for a given span with 
supports at unequal elevations. Many of the desired 
values have already been given in the data for .supports 
at equal elevations. Thus in equation (14) a is substi¬ 
tuted for X and the result is the required value h. 

1. ^ V ^ « 1 

*’■ w: L 7 - “ 7 - * J 

It is shown in Appendix 1 that 

c ^ ^ 
cos / 8 », w 



--X- 

. 1)1 Bi B Bs 








— a- 

■ ^ , 


xjut tne tension equation lor tne symmetrical span 

(17) 


w 


1 . ® ^ 

= c cosh — = -“ 

c cos 


Pig. 4 

are both at the same temperature and loading conditions 
but for different span lengths. The third catenary 
A B' is the desired one, passing through its points of 
support A and B. Thus the part A B is the actual 
cable suspended, and A B' the equivalent symmetrical 
catenary. 

-All values of c, r„, Y, X, and w are known for A Bi 
and A B^. Also the spacing (a) and the difference of 
elevahon of supports- ( 6 ) on A B are known. 

If in equation ( 12 ) the value (a) is substituted for x 
and also the values of c, cos and sin correspond- 

ing to the known curve A Bi, the resulting value of y 

“dicated by 6 ,. If a similar 
substitution IS made in ( 12 ), using values of c, cos 
and sm corresponding to curve A B^, the result- 
ing 2 ^ will be the value indicated by 62 . 

It is o^y necessary to compute the values of y for 

catenaries, and plot curves 
betwe^ these values of y, how given as b^, b, etc 
and the corresponding values of c, X and tJ The 


where x is now the half span. The value of c cosh 

X . 

~ IS given for each assumed condition in the data under 

Col. ( 21 ) in each table. Also from (41)— 

1 


cos/ 8 *, = 


cosh 


and 


sin Pm ^ COS^ Pm = r 1 -:-- ”1 (18) 

J L cosh® ™ J 


The values of sinh — and cosh ~ may be interpolated 

from the tables of sinhs and coshs. 

^ In earring through the calculations for the method 
just described, it was found that the same results might 
be obtained with less than half the computations 
mvolved here, by a pure interpolation method. The 
designer will doubtless choose the second method. 
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TABLE I 


Mochanlcal Dc»l|{n ot Electrical Transmissloin Cables 

SpHcUlcations and Constants 


Uasu ttnnp. 

(0 0.S fahr. 

Ice Loading 

(a) 

- 0.5 in. 

Minimum temp. 

t/i) - 0.0 deg. fahr. 

Wind Loading 

(V) 

« 8 lb. per sq. ft. 

EiM»c/lng temp. 

(/a) 32 deg. fahr. 

Wt. ofice 

(w) 

« 57.37 lb. per cu. ft. 


Maxlimuu tmiip. U 4 ) 110 tlo«. falir. 

MocliilUK of Elasticity 
CiM'Ilk’unit of Linear Expansion' 
ElUKtie Limit (Stranded) 

\Vt. per Cubic Incli 

( t - ix it /i) 1 /v O.UOOolOSt 
f I - tx U ^ to i- - /v’ - (LOimOOOSH 
( 1 -ix{t-ti) |< *“ «,iMm20or,7 


(E) » 29,000,000 

(a) = 0.000,006,62 

(T e) » 108,000 lb. per sq. in. 

(\V0 “ 0.2833 lb. 

1 -h a (/2 - h) =Ki = 1.0002118 

1 + a (L - h) = Ki = 1.0007282 

1 + a (30" - h) = JFCa - 1.0001986 

1 H- a (60" - ii) - 1.0003972 


il) 


C‘lr. Mill Area 
711 

\rrii Mf Htnind 
rii»ifrciNwxLj<«i. in, 

. Ml 
4 K 


( 2 ) 


No. of 
Strands 

:i7 


(:i) 


Layers 

around 

central 

wlro 

3 


(4) 


Circular Mills per Strand] 

Hi 

”(2) 


19720,183 


(5) 

Diam. of Stranddnehes 

1000 


0.140428^7 


(91 

Elastic Limit 
per Strand- lb. 
(«) X To 


( 10 ) 

Elastic Limit 
of Caidc—11). 
(2) X (0) 


( 11 ) 

Max. Tension 
on Cable—^Ib. 
T 

0.7,5 X (10) 


( 6 ) 


Total Diam. of 
Cablc>inches 

(5) I 2 X (3) + 1) 


0.983 


(13) 

Equiv. Modulus 
lb. per sq. in. 
E X (5)* X (2) 
(6)* 


(7) 

Area of Circle 
Enveloping Cable 
sq. ft. » A 
T X (6)^ 

4 X 144 


0.00627029 


(13) 

Equiv. Modulus 
lb. per sq. ft. 
El 

144 X (12) 


II (UrilHHUt 1 

1672,7251 1 

61890.8:11 1 

1 

21897959 1 

3153306102. 

itii . .. 

(151 

(16) 

(17) 

(18) 

Wt. per ft.—Cable 

(19) 

• 

Wt. IMT ft. 




Only—Under Max. 
Stress * W" 


free from .Strciw 
at 

W X («) X (2) X 12 

Total Moiluiiw 

El A 

(7) X (13) 

E\ A to K 
(l4)X)a6) xx 

EtA X K* + r 
(16) XX* + (11) 

(16) 

(17) 

IT X (17) 

1 

16618834 

32362002. 

16605766. 

1.9418251 

52357048. 

mi) ^ 

(21) 

^ ^22) 

(23) 

Wt. of Tco Load 

(24) 

(26) 


, 


per ft. of Cable 


Wind load per 

tm 



i - « X 0 X IT X (22) 

a + ((7) X li* X (21)) 

ft. of Cable-lb. 

‘ im 

vTao) 

a + 12 X (7) X It* X 21) 

7.6013162 X (22) 

2 X 8 X (24) 

fH) < 22<IOd5 

7.7W>6034 

0.12339761 

0.92675509 

1 0.08253381 

1.3205409 

.it2di” 

(27) 


(29) 

(30) 

Wt. per ft. of 

Cable Loaded 

(81) 





wi 

A* 

0." + f 
(iB> +• <a3) 

(211*) 

(26)* 

(27) + (28) 

V W 

3.1579393 

(7)* 

27.77694 X lO"* 

. 

H.2287fi21 

(38) 

1.7438283 

<34) 

>14 VC 4600\/*Jb 

(36) 

(36) 

(37) 

Area of Cable 
only under Max. 
Load “> Ai 
(82) 

(17) 


Constant for 

Gi 32’/? 

(30) 

Constant for 

Hi 32"F 

(30) 

Constant for 

G 2 0.0" F 
(30) 

El A* K* 

(W) X taj) XX* 

2 EiAi 

2 X (13) X (33) 

(34) XKi 

05 430708 X 10“® 

(34) XKl’ 

95.410496 X lO"* 

(34) 

96.460924 X lO"* 

B74m.4B2 _ 

CcmstAiit for 

m 0.0* y* 

0.005245.99 

(55) 

Constant for 
a$ X10*F. 

(80) 

33084428 

(40) 

Constant for 

Hs 110’E. 

(18) 

(41) 

Constant for 

Gm‘ 30" P. 

(80) 

(42) 

Constant for 

80" P. 

(18) 

(43) 

Constant for 

Geo" P. 60"P. 

(30) 

(18) 

(84) 

ft8.6«303t X 10"* 

(34) X ki 

06.881467 X lO"* 




XX4 

96.418026 X 10"® _ 

1 


(44) 

CoKuitiucit for 

Uta* «»•». 

IW 

my xic/ 
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though both are given here in order that the reader 
may be able clearly to see the principles involved- 

Applications op Equations—Second Method 
This alternate method of solving the span with 
supports on an incline depends only upon formulas 
given in equations (1), (2), and (3) together with the 
usual tension-sag data for spans with supports at the 
same elevation. 



In Fig, 5, let the catenary whose values are desired 
be represented hy AD B with supports at A and B. 
The diffwence in elevation of supports will be b and 
the total span length a. If the origin of coordinates is 
at point D, this will be a portion of an equivalent cate¬ 
nary ADC, symmetrical about an axis at D and with 
half span values of X and Y. Every point on this 
curve can be expressed by the equation, 


y = ey cosh — — 1 ^ 

The value c is constant for the whole length of the curve. 
If the value of X were known, the value of x could be 
found, since 

X ^ a— X 

The difference between the elevations of D and B could 
be found by 

y = cosh - j — 1 ^ 

and 

h^Y-y 

However, the value of X is still unknown. 

Now imagine an infinite series of catenaries, some 
shorter and some longer than the desired one, ADC. 
These were all suspended with the same maximum 
tension, imder maximum loading and minim um tem¬ 
perature conditions, and they have all been subjected 
to the same loading and temperature changes. 

If A Di Cl is one of the catenaries in this series with 
a total span length A Ci an infinitesimal amount shorter 
than A DC, it will have half span values of Xi and Fi. 
The value yi may also be found for Xi where 

Xi — ct “ Xi 


TABLE n 

Catenary at Minimum Temperature 
Cable Under Maximum Loading Conditions 
Working Formulas 


T X 

— « c cosh —“ or c 
w c 


T 

wcosh—^— 
c 


X 

$ ^ c sinli - 

c 

~ Maximum allowable tension on cable « 61890.831 lb 
Tm 

— - 19598.487 


(1) 

(2) 

(3) 

(4) 

(6) 

(6) 

(7) 







From Tables 







X 

cosh - 

Cl 

X 

Cl 

Assumed 

Argument 

From 

Tables 

(2) X 19598.487 

(1) X (3) 

(3) xsinh(l) 

X 

(S) 

(4) j 

1 

X 


Cl =» 

X 


"T 

slnh ^ 1 - 

Cl 

B 

tvi cosh- 

— xcx 

Si =» Cl sinh - 

Cl 

X 

Cl 

OOOOQOOOC 

1 0.99920063 

0.99820270 
0.99680851 

0 99502075 
0.99284295 
0.99027940 
0.98733513 
. 0.98401586 
0.98032799 

19582.818 

19563.262 

19535.938 

19500.901 

19458.219 

19407.977 

19350.274 

19285.222 

19212.945 

783.3127 

1173.7957 

1562.8751 

1950.0901 

2334.9863 

2717.1169 

3096.0439 

3471.3399 

3842.5890 

783.5216 

1174.5001 

1564.5427 

1963.3419 

2340.5943 

2726.0015 

3109.2706 

3490.1155 

3868.2576 

1.0002667 

1.0006001 

1.0010670 

1.0016675 

1.0024017 

1.0082699 

1.0042721 

1.0054087 

1.0066800 

50.013338 

33.353346 

25.026698 

20.033394 

16.706772 

14.332549 

12.553584 

11.171467 

10.067155 
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Thus 


2/1 


cosh 



at a horizontal distance of'a out on the curve. In 
other words, the catenary of this series, upon which h 
is one point, can be interpolated from the infinite series. 


It is very evident from the sketch that Yi - yi will be 
less than Y— y, since Yi is less than Y, and j/i is greater 
than y. 

In a similar manner, a span an infinitesimal amount 


By choosing values of — with differences as small as is 
c 

desired, an infinite series of catenaries, related as was 


TABLE ni 

Catenary at FreeziniE Point 
.Cable Under Maximum Loading Condition 

Working Formula 


sinh ' 


C2 


X • 
2 


- 1 - - Gi + 


~ X " “ 

cosh- 

C2 1 

X iT” 


- — (1 + a - 111 ) 


«>. r 1 1 

“ 2 B, A. (1 + a Us -./,]) _x_ slnh J 


Ifi 


_m_ 

" 2 JSi Aid + a U2 “ ^i])* 


Const, for Fi - 1,0021184 
Const, for Gi - 96.430708 X 10"» 
Const, for ffi = 95.410496 X 10"^ 


(8) 

. (9) 

(10) 

(11) 

(12) 

(13) 

Values from 
Curves Plotted 
from Aux. Table 

' X 

C2 

(14) 

(4) 

(6) X 1.0021184 

Fi 

(7) X 

95,430708 X 10"» 

Gi 

SI 

(5) X (9) 

Gi 

(8) - (10) 1 

Fi - (?i - 1 

(5) X 

95.410496 X 10"* 
Hi 

(13) 

X 

IT 

1.0004786 

X10“» 

4772.8082 

0.00373960 

-0.00326101 

X 10"» 
74756.188 

0.042060 

18623.698 

1.0008121 

3182.9335 

0.00373836 

-0.00292628 

112059.64 

0.062641 

18738.458 

1.0012791 

2388.3155 

0.00373662 

-0.00245755 

149273,79’ 

0.082930 

18845.714 

1.0018797 

1911.8009 

0.00373440 

-0.00185471 

186369.32 

0.103021 

18929.054 

1.0026141 

1594.3391 

0.00373170 

-0.00111762 . 

223317.26 

0.122990 

18985.172 

1.0034824 

, 1367.7663 

0.00372853 

-0.00024613 

260089.15 

0.142894 

19014.912 

1.0044849 

1197.9974 

0.00372490 

+0.00075998 

296657.06 

0.162766 

19021.441 

1.0056217 

1066.1010 

0.00372082 

+0.00190092 

332993.65 

' 0.182625 

19008.021 

1.0068033 

960.7158 

0.00371630 

+0.00317697 

369072,37 

0.202486 

18977.060 


(16) 


Oosh (13) - 1 


ya 

C2 


' cosh’ 


C2 


-1 


0.0008847 

0.0019620 

0.0034407 

0.0053114 

0.0075728 

0.0102267 

0.0132767 

0.0167224 

0.0205704 


(16) 

(17) 

(18) 

siuh (13) 


(14) X (16) 

X 


X 

8lnh"~ 

C2 

(14) X (15) . 
ys 

S 2 "ca sinhr~ 

eg 

0.0420724 

16.47 

783.544 

0.0626819 

36.77 

1174.563 

0.0830251 

64.84 

1564.667 

0.1032033 

100.54 

1953.541 

0.1233003 

143.77 

2340.877 

0.1433808 

194.46 

2726.373 

0.1634856 

252.52 

3109.732 

0.1836418 

317.86 

3490.668 

0.2038725 

390.37 

3868.901 


(19) 

(20) 

(21) 

(14) + (17) 

(5) 


Max. 7*2 

(18) 

(19) X 3.1579393 

U)i 

Si 

Si 

IVl 

X 

cacosh —— 
C2 

0.9999719 

0.9999461 

0.9999205 

0.9998978 

0.9998791 

0.9998637 

0.9998515 

0.9998417 

0.9998337 

3.157850 

3.157769 

3.157688 

3.157617 

8.157557 

3.157509 

3,157470 

3.157439 

3.157414 

18640.. 17 
18775.23 
18910.56 
19029.59 
19128.94 
19209.37 
19273.96 
19325.88 
19367.43 


( 22 ) 


(20) X (21) 
Max. 7*2 

58863 

59288 

59714 

60088 

60401 

60654 

60857 

61020 

61151 


larger may be represented by A D 2 C 29 and with similar 
reasoning Y* — ya can be proven gr^to* than Y — y. 

If y-j _ is an infinitesimal amount smaller than 
6 , and Yj- Y* is an infinitesimal amount larger than 
b, the point b must be one of a series of sudi sag differ¬ 
ences, each corresponding to one of the series of cate¬ 
naries having A. as one support and the other support 


previously deswibed*, can be approached. However, 
if the point b and its corresponding catenary can be 

4. That is, ■with the same maximum tension on all oatenaxies 
of the series at the maximum loading and minimum temperatee 
conditions, and the same temperature and loading conditions 
for all of this series, which is the original series after changing 
from the critical to the desired condition. 
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interpolated from an infinite series, it can also be 
interpolated from a finite series. 

The desired results are' easily obtained from the usual 
tension-sag data by carrying out on several of the cate- 



Fig. .6 


naries the operation described, obtaining values similar 
to 72 — 2/2 greater than b, and others similar to 7i — j/i 
less than b. These sag differences may then be plotted 
against their corresponding values of X, c, or Tm, and 
the value of X, Ci, or T^, corresponding to the catenary 
upon which b is one point, may readily be found. 
Other values, such as 7 and w, may be found in a similar 
manner, or may be computed. 

Method op Obtaining Maximum Sag op Catenary 
PROM Straight Line Between Points op Support 
The two methods just explained will give all of the 
information necessary if the line is to be strung by means 
of a tension dynamometer, or if the sag 7 can be used. 
However, in stringing cables over supports on an in¬ 
cline, it is often more convenient to measure off the 


Working Formula 
sinh ■ 


TABLE IV 

Catenary at Minimum Temperature 
Cal)le Without Ice or Wind Load 


1 ^F2 -G 2 +H 2 


cosh 


-f ■ 


sinh • 


Ft 


Si 

X 


Gi 


wi 


2 £iAi 


cosh ■ 


+ 


sinh 


X 

Cl 




2 El Ai 


Const, for F 2 = 1 

Const, for G 2 « 95.450924 X 10 

Const, for Et « 68.693021 X 10"° 


( 8 ) 


( 6 ) X 1 
Fi 


1.00026669 
1.00060011 
1.00106701 
I.00166750 
1.00240173 
1,00326987 
1.00427213 
1.00540875 
1.00668001 


(9) 

(7) X 

95.460924 X 10"^ 
Gt 
SI 


X iq-a 
4773.8193 
3183,6077 
2388,8214 
1912.2059 
1594.6768 
1368.0550 
1198.2511 
1066.3269 
960.9193 


( 10 ) 


(5) X (9) 
G2 


0.00374039 

0.00373915 

0.00373741 

0.00373519 

0,00373249 

0.00372932 

0.00372569 

0.00372160 

0.00371708 


( 11 ) 


( 8 ) - ( 10 ) - 1 
Ft -G2 -1 


-0.00347370 

-0.003139040 

-0.00267041 

-0.00206769 

-0.00133076 

-0.00046945 

+0.00064644 

+0.00168715 

+0.00296293 


( 12 ) 


(5) X 

58.693021 X 10““ 
Ht 


xio-» 

45987.262 

68934.962 

91827.736 

114647.536 

137376.553 

159997.264 

182492.486 

204845.425 


(13) 

Values from 
Curves Plotted 
from Aux. Table 

X 

C3 


0.025667 

0.040427 

0.057157 

0.075836 

0.095984 

0.116980 

0.138348 

0.169808 


(14) 


(4) 

(13) 

C3 


30518.282 

29034.946 

27343.564 

26714.669 

24326.829 

23227.191 

22378.667 

21721,941 


(15) 

(16) 

(17) 

(18) 

(19), 

( 20 ) 

( 21 ) 

( 22 ) 







(14) + (17) 





(5) 


Max. T 


cosh (13)’ - 1 

{/3 X 

-=cosh- —1 

sinh (13) 


(U) X (16) 

(18) 

(19) X 1.9418261 

Wi 


X 

sinh- 

(14) X (15) 

Uz 

, , t ^ 

Si 

Si 

X 


C3 C3 

ca 

— C 3 SlxlLl 

C3 

Si 

W 8 =- W’* 

Si 

Cl cosh - 

C3 

(20) X (21) 
Max. T 

0.0003294 

0.0008173 

0.0016339 

0.0028769. 

0,0046100 

0.0068500 

0,0095854 

0,0127965 

0.0164654 

0.0256698 
' 0.0404380 
0.0671881 
0,0759087 
0.0961314 
0.1172470 
0.1387900 
0.1604891 
0.1822136 

10.05 

23.73 

44.68 

73.98 
112,15 
-^459 .10 
244.51 
277,97 

349.13 

783.398 

1174.115 

1563.727 

1951,960 

2338.573 

2723.318' 

3105.930 

3486.134 

3863,657 

1.0001572 

1.0003279 

1.0005214 

1.0007080 

1.0008642 

1.0009853 

1.0010755 

1.0011420 

1.0011907 

1,942130 

1.942462 

1.942838 

1.943200 

1.943503 

1.943738 

1.943914 

1.944043 

1.944137 

30628.33 

29058.68 

27388.24 

26788.55 

24438,97 

23386.30 

22693.18 

21999.91 

21553.13 

52290 

66445 

53211 

50112 

47497 

45467 

43919 

4'2769 

41902 
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vertical distances A A' and B B' shown in Fig. 6 and 
while sighting between points A' JB' to allow the cable 
to sag until it is tangent to the line of sight. 

The usual method of finding the value of A A', which 
corresponds to D D', is to assume that the maximum 



deflection of the cable appears at a point E, which is 
also one point on the line perpendicular at A £ at its 
middle point. This askimption would be correct if 
the curve were a parabola, but it is not true for the 
catenary. 

It is proved in Appendix No. 2 that the point of 


maximum deflection of the catenary from the line be¬ 
tween the points of support occurs at the center of the 
span in certain cases, and so near the center in all other 
cases that a considerable degree of accuracy must be 
attained to detect the difference. Thus the value 
D' F may be considered the true maximum deflection. 
The vertical distance, D D', will be equal toD' F cos 9. 

However, the value of DD' maybe computed directly 
from the data obtained by either method. Using equa¬ 
tion (14), the value for y, which is shown asC D', will 

a 

be obtained by substituting-g for x. Also from the 

6 . . 

right triangle ACD, CD=‘b' = -2 since it is at the 
center of the span. Then DD' = d —y—h'. This 


TABLE V 

Auxiliary Data to Tension—Saii Tables 

X 

Values for plotting curves to find in formula 


Assumed 

Value 

X 

ct 


0.04 


0.06 


0.08 


0 . 10 . 


0.12 


0.14 


0.16 


0.18 


0.20 


(23) 


(25) 

(26) 

(23) 

(24) 

(12) X 

(25) 

(26) 


■■ 


X 


X 

cosh 


X 


X 


sinh— 


X 


sinh —^ 

X 

c 

c 

1 


— 3 

X 

c 

X ■ 

c 

c 

1 


— 1 

X 

c 

From 

Tables 

+ X 

sinh — 
c 

(24) ^ (11) 

From 

Tables 

From 

Tables 

X 

slnli-5. 

c 

(24 (11) 

From 

Tables 

0.041 

0.042 

0.043 

0.0036477 

0.0035609 

0.0034781 

0.0003867 

0.t002999 

0.0002173 

B 

0.025 

0.026 * 
0.027 

0.0036794 

0.0035379 

0.0034069 

+0.0002057 
+0.0000642 
»0.0000668 

0.0001042 
0.0001127 . 
0.0001215 

0.061 

0.062 

0.063 

0.0036764 

0.0036171 

0.0035598 

0.0007501 

0.0006909 

0.0006335 


0.040 

0.041 

0.042 

0.0034477 

0.0033636 

0.0032836 

+0.0003086 

+0.0002246 

+0.0001445 

0.0002667 

0.0002802 

0.0002940 

0.082 

0.083 

0.084 

0.0036449 

0.0036011 

0.0035583 

0.0011874 

0.0011485 

0.0011008 

0.0011210 

0.0011486 

0.0011764 

0.057 

0.058 

0.059 

0.0032238 

0.0031683 

0.0031146 

0.0005534 

0.0004978 

0.0004442 

0.0005416 

0.0005608 

0.0005803 

0.102 

0.103 

0.104 

0.0036606 

0.0036252 

0.0035905 

0.0018059 

0.0017706 

0.0017368 

0.0017349 

0.0017691 

0.0018036 

0.075 

0.076 

0.077 

0.0030601 

0.0030199 

0.0029808 

0.0009924 
; 0.0009523 

0.0009131 

0.0009378 

0.0009629 

0.0009885 

0.122 

0.123 

0.124 

0.0036700 

0.0036404 

0.0036111 

0.0025524 

0.0026227 

0.0024935 

0.0024825 

0.0025234 

0.0025646 

0.094 

0.095, 

0.096 

0.0029272 

0.0028965 

0.0028664 

0.0015965 

0.0015657 

0.0015357 

0.0014733 

0.0015048 

0.0015367 

0.142 

0.143 

0.144 

0,0036756 

0,0036501 

0.0036249 

0.0034295 

0.0034039 

0.0033788 

0.0033641 

0.0034117 

0.0034596 

0.115 

0.116 

0.117 

0.0027887 

0.0027648 

0.0027413 

0.0023293 

0.0023053 

0.0022818 

0.0022056 

0.0022442 

0.0022831 

0.161 

0.162 

0.163 

0.0037012 

0,0036785 

0.0036562 

0.0044612 

0.0044385 

0.0044161 

0.0043258 

0,0043797 

0.0044341 

m 

0.0026725 

0.0026532 

0.00263^ 

0.0032189 

0.0081997 

0.0031807 

0.0031311 

0.0031770 

0.0032233 

0.182 

0.183 

0.184 

0.0036796 

0.0036597 

0.0036400 

0.0055805 

0.0055606 

0.0055410 

0.0055298 

0.0055909 

0.Q056522 

0.159 

0.160 

0.161 

0.0025876 

0.0025715 

0.0025557 

0.0042747 

0.0042587 

0.0042429 

0.0042188 

0.0042721 

0.0043258 

0.202 . 

0.203 

0.204 

0.0036792 

0.0036613 

0^036436 

0.0068562 

0 ..0068383 
0.0068206 

0.0068146 

0.0068823 

0.0069504 

0.180 

0.181 

0.182 

0.0025364 

0.0025225 

0.0025088 

0.0054993 

0.0054854 

0.0054717 

0.0054088 

0.0054691 

0.00552981 
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value of maximum deflection is given in the colunm 
with the heading d in the table. 

The computations to obtain d may be simplifled still 
further by the use of equation (2) instead of (14). The 
origin will then be at the lowest, or center point, of the 
equivalent catenary. This method will be evident 
from the calculations used in Appendix No. 2. 

Demonstration op the Use op Methods Explained 

The use of the methods described is illustrated by the 
solution of the following problem which arose in some 
preliminary work on the Tacoma Lake Cushman Power 
Project. 

The transmission line crossing “The Narrows” for 
the Tacoma Cushman Power Project was originally 
planned with a main span of 6152.75 feet between two 
supports at the same elevation. On either side of this 
main span, a counter span was planned, using the same 
cable. This is shown in Fig. 7. The span A was as¬ 
sumed to have supports with a horizontal spacing of 
2700 feet and with a difference in elevation of 70 feet. 
Span B has supports with the same horizontal spacing, 
but with a difference of elevation of 179 feet. To 
illustrate the solution on a short steep slope, a third 
span C was assumed with its supports 1000 feet apart 
horizontally, and with a difference of elevation of 150 feet. 

This study was made on a one-inch plow steel cable 


with a maximum breaking strength of 240,000 pounds 
per square inch. The elastic limit of the cable was 
taken at one-half of the breaking strength and this 



Fig. 8—^Temperature-Tension Stringing Chart for One- 
Inch Diameter High Strength Steel Carle 

again reduced 10 per cent for galvanizing, giving 108,000 
pounds per square inch as the maximum allowable 
tension on the. cable. All other specifications and 
constants are given in Table I. 


TABLE VI 

Design for Supports at Unequal Elevations 
First Method 

, General Data for aU Spans with Supports at any Difference of Elevation 

Working Formula 



MAXIMUM SAG OF CABLE IN FEET 
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All the data are recorded on forms, with the working performed in each column clearly indicated at the head 
formulas and constants given, and with the operation of the column. These may be used as forms for the 



0 10 20 30 40 50 60 70 80 90 100 110 120 g 50^.™rMrr ,M®S:i n/ATinM nP^5iPPftRT<; IN FPCT 

TEMPERATURE DEGREES FAHRENHETT 5 DIFFERENCE IN ELEVATION OF SUPPORTS IN FEET 

V'lG. 9 —Temperatube-Tension Stringing Chart for Spans Pig. 10 —Temperature-Tension Chart for Vario^^ ]^f- 
wiTH Supports at Unequal Elevations fbrbnces in Elevation of Supports—Span Length 2700 Ft. 


TABLE VII 

Design £or Supports at Unecfual Elevations 

First Method 


Working Formula 


Temp, and 
Load Conditions 


32 deg. fahr. 
Cable Loaded 


60 deg. fahr. 

Cable Only 


110 deg. fahr. 
Cable Only 


Assumed 

Value 


cosh- - sin sinh 


-h-0 



0.142638 

0.142216 

0.141904 

0.141945 


0.110988 

0.116243 

0.120651 

0.124298 


0,114728 

0.119417 

0.123308 

0.126525 


0.118521 

0.122596 

0.125901 

0.128743 


0.124921 

0.127898 

0.130352 

0.132405 


1.0101900 

1.0101298 

1.0100981 

1.0100911 


1.0061655 

1.0067639 

1.0072872 

1.0077849 


1.0005885 

1.0071387 

1.0076121 

1.0080150 


1.0070318 

1.0076243 

1.0079436 

1.0082088 


1.0078028 

1.0081901 

1.0086079 

1.0087784 


0.1431222 

0.1426959 

0.1424716 

0.1424221 


0.1112160 

0.1166060 

0.1209439 

0.1246183 


0,1149799 

0.1197010 

0.1236207 

0.1268629 


0.1187987 

0.1229033 

0.1262943* 

0.1290990 


0.1252462 

0.1282470 

0.1307216 

0.1327922 


a « 2700 ft. 
b * 179 ft. 



(51) X (64) 
a 

sin/9« sinh-7 


0.0146926 

0.0174622 

0.0202209 

0.0228799 


0.0106424 

0.0135668 

0.0166264 

0.0197471 


0.0113708 

0.0143161 

0.0173638 

0.0204568 


0.0121342 

0.0150865 

0.0181158 

0.0211757 


0.0134783 

0.0164160 

0.0193950 

0.0223895 


Values desired, taken from curves plotted with b' and X, c, Tm* V* 



0.0056655 

0.0082259 

0.0108871 

0.0136111 


32* Cable Loaded 22863 44795 

0.0-cable only 2868.0 «796 

30* Cable Only 2834.6 22368 ^ 

«,• cable only 2^ 0 S 

110 ** Cable _ 2745.0 ___— ■ — 

♦These values of Y lie on the equivalent catenary beyond the point of the lower support. 


(56) X (21) 
- 5 ' 


0.0045026 

0.0073324 

0.0101228 

0.0128878 

85.683 

140.262 

194.463 

248.399 

0.0044769 

109.410 

0.0068029 

159.096 

0.0093393 

211.003 

0.0120122 

264.266 

0.0047823 

113.101 

0.0071774 

163.454 

0.0097617 

215.665 

0.0124418 

269.025 



116.846 

167.816 

220.322 

273.762 


123.168 

176.093 

228.030 

281.689 


X 

e 

Tift 

y 

P 

w 

2608.8 

2868.0 

2834.6 

2800.0 

2745.0 

19009 

22863 

22368 

21880 

21078 

60687 

44796 

43830 

42876 

41297 

179.2 

179.!♦ 

179.4* 

179.3* 

179.2* 

48.10 

40.21 

41.00 

41.84 

43.31 

3,1576215 

1.9438121 

1.9435410 

1.9432702 

1.9428130 
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solution of any span problem by supplying the proper 
constants and performing the indicated operations. 
Tables II to V show the usual tension-sag computa¬ 


tions for a range of various span lengths and with 
several different temperature and loading conditions. 
These employ the previously mentioned Kirsten method 


Working Formulas 


TABLE VIII 

DesifEn for Supports at Unequal Elevation 
Second Method 

a;' « ff - X 

ir' » c ^cosh ^ ) 


a « 2700 ft. 
b - 179 ft. 


Temp, and 
Load Conditions 


32 deg. fahr. 
Gable Loaded 


0.0 deg. fahr 
Cable Only 


30 deg. fahr. 
Cable Only 


60 deg. fahr. 
Cable Only 


110 deg. fahr. 
Cable Only 


Assumed 

Value 

X 

Cl 


0.10 

0.12 

0.14 

0.16 


0.12 

0.14 

0.16 

0.18 


0.12 

0.14 

0.16 

0.18 


0.12 

0.14 

0.16 

0.18 


0.12 

0.14 

0.16 

0.18 


(60) 


Prom 
Ool. (14) 


18929.054 

18985.172 

19014.912 

19021.441 


24326.829. 

23227.192 

22378.667 

21721.941 


23533.898 

22609.356 

21896.417 

21339.636 


22780.799 

22023.594 

21435.255 

20972,076 


21613.639 

21110.543 

20713.203 

29391.937 


(61) 


2700 - (4) 
a:' - a - X 


749.90991 

365.01368 

17.11687 

-396.04389 


365.01368 
- 17.11687 
-396.04389 
-771.33990 


365.01368 
- 17.11687 
-396.04389 
-771.33990 


365.01368 
- 17.11687 
-396.04389 
-771.33990 


365.01368 
- 17.11687 
-396.04389 
-771.33990 


(52) 

(50) 

(51) 

X* 


0.0396169 

0.0192262 

0.0000002 

0.0208209 


0.0150046 

0.0007369 

0.0176974 

0.0355097 


(63) 

cosh (52) 
cosh- 


1.0007849 

1.0001849 

1.0000005 

1.0002168 


54) 


(50) r(53) - 1) 
jp' eC^COSh"^ —1\ 


14.857 

3.510 

0.009 

4.123 


0.0155101 

0.0007571 

0.0180872 

0.0361459 


1.00011257 

1.0000004 

1.0001566 

1.0006305 


0.0160229 

0.0007772 

0.0184763 

0.0367794 


0.0168881 

0.0008108 

0.0191204 

0.0378257 


1.0001203 

1.0000004 

1.0001636 

1.0006534 


1.0001284 

1.0000004 

1.0001707 

1.0006765 


1.0001426 

1.0000004 

1.0001828 

1.0007155 


2.738 

0.008 

3.505 

13.696 


2.831 

0.009 

3.582 

13.942 


2.924 

0.008 

3.059 

14.187 


3.083 

0.008 

3.787 

14.591 


(55) 


(17) - (.54) 
Y - U' 


85.083 

140.200 

194.451 

248.397 


109.400 

159.097 

211.003 

264.270 


113.101 
163.451 
215.606 
269.025 


116.487 

167.814 

220.321 

273.701 


123.108 

175.003 

228.030 

281.580 


Values desired, taken from curves plotted with 5' and X, c, y, i 


32^ Cable Loaded 
0.0® Cable Only 
30* Cable Only 
60® Cable Only 
110® Cable Only 


2607.8 

2863.2 

2829.7 

2800.0 

27450 


19009 

22860 

22373 

21882 

21078 


60591 

44800 

43818 

42871 

41298 


179.1 
179.0» 
179.5* 
179.4* 
179.1* 


48.10 

40.21 

41.06 

41.84 

43.31 


3.1575210 

1.9438132 

1.9435425 

1.9482700 

1.9428123 


•These values of Y Ue on the equivalent catenary beyond the point of the lower support. 


Span 


TABLE IX 

J- Tabidated Data for VarlOTO Types of S pans with Supports on an IndUne 

Temp, and Load 


Condition 


Span A 
a « 2700 ft. 
5 « 70 ft. 


32® Cable Loaded 
().0® Cable Only 
30® Cable Only 
60® Cable Only 
110* Cable Only 


Xft. 


1839.8 

2012.0 

1985.5 

1065.0 

1928.0 


Tm Ih. 


yft. 


pft. 


48.23 

35.89 

37.00 

38.52 

40.92 


wlb. 


3.157636 

1.943262 

1.943074 

1.942875 

1.942566 























































Sf|)t. I'.l-Ti 


SMITH: TRAN8MISS[0N LINE DESIGN 


949 


as it was later revised. Fig. 8 shows a complete set of 
tension-sag curves for various lengths of spans. 

Tables VI and VII .show the computations for span 
B obtained by using the first method described, while 
Table VUI shows the application of the second method 
to the .same .span. An inspection of the results ob¬ 
tained by the two methods shows no appreciable 
difi'erence. The second method illustrated by Table 
VH1 slujuld be the more accurate since it depends upon 
fewer values interpolated from hyperbolic tables. 

'I’able IX gives the data for all three spans in tabu¬ 
lated form, while Fig. 9 shows the temperature-tension 
and ternperature-.sag curves plotted from the data 
givt*n. 11. might be noted that considerable more data 
were computed than would usually be required in a 


Other useful relations may be derived from the enlarged 
sketch. Thus, horizontal tensions are equal throughopt 
the span; 

Tm cos = T cos (a -H d a) (7) 

Vertical tensions may be expressed thus: 

Tm sin Pm — T sin {a + d a) = w s (8) 
With d s at its smallest limit 


cos (a -h d O') = and sin (a -1- d a) = 


From the triangle relation of forces 
r- ^ [T sin {a + d a) f + [T cos (a + da)] (10) 
Extracting sq. root and substituting (7), (8), and (9) 
in ( 10 ): 


d(>sign proljlem. 

(’harbs with curves showing data for a wide range of 
c(jnditions may be made with a .small amount of addi¬ 
tional computations. Thus, Fig. 10 shows a set of 
lension curves for .spans 2700 feet in length but with 
various <liif(‘rences in elevation of supports. Curves 
covering a range of differences in elevation of supports 
several times that shown in Fig. 9 may be interpolated 
from the <iuta .shown in Table VIII without further 


d X Tfl, c os Pm __ fi It 

~d7 ^ [ Tm ’‘- 2 WSTmCOS Pm + ^ ^ 

From (5) 

COS /Sw = m = [ 1 — sin^ (12) 

•L m 

= n*-r„*sin»/S* (13) 

Substituting (12) and (13) in (11), 


computations. 

Other luseful charts might .show tension or deflection 
value.s for a range of .span lengths, with each curve 
repre.senting a .single difference in elevation of supports 
as wi‘11 Jis a definite temperature condition. Such a 
chart, would require computations similar to Table VIII 
for four or five different span lengths. With this 
amount of data, a series, of charts could be made which 
would covt*r all of the varying conditions of practically 
any lint*. 

Since the method of design presented here requires 
the computation.s for the usual tension-sag data, it is 
somewhat longer than most methods given. However, 
in the u.sual design of a transmission line the tension- 
sag data for the various symmetrical spans are always 
recjuirtd. Thus the computations for the spans with 
supports on an incline require little additional labor, 
while In the design of very long spans the additional 
labor retiuired is more than compensated for by the 
complete, definite, and accurate results obtainable. 

Appendix No. 1 

The conditions for the derivation of the formiflas, 
with their origin at the upper support, may be obtained 

from Fig. 3. . , n 

Ix*t A’ « total length of the cable between A and B: 

Then the total weight of the cable suspended is 

«j S = Tm sin Pm + T, sin pi (4) 

The horizontal tension must be the same at each end 
T„, cos Pm “ Tt cos pi = cw (S) 

where c is the length of cable whose weight is equal to 
the horizontal tension. From the above 


_ ewds _ 

“ [Tm*- 2ws{TJ- c*w*) ^ -l-w*s*l^' 

Let Tm = if w 


[K^- 2siK^- +s^]^ 

f * , c d s , _ 

[if* - 2 s (if** - c*)^-h 

X 8 - (if* - C*)^'^ + (if* --28 [g* - C*]^ -I- S*)^ 

v = K- (if* - c?)^ ' 

But if = o — 1 = tan* Pm 

w cos Pm cos* Pm 

Substituting and taking log 


4_ b2 


scos/3m-csm/3m+(c*-28CSini8meosgm-s* cos* Pm)^ 

c - c sin (3m 

Squaring and collecting terms 


Cos Pm L- 

^ __£^ rsinh ~ - siniSm ( cosh 1)] (14; 

cos flm L C \ c / -« 


cos (3m 


ev) 

Tm 


( 1 - sin*^m)^’ 


This is the general equation for the actual length of 
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cable between one support and any point on the cate¬ 
nary X distance from support. jS™ is the angle between 
the tangent to the wire at the point of support and the 
horizontal, the value of which may be found by the 
relationship given in (12). 

In a manner similar to that above, the equations for 
the sag — y or tension T for any point on the catenary 
at * distance out may be derived as follows: 

—-= [(r« sin sy -F (T„ cos 
ds 

dy _ Tm sin - ws _ 

~ ds ~ [TJ-2 w s Tm sin 


deflection, the tangent line will have the same slope as 

A B, which is — •^. The method to be xised in finding 

the position of the point of maximum deflection will 
be to assume that the tangent at the middle point, D, 
has the same slope as line A B, and to compute the 
error foirnd in making this assumption. 

With the origin of the catenary at 0, the value of 
vertical deflection from point 0 is given by equation (2) 

w = c cosh — — c 
c 

The slope of the tangent at any point on the cable is the 
first derivative of the foregoing equation, or 


And from (5) 


dy 

ds 


_ c w tan |g„ - s to _ 

r _c_w -2 c w® s tan /3„ -I- w* s* 

L cos’* /5m 


dv X 

-jf-sinh— (19) 

If X is the value at which the cable has a maximum de¬ 
flection from line A B, then 




Fig. 11—CuRvic Showing the Dippbiience in Slope of 
THE Catenary at the Center op the Span, and the St.opE 
OP THE Line between Points op Support 



Again substituting (7) and (8) in (10), 

T* = [ Tm sin/S„ - ic s p -h [ Tm eos/S* ]* 

T* = TJ - 2T„sia ffmws +w^ s* 
Substituting values from (12) and (14), 

^ 7 ‘ 7 ] 

Appendix No. 2 

An investigation to find the position on the catenary 
of the pomt which has a maximum deflection from the 
straight line between the points of support of the cate¬ 
nary shows some interesting results. 

Referring to Pig. 6, the catenary AD'B will have a 
maxiinum deflection from line A B at some point near 
the middle of the span. At the point of maTiiYinTw 


But from (2) 

Y = c cosh — — e 
e 

and 

, o — X 

y\ — c cosh —— — c = c cosh-— c 

c e . 

Substituting these values in (20) 

. , a: e , X c a - X 

suih j - cosh - -I- -cosh-y- (21) 

The hyperbolic function may be expressed as a series. 
Thus if the first two terms for the sinh and the first 
three for the cosh are substituted, in (21), the error will 
be very small, since the next term in the series is of the 
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X 

fifth power, and the ratio of — is never greater than 

c 

Then ^r /5 the order .000034 +. 

Evaluating equation ( 21 ) thus, 

X _ X* (o - Xy (a-X)* 

e 6 c* 2ac 24ac®'^2ac"^24oc* 

or 


A'B'. Since the term on the left is the smaller, 
the desired point on the catenary must be a little nearer 
the higher support. 

Evaluating (23) with a given in terms of X, the 
difference in slopes, also given in terms of X, may be 
found for any assumed value of o. The results are 
shown in Table X and the corresponding curve in Fig. 
11. Thus (23) is an equality if a is equal to 2 X or to 
ZCTO. The point at which the difference is greatest 
occurs when a = 1.6 X appx. 


' 3 tt X® 

ar'+6 a:c*=8 ac*-6X c^+-j—a^X +—^ -X* (22) 

If X\ is substituted for x in ( 22 ), the portion before the 
equality sign will be the slope of the tangent at the 
middle of span a. 

Thus from Fig. 6 , 

® = -*i = -(x--|) 

Substituting and simplifinng, but keeping all terms 


TABLE X 


K Ratio of a to X 
a == XX 


1.9 

1,8 

1.7 

1.6 

1.5 

1.4 

1.3 

1,2 

1,1 

1.0 

,8 

.0 

.4 

.2 

0 


Difference In slopes of 
lines A Rand A' R' 


In terms of X 
0.0 
0.0143 
0.0243 
0.0307 
0,0341 
0.0352 
0.0342 
0.0320 
0.0288 
0.0248 
0.0208 
0.0128 
0.0063 
0.0021 
0.0003 
0 


belonging to each value of slope on its side of the 
inequality sign, we have oiUy the terms which do not 
cancel out. 


o* 3 a* X 
4 



(23) 


A careful analysis of all the terms to the right and left 
of the inequality sign in the operation indicated above 
would disclose the fact that all terms would cancel if 
only the first term of the sinh series and the first two 
terms of the cosh series were used. In other words, 
using these first two terms as an approximation of the 
true value, the point of maximum deflection would 
always be at the center of the span. The terms ip the 
inequality (23) constitute only a small portion of 
the total number of terms in the total slope value. 

The numerical value of (23) would be the difference 
in the slope values for the two straight lines A B and 


TABLE XI 
a 1.5 X 





To satisfy 
equation 24 

% error in 
terms of 

.333 

1 

3 

-0.2625 

0.17 

.2.50 

1 

4 

-0.2515 

0.10 

.200 

1 

5 

-0.2609 

0.06 


To determine just how far from the center of the span 
the desired point on the catenary lies, values of c and a, 
both expressed in terms of X, may be substituted in 
( 22 ). Then a value of x which will satisfy the equation 
may be found by inspection. Thus to find the greatest 
possible variation, let a = 1.5 X. Then 

T* + 6 c* a: = - 1.5 X c* - 0,1563 X* (24) 

X 

The ratio of — is a variable for different spans and 

increases in value as the tension is decreased or as the 
weight of the cable is increased, other conditions 
rem aining constant. However, the value of the ratio 

X 

— will probably never be found as high as and in all 
c 

practical design problems will range between yi and Vs* 
Assuming X = 1, and c = 4, equation (24) will be 


TABLE XU 


Span 

Temp. 

deg. 

fahr. 

K 

a -XX 

Ratio 

X 

c 

At 

center 

At point 

5 ft. toward 
higher 
support 

A 

32 

1.47 

0.097 

48.226 

48.225 

A 

0.0 

1.34 

0.079 

35.886 

35.886 

A 

60 

1.37 

0.083 

38.518 

38.617 

R 

32 

1.03 

0.137 

48.102 

48.101 

R 

0.0 

0.94 

0.125 

40.208 

40.208 

R 

60 

0.98 

0.130 

43.314 

43.314 

C 

32 

0.30 

0.175 

6.672 

6.658 

C 

0.0 

0.28 

0.173 

5.854 

5v854 

C 

30 

0.27 

0.173 

5.966 

5.966 


At point 
.5 ft. toward 
lower 
support 


48.225 
35.886 
38.617 
48.100 
40.208 
43.313 
6.658 
5.853 
5.966 


satisfied by x = 0.2515 approx. From Fig. 6 , if X = 1, 

and a = 1.5, ^ will have the value of 0.76, and Xi will 

be - 0.25. The difference between x and Xi is a true 
measure of the OT“or with the values assumed; that is, 
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X 

when ■— = the true point of maximum deflection 
c 

lies 0.0015 X from the center point of the span. This 
is an error of 0.1 per cent when considered in terms of a. 

Since the values of deflection are nearly equal for a 
considerable distance on either side of this maximum 
point, the per cent of error caused by assuming the 
maximum deflection at the center point is still smaller. 

Table XI gives the distances of the true maximum 
points from the center of the span, as well as the per 
cent of error for a = 1.5,. and for three assumed ratios 



Table XII gives the deflection of the catenary from 
the straight line between supports, as computed from 
the data given in Table IX. In each case three points 
on the catenary were selected, one at the center of the 
span, and one five feet on either side of the center. In 
almost every case these data clearly'indicate the same 
facts proved by the foregoing discussion. 


Discussion 

F. K. Kirstens I wish to congratulate Mr. Smith on his 
courage in using the catenary equations for the analysis of spans 
supported from points at unequal elevations, and I would also 
like to make some supplementary comments. 

We know that the more closely we wish to describe a physical 
phenomenon by means’ of mathematical formulas, the more 
involved and unwieldy these formulas become. As an illustra¬ 
tion, we might use the simple equation of a circle to express the 
location in space of a suspended cable, and describe actual 
conditions with sufficient accuracy although the assumptions 
involve considerable error. By a closer analysis of the forces in 
action we find, however, that the parabola describes actual 
conditions better than the circle and hence the application of 
the parabola yields greater accuracy, although the mathematical 
operations are more involved. But still a considerable error is 
made in the assumption that the weight per unit projected 
length of the span is uniform along the span. The demand for 
greater accuracy forces us to base our mathematical formulas 
upon the assumption that the weight per unit length of span, 
measured along the span, is constant. This assumption leads us 
to the catenary, a rather involved mathematical stratagem. 
This mathematical form is rather difficult to handle, especially if 
temperature changes accompanied by stress changes must be 
covered by its use. And still the catenary equation does not 
describe conditions with absolute accuracy. Since the tension 
changes along the span, the weight per unit length of cable 
cannot be uniform. But an attempt to involve this actual 
condition in the modification of the catenary form would lead to 
unmanageable expressions. 

It will be apparent from a perusal of Mr. Smith’s work that the 
chief, difficulty in applying the catenary equation to spans of 
unequal elevations resides in the introduction of the slope of the 
suspension points into equations which are already complex 
enough for ready manipulation. Especially do we feel a 
naturally increa^ng reluctance to use the catenary analysis if 
changes of wind and ice loading together with temperature 
variations over a considerable range must be accounted for by 
proper nmi^ematical operations with the catenary form. It is, 
therefore, in my opinion, a step in. the right direction to adhere 
to the simple catenary forms which Mr. Smith ingeniously 


introduces into his second method instead of using the first 
method supported by equations 12, 14, and 15. 

We now have, thanks to Mr. Smith’s work, a simple catenary 
analysis of spans of unequal elevation, and there cannot be any 
excuse for the use of parabolic forms in the future. It must be 
remembered that the catenary method is independent of 
fixed mass and space units; hence all span conditions which may 
occur in practise may be expressed by a series of curves from 
which by interpolation any span, at any slope, for any size or 
material of cable or any temperature range, may be read at 
once. This set of curves is as readily applied, without modifica¬ 
tions by constants, in continental Europe whore the metric 
system is used, as in the lands of inches, pounds and quarts. 

Another important finding in Mr. Smith’s paper, I believe, is the 
discovery that the point of maximum deviation from a straight 
line connecting any two points of unequal elevation of the cable 
in suspension occurs midway between the points of support in 
the middle of the span. This naturally facilitates a chock upon 
the strain of a cable from points of unequal elevation by dropping 
targets from point B 2 to point A, of predetermined length, the 
line of vision touching the point of maximum deflection from the 
]ine joining these two points. 

R. J. C-* Wood: Our engineering depai’tmont has done 
a good deal of work in calculating sags and wo wont into this 
question of catenary versus parabola quite fully and find that up 
to about a 1000-ft. span, the parabola is practically a satis¬ 
factory curve to use. It must bo remembered that after the 
mathematician has figiired out the sag of the line, some fellow in 
overalls is going to pull that line up as near as he can to either 
the predetermined sag or tension. 

We have been a little undecided as to whether to use the sag or 
the tension in the line as the criterion. At one time we have 
used one and at another time the other. Wo have finally 
decided to use a dynamometer to measure the tonsion in the new 
line. The maximum tension under worst conditions will be 
about 12,000 lb. and under ordinary stringing eonditions may be 
6000 or 7000 lb. The dynamometer will probably road within 
200 lb. so that any extreme refinement of calculation as to the 
desired tension is not necessary. 

I do not wish to detract in any way from the fine work of 
mathematicians who calculate these things beoaus(3, whilt^ we may 
be able to use the laws of a parabola up to a certain point, yet we 
depend upon the mathematician to tell us where that point is and 
from where on we should use the more accurate formtda. We 
have ourselves used the catenary formula in all long-span work. 

Our spans run up to about 3000 ft. and for that length of span 
the catenary is necessary. We have had to go a little further 
than indicated in Mr. Smith’s paper, because we have found it 
quite necessaty to calculate clearances to ground under wind 
conditions. In building the line on a hillside it is not only 
necessary to know the vertical clearance in still air, but it is 
quite essential to know that the line will not blow onto the 
ground when the wind is crosswise, so we have to calculate those 
conditions of load applied sideways. 

It leads to some very interesting mathematics when there are, 
for instance, two spans which are dead-ended at the outer ends 
and hanging on a string of suspension , insulators at the middle 
support, and the wind blows sideways, because tho two spans 
then no longer remain in.a plane but become a warped figure 
and the catenary calculations become quite involved. 

C. E. Madnusson: Reference to the parabola by Mr. Wood 
leads me to bring out a point on the use of hyperbolic functions. 
Many engineers seem to thii^ that using hyperbolic functions in 
connection with engineering problems is throwing out a smoke 
screen to prevent the reader from foUovdng the argument. They 
do not appreciate that for certain types of problems hyperbolic 
functions become a very convenient ndeans for obtaining accurate 
solutions. A few years ago while discussing a problem with a 
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iiatitJimlly prouiiiiont enp:iiit*or, uno who has proaontod many 
j>apors Im-Lu’o tlu» Inat ituto, I suprgostod that for an accurate solu¬ 
tion liyijorhiilic functions should bo usodi and was astounded to 
dad lliut h«‘ luul no idea as to what type of probhuns would 
rtMpiin* hyperbolic functhuis. As tlu^re may be oth(*rs in th(» same 
priMlieunieiit lot me state that the basis for using: circular or 
hyperliolie functions is sunply this: A I'otating: vector of constant 
mumiitmb* can lu* fully r(*pr<»seutod by circular functions, but if 
the ratlins veetm* vmdes in leufjth while changing: in ])liaso 
pteufitni hypi*rbolic functions fit the case. For example, the 
v«»lla«e and eurnuit functions along: a transmission line vary in 
ma>irni1uile as widl as in tiimj-phase position and hence lu^quire 
hyperbolic functions as they cannc»t be correctly e*xpressed by 
inreular functions. 

U, W. »Soren.<itcnt I want to st*coiid the motion on hyper- 
iiolic functions. Dr. K(*nnelly uf Harvard has been trying: for 
yours to Kct us P) nm tlumi. I have btnm trying for about fifteen 
yi'urs to get engiiUM»ring classes to use them, and they use them 
just us ri*udily us I hey use trigonometric functions if you once 
stun them oiY. 

1». *1.. Clorbclti The pape^r given by Mr. Kirsten- a number of 
yours ago is. I think, a classic in its ii(dd of the application of 
hyperbolio functions to catenaries and long spans. 1 think Mr. 
Hmith’s pu|)or is a very creditable companion paper to that one. 

I like pnrijcularly Fig. 4 in %vhich the common point A is used 
us a busis instead of tint usual method, although I have not had 
tinn^ Ut chock it and sec whotlier there ar(‘ particular advantages 
to Ih‘ gainod im^r the old metlnjd of calculating sag from the 
iiicHitod lim» UotAveen A and R. 

Mr. Hiiiith, in his discussion, brought up also a point in which 
Wf! won? vory much iutcmwhid in tiic re-insulation of tho Car- 
t|tiim«/. crussingof thtJ Pacific Gas & Electric Company, and that 
IM I in? dliToronco in expansion between a long span and a con- 
tigiiouH .short span. If you can, visuali»e that crossing. On the 
ntnit h sifh? tim anchors are an average of probably 80 ft. from what 
iH fuiUotl South Tower. Then comes tho long span of 4427 
ft., tfioii a span of 1350 ft., and then a final span of 335 ft. to tho 
iiihor sot of anchors. On the high tower between the 4427-ft. 
j^ljun and the 135fHt. span, wa.Hplac(»d a sa<ldl<3 with a sliding top. 
'rhis was fo allow for a difference in (expansion betwcuni the two 
HpatiH ami to itisure a vertical reaction on the tower. We etd- 
<ndaf 4 <d by a uuiiilw^r of methods, but chiefly wo w<mt back to the 
original hyp(‘rbolic functions, and we thought that, taking all 
things inbi <if)ttsideration, we might expect a possible travel of 
r> in. W<? allowed for a travel of somewhat more than that, 
H in. boiitg the final figure allowed, 4 in. in each direction. 

'rho saddle was placed on toller bearings which were immersed 
ill grease so as to offer tho vory freest possible travel for the 
mUdo. i'hcf opi‘rating department tells me that in the past year, 
j«*cording Ut the marks on the saddle, there has been a travel of 
only 1 in. ho it is questionable how successful our calculations 
woro. Tlitiro in stiU room lor improvement in our methods of 
oalimlallon for long and important spans. 

M* 'I'- Crawfordf 1 find Mr. Smithes paper very intorostxug 
iff that h#* lias gone into unequal supports, something which seems 
to have been more or less avoided in considerations of span 
pruhhmiH. I would ask if he could suggest a method of approach 
biwarfl t he solution of a problem that we have. At one previous 
PmUlii Hoast Convention, a paperz was presented describing 
tratiHiuisHion-line construction in crossing Stampede Pass in the 
Casmwlu Range, where the loading conditions were very extreme 


' l.^Tii^s.A.LK.B., t917,p.735. 

a. 'rriui«ml«slfm-Llne Construction in Crossing Mountain Ranges, by 
m"t f Vawford, A. I. B* Transaction.^. 1923, page 970. 


at certains times of the winter, and where it was found advisable 
on account of the unequal loading which would come alternately 
on successive spans to change all dead-ends to a suspension form 
of conductor support, doubling up the insulator springs with 
yoked attachment at the suspension point. 

Tlie changes described in the previous paper have proved 
eminently successful in eliminating the operating troubles we had 
of jerking insulator strings in two. In trying to calculate the 
sagvS wliich woxild result from unequal loading in successive 
spans, w'e found a complication came into the matter where an 
entirely suspension form of construction was used, and where 
the towers were at different elevations, in that heavier loading in 
one span would pull the suspension strings out of the vertical 
position. This would make a change in the length of conductor 
ill the spall, locatioii of points of support, and other factors, 
which are assumed constant in most of the ordinary methods of 
approaching the subject. 

Wo worked it out fairly closely by making assumptions and 
trials, but found that the extreme condition which we might 
assume would occur when the insulator stx^ng was pulled out to a 
position approximately tangent to the catenary. This would 
result in tho wire being down in the snow in winter con¬ 
ditions, but we have never found in practise that it went that 
far, because there was always some tension in the adjoining 
spans which would prevent the strings from pulling that far out: 

I would like to have Mr. Smith add some discussion or sug¬ 
gestions as to how wo might approach the problem of calculating 
tho result of extrenusly unequal loading in the successive spans 
Avhero the suspension form of construction is used. 

G. S. Smith! I would like to thank Mr. Wood for mention¬ 
ing a point I did not have time to bring up in the presentation 
and perhaps did not make clear in the paper, that is, that the 
method presented was intended primarily for long spans or 
special problems. It would usually prove too laborious for a 
single short span. However, where the Kirsten method is 
applied to the various symmetrical spans encountered in the usual 
line, it requires only a small amount of additional work to com¬ 
pute, by the method presented here, the remaining spans whose 
supports are not at tho same elevation, since the cable used is 
commonly uniform throughout. 

In discussions by Dr. Magmisson, Professors Barsten and 
Sorenson, a more general use of hyperbolic functions was ad- 
vocixted. My experience has been somewhat similar to the 
instances mentioned. While most of us are more or less reluc¬ 
tant to use hyperbolic functions freely, I believe it is largely be¬ 
cause of two reasons: first, we have never become accustomed to 
thinking in tenns of such functions, and .second, in attempting to 
use them we find it difficult because so few good tables of hyper¬ 
bolic functions arc available. In some previous work in con¬ 
nection with transmission^ine design, 1 found it necessary to 
compute sufficient tables for this particular use. These tables 
will bo found in one of the University of Washington Experiment 
Station bulletins referred to in the paper. 

Messrs. Corbett and Crawford poixited out some very inter¬ 
esting problems in this same connection, problems which might 
bo termed those of ‘‘variable spans.** A similar problem was 
encountered in the design of “The Narrows** span of the Tacoma 
Lake Cushman Project mentioned in this paper. It was in an 
attempt to apply the Kirsten method to such problems .that I 
found it desirable to first work out the problem of spans with 
supports at unequal elevations. Thus far I have found no direct 
method of attacking such problems, but the possibility of finding 
such a method seems entirely feasible. 
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T he double transmission lines now being built by 
the City of Tacoma, as part of its new Cushman 
Power Development, connecting Power House 
No. 1 and No. 2 (future) with the Cushman 
Substation in Tacoma, reaches 44 mi. from the North 
Fork of the Skokomish River in the foot hills of the 
Olympic Motmtains around Hood Canal, across North 
and Henderson Bays, and over The Narrows to Tacoma. 

The crossings at North and Henderson Bays are over 
shallow water, permitting of the installation of oflf shore 
towers, thereby materially reducing the length of spans 
that would otherwise have been necessary at these two 
crossings. Plans and profiles of the crossings at North 
and Henderson Bays showing the length of spans 
and the general features of the design are demonstrated 
herein. 

Over The Narrows is being constructed what is 
believed to be the longest aerial span in the world, for 
the purpose of the transmission of electrical energy. 
The Narrows is a channel approximately 4800 ft. wide 
from shore to shore, 40 fathoms deep at the point of 
greatest depth, with a bottom strewn with large rocks. 
The entire tide run of lower Puget Sound naust pass 
through this restricted channel, the current attaining a 
velocity of approximately 10 nii. per hour. 

The use of submarine cable was never seriously con¬ 
sidered for the crossing of The Narrows because of the 
danger of injury to cable by abrasion over the rocky 
bottom in the current of the ever changing tide, and 
further, because it would have been necessary to locate 
a step-down transformer station on the west side of 
The Narrows to reduce the line voltage from 110 kv. 
to a voltage at which submarine transmission can ' 
reasonably be expected to offer dependable service, at 
present probably not in excess of 60 kv. Both the initial 
and operating costs for the submarine crossing would 
be considerably in excess of those items for an aerial 
span. 

An all-land line, avoiding the crossing of The 
Narrows, would, of necessity, have skirted the radial 
waterways of lower Puget Sound by way of Shelton and 
Olympia, a distance of 64 mi., 20 mi. longer than by the 
line of way of The Narrows, and through a district 
where a transmission line right-of-way would have been 
considerably more costly. 

The natural conditions at The Narrows are very 
favorable for an aerial ^an, there being a high bluff 
on both sides of good bearing soil on which to locate 
suppo^ng towers and cable anchorages, although 
the high g round is well back from the water’s edge, 

1. Both of the Cushmaa Power Project, Tacoma, Wash. 
Presented at the Padfie Coast Convention of the A. I. E. E. 
Seattle, Wash. Sept. 15-lB, 19SB. ’ 


requiring a single span of 6241 ft. 6 in. in order to take 
advantage of the tower sites. 

Choice op Conductor 

The strength, size, and electrical characteristics of the 
conductor used are, to a large degree, the determining 
factors in the supporting tower and anchor design and 
considerable study was given to its choice. 

Three general t 3 rpes of conductor cables were consid¬ 
ered, viz: all steel, steel core with an aluminum en¬ 
velope, and steel core with a copper envelope. Two 
dreuits were to be built across The Narrows to operate 
at 110 kv., with grounded neutral, each circuit to be of 
sufficient capacity to carry 300 amperes under normal 
conditions and 600 amperes in the event that one circuit 
might be out of service and the entire load thrown on the 
other. The Narrows being a navigable body of water, 
the War Department required that a conductor clear¬ 
ance of 200 ft. above high tide be maintained. The 
Washington state laws governing electrical construction 
specify that transmission lines shaiU be designed to 
withstand a wind load of 8 lb. per sq. ft. on the pro¬ 
jected diameter of the conductor when incased with 

in. of ice, at a temperature of zero deg. fahr., and un¬ 
der these conditions shall have a factor of safety on the 
ultimate strength of the conductor of not less than two. 

The inherent objection to a steel cable as a conductor 
arises because of the high electrical losses and the re* 
sultant heating in the cable which seriously impairs its 
strength if the temperature of the conductor is per¬ 
mitted to exceed the temperature at which the anneal¬ 
ing of high strength steel begins. This temperature 
is quite generally agreed upon by steel cable manu¬ 
facturers as being approximately 400 deg. fahr. if that 
temperature is maintained for long periods of time. 

Concentric cable has the advantage of having more 
cross sectional area of material for a given diameter 
than any other form of stranding, thus presenting less 
diameter to the wind and offering less surface for the 
forma,tion of ice for a given strength of cable. The 
electrical losses of such a cable may be minimized by 
reducing the size of the individual strands to the least 
pr^tical diameter and reversing the direction of the 
spiraling of the successive layers. 

Tests to determine the losses and heating were con¬ 
ducted on two samples of cable, each one inch in di¬ 
ameter and composed of 37 strands of galvanized steel 
having an ultimate strength of 195,000 lb. per sq. in., 
as a cable, after the galvanizing and stranding opera¬ 
tions. One sample had all strands spiraled in the same 
direction, and the other had the successive layers 
spiraled in the opposite direction. These tests indi¬ 
cated that at 300 amperes, the normal full load of each 
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transmission line, the electrical losses in the cable hav¬ 
ing the reverse lay were only 60 per cent of the losses of 
the uniformly spiraled cable. Thermometer readings 
of the surface temperature indicated that even with the 
reverse lay cable to carry 600 amperes of current in one 
transmission circuit, using steel cable of the required 
strength, a diameter of at least lyi in. would be required 
to insure that the annealing temperature would not be 
dangerously exceeded. 


1850 1860 1870 1920 I 1980 

j,.-Span 6241.5->| 

1—Gknehal Diagram op Crossing 

A llii'in., 35-strand, specially constructed, concentric, 
reverse lay steel cable having an ultimate strength of 
180,000 lb. after galvanizing and stranding was chosen 
as offering the greatest economy in the first cost of the 
complete aerial crossing and its subsequent operation. 

Circuit Arrangement 

The general design of the crossing is shown in Figs. 1 
and 2. The conductors are arranged in a horizontal 


Jumper cables of copper attach to the steel conduct¬ 
ors of the long span on the water side of the main towers 
and are carried through and around the latter back to 
switching towers near the main cable anchors. Dis¬ 
connecting switches are provided here to isolate either 
crossing circuit and to multiple the transmission lines 
through one crossing circuit, or if necessary any three of 
the six conductors crossing The Narrows may be se¬ 
lected for a circuit and tied in with both transmission 
lines. 

General Structural Design 

To reduce maintenance cost, and to attain the utmost 
dependability in service, simplicity of design was sought 
in all features. 

Investigations were conducted over a period of several 
years and such information gathered as was available 
concerning similar installations, notably the crossings 
of the Pacific Gas & Electric Company and of the Great 
Western Power Company over Carquinez Straits, the 
Knoxville Power Company’s crossing over the Little 
Tennessee River, and the crossing of the Shawinigan 
Power Company over the St. Lawrence River. Consid¬ 
erable correspondence was carried on and some inter¬ 
views were had with the engineers and officials of the 
companies mentioned. 

In the design of towers, foimdations, and anchors it 
was possible to proceed along the lines of standard 
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Strain Insulators 




East Towers 



plane 30 ft. between phases and 120 ft. between the two 
circuits. The four main towers are each 316 ft. 6 in. 
high from the tower footing to the point of cable sup¬ 
port at the top of the tower and are of the simple prop 
type. The conductors proper terminate at a nest of 
12 multiple strings of high-strength suspension insular 
tors, each string consisting of 11 units, equalized by 
means of springs to insure the proper mechanical load¬ 
ing of the individual strinp, and the entire assembly 
attached to the supporting cables which pass over large 
sheaves on the top of the main towers and thence doum 
and back approximately 900 ft, to anchors imbedded m 
the earth. 


practise. Matters concmiing the strength and oth» 
characteristics of cables—fittings and insulators ^are 
now fairly well established. However, the qu^tion 
of the behavior of this equipment under service similar 
to that proposed opens up a large field for discussion 
and research, probably the most troublesome considera¬ 
tion being the matter of vibration in long suspended 
cables. . 

It was desired to avoid, so far as practicable, au 
undesirable features affecting upkeep and continuity of 
service as experienced in simile installations. 

It was early decided that a messenger span with 
in. concentric strands, working at a factor of safety 






950 

of two and supporting separate conductors, would be the 
most desirable arrangement, the suspension insulators 
to be placed at irregular intervals to damp vibration. 
Further study, however, led to the final adoption of 
IK in., 35-wire concentric steel strands, acting as self 
supporting conductors, using a factor of safety of three 
based upon the ultimate strength of the strand, and 
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The costs of cables, and fittings, towers, and anchors 
were interdependent and must be computed as a whole 
for each design. 

It was found that, as size of cables and consequently 
tower heights and anchorages were varied within 
practicable limits, the total cost of the complete cross¬ 
ing remained comparatively fixed. 
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supplying at the supports and anchors devices in the 
way of fittings and relieving cables which would mini¬ 
mize the stresses and effects set up by vibration. 

The combination of devices adopted are believed to be 
novel, but some of these features have been suggested 
by similar installations. 

It has been the aim throughout, wherever indeter¬ 
minate shocks and variations of stress are to be ex¬ 



it was therefore decided to base the design upon 
IK in. cable, as being the smallest size that would 
satisfy electrical requirements. 

to possible necessity for replacement, it is inter¬ 
esting to note that some of the cables of the Pacific Gas 
and Electric Company’s span, under similar conditions, 
have been in continuous service for 24 years, with an 
unknown length of useful life still remaining. Exam¬ 
ination of one of these cables showed the outside wires 



pected, to provide such ample factors of safety as to 
ranove all possibility of failure from these sources. 

Economical Considerations Apebcting Sag and 
Tower Heights 

The factor of safety to be provided in the cables 

comparative estimates weS 
P^ared, based upon vanous cable sizes, and the 
corresponding sags, tower heights, anchors, etc. 


to be only slightly deteriorated and the interior wires to 
be in perfect condition, with galvanizing unimpaired. 

Cables and Fittings 

The cables for this crossing will be IK-in., 35-wire, 
galvanized st^d) consisting of acid, open hearth, 
plough-steel wire. The net area of steel in the strand is 
0.93 sq. in., and it will weigh approximately 3.25 lb. 
per Imear foot. 
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'I'he .!fuiiranteed ultimate breaking strength of this 
strand is to l)e 180,000 lb., and tests already carried out 
show strengths well over this ftgui'e. Each coil of 
galvanized wire going into the make-up of the cables is 
being tested, the breaking strength running between 
210,000 lb. and 220,OOO lb. i)er sq. in. 

Under maximum loading of ice and wind, the working 
st,re.ss in the cables was taken at 60,000 lb., affording a 
factor of safety of three, and the corresponding sag for 
determining clearance at 02 deg. fahr., when laden with 
ice, will be approximately 007 ft., with a stress of 56,500 
lb. Stringing stress at 70 deg. fahr. would be about 
40,000 lb. 

The main cable, considering one cable only, is at¬ 
tached by an open socket and clevis to the front of the 
insulator a.s.sembly, as shown in Fig. 3. One 90-ft. and 
one 70-fl. relieving cable will extend out from insulator 
assembly along the main cable. The outer ends of 
these relieving cables are to be securely served to the 



main cable and also attached thereto by a series^ of 
evenly spaced U-bolt clamps of cast sted. While 
these clamps are being attached, the relieving cables 
will be stressed in successive increments by means of the 
long threaded eye-bolts attached to front of the insula¬ 
tor assembly, in order to put the same amount of stress 
on each clamp. 

Prom the back of the insulator assembly, two anchor 
cables will pass over the sheaves and attach separately 
to evener at front of anchorage by means of adjustable 

bridge sockets. . , . , j i 

The f>urpose of the relieving cables, with their load of 
clamps, is to reduce stress in the main cable and damp 
vibrations, while the two anchor cables give double 
strength where passing over the sheaves and facilitate 
replacements or take-up. 


All cables are identical, except that the main cables 
are reverse lay, while relieving and anchor cables are 
ordinary lay. 

Insulator assemblies 

The question of insulation appears to be adequately 
solved by the design of insulator assembly adopted. 



see Figs. 3 to 6. This consists of two rigid steel 
frames or yokes, conical in general form, and constructed 
of light channels, angles, and bent plates. 

Between these yokes are placed twelve strings of high 
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strength suspension insulators, eleven units to the 
string. The minimum ultimate strength of these units 
is 18,000 lb, while the working stress will be 6000 lb., 
which closely parallels the conditions of service found to 
be satisfactory on the span of the Great Western 
Power Company. 

The two yokes are identical except as to the arrange¬ 
ment for cable attachment. 

Calibrated springs are provided at the rear end of 
each string to equalize stress and assist in eliminating 
shock. 



Fia. 8 —^Erecting Tower with Floating Gin Pole 

With this rigid form of yoke, the breakage of any 
string would only slightly unbalance the loads carried 
by the other strings and a broken unit may be replaced 
and the string brought up to the proper working tension 
by means of the eye-bolts and springs. 

Dming erection the insulators may be replaced by 
steel rods. 

Towers 

The towers are rectangular in form, 54 ft, square at 
the base, in which least number of members and ease of 
erection were considered together with economy of 
material; see Fig. 7. 

Although the foundations on one side of the crossing 
are 53)4 ft. higher than on the other side, it was de¬ 
cided to make the four towers of the same height, and 
identical in all respects. 

The towers are 313 ft. from top of concrete to top of 
deck girders, consisting of seven 44-ft., 6-in, panels plus 
the depth of the 18-in. deck girders. The sheaves and 
bearings add another 3 ft. 6 in,, making the total height 
from top of foundations to point of cable jsupport 
316 ft. 6 in. 


The maximum computed reaction at .base of 
columns is 310,000 lb. and the greatest uplift89,000 11>- -t 
the greatest stress in any of the diagonals beini^ 
33,5001b. 

Due to the importance of the structure as a viti^l 
link in the transmission line, and due also to legal regu¬ 
lations, the following conservative working stresses wer^ 
adopted: 

Lb. per 
sq. in. 


Tension: 

Rolled Steel. 18,000 

Bolts (net area). 12,000 

Bearing: 

Pins, Shop and Field Rivets. 20,000 

Shear: 

Web Plates.“. 10,000 

Pins, Shop and Field Rivets. 10,000 

Extreme Fibre Stress; 

Rolled Steel Shapes. 16,00r^ 

Rolled Steel Pins. 20,001 

Columns or Struts Axially Loaded: 


Working stress not to exceed 18,000-701/r, and 
not to exceed 14,000 lb. per sq. in. 

Slenderness Ratio 1/r; 

Not to exceed 120, except for bracing and mem¬ 
bers resisting wind only, where 1/r is not to exceed 
150. 




Fig. 9—^Plan and Elevation op Anchor 


A wind pressure of 20 lb. per sq. ft. was assumed on. 
the projected area of all steel members. 

The details of the towers are notable for the entire 
ab^nce of latticing. 

For economy of material, accessibility for painting. 
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and other considerations, the familiar built-up type of 
column was selected, consisting of an I-beam and two 
channels, the largest section being one 12-in. I of 
31.8 lb. and two 12-in. [s of 301b. at the base of the tower, 
and one 9-in. I of 21.8 lb. and two 8-in. [s of 13.75 lb. 
for the upper sections. The lower diagonals are two 
[s 3 in- by 2 by 5/16 in., battened. The minimum 
thickness of metal used is 5/16 in., with possibly a few 
minor exceptions. 

For a slight additional cost above that of a simple 



Fia. 10 —Completed Anchor—Back View 


ladder, a light stairway with convenient landings is 
provided on each tower. 

Platforms extending out under the strain insulator 
assemblies facilitate inspection. These platforms are 
pin-connected to the main structure and can be swung 
down out of the way if desired at any time. The hand 
rails surrounding the platforms are also easily folded 
flat on the deck. 

The total weight of each tower is 260,000 lb. 

Tower Footings 

The footings consist of simple concrete stepped 
footings, 12 ft. square, surmounted by 5-ft. square 
shafts. Four 2^-m. anchor bolts are embedded there¬ 
in, extending to a steel plate 12 inches above the bottom 
of the footings. The footings are carried to a minimum 
depth of 9 ft. 6 in. below.finished grade of the sit^ and 
are connected just below grade by 18-in. by 24-in. re¬ 
inforced concrete struts. 

Anchorages 

From several preliminary designs, a somewhat 
novel type of cable anchor affording a large factor of 


safety and eliminating any apprehension from this 
featureofthestructurewasdecidedupon. (Figs. 9to 11.) 
The lower faces of flie anchors are stepped and the 
entire excavation is in firm compacted gravel, which 
gives them a power of resistance which is impossible to 
calculate with accuracy, and provides a large margin of 
strength for any possible future requirements. 

The structural steel manbers to which the anchor 
cables are attadied are carried to the extreme back end 
of the anchors. 

The steel eveners are so designed as to permit one 
anchor cable to be completed slackened off and removed 
without cramping the terminal socket of the other 
cable. 

Extra eye-bars are provided for haul-back purposes. 
Sheaves 

Built up structural steel sheaves 6 ft. in diameter, 
with cast steel rims, were originally designed for the 
support of the cables, but one-piece cast steel sheaves 
have been since manufactured for this purpose, the 
castings being exceptionally perfect and free from flaws. 

The shafts are forged steel 7 in. in diameter, turned 
down to 5 in.—where they rest in bronze bushed bear¬ 
ings. 

Each sheave weighs approximately 5000 lb. Cal¬ 
culations indicate that variations in loading may cause 
these sheaves to rotate approximately 13 in. 

Construction and Erection 

The foundations and cable anchors were constructed 
during the winter of 1924-25 at a cost of $33,000, and 
the contract for the fabrication and erection of the main 
towers together with the switching towers, and string¬ 
ing of cables was awarded Feb. 16,1925, to the Star Iron 
and Steel Company of Tacoma, at a contract price'of 



Pig. 11—Group op Anchors at East End op Cables 

$149,000, the towers to be completed by Sept. 19,1925, 
and the cables to be strung by Oct. 19. 

The contract for furnishing cables, fittings, and in¬ 
sulator assemblies w^ awarded Feb. 13, 1925, to the 
John A. Roebling's Sons Company, at a contract price 
of $37,600, delivery to be made Aug. 25, making the 
complete cost of tlie crossing $219,600.00. 

Erection was begun on the switching towers May 21, 
and tbe first steel column of the main towers was set 
June 6th, and the erection is progressing rapidly. 





OGO 


GONGWER AND DARLAND 


Transactions A. I. E. E. 


A 90-ft. basket or floating gin pole is being used, sus¬ 
pended in the center of the tower by four sets of falls 
attached to the columns at the panel points, the top 
being controlled by four lines operated by hand winches 
attached to the 18-in. by 24-in. concrete struts between 
footings. 

Upon the completion of each panel the pole is raised 
or '"jumped'' 44 ft. for erecting the next panel. This 
method of erection has been used on many of the radio 
towers constructed in recent years. 

Cost of Development 

The cost of the development of the first 50,000 h. p. 
of the Cushman Power Project will be approximately 
$5,000,000.00, and is being carried on imder the general 
supeiwision of J. L. Stannard, Chief Engineer. 

The authors wish to express appreciation of the 
courtesies extended by J. P. Jollyman and L. J. Corbett 
of the Pacific Gas & Electric Co., J. A. Koontz of the 
Great Western Power Co., Theodore Varney of the 
Aluminum Co. of America, and S. Svenningson of the 
Shawinigan Power Co. Limited. C. C. Sunderland of 
the J. A. Roebling's Sons Co. also rendered valuable 
service when the matter of steel cables was under 
consideration. 


Discussion 

G. S. Smiths I should like to ask Messrs, Gongwer and 
Darland if any provisions are being made to obtain data on the 
cable movement over the two main supports? This could 
easily be accomplished by means of a graphic instrument to keep 
a record of the sheave movement, together with temperature. 
A record of the wind velocity and its direction, as well as a log 
of ice loading or other unusual conditions, would be very desirable. 

The slow movement of the cable over the supports due to the 
temperature or loading changes, as well as the vibrations which 
may take place, would make a very interesting study in this 
uausually long span. 


Such data would be highly instructive from the standpoint 
of investigation and future design, and might also prove valuable 
from the standpoint of maintenance. 

G. R, F. Nuttalh I should like to bring up a point in con¬ 
nection with cables for long crossings. In our own trausmis.sion 
lines we have had to go into the details of sag calculations, and 
in all cases it is necessary to make quite a number of assumptions 
to start with, pai*ticularly in comiection with cables which aro 
formed of two different metals, aluminum and steel, for insianco, 
where the combined modulus of elasticity and cocfliciont of 
expansion of the two metals has to be taken into account. 

Have any of the cable manufacturers made any experiment's 
with cables having a layer of aluminum strands on the t)utside, 
then a layer of strands—the modulus of elasticity and cooilieiont 
of expansion of which lie between those of aluminum and steel—and 
within the center the usual steel core? This would offer a more 
homogeneous cable in which the relative movement botwoen 
layers would be less likely to occur. 

R* J. G* Wood: For our use we have developed a dynamom¬ 
eter which is essentially a steel rod some 20 in. long, and wo 
measure the extension of that rod under load with an onliiiary 
dial extensometer. 

L. J. Corbett: In this paper the point which I noticed 
particularly was the test of the two types of cable—that wh.h the 
concentric layers oppositely wound and that with tlm layons 
wound in the same direction. The Pticiflo Gas and Elect ric 
Company long ago adopted for Carquinez the cable in which the 
layers are wound in the same direction, with the idea of getting 
greater strength for a given weight. This method produce.^ a 
very compact strand, and this was the controlling feature in the 
selection of the' cable. A new point is brought up when tc^sts 
showed a difference of 60 per cent in resistance. This is certainly 
well worth considering. 

A. P. Darland: Mr. Smith has brought up the point of 
keeping a record of the movement of the cable over the rfheavo 
on the Narrows crossing. We have computed the probable 
movement we shall get, and expect probably a foot. No dofiuitc 
means h^ been provided at this time to keep a record of that 
movement,' but it will undoubtedly be noted and recorded. 
We have a calibrated spring on each string of the high-tension 
insulators whereby we may know the tension in the cable, and 
we shall in addition keep an accurate record of the sag, measuring 
it with a level. 



220-Kv. Transmission Transients and Flashovers 

BY R. J. C. WOOD- 

• Associate* A. I. E. E. 

Synopsis* IJia conclusion has been reached that birds are the "photographic surge recorder^ the hlydonograph^ and oscillograph, 
cause of Jlashovei s on the Southei'n California Edison line. The The amplitude of voltage surges caused by various switching operon 
frequency and location of flashovers is given for nine years of opera- lions and the quantity of tertiary and residual current at the different 
lion at 1 SO kv. and two years at 230 lev. The increase in the number stations on the system are tabulated. 

of flashovers when fh'st going to 220 kv. has been reduced so that now The conclusions reached are that there are not any voltage dis- 
there is no greater number than there was at ISO kv. This has been turbances of greater magnitude than those produced by‘normal 
done by installing bird guards which are, however, not yet completely switching, and that such voltage rises as do occur are totdly inade- 
bird /rroof. Other possible causes of flashovers are considered, quote to cause flashovers or cause any damage to connected apparatus, 
including corona, standing and traveling waves of high voltage. The evidence is all against the existence of sustained high-frequency 
harmonic resonance, .sustairwd high-frequency effects, lightning, and currents or voltages and it may be stated confidently that they do not 
highly ionised air. Investigations to discover the presence of such exist. 

disturbances arc described; they included the use of a homemade . ... . 


Flashovers 

HE more or less occasional flashovers on the Big 
Creek Transmission System of the Southern 
California Edison Company have been the subject 
of study for several years in the effort to find their true 
cause, but none of those who studied this problem 
could find an electrical theory that would explain all the 
facts. Finally, a man unacquainted with mysterious 
resonance phenomena and dire high-frequency poten¬ 
tialities observed the one fact that had escaped the rest 


In the winter months of 1924-25 observation on the 
line showed that the birds, prevented from roosting on 
the more accessible parts of the tower, were accommo¬ 
dating themselves to new conditions and getting in on 
secondary members of the steel work that it had at first 
been considered unnecessary to guard, so that the line 
is not yet fully equipped with absolutely bird proof 
devices and the flashovers still occurring have in each 
case been traced to imperfect bird guards. 



of us, and, as H. Michener describes in his paper^ 
the bird theory was evolved. This theory, that 
flashovers on this system are due to the excrement of 
birds falling through the air and affording a conducting 
path between conductor and tower, is now firmly es¬ 
tablished and believed by those on the ground. 

The frequency of these flashovers from January 1, 
1914 to July 31, 1925 is shown in Fig. 1, the voltage 
of the line being 160 kv. prior to May 6,1923 and 220 
kv. thereafter. The immediate increase of flashovers is 
noticeable when the raise in voltage increased -the size 
of the bullseye which the bird had to hit in order to 
score. It will also be seen that since the installation of 
various kinds of bird guards, which was done mainly 
during the last half of 1923, the occurrence of 
flashovers has been of about the same frequency as 
during 150 kv. operation. 

When it was first determined to put on bird guards, 
two factors were underestimated: first, the lateral 
distance from the center line of the insulator string from 
which a roosting bird could cause a flashover when the 
wind was in the right direction to carry the stream of 
excrement into the vicinity of the conductor, and 
secondly, the bird’s intelligence. He had used that 
tower for a roost and observation point for years and 
looked upon any effort to oust him as an invasion of his 
rights, and he proved quite clever in surmounting the 
difficulties first put in his way. 

F Research Engineer, Southern California Edison Co. 

2. Transmission at 220 kv., Section 1, by H. Michener. 

Presented at the Pacific Coast Convention of the A. I. E. E,, 
Seattle, Wash. September 16-19, 1926. 



—Record op the Number op Plashovers on Bio 
Creek Lines; Totals by Months and Years 


The commercial significance to service of the flash¬ 
overs has become a vanishing quantity now that reliable 
automatic relays are in use, provided duplicate section- 
alized lines are available which will not be overloaded 
upon the loss of a section. The effect of a-flashovm" 
upon received voltage and frequency is shown in Pig. 2, 
and is seen to be inconsiderable and momentary. 

The space distribution of flashovers along the line is 
given in Fig. 3; the remarkable similarity between the 
distributions for 150-kv. and 220-kv. operation is at 
once apparent.’ This in itself is significant of no new 
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factor having arisen with the increase of voltage; in 
fact, it is very evident that the tendency to flashover 
chiefly depends upon the location of the insulator along 
the line. 

Possible Causes of Flashovees 
Considering other possibilities than birds, the exciting 
cause of flashovers might be either internal, such m 
standing or traveling waves of abnormal voltage, or 
sustained high-frequency capable of breaking down 
relatively large air spaces, or external, such as lightning 
or highly ionized air. 

The three horizontal conductors are asymmetrical 
with regard to the ground wire so that the outer con¬ 
ductor most remote from it should suffer most from 
lightning distmbance. During 160-kv. operation, 66.3 
per cent of flashovers were on the middle conductor; 
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Pig. 2—Distubbancb Caused by Plashovbb. to System 
Pbbquency and Voltage at Two Kv. Substations 

after going to 220 kv. this percentage increased to 
88.6 per cent. 

Evidently, no distributed atmospheric effect is re¬ 
sponsible. This eliminates ionized air and lightning, 
especially since practically all of the flashovers have 
occurred when there was no lightning. 

The possibility or otherwise of internal disturbance is 
not so easily disposed of, and in an effort to dear up this 
question a few investigations were undertaken. 

Corona 

It has been suggested that corona on the arcing horns 
of the old 150-kv. equipment might be a starting point 
for the high-frequency streamer, in fact, that the least 
bit of corona was a dangerous thing to have around. 
In Nov^bw 1921, hollow copper balls, some S-in. and 
^me 4-in, diameter, wer§ put over the ends of theardng 
honis on the mddle conductor of the East Line from 
mile 106 to mile 163 where, as may be seen in Pig. 3, 


flashovers were above the average in frequency. These 
balls suppressed the corona, did not decrease the arcing 
distance,, and improved the voltage distribution of the 
insulator string, but the three next flashovers in that 
month and three out of four in December were over 
ball protected insulators. Evidently, corona was not 
the cause of the breakdowns. 

Photographic Surge Recorder 
At the time these matters were being studied in 1921, 



Pig. 3—Space Disteibution op Flashovers Along Line 

preparatory to increasing the line voltage to 220 kv., 
there did not appear to be available any commercial 
voltage surge recorders that were suitable to our pur¬ 
pose, so we combined a kodak film with the dockwork 
mechanism of a curve drawing wattmeter, and there 
resulted, a somewhat mide daylight loading surge 
recorder using standard 3A film. 



Pig. 4—Calibration op Surge Recorder on A-(^ Voltage 

Six hemispherically-ended metal wires, togetherwitha 
grounded metal drum, formed six spark-gaps of different 
lengths through which the fiObn passed. The spark-gap 
terminals were all coimected in parallel across the 
^ound-end unit of a string of insulators hung from the 
^ line under test, and so shielded as to provide a suitable 
voltage for the recorder. The parallel gaps broke down 
^ccessively at increasing voltages as long as the insulat¬ 
ing celluloid film was in them, as shown in Fig. 4, which 
is a laboratory calibration using a-c. voltage. The 
film was driven by a weight-actuated mechanism, the 
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clock rejiulatinK the speed. The whole device was 
enclosed in a wooden box supposed to exclude light, 
One of the spark-gaps was used to mark time, being 
in series with a commutator that broke circuit every 
two hours and was driven by the same clock that regu¬ 
lated the film speed. The instrument is shown in Fig. 5, 
This instrument was in use on the Eagle Rock 
15()-kv. bus for three months and was then installed at 
Ve.s1.ul. .4 record obtained by its use is shown in Fig. 6. 
The broad band at the left is the discharge from the 



FKS. .1 I'HOTtMSUAHUf Sl1K(SK UKCOIinKrt 

first gap whicth was set at just below normal voltage, 
the .stHton<l gap went over at approximately 1.26, and the 
third one at 1.50 times normal voltage. The right 
hand bund Is from the timing point working indif¬ 
ferently well. 

It WU.S the general rule to kill the bus before admitting 



Pi.j, U-Hi-uueh Kkcobpki) at Ka«i,b Rock on lf)0-Kv. Btis 


any one to the bus compartment for the purpose of 
changing films, and it was soon found that this station 
switching caused the highest voltages that were re¬ 
corded, none of which, however, exceeded approxi¬ 
mately double normal. The recorder was in operation 
upon the 150-kv. bus at Vestal after the line had been 
raised to 220 kv. but was never installed directly upon 
the 220-kv. line. It had satisfied us that there were no 
voltage surges on the 160-kv. system of anywhere near 
sufficient magnitude to cause flashovers, ^ 

This recorder suffered from many defects, largely of a 
mechani<ffl.l nature; difficulty was encountered in 


getting the film to reel up smoothly on the receiving 
spool, and considerable fogging of the film took place 
when installed out of doors from lealcage of light through 
the containing wooden box, the time-recording device 
was imperfect, and the indications were not at all 
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684 .Surges Measured at 
all Recording Stations 

102 Surges Measurctl at 
all Reiwding Stations 
Caus es Unknown | 
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Pi(!. 7 —Rki.ativb Percentauic op VoiiT.AaB Surges op 
Dikpehent AmI'MTXIDBS 


precise, increasing as they did by 25 per cent steps. 
Still it worked after a fashion and indicated conditions 
that have since been confirmed by more perfect 
apparatus. 

Klydonograph Tests 

Some time later, the Westinghouse Electric Company 
brought out its Klydonograph* surge recorder in which 



Pig. 8—Rkuativb Percentage op Wave Fronts op Different 
Maximum Steepnesses 

only one recording point is used and the magnitude and 
character of the voltage estimated from the size and 
nature of the picture produced. Through the courtesy 
of the Westinghouse Co,, installations were made at 
Big Creek No. 1; Vestal, Magunden, and Laguna Bell. 

3. The Klydonograph and its Application to Surge Investiga- 
tion, by J. H. dox and J, W. Legg. 
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These installations were in service 89 da 3 rs at Big 
Creek No. 1, 75 days at Vestal, 71 days at Ma- 
gunden, and 119 days at Laguna Bell. There were 684 
indications of voltage rise and 556 indications of wave 
front slope recorded. More than a normal amount of 
switehingwasbeingdone at the time as one line was taken 
out of service every night to reduce losses. The approxi¬ 
mate number of oil-switch operations performed on the 
220-kv. system averaged over 36.3 per day and about 
18 daily oil-switch operations were made on the 150- 
kv. station busses which are conductively coupled to 
the 220 lines through auto-transformers. The average 
total number of surges per day was 8.71. The ratio of 
number of surges to switchings is 24 per cent if only 
the 220-kv. switching is considered and only 16 per cent 
if the 150-kv. switching is included. 

The relative percentage of abnormal voltages of 
different magnitudes is shown in Fig. 7 plotted upon 
probability paper. The very close conformity of the 
plotted results with a straight line indicates both that a 
sufficient number of observations were obtained to get 
representative results, and also that no particular 
predominating cause exists that is responsible for surges 
of any particular value. 

The curve for surges measured at La^na Bell, due 
only to local switching operations, is practically coinci¬ 
dent with the curve of all causes for the whole of the 
system. From this we may conclude that the magni¬ 
tude of the voltages resulting from normal switching 
operations was, on an average, independent of the loca¬ 
tion of the switching. 

The surges of unknown origin which could not be 
correlated with switching on the 220-kv. ss^stem aver¬ 
age of lesser magnitude. 

The steepness of wave fronts is shown in Fig. 8. 
In this case the probability law is followed 'up to wave 
fronts of about 10 X 10* kv. per sec. Above this value 
results are erratic. This is explainable by the fact that 
the greater part of the observations between 2 X 10* 
and 10 X 10* kv. per sec. were obtained at Laguna Bell 
as the result of a great number each of a number of 
different switching operations, whereas the steeper slopes 
were observed at Vestal and Magunden and are 
inherent to a few particular operations at those sta¬ 
tions. The curves therefore seem to indicate that 
slopes of wave fronts originating at different stations 
are of different orders of magnitude, whereas the am¬ 
plitudes of potential surges at different stations are of 
the same order. It may be pointed out for compari¬ 
son that the maximum steepness of normal 50-cycIe 
sinusoidal waves at 220 kv. is 0.0564 X 10* kv. per 
sec. 

The evidence as to the extent that surges are trans- 
^tted over any considerable distance is rather hard to 
intei^ret depending somewhat upon the definition of 
•the word ^'surge/' 

A surge might be considered to have traveled: 


1. When a voltage rise is due to switching at a 
distance 

2. When antenna indications of current waves show 
them to have traversed certain distances 

3. When records of voltage rise are found at two or 


TABLE I 

TRANSMISSION OP VOLTAGE DI.STORBANOBS 


Recording Station 

j Number of Dlsturl 

liances Uec 

ordod at 

Laguna 

Bell 

Magunden 

Vestal 

B. O, 
No. 1 

Total Number recorded. 

402 

38 

17 

41 

Number originating at Lagima 





Bell and also recorded as 





shown. 


0 

0 

0 

Ditto originating at Magunden 

H 


0 

U 


2 

,, 

0 

♦> 

Ditto originating at Vestal.... 

1 

0 


0 

Ditto originating at B. O. No. 1 

0 

0 

0 


Ditto origin unknowni. 

1 

0 

0 

1 


more separated points all due to a common localized 
cause 

It has been thou^t best to confine the evidence to that 
under heading No 3, as this required direct proof of the 
transmission of a voltage disturbance, while Nos. 1 and 2 
do not necessarily do so. Such evidence is given in 
Table I and shows to what an insignificant amount 
such action occurs over the distances in que.stion. 



Pig. 9— Switching Diagham op 220-Kv. Svstbm 


The antenna instruments gave many indications of 
current rushes in the line without corresponding voltage 
records being obtained. Apparently there was not any 
definite relation between voltage amplitude and wave 
front steepness. 

For those who care to analyze further. Fig. 9 presents 
a switching dia^am of the system and Tables II and 
III show the different sivitching operations performed, 
together with the range of the resulting surges. 

It should be noted that even though the disconnects 
at the main switching stations only make or break the 
charging ci^nt of a few feet of bus and one side of an 
open oil switch, that when so doing they cai^e voltage 
rises of as high a value as do other switching operations 
that involve 100 miles of line. 
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TABLE n 

CAUSES AND MACNITUDES OF SWITCHING SURGES 
A. SURGES MEASURED AT LAGUNA BELL 


Ijooalioii of 
Switching 


Nature of Switching 


No. of 
Records 
Obtained 


Total Voltage in Times Normal 


Min. 


Avg. 


Max. 


B. C. No. I 

B. C. No. S 

H. C. No. 


CUtrim C!ove 

Funnin’sville 

Vtsstal 


bfagimden 


Nowhull 
Laguna Boll 


n, O. No. 3 

VoHfcal 
Mag unden 


NtJWliall-Balleys 

EarmersvUlo 

Vestal 


Disc, closed 
Wast Line closed 

East Lino closed 
West Lino closed 

East Line opened North 
East ** “ South 

** “ closed South 

West " opened South 

** “ closed South 

Disc, closed 

Parallel opened 
“ closed 

opened 

East Lino opened North 
« « « South 

West ” North 

« « « South 

« “ closed North 

” “ opened South 

Disc, opened 

Bast Line opened North 
« « ” South 

“ closed North 

Wfjst “ opened South 
“ ** closed North 

« « « South 

Disc, opened 
“ closed 

I^arallel opened 
closed 

East Lino Opened 
« « closed 

West ** opened 

“ « closed 

Changed from South to North bus 
*< “ North to South ** 

Parallel busses 
North bus opened 
South “ '* 

" ” closed 

Disc, opened 
" closed 

Transformer put on bus 
« taken off “ 

Changed Transformers 


1 

,1 

3 

1 

1 

5 

1 

5 

1 

1 

3 

1 


6 

3 

3 
6 
1 

4 
2 

4 

3 
6 

27 

4 
6 
3 
1 


32 

10 

34 

26 

7^ 

61 

10 


14 

1 

1 

8 

7 


0.9 


1.1 

1.5 


1.0 


1.1 

0.9 

1.0 

1.1 

1.1 

1.0 

1.4 

1.1 

1.3 
1.1 
0.8 
0.9 
1.0 

1.4 


1.1 


0.7 

0.8 

0.8 

0.8 

0.8 

0.7 

1.0 

1.0 

1.2 

1.6 

1.1 


0.9 

0.9 


B, SURGES MEASURED AT MAGUNDBN 


East Lino opened South 
» “ closed " 


West 

East 

<1 

tt 

West 


opened South 
clo.sed North 
" South 
opened South 
closed North 
« South 


Disc, opened 


2 

1 


2 

1 

7 

10 

2 

9 


3 I 

O. SURGES MEASURED AT VESTAL 


Disc, closed 

Bast Line opened South 
« « closed North 

West “ opened South 
« « closed South 

Disc, opened 


0.0 


1.3 

1,2 

0.8 

0.7 

0.8 

1.2 


1.0 


0.9 

1.3 


1.2 

1.1 

1.1 

1.5 

1.1 

1.3 

1.2 

1.6 
1.3 
1.6 

1.2 

1.7 

1.2 

1.5 
1.2 
1.2 
1.3 

1.3 

1.4 
1.7 

1.6 

1.5 
0.3 
1.3 
1.0 
1.3 
1.7 
1.1 

1.2 

1.0 

1.3 

1.0 

1.3 

1.3 

1.4 

1.4 

1.3 
1.1 
1.6 
1.7 

1.5 

1.6 
1.1 

1.4 
1.2 


0.9 

1.5 

1.5 

1.3 

1.2 

1.7 

1.1 

i.l 

1.3 

1.6 


2.0 

1.0 

2.0 

1.7 

2.0 

1.2 


1.4 


1.6 

1.6 


1.3 


1.6 

1.8 

1.4 

1.3 

1.5 

1.7 

2.1 

2.3 

1.8 

1.4 

2.4 
1.1 
1.8 
2.2 


1.4 


1,9 

1.5 

1.9 
2.2 
2.1 
2.2 

1.7 
1.1 

1.8 
1.8 

1.9 


1.8 

1.8 


0,9 


1.3 

2.2 

1.5 

1.6 

2.1 

2.0 


1.0 


2.1 

2.4 
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Location of 
Swi tolling 


TABLE II (Continued) 

CAUSES AND MAGNITUDES OP SWITCHING SURGES 


No. of Total Voltage in "IMmcs Normal 

Records —-—--- 

iture of Switching Obtained Min. Avg, I 


Nature of Switching | Obtained 

D. SURGES MEASURED AT B. C. NO. I 


B. C. .\o. 1 


B. C. No. 2 
B. C. No. S 
B, O. No, 3 


Farmersville 


East Line closed 
West “ opened 
“ “ closed 

Disc, closed 
Generator taken off 

East and West lines parallel 


East Line closed North and South 
West “ “ South 

Parallel opened 

East Line opened North 
“ “ ” South 

West ** « North 


Tower ilS-5 

Plasliover, East Line 

■Magunden 

East Line opened South 
“ “ closed North 

. “ “ “ South 


West " opened South 


Disc, opened 

Lairuna Bell | 

East Line opened 


Some explanation of the meaning of voltage rises 
of less than 1.0 times normal is due. 

The klydonograph actually records a measured 
fraction of the line voltage, an electrostatic poten¬ 
tiometer being used to effect this. Between the kly¬ 
donograph and potentiometer is a sphere-gap adjusted 
to breakdown for a slight increase in line voltage and to 
give a corresponding size of picture on the photographic 


TABLE III 

MAGNITUDE OP SURGES 
SURGES OP UNKNOWN ORIGIN 

Total Vol tage in Times Normal 
M Obtained Min. | 


Measured at 


Laguna Bell. 

Magunden. 

Vestal. 

B. C. No. 1.. 


J^ords were occasionally found upon the plate cor 
responding m size to voltaees 

breakdown value of the sphere-gap and these L 
mcluded to a. tabBlatio«ii as & m ^ 

^nds to the series mark cmn T 

apparently tabnonnal 

mtareat and have „„ hetlto* npo^ 


supernormal volteges the accuracy of the calibration is 
probably well within 15 per cent at twice normal volt- 
age and better yet at higher voltages. Calibrations 
m^e at the factory, in the Southern California Edison 
laboratories and in the field, check very well and prove 



Pig. 10 Line Voltage to Ground at Big Orebk No, 3 


Pig. 11 Line Voltage to Ground at Vestal 

pictures does not 

Tertiary and Residual Currbnis 
To determine whether there were any abnormal 
readual, tertiary, or other odd harmonic cwS^r 
voltages, a number of oscillograms were taken, nothing 
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Pia. 12 —Line Voltage to QBOttND at Laguna Bell 


out of the ordinary being done except, perhaps, in ob¬ 
taining oscillograms of line voltage direct without inter¬ 
posing potential transformers. 

This was accomplished by using a 60-ft. length of 
J^-in. common garden hose filled with water as a re¬ 
sistance in series with the oscillograph element, with a 
precautionary shunt, in parallel with the element. No 
special difficulties were encountered except that in the 



Pio. 13 —Tbottary Current in Auto-Transpobmers and 
Secondary Voltage at Big Creek No. 2 



TABLE IV 

TERTIARY CURRENTS IN AUTO-TRANSPORMERS 


Station 

Transf. 

Bank 

Tertiary 

Amps, 

Rated 
Voltage 
of Tertiary 

Approx. 
Per cent 
of Rated 
Voltage 
on Transf. 

ISagle Rock. 

East Line 

6.6 

11,000 

86.4 


West Line 

7.5 

11,000 

86.4 

Vestal. 

North 

128. 

2900 

96.9 


South 

149. 

2900 

96,9 

B. C. No. 1. 

North 

119. 

2900 

100 


South 

116. 

2900 

100 

B. 0. No. 2. 

Es^t Line 

122 . 

2900 

100 


West Line 

110 . 

2900 

100 


first trials the water in the hose lowered in level at the 
high voltage, due to leakage and evaporation, 
whereupon a small internal arc burned up that end of 


Pio. 14 —Tertiary and Residual to Ground at Eagle Rock 



Pig. I.*)—Residual to Ground and Secondary Voltage 
AT Big Creek No. 1 



Pig. 16—Residual to Ground and Secondary Voltage 
AT Vestal 



Pig. 17—^Residual to Ground at Laguna Bell 


TABLE V 

RESIDUAL CURRENTS TO GROUND 


Station 

Transf. 

Bank 

Residual 

Amps. 

Rated 

Voltage 

Eagle Rode . 

East 

4.0 

220000/160000 


West 

4.0 

(f « 

Laguna Bell. 

No, 1 

2.8 

200000/72000 


No. 3 

1.6 

« 

Vestal. 

South 

0.6 

220000/150000 


North 

0.6 

« 

B.O.No. 1. 

. North 

0.84 

220000/160000 


South 

0.88 

(( « 


No. 1 1 

Zero 

0.90 

6600/150000 


No, 2 1 

load 

0.96 

^ tt u 


No, 3 1 

' 10000 

0.20 

U (1 


No. 3 J 

Kw. 

0.84 

«" « 

B.O. No. 2. 

No.l 

1.52 

6600/150000 


No. 2 

1.62 



No. 3 

1.52 

it it 


Total No. 1, No. 




2 , No. 3 


.3.62 

it * ti 


E Line 

1.24 

220000/160000 


W Line 

1.44 

tt it 


No, 3 4000 ICw. 

1.6 

6600/150000 


No. 3 7000 “ 

1.6 



No. 3 9600 

1.0 


B. 0 . No. 8. 

Total less than 

,04 

11000/222000 

B. C.No.3. 

No. 1 

2.72 

11000/220000 


No. 2 

2.88 

tf « 


the hose. This difiiculty was entirely overcome by 
having a small reservoir of water (old 5-gal. oil can) at 
•the high-voltage and high-level end; this supplied losses 
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and kept the hose full of water. The current through 
the hose and oscillograph to ground varied from 
37.0 milliamperes at Laguna Bell to less than 0.3 
milliamperes at Big Creek No. 3, showing resistances of 
the 50 ft. of hose of 3.36 and 423 megohms respectively. 
This, it may be remarked parenthetically, istrulyindica- 
tive of the relative difficulties in the two locations of 
obtaining good ground connections for fransformer 
neutrals. 

Efforts were also made to determine the crest voltage 
on the line by direct sphere-gap measurements putting 
the sphere-gap at the ground end of the 50-ft. hose full of 
water. The drop of voltage along the hose due to 
charging currents rendered the method useless and we 
had to be satisfied with the wave shape of voltage ob¬ 
tained as previously described. 

The results of the investigations were negative so fat 
as suppl 3 nng any reason for flashovers was concerned. 
Third, fifth, and ninth harmonic currents were no larger 
than was to be expected, and voltage waves were 
apparently so nearly sinusoidal that we did not indulge 
in harmonic analysis. 


8. There were no harmonic resonances or distortion 
of voltage wave shapes. 

9. Residuals to ground were small. 

10. There were no sustained high-frequency effects. 
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Examples of the results are shown in Figs. 10 to 17 
which are self-explanatory. Table IV gives a summary 
of the magnitude of tertiary curraits and in Table V 
will be found the values of residuals to ground. These 
residuals are due to the impedance of tertiary windinp, 
generator harmonics other than multiples of the third,' 
unb^ance of the lines which are not transposed, and 
possibility to slight transformer inequalities. Consid¬ 
ering the magnitude of the system and the untrans¬ 
posed line, the residuals are small . 

The search for abnormal and startling effects has 
be^ distressingly unsatisfactory from a spectacular 
point of view, but most r^uring to those who con- 
t^plate ^e use of high voltages for transmission. 
Not only have no unusual effects been discovered but 
not even the be^mg or tendency towards them has 
been made manifest. We have particularly looked for 

ejndence of sustained high frequencies; we are confident 

there are none. 

Conclusions 

0^ sufficient magnitude 
to (juse fl^hover or damage to apparatus. 

receded. as great as any 

4. Voltage rises recorded at the times of two flash 

5. High-voltage switching as practised on this ' 
L may be done without. faaT* _ 




uuue wimout tear of danger. 


Percy H. Thomasi This paper appears to clear away 
definitely the persistent suspicions that there is some sonrccj 
of mysterious overpotential inherent in 220-kv. or in very long 
lines that does not appear on the surface—somothing involving 

jeopardizing reliability of service. 
The subject of surges and high-voltage breakdowns has long 
been a bgle noir for transmission operation. When power 
transmission first became of importance, one of the first serious 
Muroes of shut-down other than the ever-present lightning was 
^^quent short circuit of transformers in high-tension service. 
^Ue this proved to be due partly to moisture and inadequate 
insulation, it was, nevertheless, necessary that the now well- 
known but then almost unknown effect of the steep-wavo-front 
surge on windii^ be studied out< and this led to radical change 
m tte meliod of insulating high-tension windings. While 
imL propagation of surges or waves in transmission 

hnes ^ academK^y known, nobody knew what the real 
Sul* practieaUy was, and this led to a certain 

eiS^L^a J f ^ expected with plant 

iUa ® investigations in 1902 in 

the Middle West on a number of high-tension plants, similar in 
object to those reported by Mr. Wood and loading to a some¬ 
what simite conclusion.* In the old investigatil, the voTt- 

ir. “**" 

higher voltages, stall another experimental study was made 

SSo^^slS oscmographs‘covering the 

^tion of swi^mg and surges m the system of the Pacific Gas 

the re^St of dil 

Mr Woodwlk**^ phenomena. 
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mystt^rious surges even on 220-kv. lines must be sought among 
the well recognized laws of electric phenomena. 

. Considering, now, the detail of the paper, it may be pointed 
out that the results of the klydonograph appear to agree with 
the old fundamental rules of wave motion, e. g.: (a) When a 
potential is abruptly applied to a transmission line, a wave equal 
in crest to the applied potential passes along the line until it 
roaches a reflecting point when it is reflected back toward the 
start, reaching double potential at the reflecting point, neglecting. 
losses, (b) When a small-capacity branch line leads from such 
a reflecting point, the wave starts off in the branch line at the 
niaxiinuni potential reached at the reflecting point and is sub¬ 
ject to reflection at the end of the branch line with another 
doubling of the potential, (c) Whenever a condenser is charged 
through reactance (neglecting resistance) the potential will 
rise to double the charging potential and only gradually settle 
down to equilibrium after a series of oscillations. 

As Mr. Wood properly says, in considering surges in a line, 
the effect of distance of travel is only to weaken the surge. 
Other things being equal, the effect of a switching operation 
is greatest nearby. 

< It is particularly gratifying to find that no abnormal sustained 
high-froquency potentials exist in the line, as these might be 
exceedingly troublesome. 

F. W. Peek, Jr.: Mr. Wood’s findings, which are quite in 
accord wiili theory, show no mysterious high voltages at sus¬ 
tained high frequency causing arcs of indeterminate distance. 
The expected highly damped switching surges occur but never 
of suilioient voltage to cause trouble. The cause of many arc- 
overs is dirt. In the tests made most of the dirt trouble was 
a purely mechanical one due to birds and as easily understandable 
♦as the effect of a fuse wire dropped oyer an insulator string. 
This investigation shows conclusively that there need be little 
fear from transient voltages originating in a grounded-neutral 
system. 

Thus, in the part of the country where the lines of the Southern 
California Edison Company are located, the chief cause of in- 
.sulator arc-over is a weakening of the insulators by dirt or other 
mechanical means. 

Other important points brought out are that high-volt^e 
switching may bo done without fear, and that with quick-acting 
relays insulator arc-overs may be cleared without interruption 
of service. Of course, in addition to quick-acting relays, it is 
important to have grading shields or rings on the insulator to 
direct the arc away from the string while the relays are operating. 

While dirt is the principal cause of arc-over in certain parts 
of the country, in other parts its effect may be practically 
negligible and lightning may bo a very serious factor. 

To illustrate how well Mr. Wood’s conclusions are in agree¬ 
ment with our laboratory investigation I would draw your 
attention to a recent discussion of mino^ at the Annual Con¬ 
vention which shows that our conclusions are very similar to 
Mr. Wood’s. ‘ 

C. L. Fortescue: Klydonograph is derived from two Greek 
words which mean wave and record. It is a device for mak¬ 
ing a record of surges. The klydonograph is a very simple 
instrument which consists merely of an electrode which is 
connected to the line through a potentiometer device, and meas¬ 
ures a voltage proportionate to the tension of the line. This elec¬ 
trode passes over a sensitized plate or film in contact with the 
insulated surface of a grounded plate. Now the osciUation 
passing over the line makes a record on this sensitized plate 
which, after development,, shows a figure possessed of certain 
peculiarities. A figure for a positive wave in any direction is 
different from the figure for a negative wave, so that it is possible 
to tell what the polarity of the wave is. One can tell whether 
it is an osciUating wave and, with qertain arrangements, know 
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not only the character of the wave, but also the steepness of the 
wave fronts and the direction in which the wave is traveling. 

So, with this device, it is possible to obtain very complete in¬ 
formation about surges. 

The method of determining the amplitude of the wave con¬ 
sists in measuring the diameter of the figure. The diameter is 
very closely proportional to the actual amplitude of the wave 
within the range in which this measurement is useful. In other 
words, for the higher voltages where the surges are of some con¬ 
cern, the calibration is very close, within 15 per cent. 

The first klydonograph consisted merely of an ordinary sensi¬ 
tized photographic plate rotated under the electrode and the 
plate had dials which would register time on the record. The 
complete rotation occupied one day. This, of course, was not 
very convenient, inasmuch as the plates had to be changed every 
day. The present klydonograph is a much more suitable in¬ 
strument. It consists of the same arrangement except that it 
has a roll film which goes over an insulated grounded cylinder. 
The roll needs to be changed only once a week and provision 
can be made for longer or shorter periods as desired. 

Now, so far as possible, we are giving klydonograph service to 
those who have problems requiring investigation. We have 
about twenty of these seven-day instruments in operation. We 
have two experts whose work is devoted solely to looking after 
the instruments and giving this service. We have investigated 
quite a large number of systems in the east. 

Of course, in carrying out this work we aim to do our field 
work as much as possible during the summer months when we 
have lightning, etc., so that we have been able to make only a 
preliminary analysis of the results. The preliminary analysis 
shows that in no case were there any signs of high frequency, and, 
in fact, the highest frequency we obtained was something less 
than 30,000 cycles per second. The duration of these surges 
is very brief. They don’t travel very far. They very quickly 
become damped so the bogey of sustained high frequency does 
not exist. We haven’t found it anywhere. Our experimental 
work has extended particularly over such portions of the United 
States in which lightning is very frequent and severe. 

Lightning has proved to be the most prolific source of high 
voltages, but even lightning has caused nothing we fear. 
The highest voltage hasn’t gone beyond the possibility of 
insulation. 

We expect to carry on this service to the best of our ability, 
but of course we are limited as to men and also as to nutnber 
of instruments. On a large system it is pretty hard to do with 
less than a dozen instruments; to carry out investigations prop¬ 
erly, one should have more. 

We expect to do some theoretical work in the winter months, 
analyzing results of the investigations of the previous months; 
and we probably shall have to do some work on cable systems 
during the winter. Cable systems have been very free from 
surges and that, of course, from theory is what we expect. 
We wouldn’t expect to have the surges in cables due to effects 
outside, and surges from cables connected to outside lines 
amoxmt to anything at all. I don’t think that the trouble 
with.cables can be attributed to outside sources. The troubles 
with cables are inherently inside the cables themselves; surges 
may come about due to the trouble in the cables, possibly. 

I may state that grounded-neutral systems have been very 
free from surges due to short circuits and other abnormal 
operations, 

J* H. Cox* Mr. Wood’s instructive paper leaves little to be 
said to lay the ghost of alarming abnormal conditions on the 
220-kv. lines.of the Southern California Edison Company. As 
pointed out, the tests were sufficiently extensive to 
representative of conditions on those lines. Since Mr. Woo s 
paper tells the whole story so far as his system is concerned, it 
seems appropriate to present information gathered more re¬ 
cently with the klydonograph on other lines. 
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During the year 1925 surge investigations have been made 
on quite a number and variety of systems, both open-wire and 
cable. The causes of abnormal voltages on transmission lines 
may be classed under three headings, switching, short circuits 
and grounds, and lightning. 

Switching. For the most part the experience with surges 
resulting from operating activity has been much the same as 
that on the Southern California lines. Switching surges in 
general are less than two times normal in terms of crest voltage 
to ground. Onlj^^ two types of operations caused higher surges. 
One of these was the opening of an idle but energized line on a 
15-mi., free-neutral line and caused surges as high as 4.3 times 
normal. The other was synchronizing with a high-voltage 
switch at the end of a 150-mi., free-neutral line. These surges 
reached a maximum of 4.6 times normal. 

Short Circuits and Grounds. Experience with short circuits 
and grounds on other grounded-neutral systems has agreed 
with that on the Southern California Edison lines. No major 
surges on such lines have resulted from short circuits and grounds 
either accidentally or intentionally produced. Short circuits 
and grounds on free-neutral systems have, in general, produced 
high-voltage oscillations reaching a maximum of 4.5 times 
normal. These voltages were recorded on the two ungrounded 
phases in the case of a single-phase ground. 

Lightning. As would be expected, lightning has thus far 
proven to be the best generator of high-voltage surges though 
in the California Edison System high voltages due to this 
cause were absent. No differentiation is made by this source 
between types of systems but it varies widely with locality. 
In one ease a voltage of 1000 kv. to ground was recorded. Many 
other surges caused by h’ghtning were recorded, ranging 
from 400 kv. to 700 kv. Some of these were oscillating and 
others unidirectional. The unidirectional surges were positive 
m polarity. . The oscillating surges were usually recorded at 
times when an interruption was caused by the stroke. 

R. W. Sorensen: During the past twelve years I have * 
been much interested in these line flashovers. Some of our 
nrst theories as to the cause included mechanical means, such as 
spider webs, dirt, soiled insulators, etc. As a basis of the spider- 
web hypothesis there were found many big spider webs attached 
to the lines and it was supposed that these webs might become 
wet and c^se some of the flashovers. The possibility of these 
flashovers being caused by birds was also considered. But, at 
that time, there was never sufficient conviction to warrant the 

^ from the 

towers as has been done recently. 

It is my endeavor in this discussion to encourage the idea of 
tr^g to solve our difficulties by doing simpl?^^ W 
although It Mems to be human nature to first apply complicated 

S^tte oWs f solution? One 

of the objects of engmeenng education should be to teach us as 

ft“S h “etliod of attacking problems i 

It must be b^e m mind that, although it has not been men 


inside bracing ordinarily offers quite a sharp edge which is a 
point where corona might form. TJierefore wo have bolted a 
small angle to the outside brace which exposes its flat sirle to tho 


Power Company and the San Joaquin IdgL 

towers so that no ocrona wiU form near^flvf ^ 

reduce eccentricity in the joints it is hotf ‘ 

m the cage of the towers altenUtely insidl outSe"' tS 


Mr. Wood mentioned that they used a dynanioui(‘ter in 
IS stringing their cable. I wonder if we could have iufurmation as 
s to the type used, as the spring type is unreliable at tJu* higher 
Q. tensions. 

0 I should like to present for discussion the question of insula- 
I. tion, not of the line itself but at the ends of the line. Mr. 
a. Wood’s paper has given us useful information on transient 
s voltages and 220-kv. operation and I wonder what tlic manu- 
3 factnrers’ views are as to the rating of their bushings for oil 
3 switches and transformers. 

In the case of the Pacific Gas & Electric Coiiipany and the 
5 Southern California Edison Company, I think I am right in 
I saying that the A. I. E. E. ruling (Sept. 1922) has not been 
• upheld. The switch bushing ought to be tested for 2M times 
\ the line-to-line potential which equals 495 lev. for 220 kv. opera- 
1 tion, and the transformers (three single-phase, auto-transformers 
with grounded neutral) at an induced voltage of twice line-to- 
line potential plus 1000 which equals 481 kv. for 240 kv. at the 
sending end. 

L. N. Robinson: In connection with Mr. Wood’s paper, 
the most effective cure for the flashovers seems to he the bird 
guards. I wish Mr. Wood would give us a description of them. 

Clone: I wish to comment on a by-j)roduet result of 
Mr. Wood s paper. The table on tho seventh pagr^ and the 
oscillograms tells of the investigation of the normal residual 
currents of the system which were found to be witliout features 
that would aid in the explanation of transients. This record, 
if supplemented by data regarding the sizes of transh^rmers, 
their characteristics and connection.s, will be of considerable 
value to the Joint Committee of tho National Electric Light 
Association and the Bell Telephone Sy.stem, whieJi is studying 
Wie distribution of such residual currents in systems of this kind. 

A special project committee is doing work with a view to en- 
abhng us to predict these residuals and their ri,‘sulting induct¬ 
ive effects upon neighboring lines. 

Roy Wilkins: In the discussion on Mr' Wood’s paper th<^ 
question is brought up regarding the insulation on the oil switches 
and bushings and transformers used on the 220-kv. line. The 
transformers and switches themselves are tested for 2.73 times 
the normal voltages to ground, tho bushings at 2.25 times line 
volt^e. There is before the Institute’s Standards Committee 
at the present time the proposition to change the requirements 
or the potential tests on grounded transform(*r equijnnent to 
some such value at 2.73 times lino voltage. 

H. Richter (communicated after adjournment): The paper 
overhead networks, the transformers 
e of the type having a network protootor in tJie same case, 
nis fo^ of network protection has been abandoned on the 
wo systems where it originated, because of faulty operation 
na lack of real protection. Experience shows that tJiose de¬ 
vices Me excellent transformer protectors but cannot be relied 
upon for network,—that is, service protection. I am rather 
inclined to ascribe the excellent record of 0.7 per cent trans- 

seventh page to the lightning 
p ofootion offered by the common system neutral, as empha- 

that aey do not protect against trouble in the primary or 

«»•«“i»«« M w 

The iMuranM rate against transiormoi- trouble. 

substitutaon of carbon circuit breakers tripped by reverse- 
underground area of Minneapolis^is in line 

liability of service is demanded. 

In general it may be said that the loop method of primary 
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ftH**! is p:irli<Milarly applical^li* Iti hulk Inatls o\' 300 kv-a. up and 
fi d sit till* hiy:hi*rprimarv vnlta|ri si»r 11,000voltssiialabove. This 
is hoesMiso of th»‘ liii^li nisi of sparr eapaeity in I'lM'diu's siiid siib- 
sralioit appantius, bij^h rupluri' eapai*it,y, loop-se.ctioualizing 
swHelirs, siiiil pilot-win* ruutnil. For uiidcri^rouiid aims 
wluTM tniiisfornuT banks. sor\ iii^ miscollaiu'ous ilistributiou 
loads, rait^i' from 7r> In 300 k\-;i. l•a(‘ll and an* spaced on the 
avon 4 ?e oiMI ft. apart (but may bo up to a ma-xiniuin of about 
HMM) ft. apart M horoisbiin^!: in stalled in six lartj(‘(}iiic*s and planned 
for many id hors a very simple system of a-c. distribution. 
'Phis is the seeondary-net work system with automatic notw^ork 
prfiteeliun that was deseribed by A, II. Kehoi*” and by W. R. 
Hnlhird,** anil that has hei*n in suecessful opera.tion in New 
Vurk (’ity for almost Ihret* and a half years. 

In this nidwork system the feeders are radhil, no primary pro- 
feetjve or si*et ioiiali/.jnfji; de\hM*s being; necessary. The second- 
a!'v inain.s an* spliciMl toj»'»'ther to form a. solid mesh wJdch ro- 
ipiires no jiinetion hexes, uml a eoni|mct triph*-pole network 
unit inserted in the lraiisformer-secondary connections to the 
network protects for every type of fault that mig;ht iiiterfero 
with continuity of service i*xcept failum of the prime source 
of power, Advjnitag:e is laki'ii of the elimination of primary 
sw i(<*lif*s,cut-outs, ami discoiinecliriK potlieads, to employ bigjhor 
primary voltagfcs such as 13,‘JtMI volts. Thus may ho saved 
fhe cost Ilf either station step-down truiisformers. and lower 
vollaipi Hwdtclies, or even of the eidire snhstation. By limiting; 
the feeder capacity to 15(1 amperes, each fc(*dcr can carry about 
kv-u. and be conlhied to either a smidl or a lar^eareado- 
peiMlitit' on the lomi density. 

The system of hmitiple street ligditiiig; introduced in Minne- 
polls is iindoiildedly a st ep aheail both from an ofuu’ating; and eco¬ 
nomic. {mint of view . How ever, some electric serviceemnpanh'S 

object to pilot wires for control and ollicrs to mercury switches. 
Une inanufactiirinp: company has developed a system of control 
by H form of luirricr current over the ru’hnary feeders, d'liis 
ilistiens 4 *s with holh of these fi*atiires and also the ri‘energ;i/iiij? 
confaclors. The switchiiic: units are sturdy, conit>aralively 
simple, will not he expi'iisive. and ari‘ snmil cnoug;li to mounli 
in the vuHc* of an ornamentjil post. They can also be used 
ill conjunction with a primary swib'li for conlrollint? pole- 
niounfini; constant-current transfornuU’s iceding; series laintis. 
*rhe sender at the static n is likewise simple and substantial. 
Fnrilier, thi*rc tire practically no loss(*s in the switching 

units'. , 

'rim systcni has bail a siawssful trial equivalent to a year s 
service. * it is aiitkdpatcd tba.t this method of control, together 
with multiple strend lighting, will he the standard street-lighting 
Hvsi#*m of the fiitnn*. 

H* 4 * C* Wooilt There was a fjucstion asked about possible 
■ 111(11111.' Ilf iiUiiiiiiiuiii on stci'l wiMi filiiuipfos of tomiwratiim. I 
Icivo ifivoJi tliiit iiiii.itoi- uiiilo ii lilllo IhmiKlifc •Mu\ liavo uoino to 
tin* conclusion that there is no longitudinal motion between the 
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two metals. Imagine a piece of cable, steel inside and aluminuni 
outside; somexvliere it has two ends clamped together, so that 
the two ends cannot move with respect to each other. If you 
make it sufficiently hot the aluminum expands away from the 
stool, but in an actual line, the tension of the cable is sufficient 
to stretch the steel so that the aluminum does not become loose. 
In actual construction, 1 doubt if you Ayill find separation of the 
aliiininum from steel. They will act together as a unit with 
this exception: with, changes of temperature the stress passes 
from one to the other. The hotter the metal, the greater the 
stress in the stool; the colder the metal, the more stress in the 
aluminum. 

Tu closing my l>apor: the design of the bird guards has been 
a matter of trial and error. We equipped a portion of the line 
witli what is known as Mr. Barrels bird pans. The bird pans 
consist of a horizontal tray of metal lying on the lower member 
of .the top crossarm, the idea being that it would form an efficient 
mechanical shield betwo( 3 n the bird and the cond,uctor. Appar¬ 
ently they have worked cpiite successfully, the only objection 
being that they are rather expensive, and unless tliey are very 
wi'll anchored to the members of the tower, the ordinary vibra.- 
tion sets tbom imitating big drums, so that there has been some 
complaint from riial estate agents trying to sell property in 
the iinnujdiato neighborhood. 

"rhore is another kind of bird guard which is simply an exag¬ 
gerated saw-toothed, galvanized iron, the points being perhaps 
1 or 2 in. apai’t and with a height of some Gin. so that it is a very 
acute point wliich is not comfortable to the bird. These were 
fa.stf 5 nod along the members of the tower for a distance of approxi¬ 
mately 5 ft. on each side of the center conductor. This line, 
by the way, is of horizontal construction, and similar pieces 
of metal wi^re fastened to the sloping portion of the crossarm in 
the outer positi<ms. 

When we lirst put up these bird guards as mentioned in the 
paper, we didn't know what a clover fellow the bird was, and 
we imt up one kind of a guard to protect tlui place we thought 
he was going to roost upon, but, driven out of tbore, ho took 
tlio next bi^st thing, H <5 ovon wemt so far as to climb into a 
little piece of G-in. clianmd which is underneath the main cross- 
arm, a pieet^ only about a foot long, which is a part of the struc¬ 
ture from which tJie cenbu* string of insulators is hung. When 
proventiHl from glutting on the main b<Kly of the crossarm, he 
flew uiuUumeath and got into this little cage place, so we have 
had to protect 1;hat too. 

Regarding the njsidual ciuTents and the situation of the 
transfornuTS and auto-transformers, the information Mr. Cone 
asked for can be given him, but it really will not be of vo^ 
much use sineci it refers to a lino which is not transposed. We 
have been trying iwi^r since 1;he lino was built to find time to 
transpose the conductors, but wo have never had time to take 
the line out of service and do this worlc. As soon as the third 
line is in, wo expect to be able to take out the other two lines, 
on <3 at a time, and transpose them. This will balance thorn, 
statically, against ground, and will reduce to a considerable 
degree tliat resiilual cim’ont. 


Fundamental Considerations of Power Limits 

of Transmission Systems 


BY R. E. DOHERTY' 

Associate, A. I. £. E. 

Synopsis—Ai this time the power limit of transmission lines is a 
live subject and presents such complications as to require very careful 
analysis. The paper points out the essential features to be con¬ 
sidered in a study of the problem^ and calls attention to some out¬ 
standing results of an expenmental investigation of the subject with a 
view to clarifying some of the points that have been under discusmon 
in the past two years. 

It is shown that the problem of stability is not necessarily confined 
to long-distance, high-voltage transmission, but may be present in any 
system cohere the impedance of the transmitting circuit is high com¬ 
pared with the load to be carried. 

While the impedance of the transmission line and transformers 
plays an important part in establishing the breakdown point of a 
system, the characteristics of synchronous apparatus with the 
method of voltage regulation used are of equal importance. 

It is shown that the synchronising power of synchronous apparatus 
is largely dependent upon the field excitation at the time excess load is 
applied, that field excitation is determined by the circuit conditions 
under steady load, and, in order to provide for increase of excitation 
with increasing loads of considerable magnitude, some automatic 
meafis of controlling the field is essential. 

The rate at which mechanical load in large quantities can be added 
to a system is limited on account of the necessity of change in angular 
displacement between the generators and receiving bus; this changing 
angle requires relative speed change, which takes time. This fact, 
together^^th the inherent tendency of synchronous machines to 
stiffen under s udden applications of load, makes it possible to rely 
on the usual vibrating-type voltage regulator working on, the field of 
the exciter to provide the necessary field change. It is brought out 
that the maximum load that a system can carry under steady 
conditions at normal voltage can be suddenly thrown on, and the 
voltage regulator, with the assistance of the factors mentioned, will 
provide the necessary excitation. 

Voltage reg’tdaiors are practically a necessity where it is desired to 
approach, under operating conditions, the ultimate maximum 
power of the system. 


H. H. DEWEY' 

Associate, A. I. E. E. 

Transient load changes that occur on the usual system^ such as 
throwing on or off load, cutting in or out transmission circuits, etc., 
can be easily taken care of, providing such changes do not exceed the 
steady state limits of the system. 

The effect of short circuits depends upon their nature, whether 
three-phase or single-phase, and upon the location and duration. 
This subject is discussed briefly and the conclusion drawn that suc¬ 
cessful operation can be obtained under usual short-circuit conditions 
if adequate relaying is provided. 

The possibility of increasing the limit of power transmission 
by improving the apparatus and the eharacleristics of the transmis¬ 
sion circuits is discussed, and it is pointed out that no great develop¬ 
ment may be expected from any scheme yet proposed regarding a 
modification in line characteristics. With reference to the apparatus, 
it is possible to make some changes in the design of synchrono%t.s 
machines tending to ^'stiffen'* them, such as higher saturation, larger 
air-gap, etc., but in general no radical improvement may he. expected 
here that does not materially increase the cost and decrease the 
efficiency of the machine. Attention is turned therefore toward such 
schemes of regulation, or compensation, of the synchronous appa¬ 
ratus as would increase the maximum pow&ii\ A mong these is the use 
of reactors for locally controlling potoei* factor and thus too the field 
excitation of the more important synchronous machines. However, 
the possible additional power thus obtained is limited, and, as it 
now appears, other methods which have greai&r promise tvill ba 
resorted to. 

The use of a mercury-arc rectifier in the alternalor field circuit 
seems to have great possilnlUies. By varying the field current in 
rigid proportion to the armature current, a very significant degree of 
compensation of the armature reaction is obtained—about hO percent, 
which is, of course, equivalent to almost doubling the inherent 
capacity of the generator. While this scheme is not yet in practical 
form, its efficacy has nevertheless been demonstrated in factory tests, 
and it is regarded by the authors as one of the most promimig 
developments at this time. 

* * ♦ * JU * 
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distance transmission, but is one tiiat may be met at any mouth w ^ 

time where the impedance of the cS^Sm ^ necessary to keep the 

scoaroe of power to the poiat ot eoasamatioa “ 1<>» Possible, 


scouree of power to the point of consumption is com¬ 
paratively high. There have been a number of isolated 
ceases cited wherem the limit of stabiUty has been 

1- Both of General Electric Co, Schenectady. N. Y. 

Presented at the Pacific Coast Convention of the A 7 T? w 
Seattle, Wash., Sept. 1S~19, 19SB. ^ 
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which involves carrying the maximum amount of power 
foible over each line with due regard given to con¬ 
tinuity of s^ce. Matters of efficiency and regulation 
^ be met by well-lmown methods and the question of 
e maximum amount of power that can be trans¬ 
mitted over a single circuit becomes one of stability 
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of the line with its connected apparatus. It is neces¬ 
sary, therefore, that all the factors entering into the 
problem be thoroughly well known and appreciated, as 
errors may be extremely costly both in investment 
charges and quality of service. 

While great stress has rightly been laid on the limit¬ 
ing effects of long lines as a determining factor in stabil¬ 
ity, it is nevertheless true that no general conclusion can 
be drawn as to the probable limit of power from data 
regarding the line alone. There are many other 
elements that assume varying importance with Afferent 
lengths of lines, such as different characteristics of 
generating and receiving apparatus, different types of 
regulating devices, etc. 

The papers* that have been read and the discussions 
that have taken place on this subject during the past 
few years have shown such varied viewpoints that one 
who has not made a special study of the subject may 
easily be confused as-to what the real problem is and its 
practical importance to the industry. 

It is the purpose of the authors to outline the under¬ 
lying considerations of the problem, with particular 
reference to the factors which determine power limits 
under various operating conditions, and to cite a few of 
the more significant results of an extended investigation. 
The details, both of the methods of analysis and of the 
calculated and test results, will be presented in forth¬ 
coming papers. In other words, the present paper is, 
to a great extent, merely a statement of the problem, a 
discussion of the factors involved, and an indication of 
the direction in which the investigation is leading. 

Most of the studies of stability of transmission sys¬ 
tems that have been made have been on lines of from 
300 to 500 miles in length designed to operate at 220 kv. 
This fact has led, in some cases, to the erroneous im¬ 
pression that there is something inherent in the use of 
220,000 volts for transmission purposes that may limit 
the amount of power which may be transmitted with 
stability. It should be borne in mind, however, that 
there is a definite limit of power which may be trans¬ 
mitted over any system regardless of voltage or length 
of line and it is just as possible to encounter unstable 
conditions in a line one. mile long, operating at low 
voltage, as it is to encounter it in a long line at high 
voltage.' It is merely a question of how close to the 
power limit normal operation may bring us. 

With a given installation of synchronous apparatus, 
the amount of power that can be transmitted over a 
connecting circuit is, generally speaking, decreased by 
increased impedance and vice versa. With the growth 
in capacity of some of our large steam generating sys¬ 
tems, requiring extensive use of power limiting react¬ 
ors, it is necessary to take the matter of stability into 
account and avoid the possibility of too much re^tance 
between large generating stations or even sections of 
the same station. There are a few well-known 

2. Groups of Papers preseuted at A. I. E. E. Convention at 
Philadelphia, Feb. 1924, and New York, Feb, 1925. 


cases on record where the power limit has been 
reached between stations and loss of synchro¬ 
nism with consequent shutdown has resulted. This 
has occurred in systems operating at all voltages and 
varying lengths of connecting lines. 

The stability problem, then, is not an entirely new 
one, though cases of trouble from this source have been 
sufficiently isolated and of such a special nature as to 
cause little stir among operating engineers. 

On extremely long high-voltage lines there is another 
factor in addition to high impedance that has a tend¬ 
ency to limit the power to be transmitted wdth a given 
synchronous installation. The charging current of such 
lines becomes quite an item and, contrary to that which 
might be expected, may reduce the maximum power. 
This is brought about from the fact that, although 
the charging current reduces the effective impedance of 
•the line, it also lowers the necessary excitation on the 
ssmchronous apparatus by reason of the higher power 
factor. This feature will be discussed later in greater 
detail. It is practically the only factor in long high- 
voltage lines tending to affect stability that may not be 
present in short low-voltage lines. 

The matter of charging current may also become 
important in underground transmission, especially if the 
voltage of cables is rais^ materially. While this 
problem is not before us just now, the tendency toward 
higher voltage underground may place it there in the 
future. 

An analysis of the problem of the determination of the 
limit of power on a given system involve a close study 
of not only the characteristics of the transmission line, 
transformers, generators, exciters, synchronous con¬ 
dense and receiving load, but the method of operation 
and system of regulation as well. 

The phenomenon of breakdown of a synchronous 
motor operated from a bus of large capacity is pretty 
well known. If the shaft load of such a motor is gradu¬ 
ally increased it will finally reach a point at which no 
more electrical powe can be supplied to the motor, 
even though the bus voltage remains constant, and the 
motor will drop out of step. The amount of electrical 
power which can be supplied to the motor at a given 
voltage depends upon its internal impedance and its 
excitation at the time the load is applied. If the exci¬ 
tation remains constant at its no -load value, breakdown 
will occur at a much lower load than if the excitation is 
increased. 

A synchronous generator functions in a manner 
siinilar to a s 3 niehronous motor and can be driven out of 
step with the bus, if a prime mover of sufficient capacity 
is connected to it. The amount of shaft power 
necessary to drive the generator out of step with 
the bus depends upon its internal impedance and 
the excitation at the time. 

If a s 3 ?nchronous generator is used to furnish power to 
a synchronous motor of the same size and characteris¬ 
tics, and with excitation on each machine coirespond- 
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mg to no-load normal voltage, then when the shaft of 
the synchronous motor is loaded, both will drop out of 
step at a value of load that is approximately one-half of 
that which either would carry if connected to a bus of 
the same voltage and of infinite capacity. This is due 
ro the fact that their impedances are in series and of 
twice the value of a single machine. As the motor is 
gradually loaded, it drops back in phase position with 
respect to the generator and drops out of step at a 
definite angle. 

Going a step further, if a synchronous generator is 
used to supply power to a synchronous motor through a 
reactor or over a transmission line, there will likewise be 



Pig. 1—System Voltage Vectors 


At first glance, it may seem a simple matter to pro¬ 
vide sufficient excitation to obtain high synchronizing 
force in the ssmchronous apparatus, but it is really a 
rather complicated problem. The excitation for any 
given voltage at the terminals of an alternator depends 
upon the power factor of the load. As mentioned 
above, in the case of the alternator driving a synchro¬ 
nous motor of equal size, there is no leeway at all in the 
control of the total field excitation of the two machines, 
if the terminal voltage is held constant. A reduction 
in the field excitation of the synchronous motor will 
require an equal addition in the field of the alternator 
and while one is weakened the other is strengthened a 
similar amount and no gain results. 

In the case of long-distance transmission lines it is 
desirable, so far as the line is concerned, in order to keep 
the losses and regulation of the line at a reasonable 
figure, to deliver power at the receiving end at a high 
power factor. This results, however, in a high power 
factor on the generators at any given load and conse¬ 
quent lessening of their breakdown capacity. As a 
matter of fact, some local low power factor load on the 
bus at the generating end of a long-distance transmis¬ 
sion system may actually increase the maximum power, 
possible over the line by increasing the generator 
excitation. 


a definite breakdown point which, at a given excitation 
on each machine, will be less than before the reactor or 
transmission line was inserted. This is, of course, 
obvious, as the line or reactor causes in itself an added 
impedance drop and an added angular displacement 
betweoi the generator and synchronous motor. In 
other words, the power first appears in electrical form at 
the generator, then successively passes through inter- 
mediaiy apparatus including transformers and line 
and finally through the motor. That is, it passes 
through a succession of electric circuits in each one of 
which, including the generator and motor, the power 
flow causes an impedance drop. This changes the 
magmtude ^d displaces the phase of the voltage as 
shown in Fig. 1. In the simple case considered, the 
components of impedance drop add in series, produc¬ 
ing a total displacement between the internal, or 
nominal, voltage* of the generator and the internal 
voltage of the motor. The maximum power in this 
case is proportional to the product of these two volt- 
^es, i. c., the field excitations, inversely as the total 
mpedance between them, and occurs when they are 
placed by a definite angle which is usually less than 


The matte of excitation as noted above is thus on< 
of the ^a^ importance in the problems of maximun 

different 

^teeen the breakdown point with no-load norma 
volte^ excitaten and with fuU load 0.8 power factoi 
excitation m ay be as much as 100 per cent. 


3. Corresponds to the value of field excitation. 


In this connection it will be noted that a high power 
factor load is actually a detriment in so far as it affects 
S3mchronizing power, and it is certainly one of the 



^ ‘“'a jrowER WHICH Can Be Tuansmitthtj 

Over A Straight-away 260-Mile Line at 220,000 Vo^ts 
ShOWNASA PONCTION OP THE CAPACITY OP StoRONOHH 
Apparatus, and the Number op Transmission SS 
Synchronous Motor Load Assured, 


ph^omena that should be taken into account in the 
design of a long distance transmission system. It may 
come as somewhat of a shock to many engineers who 
have not made a close study of this problem, to learn 
that the mherent charging current of a long high-voltage 
line actually reduces the maximum power that can be 
transmitted with reject to that which could be carried 
wer a line of similar reactance without charging current. 
The authors have made actual studies showing that 
more power could be carried.over two high-voltage long¬ 
distance Imes m paraUel than over three with a given 




Siipt. 1025 


FUNDAMENTAL CONSIDERATIONS OF POWER LIMITS 


975 


installed generating capacity. This is merely an illus¬ 
tration of the effect of reducing the excitation on the 
generators by the excess charging current of the third 
line in a case where the impedance of the generators is 
an important factor. 

Fig. 2 will serve to illustrate this point. It will be 
noted that for the 260-mile, 220-kv. line considered, 
there is a definite relation between the installed syn¬ 
chronous capacity and the number of transmission 
circuits that will give maximum power over the system. 
In the case of 300,000-kv-a. synchronous capacity of 
usual design at each end of the line, three circuits will 
cany approximately 200,000 kw., while five circuits 
will cairy only 160,000 kw. and nine circuits, no power 
whatever. This effect would be still more pronounced 
in the case of a 500-mile line. 

It has been suggested that the bus at the generating 
station end of the line be loaded with reactors to allow 
the transmission line a high power factor load but to 
lower the power factor on the generators themselves. 
This would increase the excitation and thus the maxi¬ 



mum power that could be taken from the system. 
This plan shows some real possibilities and under cer¬ 
tain circumstances may be employed, although there 
are other methods of obtaining similar results that may 
be used to better advantage. 

The authors wish to again mphasize the very great 
importance of the excitation problem as a factor in 
stability of synchronous machines. Its importance has 
been recognized before by the authors of previous papers 
on this subject, but it has not been given quite the 
prominence that we feel it deserves. Were it possible 
to absolutely control the field current of synchronous 
machines as desired, the problem of stability would be 
very much simplified. 

With the importance of field excitation in mind and 
the knowledge that under fixed conditions of load, 
voltage, and power factor, the strength of the field will 
also be fixed, it will be seen by reference to Fig. 3 that 
only a small increment of load may be added without 
breakdown unless the field excitation is changed. For 
instance at power pi, corresponding to field currrait h, 
and normal voltage c, it would be possible to increase 
the load about twenty pw cent, or if operating at power 


Vi, excitation u, the possible increase would be only six 
per cent. If means are provided, however, to auto¬ 
matically increase the excitation as load increases, the 
maximum power could be increased to Vz, which is 
the ultimate maximum that could be transmitted at 
normal voltage. This maximum could be reached 
regardless of what load was being carried at the time the 
increased load came on. 

The authors of some of the early papers laid con¬ 
siderable stress on the point that voltage regulators in 
general use, while tending to follow the load require¬ 
ments by increasing the field current as needed, were 
entirely too slow to do so adequately when the time 
transient of the exciter was taken into' account. The 
argument looked entirely reasonable when it was sug¬ 
gested that increased load might be thrown on instantly, 
as by dropping off a large turbine generator at the 
receiving end—^thus dropping its load on the transmis¬ 
sion line. Fortunately there are compensating features 
in the characteristics of the system, and the linkage 
between the armature and field of the alternator make 
it possible for the ordinary vibrating type of voltage 
regulator and a properly designed exciter to supply the 
needed excitation at any rate at which load can come on 
to the line and generating station. 

The explanation of this phenomenon which the 
authors feel is of the greatest moment lies in two 
important facts: first, that large blocks of system load 
cannot be thrown on the generators instantly, as the 
angle between the generators and receiving apparatus 
must increase—this requires a slowing down of the 
receiving system which, of course, takes time—and 
second, as load comes on the generators, the sudden- 
increase in armature current induces a field current 
tending to hold them in step. These two phenomena 
consume sufficient time to allow voltage regulators and 
exciters to function, furnishing the necessary field cur¬ 
rent to maintain voltage at the greater load. A more 
detailed discussion of this point will be given later on. 

This point brings out the very great importance of the 
use of voltage regulators in a long distance transmission 
system, as the maximum load safe to carry over aline, 
from the standpoint of stability, will be increased in 
some cases more than fifty per cent by their use. This 
important consideration, in the authors’ opinion, has 
had practical demonstration in some existing systems 
that have operated for some years without difficulty 
from lack of stability- Many cases that have come to 
our attention would be on the ragged edge, if not 
impossible to operate, without voltage regulators. 

The foregoing discussion covers, in a general way, the 
simple case of a generating station feeding a synchro¬ 
nous load approximately equal in kv-a. capacity. For 
such a case the maximum power is easily calculable ^d 
there are no serious problems when the matter of excita¬ 
tion and regulation are understood and properly pro- 
■yidedfor. 

When complications arise, such as the generating 
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station feeding more than one independent transmission 
line or when the receiving end is a network with generat¬ 
ing capacity and load of its own, the problem becomes 
difficult. In general, the more synchronous apparatus 
there is connected to either the generating or receiving- 
end bus, the more nearly will the maximum power 
limit of the line itself be approached, because the 
condition of infinite buses is being approached. 
Generating stations tapped into the middle of a 
long line, or synchronous condensers of large capacity 
used either at the receiving end or in the middle of 
the line, increase the maximum power that can be 
transmitted over a given system. The calculation of 
the actual power limits in such cases becomes very 
complicated. 

During the past year the authors, in conjunction with 
other interested engineers, have been canying on an 
extensive series of tests in the General Electric Company 
factory on an artificial transmission system equipped 
with Synchronous generating and receiving apparatus, 
synchronous condensers, voltage regulators, trans¬ 
mission lines, adjustable as to the length, characteristics, 
etc. With this equipment it has been possible to set up 
almost any combination of conditions that might obtain 
in a practical installation and to vary the characteristics 
of individual pieces of apparatus in any way that might 
show promise of interesting results. 

The experimental work on this artificial system has 
been paralleled by mathematical analysis throughout 
and not only has a mass of valuable data been obtained 
showing the effect of modifications in design or opera¬ 
tion of the equipment under varsnng conditions, but 
methods have been developed which the writers feel 
will be of gi-eat assistance in the solution of any practical 
problem. The results of this comprehensive investiga¬ 
tion, which is now being completed, will be published in 
the near future. 


In the foregoing, the larger a^ects of the problems 
which have arisen in connection with the development 
of power transmission in this country have been 
discussed in a general way, and the situation has been 
outlined as it exists today with respect to the use of 
standard apparatus. In that which follows, the problem 
of possible future increase in power limits will be stated 
and at^yzed in terms of the various factors which 
determine the present limits, and possible solutions will 
be suggested. 

Influence op Synchronous Machines 
As alr^dy suggested, in those problems in which 
stability is a practical factor, the outstanding fact is the 
usually predominating influence of the impedance of the' 
^mchronous apparatus. For illustration, consider a 
500-mile straight-away transmission line at 220,000 
volts. If there were no power limitations in the elec- 
tnca app^atus at the ends of the line (the conditions 
um^y referred to as “infinite bus”), the power limit 
of the system, i. e., of the line itself, would then be about 


130,000 kw. With synchronous apparatus of the usual 
design and of the usual capacity with respect to the 
power to be transmitted, the limit becomes about 
70,000 kw., or practically half. This point may be 
further emphasized by the fact that a few actual 
proposals have been studied in which the line, less than 
a hundred miles, long, was practically a negligible 
factor. Hence the power limit is imposed in such cases 
largely by the impedance of the synchronous machines. 

When this- fact was first encountered, a number of 
plans for increasing the maximum power of the system 
were suggested, but much of the promise of success 
disappeared upon analysis. Larger generators might 
be used, but that was too costly. Another line might 
be added, but that was not only costly but, in the long 
lines, it actually decreased instead of increased the 
maximum power. Studies have been made of the use of 
series static condensers in the line of sufficient size to 
neutralize, at least partially, the reactance of the line 
and transformers. Theoretically, there are great pos¬ 
sibilities in this scheme, as the total reactance of a line 
of any length can be reduced to a negligible value. The 
present high cost of condensers, together with certain 
difficulties of operation, render this plan out of the 
question for the present but it is one worthy of further 
attention for engineers studsnng this subject. A 
Mheme* was proposed for decreasing the reactance and 
increasing the capacitance of the line, but although 
this might improve the line regulation, it did not gain 
favor, partly on account of the difficulty of construc¬ 
tion, but principally because it would further weaken the 
generators by increasing the charging current. An exciter 
which would respond very quickly to the voltage regu¬ 
lator might, it seemed, strengthen the generators and. 
thus increase the ultimate maximum power at normal 
voltage, i. e., greater than ps (Fig. 3); but it was early 
recognized that this could not be accomplished by such 
an exciter and vibrating type regulator. Such regula¬ 
tion makes it possible, as already mentioned, to carry 
the ultimate maximum, corresponding to pa in Fig. 3, 
even if this is thrown on the system suddenly—but not 
significantly more than that. Thus, when all of the 
above proposals have been analyzed, the situation is not 
far different from the starting point with respect to- 
increaang the ultimate maximum power under steady 
operation at normal voltage. 

Yet this is what must be done, if it is hoped to 
transit power over long lines—600 miles or more— 
in synchronous operation. There may be some other 
and better 'way to do it than in synchronous operation, 
but, if the latter is to be retained, the problem of in- 
cre^g the maximum power reduces to one of stif¬ 
fening up the synchronous apparatus. 

Thus, 'the problem to which a number of interested 
engineers have been directing their attention has been 
along two general lines. One has been to “stiffen” the 

4. “Output and Regulation" of Long Distance Lines ” 
Percy Thomas, A. 1. E. E. Teans., Vol. XXVIII, p. 61.'5, lOok 
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synchronous apparatus, and thus approach the power 
limit of the line itself. The other, perhaps looking 
consideriably to the future, has been toward finding 
some other means than synchronous operation. Re¬ 
garding the latter, however, there is little of interest, to 
the authors’ knowledge, other than that such studies are 
being made. In the light of the past growth and the 
probable future, such limits as that even of the line 
alone, cannot, of course, be accepted as final. Hence 
the situation demands such studies. However, the 
hope of the immediate future lies in the other direction 
—in finding such modifications and auxiliaries in con¬ 
nection with present s 3 mchronous apparatus, including 
the synchronous condensers, as will make possible 
a nearer approach to the power limit of the line alone. 

The prpblem of stiffening the synchronous apparatus 
has been attacked along two general lines. One relates 
to schemes of regulation of the more important syn¬ 
chronous machines, the other, to modifications in 
design, which, in effect, would result in machines of 
higher intierent power capacity—that is, lower reactance. 
The former include the regulation of the field current, 
the use of shunt inductances across the generator 
terminals, and any other schemes which would apply 
to regulating currents from an exterior source. On the 
other hand, to lower the reactance of the machine itself 
is, of course, a problem in the design. 

Conditions of Opbratton 

Before taking up in detail the questions of design 
and regulation, it is well to consider the conditions of 
operation which affect the problem of maximum power. 
The study of this problem resolves logically into the 
consideration of two conditions of operation. In one, 
technically referred to as steady state, all forces involved 
in the entire system are in stable equilibrium. The 
power flow is eversrwhere steady, and in the apparatus 
the voltages, field excitation, magnetic flux, etc., are all 
constant. Everything is balanced and steady. 

In the other, referred to as transient state, conditions 
are changing. Power flow, speed, magnetic flux, volt¬ 
age—all of these are in a state of change. 

Now the maviTnum power which can be transmitted, 
and, to a limited extent, the amount which it is ne<^- 
sary to transmit, depend upon the state. If, dming 
steady state operation, a load is suddenly thrown on, or 
a loaded generator is dropped, or a short circuit occurs, 
a readjustment or transient must follow in speed, power, 
voltage, magnetic flux, etc., before steady conditions are 
again established. During this change, the synchro¬ 
nous apparatus all becomesinherentlymorepowerful, or 
"stiffer,” than in steady state, as explained under tran¬ 
sients, but, due to possible “overshoot” of power on the 
swing of load following the shock, the power which 
mxost be transmitted may also be increased above that 
required after the system settles down. If a weight 
attached to a spring is suddenly dropped; thus stretch- 
ing the spring, it will drop, on the first swing, not to the 
steady state position where the spring tension equals the 


pull of gravity, but will overshoot, throwing additional 
tension on the spring. If we imagine the stiffness of 
the spring to increase temporarily during this transient 
state, the analogy with the present problem would be 
fairly complete. The maximum power which can be 
carried is temporarily increased, but the amount which 
it is necessary to carry is also increased. 

Steady State 

The steady state operating characteristics of a genera¬ 
tor supplying power to a transmission system are shown 
on Fig. 3. It will be noted that as the field current, 
shown as parameter, is increased, the maximum power— 
i. e., the limit of stability, where the slope of the voltage- 
power curves is infinite—^is progressively greater, and 
occurs at successively higher voltage as indicated by 
the line mm. Hence there is a particular value of 
field current, it, for which the maximum power occurs at 
normal voltage. This is obviously the ultimate 
maximum which the system can carry at normal volt¬ 
age. While a still greater field current h would give 
greater maximum power, it would nevertheless occur 
at a voltage higher than normal. 

Influence of Field Excitation 

In Fig. 3 it will be noted that operating at power pi 
and. at normal voltage e requires a field current it. 
If the power were increased to pt without changing it, 
the system would break out of synchronism, since the 
i mainTmini power with it is less than pt. Thus, when 
any S 3 retem is operating as near the limit as in the above 
illustration, the field current must be promptly increased 
as the load is increased, to hold the voltage along the 
linft e e. The question of the rate at which load can be 
applied, as well as other transient conditions, will be 
discussed later. The point to.be observed here is that 
the degree of stability is indicated by the slope of the 
voltage-power curve; that the maximum power is 
greater, the greater the field current, and occurs at an 
ever higher terminal voltage; and that tho-e is there¬ 
fore one field current it for which the maximum power 
occurs at normal voltage. And this is the ultimate 
mg.viTvmTn which Can be transmitted under steady state 
at normal voltage. 

It may be further stated as a very important fact 
bearing on the characteristics of synchronous generators 
roughly, the greater the field current (U the same 
voltage, the greater the stability and maximum power, 
regardless of what means are used to obtain the larger 
field current. Thus, to lengthen the a^-gap of the 
machine or increase the degree of magnetic saturation, 
or decrease the power factor of the load by connecting 
across the terminals a shunt inductance—any of such 
measures will require more field current at the same load 
and voltage, and therefore improve the stabihty and 
maximum power. 

The steady state characteristics of synchronous con¬ 
denses are, of course, very similar. These compri^ a 
set of curves of the same general form as those in Fig. 3 
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and involve the same quantities, except that the 
abscissas are reactive kv-a. instead of active power. 
Similarly, the maximum value of reactive kv-a. which 
the ssmchronous condenser can deliver is progressively 
higher and occurs at successively higher voltage, as the 
field cuiTent is increased. 

Parallel Operation 

In both of the above eases, the characteristics are for a 
single machine. Suppose, for instance, that three or 
more generators, instead of one, are connected to the 
bus. Then what are the characteristics? If the units 
are all alike, including the governor characteristics of 
the prime movers, and the excitation currents of all 
units are kept equal, then a similar set of characteristics 
as in Fig. 3 could be drawn, taking field current as 
parameter. These would represent the voltage-power 
characteristics of the bus. In the successive steady 
state conditions after increments of load are added, the 
governors have placed correspondingly more power, the 
regulators correspondingly more field current, on all 
machines. So they all reach their respective power 
maximum at the same value. 

However, if the units are different, additional para¬ 
meters are necessary—the governor characteristics and 
settings for all prime movers, and also the distribution of 
field cmrent on the several generators. Under this 
condition, the units do not reach their respective 
m^ma at the same total load. Thus, when there 
are a number of units in parallel, the steady state h'mit 
of the combination is a function of the distribution of 
load and of field excitation, and also of the governor- 
characteristics. And there is an optimum distribution 
which gives the greatest power, and this is such that 
all reach their respective maxima at the same total load. 

The same is true of a number of branches of a power 
network connected to the same bus. Fach branch may 
be from a power bus such as just discussed, involving 
the parameters mentioned. So while the problem of 
the extended combination is, of course, still definite, 
it is nevertheless greatly complicated by additional 
parameters. 

So, in general, systems imder steady state operation 
can be charactmized by such curves as shown in Fig. 3. 
^ generators are added, the slope of the curves becomes 
I^, reaching zero with an infinite generator capacity. 
Up to three or four branches the characteristics are 
amenable to reasonably definite calculation. Beyond 
raat, resort must be made to simplifying approxima¬ 
tions or equivalent circuit tests. Methods of calculat¬ 
ing the ^ler cases of steady state conditions have 
bwn pubhdied*. Extensions and additional methods 
will be presented in the near future. 

1 Transients 

^ addition to 

giose whi ch mfluence steady state operation, are 
Nieke^on discussion by Edith Clarke and C. A. 


brought into play. Among these are the momentum 
of rotating masses, and the time element in both the 
electromagnetic circuits and in the governors. 

Sudden Application of Load. In Pig. 4, if load is 
suddenly thrown on the shaft of the motor, the electrical 
power to the motor can not increase until the motor 
drops back in phase, which requires a temporary drop 



Pig. 4t-Tiiansibnt Conditions Following a Sitddkn 
Application op Load 

in speed. This means that the initial increased demand 
was partially supplied from the momentum of the mo¬ 
tor, causing the electrical power supply to increase more 
gradually, thus lessening the shock to the system. 
Moreover, the load which first falls on the generators is 
initially supplied from the momentum of the rotors, 
until the speed drops, after some oscillation, to that value 
at which there is balance, determined by the governor, 
between mechanical input and electrical output. Fig. 4 
shows the transients for an analogous case as indicated. 
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l\r l.miViOKw. 


These c^es were obtained by three methods; one by 
the oscillo^aphic scheme proposed by C. A. Nickle* 

by mathematical calculation, 
and the third by actual test. 

Dropping a Generator. Referring to Pig. 6, with the 
line ^^taon ^tch closed, and with the following 
Jstnbution of load, suppose the switch on generator 
No. 4 IS opened; 

Synchronous motor No. 3. 4 nn non tt™ 

. 

Generator No. 2. 280,000 “ 

Gener ator No. 4. 200,000 “ 

K T Bleetromeohanioal Systems", 
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Fig. G sliows the imture of the resulting transients. 

At first, the power flow and the electromagnetic 
torque of the various units are quite independent ot the 
torcpie on the shaft of either the motor or generators 
which is determinefl completely by the electrical con¬ 
stants of the system, since due to the inertia of the 
rotating masses, the relative-phase positions of the 
rotors remain, for the moment, what they were before 
the switch was opened. After a transient, the system 
st'ttles down to power conditions as determined com- 


« J(a)Toniuo 
Syn. Ocn. Scndin* End 


(iO ' ^ i Secdiul ■ “"J 

lb ft. 


0 .) 


n.ri(nnb. ft. 


0.844 ryjyse 


(a) j I S»'Cunii 
bli.uodllt ft. 


Syn. fi- Kccrfver End 

Fio. 0 -Tkansiknts Due to Duoppino Qbnekatok No. 4 
eiioM System in Pig. 5 


both the governor and the magnetic fields play a part. 
After load is thrown on a unit, it is a matter of seconds 
before the governor becomes adjusted to the new 
condition. Hence, regardless of the sudden load, the 
flow of water, or .steam, as the case may be, is practically 
the same as before, and in studies of what happens in 
the first second or so, constant flow (not constant 
torque) is usually assumed. 

The magnetic flux linked with the alternator field 
circuit also does not change in the first moment^. The 
armature currents due to sudden load automatically 
induce a corresponding m. m. f. in the field to sustain 
constant flux linkage. If there is no voltage regulator, 
the flux gradually dies down to steady state conditions, 
but during the meantime the reactance of the machine 
is less. It starts as transient reactance of relatively 
low value, which includes armature and field leakage, 
and ends as ssmchronous reactance, which is of relatively 
higher value and which includes armature leakage and 
armature reaction, but not field leakage. As already 
mentioned, this inherently stiffens the machine in the 
first moment. In other words, to speak of the spon- 


pletcly by the governor on the prime movers. Thus, 
in the finst moment the power flow is determined by the 
eonstanis of the electrical circuits, and in the last, by 
the* governors. 

S wilchind mU a Section of Line, Another case is that 
in which a section of line is suddenly opened, as indi- 


' .1 r.R.HflO ii>. ft. 
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Fig, 8—Curve Indicating the Relation Between the 
Time Constant and the Speed and Capacity op Exciters 
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cated in Fig. 5. The load distribution is the same as 
above, except that Generator No. 4 is disconnected. 
This sudden interposition of added reactance requires a 
phase adjustment which does not increase the steady 
state load on the system, but it does cause a power 
oscillation which usually overshoots-the steady state 
value. This contains all of the transient elements 
discussed above, and is illustrated in Fig. 7. 

During the above transients, the time elements of 


taneous rise in alternator field current following a 
shock, whether it is a short circuit or a sudden applica¬ 
tion of load, or to say that the transient reactant 
applies, is merely to refer to the same phenomenon in 

different terms. . 

If there is a voltage regulator, then, as previously 
mentioned, it is a race between the rate at which the 
load comes on and rate at which the exciter can build up. 
As mentioned before, the combination of circumstanc^ 
attending transients of this character arc favorable in 
this connection. The alternator field current tends, 
by itself, to. increase sufficiently to maintain constat 
magnetic linkages in the field dreuit. So, the machine 
is not dep«ident, in the first moment of a shock, upon 
the exciter to increase the field. It does this it^lf, 
and the current tends to hold up for an appreciable time. 
This pves the exciter a chance. The period of oscUla- 

7. “A Simplified Method of Analyzing Short-Circuit Prob¬ 
lems”, by R. E. Doherty, Trans. A. I. E. B., Vol. XLII, p. 841, 
1923. 
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tlou of a S3^tein is of the order of one second, which 
means that the peak of the first overshoot in power 
would usually occur in about a half second. It is in 
■ this swing that the inherent field current rise, or the 
transient reactance, saves the situation and gives 
the exciter voltage a chance to reach the proper level 
by the time conditions have settled. And as already 
pointed out, the standard design of exciter has, in 
many cases, sufficiently low time element to adequately 
meet this condition. Where special attention is re¬ 
quired in making the exciter more responsive—^perhaps 
in the large, slow speed exciters—^there are a number of 
ways in which this might be accomplished. The most 
obvious, and perhaps the simplest, is merely to decrease 



Fio. 9—^Effect of “Series Exciter” in Lbngtheninq the 
AiiTernator Field Transient 

the duration of the transient in the same way the 
transient is shortened in any inductive circuit—by 
decreasing the value of the time constant L/R, 

Such measures, if necessary, would apply to the larger 
exciters of low rotative speed—that is, machines of 
large volume. These have higher time constants 
because they have greater masses of copper and iron. 
To illustrate how these factors are related. Fig. 8 gives 
a number of points representing actual exciters over 
large ranges, showing the time constant plotted 
against kw./rev. per min., which, at given magnetic 
and current loadings, represents volume. It will be 
noted that these points lie well along the average curve. 
The exciters used m the tests fall at the points b a, 
b' a', and b” a". 

Another and perhaps more efllcieht way of meeting 
the situation is to use the "series exciter" in the excita¬ 
tion circuit. This functions merely as a negative re¬ 
sistance, and thus neutralizes the effect of the ohmic 
resistance of the alternator field circuit. If it were not 
for the latter, the field flux of the alternator during a 
sudden swing in load would remain constant—that is, 
there would be ho tendency for flux decay. So the 
alternator transient is lengthened by the extent to which 
the resistance is thus neutralized. This gives the shunt 
exciter , a longer time in which to build up. Fig. 9 
shows how the altomator field transient is lengthened 
by the series exciter. The total ohmic resistance was 
adjusted to the same value in either case. 

Short Circuits. Short circuits are one of the most 


serious kinds of transients. This transient also 
into play all of the factors mentioned above. A three- 
phase short circuit on a branch of a system not only 
disturbs both the power and the magnetic balance of 
the geno-ators, but also completely isolates the branch 
from the rest of the system imtil it is cleared. Loss of 
s3mchronism is usually expected in such cases. 

A single-phase short circuit (which most of them are*) 
is not so serious, in that power flow is possible through 
the other phases past the point of short circuit. Whether 
the parts of the system break ssmchronism depends, 
among other things, upon the load at the time, the 
momentum of rotating masses, the duration of the short 
circuit, the electrical power transfer during the trouble, 
the restored voltage when the short circuit is cleared, 
and the amount of “induction motor" torque in the 
synchronous machines. 

.Long experience on existing systems is the most 
promising aspect of this question. Although now and 
then a case is reported where loss of synchronism fol¬ 
lows a single-phase short circuit, it is rare where ade¬ 
quate relays with short time setting are used. This is 
a fact which cannot be overlooked in considering 
this important question. Calculations are usually 
made on the basis of conservative premises (as they 
shoxdd be) until basic data are complete; but even if 
such calculations indicate that loss of synchronism 
might occur oftener than good service could withstand, 
it must be remembered that experience rather indicates 



Pig. 10—Transmission Network 


the opposite. This is a problem on which sufficient 
detailed operating data have not been accumulated to 
afford adequate bench marks for calculation; and until 
this is accumulated, estimates must be no better than 
the prases on which they rest. Meantime, judgment, 
which is based on experience and such calculations as 
are pc^sible, must be used in proposed undertakings. 

An idea of the power oscillations following a single- 
pha^ short circuit at X on the S3rstem shown in Fig. 10 
is given in Fig. 11. This is for a case in which the short 
circuit remains on the system, and the prime mover 
power is practically constant. 

Many ca ses of transients similar to the cases referred 

8. Particularly on high voltage systems in which the con- 
ductors are arranged horizontally. 
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to aoove, m which direct calculation is hopeless and 
step-by-step process is ejctremely difficult and often 
hopeless, can be effectively studied by Nickle’s 
method, referred to above. In this, an equivalent 
electric circuit—involving no rotating apparatus— 
solves the equations, and the oscillograph plots the 
results. 

With reference to all of the foregoing discussion of 
transients, while they may be much more difficult to 
solve than problems on steady state, methods of practical 
estimate and calculation are nevertheless available 
excepting for single-phase short circuits; but here it is 
less a question of method than of premises. Where 
direct mathematical methods fail, graphical methods 
can be used, as illustrated in the step-by-step processes 
devised by Bush and Booth.® Beyond this lies Nickle’s 
equivalent circuit method. 

Design 

When the best estimates now available are made, it is 
found that, on the whole, the problem of increasing the 
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Pia. 11 —^PoiNT Transient Following a Single-Phase 
Shout Circuit at Point X on System Shown in Pig. 10 


maximum power under all conditions of operation is 
principally one of designing apparatus and accessories 
that will giye the greatest possible stability. It has 
been observed that this problem of stiffening the syn¬ 
chronous machines has been att^ked along two lines, 
one relating to the design of the synchronous apparatus 
itself, the other to regulating schemes. 

The problem of the designer of s 3 nichronous apparatus 
is to go to the limit in increasing the ratio of the field 
strength to armature strength, to the end that the arma¬ 
ture reaction due to the load shall have the least pos¬ 
sible effect in distorting or decreasing the magnetic 
field. The object thus sought is usually referred to, 
whether properly or not, as low synchronous reactance. 
From the discussion of field excitation under steady 
state, it follows that it is desirable to d^gn the syn¬ 
chronous machines so that they will require at all times 
and loads as near as possible the field stren^h required 
by the maximum load, and to have this, in turn, as 
great as heating limits of the field will permit. Then, 

9. “Power System Transients,” Bnsli and Booth, Journal 

I. E. E., p. 229, March 1925; 


whatever the load, the machine is better prepared to 
take an additional load. 

It is important to observe here that many generators 
for the usual commercial load of lagging power-factor 
are already designed to such a limit. These other 
measures for increasing the required field current are 
necessary in the present problem, because the power 
factor on long distance transmission lines is usually 
nearer unity than the ordinary commercial load, and 
therefore requires lower field excitation than the usual 
system load. In other words, what is thus attempted 
in design modification is, in reality, only to increase the 
stability or stiffness of the synchronous machines 
under this special condition of operation to that 
which it already possesses under the usual condition of 
lagging power factor operation. 

The present problem, nevertheless, often demands 
more inherent stiffness than can be obtained by the 
above measmes. This addition can be had only by 
increasing the size of the machine, which, of course, is 
both expensive and inefficient. 

So the best that can be accomplished along the fore¬ 
going lines is hardly a satisfactory solution. It is an 
approach only, which, as it now appears, must be 
supplemented by effective regulating devices. 

Regulation 

This is the other general line of attack mentioned. 
The usual method of regulation is to automatically 
adjust the alternator field current by means of the 
vibrating tsrpe regulator opera:ting on the exciter field 
to hold the bus voltage as near as possible to a constant 
value. Referring to Fig. 3, the function of this regulator 
is to cause the generator to pass from one curve to ^- 
other along the line e e. There are, of course, an in¬ 
finite number such curves, and under steady state- 
the alternator is functioning on some particular one of 
them. The extremely important point here is that 
although at any load under steady state the voltage is 
the same, ie., along the line ee, nevertheless the 
Tnar»ViiTift is not Operating on e e as an inherent char¬ 
acteristic, but on one of the family of curves shown. 
In other words, although the machine operates at an 
intersection of e e and one of the curves, it is on the 
latter, not the former. That is, the rate at which the 
voltage changes with respect to a power change is, for 

dE . , 

the moment, the slope “Jp” particular curve, 

nuH tln'g determines the degree of stability. The 
less the slope, the greater the stability, and, in the 

limit = 0, there is' the “infinite” generator. 

The slope of e e, of course, may be zero for any ma¬ 
chine with a regulator, but that does not change the 
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inherent characteristic, on which the machine operates 
as illustrated in Fig. 3. 

While it is not possible, in the nature of the case, to 
signiificantly change the slope of the characteristic by 
use of such a regulator, as explained later, it is possible 
to do it by other means of regulation. But before 
describing this, the general principle involved here 
which is not generally fully understood will be further 
discussed. 

It is one thing to compensate for the effect of a 
phenomenon after it has occurred, and quite another 
to compensate while it is occurring. In the former, 
the thing happens and is then corrected; in the latter, 
it, in effect, does not occur. To illustrate the first: 
load is thrown on an alternator the voltage of which is 
controlled by a vibrating-type regulator. The voltage 
drops, then the regulator contacts close, which in turn 
starts the exciter voltage to build up, ultimately pro¬ 
viding the field current necessary to restore the voltage. 
The time involved may be short, but the foregoing is 
nevertheless the sequence of events. The drop 
occurs and then it is neutralized. An exciter with 
low time constant may hurry the phenomena along, 
but the time-constant, even if deo^ased, still exists and 
it is interposed in the above sequence. 

On the other hand, consider for instance the voltage 
drop in an inductive reactance of a feeder circuit. Add 
a series capacitive reactance of equal value. Then 
while the ^op still exists across the reactance, it is, 
nevertheless, absolutely neutralized, at all instants, 
and at all loads, so far as the feeder circuit is con¬ 
cerned. The drop is compensated as it occurs, and the 
effect is the same as if it did not occur. 

The difference between these two conceptions is the 
difference between what we have and what we should 
like to have in the principle of regulating alternators. 
If some one found such a scheme at once reliable and 
economically feasible for regulating alternators, there 
would be the equivalent of an “infinite" generator— 
one in which the change in voltage with change in load is 

dE 

zero, i. e., = 0. And with apparatus so 

regulated at both ends of the line, the power limit of the 
line alone would have been attained. But such a 
scheme has not yet appeared in practical form. 

To accomplish this in an alternator, two thingg are 
required. The armature reaction must be completely 
compensated by supplying opposing field ampere- 
turns of equal value in the proper space-phase and 
art th^ time the armature reaction is occurring. If this 
were accomplished it would be, in effect, as if there were 
no armature reaction. 

The other point is that the leakage reactance must 
also be neutralized, which means that a voltage niust be 
supplied which is in time-phase opposition to the volt¬ 
age of the reactance. Theoretically, of course, this 
could be accomplished by series condensers of proper 


capacity, and this may sometime be practically feasible. 
Indeed, they may be used to neutralize the line re¬ 
actance, as well. 

To completely compensate for armature reaction, one 
is confronted by the difficulty both of applying the field 
ampere-turns in the right space-phase, and above all, 
of increasing it and decreasing it in exact conformity in 
time with the variations of armature reaction. How¬ 
ever, while it is perhaps not to be expected that the 
ideal case will be realized practically, it is yet possible 
to partly compensate it by any scheme which will 
adjust the field current in rigid proportion to the arma¬ 
ture current—which may be approximated by certain 
forms of self-excited machines. 

But there appears to be a simpler way. Without 
expressing any assurance of practical application in the 
near future, it is noteworthy that a very substantial 
reduction in the effect of armature reaction has been 
actually obtained in a factory test by the use of the 
mercury-arc rectifier as an adjunct in the excitation 



Fig. 12—General View pp tub Test 


system. Its function is merely to supply field current 
in rigid proportion to the armature current, thus 
compensating for the latter at the time it occurs. By 
the nature of the circuits, and the variation of power 
factor, the space phase could not, in this particular case, 
be what was required. Nevertheless, the reduction 
in effective armature reaction, as evidenced by increased 
maximum power at the same voltage, under steady 
state, was of the order of 50 per cent. 

Let the significance of this be clearly understood. 
Two maximum power (steady-state) tests were made 
on a minature 250-mile line with a 225-kv-a. generator 
supplying a s 3 mchronous motor of the same size. 
Fig. 12 shows a general view of the test set-up. 
One test was made with an ordinary vibrating regulator 
controlling the voltage of each ssmchronous machine, 
the other, with the rectifier as an adjunct. In the first, 
the power was gradually brought up to 120 kw. at 
2000 volts at both ends of the line, 7.0 amperes qn the 
motor field, 7.5 amperes on the generator field. This 
was the- maximum power the system could carry. 
A further increase caused it to break out of step. Then 
the rectifier scheme was installed. Similarly the load 
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was hrouKht up to the same point, L e., 120 kw., 
2000 volts, 7.0 amperes field current on the motor, 
7.5 on the generators. This power was wot maximum. 
It was further increased at the same voltage to 154 kw., 
or an inerea.se of 28 per cent. 

This test; is mentioned merely to illustrate the prin¬ 
ciple discus.sed above. The point involved is the dif- 
ftTems* between the slojie of a curve and the value 
t>f t.h(“ function itself. Analogously, if moving bodies 
were being considered, the intere.st would be not in 
the sixhhI alone but also in the acceleration. It 
i.s ntjl the value of voltage, but the slope of the 
volt age-power curve, that imlicates the degi'ee of 
stability. If a sy.stem controlled by vibrating regu¬ 
lators operating on the exciter is gradually loaded 
to iininimmt, breakdown, the control can usually be 
taken over by hand and the .same load held. In 
other words, although .such regulators are highly effect- 
ivt' in load transients in increa.sing the excitation as 
lou<l is thrown on, they nevertheless do not signifi¬ 
cantly increa.s«* t.he .steady state ultimate maximum 
power at nornuil volt age (jh in Fig. S) over that cor- 
rt.*spon<ling to u lixtd field current; and the reason is 
that, t*ven with the regulator, the slope of the voltage 
power curve, in the first moment, is practically the same 
as if t he ri*gulutar were not operating. And if it should 
he dilfenait during a sudden transient, it must ulti- 


point, of, say, 70,000-kv-a. capacity, would increase the 
maximum power only from 130,000 kw. to 156,000 kw. 
— not to 225,000 kw. This rather indicates what might 
be expected if the length were extended to 1000 miles. 

Before concluding—^regarding the foregoing discus¬ 
sion—it is well to mention again that consideration 
should not be confined to the eases of long distance 
straight-away transmission only. The problem in 
hand is one which, to a limited extent, relates also to 
power lines and networlts of moderate distances, and 
the extent will undoubtedly become greater as the 
blocks of power to be transmitted continue to increase, 
or, indeed to tie connections of central station systems— 
to any, in fact, in which the power to be transmitted 
approaches the power limit of the system under the 
operating conditions. However, the problem involved 
in such systems, although more difficult to solve than 
those of single lines, is neverthele.ss the same, namely, 
to determine the power limits under various operating 
conditions, and to provide that these limits shall be as 
high as practically feasible. 

What is the conclusion to be drawn from all of the 
foregoing discussion regarding synchronous machines? 
As to pos.sible changes in design, the present indication 
is that no radical departure may be expected, that, 
at least .so far as pre.sent proposals are concerned, 
reversion is made to the well established practises 


muftdy return to .steady state and thus to the slope cor¬ 
responding to tsmstanl. field.^" 

If this fact is not appreciated, it may be taken for 
granted, jis fretjuently has been done before, that if the 
Ijus voltage i.s regulated, it may be a.ssumed in calcula¬ 
tions of maximum power that the voltage is mislmU. 

, dE , ^ 

I'lns a.ssumption is ju.stifiod only if "j-j,* == 0. It 

ha.s even been proposed that by placing automatically 
n!gulat.ed .synchronous condensers along the line at 
given intervals, one may consider each of these sections 
as a unit, and that whatever power it is pos.sible to 
tran.smit over one of them at the given voltage, can be 
f.ransmil.te<l, excepting losses, from one section to the 
«thi*r for a distance of. say, 1000 miles. Now this would 
he possible only with infinite generators and also 
infinite condensers, i. e., such that the slope of the 
terminal voltage curve against reactive kv-a. supplied 
by the condenser is zero. To illustrate magnitudes, the 
maximum power of a 260-mile line at 220,000 volts, 
infinite bus at both ends, is about 226,000 kw.; of a 
50<l-mile line, 130,000 kw. According to the proposal, 
with a condenser at the mid-point, it would be possible 
to transmit 226,000 kw., neglecting losses, over the 
entire 500 miles of line. Actually, a condenser at mid- 

I( J, An exciter with low time (sonstant may expedite the regula- 
tum, but aa long as the voltage must drop before the regulator 
emit acts close, and the exciter Held must be brought up before 
tlM! alternator field current is changed, the compensation can not 
I»i w-ibly occur at the time the armature reaction occurs. 


which have long since been followed in special cases 
where an increased stability or breakdown has been 
required: This is to to go to the limit in ratio of field 
strength to armature strength, and if that does not meet 
the required load, then get the remainder by merely 
increasing the .size of the machine. 

As to improvements by regulation, or more properly, 
compensation, it appears at this time that although 
there is po.ssibly .some hope for this in the future, 
the progress "to date has been little more than the 
demonstration of the principle in actual test; but this 
affords sufficient incentive to actively pursue the 
investigation, when it is realized that for distances of 
transmission much above 300 miles the power limit with 
present equipment is such as to make these projects 
■questionable from an economic standpoint, while, at 
the same time, the development of our resources will 
undoubtedly require the use of lines of this length in the 
near future. 
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Entering into the 


Synopsis.—The subject of stability has been much discussed 
lately, because it has an important bearing on future large power 
developments. In the early stages of a large program, such as 
the proposed superpower program, good engineering and common- 
sense dictate that each step should be very carefully considered from 
all points of view, since a blunder or failure to give proper weight 
to some important factor, such as stability, might set bach the 
development program for many years. 

A brief historical review of the subject of stability follows; for 
those who are not familiar with ^'static*' stability there is a review 
of the subject in the Appendix. 

A criterion of stability is suggested based on present operating 
conditions, namely, that for reliability each unit of the superpower 
shall be at least equal to the best that has heretofore been obtained 
with similar power systems. 

TAfi necessity of a careful study of the characteristics of all 
machinery connected to the transmission line is- pointed out. The 
necessity of proper inherent characteristics in generators and 
synchronous condensers is emphasized, and particular stress is 
laid on the necessity of proper* volt ampere characteristics both 
itiherent and with the exciter. 


The action inside a generator during the transient followii 
a change in load is discussed; it is pointed out that the true fie 
is a resultant due to several magnetomotive forces in addition to th 
of the field circuit; the combined effect is a marked tendency to sel 
excitation, and inherent self-excitation would take place if it we\ 
not for the damping effect of resistance in the different circuits. 

A brief review of other factors entenng into the problem is give^ 
I hese factors compnse inertia of moving parts, mechanical torqu 
speed of relays, circuit breakers, etc. The difficulty of correlain 
all these quantities is pointed out, and a basis on which it is practia 
to make computation is suggested. 

TAose who have not atudiid the subject of stabUity are recon 
tne^ed to read the Appendix before proceeding wUh the subjei 
of transient stability. 


The subject of transient stability is opened with a definition 
of stability of a power system. 

The elements of the problem are discussed in some detail. The 
problem is one of obtaining the coiidilions of equilibrium, taking 
into account mechanical or applwd torque, dectricnl or counter 
torque, inertia torque and damping factors, in addition to ike 
electrical characteristics of the system. The action of a generator 
under suddenly applied load is dumssed in some detail. 

The **iran$ienV* stability of a simple system is discussed, use 
being made of a new diagram known as the power angle dwijram 
which may be derived from the circle diagram as obtained for siaiic 
stability. Three diagrams are required for the simple invesliga- 
tion, but the method may be elaborated to include all the factors 
affecting the problem including the characteristics of governors, 
exciUr'^systems, and so forth. 

The difference between the problems of switchhig operalions, 
load swings, and short circuits is pointed out. In the last case the 
effect of different values of ground resistance is discussed at some 
length and also the effect of length of time before Circuit breaker 
opens. 

The necessity of obtaining reliable data on ground resistance 
with faults is stressed. 

Throughout this paper the essentiality of delivering the necessary 
kilovolt-amperes to the line either by adequate cxdUr systems or 
by proper modification of machine charaeterisiicH in order to main¬ 
tain a high order of siaUlUy is insisted on. 

It is pointed out in the Appendix that while inherently com¬ 
pensated generators, synchronous condensers, eic.^ are future pos¬ 
sibilities, our main concern is the problem of getting the 7 nost 
0 ^ of present day designs as our present day problems depend on 
these and not on something that may be conifnercially developed five 
years from now. Consequently the conclusions refer to means that 
may be made quickly available and the two most important are: 

a. Improved inherent regulation of machines. 

b. Increased speed of excitation. 


T he problem of stability of transmission systc 
has come up for considerable discussion dur 
^ the last few years due to the fact that it has 
important bearing on the future development of po\ 

1. BlMtnoal Eng^eer, Westinghouse Electric Mfg. Co, 

Convention of the I. E 
SeatOe, Wash., Sept. 15-19,19SS. • 


in this country, particularly in localities where there 
already exist large concentrations of power which it is 

proposed to tie together by high voltage transmission 
lines. 

The connecting Ui^ between these large distribution 
centera and generating points must be such that the 
resulting unified system has at least as good a perform- 
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ance as regards iriaintenance and reliability as the best 
of its constituents, and as a matter of fact to fulfill the 
hopes of its advocates this resulting system should show 
a better performance. 

A principle which common sense seems to dictate in 
the early stages of a development, of such magnitude as 
this programme represents, is to carefully weigh all the 
factors which go to make a successful system. It is 
not incompatible with the optimistic spirit, which is 
part of the make up of the engineering profession, to 
weigh every factor carefully before taking the first steps 
because so much depends on the success of the first part 
of such a program. A blunder or failure to give the 
proper weight to such a factor as stability might have 
very grave eifecte and set back the development pro¬ 
gram for many years. 

The old saying that “a chain is no stronger than its 
weaicest link” may well be taken as a guide during the 
initial stages, and I think that good judgment dictates 
that these first links of our superpower chain, especially 
those that introduce new sources of power, should be 
made as strong as we know how, at the present state of 
ttie art. 

I wish to emphasize this point because there seems 
to be an inclination on the part of some engineers to 
underrate the importance of a careful study of stability, 
for the reason that large utilities today are operating 
satisfactorily and instability does not seem to disturb 
them. This reasoning is all the more dangerous because 
it is partly correct. • The true reason why existing utili¬ 
ties are not troubled by instability is that when condi¬ 
tions of interconnection are met that tend towards 
instability, they are avoided either by ^ving. up the 
advantages of interconnection or by strengthening the 
tie lines. 

It is not safe to take past experience as a criterion 
on which to base superpower developments because of 
the necessity of maintaining service over the intercon¬ 
necting lines,' greater extent of the lines, and greater 
amounts of power to be handled by the lines, all of which 
factors are such as to increase the tendency to instability. 
As a matter of fact we know of a number of cases where 
instability has actually occurred and large ssrstems have 
pulled apart causing more or less lengthy interruptions 
to service. How much more might the effect of the 
breaking apart of a large generating station from a super¬ 
power system be felt, especially in the initial stages, 
before the complete unified system has been achieved! 
I repeat, therefore, that it is not only good engineering 
practise but also good sense to make the first links of a 
superpowCT program as perfect from ^ points 
of view as is possible with the present knowledge of the 
art. 

It is the object of the present paper to analyze the 
factors entering into the stability problem, confining the 
discussion to the consideration of simple cases in order 
to avoid undue complexity. 


General Review of the Subject 

The attention of the engineering world has been 
drawn to the phenomena of instability as a result of 
actual experience in operation. The early cases natu¬ 
rally had to do with links between generating stations in 
distribution systems. I can, recall some early cases of 
instability due to short circuits in feeders connecting 
large generating stations which were the cause of a good 
deal of speculation. 

More recently there has been a tendency to connect 
large utilities together with a view to interchanging 
power in case of emergencies. Unfortunately these tie 
lines have been frequently of the type very aptly defined 
as “shoestrings” and have failed to carry out the purpose 
for which they were intended. In other words these 
shoestrings in themselves were unstable and could not 
tie the systems together. In many of these cases, 
fortunately, the reason for the tie was more sentimental 
than real, and the systems tied together being self 
sufficient, no harm was done when they broke apart. 
The case of a superpower intCTConnection would be 
another story and a break apart might be serious. 

We first became interested in this question as a result 
of a study of the possibilities of troubles due to connect¬ 
ing large hydroelectric generating plants through long 
•transmission lines with large public utilities distributing 
power. This study has thrown a new light on this 
whole cl^ of operating phenomena and a number of 
happenings which were mystifsdng in the past, in the 
light of knowledge gained by this study have very 
‘simple explanations. 

To cite a few examples, we have all heard of the fading 
out of power from a hydroelectric source supplying a 
utility. We have also heard of power surges which 
appear to be of more or less harmonic character; that 
is to say, a generating plant has a period during which 
it alternately acts as a motor or generator. These cyclic 
changes may be relatively slow and will be indicated by 
the wattmeter which will swing in synchronism with 
the load changes. The system in such a case has 
already passed the point of stability although not in¬ 
frequently the generator ultimately falls in step again. 
The effect on a large system may be qinte serious as 
synchronous motors may be thrown out of step during 
the period of unstable operation. 

In the case where the generating station has not 
passed the point of instability, it may oscillateaboutthe 
point of stable operation for several seconds, this being 
evidenced by oscillation of the station wattmeter until 
the tdtimate operating position of the gen^ator rotors 
is reached. These characteristics will be further 
elucidated after the elements entering into the problem 
of stability have been considered. 

The first study of a phase of the problem of stability 
was made by the, late.iDr. C. P. Steinmetz. In his 
paper which was published in the 1920 Transactions 
of the A. I. E. E., he confined himself to the analy¬ 
sis of system troubles but did not give consideration 
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to its aspect as a possible limitation in high-voltage 
transmission. 

The consideration of a superpower network extending 
over the Eastern States and perhaps eventually over a 
great part of the United States and Canada has 
emphasized the importance of a careful study of the 
factors influencing the stability of large superpower 
systems with a view to controlling and improving the 
characteristics of the various units entering into the 
problem. 

I take it that a criterion of operation must be set up 
for each portion of the superpower program. It 
cannot all be carried out at once; therefore each portion 
must conform to some standard of operation. What is 
this standard to be? I feel that all public utility engi^ 
neers will be xmanimous in insisting that each portion 
of the proposed program when completed and in 
service will perform this service with at least the same 
reliability as the best that has been obtained in similar 
existing power supply systems. By reliability I mean 
freedom from interruption and ability to deliver load 
at the proper voltage. 


ture current sets up in the field current and damper 
winding changes in the currents which tend to annul 
the magnetic effect of the change in armature current 
so that the field tends to remain constant for a sub¬ 
stantial period after the change takes place. If it were 
not for the resistance of field and damper windings, 
these transient currents would persist and the generator 
or s 3 mchronous condenser would be to a certain extent 
self-regulating. There would be a drop in terminal 
voltage due to the increase in load, however, due to the 
imperfect magnetic coupling between field and armature 
and this ^op may be termed the leakage drop. 

Since it is not possible to get away from resistance 
in the damper and field winding, recourse is had to an 
exciter system which builds up the field cxnrent faster 
than this induced current dies down. Thus the effect 
is the same as, or better than, what would be obtained 
if the field and damper windings had no resistance. 
It is possible to carry this method of compensation to 
the point where the terminal voltage remains substan¬ 
tially constant during sudden changes in load or other 
disturbances. 


The nature of the standard set up for superpower 
lines will influence not only the type of line construc¬ 
tion used but also the characteristics of the generators 
and synchronous condensers. It may be necessary to 
look into the secondary transmission lines to insure that 
they do not prove to be the weak link in our chain. 
Where long transmission lines are involved, intermediate 
s3mchronous condenser stations will prove economical 
provided that condensers of proper design are used. 

It is necessary therefore in studying the stability 
of superpower systems to consider also the character¬ 
istics of generators, exciter systems, condensers, etc., 
to^ ascertain what type of design will prove most 
smtable for superpower extensions and will insure the 
highest degree of stability. Other apparatus such as 
circuit breakers, relays, etc., will have an influence on 
the problem, but the generator with its exciter and the 
synchronous motor are the fundamental elements in 
the problem of stability. 

Electrically both generators and synchronous con¬ 
densers are extensions of the main transmission line 
with somewhat different characteristics. But, as we 
know, transmission lines differ in characteristics, and 
no appreciable error is incurred by ignoring the dis- 
mbuted capacity in low-voltage transmission while 
m the case of 220 kv. it becomes of supreme importance. 
The same thmg is true of generators and synchronous 
wnden^ra; aese may appropriately be considered as 
tr^srmssion lines havmg reactive impedance (although 
^turabon wiU affect the constancy of the reactance), 
oijy slow changes in load witkont 
to matto of stobility: but when studying mat- 

^ tranaient, both must 
be considered mth referenM to their exciter and damper 
mndmgs ^ that the action becomes that of coupled 

circuits. Theresultotthisistbatanychangeina^. 


There are other ways of course by which similar 
results may be obtained, but these involve new develop¬ 
ments whereas that cit^ above follows along standard 
well-tried lines. 

The above, together with the transmission line, the 
characteristics of which are well known, constitute the 
electrical elements entering into the problem. There 
are other elements which come into our picture due to 
the fact that our generator, synchronous condenser, 
and the load are not only electrical transmission systems 
but also mechanical transmission systems having 
inertia and these systems are coupled with the electric 
system by a torque-speed or power coupling. This adds 
very considerably to the complications when we try to 
compute what takes place with a sudden change in 
conditions. We shall return to this subject later on 
when we look into the problem of transient stability in 
more detail. 

I have enumerated above the physical and electrical 
characteristics of machines that enter into the problem 
of stability. In addition to this the problem is tied up 
with the action of the various relays such as those con¬ 
trolling the exciter voltage, the hydraulic relay devices 
controlling the gate opening, and the steam throttle 
governors, the relays controlling the operaition of circuit 
breakers in cutting out sections of transmission lines 
when a ground or short circuit takes place. It will be 
obvious to engineers that to take accurate account of 
all these factors would be a hopeless proposition, so we 
proceed on the basis of ignoring such factors as appear 
not to influence the problem to any appreciable extent. 
For example,'the assumption is usually ma do for 
ransient stability that the power input to tiie generators 
remains unchanged during part of the disturbance; this 
is justified due to the extreme sluggishness of hydraulic 
governors. 
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Transient Stability 

Much has been heard in recent years of stability 
but no clear and comprehensive definition of the term 
has been published. Stability may he defined as the 
cajiacity of a power system to remain in equilibrium 
under steady load conditions, and its ability to regain a 
state of equilibrium after a disturbance has taken place. 
The first part of this definition is referred to in this paper 
as “static stability,” and the second part as “transient 
.stability.” It should be noted that after a transient 
disturbance, the system will not necessarily seek the 
original state of equilibrium. 

The problem of stability is one of securing a proper 
balance between mechanical input to a generator and 
its electrical output, and the electrical input to a motor 
and its mechanical output, the electrical quantities being 
dependent on the characteristics of the machines and 
of the .system as a whole. It is, therefore, an exceed¬ 
ingly complicated problem, involving mechanical fac¬ 
tors such as inertia, governors, gate speeds, etc., and 
also electrical factors such as machine characteristics, 
line constants, breaker operation, etc. 

The natural tendency of a generator connected to a 
power system is to deliver electrical power equal in 
amount to the mechanical power delivered to its shaft 
le.s.s its own losses. This condition of equilibrium is 
satisfied when the counter-torque due to armature cur¬ 
rents and field is exactly equal to the mechanical torque 
applied at the shaft by the prime mover. When such 
a .situation arises that there is a diligence in the 
mechanical and electrical torque, the generator either 
speeds up or slows down until a new position of equilib¬ 
rium is reached; and during the transition stage, the 
inertia forces due to the moving masses act in a manner 
which tends to prevent any change in speed. 

In thinking over these questions, it is well to consider 
all the aspects a generator or system of generators may 
take. It may be purely a generator or take on the 
characteristics of a synchronous condense, or even of a 
motor. The torque on its shaft working as a generator 
compels it to deliver sufficient power to equilibrate the 
applied power.. In attaining this state of equilibrium, 
moving from the initial position where the machine 
acts as a synchronous condenser (no external load) to 
the position where it acts as a generator, the rotor is 
accelerated, so that when equilibrium is reached, the 
rotor, considered as a mechanical cyclic system, has 
advanced in phase. This advance in phase is just suffi¬ 
cient to cause the equilibrating current to flow as in a 
simple transmission line, so that the power input and 
output diagram of the generator would be ^ctly the 
same as that of a simple transmission line, if it were not 
for the effect of saturation and the ^ect of internal 
magnetic coupling during the transient state. The 
phase advance of the rotor is just equal to the phase 
angle between the terminal voltage of the niaehine and 
the component of internal voltage due to the direct 


current in the field. This phase angle, however, is not 
the time angle of advance for the reason that the dec- 
trical torque depends upon the action between armature 
current and the actual field—^not a fictitious field. The 
actual field is produced not only by the field current, 
but also by the armature current. 

When a change in input or output of a generator 
occurs, currents are set up in the field circuit and 
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dampers which tend to maintain field and the voltage 
generated thereby at their original value. At the same 
time, the rotor takes up a new position, and in so doing, 
in^tia torques are introduced which must also be taken 
into account. 

The proper value of voltage to take account of in 
matters of stability is therefore the voltage set up by 
the true field which is the resultant of the d-c. field 
current, induced field currents, damper currents, and 
the armature currents; this is the e.m. f. actually 
generated by the field and which is required to establish 
equilibrium between electrical and mechanical torques. 

Let us analyze the problem with a simple system, 
g-ggnmiTig a generator suppl 3 nng power to a syndironous 
motor over a two-circuit transmission line as indicated 
in Fig. 1. For the steady-state condition, there will 
be a phase angle between the internal e. m. fs. of the 
generator and motor. This angle is a function of the 
load, and in general varies in the maimer shown in Fig. 
3, which is known as a “power angle diagram.” In the 
^iggr am , let Po represent a particular input to the 
generator. For this input, ao is the angle between the 
genmtor and motor e, m. fs. for the, steady-state con¬ 
dition, or point of equilibrium. 
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' It will be noted that it is possible to obtain another 
solution corresponding to a' which is, however, ^ 
uiuitable solution. Let us consider a small increase in 
tiie atiglp a beyond a This will cause a corresponding 
drop in the output, and consequently since the input is 
constaait, the generator will accelerate and increase the 
angle of advance, the effect being cumulative. In the 
of a small decrease in the angle a from a', the gen¬ 
erator will slow down or move in the direction of ap. 
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A similar analysis shows that a:o is a point of stable 
equilibrium, because small displacements from that 
point will set up forces tending to restore the system 
to the point cto- 

It is evident from the diagram that the load can be 
increased to the value indicated by which represents 
the static limit for the circuit assumed, and with the 
generator and motor voltages maintained. While 



Fig. 3—Angle Diagram op Simple Power System Based on 
Constant Voltages at Both Ends 

there is a definite static limit dependent on the circuit 
characteristics and on the voltage conditions, there is 
no well defined limit for transient stability. In fact, 
it is necessary to specify both the load and the magni¬ 
tude of the disturbance in order to determine the 
transient stability limit. 

If the system is operating with the power input Po 
and a disturbance takes place, causing the angle a to 
increase beyond the value a', it will be unable to recover 
itself, even though the disturbing force has been re- 



Fig. 4—^Angle Diagram op Simple Power System for 
Switching Operation 

Curve I Initial condition 

Curve II Condition after switching 

moved. In general, the disturbance will affect the 
generator and motor ,in different ways; consequently 
it will be necessary to employ two power angle diagr ams 
in stud 3 dng conditions during disturbances, one repre¬ 
senting the generator end, and the other the motor end 
of the system. 

The principal conditions of operation tending to 
produce instability in a power system are as follows: 

a. Line switching 

b. Load swings 

c. System faults 


As an example of line switching let us consider the 
simple system shown in Fig. 1 and Fig. 2 and assume 
that line Li is opened at either end. In this case the 
power angle diagram may be represented as shown in 
Fig. 4, for the condition before and after the switching 
operation. Let us assume that the power input to the 
generator is Po and that the original steady state angle is 
Q!o. After the switching operation the new position of 
equilibrimn will be reached at a^'. When the system 
is operating at ao the opening of the line Li reduces the 



Pig. 5—^Anglb Diagram op Simple Power System for Sudden 
Increase in Load 

power that will be taken over the system at that angle 
by the vertical distance between the power input curve 
and the new output curve. The power represented by 
the distance point 1 to point 2 represents that consumed 
in accelerating the generator rotor. Because of this 
acceleration the angle a will increase along the new 
curve towards point 3. As it approaches point 3 the 
accelerating force will decrease and the velocity will 
increase until at point 3 the accelerating force will be 
zero and the velocity a maximum. As a result the rotor 



Pig. 6 Power Angle Diagram for Short-Circuit 
Conditions 

Curve I. Initial condition 

Ila Low resistance fault 
lib High resistance fault 
III Final condition after fault is cleared 

will overshoot towards point 5, a retarding force being 
set up which will increase as the point 5 is approached. 
At point 5 the velocity will be normal and the retarding 
force a maximum tending to bring the rotor back to 
point 3. The amount of the overswing will be such 
that the area 12 3 equals the area 3 4 5 except for the 
damping action due to losses. Because of the losses the 
swings will become smaller and smaller, oscillating about 
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the final position ao'. For the case considered the 
system is stable since the overshoot does not carry it 
beyond the point a'. 

Load swings differ from switching operations in that 
the circuit constants remain substantially the same and. 
the input and output vary, whereas, with switching, 
the input and output remain substantially the same and 
the circuits constants are changed. Considering again 
Fig. 1, and as.suming that the load is increased as indi- 
cate<i ill Fig. 5 from Po to Pi, if the increase is suddenly 
applied, the prime mover governor not responding 
immediately, the increment of power will have to be 
supplied by the kinetic energy of the system, slowing it 
down. This action will cause the governor to act and 
restore the speed to normal by increasing the input to 
the system to correspond to the new output. Initially, 
however, there will be a disturbance due to the falling 
back of the motor with respect to the generator increas¬ 
ing the angle a between them, and there will be an over- 
swing similar to that described in connection with the 
switching operation in Fig. 4. The generator and motor 
will oscillate with respect to each other but together will 
slow down towards the new angle of equilibrium ao'. 



Fio. 7 —Anolk-Timis Diaquam ok Snwri-B Power System 


T Rwil(jhing Conditions—Stable 

It High resistance fault—Stable 
ITT ITigh resistance fault.—Unstable 

The change of power input by governor action will in 
general necessitate the use of several power angle dia¬ 
grams to properly represent the intermediate steps. 

Short circuits present considerably more complications 
than switching operation and load swings due to the 
fact that three distinct networks are involved: 

a. The original condition prior to the application of 
the short circuit, 

b. A second condition while the short is on the 
system. 

c. A third condition when the fault has been cleared, 
usually by a switching operation. 

The second condition is what makes the short circuits 
radically different .from switching operations or load 
swings. The short circuit may incr^e or de< 3 -ease the 
power input according to whether it is a high- or low- 
resistance fault. A high-resistance short circuit usually 
occurs in the form of a fault to ground in a grounded 
neutral S3retem. There is a certain resistance for which 
the power increase will be a maximum. 


The effects of the two types of shorts are indicated 
in Fig. 6. Let Curve 1 represent the power angle dia¬ 
gram for the initial conditions with Po, ao as the point 
of equilibrium. Curve I lo will represent the conditions 
with a low resistance fault applied to the system. An 
oscillation will be set up about point 3 between 1 and 2 
as described previously when considering switching 
operations. The circuit breaker may open at almost 
any point during this oscillation, for example at point 4. 
The opening of the breaker immediately modifies the 
circuit conditions and a third network is set up of which 
the power angle diagram may be represented by Curve 
III, the power output being changed from point. 4 to 
point 5. In general the transition from the network of 
II a to the final network of III will be accompanied 
by a second oscillation due to the fadt that either the 
angle initially will not correspond to ao', the angle of 
equilibrium, or the velocity will not be such as to satisfy 
the condition of equilibrium; the system will therefore 
oscillate about the point of equilibrium, point 6 in the 
diagram. 

In the case of a high resistance fault it is possible 
for the power output of the generator to be greater than 
the input as indicated by the Curve II i. In fact 
power may be drawn from the receiver end of the sys¬ 
tem to supply part of the energy absorbed in the fault, 
for which condition the angle becomes negative. The 
sequence of events is similar to that previously described 
for the low resistance fault. It will be noted that 
stability is indicated in case the breaker opens at the 
point 4' because the energy absorbed during accelera¬ 
tion (area under Po) is less than the energy that can be 
given up during retardation (^ea above Po). Pull out 
would occur should the breaker open at 4" instead of 4'. 

It is obvious from these considerations that the 
fault reastance is of prime importance in the considera¬ 
tion of short circuits. Unfortunately there is very little 
information available at the present time conceraing the 
resistance of faults under high current conditions. 

In the preceding discussion an attempt has been made 
to give a general picture of the phenomena of stability. 
Co-tain simplifying assumptions have been made which 
in the more general cases will require modification; for 
example, the mechanical inputs and outputs of machine 
are assumed constant. ^S^en the actual values are 
known as a function of time, suitable correction can be 
made. In this connection it may be pointed out that 
the stability limit for transient disturbances could be 
increased if the governors were made to regulate the 
input to the generators to correspond more closely 
vdth their output. Another simplifjfing assimption 
made in the above discussion is that of constant internal 
voltage of the machines. The effect of this may be 
corrected for by drawing up several powa* angle curves 
for different voltage conditions. 

In the determination of the angular swings of the 
system and the stabflity limit, it is necessary to employ 
the point by point method of analysis, all the forces for 
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each point being in equilibrium. The computation of 
the changes in the values of internal voltage during 
transient conditions is best accomplished by the “two 
reaction method” which permits the utilization of 
different time constants for the two components of 
main field flux. By this method it is possible to take 
into account the effect of cross-magnetization and also 
the effect of the excitation system. The two reaction 
method also permits the determination of the mechan¬ 
ical rotor angle, which must be taken into account in 
the consideration of the inertia effect. 

Power angle diagrams do not show time; therefore, for 
the final results, it is preferable to use curves, with time 
as absciss^, since stability depends upon factors which 
.are functions of time. The angle between the e. m. fs. 
at the two ends of a system or the variation in the angle 
as a function of time gives a very satisfactory criterion 
of stability. These angle time curves will have the 
general form indicated in Fig. 7. Curve I shows a 
switching operation; Curve II and Curve III show 
a short-circuit condition with a high-resistance fault. 
Curve II shows the breaks opening at such a point 
that stability is obtained and Curve III shows the 
breaker opening at such a point that instability results 
as indicated by the continuous increase in the angle. 

The object of this discussion is to review the principal 
factors entering into stability and to provide an ade¬ 
quate visualization of the problem. It is beyond the 
scope of this paper to go into the detailed calculations 
of the magnitude of ssratem disturbances and stability 
limits. In this respect it serves as an introduction to a 
more detailed paper by Messrs. Evans and Wagner 
which is being prepared for the Midwinter Convention 
in 1926. 

In the above rather cursory analysis of the factors 
involved in the problem of transmission stability I have 
tried to stress several important points which I repeat 
below: 

1. Stability is a characteristic of an entire power 
system—not of any particular tie line-and in the deter¬ 
mination of limits, it is necessary to have a complete 
diagram of the system with full data on connected ma¬ 
chines, lo^, etc. Care should be taken to select for 
consideration operating conditions which are likely to be 
the most severe from the point of view of stability. 

2. The standard of service in a superpower systetn 
must be of the highest order. While it is recognized 
that stability cannot be expected under all abnormal 
conditions, in my opinion the stabilty criterion should 
be that s3mchronism be maintained under single-phase 
faults to ground followed by the switching out of the 
faulty section. 

A method of analyzing stability is indicated, based 
on so-caUed ^power-^gle” and “angle-time” diagrams. 
These diagrams take into account both the electrical 
and mechanical transients by a point to point method. 
The changes in machine fields are computed by 
Blondel's two-r6action method, as this permits the . 


separate determination of the two components of 
flux, which have different paths and different time- 
constants. 

Conclusions 

In conclusion, particular attention is called to certain 
factors entering into the problem such as characteris¬ 
tics of machines, time required by relays and circuit 
breakers to open, speed of operation of governors, re¬ 
sistance in the ground faults, and earth connections. 

As a result of the above analysis the following 
methods of increasing stability suggest themselves: 

a. Improved inherent regulation of machines which 
can be obtained without greatly increased cost. ' 

b. Increased speed of excitation; this possibility 
was discussed at the Philadelphia meeting of the 
A. I. E. E. in connection with the paper by Messrs. 
Bush and Booth. 

c. Modification of the prime-mover governor more 
closely to regulate the input to the generator in accord¬ 
ance with the requirements of the transient, thus re¬ 
ducing the mechanical oscillations. 

d. Development of a high-speed breaker and relay 
system to reduce the oscillations subsequent to the 
opening of the breaker. 

e. Reliable data on groimd resistance are very much 
needed, particularly under conditions of high fault 
currents. I would like to enlist the cooperation of 
public utility engineers in obtaining this information, 
as the value of ground is one of the controlling factors in 
the problem of transient stability. 

f. The calculation of transient stability is, at best, 
a very tiring and long drawn out job. In view of the 
importance of making such computations in the case of 
every important branch or connection of the proposed 
superpower system, every effort should be made to 
reduce the labor involved in these computations^ If an 
artificial model can be devised which will supply all the 
factors in their right relationship with one another, such 
a method of solving problems will be welcomed. A 
purely mathematical solution seems out of the question 
as the problem when reduced to the simplest form in¬ 
volves elliptic functions. Very few engineers are suf¬ 
ficiently familiar with these functions to be at ease in 
handling them. 

I wish to express my appreciation of the help ex¬ 
tended to me by Messrs. R. D. Evans and Powell in 
writing this paper and by Mr. Dovjikoff in making 
the sketches and checking the text. 

Appendix 

Review of the “Static Stability” ■ 
Introduction 

In the papers presented at the 1923 Midwinter Con¬ 
vention at Philadelphia by my colleagues and myself 
we confined our attention to the phenomenon of sta¬ 
bility which has been termed static stability. There 
was some criticism of these papers on the grounds that 
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(U«l not cover all there was to be covered in regard 
to stability of transmission systems. I think that I 
have .said enough as to the elements that enter into the 
jirobleni to indietite how hopeless would be any at¬ 
tempt to cover the subject generally in one paper and I 
may s;iy in passing that this paper makes no pretense to 
go int;o del ails on any i)art of the problem but is more in 
the nat urc of an introduction to a paper by Messrs. 
Evans ami Wagner which is in preparation for the next 
Midwinter (’onvention. The .static stability problem 
appeared I o be t he stability problem in its simplest form 
tmd it .seemed U) us appropriate to begin the study of 
stsibility by a .seri«*.s of papers on this limit to the 
operation t)f t,ran.smi.ssion lines. That this is one of the 
important limits in ojicration under emergency condi¬ 
tion is evident, from the following statement by Mr. 
li. A. Earn! in an article by him published in The Elec- 
trir J tin r util, .lune, 1925. 

In fi luii^ trailAinissioii lino, oarofnl 

itiii nuihl ho jLjivt*ii it) Itsstahility, hooanso thooeommiio 
Inail ninl Hio ulliiiial«M*a.n\viiiKou|aioity nf tlio liru3aroof tlio same 
iirih r. Siuilif?; of iiijij (Voi'k lino indicaito that, with only a 
lino in si^rvlof*, tin? iiltiiimt4?<auTyhia:oapaoity under steady 
losni oinnlifioiiH shoiihl hiMihout 180,000 kvv. at the fcenerator end. 
On ono ennwiMT.v, tliis tMindifhin was actually reiKdiod. One 
windf' lino w uH takon out of nerviett on a Sunday for maintonanee 
work. Ahonl six oNdoek in the aflornooji tho load built up very 
rapidly to ISd.lHlO kw. when tiu* synchronous apparatus at tlio 
two elids of I he line wf*at t»nt of The volta|?c dropped 



nf^arly fo /.ero, htn ereil t hens for uwlilk? and then gradually built 
up f 4 i iiorniak About fifteen luiniites later the load again built 
lip to 18:5,f«Hi kw. and thi; whohs pnrfonnanee was repeated. 
Soon after the vollaKct eanie to normal the second time the oUior 
line was swiPdied into sarviee and there was no further trouble. 
Ho far UH w« know, this is the first lime tliat a long high-voltage 
Hill* huK passed through this unstable condition. 

The static stability limit will depend upon two con¬ 
ceptions. The first has to do with inherent stability 


and is based, on the assumption that the regulator sys¬ 
tem is too sluggish to act before the transient current 
which tends to counteract the demagnetizing effect of 
the armature current has died out. This is the same 
as assuming constant excitation. The second considers 
the proposition that the dying out of the transient is so 
slow that the regulator has, in general, time to get into 
•effect before the field has had time to change appreciably, 
so that the limitation is set not by the synchronous 
impedance of the generators motors and condensers but 
by the leakage impedance, which should also include the 



leakage set up by the induced rotor currents. This is 
the same as assuming constant internal voltage. 

There has been a great deal of discussion as to the 
proper basis on which the static stahility should he 
determined. It has been argued that the synchronous 
impedance is the controlling influence but tests up to 
date indicate that this assumption is much too pessi¬ 
mistic; the second condition appears to be a reasonable 
assumption provided the rate at which excitation is 
required is not in excess of the ability of the exciter 
. S 3 ^tem. Several pi‘opositions that are necessary to a 
proper understanding of the subject will now be given 
consideration. 

1. An iriherently compensated genercOor has no power 
limit. This of course is an ideal that would he Impos¬ 
sible in practise since internal heating would always be 
present in a practical machine. Several methods have 
been proposed for the internal compensation of genera¬ 
tors, which are theoretically correct, but from a manu¬ 
facturing point of view impractical. Even if such a 
generator were practica.ble the limitation of prime 
mover governors would make it of doubtful value. 
It is, however, a useful ideal to keep in mind when con¬ 
sidering problems of stability. 
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2. A generator having a fixed value of excitation will 
have a power limit depending on the nature of the load. 
This power limit depends upon the value of the terminal 
voltage obtained under load and is therefore larger for 
leading power factor loads than for lagging power factor 
loads. The quantity entering into the terminal voltage 
regulation is the synchronous impedance which will 
vary with the field saturation and therefore is a rather 
crude quantity to use, but it serves quite well in illus¬ 
trating the problem of stability qualitatively. If the 
load varies in power factor in such a way as to maintain 
constant terminal voltage as well, the load limit is quite 
definite and is obtained by a circle diagram of the same 
form as that for a simple transmission line. If we make 
a family of such circles (Fig. 8) using different values of 
terminal voltage, the loci for loads of constant power 
factor are lines drawn from the origin cutting the 
circles and stopping at the envelope returning back 
again to the origin. The power limit when the power 
factor is fixed is therefore the value of the load indicated 
by the intersection of this line with the envelope. 

3. A generator having its internal voltage fixed will 
have a load limit depending upon the nature of the load.. 
The same comments as in the case of proposition (2) 
applied here with the added statement that the actual 
load limit will depend upon the ability of the exciter 
system to maintain this constant field during changes 
of load. 

Static Stability of Generator and Load. (A dead react¬ 
ive load). A generator excited in the usual way will 
be stable for loads having only, fixed resistance and 
inductance and the terminal voltage of the generator 
will be maintained constant within the limits of the 
capacity of the exciter system. During the transient 
stage, following an increase in load, there will be a fall 
in terminal voltage due to the leakage reactance of the 
generator, but this will be corrected as the exciter builds 
up the field. During the first transient stage, the field 
is kept practically constant by the corrective currents 
flowing in the field circuit and in the damper windings. 
The relation between internal voltage of the generator 
and the load may be easily obtained (Fig. 9) by drawing 
the power output circles for constant terminal voltage 
of the generator with varying internal voltage, drawing 
the locus for a constant power factor load which is a 
straight line drawn from the origin inclined at cos“* a 
to the axis of X. It will then be seen that, while the 
diagram indicates no limit, if we superimpose on this 
diagram a similar diagram for the same values of inter¬ 
nal voltage but for a terminal voltage slightly less than 
the original value (Fig. 9), the power circles of the last 
diagram corresponding in internal voltage to that of the 
first will not always be outside the first, showing that 
an increase of admittance will result, after a certain 
load, in decreasing power at a -given power factor, 
with the internal voltage considered constant. The 
condition when the first circle is wholly outside the 
second takes place in the neighborhood ot = 2 E, 


and for values of Eo above this there will be a tendency 
for the voltage to dip on application of additional 
load of any power factor. 

Dead Load with Leading Power Factor. In the dia¬ 
gram just given, the generator is assumed to have 
practically no resistance, so that the center of the con¬ 
centric system of circles lies on the Y axis; the following 
construction, however, holds for generators and motors 
having resistance. If a circle is drawn having its center 
at the origin passing through the center for Es = 100 
per cent, this circle is the locus of intersection'for the 
circles having the same value of Eo but slightly lower 
value of Es with the system of circles representing 
E, = 100 per cent. 

The Cartesian equation of the system of circles given 
in Fig. 9 is given by 

(P. - Ef g)^ + (Q. - Ef hy - Ei Ef g^) = 0 

■ . 

In this equation the values Po E, are parameters, fixed 
values of these quantities giving one of the members. 

Let us consider the system P, = constant; the sys¬ 
tem is a system of concentric circles with center at the 
point Ps = — g Ef; Q, = — b Ef. If now we consider 
E, to vary somewhat from its fixed value, let us say 
diminish slightly, the family of circles for the diminished 
value of Ps will intersect the other family of circles 
at certain points which will have significance because 
at these points the value of power delivered will be 
stationary because with increased admittance the volt¬ 
age will tend to drop as fast as the current increases, 
the value of Po being considered fixed. 

To obtain the locus of these intersections, differentiate 
(1) with respect to P, and equate to zero; this gives us 
2 g (P, - Ef g) +2 &'(Q, - Ef b) + Ey {b^ + g^) = 0 

( 2 ) 

Eliminating Pq^- between (1) and (2) we have 
Pf + Qf + E/ (b^ + g^) - 2 Ey (b^ + g^) = 0 

or 

Ps^ + = Ey (¥ + g^) 

This is the locus of intersection of contiguous circles; 
Ps = constant when Po is the parameter and represents 
the loci of intersection of contiguous members of the 
family when Es is considered to decrease slightly. It is 
a circle having the origin as center and which passes 
through the center of the family of concentric circles. 

The circle touching the origin represents the condition 
of equality between internal and terminal voltage and 
all the circles that lie within this circle represent the 
condition of load in which the internal voltage is less 
than the external voltage; this condition can only occur 
at leading power factor. It will also be observed that 
where a line from the origin touches one of the circles, 
this represents a double solution and all such solutions 
lie within the circle locus. All points of intersections 
between constant power factor loci and the circles for 
P, = 100 per cent contained in this region within the 
circle locus represent loads that are essentially stable 
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in fhanu'ter, whemis the values obtained outside this 
retrion are inherently unstalele, I'or the reason that an 
inereast' of loatl does not ledce place naturally since the 
eireh* for a slijrhtly lowis- terminal voltage and the 
same valut* of inUnmal vollajie us existed before the in¬ 
crease falls within tlu* correspondinjj; circle for the 
t»ri.!iinal t ermitial voltajie and this same value of internal 
voltaue. 'Phis illustrates tlu^ resison why under certain 
eomlitions the natural n'ftulaUon of a system maybe- 
come (juitt* batl so that t.lu're is a tendency to produce a 
slump in \H)lta.i{e when addit ional load is thrown on, so 
fast that the exciter cannot keep up with it. If, how¬ 
ever. tlu* charatd.erist.ic of the loatl is such as to give 
more leatling current,, or what is the same thing less 
lagging current , with decrease* in terminal voltage the 
stability is greatly increa.setl. 

luihirtiuii Motor Load. 'Phis does not differ essen¬ 
tially frtnn the deatl inductive load discuased above but 
the it'udency to slump in voltage after a certain load 
may be so mttrkt'd that the exciter will not be able to 
cope wit h it and tis a rt*sult the mot.or may fall in speed 
lu'low its pull-out point. 

Sllttvhroiioun Motor hmd. Aasuming that the termi¬ 
nal voltage* is m!untaim*d <*onsl.ant, we shall have 
thn*e met hods by which this may be done: 

1. Uy genenitor field alone, synchronous motor 
exi'itation being kept constant. 

ii- Hy synchronous motor field alone, generator 
field being kept constant. 

liy varying both generator and synchronous 
m<»l or field so jis to get tiie be.st rasulte. 

'I’he circle <liagram for the input to a synchronous 
motor witli constant terminal voltage is similar to that 
of a generator with con.stant terminal voltage except 
that the center of the circles is on the opposite side of 
the origin. In fact if the internal impedance of the 
two muchimjs is the.sarae, the motor circles are the images 
of the corresponding generator circles with respect to a 
line passing through the origin at right-angle to the line 
joining the centers of the generator and motor circles 
which alst>*pa.s.se8 through the origin. 

For the condition of constant internal field in the 
motor, the circle corresponding to this field strength is 
the locus for the power input to the motor. The 
generator circles passing through these points give the 
generator field recfuired to maintain the terminal voltage 
at l.he given value. It will he readily seen that a limit 
to the amount of power that can he delivered is quickly 

reached. , . , 

For the condition of constant field of the generator 
the projier generator circle is taken, and the same com¬ 
ments apply as for the first case. . , , ,, ,. 

Next let us consider the case in which both machines 
are regulated; this must follow some specific scheme as 
lH>th machines cannot regulate to maintain voltage. 

For the condition of constant power factor, the power 
factor line gives the locus of the points of inter^chon 
of motor and generator power circles which will give the 


proper field strength for this condition with each value 
of load. 

Mathematically, if unity power factor is taken, for an 
ideal generator and motor, that is to say, machines hav¬ 
ing no resistance, there is no limit to the amount of 
power. Actually the limit is set by the exciter system, 
for when the internal or field voltage reaches a certain 
value indicated by the circle of intersections, more power 
cannot be taken by the motor or delivM'ed by the genera¬ 
tor without an increase in the field strength of either or 
both machines. This may be shown graphically by 
drawing the circle diagram for the two machines based 
on this value of field voltage and varying terminal 
voltage; it will then be seen that the only solutions 
possible under these conditions give lower values of 
power. Therefore, further demand on the system must 
be supplied by an immediate increase in field strength 
or else the characteristics of the motor changed so that 
it delivers more leading current as the voltage decreases. 

This condition does not necessarily imply instability 
but it indicates that without the aid of the exciting 
system a further increase in load admittance may be 
sufficient to cause the two machines to fall apart and 
this might also happen if the exciter system were too 
sluggish. 

The point I wish to emphasize in this discussion is 
that the stability of such systems depends on the ability 
of the system to inherently supply the necessary watt¬ 
less power required to meet the sudden demand for 
power; fortunately, except under abnormal conditions, 
the demand is relatively slow and plenty of time is 
given for building up the field to supply the necessary 
wattless power. 

The interposition of a transmission line still further 
limits the load that can be transmitted between the two 
s 3 rstems. I wish to take this opportunity to correct a 
statement that has repeatedly been made to the effect 
that the distributed capacity of a. transmission line 
compensates the reactance of the line. It is true of 
course that at light lo'ads it causes a rise of voltage 
along the line but it also increases the range of regulation 
and increases the tendency toward instability. It does 
not cut down the size of synchronous condensers as 
much as is popularly believed because the total range of 
•regulation of the machine is increased, requiring 
lagging kv-a. at light loads and leading kv-a. at heavy 
loads. 

To determine the static stability of a system consist¬ 
ing of generators, transmission lines, and synchronous 
motors on the assumption that the voltage is held con¬ 
stant at the sending and receiving end, of the trans¬ 
mission line, the circle diagram of the transmission line 
at the receiving end is drawn, and the power circles of 
the input to the motor are also drawn to include the 
step-down transformer impedance on the same scale 
and superimposed on them. The same thing is done 
for the sending end with the generator. Several values 
of field voltage of the motor are then taken and the 
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corresponding values for the generator are obtained in 
the usual way from the second diagram. The circles 
for constant field voltage of this value with vaiying 
value of terminal voltage are then drawn with the cor¬ 
responding value of transmission circles for both 
sending end and receiving end assuming simultaneous 
reduction in terminal voltage at each end. If the value 
of power input remains stationary for a slight decrease 
in terminal voltage the point of instability is indicated. 
Another procedure is to construct the circle diagram for 
the whole system including the generator and the 
motor leakage reactances checking up with the com¬ 
plete generator diagram, that is to say, the input of the 
generator considered as part of the transmission 
system and the output of the motor considered the 
same way. If maximum output is indicated for either 
machine with constant internal voltage this will be the 
point of instability. 

I have dwelt some time on the problem of static sta¬ 
bility because it is a necessary introduction to the main 
problem, that of transient stability, as it contains a 
number of the important elements required in the 
consideration of the transient stability problem. I 
have particularly considered the sjmchronoiis motor for 
the reason that the characteristics' of most supply 
systfflns can probably be fairly well expressed by a 
modified form of a s 3 mchronous motor load. 

Fig. 1 shows the generator, transmission line, and 
ssmchronous motor in the form of a diagram. Mg. 2 
shows the simplest form of power system in the form of 
an electrical diagram. In this diagram the internal 
voltages of the collective machines, reduced to a com¬ 
mon voltage, are expressed by a figure in a circle. It is 
api)arently not a far cry from the first form of circuit to 
the second. The main reguirement is to obtain an equiva¬ 
lent system which will give the same voUage wattless power 
characteristics as the system under investigation. It is 
important to obtain reliable data on the characteristics 
of systems that are to be connected to a high-voltage 
transmission line as the charactw of the loads will have 
a great deal to do with the stability of the transmission 
line. 


Discussion 

FUNDAMENTAL CONSIDERATIONS OP POWER LIMITS 
OF TRANSMISSION SYSTEMS 

(Doherty and Dewey) 

AND 

ANALYTICAL DISCUSSION OF SOME FACTORS 
ENTERING INTO THE PROBLEM OF TRANSMISSION 
STABILITY 

(Fortescub) 

Seattle, Washington, September 16, 1925 
P. H. Thomass The paper by Doherty and Dewey empha¬ 
sizes eveninore than those of previous date the part played by the 
terminal apparatus in stability of operation. Of course, it 
matters not what the electrical equations show as to the theoret¬ 
ical capacity of a long line if when terminal apparatus be applied 
to supply power and receive load the combination is unstable to 


operate, as might easily be the case with loads anywhere nearly 
approaching the theoretical capacity of the line should the usual 
present designs of synchronous apparatus be used. 

However, we have this fact to remember: the capacity of the 
line as shown by equations is an absolute limit without power of 
change until some of the physical constants of the line are 
changed, while the limitations of the Umninal apparatus ai*e 
merely matters of economy and cost. The very long transmis¬ 
sion line may well represent $125 per kilowatt of delivered power, 
while the terminal apparatus costs much less, at least so far as 
the securing of suitable stability characteristics is cmicernod. 
If the choice lies between limiting the maximum duty of the long 
line and adding to the terminal-apparatus cost, the latter course 
is to be chosen, generally speaking. 

The proposal to correct by simultaneous and automatic 
support of the field magnetizing turns the falling field strength 
when a line is suddenly overloaded is a significant and important 
proposal and the analysis offered is clear and hi the point. 
No doubt there are other ways of accomplisliing this .samev 
result. 

The 28 per cent greater load carried by the n^ctificr-cxeitation 
test as reported over the regulator test in the experimental line 
is very encouraging. At the critical point of the regulator tost it 
is evident that a further increase in power transmitted would 
require a higher actual field magnetism both on account of tliu 
higher load and on account of the h^ss favorable power factor that 
the line will demand and temporarily also greater on account of 
the initial drop in terminal voltage. It should bo noted that the 
motor end must drop behind on the increased load before axiy- 
thing at all happens in the electrical circuit. But this regulator 
cannot act until tho voltage actually has droppeid and by that 
time the system has dropped out of step and the regulator never 
gets a chance to try. With tho rectifier, however, an excess of 
exciting power is added in tho field before the motor drops back 
to the new position for the greater load and the field is ready to 
support the necessary additional power current. 

I think the authors are a little too severe in tfieir reflections on 
the line charging current. While it may be true that with certain 
set-ups due to the limitations in machines, tho total theoretical 
maximum power which can be delivered by the line will bo 
slightly less over the line having its nomal electrostatic capacity 
than over a hypothetical line with no capacity, nevertheless it 
is not likely that charging current will be a detriment under 
practical operating conditions. 

The statement that a certain 300,000-kv-a. station may deliver 
more power over two lines than ov(^r three and none at all over 
nine lines is not so significant as it might seem. It simply 
means that, for the three or ninci lines, the system is st) propor¬ 
tioned that machine capacity which should bo devoirod to carry¬ 
ing kilowatts is absorbed in carrying charging current or that tho 
ratio of synchronous condensers to number of lines is not favor¬ 
able. Either the kv-a. of the station should be increased by 
building the machines to operate at a lower power factor or shunt 
reactance or other means used to neutralize a part of the charging 
current. It goes wiiihout saying that it would not be economical 
to use an unnecessary number of lines. 

With regard to the authors* Fig. 3 and tho discussion of the 
part played by field current, I should like to point out that, with 
a heavily loaded line, there is very little choice as to power 
factor,, for this is definitely fixed by the load and the terminal 
voltages and will inevitably be high at the generator end. How¬ 
ever, there is this advantage of power factor near unity: The 
effect of added lagging current due to increase of load on the 
drop from internal impedance within the machine is small with 
high power factor. This is an important matter. 

Since the power factor changes with every change in load on 
the long line, the curves of Fig. 3 should be supplemented by 
other curves showing the effect of such change of power factor, 
and these modified curves might easily show a different best 
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relation between low-power-factor and high-power-factor load¬ 
ing from that indicated by the uneorrected curves. 

One other point: the authors state that the scheme of using 
divided line conductors to reduce reactance and increase capacity 
has not found favor partly because of the increased charging 
current. As I see it, this increased charging current is, on the 
whole, no disadvantage, for on any useful loading it greatly 
improves the line power factor. While it is true that leading 
current will tend to reduce the lield current setting in generators, 
this is a matter affecting only the performance of the generator, 
subject to correction in a number of ways. If the rectifier ex¬ 
citation scheme t>roposed in the paper or any equivalent scheme 
is available, this objection to the high charging current 
disappears. Meanwhile the reduction of line reactance which 
accompanies the increase in capacity with divided conductors 
means an increase of suljstantially the same proportion in the 
maximum load the line will carry, assuming the percentage of 
line resistance loss to be kept constant. With a 20 per cent 
increase in lino capacity in a 350-mi. line and with a favorable 
line power factor, any generator difficulties from the additional 
chai'ging current wotild no doubt be eared for in the same suitable 
way. As a matter of fact on any full loading no charging current 
would apptjar Q>t the terminals as the reactance energy of the line 
would absorb it. 

P. L. Lawtons In the paper by Messrs. Doherty and Dewey, 
cfonsiderable emphasis has been given the question of voltage 
regulation of the synchronous equipment of transmission systems. 
This, however, is in line with the papers^ and discussions^ at 
the last Midwinter Convention when the subject of high-speed 
excitation was given prominence. 

As the method of regulation outlined by Messrs. Doherty and 
Dewey—viz., the use of mercury-arc rectifiers as adjuncts' in 
the excitation circuits of transmission-system synchronous 
equipment—is probably the most promising development look¬ 
ing toward increased system stability, it seems wise to discuss it 
somewhat in detail. 

During the course of various investigations of the stability 
of power-transmission systems, it was realized that consider¬ 
ably greater stiffness in a system would be desirable; also, 
that such greater stiffness could be secured by the use of ex¬ 
citation systems having a time constant much smaller than 
usual. As a consequence, Messrs. Portescue and Wagner dis¬ 
cussed r€3sults they had obtained with a so-called high-speed 
exciter, at the 1925 Midwinter Convention.® 

While it is true that less voltage fluctuation will occur during 
load or sliort-cirouit transients, when the synchronous machines 
of a power system are excited by high-speed exciters, it must 
be remembered that such exciters are inherently not different 
from any other exciter, so far as behavior under transient con¬ 
ditions is concerned. That is, when, lagging load is suddenly 
added to a generator so equipped, the terminal voltage drops. 
The decrease in voltage energizes the TirriU-regulator relay 
which short circuits the exciter field resistance, permitting the 
generator field current to increase. 

After an appreciable timet the alternator terminal voltage is 
restored to tlio normal value. Inasmuch as the alternator arma¬ 
ture reaction is not compensated for at the time it occurSy the power 
limit, for slowly applied loads, of any system equipped with 
high-speed excitation equipment, is no greater than for a system 
provided with normal exciters. Furthermore, as it is now re¬ 
alized that a power-transmission system is inherently stable 
for any load up to the steady-state power limit, no matter 
how added, there is comparatively little advantage in the use 
of such high-speed exciters beyond the reduciiion of voltage 
fluctuations. 


V. Bush & R. D. Booth, A. I. B, E. 
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Let us consider the case of an alternator equipped with an 
ordinary excitation system with the addition of a mercury-arc 
rectifier, excited from the line, as an adjunct. When a lagging 
load) is thrown on such an alternator, the rectifier supplies an 
3xcitati6n current proportionate .to the line current, varying 
simultaneously with it. As a result of the simultaneity of action, 
the alternator armature reaction is at all times counterbalanced by 

CASE A 



Generator Motor-Generator 

Line-to-line short circuit 
between lines 1 and 2 



Pig. 1—Schematic Diagbam op Systems used fob Shobt 
C iBCuiT Tests 

a proportionate field curretiL That is, the armature reaction is 
effectively neutralized. 

As Messrs. Doherty and Dewey have indicated, a reduction 
of about 50 per cent in effective armature reaction was obtained. 
While this reduction was not so great as theoretically possible, 
nevertheless it resulted in an increase of 28 per cent in the 
steady-state power limit of a 250-ini. miniature system. 

It is worthy of note that this gain was maintained during 
tests involving the sudden addition of loads when, if ever, it 
might be expected that the rectifiers would be ineffective. Not 
only were increased power limits obtained, but practically no 
decrease in voltage occurred when a large load was suddenly 
added to a system equipped with mercury-arc rectifiers; but a.s 



Fig. 2— ^Voltage Distubbance Dubing a Single-Phase, 
Linb-to-Line Shobt Cibcuit on a 220-Milb System 

much as a 20 per cent momentary drop in voltage occurred when 
the same load was added in the same way to the system using 
normal TirriU-controUed excitation systems. 

The advantages of rectifiers as adjuncts in the excitation 
circuits of transmission-system synchronous equipment are 
probably most m^ked in* the case of system short circuits. 
Tests similar in all respects except the excitation circuits have 
been made on the systems illustrated by the accompanying 
Pig, 1 to determine the maximum amount of power which could 
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be transmitted with stable operation under the condition of a 
half-second, single-phase, dead, line-to-line short circuit at the 
mid-point. It has been found that the system with rectifiers 
could carry 50 per cent greater load with much less fiuctuation 
in voltage. To illustrate the comparative voltage fluctuations. 
Pig. 2 herewith has been prepared. Case A, Fig. 2, shows the 
three receiving-end voltages for the system of Case A, Pig. 1, 
while Case B gives the corresponding voltages for the other 
system. While the duration of short circuit for Case B was 
somewhat less than for Case A, the load being carried prior to 
the short circuit was 35 per cent greater and the initial short- 
circuit current 50 per cent greater. In spite of these unfavorable 
factors, the decrease in voltage was less with the system of 
Case B; virtually no over-voltage occurred when the short 
circuit was cleared. With the system of Case A, considerable 
excess voltage occurred some time after the clearance of the 
short circuit; a much greater time was required for the restora¬ 
tion of normal voltage. 

The above facts illustrate the very important advantages 
which may be gained by the successful application of mercury- 
arc rectifiers in the excitation circuits of the generators and 
other large synchronous equipment of power-transmission 
systems. There appear to be no disadvantages beyond the 
possible necessity for oil circuit breakers of a somewhat higher 
rating, at a few points. 

In conclusion, it appears that the only high-speed excitation 
system which will enable the securing of increased system power 
limits, for all conditions of operation, must be such that the 
armature reaction of the synchronous machines is effectively 
neutralized by the addition of field ampere-turns in the proper 
space-phase simultaneously with the occurrence of the armature 
reaction. 

I believe the mercury-arc rectifier, properly applied as an 
auxiliary in the excitation circuits of synchronous units, is the 
first development giving promise of a real increase in the power- 
transmitting capacity of transmission systems, 

S. E. Griscoms The statement by Messrs. Doherty and 
Dewey that, during transients, ''the synchronous apparatus 
becomes inherently more powerful” is not clear. The field 
transient accompanying an increase in armature current is of 
such a nature as to tend to prevent the main field flux from de¬ 
creasing, but it does not strengthen it. Actually, the magnetic 
flux starts to decrease immediately upon an increase in arma¬ 
ture current, and consequently the field becomes weaker. An¬ 
other way of stating it is that the very presence of the additional 
field current, flowing through the field resistance, is due to a 
decreasing field flux. 


Under "Regulation,” it is stated that the slope 


d E 
dP 


of the 


voltage-power curve determines the degree of stability. I 
should like to point out that such a criterion does not take into 
consideration the mechanical transients which are always co¬ 
incident with an unstable condition, and it may, therefore, 

d M 

lead to erroneous conclusions. In the region where-ap¬ 


proaches infinity, ——- approaches zero, because - ^ ^ is 
at , dd 

limited by the mass of the synchronous machines. For this 

d E 

reason ~ -■ becomes very small and, in the case of large 

systems having heavy masses, is undoubtedly much less than 
the combined time constants of volt^e regulators, exciters, and 
generator fields, for a normal building up of load. The 
load which may be carried under steady conditions is therefore 
-considerably increased by the use of voltage regulators. This 


conclusion agrees in a general way with similar conclusions by the 
authors, although in some cases apparently contradictory state¬ 
ments and data are introduced. 

In particular, it would be expected that the tests reported 
at the bottom of ‘ page 982 should show nearly equal 
maximum loads for the two forms of excitation used, pro\dded 
the load was built up by increments that were small as compared 
with the stored energy released during a small shift in phase of 
the synchronous motor. It is also probable that a load consist¬ 
ing of a large number of small synchronous units would cause the 
power transmitted over the line to change more slowly, giving 
more time for the regulator to function. 

In a similar manner, voltage regulators on synchronous con¬ 
densers located at intermediate points on a transmisshjn line, 
by holding the voltage constant under a gi*adually increasing 
load, should permit a much greater power to be transmitted 
than the same line with the same total condenser capacity located 
at the receiver end only. The maximum power limit of such a 
system, as given by the authors, appears to be (uitiroly too low 
for a condition of steady loading. During transients, the 
maximum load that can be transmitted safely is considerably 
reduced but will still be much higher than a straigHt-away lino 
for the same disturbance. 

The use of synchronous condensers at intermediate points has 
been discussed a number of times, but the advantages apparently 
have not been fully appreciated. Condensers are usually iji- 
stalled for the purpose of voltage regulation and since the re¬ 
ceiving end of the line is usually the only point where voltage 
regulation is needed, all of the condensers are located there. 
However, the real function of the condensers is to supply the 
reactive energy loss due to the flow of current through the line 
reactance. This loss is distributed practically uniformly over 
the length of the lino and consequently a reduction in copper hm 
and a slight decrease in total condenser capacity may be effecteil 
by installing a portion of the condenser capacity at aii intermedi¬ 
ate point. Such an an‘angement would tend to rcjduce short- 
circuit currents, particularly at the receiving end which is usually 
a point of high power concentration. Location of condensers at 
intermediate points should not prove unduly expensive or diffi¬ 
cult because, in the majority of oases, switching stations and 
attendance will be required for line seotionalizing. Machines 
of suitable characteristics and equipped with a high-speed 
excitation system, or compensation, are of particular advantages 
for this application. It should be noted, however, that such 
features are made desirable principally by the conditions ob¬ 
taining during transients and not for steady loading. 

R. D. Evans: Probably the most interesting data submitted 
by Doherty and Dewey .are the results of the calculations shown 
in Pig. 2 of their paper. This figure shows the * 'Maximum power 
which can be transmitted.250 mi. at 220,000 volts, shown as a 
function of the capacity of synchronous apparatus, and the 
number of transmission circuits.” , 

The curves of Fig. 2 were presented for the purpose of showing 
the importance of the charging Icv-a. of lines in reducing the 
power limit and they serve this purpose in an excellent manner. 
However, the important effects of the charging kv-a. in limiting 
the maximum power appear only when the synchronous capacity 
is small in comparison with charging kv-a. of the transmission 
line. This condition of operation would suggest that a lower 
transmission voltage would give higher actual power limits. 

The condition in which the generating capacity is small per 
line is of relatively minor importance because the power to be 
transmitted per circuit at 220 kv., 250 mi., must be of the order 
of 75,000 to 125,000 kw. in prder to be within the econoxnical 
range at the present time. With this relation in mind, it is 
advantageous to compare the results shown in Fig. 2 for different 
kv-a. capacities of synchronous apparatus. In the first place, 
it will be noted that the characteristics of machines assumed by 
Doherty and Dewey are such that the rating of the machine can- 
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nut Ik* (li‘V»‘luptul bocausu tho power limit of the system is ap¬ 
prox iJtiati'Iy two-thirds of tho nominal capacity of the syiichro- 
niiiis inaohini's; that is, 100,000-kv-a. capacity on this line will 
show a. power limit of approximately 70,000 kw. per circuit. 

If the characleristics of tho terminal equipment are iiltered so 
that the* reactanc<? is approximately two-thirds, and the field • 
cnrnmt aiq>roximately throe-halvos of the values assumed,tho 
power limit would ho increased to approximately 100,000 kw. 
Tliis cimdition woiild correspond to the curve giv’^en in the paper 
for lo0,000 kv-a, in synchronous apparatus. Similarly, if a 
jHiwer limit of 1.50,000 kw, wore to ho ohtained, the machines 
should have approximately somewhat less than two-thirds tho 
reactance uiul moro than three-lialves of the excitation of tho 
tnachines nssumod by Doherty and Dowey. In other words, 
Iho power limit per circuit can bo iiicroased up to at least 
125,(KK) kw. p<*r circuit by the use of machines of suitable char- 
aclerislies. Tlui si^nificanco of this discussion is that the desired 
static limit may be obtaiimd by merely modifying tho authors’ 
assumpt,ums so as to employ machines of lower reactance and 
lnght*r excitation. In th <5 ahsenoti of alternatives, which are still 
in thi^ development stages such as spcjcial regulator and compeu- 
sa.t*»r sc»hc*iiu^s, t.ha use of maeUines of auitablo characteristics 
is a practical sohitiou available at tho present time for producing 
fpiite inarkiMl increases in tho stability of systems. 

In view of tlu) position taken by the authors that static 
limits an5 the only limits that are worthy of computation, it is 
hiUTesting to compare the calculated static stability limits as 
given in Fig. 2 of tho paper with tho practical results of oxpori- 
em»M im an actiial 220-kv. system. For a single-circuit, 250-mi. 
transmiHHion systemi operated at 00 cycles, with approximately 
2(KhfK)0 kv-a. in synchronous apparatus at each end, tho static 
limit Is calculated to bo about 115,000 kw. In tho Juno issue 
Ilf the PJUfArie Journal, H. A. Barre states that the static limit 
of tiiM Edison Kystem was reached under a particular emergency 
eiitidiiion. For this condition, power was transmitted from 
2'MJ to 270 mi. over a single circuit at 220 kv,, 50 cycles, with 
approximately 200.(KK) kv-a. in synchronous apparatus at each 
end, and the static limit was found under actual operating con¬ 
ditions to he 182,000 kw. One would expect that the static 
eomlition on the Edison system would oornsspond well with the 
id her eoiulition mentioned previously, the greater length of tho 
TiO-eycle syshun and the probably greater transformer impedance 
riiughly eompensating for the increased frequency upon which 
lJu* caknilal fouH based if the authors had assumed machine 
cliaraetfuusliics corresponding to those of the synchronous appara¬ 
tus on ihf* Big CJri^ek system. What is tho explanation of this 
discrepancy from 182.0(X) kw. on an actual system to 116,000 kw. 
us given in the calculated results? In the first place, the exact 
asstuiiptions used by Doherty and Dowey are not stated, and 
it may he that the explanation lies in them. If such is tlio 
eases thi^ Fig. 2 should be interpreted with care. A possible 
explanation may lie in the fact that probably synchronous 
motor load was assumod in tho Doherty and Dowey calculations, 
wlmreuH the actual system involves a certain amount of resistance 
loud which would causo the power to fall off with drop in volt¬ 
age, Tho infiutmee of the load characteristics is not mentioned^ 
so far iis the writer can recall, at any point in tho paper, and it 
may b(^ that this fai^tor is of importance in the particular oaso 
of the static limit on the Edison system and under certain con¬ 
ditions would undUbtedly be of great importance in other cases. 
The extdanation of the discrepancy between the calculated 
maximum limit and the maximum limit obtained under actxi^ 
operating conditions is. of course, very important. It is worth 
nomtmg mit that actual static limits may be appreciably in 
oxeesH of calculated Hpiits which do not take into account all 
tlio factors affecting stability. 

S» Copley* These two papers indicate that the methods 
of‘calculation used do not differ greatly fundamentally, but 
t here is some difference between them in the assumptions made 


as to the values used for the characteristics of the terminal 
apparatus. This difference causes some important divergence 
in views as to the power-limit figures. Possibly Doherty and 
Dewey are too pessimistic in their assumptions with respect to 
the reactance of terminal apparatus, or they have not given 
onougli credit to the action of voltage regulators in holding 
the system together. Both of these points warrant further 
investigation. Machines of lower reactance can be designed 
and a regulator which has higher speed characteristics is a possi¬ 
bility. There are certain drawbacks to the application of 
such machines and regulators, but if the limits of power trans¬ 
mission must be raised the disadvantages can without doubt 
be overcome. 

C. L. Fortescue: Messrs. Doherty and Dewey have pre¬ 
sented with clarity the characteristics of synchronous appara¬ 
tus which are of importance in the problem of stability. In 
dealing with the stability of machines of this type, they have 
laid much stress on the fact that high power factor is detrimental 
to stability, as it involves low excitation or, what is the same 
thing, low internal voltage. While undoubtedly at times, trans¬ 
mission lines reach very low loads in which the excitation is 
correspondingly low, I do not know of a single case in which a 
system was thrown out of step by a sudden increase of load or 
a short circuit due to low excitation. I believe that the ex¬ 
planation which I shall give later will account for the fact that 
instability under such conditions is practically unknown. 

While I believe we should keep such cases in mind as elements 
of the problem, I feel that the authors have over-emphasized 
their importance and may, therefore, produce a false impression 
in the minds of those who are not sufficiently familiar with the 
problem. A properly designed transmission system will make 
provision for the generators not to supply all of the charging 
current at light load, and, at heavy loads, the generator power 
factor will be normally lagging. Two transmission lines properly 
designed with the proper size of generating station and with 
proper provision at the receiver end and intermediate points 
to take care of the line reactive-volt-ampere requirements will 
always transmit more power than one line. I state this fact 
not because I believe the authors intended to convey the opposite 
impression but because the emphasis they lay on certain features 
of generators and synchronous motors might easily convey the 
opposite idea to the minds of those who are not closely in touch 
with the problem. 

I had felt encouraged when I read the statement made by 
the authors on the fourth page, column one, and in the first 
part of column two as to the importance of excitation, though 
I will take issue with them in regard to part of the statement by 
referring to a discussion on excitation in last Midwinter Con¬ 
vention by several of my colleagues in which the possibilities of 
high-speed excitation were discussed at some length and with 
considerable emphasis. Later ,on in their paper I was disap¬ 
pointed to find that the authors had reached the conclusion 
that high-speed excitation would not fit the bill but inherent 
regulation was what would be required. Again I must take 
issue with them in this matter and state that .in my opimon they 
have reached an erroneous conclusion and their error is maMy 
due to their failure to perceive that the so-called static-sta.bility 
problem is in reality one of transient stability. 

I shall first show by means of a simple mechanical model 
that if generator and motor are provided with perfect regulators, 
no matter what their characteristics, they will furnish power up 
to the stability Hmit of the line itself. The model which I 
have in mind is quite simple and was devised by S. B. Grisoom. 
If two sticks pivoted about one point are connected at the two 
ends by an extensible elastic string such that its linear extension 
is proportionate to its tension, and if torque be applied to one 
member, the restraining torque on the other member will re^ 
resent the power output of a line. The applied torque is the 
power input. The above applied to a line having no losses 
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but having reactance and distributed capacity. This assump¬ 
tion involves no appreciable error in considering the actions 
that cause instability because the resistance of the line and 
generators has only a small effect on the stability problem. 
One may picture one of these pivoted members attached rigidly 
to the shaft of a motor and the other to the shaft of a generator. 
The motor drives the generator at constant speed, using this 
device as a mechanical transmission! As the generator load 
increases, the elastic connection would be extended in such a 
way that,the sine of the angle between the two members wiU 
increase in proportion to the load. If we keep on loading the 
generator, the angle between the two members will finally be¬ 
come a right angle, at which point the mechanical transmission 
system wiR have reached its maximum ability to transmit 
power and the system will become unstable. 

Now the internal voltages of the generator and motor may be 
represented by two additional sticks (as shown in the accompany¬ 
ing illustration) as extensions of the transmission line beyond 
this angle. The terminal voltages are kept constant; that is 
to say, the length of the original two pivoted sticks. As the 
angle is increased, the elastic line is kept straight by increasing 
the sticks representing the generator and motor internal voltages. 
Using this model, it can.be shown that the torque at the genera¬ 
tor will reach its maximum when the two members representing 
the terminal voltage of the transmission line are at an angle of 
90 deg. with each other. 


EUSnc STltlKQ 

4r 



I have made no restrictions as to the characteristics of the 
generators and motors except in the matter of losses as in the 
case of the transmission line, but it is easy to show by means of 
the model that the rate at which the internal voltage must be 
increased with increase of load is very much influenced by the 
internal characteristics of the machines, and if we make the 
internal leakage impedance low, we shall not require to have as- 
great a range of excitation. 

Objection may be raised that ideal excitation systems do not 
exist and that commercial regulators are too slow. The ex¬ 
planation resides in the fact that the problem is, in reality, not 
one of static stability but one of transient stability. You must 
remember that instability involves a change in angular position 
and this means a change in angular position of the generator 
rotor and the motor rotor as well as of the line terminal voltage. 
The electrical angle and mechanical angle are, you might say, 
irrevocably tied together and to deliver power to a motor through 
a line at a given excitation requires that they must take up a 
definite angular position with reference to each other. In my 
paper, I have pointed out that the angular relation is a continu¬ 
ous function of the power and is-therefore suitable for analytical 
work whereas the voltage at the terminals is a discontinuous 
function and is not suitable for analytical work. 

The fact that the angular positions of the rotors must change 
^dth change of load introduces the natural period of the system 
into ^e problem of voltage regulation and this means also that 
sluggishness of the hydraulic or steam governor may have some 
advantages. If the load is increased, the motor slows down and 
so does the generator. In slowing down, the motor supplies 
part of ^e mcreased load by inertia. The generator supplies 
part of the increase in transmitted load by inertia at a slightly 
lower frequency, so that matters are improved from a stability 
point of view, since, during this stage, only part of thq increased 


load must be transmitted and also because it is transmitted 
at an appreciably lower frequency. While this is going on, the 
regulator has had time to get in its work and if the angular 
change is not too great, the voltage regulator will catch up be¬ 
fore the angular displacement has reached tlie point where the 
system will pull apart at the increased value of load. Theoreti¬ 
cally, this may be carried out close to the limit of stability of the 
line, providing the load increments are not so great as to cause 
large swings. 

The authors have made no mention of the effect of the char¬ 
acteristics of the load and have merely touched on the improve¬ 
ment, to be obtained by changing the generator characteristics, 
dismissing it with a statement that it will prove too costly. I 
wish to take exception to this statement and to say that such 
changes can be made, with a small increase in cost over that 
of standard generators and the increase in the ability of the 
system to transmit power will more than counterbalance this 
added .cost. Such generators are immediately available and, 
with specially designed* high-speed exciters, will permit of opera¬ 
tion of transmission lines with a high stability limit. 

In regard to the problems of internally compensated machines, 
much progress has been made along these lines, but since it is 
stiU in the development stage, very little can be said about it at 
present. It is possible to compensate a generator completely 
and even to extend this compensation to cover the impedance 
of transformers so that the generator has the characteristics of 
the infinite system of which Mr. Doherty and Mr. Dewey speak 
in their paper; but there are grave questions to be considered 
in the application of such machines. The rapid reUirdation 
and acceleration, caused by short circuits, and the subsequent 
clearing of the lines may produce mechanical stresses of great 
magnitude. In all probability some limiting device will be 
needed to limit the amount of current that can be delivered 
above a certain value. 

Regarding the matter of transients due to short circuits, I 
agree with the authors that experience has shown that in existing 
systems -with suitable relay protection, short circuits do not 
constitute a serious problem in operation. However, they 
make the statement that experience is the best guide and that 
calculations are always made on the basis of conservative prom¬ 
ises and are therefore too pessimistic. The transient condition 
under short circuit will undoubtedly be the factor which will 
determine the ultimate rating of a transmission line and it be¬ 
hooves us to avoid being so conservative that our results are 
pessimistic. 

I believe that we can or will be able to compute, with a fair 
degree of approximation, the results of a short circuit either to 
ground or between phases if we are pro*vided with proper data 
as to ground resistance and load characteristics. I am further 
willing to go on record that we shall be able to install apparatus 
that -will enable us to approach within a reasonable distance of the 
effect of an infinite system, not only on a straight-away transmis¬ 
sion but also for one using intermediate synchronous condensers 
so that, -with the latter system, the stability will be determined by 
the weakest section. 

The automatic voltage regulator is not a hopeless problem for 
it is assisted by the fact that it takes time for the system to 
change its angular position whereas the terminal voltage changes 
instantly. Moreover, the internal reactions are resisted by 
inherent flow of exciting current. Therefore, the voltage regula¬ 
tor has time to act before the system gets beyond control. 

P. H. Thomas: Mr. Fortescue, with his usual skill, has 
developed generalized equations for showing the theoretical 
limits of stability in electric systems containing synchronous 
machines. 

The most difficult and illusive part of the problem of stability 
is the determination of the numerical value of the parameters of 
stability in particular oases and especially for the pendulum 
^tion or the tendency to overswing when a change of load in a 
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system or its equivalent requires a new position of equilibrium. 
The principles involved are well understood and at least one 
analytical and one electric analog method have been proposed. 
Those, however, are merely methods of overcoming the mathe¬ 
matical difficulties of the solution and still leave untouched the 
difficulty of properly evaluating the factors of losses and damper 
currents. 


wave relation between power and angle, and is, therefore, roughly 
correct for maximum power studies. Nickle’s method, however, 
in its present state of development, assumes linear relation 
between power and angle, and is, therefore, limited in this par¬ 
ticular application to a study of the behavior of the various 
components of the system during those transients which do not 
involve power swings beyond the point where the linear relation 


As is well known, any damper current set up by an advance 
or rotriuxt in the position of the rotor with regard to the revolving 
field of the stator will tend to reduce, temporarily, the forces 
driving the rotor toward its new position of equilibrium and 
simiUuiy, if the rotor over-shoots, these damper currents tend 
to restrain the over-swing. If sufficiently powerful, these 
forces may render the swing of the rotor dead-beat. The con¬ 
ditions governing the effect of these damper currents, which 
will usually bo of very low frequency, should be fully studied 
to see what can be done therewith to restrain the overswing. 

These damper currents should be controlled by the resistance 
of the clamper rather than its reactance, but subject to this 
limitation the damper resistance should apparently be as low 
as possiblo. The field winding, having by far the greatest 
weight of copper surrounding the field poles, would naturally 
have the most effective damper action. 

While Mr. Fortescue has given a definition of stability which 
is entirely logical, we shall ultimately need something further, 
viz; a standard test or criterion to be satisfied by any particular 
system to insure reasonable continuity of operation. 

It is yet too soon to offer such a criterion for actual adoption, 
hut ultimately something in the nature of an overload to be 
taken at a certain power factor, or a drop of voltage (taking 
account of both ends of the line) that must be sustained without 


falling out of stop, will be required. 

It is gratifying that much has been done to render the terminal 
apparatus more responsive to its duties—^but stiU more^ is 
desirable and no doubt possible, on account of the dominating 
importance of the cost of the line as compared with the cost of 
regulating and exciting means. 

U, E. Doherty: I agree with the general point of view expressed 
by Mr. Fortescue—^namely, that the lack of any great amount 
of trouble from instability up to the present time should not be 
interpreted as evidence that such a thing is not possible with 
longer lines and greater power, that, in any study of the problem, 
all elements of the system, including generators, exciters, con¬ 
densers, linos, etc., and not merely one element of it, sboffid be 

considered,andthattheprobleminvolvestwofundamentallydiffer- 

ent “states” of operation—“transient” and “steady”-^unng 
which the operating characteristics of the apparatus are (Merent. 

I also agree with the gener^ exposition regarding the angle- 
power relations, only in so far as it gives a physical, qualitative 
picture of the phenomenon. I strongly endorse his appeal for 
reliable information regarding ground resistance and would add 
an appeal for recorded data and system experience du^g 
singlo-phase short circuits. And, finally, I endorse the view that 
the mathematical, or even graphical, determmation of stability 
of such system networks as comprise our 

is quite beyond the range of practical possibility. For these 
cases an equivalent system from which the r^nired jsm 

be obtained by test becomes necessary—just as for the same 

reason, it is necessary to thus determine short-mrcuit curr^ts 
S^^^is^TaTOilahle; the equivalent syst^ proposed by 

C. A. NioUe^ affords a valuable means of studymg the jmw 
oscillations during transients, and the scheme proposed by 
Spencer and Hazen® affords a means of testing 
limits with practical accuracy. The latter method assumes sme- 

4. Osefflograph Solution of Bleotro-Me^cal Systems, by O. A. 


ceases to hold. However, there are many interesting and im¬ 
portant phenomena bearing on stability which can thus be deter¬ 
mined, and if a circuit element giving the sine-wave relation is 
found, the • ma-yimum power can also be determined. The 
company with which I am associated is now completing the 
development of both of these facilities. While, of course, further 
improvements are ahead, the present development provides a 
very helpful aid, and, in my opinion, is a significant step forward. 

There are a few points in the paper with which, if I interpret 
them correctly, I do not agree. They are relatively unimportant 
with respect to the general problem to wbich I have referred 
above, but have importance only in numerical calculations. 
I refer to the author’s statement that the steady-state limit 
depends upon the leakage impedance and not upon the syn¬ 
chronous impedance. Making due allowance for saturation, 
which, in effect, reduces the impedance, the steady-state, ultimate 
power limit at normal voltage is determined by synchronous 
impedance, not by the leakage or “transient” impedance. A 
steady-state, hand-controlled test, giving a family of voltage- 
power curves (as in Fig. 3 of the paper by Mr. Dewey and 
myself) shows the same power maxima as determined by 
automatic regulator tests, and as calculated, using synchronous 
reactance. While it is possible with an automatic regulator, as 
it is not by hand control, to throw on suddenly loads equal to the 
ultimate maximum steady-state power, it is nevertheless not 
possible, according to our tests and conception of the problem, 
to carry significantly more than that by using a regulator 
actuated by the alternator terminal voltage and operating on a 
shunt- or compound-wound exciter of quick re'sponse. This is 
discussed fully in our paper. 


In discussing the group of papers by Mr. Fortescue and his 
colleagues at the Midwinter Convention in 1924, I stated power 
limits which “in the present state of engineering knowledge” I 
considered to be justified. I said: “We must neither gamble 
that a voltage regulator will be able to insert a supporting prop 
under an otherwise failing system, nor depend for stability during 
load transients upon possible momentary- favorable conditions 
due to momentary and field transients.” Now the intensive study 
and investigation of the past year and a half has shown what we 
did not then know—that, up to the ultimate maximum power 
value, as determined by tests under hand control, the regulator 
can be depended upon to insert “the supporting prop,” but not 
beyond that limit. I understand the author’s statement to be 
that the regulator makes it possible to carry a constant load 
significantly greater than the above maximum; with this 1 


isagree. 

I do agree with the author that the object sought with an 
xcitation system is to obtain the same characteristics as would 
e afforded by a machine which would inherently maintam con- 
bant flux Hnkage^ne in which the field and damper resistances 
^ere zero. To say the same result would be obtoed by an 
xciter of quick response which holds the alternator field appr^- 
aately constant is in all respects paraUel to the statement that 
P the terminal voltages at both ends of a Hue were held aPP^oxi- 
nately constant by a regulator (as they can be, even by han 
K)ntrol, with gradual increases of load) the ultimate maximum 
)ower would be that of the line alone; a., all lumtetioiis m the 
renerator would thus be compensated, which obviously is not 
irue Yet the two oases essentially involve the s^e elements. 


"*6 Exciter Instability, B. E. Doherty, A. I. E. 
1922, page 767, eq. 30. 


E. Transactions, 



1000 


PORTESCUE: TRANSMISSION STABILITY 


Transactions A. I. E, E. 


the alternator field, 


d<i> 

TT' 


is not zero, but essentially negative, 


unless a series negative resistance is introduced in the alternator 
field circuit. A method for obtaining this is described in our 
paper. A shunt- or compound-wound exciter, of however quick 
response, does not have this characteristic. Fortunately, 
however, for any load up to the ultimate steady-state limi t 
at normM voltage, the ordinary exciter and regulator usually 
suffice; and this steady-state limit cannot, so far as our study 
and tests show, be increased by speeding up the exciter 
magnetically. 

R* J* C. Woods The main reaction I get from these papers 
is a feeling that perhaps we are using the wrong term when we 
talk about instability. We are not, ourselves, putting up the 
money to build these big systems, and I think that anything 
which unduly suggests a weak point in transmission should be 
avoided. I do not mean by that we are to conceal the truth 
in any way, but there is a psychological effect produced by the 
word “instability*^ which I do not think is produced when we 
talk about power limit. 

What we are getting at is the power limit of a system. There 
are various things which limit that power; the current may be so 
great that the wire wiU fuse and fall in half, or it may be this 
“instability” that we are talking about. 

If you go out to buy an automobile you take the automobile 
out and try it and you run it up a hill and the hill is of increasing 
steepness. After a time that car just lies down and quits. 
You have not an unstable automobile; you simply have reached 
the limit of its ability. Perhaps you kill the engine; perhaps 
you spin the hind wheels. That might be an illustration of the 
generators falling out of step. 

It would be better if we could think and speak of this more in 
tei-ms of power limit; everybody is familiar with the idea of a 
limit of endurance, both humanly speaking and as regards 
apparatus and machinery. 

Roy Wilkins; I am employed by a company owning an 
interconnected system of upwards 8000 mi. of line 60-kv. and 
over, and with a total generating capacity of a little over 880,- 
000 kv.-a. The connecting rotating load is about 2,000,000 
h. p. At different times there have been tested 110-kv. lines up 
to 600 mi. in length in operation and carrying load, and loops 
as long as 350 mi. 

I should like to point out certain road signs in the line of 
“don*ts” for people who, in the actual power industry, take up 
the study of power limits or instability as it has been called. 
First, don’t worry about anything except the actual operating 
conditions. You will find trouble enough without running into 
any weird combinations which are impossible operating con¬ 
ditions. Second, don’t expect to simplify the problem and 
still check the performance of a complete transmission system, 
because in a transmission system, every piece of connected 
apparatus has certain characteristics. These characteristics 
are all in their proper places, proper order, and proper values. 
Any simplification means a certain amount of error. 

At the present time, there is too little known about circuit- 
breaker operations, corona, WjK 2 i impedance, load character, 
and load power factor, together with certain, cases of trouble 
grounds, etc. • As a passing note, nobody, at the present 
time, knows exactly what “load power factor” is. I haven’t 
been able to measure it in a year and a half. The final result 
will come from a mass of accumulated operating data just as in the 
past for the final solution the twenty-year old problem of a 
grounded-neutral system came not from brilliant mathematics 
or special studies, but from the final check and the actual operat¬ 
ing procedure of a great number of operating systems. 

F. G, Baums If you will read the Transactions of the 
Institute of twenty years ago you will find that the problem 
of stability was then one of very great importance and a great 


deal of Avork w&s done on it at that time. The reason for its 
importance was this. The Stanley Company made for opera¬ 
tion on the first long transmission systems an inductor type 
of generator which had no revolving coils of any kind. The 
generator had 100 per cent reactance. It Avas good for the 
conditions which then existed, since we had only air switches 
with which to open the circuit. If there was a short circuit, 
the voltage dropped to zero and you could open the circuit with 
the air switches. 

Generators were actually advertised as being capable of being 
short-circuited without damage and only a few years ago many 
engineers were specifying that the short-circuit current should 
not be over so many times normal current. 

We are now talking transmission-line stability again, and 
the generators are the main element in it. The transmission 
line will take care of itself if you Avill take care of the generators. 
The reason Aye are talking so much about instability is because 
we have flashovers, or expect them, and therefore want to be 
ready to take up and quickly replace the difficulty caused by 
the flashover. In other words, the trouble now is Avith flash¬ 
overs, while twenty-five years ago it was that we didn’t have 
any switches. At the time the Stanley generator was put out 
I was in charge of the operation of the Pacific Gas and Electric 
Company in which we had a number of these generators and 
the regulation was very poor. The voltage \''anation under 
normal operations was so bad that Ave couldn’t operate lights 
at the same time as motors. Something had to be done so we 
applied to all the synchronous apparatus an excitation in propor¬ 
tion to the load. AU the d-c. load current was taken around the 
exciters and the voltages built on the d-c. exciter in proportion 
to the load. 

At that time I also worked out a regulating schcune for the 
a-c. generators which would build up the generator voltage in 
proportion to the drop in voltage due to the load, which as you 
Imow is practically I sin d. I wasn’t popular for proposing 
that because the generators were being sold because they had 
poor regulation, and I proposed to make them good. 

For the last year and a half we have been making quite 
elaborate tests on power limits of transmission systems, and 
I agree Avith Mr. Wood that it is power limits and not instability 
which we are talking about. We don’t get instability unless 
we have troubles outside of those that are expected and most 
of those come from flashovers. Stop flashovers and you AA^on’t 
get the instability. 

The tests made have checked calculations very, very accurately. 
Early last spring we calculated the power limit on the Pit River 
System as 185,000 kw., using a power-angle diagram, which you 
will find in the Electrical World in 1902. The limit of the Edi¬ 
son system under actual operation has been found to be 183,000 
kw. and if you Avill allow for the increased length of line and 
decreased frequency the results check. 

I want to express surprise at the suggestion made in the Doherty- 
Bewey paper for the use of series capacity in the transmission 
line. You can do that in a radio system but to consider it 
seriously for a transmission line seems unreasonable. 

The most important part of the transmission system today is 
the oil switch and relays. If we didn't have them today we 
couldn’t operate our transmission systems. Any electric power 
system of high or low voltage and Avithout proper relays, switches, 
and fuses to eliminate defective line sections is inoperative. I 
think you Avill agree with that, so I say work on the oil switches 
and relays. First work on the flashovers, and get rid of those 
so the SAvitches won’t have any more to do than necessary. Then 
when you get through with that, static stability will be the 
criterion of your power line and not transient stability. 

A statement has been made with reference to the limita¬ 
tions of long-distance power transmission, which was quoted in 
a morning paper. The statement was that Avith the present 
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apparatus (and present state of mind, especially) 300-ini, trans¬ 
mission is questionable of economic results. 

I challenge that statement. I think it should never have 
been made. Any man who sets a limit at the present time on 
power transmission either does not understand the problem or 
perhaps he is purposely making the statement for some other 
reason. 

I wrote a paper for this meeting which I didn’t submit be¬ 
cause certain developments afterward made it advisable to add 
other information. The first sentence reads: “The natural 
and approximately the economic load per circuit for load trans¬ 
mission is given by the equation F = 2.5 

If 220 kv. will not do the work, we can go to 330 kv., or some 
other reasonable voltage, and if 330 kv. won’t do it, we can go 
to 440 kv. When I say that I am saying it in view of the intense 
study made in the last two years on insulation, coupled with 
the results obtained on the present system of the Pacific Gas & 
Electric Company, operated at 220,(XK) volts. It is the most 
successful piece of work we have undertaken, and the power 
is transmitted about 300 mi. 

To have a real natural transmission system, you must bal¬ 
ance the magnetic energy all along the line with the electro¬ 
static energy. To develop that you get this equation. 



tance of this equation. I think that equation is more important 
than Ohm’s law or any other in electrical engineering. It is a 
fundamental equation. Nature tries to transmit power with 
the conditions given by that equation. 

Now, if I want more current, I can do three things: raise 
the voltage, lower the reactance, or increase capacity. Most 
people wijl recognize that if you lower the reactance you will 
immediately get increased line capacity, but they do not appear 
to recognize that if you increase C you get the same results 
practically. I can reduce L to one-half and multiply the 
amount of power by \/ 2; I can ch^ge C by doubling its value 
and also increase the power by V 2. 

Regarding line insulation, with the study we have been mak¬ 
ing in the last year and a half, I am satisfied that when we want 
the 330 kv. we can get it. We started this work early in 1924, 
not because of any troubles on our present 220-kv. transmission 
lines, but because we didn’t want to be caught like we were in 
1912 when we put in the 110-kv. lines, and later found troubles 
we didn’t know anything about. We decided in 1924 that we 
would make a thorough study of insulation. The Westing- 
houso Company has supported that work on insulation, and 
the Pacific Gas and Electric Company is cooperating in the 
long-line tests and the practical tests which we find necessary. 

So the first thing was to decide how to get at the matter of 
the mechanism of flashovers. I decided, after several years of 
study, taking probably thousands of flashovers and arriving 
at no mental picture of what was happening, that we had to get 
a reliable picture of what actually was happening whenever 
we had a breakdown. To get that we decided lhat we ^ould 
probably have to get at it from a d-o. standpoint, projecting 
the electrons through the air, and if possible taking their pic¬ 
tures on the way. They are fast-moving and don’t pose very 

^^°The pictures we have taken wiU, I believe, give a mental 
picture of the insulation of the air such as we have not had, and 
I believe the work done and being done will teU us the true 


While perhaps there is not at this time universal agreement upon 
even the more fundamental aspects of the problem, there has 
been, I think, for the past two years general agreement on these 
fundamental aspects by those who have given the matter serious 
study. As I mentioned at the Midwinter Convention at 
Philadelphia, in 1924, the fundamental theory underlying the 
problem, and the equations arrived therefrom, are used by 
all informed engineers. Divergence of views enters only when 
assumptions are made regarding numerical values for a particular 
case. More specifically, disagreement centers, not about the 
transmission-line theory or the general equations of the system, 
but about faulty understanding regarding internal characteristics 
and constants of synchronous machines. Although different 
views regarding such machine characteristics apparently result 
in different estimates of maximum power which can be trans¬ 
mitted over a given system, I am not sure that this difference is as 
great as might be expected from the tone of the discussion. 
Messrs. Pojptescue and Evans say that the calculated values in 
our paper are too low, but they do not indicate what these values 
should be. And I believe that in any definite proposed under¬ 
taking, their conclusions as to the practical feasibility of carrying 
out the given proposal would not be significantly different from 
ours. Indeed, in more recent proposals where such parallel 
studies have been made, the conclusions have not been widely 
different. All of this indicates, of course, that the protracted 
discussion regarding certain alleged weird behavior of synchro¬ 
nous machines is somewhat of a trifling character, and not of the 
importance which engineers not familiar with such details might 
be led to suspect. 

I shall attempt to answer the questions raised regarding our 
paper, although most of them could have been answered by re¬ 
ferring to statements in the paper. Mr. Thomas believes that 
it is not likely that the charging current of a long line will be a 
detriment under practical operating conditions. It may, 
indeed, be a great advantage provided the generating capacity 
at the end of the line is sufficiently large, as clearly shown in 
Fig. 2. But this is not a matter of opinion; the extent of its 
effect can be easily computed for any given case. It must not 
he concluded just because calculations made on the basis of con¬ 
stant terminal voltage show a larger power limit with the normal 
line capacitance than without it, that the same result would 
obtain with synchronous apparatus of a kv-a. capacity compar¬ 
able with the load to be transmitted. 

Mr. Griscom states that he does not understand why s^- 
chronous apparatus becomes inherently more powerful during 
transients. The reason is that, for the moment, the transient 
reactance, instead of the synchronous reactance, determines the 
power characteristic of the synchronous machines. The ratio of 
synchronous reactance to transient reactance in ordinary com¬ 
mercial synchronous machines is of the order of 6 to 1. It may 
he’as low as 3 to 1, or as high as 10 to 1. In other words, in rough 
values the synchronous reactance is about 100 per cent, and the 
transient reactance about 20 per cent. Thus the macMne in 
such a transient state is decisively stiffened up. Mr. Griscom s 
question would probably be removed by reading over the paper- 
under the heading “Transients.” 

He also questions whether the slope of the voltage-power curve 
determines the degree of stability. If the slope is zero at all 
values of power, it merely indicates that the voltage of the bus 
, uEder consideration is not affected by any power change what¬ 
soever, regardless of whether the synchronous machines oonstitut- 
ing Ihe infinite bus are of zero inertia or infinite inertia or any 
value between these extremes. Mr. Grisoom’s statement is cor- 


story of line insulation. . i 

H. E. Doherty# The extensive discussion indicates a keen 

interest in this important subject, and serves ae very helpful 
purpose of focusing attention on those points which have not yet 
been generally agreed upon. The more they axe disousMd, ihe 
more they -will be studied and the sooner wiU the 
terested engineers agree upon the more important details. 


reot that when 


approaches infinity, 


0, but this is not, as Mr. Griscom states, because 


approaches 


is lim- 
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ited by the mass of the synchronous machines, but because 
at that moment the electrical characteristics are such that the 
power is not changing, although the angle 0 may be changing. 

I wish to add a word about this 183,000-kw. story as related 
by both Mr. Evans and Mr. Baum, and which Mr. Dewey has 
answered. x4s ‘the engineers of the country are eagerly 
waiting for every additional fact of operating experience bearing 
on this subject, it seems unfortunate, indeed, that when some 
real data do become available, their meaning should be so 
completely misunderstood or misinterpreted. When the sending 
end wattmeter reads 183,000 Irw. and the reeeiving-end meter 
reads 135,000 Irw., should we say or imply that 183,000 kw. is 
transmitted over the line? And T think that neither Mr. Evans 
nor Mr. Baum would, after serious thought, adduce that test 
(which our calculations check) as evidence that our calculated 
values are much too low. In Mr. Evans’ published work, he 
calculates, as most every one does, the receiver-end, not the 
sending-end, power. 

Mr. Evans raises two other points: One is that the maximum 
power can be increased by reducing the reactance 'of the genera¬ 
tor; the other, that Pig. 2 might be misleading. As to the one, 
the authors heartily agree, as presumably every one else does. 
Nobody would (Question that. The question is hom will you 
decrease the reactance. Mr. Evans is referred back to the paper 
to the heading “Design,” where this matter is fully discussed. 
The generator capacities given are based on present-day practise 
—synchronous reactance approximately -100 per cent. Nothing 
would be gained by cutting the ratings to; say, one-half, thus 
reducing the per cent reactance to 50 per cent. That would not 
increase the maximum power. The question is how would one 
alter the design of a machine of given magnetic dimensions in 
order to lower the synchronous reactance, and to what extent 
could it be thus lowered. There could not be much disagreement 
among informed designing engineers on that point. After that 
is done, any further reduction must be obtained by increasing 
the active volume of the machine, or by adding more machines. 
Thus, as Mr. Evans says, and as the paper clearly points out, 
“quite marked increases in the stability” can be obtained in these 
ways, but there are perfectly obvious reasons, as the paper also 
points out, why this process cannot be extended far enough to 
satisfactorily solve the problem. 

The other point raised by Mr, Evans is well founded. The 
authors acknowledge that the tifcle of Fig. 2 should be more 
specific, and will revise it accordingly. The illustration refers to 
a 250-mi. straight-away line with synchronous-motor load. 

Mr. Forteseue does not know of “a single case in which a sys¬ 
tem was thrown out of stop by a sudden increase in load, or short 
circuit due to low excitation.” There have been such eases, 
nevertheless. The September 1919 trouble of the Common¬ 
wealth Edison Company, described by Dr. Steinmetz in the 1920 
Transactions, is one notable example among others. 

The authors naturally agree that if an additional line with dupli¬ 
cate sending and recehdog apparatus be installed, the maximum 
power will be increased. Two power systems will obviously carry 
more than one. But that is not the point. Fig. 2 merely shows 
the relation between generating capacity, number of lines, and 
maximum power. To say, as Mr. Forteseue does, that two ‘ ‘prop¬ 
erly designed'’ systems with “proper size generating stations,” 
etc., etc., will always carry more than one, would hardly bear 
close scrutiny where costs are regarded, because “proper size” 
for maximum power may be prohibitive in cost. 

It does not require a mechanical model to prove the platitude 
that if “the terminal voltages are kept constant,” the power 
limit wiU be the limit of the line itself. But to the authors’ 
knowledge the “perfect regulator” to hold this condition does not 
exist. When it shall exist, or else when some other method than 
synchronous operation is utilized, it will be time enough to talk 
seriously about the limit of the line alone, I have discussed this 
prohlem of regulation in my comments on Mr. Fortesoue’s paper. 


Mr. Forteseue also bespeaks the gain from changing the genera¬ 
tor characteristics. Such changed generators, he avers, will 
permit of operation with a “high stability limit,” but he doesn’t 
say how high. And the whole point, if there is any, depends 
upon how high. He, like Mr. Evans, is referred to the paper 
under the heading “Design.” 

They also mention that the authors have not discussed the 
effect of load characteristics. Loads which are functions of the 
voltage, such as lights and certain classes of converters feeding a 
constant voltage d-c. bus, ai’e inherently stable. These have a 
maximum power, but that is not the limit of stability. Indeed, 
there is no stability limit with a plain impedance load. The 
shaft load of induction and synchronous motors is independent 
of voltage, and for these, the maximum power limit and stability 
limit coincide. Thus, a composite load would have greater 
stability than a pure shaft load of the same amount. 

H. H. Dewey: In closing, I shall take up some of the points 
that have been brought up in the discussion of the paper by 
Mr. Doherty and myself. 

Mr. Thomas in his discussion brought out a point in regard 
to the relation of the cost of the terminal apparatus to the cost of 
the line, pointing out that the line cost was very high per kilo¬ 
watt. It might run to 1125.00 per kilowatt, whereas the terminal 
apparatus, generators and motors, would be very much less than 
that, perhaps 18.00 or 110.00 per kilowatt, and that since the 
terminal apparatus was an important factor in the power limit 
of the completed system, the place to work to extend our power 
limits was on the synchronous apparatus. I agree with that 
thoroughly, and we can do considerable along that line. 

Mr. Evans and Mr. Forteseue spoke of the possil)ilities of 
synchronous-apparatus improvement as a thing about which we 
were unduly pessimistic in our paper, that is, the question of what 
could be done to increase the power limit of terminal apparatus. 
Our paper did not stress that point for the reason that it seemed 
obvious. In presenting the curve given, showing the break¬ 
down of a given generator and a given motor, it is quite apparent 
that the power limit is determined by the size of the generator. 
If we had a generator of double the size, or a motor of double the 
size, we would get double the power. In line with Mr. Thomas’ 
suggestion then, since we can put on generating apparatus for 
$8.00 or $10,00 per kilowatt, we can obviously increase the size 
of the generator until we strike an economic balance between the 
size of the generator and the capacity of the line. 

Now, the size of a generator is determined by its characteris¬ 
tics. We would fool ourselves if we tried to take a 10,000- 
kilowatt generator and cut its reactance in half, ebange its field, 
style, etc., and stiU call it a 10,000-kilo watt generator. It 
wouldn’t be a ten-thousand any more; it would be fifteen or 
twenty, and it would cost more money to build it. That is an 
obvious thing that we did npt stress in our paper. Since generat¬ 
ing and receiving apparatus is a large factor in limiting the power 
that can be transmitted over a system, everything possible should 
undoubtedly be done to improve their characteristics. 

The paper tried to cover the essential points in determining 
what a given set-up would give. There was a point that Mr. 
Evans brought up and Mr. Forteseue also, in their discussion, 
^in regard to the effect of charging current of transmission lines. 
They took issue with Mr. Doherty and myself in stating that 
charging current was an actual detriment. They evidently did 
not read our discussion of that point very carefully. 

W^ith given apparatus, with a given generator, with a given 
receiving-motor load, and a given voltage, at each end of the line, 
which we always have, charging current is an absolute detriment! 
We reduce the amount of power which can actually be transferred 
from the generator to the receiver end, no matter what the rela¬ 
tion of charging eurreut of the line to the generator. The charg¬ 
ing current of the line on a high-voltage system will actually 
reduce the amount of power you can transfer from the generators 
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to tho motors, because it. reduces the exeitatioa of the generators 
and motors. 

Mr. Evaits brought out a point in which he indicated that our 
calculations on a 250-mi. line were in error in that it was con¬ 
siderably less than the value that had already been obtained in 
practise by the Southern California Edison Company. He stated 
that our calculations showed the limit to be 115,000 kw. whereas 
they obtained 183,000 Itw. The calculation is 120,000 kw., not 
115,000 as read from the curve by Mr. Evans. We have made a 
calculation of the Southern California Edison System based upon 
data furnished by Mr. Barre which showed 183,000 kw. Our 
chock calculations, made in the same manner as our calculations 
in the paper, came within 6 per cent or thereabouts of the same 
results. 

The big difference in these values comes in this respect: The 
120,000 lew. shown in the paper was receiving load. The 183,000 
Jesv., obtained in actual practise on the Southern California 
Edison Company’s system was at the generating end. At the 
time they had 183,000 kw. input they had 135,000 kw. output. 
Thus, we have an error of only 120,000 kw. to 135,000 kw. and 
there is a difference of 20 per cent in frequency, that is, 50 instead 
of 00 cycles, which brings it to almost exactly the same thing, 

Mr. Wood spoke of the term that has been quite often used 
to describe “power limit,” that is, “instability,” and sounded a 
warning against its use. I agree with him thoroughly ou that. 
It was for tliat reason that the title of our paper w^ made 
Power Limit. Power limit is something that is perfectly harmless, 
and I agree that the use of the word instability is likely to cause 
concern where concern is not necessary. 

Mt. Portoseue’s discussion was quite lengthy and very helpful. 
Be took issue with some parts of our paper. Some of these points 
T did not quite digest. Some of them made me rather think that 
ho was saying the same thing we were saying only in different 
words, particularly as he laid very great stress on the effect of 
voltage regulators. I agree with him thoroughly that the regu¬ 
lator is a very important thing, and is so much more important 
than we originally thought that it makes a great deal of difference 
in the ultimate oai^acity of the transmission system. 

Wo have very few real things to worry about. I agree with 
Mr. Wilkins that the final solution of this problem is going to 
Como in the data that we get from actual operation, but so far the 
data of actual operation, where we have been able to obtain da,ta, 
have chocked so closely with our present methods of calculation 
that we feel we are in a position where it will be possible to 
predict what will happen to any given system. The more com¬ 
plicated the system, the more difficult it is to calculate, and when 
we get such complications, we must resort to some scheme such 

0. “OscUlographic Solution of Electromechanical Systems/* by O. A. 
Nickle. Jour. A. I. E. E., December 1926, p. 1277. 


as Mr, Nickle has described*-’, just as we reach the limit of the 
possibility of calculating short-circuit ciuTent on a network such 
as described by Mr. Wilkins with 880,000 kw. of generating 
capacity and thousands of miles of interconnected transmission 
line. That would be a hopeless case to calculate the short- 
circuit current, but we have calculating machines that arrive at 
these values very closely. We can likewise use the Nickle 
calculator or some other device to arrive at our stability prob¬ 
lem. We are not worrying about the question of stability or 
power limits; we know pretty closely how to calculate them, and 
it is very essential that we do so, as the amount of power that can 
be carried over a given line greatlj' influences the cost of delivered 
power. 

C. L. Fortescue: In regard to Mr. Thomas’ discussion, he 
emphasizes the effect of damping factors. In our calculations 
we try to work in the effect of the damping factor as much as 
possible, but Mr. Thomas remarks that if you increase the damp¬ 
ing factor sufficiently the machine will be critically damped. 
We know that in practise this condition is never met. We have 
records of power swings and they are as far as we know never 
critically damped. 

As regards Mr. Doherty’s discussion I think we are substan¬ 
tially in agreement. I think an explanation of the differences in 
vieyr might be somewhat as follows; 

Two investigators have approached this problem from some¬ 
what different angles, and while there is no disagreement in the 
fundamentals of the problem, there is a little apparent disag^^ee- 
ment in what might be termed derived ideas. 

The problem of stability involves so many factors, the speed of 
the exciters, the speed of the regulators, the inherent tendency of 
the machines to correct themselves, etc., that it is quite excusable 
that there should be a slight difference of opinion. 

Now, I t-hiTik you might say that Messrs. Doherty and Dewey 
and myself agree on what should be. We probably agree pretty 
well on what actually is, but we disagree somewhat in regard to 
what may be or might be, Messrs. Dewey and Doherty putting 
the “might be” a little closer to the “is,” and I myself putting the 
“might he” a little closer to the “should be.” 

I hope that the result of our investigations will finally bring us 
both to an agreement on the “might be” and that the “might 
be” will finally come closer to the “should be” than Messrs. 
Doherty and Dewey place it at present. That is my hope. I 
am quite open-minded about this. 

The final decision about this particular question wiU undoubt¬ 
edly come about from actual work in the field and in the labora¬ 
tory. We shall, of course, make .calculations and analyze these 
results and there is no doubt at aU that we shall finally come to a 
substantial agreement. In that day I hope we will be very 
close to the “should be,” 
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Synopsis,—The double-ended ferry-boat propelled by means of 
a how and stern propeller has become the recognized standard type^ 
due to its maneuvering possibilities and general handiness in 
congested harbors. 

In all cases in which the prune mover is directly coupled to the two 
propeller shafts which must necessarily turn at the same revolutions 
per minute, the over-all propulsive efficiency is lowered due to the 
performance of the bow propeller. 

The electric drive system permits of applying power when and 
where required and to any degree desired. Tests on the double- 
ended ferry-boat, W. R. HEARST, show a material gain in propul¬ 
sive efficiency when driving the how propeller electrically at a speed 
which gives neutral thrust. Later tests indicate, however, that there 
is no substantial difference in the propulsive efficiency whether the 
bow propeller is driven electrically at neutral thrust or is electrically 
disconnected and driven by the water. Sufficient tests have not been 
made, however, to show that this is true in all cases. 

The reciprocating steam-engine or Diesel-engine type of drive, 
in which both shafts are direct connected, requires approximately 19 
per cent more horse powei' at the propeller shafts than the electric 


T he double-ended ferry-boat presents a problem 
unique in marine and electrical engineering and 
the data pertaining to the specific applications 
which follow bring out quite forcibly the manner in 
which electric drive overcomes the inherent losses of 
other systems and brings about a higher over-all effi¬ 
ciency than formerly attained in preceding types. 

Briefly, the economic gains brought about through 
the electrification of the main propelling machinery 
consist of two things: 

I. Gain in propulsive efficiency due to the method 
in which the power is applied to the forward and aft 
propellers. 

II. Gain due to the higher thermal efficiency of the* 
turbo electric and Diesel electric niachinery as com¬ 
pared to the reciprocating steam engine. 

It has long been recognized by naval architects and 
manne engineers that an inherent loss in propulsive 
efiiciency exists when one prime mover is directly 
coupled to a bow and stem propeller, which must 
necessarily turn at the same rev. per min. 

Compromise designs have been made in an attempt 
to decrease the bow propeller losses, but it is*not ap¬ 
parent from published test records that this has re¬ 
sulted in an increased overall propulsive efficiency. 

Several tests have been made on reciprocating steam 
engine-driven, double-ended ferry-boats, driving with 
the stem screw with bow screw removed, pulling 
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system, due to the difference in propulsive efficiency. 

The calculated fuel consumption of a typical reciprocating steam- 
engine drive with the direct^connected system shows that it requires 
approximately 40 per cent more fuel than the steam turbine electric 
system, due to the difference in propulsive and thermal efficiencies. 

The electrical transmission losses are less than the propulsive 
efficiency losses of the direct systems. In addition to the more 
efficient method of power application, electric drive also has many 
inherent advantages, such as rapid maneuvering qualities and ease 
of control. 

The Ward Leonard system, similar to that used on the Chicago 
fire boats which were put in operation in 1908, permits of the use of 
pilot-house control, eliminating the personal factor which is always 
present with the engine-room telegraph. 

The operaling records of ferry-boats in service prove electric drive 
to be reliable. 

The respective field of application of turbine electric drive or 
Diesel electric drive for double-ended ferry-boats depends upon the 
relationship of first cost to the operating changes and needs of the 
service. 


with bow screw with stem screw removed, and driving 
with both screws at the same rev. per min. A com¬ 
parison of the power input required to give the same 
boat speed with the various systems is given in 
Table VI. 

Driving with the stem screw with forward screw 
removed consumes the least power at a given speed. 
Due, however, to the fact that ferry-boats operate in 
congested waters and usually on short trips, it is not 
practical to turn the boats around, and therefore the 
double-ended arrangement has come into use as being 
the most practical for this t3q)e of service. The double- 
ended ferry-boat may, tiierrfore, be considered a com¬ 
promise type, in which high propulsive efficiency is 
sacrificed for maneuvering ability and general 
handiness. 

As electric power may be applied when and where 
required and in any degree desired, it is but natural 
that this type of propulsion finds a ready application in 
the double-ended t3q)e of ferry-boat, as the two propel¬ 
lers may be driven at such relative speeds that the 
entire work of propulsion is accomplished entirely with 
the after screw. 

• The general method adopted in the various electri¬ 
cally driven ferry-boats is the driving of the boat with 
the after s<a“ew and the operation of the bow screw at 
sufficient rev. per min. to overcome either a pulling 
or pushing affect. 

Tests have been made on the electrically driveq ferry¬ 
boats and the power input to the bow screw at neutral 
thmst noted. The results may, therefore, be compared 
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with tlie teats previously made on the reciprocating s 
sUuim-engined ferry-boats. v 

The electric system is comparable to the one screw i 
arrungement plus the additional power required to i 
drive the bow screw. s 

As will be shown later by records of tests, the increased < 
power required by the two-screw arrangement, driving 1 
at t he .same rev. per min., is approximately 25 per cent 
a.s eoini>aml to driving with one screw, whereas with i 
the electric drive, the bow screw may be operated at • i 
neut ml thrust with an expenditure of power amounting ; 
to approximately five per cent. 

The data which follows include a description of the 
eU'ctrie equipment, control features, and various tests 
on the following electrically driven boats:—a-c. turbine 
elect rically driven ferry-boats—W. R. Hearst, Rodman 
WaiKitimkcr and Geo. W. Ijoft; d-c. Diesel electrically 
<iriv<‘n ferry boats- GoWfin Gate and Golden West; 
and d-c. turbine electrically driven feiTy boats—Hay- 
mml and Rm Leandro. 

'Phe 11^'. R. Ilearst, Rodman Wanamaker, and George 
U‘. ImJi are operated in New York harbor by the 
City of New York and were placed in service during 
and 1924. 

'riu* propelling machinery consists of an 8-stage 
horizontal Curtis .steam turbine, direct-connected to an 
a-c. generator. This generator furnishes power to two 
jloublo .sciuirrel-cage induction motors, each rated 
:{6/r)2 poles, 2100/100 h.p., 176/122 rev. per min. 
'{’he ;i(5-pole winding is used to drive the boat by means 
of the aft propeller, and the 52-pole winding to drive 
the foward propeller at or near neutral thrust. The 
r»)t«r of one motor is direct-coupled to the forward 
propeller shaft, and the rotor of the other motor is 
direct-coupled to the aft propeller shaft. 

Excitation and power for the electrically-driven 
auxiliaries, lighting, etc., is obtained from one 125-kw., 
220/T 10-volt, d-c. generator, which is driven by a geared 
(lurti.s condensing stemn turbine. There is a second 
.set, of the same capacity, which is a spare. Practically 
all continuous duty auxiliaries excepting the boiler feed 
pump are motor driven. 

The control station is located in the engine room. 
The operator normally controls the ship by means of an 
electric lever and a speed switch. Emergency levera 
are provided so that in case of the failure of elecl^ 
control or the turbine variable speed maneuvenng 
governor, the propelling machinery may be operated 
bv the manually operated levers. , ., . . 

The electric lever controls the glenoid operated 
eontaetora and the speed switch controls the governor 

setting of the turbine. . 

Due to the exacting maneuvermg requirements met 
on ferry-boat service, the 36-pole inductoon motor 
winding was designed to give normal full load torque 
S su^r-excita^n of the generator field, irrespect^e 
of the turbine revolutions per ininute or 
frequency. This was accomplished by using a double 


squirrel-cage rotor winding. This winding consists ofja 
winding having a relatively high resistance and low 
inductance, electrically, in parallel with a winding of 
relatively high inductance and low resistance. When 
starting, the reactance of the low resistance squirrel- 
cage is high, which causes the current to flow chiefly 
through the high resistance winding. 

At full speed or when the motor has pulled in step, 
the reactance of the low resistance winding is low and 
the current flows chiefly through this winding. This 
permits a relatively high torque at starting and an 
efficient motor whai running in step. 

The advantage of this type of motor is that it elimi¬ 
nates brushes, collectors, external resistors, and short- 
circuiting contactors. It is possible to maneuver 
without slowing down the turbine or generator revolu¬ 
tions, but if this is done, it requires a longer time for 
the motor to be pulled into step than if the turbine 
revolutions are reduced. 

On July 28,1923, several reversal tests were made and 
it was found that with the boat going full speed ahead, 
the propeller could be stopped in about five seconds 
from the time the signal wasgivenfromthepilothouse, 
reversed and pulled into step in the opposite dilution 
in about ten seconds, and the boat stopped dead in the 
water in from fifty to sixty seconds. These teste were 
conducted in New York harbor, and therefore, it was 
impossible to note the boat’s speed and difficult to 
determine when the boat had come to rest in the water. 
These readings are therefore mentioned as being ap¬ 
proximate and only of general interest. 

Before starting teste on the propelling machinery the 
bow motor was electrically disconnected and readings 
taken of the stem and bow motor rev. per min. We 
were unable to estimate the speed of the boat. These 
readings give the relative rev. per min. of the stem and 
bow motor when the ship is being propelled by the 
stem motor, the bow motor being driven by the pro¬ 
peller. When the stem propeller was being driven at 
171 rev. per min. the bow propeller drove the bow 
motor at 100 rev. per min. During and following these 
teste, the end play of the bow motor was noted. When 
power was applied, the bow motor end play was taken up 
in a forward direction, occasionally coming aft due to 
, waves, etc. It is believed, therefore, that approxi- 
; mately neutral thrust or a slight pull was exerted when 
• the bow motor was driven electrically. 

I During the teste on the propelling machinery the 
following readings were taken: 

1 TABLE I 

’ Vl^. R. Hear st ____ 

-A-O. Generator ^ | Aft Motor | Eorward Motor 


2500 3050 
2276 3000 
2300 3050 
2350 3000 
2350 2900 


Aft Motor 1 

Ajnps. 

E.PAI. 

515 

165 

560 

167 

550 

168 

530 

165 

600 

158 
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Based on factory tests, the calculated power delivered 
to the bow and stern propeller shafts is as follows: 


TABLE II 
Aft Motor 


Kv-a. 

P.P. 

Eff. 

Kw. 

Input 

Kw. 

Output 

2230 

74 

94 

1650 

1560 

2207 

76 

94 

1676 

1675 

2190 

76 

94 

1660 

1660 

2160 

75 

94 

1620 

1626 

2036 

73.5 

93.9 

1495 

1406 


Forward Motor 


kv-a. 

P.P. 

EIT. 

Kw. 

Input 

Kw. 

Output 

169 

53 

83.5 

90 

75 

153.6 

57 

84.5 

87.5 

74 

190 

64 

84.0 

127 

107 

162 

67 

84.3 

92.5 

78 

143 

49 

82 

70 

67.5 


The calciilated cable loss between the generator and 
the propelling motors is approximately 1700 watts with 
full load on the bow and stem motor windings. The 
combined bow and stem motor full load efficiency is 
93.7 per cent at 74.8 po" cent power factor. From the 
results of these tests it appears that when the stem 
motor was delivering 2100 h. p., the bow motor was 
delivering approximately 107 h. p., or 5.13 per cent of 
the power delivered by the stem motor. 

Test results check the estimates made by M. G. 
Kindlund, Naval Architect, based on model tests, as 
well as general estimates made by Commander S. M. 
Robinson, published in the December 1920, Marine 
Engineering. 

The propellers on the George W. Loft were of a dif¬ 
ferent design, giving a different relationship of the bow 
and stem revolutions per minute for neutral thrast. 
Based on these tests and tests conducted on other electri¬ 
cally driven fary-boats, it was decided that it is 
practically as efficient to drive the bow motor by means 
of the bow propeller as it is to drive the bow motor 
electrically; that is, instead of having an output of the 
stem motor of 2100 h. p. and of the bow motor of 107 
h. p., practically the same results can be obtained by 
using the same generator output on the stem propeller 
motor, which would be equivalent to slightly more than 
2207 h. p. output of the stem motor, due to the difference 
in efficiencies, allowing the water to drive the bow pro¬ 
peller. This permits the use of a single speed motor in¬ 
stead of a double speed motor. 

The Golden Gate was the first Diesel electric, double- 


ended ferry-boat to be placed in service and is therefore 
taken as an example of Diesel electric drive. This boat 
wasplaced in service in San Francisco Bay, July 4,1922. 

The electric propelling machinery consists of two 
Diesel driven, direct-ciurent, separately excited genera¬ 
tors, each rated 860 kw., 250 volts, 225 r. p. m., and two 
35-kw., 115-volt exciters, each mounted on the shaft 
extension of the main generators. The generators 
are normally electrically connected in series. There 
■ are two separately excited propelling motors each rated 
750 h. p., 145/180 r. p. m. The rotor of one motor is 
direct-coupled to the forward propeller shaft, and the 
rotor of the other motor is direct coupled to the after 
propeller shaft. Either one of the two exciters is used 
for exciting the generators, propelling motors, control, 
and furnishing power for the electrically driven auxil¬ 
iaries, lighting, etc. 

The control is of the Ward Leonard or voltage-current 
system, similar to that first used on the Chicago Fire 
Boats, Joseph MediU and Graeme Stewart. 

The direction of rotation and rev. per min. of 
the propelling motors is controlled by varying the 
excitation of the generator fields and the relative 
rev. per min. of the bow and stem motor by changing 
the field excitation of the motors. It is possible, with 
this t 3 Tje of control, to change the relative bow and 
stem propeller rev. per min. at any predetermined 
position of the controller. 

There are three control stations, one in each pilot 
house and the third station located in the engine room. 

Normally, the generators are electrically-connected in 
series but cut-out switches are provided so that either 
generator may be disconnected, the boat being operated 
by the remaining unit. The motor field control permits 
utilizing full output of one engine, which corresponds 
to approximately 80 per cent propeller rev. per min. 

The several severe tests, and also the operating 
records in normal service, have demonstrated the ad¬ 
vantage of pilot house control as well as the reliability 
of this type of machinery. 

This ferry-boat has been stopped from full speed 
ahead to dead in the water in 30 to 35 seconds. 

More complete tests were conducted on the Golden 
West, which is a sister ship of the Golden Gate and has 
the same propelling equipment. We shall, therefore, 
use results of the tests conducted ontheM. S. Golden West. 

The following readings were taken April 6, 1923, 
when running over the measured mileoff California City: 


GOLDEN WEST- _;_ TABUB HX 





Aft Motor 


I 

'orward Motor 

Total Motor Excit. 



Line 

Line 


Kw. 

Line 


Kw. 

Fid. 

Fid. 



RuP 

Volts 

Amps. 

R.P.M. 

Input 

Amps. . 

R.P,M. 

Input 

Amps. 

Volts 


Remarks 

1 

476 

1188.6 

173.3 

540 

69.3 

138.6 

28.2 

121.7 

115 

11.76 

Against 

2 


1031.6 

174 

486 

88.3 

139.5 

41.3 

122.6 

116 

12.25 

. With 

3 

470 

1142 

•174 

537 

77 

143.2 

36 

124.2 

115 

11.6 

Against 

4 

472 

1000 

172 

472 

130 

144.2 


121 

115 

12.4 

With 

5 

511.6 

1406.6 

193.6 

718 

53.3 

157.1 

27.1 

103.6 

116 

11.75 

Agaimst 

6 

511.6 

1296.3 

193.6 

661 

98.3 

158 

50.2 

98.3 

116 

6.3 

With 
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TABLE IV 


FORWARD MOTOR BLEOTRIOALLY DISOONNBOTED 



Based on factory tests, the power delivered to the bow 
and stern propeller shaft is as follows: 


TABLE V 



Results of these tests show that the average power 
output of the bow propeller motor was 6.8 per cent of the 
stern motor. The full load overall efficiency, including 
generator losses, exciter losses, motor losses, cable 
lo.sses, and rheostat losses, when the stem motor is 
delivering 750 h. p. and the bow motor 61 h. p., is 83.9 
per cent. 

Unfortunately, there is no notation on the tests 
conducted that the bow motor was exerting neutral 
thrust or a forward pull, but based on the relative rev. 
per min. of the stem and bow motor when the bow 
motor was being driven by the water ^d when the 
bow motor was electrically driven, we believe that there 
wa.s a slight forward pull, which may or may not account 
for the slightly higher power input to the bow 
than that shown on the tests conducted on the W. K. 


system, similar to that described for the Golden Gate 
ferryboat. 

The above boats have been in continuous operation 
since their inauguration into service. As an example 
of the severe duty required of these boats, the following 
data, covering a short period of their operation, are 
given. 

Between May 31, 1923 and February 10, 1924 the 
Hayward made 10,500 trips, traveled 30,312, miles and 
carried upwards of 4,000,000 passengers. The two 
boats, in a year’s time, carry upwards of 10,000,000 
people and the largest number of people carried in one 
day by one boat has aggregated upwards of 30,000 
people. They serve one of the most congested terminal 
traffic lanes in the world. Six hundred and fifty electric 
trains per day serve the traffic at the Oakland Terminal 
and during the one hour rush period between five and 
six o’clock in the evening, 48 trains are moved. 

The operating record of these boats is given rather 
than a repetition of test data on the previous boats, 
due to the fact that it brings out one very essential 
point, that is, the absolute reliability of this type of 
machinery where continuity of service is the paramount 
factor. 

. Comparative Efficiencies 

The following section is devoted to an analysis and 
economic comparison of the reciprocating steam engine 
driven and turbo electric driven types of ferry-boats. 

This will tend to show in a concrete way the funda¬ 
mental differences that exist due to both the propulsive 
and thermal factors. 

The Diesel electric system has the same advantage as 
the turbo electric drive in the matter of gain due to the 
difference in propulsion characteristics. The high 
thermal efficiency of Diesel engines, as compared to 
athCT the reciprocating steam engine or turbo electric, 
is fully recognized, but due to the fact that this subject 
has been so fully covered by the Diesel engineers, it is 


Hearst. - , 

The Hayward and San Leandfo, which were placed 

in service on San Francisco Bay in 1923, are of the d-c. 

turbo electric type. . ^ i- „ 

The electric propelling machinery consiste ot a 
1100-kw., 3600-rev. per min., horizontal, Curtis steam 
turbine direct-connected through a reduction gear to a 
1000-kw., 900-rev. per min., separately ^cited genera¬ 
tor. Mounted on the shaft of the main generator is 
a 75-kw., U6-volt exciter. The e^^'' 

supplies power to two 
mSure motote, each rated 1500 "-P-. 
ner min. The armatures of one motor are dimct- 
coupled to the forward propeller shaft and those of the 
other motor to the aft propeUer shaft. 

The 76-kw. generator supphes power for excitmg^ 
1000-kw. generator, the two propellmg motors, control,, 
auxiliary power, and lighting. ^ . 

The control station is located in the r^m, 
the control is of the Ward Leonard or voltage-cont 


omitted from this paper. _ 

The selection of steam turbines or Diesel engines 
depends upon the relationship of first cost to operating 
costs and the needs and requirements of the service, and 
is also influenced, to a more or less erient, by the 
past experience of the operating companies. 

RdaMve Pow^r Retirements. The relative power 
required to maintain a given boat speed, as aseertoned 
by tests made on the reciprocating steam engme driv^ 
type of double-aided ferry-boats, is given in Table VI. 

Conclusions to be Drawn from Tests 

A. Propelling with bow screw, stem saew removed: 

The tests show that over 60 per cent more power is 
required when pulling with the bow screw than when 
pushing with the stem screw. 

B. Pushing with stem screw, bow screw removed: 
This method takes the least power and may, tharef^, 
be considered the base with which to compare other 
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TABLE VI 



a‘ 

B 

C 


Pulling with Bow 

Pushing with 

Propelling with 


Screw, 

Stem Screw, 

Both Screws 

. 

Stern Screw 

Bow Screw 

at the same 


Removed 

Removed 

R.P.M. 

Knots 

I. H. P. 

I. H. P. 

I. H. P. 

Perry-Boat 1 

Edgewater 



8 

256 

178 

222 

9 

370 

245 

312 

10 

560 

345 

440 

11 

850 

500 

612 

12 

1270 

740 

840 

Ferry-Boat Cincinnati 



9 

443 

250 

332 

10 

638 

364 

464 

11 

880 

520 

624 

12 


720 

816 


References: Trial ta^lp data of Edgewater from paper presented 
by B. A. Stevens and Chas. P. Paulding before Society of N. A. & M. E., 
November 20, 1912. 

Trial trip data of Cincinnati from paper presented by P. L. Du 
Bosque before Society of N. A. & M. B., November 12-13. 1896. 

systems. In service, however, this system is not 
practical. 

C. Driving with bow and stem screw at same 
rev. per min.: The tests disclosed that approximately 
25 per cent more power is required to maintain the same 
speed of boat than in system "B”. This is the usual 
method of propelling a double-ended ferry-boat in which 
the prime mover is directly connected to the two pro¬ 
peller shafts. , 

D. Driving with after screw only, bow screw oper¬ 
ated to give neutral thrust; electric drive system only: 
The series of tests conducted on the electrically driven 
ferry-boats disclose the fact that the bow propeller may 
be operated to give neutral thrust with an expenditure 
of power amounting to approximately five per cent of 
the total. 

In service, we are interested only in systems “C" and 
"D”. As the relation between these two systems is of 
the order of 125 per cent to 105 per cent, taking the 
electric drive system as the base, the new rdation be¬ 
comes 119 per cent and 100 per cent, respectively. 

In other words, the dectric drive system requires but 
84 per cent as much power as the reciprocating engine 
drive to attain the same boat speed) due to the gain in 
propulsive efficiency. 

Analysis of Steam and Fuel Consumption 

The 2200^8. h. p. turbine dectric, arc. driven ferry¬ 
boat has been sdected to compare with a reciprocating, 
steam engine driven ferry-boat as water rate and ef-' 
ficiency tests were conducted at the factory on the 
electrical equipment. The s. h.p. required by the 
reciprocating engine driven type to be comparable will 
be 2620. On account of the long line shafting required 
iii the latter type, a mechanical efficiency of 90 per 
cent is assumed, which gives an d. h. p. of 2910. 
Cotnp(tT(Uiv6 WotsT Rates of MainPropeUingMachiiieryt 
a. Redprocating steam engine; so far as the authors 
are aware, there have been no data published 


regarding water rate tests of reciprocating steam 
engines installed on ferry-boats in which either the 
power developed or steam conditions are comparable 
to the turbine electric installations. Recourse, there¬ 
fore, must be made to such formulas as Jenson’s or 
the later methods deduced by E. A. Stevens, Jr. 

Average values range from 14 to 17 lb. per 
i. h. p-hr. for saturated steam at 250-lb. gage pressure, 
and correcting for 200 deg. fahr. superheat, these values 
are reduced to 11.5 to 14 lb. per i. h. p-hr. 

In the comparisons which follow the minimum value 
of 11.5 lb. per i. h. p-hr. is used. 

b. The water rates of the turbo electric equipments 
furnished for the New York municipd felries were 
determined by a very rigorous series of tests. This 
amounted to 10.135 lb. per s. h. p. per hr. including the 
generator and motor losses, with the hand valves open. 
Under the following steam conditions—^pressure 250 
lb. gage, superheat 200 deg. fahr., vacuum 28.5 in.— 
quite a throttling loss takes place at rated full load with 


TABLE vii 




Turbine 


Reciprocating 

Electric 

• 

Engine 

a-c. 


2620 

2200 

I, h. p. (Mechanical efficiency 0.90). 

2010 

Water Rate lb. per hp-hr. 

11.5 (T.H.P.) 

10.0 (S.H.P.) 

Steam Consumption lb. per hr.. 



Main propelling unit... 

33400 

22000 

Auxiliary turbine generator. 

1620 

2194 

Steam auxiliaries. 

2960 

2625 

Total lb. per hr. 

37980 

2G819 

Lb. per I.H.P-r-AlI purposes. 

13.5 


Lb. per S.H.P—^All purposes. 

14.5 

12.2 

Evaporation per lb. oil. 

12.8 

12.8 

Lb. fuel oil per hour. 

2970 

2100 

Lb. fuel oil per i.h.p-hr. 

1.02 


Lb. fuel oil per s.h.p-hr. .;.... 

1.135 

0.955 

Differenice, lb. fuel oil per hr. 

870 


Difference, tons per 24 hrs. 

9.36 


Relative fuel consumption. 

142% 

100% 

TABLE VIII 


Reciprocating 

Turbine 

AUXILIARIES 

Engine 

Electric 

Varying with type. 

Lb. per hr. 

Lb. per hr. 

Feed Pump. 

1000 

726 

Steam for heating fuel oil. 

210 

150 

Constant for both types 



Service Pumps. 

1750 

1750 

Total lb. per hr. 

2960 

2625 

Electric Auxiliaries:.;... 

Kw-Hr. 

Kw-Hr. 

Varying with type: 



Circulating pump . 

15.0 

30.0 

Condensate pump.;. 

7.5 

5.0 

Excitation. 

0.0 

16.0 

Blower for motor ventilation.. 

0.0 

13.0 

Constant for both types 



Lubricating oil pump, lights, sanitary 



pump, fresh, water pumps, steering 



gear, ventilating fans. 

37.6 

37.6 

Total Kw... 

60.0 

106.6 

W/R. 

27.0 

20.8 

Lb. steam per hr. 

. 1620 

2194 
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the hand valve open. With the hand valve closed, in 
which rated full power is available, the water rate is 
9.98 lb. per propeller shaft horse-power hour. In the 
comparisons which follow a flat rate of 10.0 lb. is used. 
(The hand valve is used for overload conditions during 
rush houi’s.) 

Conclusions 

1. That the reciprocating steam engine or Diesel 
engine, in which the bow and stem propellers are op¬ 
erated at the same revolutions per minute, requires 
approximately 19 per cent more power than the electric 
system, due to difference in propulsive efficiency. 

2. That the fuel consumption of the reciprocating 
steam engine drive with the direct connected bow and 
stern propellers requires approximately 40 per cent 
more fuel than the turbine electric system, due to the 
difference in pi-opulsive and thermal efficiencies. 

3. That the operating mcords of the boats in service 
prove electric drive to be reliable and a great step 
forward as a method of propulsion for the double-ended 
type of ferry-boat. 

4. That in the comparison of turbo d-c. and a-c., the 
d-c. is superior in flexibility, simplicity of control, and 
general handine.ss afforded by bridge control. That 
the a-c., however, is slightly more economical as re- 
ga.rd.s fuel consumption. 

5. That both turbo electric and Diesel electric 
drive overcome the inherent propulsive efficiency loss 
of the reciprocating .steam engine type of drive and that 
their respective .spheres of application are dependent 
upon the relationship of first cost to operating charges 
and needs of the service. 

Discussion 

H. F. Harvey, Jr.t About the only eonunent which 1 have 
to offer is that sufficient emphasis has not been laid on tte 
muneuverine feature. With direct control from each pilot 
house it is very evident that the one in charge can maneuver 
the boat more easily tiian by means of the ordinary signals to 

the*. iuigiiKi room. i 

I lioliovo that tlius far most ferry-boats with eleotnc dnve 

are used on fairly longriins. Suohrunsdonot show to 

tho spetKlier manouvering, either when entenng or leaving the 


slips. For short runs as between New York and Jersey City, 
or between Camden and Philadelphia, electric drive would show 
a decided advantage in this respect. 

Ferry-boats are usually operated in congested waters where 
it is very necessary to have close control of the vessel in order 
to avoid accidents. Electric drive, I believe, affords quicker 
stopping and reversing than any other drive. Too much em¬ 
phasis, therefore, cannot be placed upon the superior maneuver¬ 
ing qualties of electrically driven ferry-boats. 

F. K. Kirstens There has been no mention made in the 
paper as to the design of the propellers involved in ferry-boat 
propulsion. It seems that these boats are designed to travel 
in either direction with practically the same propeller showing. 
As a consequence, some design must be used on these particular 
ferry-boat propellers differing from that used in ordinary steam^ 
ers. I would like to know if any particular statements could 
be made in that direction. 

M. J. Whitemans I should like to know if it is possible 
with a ferry-boat having four-propeller drive ^to rotate the boat 
on a center or pivot in order to make quick turns. 

A. Kennedy Jr.s Mr. Whiteman asked if it is possible with 
an electrically-driven ferry-boat to pivot the boat in order to 
make quick turns, and also the number of electrically driven 
ferry-boats that are in operation. All electrically driven ferry¬ 
boats use the same method of steering as that used on recipro¬ 
cating steam en^ne driven ferry-boats; that is, they use one 
rudder. I do not know of any way to make a ferry-boat pivot 
in order to make quick turns unless some cnange is made in the 
design of the boat. 

At the present time there are eight electrically driven ferry¬ 
boats in operation, three in New York, four in San Francisco, 
and one at Poughkeepsie. These, I believe, are the only ones, 
but of course, others are being considered. 

Professor Kirsten asked whether or not it was necessary to 
modify the design of the propellers for electrically driven ferry¬ 
boats. Normally, with steam engine driven ferry-boats, a 
compromised propeller design is used, as it is necessary to use 
the faces and backs of the blades. A good deal of work has been 
done trying to improve the over-all propulsive efficiency by de¬ 
creasing the amount of power required to drive the forward 
propeller. As far as I know, no one has been able to improve 
the over-all propulsive efficiency by using this specially designed 
propeller, but they have reduced the power required to dnve 
the forward propeller. 

With electric drive it is possible to use a standard propeller for the 
simple reason that the bow propeUer does not do any work. 
Only tibe face of the propeller is used for driving, whereM mm 
the reeiprooatmg steam engine connected to a through shrft 
a special design is made as the back of the blade is normally 
used on the forward propeller to assist in driving the ferry-boat. 



Some Features and Improvements on the High- 

Voltage Wattmeter 

BY JOSEPH S. CARROLL' 

Associate, A. I. E. E. 


T he high-voltage wattmeter herein described 
is the result of three years of study and ex¬ 
perimental work carried on at Stanford University. 
Included in this report on the wattmeter is a description 
of a high-voltage voltmeter and a crest voltmeter. 
The operation of these instruments is entirely independ¬ 
ent of any coimection to the supply transformers. In 
other words the equipment in its present form can be 
connected directly in on the high voltage line, and 
simultaneous r^ings of the power, total effective 


(See diagram of connections.) These instruments are 
all read with telescopes at a safe distance. This special 
multiplier consists of a column of ordinary tap water 
16.5 ft. long and 3/16 of an in. in diameter; it has a 
maximum resistance of approximately three million ohms 
and a current carrying capacity of 66 railliamperes. A 
rubber air hose is used as container for this column of 
water. This hose is wound into a helix of five turns 
about one foot in diameter and the helix is placed with 
its axis vertical between two horizontal circular plates 



voltage, crest factor, and line current can be taken at 
any instant and at any voltage up to 175 kv. to neutral. 

The wattmeter consists of an ordinary low-voltage 
instrument located in an • electrostatically shielded 
cage tiiat is at high potential. The current coil of the 
meter is connected directly in on the liiie with an 
ammeter in series. The potential coil with its special 
high resistance multiplier is connected from the line to 
ground. There is also a milliammeter in this circuit. 

1. Silwell Fellow in Flootrioal Engineering, Stanford Univer¬ 
sity, Palo Alto, Calif. 


four feet in diameter and separated thirty inches. 
These plates are supported by three bakelite strips 1 in. 
by 3 ft. 1 in. long. The hose is held in place by means 
of a single bakelite strip with wooden pegs of ^ in. 
maple doweling projecting out radially, on the end of 
which the hose is fastened. (See Fig. 2.) The 
water is forced up the hose by means of a gear pump, 
the maximum pressure used being about 80 lbs. per sq. 
in. and the maximum flow being about 1.5 gal. per min. 
After reaching the top of the helix and passing the 
wattmeter connection, the water flows through about 
^ven feet more hose and is then discharged to theground 
in a spray, the spray completely breaking the circuit. 


Presented at the Pacific Coast Convention of the A. I. E. E., 
Seattle, Wash., September 16-19, 19S6. 
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When the current flows through the water resistance 
the water, of course, warms up, the heating being 
accumulative as the water moves up the hose. The 
effect of this is a somewhat complex change in resistance 
which in turn makes the voltage gradient down the 
column differ from a straight line function. This is a 
condition that must be controlled before correct electro¬ 
static shielding can be accomplished. First of all a 
means must be had for keeping the voltage gradient 
down the column constant at all voltages. The next 
problem is then to match the potential of the water 
column at every point by the external field between the 
two plates. ■ 

Before going further, let us solve the problem of a 
current flowing through this column of water that is 
being constantly supplied at the lower end with cool 
water and wasting the warm water at the top. The re¬ 
sistance-temperature coefficient of ordinary tap water 
varies considerably for different temperatures. The 



Fia. 2 —Th*i Shielded Watbb-Column"Rb8istance used as 
THE Wattmeter Multiplier 

following has been found to be approxunately the 
relation of resistance to temperature betw^n zero and 
100 deg. cent.*: 

40 Rid 

~20TT” 

where Rt is the resistance at any teinperature t (deg. 
cent.) between 0 deg. and 100 deg. and R 20 is the resist¬ 
ance at 20 deg. cent. 

Beginning at the ground end, the rise in temperature 
d t in differential length d i of the column is as follows: 

dl 

4.184 A dZ " 4.184 Ay 

where I = current in amperes through the w. c. 
dr = resistance of a length d 1. 

2. From tests by Applequest and MeKemiy, M. I. T., 1912. 
Penihr Handbook, (edt. 1922), p. 1356. 


V = velocity of water through the column in 
cm. per sec. 

A = area of column in sq. cms. 

4.184 = mechanical equivalent of heat. 
Integrating the above equation the actual temperature 
of this differential length is 


Pr ^ 

* ^ 4.184Ay ^ 


( 2 ) 


T being the temperature of the water entering the 
column. 


dr = Ri 


dl 

A 


(3) 


Rt specific resistance of the water at temperature t. 

40 i?20 
" 20+ f 


(4) 


Rto specific resistance at 20 deg. cent. 
Substituting (4) in (3), 

40 Rio d I 
" (20 + <) A 


(5) 


Substituting (2) in (5), 



40 Rio d I 

+a)a 

4.184 Ay ' 


( 6 ) 


Simplifying, 

(83.68Ay +4.184 Ayr -|-I*r)dr = 167.4yi?sodZ 

(7) 

Integrating, 

^ ^ VRiol = 0 


Solving for r, 

-Ay (83.7 + 4.184 T) _ 

± VA* y* (83.7 + 4.184 T)* -t- 835 y Rio PI 
r - p 


( 8 ) 

( 9 ) 


This gives the resistance for any length equation (1) 
when the following are known: the area of the column, 
velocity of the water, specific resistance of the water at 
20 deg. cent., the initial temperature of the water, and 
the current through the column. 

Equation (9) shows something that was practically 
self-evident, that is, as the current I changes, it is possi¬ 
ble to keep the resistance all along the column constant 
by changing y, the velocity of the water. As can 
readily be seen, the velocity must vary as the square of 
the current—as would be expected. 

If the maximum effective value of the current to be 
used is fixed and the allowable temperature rise (if a 
giflEs tube were used instead of rubber this temperature 
could be 100 deg. cent.) of the water decided upon, 
then the distribution of' voltage down the colimn 
can be computed. When this is done the pitch 
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of the helix can be changed in such a manner 
that the potential of the water column at all points 
is the same as the space it occupies between the two 
plates—^under these conditions the shielding is ideal. 
In order for the voltage gradient of the column to re¬ 
main constant it is only necessary to keep the tempera¬ 
ture of the ingoing and outgoing water constant. The 
temperature of the ingoing water is easily adjusted. 
The temperature of the outgoing water is controlled by 
regulating the velocity. To tell when the temperature 
was correct a thermometer could be placed in contact 
with the wat^r at the discharge end and read by means 
of a telescope. However, a more direct method than 
this was employed. A wattmeter was connected in the 
ground circuit of the water column as shown in the 
diagram of connections. One coil carries the current 
that passes liirough the water resistance and the other 
coil of this wattmeter with suitable resistance is con¬ 
nected aCTOss the low voltage primaiy of the high 
voltage transformer. The wattmeter reading will be 



Fia. 3—^ViBW OP High-Voltaoe Wattmeter and Auxidiabt 
Equipment ’ 

At center on right is insulated screen cage enclosing wattmeter instrument 
and milliammeters; at the top on right is shielded water column resistance; 
in center at bottom is hydraulic apparatus, and at left is cage containing 
crest voltmeter and ohinmeter 

an indication of the amount of power absorbed by the 
water column. Thus, for example, if the conductivity 
of the supply water remains constant and the line volt¬ 
age is doubled, the reading of this wattmeter will be 
increased four times which means that to keep the 
temperature constant there must be four times the 
quantity of water flowing through the hose. This, 
of coxuse, will require a certain increase in water, pres¬ 
sure. By knowing the constants of this wattmeter and 
the water flow in terms of the pressure-gage reading, a 
scale was made for the wattmeter so that instead of 
reading watts the wattmeter indicates the pressure 
necessary to keep the temperature of the outgoing 
water constant. This works out very well xmder actual 
test; with the conductivity of the supply water constant 
the resistance of the water column was determined at 
various voltages and found to be practically constant. 
This, of course, means that the voltage gradient down 
the column remains constant. Assuming that the 
temp»a;ture resistance equation is not altered by the 
introduction of salt into the water, the value of Ejo 


can be changed, thareby uniformly increasing r through¬ 
out the length of the column. This will, of course, 
increase I; hence V must be correspondingly increased. 
This will not change the voltage distribution down 
the column and therefore will not alter the shielding. 
In other words, the resistance of this resistor can be 
uniformly changed throughout its length without 
changing its dimensions. 

The necessity of the exact matching of the field 
established by the water column with that between the 
two plates has been found by integrity tests. On 
account of the relatively large charging current through 
the line coil of the wattmeter, it requires only an 
extremely small capacitance current through the oth^ 
coil to produce a fair sized deflection, which of course is 
error-reading. Any field picked up or supplied by the 
water column will cause such an error. To test for 
correct shielding, a reading of the line wattmeter is 
taken at a certain water conductivity and line voltage; 
then with the line voltage kept constant, water of, say, 
twice the conductivity is used, which should double 
the original wattmeter reading if the shielding is 
correct. The only thing that is changed during this 
test is the conductivity; the physical dimensions of the 
circuit and the voltage gradient down the column 
remain unaffected. If the wattmeter reading is not 
proportional to the current in the potential circuit at 
constant line voltage, there is error-reading due to 
improper shielding. However, as discussed in a pre¬ 
vious paper on the high voltage wattmeter,-’ an error¬ 
reading can also be the result of improper shielding of 
other parts of the circuit besides the water column. 
After the present water column was designed and built 
the above test was applied and the shielding was found 
to be correct within the limits of observations. Be¬ 
sides the above test, another obvious advantage of 
being able to change the resistance of this wattmeter 
multiplier is to greatly increase the wattmeter readings 
at the lower voltages. 

The change in the resistance of the water colmnn is 
accomplished by the introduction of common salt into 
the water. The watnr supplying the pump is drawn 
from two tanks, one fresh and the other a salt solution. 
The valves on each line from these tanks are connected 
together in such a manner that as one opens the other 
closes. When the valves are once set the mixtures 
remain constant to a surprising degree of steadiness. 
The gear pump no doubt aids considerably in the 
mixing process; also, the bs^ass valve is never com¬ 
pletely closed when the salt solution is being used. 
The hydraulic system of controls must be such that the 
pressure, and hence, the flow, can be changed without 
affecting to any great extent Ihe conductivity. One 
thing necessary in order to do this is to maintain the 
level of the water in the two supply tanks constant and 

3. “Power Measurements at High Voltages and Low Power 
Factors,” by Joseph S. Carroll, Thomas F. Peterson, and 
George R. Stray, Joubnai, A. I. E. E., p. 941, Oct. 1924. 
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equal at all times. Also the change in conductivity 
should not alter the flow; however, as the conductivity 
is dianged the flow must be controlled to keep the 
temperature constant. 

The Ohmmeter 

The resistance of this wattmeter multiplier is deter¬ 
mined in the following manner (see diagram of con¬ 
nections) while the high voltage is on: A storage “B” 
battery of about 100 volts is inserted in the ground 
end of the water column. This battery forces a direct 
curroit through the galvanometer Gi, the choke 1, up 
through the water column, through the secondary wind¬ 
ing of the high voltage transformer, to groimd and back 
to the other side of the battery. This direct current 
goes only through the galvanometer whereas the alter¬ 
nating current is allowed to pass only through the 
10 m. f. condenser in parallel with the galvanometer 
and choke. Knowing the voltage of the battery and 
the calibration of the galvanometer, the resistance of the 
water column can be determined. Of course, the 
resistance of the transformer winding and choke must 
be sub1a*acted and the drop across the condenser be 
corrected for if necessary. Knowing the resistance of 
the water column and the effective value of current 
through it, the total effective line voltage can be com¬ 
puted. The values of voltage obtained in this manner 
dieck on an average wdthin 0.6 per cent of the voltage as 
measured by the voltmeter coil within the transformer. 
This difference at present is about the limit of our 
accuracy. 

To obviate the necessity of insulating the apparatus 
at the ground end of the water column in order that the 
current through the galvanometer shall have only one 
path to ground, a connection is made from the battery 
through a resistance Ri and to a point C on the lower 
end of the water column. The current in this circuity 
flows from C to the ground at D. The resistance of Ri 
is made such a value that the drop across it is the same 
as the drop across the galvanometer and choke. This 
puts .the point B at the same d-c. potential as G so that 
there is no current flowing between B and C and the 
only current through the galvanometer is that .through 
the water column. To test for the equality of potential 
of B and C, a single-pole double-throw switch is 
connected in the circuit so that the galvanometer can 
be connected between these two points with a choke 2 
. in series. The resistance jRi is then adjusted until 
there is no current through the galvanometer and then 
the switch is thrown back to connect the galvanometer 
in its normal position. The switch H is, of course, 
closed during this operation of balancing. This balance 
when once made remains the same throughout the test; 
the ratio of the resistance between C and D, ^d A 
and B is the same for dl conductivities. The resistance, 
of the water between B and C is never less th^ 60,000 
ohms and for the higher voltages it is 600,000 ohms. 
The resistance from G to i? is about half that between 


B and G and is sufficient to limit the current drawn from 
the battery to a reasonably small value. Since the 
resistance of the galvanometer Gi is only 14 ohms and 
that of the choke 1 is about 7600 ohms, no correction is 
necessary when the galvanometer is shifted from one 
place to the other. The a-c. drop across the condenser 
is 16 volts Tvith a current of 0.060 amperes at 60 cycles,; 
however the secondary of an audio transformer keeps 
the galvanometer free from vibration due to this 
voltage. 

The Crest Voltmeter 

The crest values of voltage are determined by 
multiplying the effective values by the crest factor. 
This crest factor is determined as follows: The current 
through the water colunm has the same wave-form as 
the line voltage so that an ordinary voltmeter inserted 
in the groimd end of the water column will give a replica 
of the total line voltage. By means of a s 3 mchronous 
driven contactor, a condenser is charged with the crest 
value of this effective voltage, the ratio of these two 
being the crest factor. The voltage of this condenser 
could be determined directly by means of an electro¬ 
static voltmeter; however the time of taking readings 
does not permit the use of such slow acting instruments. 
In place of such a voltmeter, a practically instantaneous 
self-balancing potentiometer was used in which the 
voltage of the condenser is read by means of the ordi¬ 
nary quick acting d-c. voltmeter. Before the operation 
of this potentiometer is taken up, a brief description of 
the different parts will be given. 

The current through the d-c. voltmeter is furnished by 
a storage “B” battery of about 136 volts. This cur¬ 
rent also passes through the plate circuit of a 201A 
vacuum tube, V Ti (see diagram), and through the 
winding G on an iron core choke. The filament current 
of V T*i is a-c. and is furnished by a specially design^ 
constant current transformer. In parallel with this 
filament are the windings E and f of a choke made up of 
laminated iron rings; the winding E is around half of 
the rings and F is around the other half. The windings 
G, H and J are around all of the rings. The coils E and 
F are connected in parallel in sudi a manner that the 
flux set up by the current through them is in opposite 
directions and hence there is no voltage induced in the 
other windings. There is a positive bias put on the 
grid of y Ti to reduce its filament to plate resistance, 
y Ti is also a 201A tube and might be called the 
detector tube since it detects any difference between the 
potential of the condenser Gi and the voltage at the 
• terminals of the d-c. voltmeter. The filament of this 
tube is lifted with a four-volt storage battery. Sixty- 
five volts of the storage “B” battery are used on the 
plate of this tube; in this plate, circuit is the coil H 
consisting of 10,000 turns of No. 36 B. & S. d. s. c. 
copper ydre. There are 260 turns in coil J which are 
used to produce a field almost equal and opposite to that 
otH. 
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With this description of the apparatus, the operation 
will now be taken through step by step. The alternat¬ 
ing current through the water column resistance on its 
way to gi’ound passes through the a-c. voltmeter and 
its non-inductive shunt—the shunt being necessary on 
account of the current carrying capacity of the volt¬ 
meter. The effective value of the voltage across the 
voltmeter is kept about 50 volts on the 76-volt scale by 
means of the shunt resistance; however, this is only for 
the convenience of reading and the operation over a 
range from 35 to 70 volts gives accurate results. The 
crest of this voltage is picked off by the synchronous 
contactor and charges the condenser Ci. If to begin 
with, this potential is not the same as that aerass the 
d-c. voltmeter there will be a current through the 
galvanometer Gs; in this case the current through the 
bias winding J is changed by means of the potentiometer 
N until there is no current through Gt, This is the only 
adjustment necessary and when once set it requires but 
very little changing. With the deflection of G 2 zero 
the d-c. voltmeter gives the potential of the condenser 
Cl. This reading divided by the reading of the a-c. 
voltmeter, is of course, the crest factor. Now, suppose 
that the a-c. voltage decreases; this will lessen propor¬ 
tionately the potential of Ci and the d-c. voltmeter will 
momentarily be the same as before; a current then will 
flow through G2 , Rs and R2 for a very short time making 
the grid of V T 2 positive with respect to the filament. 
This will increase the plate current which is also the 
current through the coil H; this increases the saturation 
of the iron core and reduces the reactance of the wind¬ 
ings E and F. Since these windings carry about 
80 per cent of the constant current from the filament 
transformer, the filament current of V Ti will be 
reduced. This increases the filament to plate resistance 
which will in turn diminish the current through the 
d-c. voltmeter and bring down the voltage across it 
until it is the same as the potential of Ci. In case the 
a-c. voltage rises, just the reverse of these operations 
will take place. TTie coil G in series with the d-c. 
voltmeter might he called a tickler winding; the number 
and direction of turns are such that the change in the 
current through the voltmeter produces just sufficient 
change in the saturation of the iron to keep the 
voltmeter where it is put without maintaining extra 
current through the coil H by a difference of potential 
between C 1 and the d-c. voltmeter. A very good test of 
this is to disconnect C, from the contactor while it is 
charged ; the needle of the d-c. voltmeter stands practi¬ 
cally still. If part of the charge is allowed to leak off 
the conden^r, the voltmeter will immediately drop to 
that potential and remain there when the leak is taken 
^thus demonstrating the minute amount of current 
necessary though R 2 to operate the system. One 
thing that ^ds considwably in the sensitiveness of this 
apparatus is the fact that the vacuum tube V Ti is 
operated where the plate current is most sensitive to a 
change in filament current; for example, a change in 


filament current from 200 milliamperes to 215 milli- 
amperes will change the plate current from about 
3 milliamperes to 6 milliamperes with the 16,000 ohms of 
the voltmeter in series. 

The condenser C 2 of 1 m- is necessary in order to 
smooth out a small component of a-c. on account of 
using 60-cycle current to light the filament of V 7’i. 
These ripples produced an a-c. potential between the 
grid and filament of V T 2 which was rectified leaving 
the grid negative and thus causing trouble. The 
resistance Rz was found necessary to damp out veiy low 
frequency oscillations or hunting between the two 
condensers Ci and C 2 , caused mainly on account of the 
time lag in the change in temperature of the filament of 
VTi. 

The transformer furnishing the current for V 7\ was 
designed to take care of any reasonable fluctuation in 
line voltage. Since V Ti is sensitive to slight changes in 
filament current, any change in line voltage would have 
to be adjusted for by V T 2 which is not the primary 
duty of this tube. This transformer furnishes practi¬ 
cally a constant current in the secondary circuit with a 
10 per cent change of primary voltage. One part of the 
secondary S, is wound on a practically saturated iron 
core. In series with this winding and 180 deg. opposite 
in phase is a winding around an air-gap magnetically in 
parallel with the saturated core of the other winding. 
The winding S 2 gives about half the voltage of .S’,. 
With a change in primary voltage the flux across the 
air-gap changes at about twice the rate as that through 
the iron core; in this way the two changes just offset 
e^h otiiCT. The adjustment of the two secondary 
windings is made in an over-all manner by means of a 
milliammeter in the plate circuit of V T,. Of cour.se 
the secondary current of this transformer is far from a 
sine wave but this is in no way a handicap. 

The cr^t voltmeter circuit may seem elaborate; 
however, it has been found worth while in order to have 
an electrostatic instrument with the advantages of the 
modern highly damped sensitive d-c. voltmeter. The 
operation of this crest voltmeter is simple and reliable 
and to further improve its simplicity, it is hoped that 
sometime the synchronous contactor can be replaced by 
a special vacuum tube. 

Another feature that has been added to the equipment 
is a 230-ft. line of hollow copper conductor. With 
this conductor it is possible to electrically cut out both 
strings of insulators as shown in the diagram and hence 
measure, only the losses from the conductor. By 
changing the connections, the insulator losses may 
be included with the loss from the conductor or else 
they may be measured s#arately. The insulators are 
cut out by supplying the power to them directly and not 
through the wattmeter. The power is supplied to the 
stang at the far end by running an insulated wire 
through the hollow conductor and connecting it back of 
the first insulator. 

The work this y^ear has been largely development 
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work; however, several tests were made on the three 
230-ft. lines in the rain and also in dry weather. The 
results of the tests substantiate very well the work done 
with the wattmeter last year. During the rain tests, 
the fact was again emphasized that a rain test does not 
mean much unless the rate of rainfall is determined 
because the power loss varies considerably with the 
rate of rainfall. Next year it is planned to have 
a rainfall indicator and to find the relation between the 
rate of rainfall and the power loss from the different 
conductors and insulators. 

Encouraged by the success of the present wattmeter, 
the design of the million-volt wattmeter has been begun. 
The crest voltmeter and ohmmeter in their present form 
can be used with but very little change. The main prob¬ 
lem will be the fifteen-million-ohm, shielded multiplier. 
Acknowledgments 

The present high voltage wattmeter development 
w^ made possible through a grant of two hundred 
and fifty dollars made for the purpose by the 
National Academy of Sciences from the Joseph Henry 
Fund. 

The cooperation of the Anaconda Copper Co. and 
the Southern California Edison Co., in furnishing free of 
charge 600 ft. of 1.125-in. outside diameter, flexible 
tubular-center stranded copper conductor, made pos¬ 
sible the study of the complete segregation of insulator 
and corona losses from heavy line conductors. 

The author wishes to express his appreciation for the 
assistance given him by members of the graduate class 
of the Electrical Engineering Department in taking 
observations and also in some of the actual construction 
work. Through the work of C. V. Litton and P. F. 
Schofield the solution of the pitch of the water column 
by an approximate method was replaced by the exact 
solution as given in this paper. 


Discussion 

R. W. Sorensen t When I first saw the diagram of connec¬ 
tions shown in this paper I was awed by the apparent amount 
of large apparatus necessary to construct such a wattmeter. 
However, I have had the opportunity to stop at Professor 
Ryan’s laboratory and become acquainted with the equipment 
described in this paper. An acquaintance with the equipment 
eliminated the impression of bigness which I had received from 
the diagram and which was perhaps due partly to the high 


voltages which the equipment will measure. In place of this 
impression I received a definite picture of the cleverness. ex¬ 
hibited by Mr. Carroll and Professor Ryan in bundling this 
problem. For example, the transformer of three windings and 
a split core, which seems in the diagram to be so large, is actu¬ 
ally very small; in fact, it can easily be held in one hand. 

The water column, about 16 ft. long, is so arranged between 
the shielding plates at the ends as to occupy a space approxi¬ 
mately 3 ft. in height. The small transformer and the in¬ 
dicating instruments are all mounted on a small table surrounded 
by a wire cage the dimensions of which approximate 4 ft. high, 
6 or 8 ft. wide and perhaps 12 ft. long. 

With this .knowledge, I found it much easier to read the 
paper and appreciate what has been done in Professor Ryan’s 
laboratory toward producing practical wattmeters and volt¬ 
meters for high-potential measurements, 

H. V, Garpentert Mr. Carroll mentions the integrity tests 
by which he established the fact that he was able to read with 
accuracy loads of a watt or two, with a voltage of 150,000. 
It seems to mq the condition is so critical there that a word 
in relation to his method of establishing the integrity would 
be interesting. Also regarding the formula given for the re¬ 
sistance of the water column, I would like to ask whether he 
established it over a wide range of densities and for any materials 
except common salt. 

J. S. Carroll: Ordinarily the man in a measurements 
laboratory thinks of errors in measurements as a few tenths of a 
per cent. However, in this ease where we are measuring one 
watt of power at 160,000 volts and the apparent power is of 
the order of 6000 watts, I frankly admit that we are very well 
satisfied with an accuracy within 25 per cent of true values. 
As the load increases the accuracy greatly increases so that at 
40 watts we expect the error to be not over two or three per 
cent. One of the integrity tests used is described in the present 
paper; that is the double-conductivity test. Another test is 
described in the Oct. 1924, A. I. E. E. Journal in the paper on 
Power Measurements at High Voltage and Low Power Factor, 
by Carroll, Peterson, and Stray. In this test a shielded re¬ 
sistance was inserted in the connection to the line; the value of 
this resistance was known as well as the line charging current 
through it from which the power absorbed by it was cbmputed; 
this increase in power was also measured by the wattmeter. 
The agreement between the results of the two determinations 
was very satisfactory. The double-conductivity test was also 
used in connection with the above test. 

In regard to Professor Carpenter’s second question, I might 
say that we have so far tried only a common salt solution and 
have not gone farther than checking the formula given in the 
paper in an overall way for the purpose o finding any serious 
error. We measured the cold resistance of a solution and then 
calculated what the hot resistance of the water column should 
be; this result agreed very well with the value obtained under 
actual operating conditions. On some of these things we wish 
to make a closer follow-up as soon as we have time. 
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Introduction 

F a high voltage is applied between two electrodes, 
experience shows that in any given case there is a 
limiting voltage below which no loss occurs; a 
permanent current flows only if the voltage is an alter¬ 
nating one and is then a purely charging current. 
Above this voltage loss appears, accompanied by the 
familiar phenomenon of corona; a permanent current 
flows even in the case of continuous potential, showing 
that the air space between the electrodes becomes a 
conducting part of the circuit. 

If E is the applied voltage and Q the quantity of 


^30 



Fig. 1 


electricity which has passed in the circuit, thaa with 
alternating potentials the relation between E and Q is 
represented in rectangular coordinates by a' closed 
curve whose area is a measure of energy per cycle. 
The E—Q relation is therefore of prime importance in the 
study of corona loss. 

"A number of such E~Q diagrams of corona loss have 
been taken, and the re^ts are presented in the first 
part of the paper. They lead to certain conclusions 
regarding the nature of corona loss discussed in the 
second part of the paper. 

Part I 

The E-Q diagrams were obtained by means of the 
cathode-ra y cydograph. In this instrument a stream 

1. Of Staiiford, University, Palo Alto, Calif. 

2. Electrical Engineer, Palo Alto, C^lif. 

Presented at the Pacific Coast Convention of the A. 7. E. E. 
SMtle, WosA., September 15~19,18S6. ’ 


of electrons emitted by a hot filament of a vacuum tube 
is directed along the axis of the tube by means of a 
strong electric field. The inside of the opposite end of 
the tube is covered with fluorescent material which 
becomes luminous at the spot where the electrons strike 
it. Along its path, this stream passes between two 
consecutive pairs of parallel metd plates arranged at 
right angles to one another. 

If the relation of two variables is desired, voltages 
proportional to these variables at every instant are 
applied between the corresponding pairs of plates. The 
electric fields set up by these voltages deflect the ray 
and cause it to describe a luminous curve on the fluo¬ 
rescent sCTeen. For further detail, the reader is referred 
to an article by J. B. Johnson, BeU System Tech. Jour., 
Vol. I, p. 142,Nov.,1922. 

On accoimt of the weakness and non-actinic qualities 
of the light produced by the luminous spot, it was neces¬ 
sary to make all observations visually and recoril them 
by tracing on a piece of tracing cloth held against the end 



of thetubebymeansof aspecialfixture. In order to cali¬ 
brate the tube, two sets of readings were made using 
alternating voltages in one pair of deflectors and known 
values of direct current voltage in the other pair. From 
this test a set of coordinates shown in Fig. 1 was plotted, 
by me^ of which any E-Q card can be corrected for 
distortion and replotted^in rectangular coordinates. 
All areas, whether replotted or not, were corrected for 
distortion. 

A tsrpical connection diagram is shown in Fig. 2; 
W and 0 are the electrodes (in this case a wire and a 
cylinder); B is an electrically isolated cylinder the pur- 
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pose of which will be explained later. 1—1 are deflectors 
connected across an adjustable portion of a resistance 
placed across the voltage coil of the high voltage trans¬ 
former. These deflectors give a deflection proportional 
to the applied voltage, E. Deflections proportional to Q 
are obtained by connecting the other pair of deflectors, 



MICRO-COULOMBS 

Pia. 3—^BAniUBE Expemment—60 Cycles 

0.034-ill. diam. wiro in 16-in. diam cylinder. 

No barrier, 

2—2, across a large capacitance (7, connected in series 
with the outer cylinder. These deflectors are also 
shunted by a resistance of the order, of a megohm. 
Without this precaution the plate not coxmected to the 



Pio. 4 —^Baeeibb Bxpbbimbnt — 10.6 Otolbs 
0.034-in. diam. wire in 16-iii. diam. cylinder. 

No barrier. 


anode would collect a charge and the spot would drift. 
Since the action of corona over positive and negative 
crests is unsymmetrical, thrae is a tendency for the 
capacitance, C, to accumulate a unidirectional charge, 
which is also drained off by this shunting resis^ce. 
The diagram itself gives the voltage across this re¬ 


sistance so that the current in it can be calculated and 
the diagram corrected for it. The effect of this resist¬ 
ance was found to be negligibly small. 

Most of the tests were made with the classical ar¬ 
rangement of a wire along the axis of a cylinder. The 
connection between corona loss and the conduction of 
electric charges through the air space was studied by 
placing in the path of the charges, insulated barriers, 
B (Fig. 2), in the form of concentric cylinders of different 
diameters. The walls of these barriers were alwajrs 
thin so as not . to modify the original field, and it was 
then of no consequence whether they were made of 
conducting or insulating materials. 



Pig. 6—^Babrier Experiment—60 Cycles 

0.034-in. diam. wire and 16-in. (mesh) cylinder 
Barrier metal cylinder 1}^ in. in diam. 


In all cases the wire was of copper 0.034in. in diameter, 
and the outer cylinder 0 was formed of mesh wire 

screen 16 in. in diameter. Figs. 3, 4, 6, 6 and 7 show 
some of the diagrams obtained with this wire and 
cylinder arrangement. 



Pig. 6—Barrier Experiment—60 Cycles 

0.034-in. diam, wire in 16-in, diam. (mesh) cylinder. 
Barrier glass cylinder Ifg In, diam. 


In Figs. 3 and 4, the original cards (taken with no 
barrier at 60 and 10.6 cycles respectively) were replotted 
in order to reduce them to a common scale. 

Figs. 6, 6 and 7, taken at 60 cycles and all at the 
aa.TY>A scale, are reproduced without any change; barri^ 
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were of 1 in- diameter metal tube, 13 ^ in. diameter 
glass tube, and 11 in. diameter metal tube, respectively. 

Fig. 8 shows E—Q areas (in joules) for the ssune maxi¬ 
mum voltage (28.6 kv.) as a function of barrier 
diameters. 

Fig. 9 is the reproduction of a card taken at 60 cycles 
on a 230-ft., single-phase line composed of No. 20 
copper conductors spaced 36 in. apart. Figs. 10,11 and 


the electron becomes so great that when it collides 
with an atom of the air it dislodges other electrons from 
this atom; that is, it ionizes the air; and if this field is 
^ceeded throughout a certain definite minimum dis¬ 
tance from the conductor (critical corona striking 
distance), visible corona appears. 

The liberated ions of opposite sign to that of the wire 
move towards the wire and can be assumed to reach it 




Pia.^S— B-Q Curves as a Function or Barrier Diameters 

0.034-in. dlam. wire in 16-in. diam. (mesh) cylinder. . 
Maximum kv. «- 28;5 

12 show cards taken on the same line at 60, 120 and 
10.6 cycles reflectively, replotted to the same scale. 

Part II 

The general characteristics oftheS—Q curves suggest 
the following explanation of corona loss:® 

When the electric field acting on a free electron ex- 
ceeds a cer tain critial value, the velocity acquired by 

3. See paper entitled “The Hysteresis Character of Corona 
Formation” by Prof. Ryan and Prof. Henline, Journal 
A. I. B. E., p. 825, Sept. 1924. 


Fia. 9 —Outdoor Line— 60 CYCiiEs 
No. 20 copper, spaced 36 in., 230 ft. long. 

instantly, the zone of active ionization surrounding the 
wire being alvrays very narrow; the ions of the same sign 
as the wire move away from it, towards the outer cylin¬ 
der. To move these ions, energy must be expended by 
the source of e. m. f. creating the field. Corona loss is 
this energy, regardless of the place where it is expended, 
near the surface of the wire, or on the boundary of the 



Fig. 10—OuTDopR Line—60 Cycles 
No, 20 copper, spaced 36 in., 230 ft, long. 


zone of active ionization, or midway between the 
electrodes^ the manifestations of corona perceptible to 
our senses—light, sound, heat—are caused simply by 
fisher transformations of the kinetic energy imparted 
to the ions by the electric field, and depend on the place 
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and the mode of these transformations; within the zone 
of ionization, the energy is mostly spent in the in¬ 
visible process of ionization by collison; if the impact 
of an ion against an atom of the air is strong enough 
to disturb the equilibrium between the nucleus and an 



Fig. 11 —Outdoor Line— 120 Cycles 
N o. 20 coppor, spaced dO in., 230 ft. long. 


electron of the atom, but not sufficiently strong to 
separate them permanently, the electron returns to its 
original position by a sort of vibratory motion, giving 
up energy acquired from the colliding ion in the form of 
light. Outside of the ionizing zone, the path of an ion 
is marked by a series of collisions with the atoms of the 
air; at each collision a part or the whole of the kinetic 
energy of the ion is transferred to the atom; if the ion 
strikes a solid electrode, its kinetic energy is converted 
into heat. If the applied e. m. f. is alternating, the ions 
in the air space move as alternately positive and nega¬ 
tive waves; an outgoing wave meets a return wave of 
opposite sign; in the ensuing process of recombination, 
the energy of the ions is radiated in the form of Ught. 

For simplicity, it will be assumed that positive and 

negative corona phenomena are identical. 

In the corona caused by a continuous potential, the 
unidirectional flow of ions across the air space between 
the electrodes constitutes a true current in the circuit 
containing the applied e. m. f. The power expended 
in corona originates in the cooperation of this corona 
current with the applied e. m. f. In the corona excited 
by an alternating potential, a wave of ions may not 
cross the distance between the electrodes before the 
reversal of the field; in this case the to-and-fro motion 
of the waves of ions in the air space sets up a motion of 
electric charges induced by electrostatic induction in 
the circuit connecting the electrodes and containing the 
applied e.m. f.; the action of this e.m.f. on these 
induced charges corresponds to the corona energy loss. 

If a barrier is placed infinitely close to the outer 
cylinder, we have an exact equivalent of the system of a 
wire in a cylinder, without any barrier; if there m no 
barrier, an ionic charge crossing the air space and ar¬ 
riving at the outer cylinder will neutralize an equal 


and opposite charge on this cylinder; if a barrier 
cylinder, infinitely close to the outer cylinder, is present, 
these two charges will remain separate but infinitely 
close to one another; in both cases their combined 
extonal action will be zero. For the sake of generality, 
it is convenient to assume that a barrier cylinder is 
always present. 

As before mentioned, the action of corona is to release 
into the space a charge of ions; an equal charge of 
opposite sign goes to the wire. By analogy with the 
vacuum tube terminology, the former charge will be 
called “space charge;” at any given moment it may be 
located entirely in the air, or entirely on the barrier, or 
be distributed in the air and on the barrier. Let —Q be 
the charge on the outer cylinder and q — charge on the 
wire; the total charge of the system being zero, the 
space charge x is given by the relation 
a; -h g- Q = 0 

hence x = Q — q. Let E be the e. m. f. applied betweai 
the wire and the outer cylinder; with the barrier cylin¬ 
der placed between the wire and outer cylinder, the 
charge - Q can reach the latter only through the circuit 
containing E; hence this charge on the outer cylinder 
is the same as the charge Q in the E-Q diagram. 

The amount of space charge is controlled mainly by 
two factors: the variation—^in time—of the field near 
the wire, and the initial ionization (number of free ions 



MICRO-COULOMBS 

Fig. 12 —Outdoor Line— 10.6 Cycles 
N o. 20 copper, spaced 36 in., 230 ft. long. 

at the moment when the field reaches the ionizing 
value); the field here means the resultant of the field 
due to the applied e. m. f. and the field set up by the. 
space charge. 

It will be assumed^ that, as a limiting influence, the 
second factor is negligible relative to the first, i. e., that 
the antecedent ionization is sufficient to cause an in¬ 
stant and unlimited ionization by collision, unless 
diecked by the drop of the field caused by the reaction 
of the space charge; in other words, as long as corona 

4. See Footnote No. 3. 
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lasts, the action of the space charge is to maintain the 
same distribution of the field in the zone of active ioniza¬ 
tion as that which exists at the moment when corona 
starts for the first time. This hypothesis means that 
during the existence of corona, the charge on the wire 
must remain constant and equal to the charge which it 
has when corona first starts; if the initial critical corona 
voltage is So, and the capacity of the wire to the outer 
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cylinder is C, then this charge is Qo = C So; therefore, 

9 = Qo (1) 

Fig. 13 shows the distribution of charges. The 
charge q on the wire, with an equal and opposite charge 
- ? on the outer cylinder, set up a potential difference 
q/C] the space charge Q — q and an equal and oppoate 
charge on the outer igdinder set up a potential difference 
S'; the sum of these potential differences must at all 
times be equal to the applied voltage S; therefore, 

q/G -f- S' = S (2) 

Equation (1) applies only during the portion of the 
cyde when corona exists; equation (2) holds good 
diroughout the cycle. 

For &e purpose of experiments verification of the 
theory it is convenient to study the simple case when 
the distance between the wire and the barrier is so smSl 
tiiat the int^S of toe required by the ions to reach 
the barrier is negligible relative to the period of the 
Mpply voltage. The entire space charge is then on the 
barrier; if the capacity of the condenser consisting of the 
barrier and the outer cylinder be denoted by C", the 
potentiS difference S' due to the space charge Q g is 
(Q — so that equation (2) becomes 

?/C' + (Q-?)/C' = S (2a) 


The equation of the S-Q curve when corona exists is 
obtained by substituting g = Qo = C So [equation (1)] 
into equation (2a); this gives 

B = Q/C' -H So (1 - C/C') (3) 

This is a straight line, 1—1, Fig. 14, of slope 1/C", 
which passes through the point C of initial corona 
(«. e., starting for the first toe, without any space 
charge). 

When the voltage reaches its maximum value at M 
and begins to decrease, corona immediately stops. 
For, beyond M, the continuation of corona would mean 
that in equation (2), g/C would remain constant by 
equation (1), while S' would increase on account of the 
increasing space charge, the net result being an increase, 
not a decrease, of the applied e. m. f. S. 

After corona stops, the space charge remains con¬ 
stant, i.e., Q — q (constant); the equation of the 
E—Q curve for this part of the cycle is obtained by 
substituting g = Q — (constant) in equation (2a); 
this gives 

S = Q/C — (1/C — 1/C') X (constant) 

This curve is a straight line M N of slope 1/C, i. e., 
of the same slope as the precorona line 0 C of the con¬ 
denser formed by the wire and the outer cylinder. 



By reason of symmetry, corona of the opposite sign 
will follow the straight line 2-2, parallel and sym¬ 
metrical to the line 1—1. This line passes through 
the point C' symmetrical to C and corresponding to the 
critical voltage — E^; but corona begins earlier, at N, 
because the space charge on the barrier now assists the 
applied voltage E in producing the ionizing gradient 
(field). 

If the ma^mto of the voltage corresponds to the 
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points, M' or M", the loops, M'N'R'P' and 
M” N" R" P", may have very different appearance. 

Let h'„: he the maximum value of the applied voltage; 
the area of the E ~ Q loop is 4 E„ {E„, - E^) {C' - C). 

’’rile eharaeteristie features of the loop of Fig. 14 are 
well in evidence in Figs. 5 and (i where the diameter of 
the harrier cylinder is small enough to justify the as¬ 
sumption of the instantaneous ti-ansfer of ions from the 
wire to the Irarrier, yet large enough to minimize the 
effects of various irregularities such as eccentric loca¬ 
tion of t he wire relative to the cylinder, vibration of the 
wire, dirt on its surface, etc. 

'riit* simpliffod diagi'um is independent from the 
frefiut'iuy: it is also not alfected by the wave shape of 
E so long as the latter luis no multiple peaks. 

If it is attempted to extend this construction to the 
ca.se wliere the barrier coincides with the outer cylinder, 
the lines 1—1 and 2—2 become horizontal, and the 
loop exl(‘n<ls to infinity. This absurd result is due to 
fact I hat so long as the charge on the wire is constant, 
th(* iiicreunent of the sjiace charge is etiual and opposite 
I hat of the outer cylinder, aiul, being infinitely close to 
(he la((er, completely nculralizes it so that there is 
nothing to prevent an unlimited amount of corona 
<li.s<riiarge. In this case the finite velocity of the space 
chargt* cannot be ignored. 

Suppose, now, that the velocity of ions is not infinite; 
t hen a .sjuice charge may exist not only on the barrier 
but in the space between it and the wire. If the field 
were unmodified by the presence of the space charge it 
would be tmy to predetermine the motion of an ion; 
llu* field at a distama* a-, from the axis of the wire is 

E 

^ ~ - -- - 

X log—— 
r 

where R and r are radii of outer cylinder and wire. 
Therefore, the velocity being proportional to the field, 
the distance x is determined from the equation 


dx <tE 



r 


where a is a constant and E is a function of time t. 
This etpiation, integrated for the case where E = 
Em COB w t, gives 



r (0 


a Em , , . ., 

^--— (s,n 0 } f - sin CO U) 

CO log 

r 

where Xo<= x&t the boundary of zone of ionization from 
which the ion starts and h = time at which it starts. 
This relation is shown in Fig. 15 for a 0.034-in. diameter 
wire in a 11-in, diameter cylinder. The abscissas Eo/Em 


give the ratios between the critical corona voltage Eoand 
the maximum applied voltage F«,. The ordinates show 
the maximum travel of ions: the upper branch, for the 
ions discharged as soon as the voltage reaches the value 
Eu, increasing, and corona begins; the lower branch, for 
the ions discharged when the voltage passes the value 
En, decreasing, and. the corona is on the point of 
stopping. 

However, the study of the experimental E—Q 
curves .shows that the field is profoundly modified by 
the space charge; the analytical treatment of this case 
with alternating potentials is a difficult problem; but 
it is easy to explain all the peculiarities of the experi- 



RATIO Eo/Em 


Fia. 16 —TbaveIi or Ions in a Radial Field 
(0.034-111. dlam. wlro In an 11-ln. dlam. cylinder) Bq =• crttlcal corona 
vollago » 10.4 kv. at 00 cydeti (maximum). 

mental curves, as affected by the voltage, frequency, etc. 
Since these peculiar features are of no importance except 
as a proof of the validity of the theory, only a few of 
them will be analyzed below. 

Experiment gives a loop such as shown in Fig. 16. 
Assume that at ikf, where the voltage is maximum, the 
polarities are as shown in Pig. 13. Corona stops at the 
point A, where Q passes through the maximum. For, 
if X denotes the space charge, we have Q = aj -1- g; 
as long as corona exists, q is constant and x increases; 
therefore Q increases; as soon as corona stops, x re¬ 
mains constant and q decreases; tha*efore, Q decreases- 
The applied voltage at A, where corona stops, is 
necessarily higher than the (u’itical value Eo, because 
the action of the space charge is to oppose the field at 
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the wire due to the applied voltage. After corona 
stops, the space charge x = Q — q remains constant, 
i,e., dQ — dq, and the slope of the E-Q curve 
results from equation (2): 

dE 1 dE' 
dQ ~ C ^ dQ 

At first the potential difference E' decreases because 
the space charge approaches the outer cylinder. 


caused by this sudden transfer must be balanced by an 
equally sudden variation of Q; this explains the more 
or less abrupt change of the slope of the E—Q curve at 
I'. Beyond P the new charge gradually discharges 
and supersedes in the air space the residual space charge, 
at A' the negative space charge is maximum; corona 
stops, as at A, and so on, throughout the cycle. 

If the frequency is low, the ions of the space charge 
will have time to reach the barrier; at very low fre¬ 
quencies the amount of space charge in the air will be 



Pia. 16 


yond M the decrease of f? is small while that of E' is 
finite; there must be a compensating increase of Q; 
at A the decrease of E is just equal to that otE'; beyond 
A, E decreases faster than E', as shown by decreasing Q. 
At A, q = Qo, and is positive; at D, where E = 0, 
q is already negative, as otherwise the sum of q/C and 
E' could not be z&o; therefore, there exists a point F 
where q = 0; at this point the field near the wire 
reverses; with the increasing negative q the region of 
reversed field increases, gradually overtakes the ions of 
the space charge,’ and causes them to flow back to the 
wire; the rate of decrease of E' diminishes and soon E' 
begins to increase; since the space charge now cooper- 


small relative to the charge acciunulated on the barrier, 
and conditions of Pig. 14 will be approximated; at very 
high frequencies the ions will have no time to move from 
the wire beyond the corona-striking distance; the effect 
will be as if the barrier were close to the wire; the 
E—Q loop will again be as in Pig. 14, but this time 
with a very small area. As at all frequencies the area 



PlQ. 17—COBONA Loss—HiaH-VoLTAOE Wattmbtbb 
Readings and Ctcdoqkams Short Outdoor, Sinole-Phasb 
Transmis.sion Line 


No. 20 copper conductor, spaced 30 In.. 230 ft. Ions 
Wattmotor Readings Cyclograms 

0 10.5 cycles - o - 10.5 cycles 

X 60 ; “ - X - 60 “ 

. 120 “ - . - 120 " 


ates with the applied e. m, f. in setting up the field 
near the wire, the ionizmg gradient is soon reached and 
corona discharge begins at I' before E reaches the 
critical value Bo. At the point G, where E' ceases to 
decrease and begins to inCTease, dE' ^ 0 and the 
slope is 1/C; at this point the tangent is parallel to the 
precorona E—Q line 0 C. 

At I' the corona discharge suddenly releases into the 
air space a negative charge, while an equal positive 
charge goes to the wire; the negative ions meet and dis¬ 
charge the residual positive space charge so that the 
net result is as if this residual positive charge were 
suddenly transferred to the wire; the variation of E' 


is controlled by the same factors, mz. the amount and the 
extent of travel of the space charge, we can say; 
from very high frequencies to very low ones the area 
increases from nearly zero to a maximum correspond¬ 
ing to the sharp-cornered loop whose construction was 
given in connection with Pig, 14. 

In the practical case for high frequencies, because of 
the formation of a very open brush pattern wherein the 
brushes shield the intervening spaces preventing all 
corona, the ions returning to the conductor are few 
compared with the ions of both signs remaining in the 
brush-streamers, the space charge becomes negligible 
and the phenomenon changes over to one of ordinary 
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conduction. In air, at common pressures and tempera¬ 
ture, laboratory studies to date indicate that the space- 
charge t3Tpe of corona formation disappears at a 
frequency of about 5000 cycles.* 

With the same outer cylinder, the greater the di- 
0,meter of the barrier the greater is the extent of the 
travel, therefore, the greater the area of the loop; 
but only up to a certain limit: if the diameter of the 
barrier becomes so great that the number of ions reach¬ 
ing it begins to decrease, its influence on the area be¬ 
comes less and less pronounced, and vanishes altogether 
when ions cannot reach it at all. 

The curves of Fig. 8 confirm these statements: the 
low frequency curve lies above the high frequency 
curve; when the diameter of the barrier increases, the 
area increases, but at a gradually diminishing rate, 
points denoted by O refer to a test made with the 
barrier cylinder formed of mesh wire screen; 

their displacement from the respective curves shows 
distinctly that the screen, like the grid in a vacuum tube, 
is not a perfect barrier in the path of the ions. Double 
points for diameter are taken from two tests. 

The arrangement of a wire in a cylinder was used on 
account of its theoretical and experimental simplicity, 
but the foregoing conclusions are not specific to this 
arrangement. In all cases of corona there is a space 
charge whose action is always of the same general char¬ 
acter. An E-Q loop is bounded by two distinct kinds of 
curves, each of a more or less constant slope, correspond¬ 
ing to a continuous variation of physical elements, 
but with a sort of discontinuity and an abrupt change of 
slope at the junction points, due to the sudden appear¬ 
ance and disappearance of corona. Curves of Figs. 9, 
10, 11, and 12 show these general characteristics; in 
Fig. 17 the loss computed on the basis of Figs. 10,11, 
and 12 is compared with the loss directly measured 
with the high voltage wattmeter, and the agreement 
is very satisfactory. 


Discussion 

U, W. .Sorensen: The peculiar curves for Pig. 1 of tMs paper 
have lo bo used in charting the results because a piece of tracing 
cloth, stretched over the end of the cathode-ray tube, must have 
lines, as shown, drawn on it tocorrectfor the curvature of the tube 
and tho distortion of the wave. 

H. J. Ryan and J. S. Carroll: In the pa^r on The Hysteresis 
Character of Corona Formation, by Henline and Ryan,^ pre¬ 
sented a year ago at the Pasadena Convention of the Institute, 
tho authors, in arriving at the existent of a space charge about 
a conductor in corona, worked at a disadvantage because they 
had not actually located the radial position of such space charge 
with respect to the conductor. During the past year two of om 
graduate students, Mr. Hesselmeyer and Mr. Kostko, propos^ 
to study the radial location of the space charge by toe sunple 
plan of a conoenteio barrier that would limit the raihal distance 
of the space charge from tho conductor surface. They would 

5. Eugene D’Hooghe, “The Influence of Frequency on Co-' 
rona Discharges”, Standford University Thesis, June, 19-2. 


use an isolated barrier cylinder moiinted concentrically as speci¬ 
fied in their paper; they would obtain the corresponding E~Q 
relation and then change the radius of the barrier and obtain the 
E-Q relation again. This plan would be continued over a wide 
range for the radius of the barrier in order to determine the man¬ 
ner in which the character of the E-Q relation would change with 
the barrier radius. The purpose of this undertaking was to find 
out whether the character of the E-Q relation, when barriers were 
used that bound the space charges to definite radial positions, 
would approach the character in form and area of the E-Q rela¬ 
tion as found for widely separated parallel conductors surrounded 
by no barriers. 

When the work was completed and this paper was prepared 
by the authors and studied by us, the following point of view 
developed: The areas in units of energy, given by the Hessel- 
meyer-Kostko E-Q diagrams, could be expressed in terms of the 
voltage and the capacitances of the conductor to the space charge 
and of the conductor to the grounded cylinder or neutral plane. 
The corresponding power would be the product of the energy by 
the frequency. Henline and Ryan, in their paper a year ago, had 
given the corresponding equation for the energy per cycle in 
terms of voltage and but one value of capacitance, viz., that of 
the conductor to the neutral plane. It was manifest that, by 
combining these equations, one could isolate the value of the 
capacitance of the conductor to the space chai’ge. 

Mr. Kostko then derived the equation for the power lost in 
corona using a barrier, as follows: 

P = 4/C (E E, - Eo>)-- (Sa) 



wherein 

E, is the value of the crest voltage, 

Eof the value of the critical voltage, 

C, the capacitance from conductor to neutral, 

C'*', the capacitance from conductor to the space ohai’ge, and 
/, the frequency. 

The corresponding equation given in the Pasadena paper a 
year ago, wherein the term C", capacitance of conductor to 
space charge was not used, was: 

P =^AfC (E^-EEo) (2) 

By combining and reducing these equations the v^ue of the 
caiSacitance of the conductor to the space charge was found to be: 

If the radial distance from the conductor to the cylindrical 
space charge be Dn 8»nd the radius of the conductor r, then the 
value of will also be: 

Q, = 0-00368 



By”combining equations (2c) and (2d) 



and 
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log Dr 


log r + 


0.00368 



(30 


wherein 

Dr and r are in inches 

C and are in farads per 1000 feet of conductor. 

Equation (2f) was applied to one of the corona loss-voltage 
curves^ given by I^ofessor Harding’s Pasadena 1924 paper- 
the following locations of the space charge were obtained: 


e 

Kv., r. m. s. 
swe, to 
neutral 

Dr 

in Inches 

Kv. per Inch, r. m. s. 

Conductor to 
space charge 

Between pointed 
electrodes* 

140 

9.6 

14.8 

10 

165 

12.0 

13.8 

10 

220 

18.9 

11.6 

9.9 

260 

24.1 

10.8 

9.8 

300 

29.8 

10. 

9.8 


’^A. I. E. E. Standardization Buies, 1912. 


As a check upon this understanding of the distance of the space 
charge from a conductor in corona the following trial was made: 
In front of a pointed electrode at a distance of 9.5 inches a grid 
of fine wires was mounted. Alternate wires were electrically 
connected, thus forming two groups of wires each interlaced with 
the other. To the groups, a 20-volt, dry-cell battery was con¬ 
nected through a portable galvanometer; 60-cyole alternating 
voltage was then applied between the pointed conductor and 
grounded plate and the indications of the galvanometer noted as 
the value of the voltage was raised. The galvanometer indicated 
that no current was set up through the air between the two groups 
of wires in the grid until the voltage was raised to an effective 
value of HO kv. Thereafter the current increased at the rate 
of 0.1 microampere per kilovolt until the value of three micro¬ 
amperes was attained at 140 kv. As a slight further increase of 
the voltage was made, the current through the air between the 
grid wires rose to eight microamperes. And then, as the voltage 
increase was continued, there was no corresponding continuation 
of increase of current. This is precisely the sorjt; of thing that 
should happen if the foregoing understanding of the existence 
and position of a space charge about a conductor.in corona is 
correct. 

The matter was tried out by another plan: The space charge 
was reversed while the voltage increased from the critical value 
Eo to the crest value, in a corresponding interval At^t— to. 
During such interval, A i, electrons must travel from the con^ 
ductor to the location of the space charge when the potential of 
the conductor is negative, and vice versa when positive. When 
the electrode in corona is the point of a conductor, the resulting 
luminosities produced by the migration of the electrons as just 
specified might be intense enough to be visible in full darkness 
to or near to the radial position of the space charge. On trial, 
such was found to be the case. 

Another reasonable conjecture in regard to action due to the 
space charge was encountered: Voltage was applied between a 

1. In applying these equations it should he remembered that the 
voltage must be taken at a V2due sufficiently above the critical voltage 
tp ensure that a fixed bnuh pattern has been formed and the value of 
C is a constant as presented in the Pasadena paper. 

2* Corona Losses between Wires at Extra High Voltages by O. P. 
Harding, A. I. E. B. Journal, October, 1924, page 932. 


pointed conductor and a grounded metal plate. As the voltage 
was raised, corona filled a conical space that expands from the 
point toward the plate through distances in relation to voltages 
that correspond roughly to those given in the above table. As 
the voltage crests occur the space charges and point potentials 
have the same sign, while the signs of the space charges and 
bound charges induced in the grounded plate as opposing elec¬ 
trode are opposite. The consequence is that the intensity of the 
electric field between the space charge and the point has been 
reduced and that between the space charge and plate has been 
correspondingly increased. The outcome must be that, as the 
voltage is raised, critical electric stress will be encountered in the 
air between the space charge and the plate beyond which the 
intervening air must be ionized and rendered conductive. On 
trial, this too was found to be the case. As the voltage is raised, 
the faintly luminous cone develops, attached to the point with 
rounded base thrust forward. Then, as the rise of the voltage 
continues and the growth of the cone moved its base to a position 
whereat it was somewhat nearer the plate, a faint pillar of light 
suddenly extended from the cone to the plate; the air column 
connecting the point to plate had been ionized and spark-over 
and arcing followed with slight further increase of voltage. 

And so thus far every plan that has occurred for authenticat¬ 
ing the existence and position of the alternating space charges 
established and maintained about a conductor in corona due to 
60-cycle voltages when tried out, has resulted in corroboration 
of the understanding as given. 

H. S. Bates s I should like to ask Mr. Hesselmeyer if there 
will be any means of accurately measuring corona loss? I wish 
to ask also what is the best method of preventing it? 

G* T. Hesselmeyer and Jf. K. Kostko: The experiments of 
Prof. Ryan and Mr, Carroll are interesting not only because they 
prove the existence of a space charge, but also bocause they 
suggest experimental arrangements for a quantitative study of 
the distribution of the space charge and the field. It is easy to 
set up equations theoretically determining these two elements 
(Poisson’s equation and equation of continuity); but numerical 
solutions could only be obtained by reducing these general 
equations to simpler types, based on the results of a preliminary 
experimental study of the problem. 

In the author’s opinion the most accurate method of measur¬ 
ing corona losses available at present is by means of the high- 
voltage wattmeter developed at Stanford University and 
described in several Institute papers by Mr. Carroll and others.® 
In Pig. 17 of the paper the losses measured with this wattmeter 
are compared with the losses obtained by a very different 
method—^integration of the E-Q cyelograms—and the agree¬ 
ment is remarkably good. 

. As indicated by the theory ahd confirmed by experiment 
(Pig. 8), it is possible to reduce corona loss by setting up a suit¬ 
able space charge around the conductor, for instance by enclosing 
it in a cylinder of a small diameter; it does not seem, however, 
that this method is suitable for practical applications, at least 
in the case of a transmission line. A radical reduction of the 
transmission frequency would result in a reduction of corona loss 
(Pig. 17), in additiofi to many other advantages, such as better 
regulation, etc. 

3. Power Measurements at High Voltages and Low Power Factors by 
J. S. Oarroll, T. F. Peterson, and G. R. Stray, Journai. A. I. E. E., Oct. 
1924, page 941. 

Some Features and Improoements on the High-Voltage Wattmeter, by 
J. S. Oarroll, Journal A. I. E. B., Sept. 1926, page 943. 



The Study of Ions and Electrons for Electrical 

Engineers 

BY HARRIS J. RYAN* 

Fclluw. A. I. K. K. 


T HK prcsetK, paper is presented as a contribution to 
Ihf* educational activities of the Institute. Educa¬ 
tion is often an art and never completely a science. 
Wit h res]tect to ions and electrons the science is new and 
the tlevelopinent of the art scarcely begun,—an art that 
Ik bound to undergo rapid evolution. The value of the 
present paper at. be.st can only exist temporarily. 

Physicists and chemists in their studies of the 
fouiuisdion of mutter during the la.st quarter century 
have lai’n profound students of ions and electrons. 
Virtually all of their <li.scoverie8 and results are of direct 
nr itulirect. value to electrical engineers. The technical 
and practical uses of knowledge of this character today 
are »;xtt‘nsivc. Many important developments have 
bwni possible only by its means. And such develop¬ 
ments hav<‘ encountered difficulties that in turn have 
detined t he great nee<l of further knowledge of the same 
general <rharacf er. The need for the electrical engineers 
i.K being formt'd, however, in an entirely different 
mold from that which shape.s the requirement of the 
nuire getieral science worker. 

In many of t.h<‘ problems originating nowadays in the 
i.*U'ef.rical industries wherein ions and electrons are 
iavolve«l, I In' physicists and chemists are, in all ordinary 
eircumsiances, so loaded tvith necessary duty in the 
.sidufion (if th<?ir own problems that they can rarely 
attonl the tim<; and facilities to come to the aid of 
fleet rical cngina’rs. The electrical engineers can, 
therefore, no longer depend largely upon the physicists 
uud chemist s for enhanced rajults that will enable them 
.solve* their own problems of this class. They will 
Imve to {lo their full share from this time forth to ex- 
tentl knowledge of the facts in regard to ions and 
1 'Iectroii.s and their behavior. 

It i.s of corresponding importance that all advanced 
studont-s among the incoming generation of electrical 
engim^rs bt* reasonably well equipped with an under¬ 
standing of the present-day expediency for attacking 
problems encountered in the electrical industries that 
rtsiiiin* for their solution a clear understanding of the 
behavior of ions and electrons. It is also recognized 
that advanced .students are not always young men in 
the colleges. It is Important that all,-“Old and young, 
where\*er situated, should know that it will be most 
helpful to them and to the electrical industries to 
acquire a well-founded knowledge of ions and electrons 

n*n»fcsw.r .if KIw^tricalKngineerinst,Stanford University, Calif. 
t'rriu'ulrd at tlu- Pacific CoaH Convention 0 / the A.I.E.S-, 
fStattle, Wmh., .SV/rfiimber lS~t9, JBSS, 


and to learn how to take advantage of every opportunity 
to apply or to extend such loiowledge. 

Millikan has splendidly summarized existing knowl¬ 
edge of electrons and ions in his book on The Electron*, 
more especially from the point of view of the physicist. 
J. J. Thomson* has rendered a similar service from the 
point of view of the chemist, though himself a physicist. 
To these recent classical treaties the advanced student, 
at the threshold of the subject, is referred. 

The following are some of the fundamental facts in 
regard to electrons that must always hold the attention 
of many electrical engineers: There are two varieties of 
electrons, distinguished primarily by the signs of their 
respective electric charges. The quantities of these 
charges are alike for each,—4.78 by 10-*® electrostatic 
units, or 1.59 by 10"*® ampere-seconds. In respect to 
other attributes they differ decidedly. The mass of the 
negative electron is 1/1846 that of the hydrogen atom,— 
the lighte.st of all atoms. Correspondingly, the mass 
of the po.sitive electron is approximately 2000 times the 
mass of the negative electron, or nearly the same as 
that of the atom of hydrogen. In atomic structure the 
po.sitive electrons behave as though they and some 
of the negative electrons formed the atomic nucleus, 
while the rest of the negative electrons associated with 
an atom behave as though they were set in orbits about 
the nucleus. So far as is known, positive electrons do 
not exist in the free state. They exist only within the 
nuclei of atoms accompanied by some of the electroxis 
that bind them in close proximity by electrostatic 
attraction. The numbers of positive and negative 
electrons present in the same neutral atom are equal. 

The spontaneous breaking up of the nuclei of the 
heavy (radioactive) atoms into helium atoms and nega¬ 
tive electrons is the nearest known approach to the 
existence of free positive electrons. On the other hand, 
free negative electrons exist in abimdance. An almost 
endless variety of physical or physicochemical actions 
may break their orbital bonds to their corresponding 
atomic nuclei and set them free. The removal of a 
negative electron from an electrically complete or 
"neutral” atom results in the presence of one free 
negative electron, ordinarily called electron, and an atom 
carrying the positive charge of one electron. Such an 
atom is ordinarily referred to as a positive ion. Under 
all ordinary conditions approaching quiescence, free 
electrons adhere to atoms, otherwise neutral. The 
bond is weak and easily broken when the atom is 


1, For all refereuoBS see bibliography appended hereto. 
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driven electrically or mechanically through gases, 
fluids, or near the walls of solids. 

All conduction of every character is now known to be 
due to the movement of positive and negative electrons 
or more simply ions or electrons, or both. The electrons 
or ions may be moved mechanically, electrically or 
electromagnetically. An example of their movement 
electromagnetically is encountered in the electron jet 
cyclograph, wherein the electrons liberated from a hot 
cathode are driven forth in a jet by a strong electric 
field, and the jet is then deflected transversely by a 
magnetic field. 

It follows that the mobilities of electrons and ions 
through solids, liquids, gases, and empty space are 
factors of the highest importance. Far too little is 
known about these mobilities. Physicists, however, 
have determined them as the velocities of positive and 
negative ions in electric fields of unit strength in air and 
in hydrogen at the usual density occurring at a tempera- 
f;ure of 15 deg. cent, and a pressure of 76 cm. as follows: 

Mobilities in cm. pei* see. in 
unit fields, e., one volt per 
cm. 

Positive Negative 


Air. 1.35 1.83 

Hydrogen. 6.1 7,8 


For practical purposes the relations of these mobilities 
to their corresponding fields of strength may be assumed 
to be linear for the time being. 

Correspondingly, all non-conduction must be due to 
one of two things,—the non-movement of all ions and 
electrons present or their total absence. Materials 
through which ions or electrons can be moved freely are 
designated as conductors. Materials through which 
ions and electrons can not be moved are designated as 
true insulators. 

With the new understanding of electrical phenomena, 
it is helpful to distinguish three sorts of conductors and 
corresponding conductions: 

I. Metallic conduction—due to the free movement 
of electrons from atom to atom, requiring no e. m. f. 
for their detachment and only that e. m. f. which is 
required to supply the heat absorbed through the in¬ 
creased atomic agitation that has been produced. 

II. Electrolytic conduction—the free movement of 
ions through an ionized liquid (or salt solution) from 
anode to cathode and vice versa, using an e. m, f., part 
of which is consumed positively or negatively in de¬ 
taching or attaching ions at the electrodes in dissociation 
and recombination of the electrolyte and for the rest in 
supplying the inevitable heat due to the increased 
mechanical molecular agitation. 

III. The inovement of free ions or electrons in a 
non-ionized fluid. Conduction of this type is dependent 
upon two factors: (1) A requisite source' of ions or 
dectrons, and (2) the e. m. f. required to overcome the 


counter e. m. f. of space charges and again to supply 
the inevitable heat. 

Fluid conduction may be set up in every kind of 
fluid, liquid or gaseous. No fluid of any sort pervaded 
with a supply of ions or electrons can propwly be re¬ 
garded as an insulator. Correspondingly every fluid 
in which ions and electrons are absent must function 
as an insulator. 

Amorphous bodies or the precooled liquids, such as 
glass, the matrix of porcelain, fused quartz, etc., should 
be remembered as belonging to fluid conductors. The 
hardness of these bodies is due to their high viscosities, 
occmring when they were cooled from the molten state 
without crystallization. Pure, normal sulphur is an 
example of a non-fluid or crystalline body free of ions 
that intercepts completely the flow of ions and electrons, 
and functions, therefore, virtually as a perfect insulator. 
Fluids can have no such dependable barrier quality. 
This is the great reason why fluid insulators must al¬ 
ways be supplemented with substantial barriers that 
break up the threadlike channels occupied by moving 
ions when driven by applied e. m. f. 

Many have a feeling that air is a well-nigh perfect 
insulator or barrier to the passage of current forced 
along by applied voltage. The fact is that air has little 
or no barrier quality. If ions are liberated into the air, 
as by the passage of X-rays, on the application of a few 
volts only, the air may be observed to conduct with 
relative facility. It is actually no insulator in the 
sense that sulphur is. The great reason why air 
appears to fimction as an insulator in all ordinary cases 
is because of the absence of virtually all facility for 
liberating ions or electrons into the air.* To detach 
an electron from a metal electrode into a gas requires 
an electrical field terminating on the wall of the elec¬ 
trode that has been formed by the application of a 
.million volts per centimeter. Above such voltage 
gradient terminating upon a conductor, air ceases to 
function as an insulator because the applied e. m. f. is 
sufficient to expel ions copiously from the one metal 
electrode and drive them through the air to contact 
with the opposing electrode where they are discharged, 
thios completing the electric cxurent circuit. At 
correspondingly lower voltages, the air will function 
as an insulator only because electrons can not escape 
from the conductor walls. 

Because metals and carbon when raised to suf¬ 
ficiently high temperatures will radiate electrons and 
thus supply ions copiously, air in the presence of highly 
heated electrodes ceases to be ah insulator and functions 
abundantly as a conducting medium. 

We are thus compelled to recognize once for all thf i t- 
actually air and other gases are not really insulators; 
the thing that did the insulating, which was mistakenly 
attributed to the air, was actually a property of the 
wall of the conductor-electrodes by which electrons 
were confined within the conductor and not permitted 
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to escape into the air or other gasess occupying the space 
between and surrounding the electrodes. 

It is particularly in this “no-manVland” of ions and 
electrons, wherein insulators are not insulators and 
conductors are not conductors, that the electrical 
engineer is much concerned today. 

The most important of the expedients for liberating 
electrons are: 

L From metal electrodes immased in air or other 
gases 

a. by heating the electrodes, 

b. by appl 3 nng ultraviolet light to the elec¬ 
trodes, for which some metals are more effective than 
others, 

c. by coating the electrodes with certain salts 
that emit electrons copiously when heated, 

d. by intense electric charges, 1000 kv. per 
cm. in air—1250 kv. per cm. in vacuum, 

e. by evaporation or boiling of the metal or 
carbon electrodes. 

II. From gases: 

a. by exposing the gases to X-rays or by the 
emanations from radium and other radioactive 
substances, 

b. by collision ionization, commonly called 

corona. 

. III. From metals to fluids 

Electrons pass out from the cathodes and into the 
anodes immersed in electrolytes by the phenomenon 
known as electrolysis, long since well understood 
through the activities of the chemist. 

IV. From metals to solids 

Herein little is Imown as yet. There appears to 
exist no general understanding of the phenomenon of the 
passage of electrons from a metal to a non-conducting 
solid. Nevertheless, among the classical experimente 
of a century ago there was the one in which the metallic 
coatings of a “Leyden jar” were made removable. 
With the electrodes mounted the jar was charged. The 
pn atingR were then ranoved and the jar and coatings 
were examined to determine the seat of the charge. 
The coatings were discharged and replaced and the jar 
thereafter discharged as a.whole, when it was found 
that the discharge was virtually as strong as if the 
coatings had not been removed, discharged and re¬ 
mounted. Through the new knowledge, we now know 
that when metal electrodes make good contact with 
solid dielectrics, electrons pass easily from the metal 
electrode to the atoms of the contacting dielectric and 
vice versa. The conclusion is inevitable that the con¬ 
tact e. m. fs. between the metallic and dielectric walls 
are extraordinarily low, permitting the easy exit of t^e 
electrons from the negatively charged electrode to the 
adjacent dielectric, and conversely from the dideclric 
to the positively charged electrode. Because in sohd 
dielectrics neither electrons nor charged atoms can 
migrate with any but the sUghtest degrees of fre^om, 
the dielectric functions as a barrier; an excess of elec¬ 


trons in the superficial face of the dielectric under the 
cathode and the opposite condition imder the anode 
occurs and develops until the counter e. m. fs. of the 
boimd charge thus produced balances the applied 
voltage whereon the action rests in a potential state. 

V. Liberation of ions and electrons is produced by 
friction, splashing of liquids and bubbling of gases 
through liquids. 

Of the highest importance, likewise, are the facilities 
available for the quantitative observation of the causes 
and corresponding effects of the activities of ions and 
electrons. In occasional circumstances, the quantities 
to be measured are all suitably large, including the 
expenditures of power for which there is at hand a 
wealth of well-known measuring expediencies. Often, 
however, one or more of the essentials to be measured 
are relatively very small or very large and the cor¬ 
responding facilities available are as yet few, if at all, 
and general experience in their use may be lacking. 

For the detection and gaging of small free charges in 
the air and gases, the gold-leaf electroscope, the delicate 
electrometer or galvanometer are often necessary. 
New uses for the old expedient of the potenitial plate or 
potential electrode are being found for the deter¬ 
mination of potentials due to position, potential gra¬ 
dients, voltage duties, and potentials as modified by the 
presence of space cWges. Conducting or non-con¬ 
ducting barriers in plates, tubes or other forms as re¬ 
quired to limit the migrations of ions or electrons are 
often most helpful. A. metal woven mesh, coarse or 
fine, may have its uses as a kind of“grid'’ for high volt¬ 
age studies of the migrations of the electric carriers in 
air, gases, and liquids. The modem cathode-ray oscillo¬ 
graph and electron jet recorder are of extraordinary 
value for the promulgation of these studies. 

In many studies the time-relation wherein a thing 
happens within the duration of a cycle or transient is of 
dominating importance. In these cases some depend¬ 
able criterion in time relation must be found. When the 
actuating voltage is cyclic or transient and maintained 
with the requisite power, the non-inductive, non- 
capacitive resistor for “tapping out” fractional replicas 
of the total actuating voltage is a valuable expedient 
herewith. The potential plate, judiciously used, is 
also a helpful expedient for the same purpose. 

Studies of this character in one way or another require 
electric power supply-sources in almost every thinkable 
voltage-current-time relation. Herein for continuous 
high voltages the old electrostatic machine and modem 
kenotron (the latter with requisite accessories) ^ 
available. Below and above commercial frequencies, 
laboratory forms of alternators and arc-converter and 
electron-tube oscillators are available; the choice 
must be determined by the special circumstances. 

In the aggregate, there must be provision for the use 
of almost every character of substance occupying the 
immediate space about the electrodes which in ton 
must be available in every required form taken with 



1028 


RYAN; STUDY OP IONS AND ELECTRONS FOR ELECTRICAL ENGINEERS Transactions A. I. E. E. 


respect to the method by which ions or electrons are to 
be detached from them. Among these electrodes there 
must be those which are made of boiling metals or 
carbon. ' 

Henceforth, problems without number will come up 
for attention in the electrical fields the solution of which 
will be feasible only through the use of abundant 
knowledge of ions and electrons to be acquired only by 
orderly, persistent effort. In closing, by way of example 
herein, one may mention the problem of the reduction 
of the damage done by power line fiashovers. In a 
considerable percentage of these fiashovers the trouble 
is started by indirect lightning, or other forms 
of over-voltages or some sort of attenuated conducting 
material laid across the circuit, usually from conductor 
to tower. In a great many of these cases the trouble 
is known to have had a very small beginning that now 
and then is not augmented and clears itself. But in 
the majority of cases the local metal faces of the con¬ 
ductor and tower are heated with great rapidity to the 
boiling point in those spots that happen to be located at 
the termini of the thin ion-electron stream that in¬ 
augurated the action. The ionized vapor liberated by 
the boiling that ensues enormously augments the 
conductivity of the original stream of electric carriers, 
resulting in the rapid development of a heavy short. 
An effective procedure for the solution of the problem 
may be to cover the conductors at the towers suitably 
with a heat resisting barrier that will not permit the 
discharge to terminate on the conductor in a sufficiently 
narrow spot to produce boiling so as to permit the action 
to clear itself. It is not forgotten that in procedures 
of this sort not one but all perceivable options that 
promise a solution must be worked through at least to 
that point from which it is seen that they may or may 
not be given up effectively. 

In conclusion, it should be helpful to all electrical 
engineers to acquire a knowledge of the more important 
factors in the behavior of ions and electrons; and for 
the maintenance of a well-balanced progress in the 
electrical industries, it is highly necessary that some of 
the electrical engineers acquire, augment, and apply the 
highest attainable knowledge of this subject. 
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Discussion 

R, W. Sorensen: Professor Ryan says, “There are two 
varieties of electrons, positive and negative.” On this he can 
find much authority; in fact in his book, “The Electron,” 
Dr. Millikan speaks of positive and negative electrons, but I 
much prefer in this particular to follow the practise of those 
who define the electron by saying it is a cathode particle such as 
is found in the cathode rays. I choose this path of thinking 
about electrons because we all know something about cathode 
rays. These rays have been found to be made up of negatively 
charged particles, and the particles are called electrons. 

This definition makes the electron a single individual, always 
negative, rather than twins, one positive and one negative, and 
it is, as a consequence, more easily recognized. If the electron 
cannot be a twin, we must provide it with an affinity from which 
it wishes never to be separated, and in this form of nomencla¬ 
ture the term proton has been applied to the same individual 
that Professor Ryan has called the positive electron. 

More frequently than not, these electrons and their protons 
are found in large groups, but, in the case of the hydrogen atom, 
they are alone, this atom being made up of one electron and 
a single proton nucleus. That points out one question to wliich 
we might refer in Professor Ryan’s paper where he stated, I 
believe, that the positive electrons were not found alone; but 
this is the one exception. If one of these hydrogen atoms en¬ 
counters a disturbing influence, such as an electric field power¬ 
ful enough to detach an electron, the electron becomes free and 
there is left the single proton. 

Proceeding in the direction of complexity of structure, we 
could discuss the helium atom which has two electrons attached 
to a nucleus that appears to have four protons. 

When one or more of these electrons or negative particles 
is taken away from an atom, the remainder behaves in such a 
way as to indicate that it has a positive charge, and is known as 
a positive ion. Thus atoms become ions when they have a 
deficiency or excess of electrons. 

I see no reason why protons as defined cannot exist in a 
free state in a hydrogen arc, but it is, of course, true that com¬ 
pared to the number of times one can find free electrons, such 
an occurrence is very limited. 

I had planned to question the statement that “under all or- 
dintirj’’ conditions approaching quiescence, free electrons adhere 
to atoms, otherwise neutral.” But now, although a number of 
physicists think they are free, I am inclined to think that we 
shall get into less trouble if we take Professor Ryan’s statement 
that these electrons are likely to attach therasolves’ to neutral 
atoms, making them negati^Q ions. 

Something is said about electron travel. In regard to that, 
when we measure an electric current as so many amperes we 
are measuring the sum of the positive and negative ions passing 
through the ammeter. 

I should like to suggest that perhaps as engineers we would 
clear up Professor Ryan’s statements as to the movement of 
electrons by saying that the electrons or ions may be moved 
mechanically, electrically or magnetically; that is, you can move 
them by mechanical means by placing them in what we call 
electrostatic field, or in a magnetic field. I know that is exactly 
what Professor Ryan intends to say, but I think it would be 
better to say magnetically rather than electromagnetically. 
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On the second page Professor Ryan has divided conduction 
intq three groups. I think we should add something to these. An 
electric current made up of these ions or electrons will also 
travel 1.hrough a vacuum, and I do not believe that this has been 
iiicliidod in these throe sections. Also, I am not quite sure 
tliat these three groups as listed show conduction through an 
arc. 

To tlio paragraph at the top of the second column on the 
second page I am inclined to add the idea that every atom has 
electrons; tlieroforo, how can one have a fluid which does not 
liavo atoms and hence does not have electrons? Correspondingly 
liow would it be an insulator under Professor Ryan's definition? 

Considering practical engineering application, I am one of 
the many wJio have a feeling that air, pure and unadulterated, 
if not a m^aiiy perfect insulator, is at least a pretty good one and 
olio which Avill serve us for a long time. In the final analysis, 
all our transmission lines are air-insulated, the porcelain bead 
cliains with which wo d^^corato our transmission towers being, 
after all, only decorativo suspenders which serve to keep the 
lin<\s from falling. The insulator is the air. 

I think the reason Professor Ryan’and I differ in this is be¬ 
cause lie says a thing is not a thing unless it is at least 99.44 
per cent p^r(^ Air, thmi, is an insulator just as oil is an insula¬ 
tor. Jf Avo introduce into the air, free electrons or ions, the 
air as afi insuhitor becomes defective in exact proportion to 
tho amount of impurity introduced. In undertaking our engi- 
iKHwing problems we call oil an insulator. It never is a perfect 
one and it C(^ases to be an insulator at all if moisture is added to 
it, its value as an insulator decreasing in proportion^ to the 
amount of Avater added. 

1 might also add that in the sense which Professor Ryan has 
spoken of an insulator, a vacuum is not an insulator. Current 
can and will go l.hrough it. To my way of thinking, a high 
vacuum is an insulator, but it is not a perfect insulator; there¬ 
fore, Professor Ryan says it is not an insulator. 

Whmi two conductors are brought very close together, a 
potmitiul of 1,000,000 volts, per cm. oroven greater potentials 
may be required to break down the gap. Also, cold electrodes 
in liigh vacuum require potential gradients of this magnitude 
as imiizing ])ot(mtials, but charged electric conductors in air 
at sea levi^l and s<jparatG(l practical distances will arc over one 
to tlio other if thti potential gradient in the air between them 
is 30,000 volts i)or cm. 

However, on this point I must assure you that though we 
are using different words. Professor Ryan and I understand 
•mcli oilier thoroughly in this matter, and in conducting experi¬ 
ments involving these things, we would use in many cases the 
satim strategy and anticipate the same results. 

C. E, Ma4nusson* There is one factor—in fact a vital 
factor in the electron theory—tho physical! characteristics of 
which are seldom discussed while the attention is focused on 
tho scvcsral forms of mass units involved. I refer to the electric 
charge. What is tlio innate nature of positive and negative 
charges, which take possession of, or are possessed by, electrons, 
ions, protons, corpuscles, or by whatever name the mass units 
may bo dcisignated? How can the charge, if located on or 
attached to an electron or other mass unit of definite size, pro¬ 
duce action at a distance or be attracted or repelled by other 
charges attached to far away mass units? What is back of 
Faraday's linos or tubes of force? May I ask Professor Ryan 
to give us his concept of the electric charge? 

C. L. Fortescues I think one of the reasons why electrical 
engineers have difficulty in following and applying the electron 
theories is because it is the first time they have coihe up ag^st 
the subject of statistical mechanics, a subject with which physi¬ 
cists have become very familiar in their study of t^e dynamic 
theoi*y of gases. 

Now many laws of physios, dynamics, and physi^ chemistY 
were found before the kinetic theory of gases was well estabhshed. 


and these laws prove to be. true under practical conditions 

Electrical engineers have been accustomed to think of air 
as an insulator which breaks down, under ordinary conditions, 
at about 30,000 volts per cm. This, of course, is a very con¬ 
venient way of looking at it, but we know by the electron theory 
that this isn’t at all true except under certain specific conditions. 

The electron theorists tell us that the air Avill break down 
at any point where the rate of ionization and the rate of recom¬ 
bination are equal. I believe the rate, of recombination de¬ 
pends upon the mobility and the rate of ionization depends upon 
the density of the air and also upon the total value of applied 
potential or the difference of potential between electrodes; but 
we have two quantities there that have to be taken into account. 
As a consequence we find for a very small separation, as Mr, 
Sorensen points out, a breakdown strength of the order of 
1,000,000 volts per cm. In a larger space the breakdoAvn 
strength of the air becomes less and less. In the ordinary 
spaces the engineer uses, we find it averages around 30,000 
volts per cm. 

In Professor Ryan's paper, I was a little disappointed when 
I read his remarks about the three sorts of insulators. Un- 
fortiinately we are likely to generalize and think of these things 
practically as hindering our methods of insulation. For in¬ 
stance, Professor Ryan makes his statement in such a way that 
one would think, reading it superficially, that barriers were 
absolutely indispensable in connection with all* insulators. We 
know by actual experience if proper care is taken to prevent 
the formation of corona, or, putting it in terms of the electron 
theory, when local ionization is avoided, we can use air without 
applying‘harriers, and the strength of the air wiU follow the 
avarage law 'Which I have mentioned, breakdown taking place 
at about 30,000 volts per cm. 

Certain conditions occur when the bounding surface between 
solid dielectric and air apparently does not follow the law of 
breakdown in air. I. think these discrepancies have been attrib¬ 
uted to the effect of the absorption of gases or moisture ou the 
surface, but if you have a perfectly clean surface of proper 
conformation, the path along the surface will have the same 
breakdoAvn strength as the air has. 

I should like to ask Professor Ryan to clear up this difficulty 
in the interpretation of this paper. We are sure as engineers 
that the air is still a medium for insulation. 

F. G. Baums For many years (since 1911) Dr. Ryan, has 
exhorted us to study the electron. I am here as a missionary 
today to try to help show the importance of studying the electron. 
For many years the subject of electrostatics has been taught in 
schools. In my opinion, there is no such subject as electro¬ 
statics except as you get down to an extreme vacuum where 
you have no ions injected into the vacuum; otherwise you have 
‘‘electron mechanics," and I believe in a very short time you 
Avill find that our textbooks will be reAvritten and the term 
"electrostatics" practically eliminated. It is Avrong and we 
must get another proper term and realize that we are dealing 
with objects moving at very high speed and causing entirely 
different conditions from those which we thought true when we 
studied electrostatics. 

Ordinarily, we take two bodies and draw lines between and 
say that is an electrostatic field. It is an electrostatic field 
only because electrons are mo-ving from one. of those bodies to 
the other; and our higher voltage insulation problem is de¬ 
pendent on a knowledge of handling this electron flow. 

H.J* Ryans Replying to Professor Sorensen: I can ac¬ 
cept, if necessary, the use of proton in lieu of positive electron 
as proposed by some physicists. It is simply a choice of terms. 
Personally, however, I like Doctor Millikan's use of positive 
electron to emphasize the fact that all matter is substantiaJly 
made up of cathode and anode particles. As implied, it is true 
that experimental facilities are as yet more abundant or con¬ 
venient for the liberation of cathode particles than for anode 
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particles. These cathode and anode particles surely are twins 
of just the character referred to. They carry elemental charges 
equal in amount and opposite in sign. The positive electron 
or proton is much smaller in diameter and has a correspondingly 
greater mass than the negative electron. The same elementary 
electric field or charge centers in the electron whether positive 
or negative,—the one and only known difference being that 
of direction or polarity. I do not feel that the use of the term 
*‘proton” is adapted to the presentation of these facts as well as 
the term “positive electron,” It is helpful to have been re¬ 
minded of the stripped hydrogen atom which can be produced 
and which must behave as an isolated positive electron, proton, 
or anode particle as we may variously call it. 

I quite agree with the idea put forth in regard to the move¬ 
ment of ions and electrons mechanically, electrically or magnet¬ 
ically. However, it should be remembered that they may 
be moved also by any combination of these agencies. For 
example, ions in the air that is blown along between the poles 
of a magnet and between metal plates maintained at a difference 
of potential will be moved mechanically, magnetically, and 
electrically. It may be that it is not helpful to compound these 
terms and say that the ions were moved electromagneto- 
mechanically. I am quite agreed to say that they were 
moved electrically, magnetically, and mechanically. 

I am glad to accept vacuum for a place in the list of electrical 
conductors, I had left it out originally because in the first 
place a vacuum is not anything, anyway in the ordinary sense, 
and therefore can not assist or hinder the migration of ions or 
electrons; in the second place, as Mr. Wood brought out in the 
talk referred to, as soon as ions or electrons are adnaitted to the 
vacuum it may in a sense be thought of as having ceased to be 
a vacuum. 

I can see no difficulty with the statement “No fluid of any 
sort pervaded with a supply of ions or electrons can properly 
be regarded as an insulator. Correspondingly, every fluid in 
which ions and electrons are absent must function as an insula¬ 
tor.” Of course, each molecule of neutral transformer oil is 
made up of complete or neutral atoms that in turn are made up 
each of an equal number of positive and negative electrons 
bound together, forming neutral aggregates. Such oil is not a 
supply of ions and will not conduct under an impressed elec¬ 
tromotive force of moderate value. If, however, the oil con¬ 
tains impui'e water in suspension it is pervaded with a supply of 
ions and will conduct. 

I cordially admit the powerful revulsion of feeling that must 
come to one when first confronted by the fact that it is the wall 
of the metallic conductor when immersed in air that is really the 
insulator and not the air. Take away the air, as one may do in 
a vacuum, and the conductor will be insulated just as well as 
before. This is the fact that made me doubt the wisdom of 
putting “vacuum” in the list of conductors. It does not really 
matter, though, as long as we can agree as to the circumstances 
in which it does or does not conduct. Years ago, when the 
idea prevailed in my own mind that air is one of our best insula¬ 
tors, with dielectric strength greatly enhanced by compression, 
I undertook to provide a powerful dielectric by means of air 
compressed to 1600 lb. per sq. in. I was greatty perplexed by 
the results because I was wholly unaware of the fact that air 
will permit ions to pass through it freely if one will but provide a 
source thereof, such for example as a hot carbon electrode. We 
did not know then, as we know now, that in all ordinary circum¬ 
stances electrons cannot escape from the wall of a conductor 
which is the basic reason why we were made to believe that the 
air was the real insulator. Furthermore, we did not know then, 
as we do now, that at extraordinarily high electric intensities 
at the surface of an electrode conductor (1,000 kv. per cm. 
approximately) electrons or ions will escape from the wall of 
the conductor and be driven freely through the air to the opposing 


electrode where they will be discharged. With a knowledge of 
these facts twenty years ago we would not have been perplexed 
by the anomalous behavior of air as an insulator when put to a 
real test. 

I cannot agree that it is a matter of degree to be covered 
by such a small item as the departure of 99.44 from 100. It 
is not a question of purity or impurity any more than it is in the 
case of water. Water will conduct as long as it has ions sus¬ 
pended in it. Being a fluid it ceases to conduct only when the 
supply of ions has been eliminated. And this will cover also 
the reference to oil. 

Doctor Magnusson asks the question “What is the innate 
nature of positive and negative charges which take possession of 
or are possessed by electrons, ions, protons, corpuscles, or by 
whatever name the mass-units may be designated?” This 
question and the form in which it is put are helpful even if one 
has not a ghost of an answer. I can only discuss this question; 
I cannot begin to answer it. I can only offer what appears to 
me to be a reasonable conjecture in regard to the perhaps most 
important attribute of the electron. This is that aU electric 
fields are made up of unit-fragments alike in constitution. 
Each field fragment terminates on an electron from which it 
extends radially and expands uniformly, and'so far as we know, 
indefinitely. These field fragments are the same, whether posi¬ 
tive or negative, differing only in polarity and in radius of the 
electron surface at which the field terminates, being much smaller 
for the positive electron which must, therefore, have a correspond¬ 
ingly greater mass, the measure of the energy that was used 
in the extra concentration of the field. Whatever else they 
may be, electrons are surely these field fragments. ^11 greater 
electric fields are merely aggregations of these unit-field frag¬ 
ments. The electric intensity through any field volume is the 
vector sum of the radial field fragments attached to the electrons 
that constitute the charges to which the field is attached. Max¬ 
well understood the composition and resolution of electric 
fields and taught us to locate “tubes” of electric force by draw¬ 
ing diagonals through the parallelograms that are formed by 
the radial lines which represent the electric fields that extend 
uniformly in aU directions from charges located at a point. It 
is the vector composition of superimposed fields terminating 
upon the positive and negative electrons that forms the “tubes 
of force” of an electric field. It is in the presentation of these 
facts that I find the term positive electron more helpful than 
proUm. 

It is also helpful to have Mr. Fortescue emphasize the im¬ 
portance of statistical mechanics- I trust that all who are in¬ 
terested in the new knowledge will read thoughtfully what he 
has said. He also refers to the extremely short space that must 
exist between metal electrode faces before electrons will leave 
them and the vacuum, or gas-filled space between them, will be¬ 
come conductive. If the fact is allowed to stand in that light 
I fear we shall give our more general audience the impression 
that this action is the result mainly due to the close proximity 
of the metal ekrctrode-faces. In fact it cannot primarily be 
due to the nearness of such faces as Hayden and Steinmetz 
have shown in their A. I. E. E. paper on the dielectric strength 
of the vacuum.® The preparation of my paper was only possible 
by the use of old terms with new or modified meanings. I had 
to count, therefore, upon precisely such disappointment as 
that of Mr. Fortescue because I have referred to air as a con¬ 
ductor instead, of as an insulator. I have no thought of pro¬ 
posing that we stop calling air an insulator. What I do want to 
see established is a better understanding as to hoW it can be 
made to conduct abundantly. With that, and with more 
of a background in the subject which will come with experience, 
the choice of terms with no doubts on important difference, will 
be readily accomplished. I am a hearty advocate of the high 

2, High-Voltage Insulation, by J. L. R. Hayden and O, P, Stein¬ 
metz, A. I. E. E., Transactions, 1923. page 1029, 
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value of the Fortescue principle wherein air i nmilatinn barriers of 
powerful solid dieleotrios are applied, having boundaries oo- 
moident with those of the tubes of eleotrio force in the air adja¬ 
cent. Such barriers displace the air in regions of dense electric 
fields that would otherwise ionize and afford prolific conduction. 
We do not differ as to the facts and in the end we shall have put 
new meaning into old terms or adopted new terms by which all 
who use them will apply helpfully the new knowledge of these 
thmgs. 

Baum has declared rightly that electrostatics are hope¬ 
lessly madequate for understanding and for effective control 
of electrical states and actions. This I know to be the case 


even though we cannot agree as to facts when he says that a 
quiescent eleotrio field between two charged bodies is such “be¬ 
cause electrons are moving from one of these bodies to the other.” 
Of course, this brings us face to face with the age-long problem of 
action at a distance” and my question to myself is: “Has Mr. 
Baum made some progress toward the definition and solution 
of that problem?” Most of ns have not,—we face a bi gb wall and 
cannot see what is beyond. To mo the static electric field be¬ 
tween two bodies is the composition of the two field a^egates 
of opposing polarity that terminate on the corresponding free 
positive and negative electrons that are bound to the surfaces 
of such bodies* 


Engineering Research—An Essential Factor in 

Engineering Education 

BY C. EDWARD MAGNUSSON* 


Fellow, , 

I T may seem trite to.assert the interdependence of 
engineering research and engineering education, and 
no doubt most workers in the vineyard would consider 
the title of this paper aa axiomatic,';—^the statement of a 
self-evident fact. In theory the great majority of the 
lumbers of our engineering faculties, as well as prac¬ 
tising engineers, who have given time and thought to the 
training of young men for the engineering profession, 
readily subscribe to statements emphasizing the 
importance of research as a factor in engineering edu¬ 
cation; but in practise —^well, “the spirit is willing but 
the flesh is weak.” 

In the majority of our engineering colleges and tech¬ 
nical schools very little if any research is in progress, 
and even in our leading institutions comparatively few 
members of the teaching staffs are actively engaged in 
worth-while investigations. As yet the research spirit 
is an attribute of individual members of the faculties 
and not of our engineering colleges as institutions. 
Professors who have gamed recognition as investigators 
are looked upon as ornaments, and not as the bone and 
marrow of the university. Research remains a side 
issue, something very desirable and highly creditable 
to our technologic institutions, but not to be taken 
seriously as an essential factor in the training of en¬ 
gineering students. 

The rapidly increasing importance of engineering 
research in the industries stands in striking contrast to 
the^ apathetic condition that exists in many of our edu¬ 
cational institutions. In large manufacturing concerns 
the research departments have gained in recent years 
prestige and influence far beyond the fondest dreams of 
the pioneering investigators of thirty or forty years ago. 
The develo pment of new ideas is by now an integral, 
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• and, in many cases, a vital part of industrial organiza¬ 
tions. Research enginews are continually transforming 
new ideas, into effective weapons of offense and defense 
in present day industrial warfare. The research de¬ 
partments provide the means for gaining new markets, 
and form the bulwarks of defense against competition 
in established fields. That industrial research will 
continue to expand is certain, as the work rests on a 
sound economic basis. Properly conducted research 
not only pays well—^in fact brings large returns on the 
mvestment ^but is a basic necessity in order to enable 
industrial organizations to live and prosper. 

While, in the main, the expansion of research in the 
industries has had a salutary effect on our engineering 
colleges, still it has devdoped conditions adverse to the 
effective training of engineering students. Industrial 
research has emphasized the importance of giving stu¬ 
dents clear concepts of well established fimdamental 
principles and created a new and highly attractive 
professional field, thus providing the studious, scientific¬ 
ally inclined, engineering student with a better apprecia¬ 
tion of funtoental physical laws and a definite goal 
for his ambition—to become a research engineer. 

Of adverse factors two are of special Rignifi<»a n ce : 

1. The type of mind required for becoming a suc- 
ce^ful research engineer is essentially the same as for 
gaimng pronoinence as a professor in some field of 
engineering. As industrial concerns are able to pay 
larger salaries than educational institutions, and what is 
often of greater importance, can provide better facilities 
for carrying on inv^tigations, the teaching staffs are 
being robbed of their best men, and, to a large extent, 
have been cut off from the supply of desirable recruits. 
This factor affects not merely the faculties of engineer¬ 
ing departments but likewise those of physics and 
chemistry. Unless this movement can be checked and 
emoluments of professors be made as good or better 
than those given to research engineers, the results will 
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soon prove disastrous to technologic training. For, in 
order to have a first class college of engineering, there 
must be first class men on the faculty. 

2. Even under present conditions, the amoimt of 
research accomplished by industrial concerns is over¬ 
whelmingly greater than what is done in the universities 
and professional schools. With industrial research 
staffs having sev^al thousand members—as, for 
example, the recently organized Bell Telephone Labora¬ 
tories—and with adequate facilities at their disposal, 
is there any wonder that the research output of a college 
faculty, with its members giving practically all their 
time and effort to teaching, should be very small in 
comparison? The contents of our scientific and tech¬ 
nical journals and the proceedings and transactions of 
our scientific and technical societies give evidence of the 
increasing preponderance of papers from industrial 
research departments, with a corresponding relative 
decease in contributions from educational institutions. 
To those who are familiar with existing conditions for 
conducting research in oiu* colleges of engineering and 
institutes of technology, as compared with the facilities 
provided by research departments of many industrial 
concerns, the wonder is not how little, but how sur¬ 
prisingly much, the professors actually accomplish. 

Still the distressing fact remains that the relative 
importance of our institutions of learning as centers of 
research is rapidly decreasing, a situation that should 
be given serious consideration, not only by faculty 
members of our engineering colleges and technical 
schools, but likewise by all progressive engineers and 
captains of industry. It is, by now, quite generally 
recognized that during his four years in college, the 
main purpose of the prospective engineer is to acquire 
a mastery of engineering fundamentals and a working 
knowledge of mathematics and English, while com¬ 
paratively little importance is attached to the gathering 
of detailed information on current practise. (In 
paranthesis it may be noted that while engineers and 
educators are generally agreed that the major part of 
tte student s time and effort should be given to engineer¬ 
ing fundamentals, there are app^ently widely divergent 
views as to what the term implies. For the purpose of 
this pap^ let it be assumed that by engineering funda¬ 
mentals is understood the basic physical laws with and 
under which the practising engineer works, lives, and 
has his being.) The student in college should gain a 
d^p and full realization of the far reaching importance 
of the principle of the conservation of energy, New- 
ton’s. Joules’, Ohm’s and Kirchoff’s laws, and aimiigr 
established basic physical relations, and acquire the 
amity to apply them correctly to quantitoHve engine^ina 
problems. 

In order to give the student a clear insight into the 
basic laws of engineering and their application to 
quantitative problems with that perspective of coming 
expressed by Mr. B. G. Lamme, “it 
should be remembered that much of what these young men 


will work mth has not yet been discovered” and requires 
teachers who are continuously applying basic principles 
in their own search for new truths. The title “research 
professor,’’ which, in the last few years, has made its 
appearance in several university catalogues and bulle¬ 
tins, indicates an unfortunate tendency. It gives 
official recognition to a separation of the teachers from 
the investigators—^and thereby erects a new barrier 
between the students and the progressive thinkers on 
the teaching staffs. It would be better both for the 
students and institutions if successful research could be 
made a requirement for all members of the faculty, and 
that in rating our engineering colleges and technical 
schools, more emphasis could be placed on the quality 
and number of engineering bulletins and scientific 
papers published than on the number of students or 
available laboratory equipment and size of buildings. 
There can be no question that much more research must 
be done in our engineering colleges than obtains at 
present. Attempting to solve new problems is the best 
means for developing initiative and the ability to 
think. 

If it be admitted that research surroundings are essen¬ 
tial to the proper training of engineering students, and 
that present conditions in most engineering and tech¬ 
nical schools make worthwhile investigations well nigh 
impossible, it is evident that the question of improving 
existing conditions must be given serious consideration. 

Of course most of the difidculties that beset our en¬ 
gineering colleges would be eliminated if adequate funds 
were available for research facilities and pay for staff 
members comparable to those provided by industrial 
organizations; but there is little hope for general relief 
in this direction, as the number of students seeking 
training is, in most institutions, increasing at a greater 
rate than the material wherewithal. As a more likely 
method for bringing engineering students in touch with 
worthwhile investigations, the author would stress the 
importance of a closer and more extensive cooperation 
between the research divisions of industrial organiza¬ 
tions and educational institutions. The following sug¬ 
gestions are submitted: 

1. Industrial organizations should establish numer¬ 
ous research fellowships in engineering colleges, not as 
gratuities but as necessary investments against their 
own future need of properly trained additions to their 
staffs. 

2. Cooperative work between research departments of 
industrial organizations and educational institutions 
should be greatly increased. 

8. Some form of bonus system should be established 
by which engineering colleges would receive finatiAia l 
returns from industrial organizations for having dis¬ 
covered and trained exceptionally successful engineers. 

,4. Let educational institutions take out patents on 
new ideas of commercial value originated by faculty 
members; that is, expand and make effective the plan 
recently adopted by Columbia University. 
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5. Establish research foundations as integral parts 
of engineering colleges. 

6. Let a larger share of the normal income of educa¬ 
tional institutions be expended on investigational work. 
This would be in accord with the policy adopted by 
industrial organizations. Twenty or thirty years ago 
the budgets for research were insignificant in most of 
our^ industrial organizations, while today the research 
divisions in several manufacturing and operating 
companies expend millions of dollars annually. 

7. There should be instituted an exchange of en-- 
gineers between engineering faculties and engineering 
staffs of manufacturing companies and other industrial 
organizations; the plan might be somewhat similar to 
the exchange of professors between European and 
American universities. If a man for man exchange 
could not be effected, let the manufacturing companies 
donate the services (Sabbatical year) of some of their 
engineers, who would devote all of their time in selected 
engineering schools during a full academic year. 

To properly train engineers is an expensive process. 
To obtain satisfactory results our engineering colleges 
must be provided with much greater firiancial support 
in the future than has been the case in the past. If the 
service rendered by our engineering colleges is of value 
to industrial development, let organized industries as¬ 
sist in providing adequate means so that the work may 
be well done. 

If the basic necessity for research on a scale larger 
than hitherto exercised in our engineering colleges and 
technical schools is fully understood and appreciated, 
means and methods for improving existing conditions 
will no doubt be forthcoming. 


Discussion 

L. N. Robinsons Professor Magnusson emphasizes the point 
that engineering courses should teach students to think if 
nothing more. If that is so, why do not engineering currioulums, 
in general, include courses in the mental sciences, pajrticularly 
logic and allied subjects? However, it is not my present pur¬ 
pose to argue for or against the inclusion of any particular 
subject in the currioulums. What should be pointed out is that 
present conditions indicate a general lack of scientific treatment 
in the design of engineering ourriculums as well as in their 
application. 

We insist that scientific methods should be employed in 
designing engineering structures. Engineering students have an 
equal right to insist that scientific methods be employed in 
designing the ourriculums of engineering schools. 

When electric generating stations are designed by the same 
methods that are employed in laying out many engineering 
school courses, hybrid plants are produced in about the same 
proportion as our engineering schools turn out bond and auto¬ 
mobile salesmen. 

In designing an engineering structure, it is customary to 
decide first what is to be designed,—whether it shall be a bridge, 
an office building, a loconaotive or something else. Next we 
determine which parts shall be of steel, which of copper, etc., 
then we prescribe. methods of fabrication and assembly. In 
other words, every step from the inception of the enterprise to 
the finished product is worked out with utmost scientific care. 


Is this method followed in designing engineering currioulums 
and in training engineers? Before it can be said that engineer¬ 
ing courses, themselves, are scientifically designed, we should at 
least first determine what the product of an engfineering course 
should be. Then the elements that should constitute the course 
can readily be determined, with equal care to deciding how the 
courses shall be conducted. 

Last June at a commencement the chancellor of a university 
said that the world is full of people who Imow all about education 
except what it is for. This is a challenge to the engineering 
fraternity and to the engineering schools in particular; it 
demands a scientifically sound justification for our college courses 
and especially for our engineering courses. And, since we 
profess to be scientific in our engineering work, we should be 
better able than the humanists to answer the challenge. In 
doing so, however, we must be especially careful not to mistake 
consensus of opinion for sound scientific truth else we shall class 
ourselves with those who scoffed at Christopher Columbus 
because his views differed from generally accepted notions. 

J* C. Clarks It seems to me that Professor Magnusson has 
lost a grand opportunity in his paper to bring out one of the 
main reasons why we should have research in engineering 
colleges. He has stressed the value of the educational aspect of 
research almost exclusively, and has pointed out that it nearly 
goes without saying that research has an indispensable part in 
technical education. Professor Sorensen also emphasized very 
strongly the educational value of research in the colleges. In 
other words, it is for the good of the colleges and the students that 
research is carried on in the colleges. 

I believe that it ought to be pointed out by Professor Magnus¬ 
son that the industry needs engineering research in the colleges 
as much, if not more, than do the colleges. As Professor Mag¬ 
nusson has so emphatically stated, it is true that the large 
corporations of today have millions to spend in research. They 
have large and well trained staffs to carry on industrial research, 
and they carry it on successfully and efficiently. On the other 
hand a great many of the smaller concerns have very meager 
appropriations with which to work and cany on research. 

It follows that most of us very much need to have a place to 
have scientific facts revealed. Not only is this true in the 
smaller manufacturing industries, but it is even more vital for 
the public to have these independent public laboratories of 
research which the colleges and universities can so well maintain. 
It really is not so much the amount of work done that matters, 
as it is the unbiased check that such laboratories can give upon 
the results that are revealed and published by the larger 
corporations. 

We do not charge that the large corporations color what they 
print about their laboratory results, but it is human and almost 
inevitable that they show the best side of what they find out, 
and somewhat neglect the unfavorable aspects of those things 
they are trying to promote. 

By doing a very little work sometimes with small funds, the 
smaller college laboratories can add industry and the social 
body a great deal. The exact amount of money at their disposal 
is not of prime importance although it is true that they need a 
vastly greater support than they now have. 

The professor who has one thousand dollars a year to spend 
for all his equipment, including its repair, and maintenance, is so 
haindicapped that he can surely do but little with the energy 
that he puts into the work. 

I should endorse what Professor Magnusson said: Industrial 
establishments of any size that do no research have “signed up 
for the exit.*' However, industrial research in smaller estab¬ 
lishments may not be carried on because they have not the 
facilities, and thus they have to depend upon the colleges. 

I find much in Professor Sorensen's paper which is of interest. 
Professor Sorensen starts out with an assumption which surely 
needs no argument,;—that research and engineering are insepa- 
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rable. Research muBt be a part of engineering education. He 
takes the same attitude as Professor Magnusson does in pointing 
out the necessity for it from the standpoint of education. This 
is self-evident indeed. 

Professor Sorensen gives the time honored definition of 
engineering that I believe was given by Tredgold, the first 
President of the Institution of Civil Engineers in England; “The 
art of directing the great sources of power and nature for the use 
and convenience of man,” etc., running through many, many 
words. It starts as a catalogue of the functions of engineers 
and thus its weakness is obvious. It can, of course, only begin 
to catalogue the functions of engineers, but I think that in this 
very definition, a part of the weakness of modern engineering 
education lies. Educators and engineers have been more or 
less hypnotized by such definitions of engineering, emphasis 
being placed entirely upon the technical aspect of engineering, 
the scientific, and the big and glorious things to be done by 
engineers. 

I should substitute a very much shorter definition for engi¬ 
neering. I define an engineer as one who directs the economic 
use of matter or energy. I should let it go at that because I 
believe that we have among us as great engineers who are 
directing the destimes of banks or steamship companies, from 
the standpoint of ^ecutive officers, as we have in any other 
capacity. In other words, technique should not be stressed 
exclusively in the work that is done in the colleges. There 
should be a little more emphasis placed on economics. There 
are very few colleges today that devote any great amount of 
tinae to the study of engineering economics. I do not see how 
it is possible to turn out men with a proper attitude toward 
engineering without giving them much study of the principles 
of engineering economics, not the old social economics, but the 
engineering student does need a very considerable amount of 
engineering economics if he ever becomes a true engineer. 

I wonder how much deleterious effect this long-drawn-out 
definition of Tredgold^s has had upon engineering education. 
Has it not hypnotized the profession somewhat into thinking 
too much about the imparting of information about technical 
things, perhaps information about the things that can best be 
learned by the man after he is out of college? 

In Professor Sorensen's paper I found one thing with which 
I think many men in practical research would particularly take 
issue. That is the standpoint that the undergraduates* thesis 
was wisely eli^ated. Professor Sorensen says “it was there¬ 
fore wisely eliminated.” The very next sentence takes the 
cmse off, But we should not forget that the thesis is symbolical 
of researeh-a functioa which must be the keystone of engineer¬ 
ing education if the engineer is to occupy the place for which he 
IS ambitious.” 


4 .x. ^ certainly true. The thesis is needed to supporl 

the Idea of research, to give some little practise in the methods ol 
research, with the object of bringing out latent research talent 
in the student. 


Professor Sorensen reveals that he has some such idea in 
latter p^ of his paper, Mnpe he speaks of the honor sections tha 
are estabhshed at Pasadena where the better men are permitte 
some chance to help in advanced and special work, assistin 
^earch men. I think he has there revealed his true attitud 
toward the research that may be done by undergraduates. 

It seems to me that the practise of segregating the student 
extraordinary,—the latter class ir 
men,—is one of the very bes 
I T^onder if the real re£on fo 
^imtmg the undergraduate thesis was not rather the diffi 
S encountered in lack of equipment or lack o 

STv *^® “^“stration of the theses than th 

ack of educational and developmental value in them? 

8e^th^re*’«fA“ti^°T *’^® ®“® Professor Soren 

sen there are two qmte distmct methods given for the selection 


of engineering student material. Of the two, I think the one 
that is the more hopeful is the one that is being tried out in 
Pennsylvania. The statement that Harold Pender made is 
quite true; that a boy fresh from high school is usually just a 
boy,—and I think it does require the few years of college which 
are a part of the Pennsylvania plan to bring out the judgment of 
a student and too, to weed out the defective material found 
among students. It is not defective material except that it is 
unfit for engineering although possibly very fit for some other, 
perhaps higher, walk of life. At any rate, there is a great 
difference among students in their fitness for engineering. 

I am somewhat in doubt as to the real value of the physical 
examination in the Pasadena plan because we have in our elec¬ 
trical history so many able men who might have had difficulty 
in passing the Pasadena physical test. Is it not going to elimi¬ 
nate an occasional man who has great latent ability in analytical 
ways? 

H. V. Carpenters This matter of engineering education is 
one that we shall always talk about I suppose. The Society 
for the Promotion of Engineering Education is at the present 
time spending something like a hundred thousand dollars, and 
I don’t know how many dollars’ worth of time, in analyzing 
methods of engineering teaching. 

It seems to me that one of the most difficult problems we have 
before us in that study is this matter of research. You remember 
that some Roman ruler said, “All right, if we destroy the Greek 
statuary, we shall send some men out and have it replaced.” 
If we aren’t careful, we shaU put our research work on that same 
mechanical basis. I believe that a research man is born. Maybe 
Dean Magnusson can make a research man, but I am afraid 
I caimot. I think it is more a matter .with us of being able to 
discover the research man when he comes along in our Classes, 
rather than being able to take an entire class of students and 
turning them all into first-class research thinkers. 

What we need to do is to teach these men to think, and 
research is only one of the better methods of teaching a man to 
think. A large share of these boys will never be research 
thinkers, but they will be very effective engineering thinkers in 
the ordinary sense of being able to go out and size up a job and 
put through the best design for it. They may not be research 
men, but they will be thoroughly useful men on straight engi¬ 
neering propositions. 

It is our business to give the man who Can do original thinking 
the inspmation to go ahead to develop his abilities in that line, 
and to give him a chance in the laboratory. Professor Sorensen’s 
scheme is a very good one; they have adopted a similar one at the 
Massachusetts Institute of Technology where the honor men are 
to be given a chance to do as much as they please. * The smaller 
institutions have always done that to a considerable degree in an 
easier way, having a much simpler problem. 

Dropping the thesis was a good thing, I think. I agree with 
Professor Sorensen on that as a requirement for every student, 
but for the student who shows interest, I think the thesis should 
be maintained, and carefully nursed along. We cannot expect 
revolutionary things from the senior, but perhaps if we start a 
real genius to thinking he may turn out a revolutionary piece 
of work in later years. 

L. J. Corbettx Doctor Magnussen describes the tendency 
to take research away from the colleges. I think we need not 
fear for that, as times are changing. As he states, the large 
companies are doing a great deal of research, but there is another 
factor; they also need men—and one of the ways to develop 
men is through this very research work. I believe this is being 
recognized by some of our large companies, as evidenced by the 
assistance which has been given recently, to both the California 
Institute of Technology and Leland Stanford, Jr., University, 
in the way of aid in the establishment of high-voltage laboratories. 
These, no doubt, will give a good account of themselves in con- 
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tributions to engineering research, and some students will reoivee 
valuable training in this field. 

Prom Mr. Sorensen’s paper I note that they are omitting the 
engineering thesis at the institution he represents* However, 
from the discussion which took place, I see that there is still some 
opportunity given for the honor men to investigate along the 
lines of their special inclinations, thus recognizing work on such 
theses. 

To return to Doctor Magnusson’s paper, we must recognize 
the tendency of the companies of today to require specialization 
in their men. This, I think, has been the inference in the advice 
which has often been given to engineering colleges to have actual 
departments of research where some men of the staff could go 
ahead and do research only, without the change in mental 
attitude which is necessary when a man does some research and 
also teaches a group of undergraduates, old, well-known material. 

I think the work of the teacher, as Professor Carpenter has 
stated, is inspirational. I think that if you can inspire a student 
to make the best use of his faculties, and not to consider his edu¬ 
cation complete when he has his degree, but* to go ahead with 
his studies and research—^you will do a heater work than 
merely filling him with information and making an encyclopedia 
of him. I think this quality is particularly exemplified in the 
man we have with us in the person of Professor Ryan. I be ieve 
that all his students will vouch for the inspirational quality of 
his work. 

There is one feature in Dr. Pender’s paper that struck a dis¬ 
cordant note. In one of his conclusions there is the statement 
that the student should recognize that engineering is a profes¬ 
sion, and not a job. That is all very well for us to recognize, but 
I think we should not emphasize it too strongly to the under¬ 
graduate student, because it is due to such thoughts that we have 
men who are reluctant to don overalls after getting their degrees. 
I think a man would get farther in the engineering profession if 
he were willing to don overalls for a time after his graduation 
and learn the rudiments of practical work. 

J. S# Bates: I once heard an engineer defined as a man who 
is skilled in the use of the word “approximately.” There is 
really a great deal in that because no matter to how many 
decimal places we carry our calculations, there is always one 
more; one or a vast multitude makes no difference. For that 
reason we should say a very important part of an engineer’s 
education is to determine what percentage of error is to be allowed. 

G. S. Smiths In the University of Washington we still have 
the thesis work scheduled as an elective but it has been virtually 
discarded, since it is seldom chosen by the student. However, 
I believe we have found other ways more effective in obtaining 
the results aimed for in the usual thesis work. 

Several of our courses scheduled for upper classmen and 
graduates, are presented in such a manner that each student, or 
more often a group of two or three students, selects or is assigned 
some individual problem to be worked out completely. These 
problems are usually of such a nature that they require a con¬ 
siderable amount of thought, reference work, or experimental 
work, and thus arouse in the student any latent inclinations to¬ 
ward research work. 

As an example I should like to mention a course to which we 
have paid a good deal of attention in our institution; that of 
electrical transients as a prescribed course of undergraduate 
study. In the laboratory part of this course a certain number of 
topics are assigned to the student for which he must obtain 
representative oscillograms. This is the more or less routine or 
practise part of the course. To satisfy the remainder of the 
requirements, the student must select some problem or topic, 
acceptable to the instructor, to be investigated by the taking of 
oscillograms. This problem must be one which has not been 
previously chosen by other students who have taken the course. 
Thus their work is, to a certain extent, original. 

The response on the students’ part is usuaUy more than grati¬ 


fying. They not only put more energy and thought into this 
part of the work than in the routine portion, but they also show a 
strong tendency to attack it from the investigational point of 
view; that is, they try to find the best method of attack, try to 
determine the results they expect, and then attempt to verify 
them experimentally, watching all the while for unexpected 
results. At times, of course, they make complete failures, but 
more often they are very successful. 

H. H* Henline (communicated after adjournment): I wish 
to emphasize the importance of fuU and frank discussion of the 
problems of engineering education by members of engineering 
faculties as well as by executives in industry. These authors 
have pointed out some very serious defects which are found in 
many curriculums. 

Most of the engineering curriculums now in effect were 
planned twenty or more years ago, and changes made since have 
not altered in any essential details the general plans followed 
originally. Therefore, we find that most of the curriculums 
furnish excellent preparation for certain types of work which 
some of the graduates enter. However, this number seems small 
when compared with the total. On account of the extremely 
rapid progress which has been made in many branches of engi¬ 
neering during the past few years, we find ourselves living in a 
period when the applications of engineering knowledge are so 
many and diversified in character that any curriculum designed 
to meet directly certain needs in industry may indeed prepare 
men in a most excellent manner for those needs, but it fails 
utterly to prepare them for the great range of engineering prob¬ 
lems, both executive and technical, which all graduates will be 
called upon to solve. 

There is a strong and growing tendency to choose executives 
from the men with engineering training, since the problems which 
executives in industry must meet are becoming so complex and so 
closely allied with fundamentals of engineering that great 
dependence must be placed on the judgment of engineers in 
order to reach the correct solution. Obviously the schools 
cannot train men directly for executive positions, since qualifi¬ 
cations for such positions depend greatly upon inherent character¬ 
istics, and any amount of training would not make capable 
executives of men who do not possess the necessary character¬ 
istics. However, if we wish the engineering graduates who do 
possess such characteristics to have opportunity to enter the 
management side of engineering, we must give them the broad, 
general foundation so absolutely essential. 

One of the most noticeable features in the large amount of 
discussion of curriculums occurring in recent years is the fact that 
many of our largest employers of technical graduates now wish 
to secure men who have had a broad training in general subjects 
and the fundamentals of engineering rather than men who have 
specialized in a particular branch of engineering. Thus we 
find that the old situation in which teachers wanted to adhere to 
fundamentals, and many executives in industry advocated cer¬ 
tain specialized courses, is rapidly reversing. Now we find the 
leaders in industry not only frowning upon specialized courses, 
but even considering many courses as too highly specialized 
which are given with the excuse that they are necessary from 
the standpoint of fundamentals. 

In the planning of an engineering curriculum, certain decisions 
must be made as to the types of activity for which it should 
prepare men. In the present stage of development it seems 
necessary to recognize the needs of two distinct groups of 
students. Those who expect to spend their lives in highly 
technical design or research must have a more extended technical 
preparation than those who will be engaged in commercial or 
industrial phases of engineering. Both groups need a broad 
foundation on such subjects as English, economics, biolo^, 
geology, history, business law, etc., and a thorough training in 
chemistry, physics, mathematics, mechanics and other subjects 
which make up the heart of engineering. Such training should 
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be mixed with., and followed by, courses giving the fundamentals 
of all of the principal branches of engineering, and there should 
be a reasonable amount of time available for elective subjects. 
Thus far there is no serious difference between the wishes of 
executives in industry and teachers of engineering. It, therefore, 
seems that the chief cause of argument is the relatively small 
group of men who will engage in research and other highly 
technical phases of engineering. This group must have better 
opportunities for the development of research ability and special¬ 
ized study than can be provided in any four-year course which 
makes necessary the provisions for training in the fundamentals. 

It seems that the best solution of the problem may be a four- 
year course following the general outline mentioned above and 
leading to some such degree as Bachelor of Arts or Bachelor of 
Science in Engineering. This curriculum should be so planned 
that students may have good opportunity to develop powers 
of initiative and judgment to the maximum extent, and 
to determine the kind of intellectual effort for which they 
are best qualified. In order that they may see how they can 
best fit into that field, it should give them a broad outlook and an 
excellent perspective of the whole engineering field. Graduates 
of such a curriculum would be prepared for commercial pursuits 
and for many tsrpes of technical work in which employers prefer 
that specialization be deferred until after the entry into industry. 
It is believed that they would advance more rapidly in either 
commercial or technical employment than if they had graduated 
from the narrower four-year engineering curriculum. 

For those who wish to prepare for research and other highly 
technical branches of engineering, there should be provided 
pportunities for two years of graduate study. Having com¬ 
pleted the liberal four-year curriculum, they would have the 
broad foundation which should precede advanced study. The 
graduate curriculum should be planned with the idea of develop¬ 
ing ability in research and permitting specialization in analytical 
studies, design, or other branches of engineering. Since the 
number of students in the graduate classes would be relatively 
small, the effectiveness of the training would be maximum. The 
progress would be much better than could possibly be made in 
the same work with undergraduate classes containing many 
students not really qualified for or genuinely interested in such 
subjects. 

I believe this combination of four years’ liberal curriculum 
for all, and two-year graduate curriculum for those who are 
properly endowed for and desire it, would result in producing 
men better qualified to take their proper places in the world 
than are those who complete most of the present-day curriculum. 

All engineering students should realize that it is impossible 
to escape passing through an apprenticeship period of some sort. 
A univers.ity curriculum cannot possibly replace the apprentice¬ 
ship period except in the cases of the comparatively small 
number of persons who are preparing for research and highly 
technical progress. Therefore, it is extremely important that 
the curriculum be such as will aid in choosidg the proper kind of 
apprenticeship to fit the individual’s mental endowment and his 
aptitudes. There should be fewer misfits because the first four 
years’ training would give them an excellent foundation, and 
they could choose the type of work most interesting to them. 
This would eliminate a very real difficulty now in common exist¬ 
ence.^ For instance, a boy before graduating from high school 
has built radio sets, worked in a local power plant, or had some 
kind of electrical experience. Perhaps electricity appeals to him 
more strongly than any other subject. He wants , a university 
education because he has been told that it will enable him to earn 
a good salary immediately after graduation, and will go far 
toward insuring success in later life. What then is more natural 
than for him to register in electrical engineering, because here is 
the opportunity, in his opinion, to secure the university educa¬ 
tion he wishes and at the same time specialize in his favorite 
subject. Naturally he has considerable pride in his choice and is 


reluctant to make any change even though the first year or two 
may prove that he does not possess the necessary types of 
ability to succeed in engineering. He may eventually graduate 
and begin work, still determined to be a successful electrical 
engineer. The result is in many eases an employe who has not 
the ability and characteristics necessaiy for his work. He must 
then work on as best he can and be a failure or only a mediocre 
success in electrical engineering, or find something to which he is 
better adapted. In so far as possible, a young man’s interests 
and abilities should be determined before he graduates. If this 
can be fairly well accomplished and he can be sent out either with 
the broad four-year training, or better, with both it and the two- 
year graduate study, his chances of success should be greatly 
improved, and he should be a happier man in later life. 

R4 W. Sorensen: I would like to add to the list of books 
given at the end of Professor Ryan’s paper one entitled, “Ions 
Electrons, and Ionization Radiations” by J. H. Crowther, pub¬ 
lished by Edward Arnold, London. That book is easy to read 
and it presents in a reliable manner much of the information 
about ions that engineers wish to know. 

In the three papers bearing directly upon education, you will, 
of course, find differences of opinion, and so there should be. 
The biggest crime educators could be guilty of would be that of 
making a standard curriculum, which would be the same for all 
engineering colleges. In fact, we often remind ourselves at 
California Institute of Technology that we must not simply add 
to the group of good engineering courses in California just another 
course like the one at our State University or like Professor Ryan 
has developed at Leland Stanford. We at the Institute are 
spending annually about $700 per year per student enrolled, to 
carry on our work. That money has been given us by individuals 
for a specific purpose and should not be used to duplicate the work 
of other institutions. 

Dr. Magnusson has sounded a keynote when he says every, 
faculty man should do enough research work to show that he has 
the ability to inspire students in that direction. Some under¬ 
graduates are qualified to do research work along with their 
regular undergraduate work. Such men should be given an 
opportunity to do that work. Also, there should be graduate 
students, the more the better, doing research work, and the col¬ 
lege should make such provisions for such a plan. In this way, 
every student has a chance to come in contact with research work, 
learn what it is, and methods of procedure. Every engineer will, 
to a large extent, have his success determined by the amount 
of research enthusiasm which he can develop, even though that 
enthusiasm is not applied to the type of problem ordinarily 
classified as a research problem. 

As to the senior thesis for all, the discontinuance of that plan 
was due to several factors, one being lack of time on the part of 
the faculty to supervise many students and assign each student a 
problem of just the proper magnitude to fulfill the requirements 
for graduation. In place of the thesis, certain problems are 
assigned students, the problems selected being tempered by the 
circumstances under which the student is working. Such a 
problem does not have to be written in thesis form, thus allowing 
all the available time for work on the problem. 

Why do we include four years of English in our curriculum? 
We have had complaints that the engineers are underpaid, and 
underpaid chiefly for one reason, that the engineer confines most 
of his contact with men to those who talk only engineering 
language, and there is no use to try to sell engineering informa¬ 
tion to other engineers unless you are a much better engineer thail 
the other man, which doesn’t happen very often. On the other 
hand, there are thousands of people in the world who want en¬ 
gineering information and who would take it if presented to them 
so they could understand it. You can’t present engineering 
data to the artist in a way that he will understand it unless you 
know his language; you can’t present it to the doctor, lawyer, or 
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nuTcluiiit ill a way that tlioy eau nii<k*rstan(l» nnlo.ss you know 
sonu^thiiif? of tlu'ir Iaiip:ua^(*. 

HH*r(‘lon\ W(‘ hav(‘ a (U'parlineiil. of En^ylish which ruius 
throiij^h livi* y<*ai‘s <»l our Jivc-yoar conrs<5^ and wo must liavo a 
larjye de|)a.i*tnH*nt tii onlor t<» kot»|> the typo of instructoj’s we luive, 
instnietors whost^ business it is to inspire men and cause them to 
niak(^ of thems«dves a,ll-roumI mmi. I'liat is the reason wo tliink 
it worth whili^ hi put in a. iiv<'-year Inunanity course rijyfht along 
with a (ive-year technical course. Many of iis would not do the 
things we do if .some seemingly iJisignilicant thing had not in¬ 
spired us to go ill an inviting direction. Without the instruction 
wo woul<l have faihul in finding the doorway to new and inturo.st- 
iiig lields of endeavor. 

In r(*ply to the conumsits ma<le hy Messrs. Robinson, C3ark, 
Jlenlirie and others, (hen* are many <l(»tails ahont which w<^ could 
argue, hut each ext^epthm only makes plain<*r the fact that all in¬ 
dividuals shouhl not he re(|uire<l In follow tlu^ same course t»r 
I»reparal,ion for migiueeriiig work. Kojm^ men should prepare a 
thesis, some should not. sojm* should havc^ live years of education 
in till' liehl of lOnglish literatim*, including sojne history and 
economics, others sliould timi it more profitable to plan a different 
use of t.h(*ir t ime, hut in nearly every ease, I would conclude that 
in the essential things thi*re are no dilTerences of opinion—(^.Kci^pt 
as to roIuti\‘e vuliu*s. This condition could not bo utherwi.se 
because engliH'ers diilVr as to details iwen in designing macliines, 
when a mu(‘Ii .smaller iiujnb(*r of variables are encountim^d than is 
the case when we attc‘iii|)t to form th<< character of Uw. youth who 
will in the future he our <‘ngineer.s. 

Riffercnce to vahn*s In character huihling prompts me to dir<‘Ct 


attention to tlie value of the training obt.aiiied on the athletic 
field as evidenced by the success of many of our engineering 
students who i)artaci pate in athletics, A survey of the condition 
governing athletics at many of our educational institutions 
indicates to me that tlie advantages of atliletics are for the most 
part lost to engineei’s because training for athletics has become 
such a time-absorbing specialty as to make it almost impossible 
for an engineering student to be on Ids college team. Our 
educators in the technical field, and those who are our friends, 
should lielp correct tJiis condition of affairs. 

C. E. Ma^nusson: Mr. Robinson’s remarks load mo to tliink 
that [ failed to s1.jao clearly what I had in mind. I meant to say 
that education is ossmitially training to think; that engineering 
oducatrion is traiiung to think along engineering lines; that the 
main purpose of onginoering students during their four years in 
eolh^ge should bo to gain clear conecipts of the basic physical laws 
undiudying engin<H*ring and acquire the ability to apply these 
laws to tho solution of (luautitative practical problems. The 
rcist of their collcgii work fs accessory to this backbone of engineer¬ 
ing education and may vary widely for different individuals. 
It goes without saying that all live engineering colleges frequently 
revise ihtur curriculiims. At tho University of Washington, tho 
revision of currieuhnns in the college of engiiieiringeomes regularly 
on tlie cahmdar every four years, and many changes both in 
regard to required courses and their content have been made 
during the past twenty years.' I am grateful to Mr. Clark for 
emphasi/urig tho value to industrial establishments of research 
in our engineering colleges although this phase of the problem 
does not come under the title of my paper. 
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Synopsis. —The object of this paper is to point out how protective 
measures which have been applied to a low-voltage distribution 
network can be utilized to improve the operating characteristics of the 
entire distribution system, as well as materially lower Us installation 
cost. 

Many of the developments herein described are novel departures 
from more generally recognized practises. They have all, however, 
wUhstbod the test of time and usage. 

The common neutral system of distribution described has steadily 
increased in its application since first developed by the author for use 


in Toronto, Canada, about 10 years ago. It is at present the 
standard system u>Uh a number of large utilities with an aggregate 
capacity of some 800,000 kw. The particular system described is 
that of the Northern States Power Company in the Minneapolis 
territory, representing about 60,000 kw., or about one-half the total 
output of this mdespread organization. 

The heavy duty a-c. underground network and the remote-control 
multiple street lighting systems described are both later developments 
that are more or less inter-related with this common neutral 
development. 


Protective Grounding 

I N order that the lives and property of the community 
may be protected against the hazard due to the low- 
' voltage utilization circuits becoming‘crossed with 
those of dangerously high voltage, it is now compulsory 
to install protective grounds. 

Such compulsory grounding requirements are em¬ 
bodied in both the National Electrical Code and the 
National Electrical Safety Code. 

The desirability of such grounding is no longer a 
matter for question or argument, as it has, in innumer¬ 
able cases, proven its protective value. 

However, where such groimding is not carried out 
strictly in accordance with both the wording and the 
spirit of the rules in both codes, it is wotse than useless 
in that it creates a false sense of security. 

There is little question but that the responsibility of 
seeing that these grounding rules are enforced rests 
initially with the electric utility engineer. Unless he 
can create a more equitable division of the responsibility 
by transferring a part to the consumer through munici¬ 
pal regulation or company rules, his company must not 
only shoulder the responsibility but also the burden of 
total cost involved. 

In a number of our large cities, such distribution is 
effected through the local inspection authorities, re¬ 
quiring that each and every service be properly 
grounded to the water-supply piping in the buildings 
served, this being done by the customer whom it 
protects and at his expense. 

It is particularly urfortunate that a number of com¬ 
munities still refuse to make such regulations, even after 
the American Water Works Association has recom¬ 
mended that such grounding be permitted without fear 
of injury to the water system. In still other cases 
municipal authorities are not only trying to evade this 
responsibility but are attempting to exact a toll from the 
electric utility for use of the water system as a means of 
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protection to the community. Where such unfortunate 
conditions exist pressure should be brought to bear to 
not only permit, but require, the use of the water system 
for protective grounding, as it imposes no burden or 
expense. 

Where the low-voltage secondary network is ade- 
• quately protected by grounding, there can be no haz¬ 
ard from high-voltage crosses, either accidental or 
intentional. 

Any system of protective grounding to be effective 
must be capable of safely passing the heaviest current 
required to trip a feeder circuit breaker. Where the 
nominal feeda* rating is 300 amperes i)er phase, it 
follows that about 500 amperes will be the tripping 
value. 

It must be self evident to any engineer that to ground 
a section of secondary by means of one or two driven 
pipe grounds is hopelessly inadequate. Such grounds 
are, as a rule, incapable .of blowing a branch circuit 
house fuse when a ground occurs on an outer wire on 
the customer’s premises. This t 3 q)e of grounding was 
originally installed in Minneapolis and later reinforced 
by installing at least one service ground in each city 
block, using the water service for this purpose. This 
effectually eliminated J;he troubles due to former in¬ 
ability to blow clear accidental grounds on the outer 
wires of the secondary bus section. It was not, how¬ 
ever, sufficient to protect against a heavy feeder cross 
between primary and secondary. In order to get the 
benefit of all existing grounds, by coimecting them in 
multiple, the various secondary section neutrals were 
interconnected. This was a much smaller undertaking 
than might be supposed, in that service requirements 
made most of the secondary sections terminate within 
one or two spans of each other. In ordffl* to avoid 
placing an anchor guy at each of these ends, or a con¬ 
tinuous head guy, it was general practise to carry the 
neutral conductor through these gaps and insert a strain 
insulator at the midway point. All that was necessary 
to interconnect these sections was to place jumpers 
across these numerous neutral strain insulators, as 
when this was done there was automatically established 
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a system neutral in the form of a vast grid or screen 
that blanketed the entire area served. With thousands 
of line and service grounds connected to this, the re¬ 
sistance to earth was so low that the heaviest current 
obtainable through any form of cross could be carried 
to ground with absolute safety and without raising the 
potential to earth of the secondary system by any 
appreciable amount. In later years the City Electrical 
Department has required that every new service must 
have its own protective ground, installed by and at the 
expense of the building owner to water piping where 
available. This has assured a perpetual improvement 
of grounding conditions with growth of the system, as 
over 6000new services, with theirgrounds, are connected 
to the sjrstem annually. 

In order to assure low resistance to ground, periodic 
tests are made between S 3 retem neutral and water mains 
and where the results show in excess of one-tenth ohm 
additional service grounds are installed. 

In districts outside the water main areas, service 
grounds are attached to driven well casings in prefer¬ 
ence to using driven pipe grounds or other forms of 
artificial grounds. These are only used as a last resort. 

Wherever economically possible, the secondary mains 
are extended for new customers in preference to 
extending the primary and installing additional small 
transformers. With this plan it is assured that the 
system neutral will always cover a greater area than the 
primary system and that there will be no isolated sec¬ 
ondary sections not amply protected by coimection to 
the system neutral. 

Since Minneapolis is very similar in layout to other 
large cities, it follows that the plan of protection outlined 
above may be applied to almost any t 3 q)ical com¬ 
munity, and has been applied by the author to three 
of our major cities. 

Primary Distribution Systems 

With the rapid growth of the industry, developing 
load densities far in excess of those previously thought 
possible, it has become very evident that tiie once 
commonly used 2300-volt, three-phase, delta primary 
system was not only uneconomical, but also impracti¬ 
cable unless substations were spaced much too close to 
make their size or operating costs reasonably eflficient. 
It was therefore logical to change to some form of sys¬ 
tem that transmitted at a higher voltage, but still 
permitted the use of the vast amount of transforming 
equipment already in service. The star connection 
of the older equipment was the natural solution of this 
problem, ahd today we find the 2300/4000-volt, star- 
connected, four-wire primary ^tem almost universal 
in cities of any size. By springing in a fourth wire for 
the neutral, and reconnecting the transformer primaries, 
the old 2300-volt, delta system can be changed to trans¬ 
mit three times the energy over the same distance with 
equal loss, or the same energy over three.times the 
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distance. In practise, it has enabled us to carry a 
considerable amount of extra energy over each out¬ 
going feeder and at the same time space our substations 
much further apart, these also naturally being of larger 
size than would have been practicable with the older 
system. 

However, in order to safely use the same transform¬ 
ing equipment as for the older system, it was essential 
that this neutral wire be definitely stabilized in its 
voltage to earth. This is commonly done by founding 
the primary neulral at the substation, connecting it 
directly to a wate- main or other known effective 
^ound. Each outgoing feeder is then provided with 
its own isolated neutral over which any phase unbalance 
on the feeder returns. Under normal operating 
conditions this has worked out very well and there is no 
residual current to cause induction on adjacent low 
voltage signal or communication systems. 

However, under certain abnormal operating condi¬ 
tions this method of stabilizing the neutral has proven 
far from effective. We are all familiar with the com¬ 
plex conditions that arise on the old Edison three-wire> 
direct-current systems when, for any reason, a neutral 
is opened. In this later four-wire, three-phase primary 
system, we get very similar conditions except that the 
maximum rise in potential on any phase can not exceed 
73 pCT cent above normal. When a single-phase short- 
circuit occurs, there must be a 2300-volt drop of poten¬ 
tial on the phase wire and the neutral combined. 
Assuming that both are of same size, this means that 
the system neutral at the point of fault will be shifted 
out of its central position and the other two phases will 
have their potential raised about 36 per cent. If for 
aiiy reason the neutral should open during the occur- 
ance of such a single-phase short circuit, then the 
neutral at point of fault will be shifted 73 per cent. 
Since either of these conditions impose an overstress to 
ground on all the transforming and protective equip¬ 
ment, as well as induce corresponding voltage-increases 
on the utilization equipment of the customer, such a 
S 3 rstem is very hazardous and uncertain in its operation. 
In the case of heavy phase groimds, excessive passage 
of current through the earth may result in interference 
to adjacent communication circuits through both earth 
potentials and high residuals in the line. 

In order to guard against such conditions it has be¬ 
come general practise, where this t 3 q)e of system is 
used, to install single gap lightning arresters at various 
points along the primary neutral. These are supposed 
to break down at about 360 volts and thereby reestab¬ 
lish the relation of neutral to earth. In practise these 
do break down, but unfortunately or otherwise, very 
often stay broken down. In other words there are 
established niunerous more or less unreliable points of 
multiple grounding on the primary neutral. ■ Since 
there are no ready means of determining such relief 
gap failures, these grounds usually are permitted to 
remain on the system, just as are accidental grounds 
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permitted to remain on the neutral of any extensive 
Edison low-voltage, three-wire network. 

It follows, therefore, that many so-called single 
point protective grounded primary systems are today 
operating successfully with innumerable unadmitted, 
neutral grounds. Occasionally induction in adjacent 
telephone circuits leads to temporarily clearing these 
grounds, but they soon reoccurunless constantly checked 
up. 

In the development of the system as used in Minne¬ 
apolis, it has always been openly admitted and claimed 
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Fig. 1—Duplication op Neutrals 

tihat a four-wire, slar-connected primary system must 
have a large number of distributed multiple grounds 
on the neutral in order to make it practicable in 
operation. 

Byi*reference to Fig. 1 it will be noted that such a 
primary neutral is shown paralleling the system second¬ 
ary neutral previously described. If this method is 
used, it gives two wires both held definitely at earth 
potential by numerous grounds. While the low-voltage 
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neutral can be adequately protected by means of serv¬ 
ice grounds, the primary neutral can not readily be 
so protected and, therrfore, the necessary reliable 
grounds can only be obtained with difficulty, and groxmd 
wires must be carried down to the water Tnaing buried 
under the streets. When, however, both neutrals are 
so protected, it follows that they are one and the same 
vrire in so far as potential to earth is concomed, and, as 
such, may be combined physically. Where this is done 
we have what is now known as the “common neutral” 
S3^tem. 


In Pig. 2 it will be noted how this common neutral 
forms many metallic return paths in addition to those 
through the earth. In order to avoid concentration of 
heavy currents on the system, due to abnormal operat¬ 
ing conditions, neutral grid near the substation’s heavy 
neutrals are carried out of the substation in several 
directions. These generally are extended for several 
blocks in each direction and tap the system neutral at 
each intersecting point. This arrangement is clearly 
shown by the heavy lines in Pig. 2, which represent 
the only actual primary neutral copper necessary where 
a common neutral ss^stem is used. All the other neutral 
is that required in the secondary system in order to 
obtain adequate protective grounding irrespective of the 
.t 3 q)e of primary system used. 

With this form of system, there are so many ensured 
paths for both normal and abnormal neutral return 
currents that the entire primary neutral system is 
definitely held at earth potential. Normally the 
return current will take, by preference, the path 
closest to that of the primary phase wire, tests haAung 
shown that at least 65 per cent of the return will take 
this path irrespective of the number of other rnetallic 
paths established in addition to those through the earth. 
This is due to the close loop formed by the phase wire 
and its parallel neutral giving a far lower impedance 
than any of the wide open loops over other routes or 
through earth. 

** Since periodic tests show resistance values not to 
exceed one tenth of an. ohm between system neutral 
and earth, it would appear somewhat inconsistent to 
find so large a percentage of the return current taking 
the metallic path closest to the phase wire unless one 
keeps in mind that this division is largely governed by 
impedance and not by resistance. 

From the economic standpoint this system, not only 
saves all the neutral copper required on the three- 
phase feeder of the ordinary four-wire system, except 
the small amount adjacent to the substations, but also 
eliminates one of the two wires on every single-phase 
branch taken off the three-phase line, and these form a 
considerable percentage of the total copper in any 
primary distribution system. 

The transmission losses with this system are materi¬ 
ally less than that of the more commonly used four- 
wire system in that the effective area of the neutral 
return is always greater. In general it would appear 
that for the portion distributed as single-phase load, 
including all branches and any unbalance on the three- 
phase routes, the loss will be from 26 to 40 per cent less. 

Since the neutral is definitely stabilized at all points, 
it is no longer necessary to place protective equipment 
on both sides of the transformer primari^, the low side 
being tapped directly to the system neutral. This, of 
course, saves one-half the investment, troubles, etc., in 
such protective equipment. 

In operation, the system has always proven far more 
reliable than either the usual form of four-wire system 
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or the older three-wire delta systems. This is partly 
due to the lower wire mileage involved, but more largely 
to the fjmt that only one primary phase-wire is required 
on all single-phase branches where most of the usual 
troubles occur. In such locations, the system neutral 
is spaced vertically and below the phase wire and can 
not be readily fouled with it. The general arrangement 
of the pole head on single-phase construction is shown 
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in Fig. 3 which also shows the method of transformer 
mounting. 

In order to permit of emergency operation of feeders, 
the general arrangement shown in Fig. 4 is adhered to as 
closely as typographical conditions will permit. Each 
feeder is provided with a single-pole, oil switch in each 
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Fia. 4—Typical Feblbr Latoct 


of emergency ties are installed between adjacent feeders, 
forming a ring in which each segment is sectionalized 
by groups of single-pole, oil switches, which are nor¬ 
mally operated in the open position. This arrangement 
permits of taking the load from any one feeder and 
transferring it to at least two adjacent feeders. 


Outside of this ring, the various phases are split up 
into small, single-phase areas, arranged as far as pos¬ 
sible somewhat as shown in !Fig. 5. The phase relations 
are distributed so that the minimum possible residual 
current is permitted along any one three-phase sub¬ 
feeder route. Since each feeder is of nominal 300- 
ampere rating per phase, it follows that each single¬ 
phase section is of about 240-kv-a. capacity. The 
section rings are adhered to wherever practicable in 
order to distribute the voltage drop as evenly as pos¬ 
sible when covering a given mileage of street. A further 
advantage is that any break in a ring does not interrupt 
service, and when desired, such breaks can be cut out 
until repairs are permanently made under favorable 
weather conditions. The record of operation of auto¬ 
matic reclosing brealcers has shown that it is very rare 
to have a feeder stay shorted after the third operation 
of the breaker, when it locks out. No fuses are used in 
any portion of the primary network as it has been found 
that these will blow under momentary overloads and 
will seldom blow under contact of a primary wire with 



the earth. Under such conditions they do not offer 
any matm-ial protection but do represent a hazard to 
continuity of service. 

Lightning Protection 

The ability of trsmsformers connected to the common 
neutral system to resist damage from lightning is very 
marked. 

On the Minneapolis system the total number of 
transfonuers burned out, from all causes, known and 
unknown, averaged eight-tenths of one per cent per 
annum, averaged over a period of three years. 

Minnesota is noted for its severe and destructive 
lightning storms, and, therefore, this apparent im- 
mrmity of the common neutral system can not be ex¬ 
plained by lack of lightning hazard. 

The use of the common system neutral, as a ground 
coimection for lightning arresters, has not only fully 
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justified itself through favorable operating results, 
but was, in a large measure, adopted in self defense. 
Under the older and more generally used plan of having 
separate lightning arrester grounds, accidents due to 
arrester insulation breaking down and the baking out of 
the artificial groimd occured far too often to justify the 
use of rules existing in defense of this method of 
lightning arrester groimd connection. 

For some unknown reason, the interconnection of 
secondaries is one of the factors in transformer im¬ 
munity from lightning damage. It has been repeatedly 
noted that transformers feeding isolated secondary 
sections rather than part of the secondary network 
failed during lightning periods. Other transformers 
immediately adjacent to these isolated units showed 
100 per cent immunity. 

Inductive Coordination 

The experience with the common neutral sjrstem in 
Minneapolis has very conclusively proven its desirabil¬ 
ity from the distribution standpoint, although under 
certain conditions which are now under investigation, 
it contributes to inductive disturbances oecuring in 
adjacent commimication circuits. It must not, there¬ 
fore, be inferred that the common neutral system can 
be used without due consideration being given to proper 
coordination of the two t 3 ?pes of circuits. Such co¬ 
ordination likewise implies a very close cooperation 
between the engineers of the two utilities. 

In order to give full cognizance to the esthetic ap¬ 
pearance of the streets of our communities it is advisable 
under certain conditions that the power and communi¬ 
cation utilities use joint poles in overhead construction. 
It follows, therefore, that any practicable primary 
system of distribution must be such as will not ap¬ 
preciably impair the service of any well designed and 
maintained telephone system using the same poles as 
the power system. 

It is not practicable to design or operate any power 
system that will be free from residual currents, neither 
is it practicable to design or operate a telephone system 
that will be so pafectly balanced that it will be void 
of susceptiveness to influences from the currents and 
voltages in the adjacent power system. The problem 
then narrows down to determining just how far either or 
both power and telephone systems can depart from the 
theoretical ideal and still give an entirely satisfactory 
service to all consumers served by both utilities. 

To this end the engineers of both utilities have been 
working in very close harmony for some years. This 
cooperative work has culminated in the very elab¬ 
orate and comprehensive tests that have been in prog¬ 
ress for some months at the Minneapolis fleld laboratory 
and experimental line and which will not be completed 
until some time in the future. 

Consequently, the results of these testswill probably 
not ^e available for general use for some considerable 
time; however, it is believed that within a short time 


the industry may look forward to an interim report 
covering the more important points of inductive in¬ 
fluence and susceptiveness in the respective systems 
and the remedial measures that can be applied with a 
fair degree of assurance as to their effectiveness. 

In actual practise it has been found that those reme¬ 
dial measures mentioned in the Principles and Practises 
of the Joint General Committee, such as reasonably 
close balancing of phases on the power system, the 
separation, where feasible, of the two classes of circuits, 
the grounding, where practicable, of aerial cable sheaths, 
and the use of high-impedance ringers, are valuable in 
reducing the respective influence and susceptiveness of 
the systems involved. 

Other changes or additions tending to reduce inter¬ 
ference are also possible at party line substations using 
grounded ringers. 

Secoiidary Networks 

Practically the entire Minneapolis system is operated 



with the various secondary bus sections within any 
given phase area, interconnected. It has already been 
mentioned that the interconnection of the neutrals was 
easily accomplished, owing to the short gaps between 
sections. The outer wires of the three-wire secondary 
are extended in a similar manner and interconnected at 
the various midway points through copper-link limiting 
fuses proportioned so that they will blow if the current 
exceeds approximately 50 per cent of the capacity of the 
smallest adjacent transformer. Each transformer is 
also fused on its outer secondary leads by copper linifg 
which limit the current to about 200 per cent of trans¬ 
former rating. The general arrangement of each 
secondary bus section is in the form of the letter H as 



Sept. 1925 


1043 


HOOD: IMPROVEMENT IN DISTRIBUTION METHODS 


shown by heavy lines on Fig. 6. This also shows the 
adjacent secondary bus sections and the locations of 
the limiting section fuses between sections. It will be 
noted that any one transformer can drop- out and the 
normal load on the section be easily carried by di-vision 
between adjacent sections. In the event of a heavy 



Fio. 7 —^Fove-Wire Combination Second art 

secondary short circuit, both the transformer fuses and 
the section fuses will be blown and the defective section 
segregated from the network. This plan of inter¬ 
connection not only assures reliability of service, and 
materially better regulation, but also takes advantage 
of about a ten per cent diversity factor between peaks 
on adjacent sections serving very similar loads. On 



Pig. 8—Combination Transformer Installation 


ordinary residential service, transformers are regularly 
loaded to about 125 per cent full load rating on the 
winter system peak. This ledves sufficient reserve 
capacity to take care of emergency service tp adjacent 
sections, as it has been found that transformers used 
for short-peak, winter service will safely carry up to 
200 per cent rating. With this interconnection, it has 
been found that the primary neutral return current 
will split arid a very considerable portion, at times as 
high as 60 per cent, will take the path through the 
secondary outside wires rather than through the com¬ 
mon neutral. This materially increases the effective 
cross section of .the common neutral and thus carries a 
greater percentage of the return cvirrent through the 


neutral in close parallel with the primary phase wire, 
thereby decreasing the extraneous return current for 
any given phase wire loading. 

Where the power demand is a considerable portion 
of that for lighting, combination light and power 
transformer banks are used with the secondary delta 
tapped at the midpoint of one phase for the neutral. 
This connection is shown in Fig. 7 and a typical in¬ 
stallation is shown in Fig. 8. With this connection 
one-third of the lighting load is carried by the two 
power transformCTs in vector series, the other two- 
thirds being carried by the lighting phase. It has been 



Fig. 9—Three-Unit Network Section 

found possible to carry both light and fluctuating power 
on these four-wire secondaries without material im¬ 
pairment of the regulation. Since the light and jwwer 
peaks seldom directly superimpose, there is a very 
appreciable saving in investment where this connection 
is used. 

For serving small commercial centers which develop 
close to intersecting car lines and which require a 
transformer capacity in excess of the average over the 
network, the secondary mains are of heavy copper, 
usually 4/0 gage, and the transformers are located at 
three or more points on the edge of the concentrated 



load district rather than near its center. This is nec¬ 
essary in order that there .will be considerable impe¬ 
dance introduced between transformers in order to get 
proper dmsion of load and selective sectionalization 
during times of trouble. The transformers used are 
pro-vided with network protectors on the secondary 
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side and are thereby locked in on the system except in 
case of an actual failure within the transformer itself. 
The arrangement of these transformers is shown in 
Fig. 9 and the hook-up of the network protector feature 
in Fig. 10 the basic principle of which is simply neutrali¬ 
zation of magnetic flux in the core of the auxiliary series 
transformer which is built into the standard transformer 
case. Any disturbance of this flux by reason of current 
reversal, due to internal faults, creates a potential in 
the tertiary windings across which the protective fuses 
are bridged. That this network system is not only 
economical but reliable is best shown by the fact that 
our transformer record for 1924 showed an average size 
transformer of 19 kv-a. and the burnouts were but 
seven-tenths of one per cent. 

In the down-town, congested area of the city, there 
has recently been installed a heavy-duty, underground, 
secondary system, designed to take over all increased 
loads in this area, leaving the older d-c. system to con¬ 
tinue in operation without growth until such time as it 
has depreciated to a point where its retirement can be 
justified. This sytem is served by transformers located 
in vaults built under the sidewalks. In general, each 
vault is provided with three 100-kv-a. units, although 
several have as high as 900-kv-a. capacity. The 
general arranganent is indicated in Fig. 11. The pri¬ 
mary feeder serving this group of vaults is on the ring 
system, looping through each vault. On each side of 
the loop, automatic oil switches are installed together 



Fig. 11—Typical Tbanspobmbb Vault 


with relay trips. On the cable sections between vaults, 
the rela 3 rs are differentially connected through , pilot 
cables run in the same duct lines with the feeder. This 
locks the cable in except on faults in the cable itself. 
On the end sections of the loop the vault protection is 
by me^s of reverse power rdays. At the major 
sub>station each end of the loop is provided with an 
overload-trip oil breaker find an automatic regulator. 
The control of the latter is cross connected to prevent 
hunting and hogging of the load. 


In the two loops at present installed, as shown in 
Fig. 12, the substations are some distance outside the 
down-town area and normally serve a heavy demand in 
residential and apartment house service. By taking 
advantage of the peak diversity between this class of 
load and the down-town commercial and power loads, it 
has been possible to take on these down-town feeder 
loads without ino-easing the substation or transmission 
capacity. The use of 4000 volts has been justified in 
preference to direct use of the thirteen two-kv. trans- 



PiG. 12—A-C. Unuebgeound Pbimaby System 


mission voltage, by the fact that vault space is some¬ 
what limited and it is difficult to get suitable spacing 
for higher voltage equipment. In addition, each loop 
can carry about 3000 kv-a. and distribute it over a 
substantial area. To make a higher voltage econom¬ 
ical, a much greater area would have to be served from 
one feeder and it would be undesirable to take chances 
on an interruption so extensive. 

The secondary of eadi transformer serves one phase of 
a four-wire, 116/200-volt, three-phase secondary. The 
ungrounded lead is protected by an air-break circuit 
broker, controlled by a reverse power relay. The 
primary of each tranrformer is protected by either an 
overload oil breaker or a high-voltage fuse. In this 
network, both primary and secondary, the common 
neutral is used. Here in the underground district, the 
system neutral consists of not only copper conductors 
but all cable sheaths thoroughly bonded together. 
It also serves as the neutral for the Edison direct-current 
^stem, and has so served for many years. 

In order to obtain standard 230-volt energy for power 
supply, rather than attempt to operate 220-volt equip¬ 
ment with 200 yolts, small auto-transformers are in¬ 
stalled in each vault. These are six to one ratio, dry 
type, and have ten per cent of the rating of the large 
transformers. This gives capacity for a 60 per cent 
division between lighting and power loads. From 
each vault, three-conductor, 600,000-cm. cables are car¬ 
ried out for secondary mains serving customers between 
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vaults. The use of separate cables for light and power 
has not proven uneconomical, as a single combined 
capacity cable could not be drawn into existing ducts. 

In some instances where the power demand is small, 
diy-type auto-transformers similar to those in the 
vaults, but of only two-kv-a. rating, are installed on 
the building service panel and only the lighting mains 
carried in. Either two or three of these are used, de¬ 
pending upon the amount of power demand. 

The operation of this system has been very successful 
and satisfactory. Heavy-duty, high-speed, passenger 
elevator service is carried on the same transformers as 
the lighting, with no appreciable interference with the 
lighting regulation. The auto-transformers appear to 
act as cushions for the heavy momentary power 
demands which have been found to cause considerable 
interference with lighting regulation where 200-volt 
service is supplied without these auto-transformers. 
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Fio. 13 —Tuansfobmer and Secondary Connections 


The general arrangement of the secondary system is 
shown in Pig. 13. As the system is extended, the light¬ 
ing mains will be interconnected between vaults through 
limiting fuses in a manner similar to that which has 
worked out successfully on the overhead network. 
This will permit of emergency operation with any 
portion of a vault out of service. 

Street Lighting 

Up to the end of 1923, street lighting in Minneapolis 
was by magnetite arc lamps suspended over street 
intersections, with the exception of gas lamps in some 
residential sections and five-light, ornamental cluster 
standards in the business districts. 

For some years, we have been slowly developing a 
radically different system of street lighting distribution, 
using Type C incandescent lamps supplied with energy 
from existing distribution transformers and remotely- 
controlled by pilot wires. Late in 1923, when it was 


decided to abandon gas for street lighting, development 
work on this new lighting system was speeded up, 
and it was possible to start the first 500-high-c-p. 
imits in service on January 1st, 1924. To these during 
1924 were added additional lamps and this year some 
500 of the old magnetite arcs are being retired, replaced 
with t 3 rpe C lamps. This will give about 2000 units in 
service. 



Fig. 14—Remote-Control, Multiple Street Lighting 

System 

The general arrangement of this new system is shown 
in Fig. 14. The lamps are of two types,—those using 
the old form of mast arm suspension as shown in Fig. 15, 
with 1000-c-p. units at intersections and 400 c-p. for 
midblock lamps; the other is the new ornamental 



Fig. 15—Mast Aem Installation 

system designed to supersede the ornamental clusters. 
The latter tjpe, shown in Fig. 16, has been developed 
by the City of Minneapolis’ engineering staff cooperat¬ 
ing with the engineers of this Company. ‘ Electrically, 
the system is the same as that used for .the general 
lighting. 

The lamps are of the standard high amperage ts^pe as 
developed for series service.’ They are supplied from 
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small auto-transformers, using 115 volts on their 
primary, and installed in the lamp housing with sus¬ 
pended units, and pole bases for the ornamental 
standards. Each transformer is connected to the ad¬ 
jacent system neutral on one side, and on the other, to a 
section wire that in turn is connected to one of the sec¬ 
ondary outside wires through a remote-control con- 



PiG. 16 —Obnamental Standard 


tactor. These contactors were specially designed for 
this system as they have to close by gravity and open 
electrically with a very small energizing current. They 
are of the mercury-cup type of the very simplest design 
and inherently free from trouble-making features. 
Their energizing solenoid coil consumes but 12 watts at 
115 volts.: The assembly of one of those is shown in 
Fig. 17. 

For energizing these contactor windings, one side is 
connect^ to the system neutral and the other to a 
single-wire control circuit which is energized during 
non-burning daylight hours in order to hold the con¬ 
tactors in ^e off position. This assures that control 
system faih^es will not involve the lamps during burn¬ 
ing hours. ?In the event of a control circuit or contactor 
failure, the lamps will bum during the dayrtime and 
trouble hui^ting becomes a daylight job at leisure 
rather thanla rush night job in the worst of weather 
conditions. The control wires are carried out in each of 
four general directions from each substation. Here 
they are energized at 115 volts through a standard push 
button switch with indicating pilot lamps. In sub¬ 
stations of the automatic type the energizing is done by 
electrically-wound clocks, fitted with astronomical 
dials which keep the schedule constant throughout the 
year. 

When each control section has been extended to a 
distance and number of contactors where the voltage 
has dropp^ to about 80 per cent, a re-energizing 
contactor is inserted. These are similar to the other 


contactors except that they close the circuit when the 
solenoid is energized. These, in turn, take current 
from the nearest secondary mains and energize another 
section of control circuit. Since this can be repeated 
indefinitely, it follows that there is absolutely no limit 
to the area that can be covered with this type of mul¬ 
tiple system using but 115 volts in any portion. 

In operation, the system has proven so superior to 
any form of high-voltage series circuit that it is being 
rapidly adopted by other utilities and the various 
manufacturers are now prepared to furnish equipment 
for use with it at prices comparable with, or lower than, 
those for standard series operation. The average life 
of the lamps is nmning about 3000 hours with good 
sustained candle power up to the burnout point. With 
the low operating voltage and multiple operation 
throui^out, failures are few and far between, the rela¬ 
tive reliability of operation being about six to one in 
favor of the new system as compared to the older series 
circuits. The average lamp-hour outage is running 
about one-tenth of one per cent, which is remarkably 
reliable operation, meeting with the highest approval 
of the city authorities and the public in general. 

In the selection of lamps for multiple street lighting. 



Pio. 17 —Street Lighting Contactor 


a much wider choice is available than with the series 
systems. Any of the usual series types of high amperage 
lamps can be coupled to the multiple circuit through 
suitable auto transformers, which are equivalent to the 
so-called compensator usual with series equipment. 

While these series l^ps are not specifically designed 
for constant potential service, they have given very 
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good ^tisfaction. The use of voltage taps on the auto- 
transformers permits of compensating for variable 
voltage loss in the H6-volt supply circuit. The long 
life of this type of lamp as compared to that of the 
standard multiple lamp is advantageous in that it 
lowers both lamp-renewal labor, costs, and lamp-hour 
outage. However, the lamp cost is approximately the 
same as that for the multiple lamp owing to the higher 
price put on the series tSTie of lamp as compared to the 
standard multiple type. 

Unfortunately, the lumens rating of multiple lamps 
and those of the series types do not match up, which 
makes it difficult to substitute one ts^ie for the other. 

In the 10,000-lumen size, the series type can very well 
be replaced with the 600-watt multiple, giving 9400 
lumens, thereby saving the cost of and losses in the auto¬ 
transformer. The possible disadvantage is that of 
more frequent renewals, about two and one-half times 
that for the series lyp© lamp, and necessity of providing 
small auto-transformers for boosting excessive supply- 
circuit voltage drop on some long sections. 

^ In the 4000- and 6000-lumen sizes, there is no mul¬ 
tiple lamp substitute, as the 200-watt multiple gives 
but 3200 lumens and the 300-watt, 6100 lumens. 
However, where the series lamp lumen rating has not 
been established as a standard for any district, it would 
appear that the 300-watt multiple lamp could be used 
as a standard in place of a mixed standard of 4000 or 
6000 lumens. 

In the selection of lamps, it is desirable, where practi¬ 
cable, to use those of the multiple type as in that class 
the prospect for economic improvements is most to be 
expected. 

If the series ts^pes are selected, and future improve¬ 
ments in lamp efficiencies are made, this type of lamp 
will change in its-voltage rather than in lumens or am¬ 
perage. Such a change would complicate the situation 
where aiito-transformers of a definite, low-rvoltage 
rating are already in service. 

Since the existing distribution transformers can 
usually carry the small addition of the street-lighting 
load, no transformer cost is involved and the existing 
high power factor is appreciably improved by this all- 
night steady loading. With the newer forms of series 
circuits the constant-current transformer cost is ex¬ 
cessively high, its efficiency lower than for a standard 
transformer, and the power factor so low that they 
are very detrimental to the system. 

Furthermore, the small auto-transformers used with 
high amperage lamps on series circuits will sometimes 
cause appreciable induction on adjacent communication 
and radio circuits when magnetically oversaturated 
when a lamp bums out. This effect is entirely elimi¬ 
nated with the multiple systan. The comparative cost 
is roughly about 15 per cent in favor of the multiple 
system as compared to the latest types of series systems 
for either general or ornamental lighting. In addition. 


the ov^-all efficiency is about five per cent greater and 
the reliability and safety of operation much greater. 

Summary 

The principal features which this paper describes are 
summarized in the following brief conclusions. 

Protective Grounding, The maintenance of minimum 
impedance and ample current-carrying capacity from 
the ^condary distribution system to earth, in con¬ 
formity with the purposes of both the safety code and 
the fire code, is best effected by the adoption of a con¬ 
tinue^ network or wire grid for the secondary neutral 
covering the entire area served as one integral com¬ 
munity with water-pipe pounds on every service con¬ 
nection and reinforced with bonds to water mains and 
driven-well casings where special circumstances justify 
it. Such use of the water pipes and mains for pro¬ 
tective grounding purposes is not per se injurious to the ’ 
water system, for extensive experience goes to prove 
that it is entirely harmless, and therefore municipal 
ordinances should require it as to the best interest of 
the public to be protected. Periodical surveys of the 
impedance to ground can be made very readily and 
constitute one of the advantages of this system of 
grounding. 

Common Neutral System. In systems utilizing the 
4000-volt, three-phase, four-wire type of primary 
distribution circuit, with single-phase lighting branches, 
there is substantial advantage and economy in com¬ 
bining the primary and secondary neutrals into one 
conductor, so as to serve both functions. It is a prime 
essential in the use of this system that the neutral be 
grounded in the general manner described in the pre¬ 
vious paragraph, or its equivalent. With this system, 
the two outer secondary wires form an additional re¬ 
turn path in parallel with the neutral, and the primary 
load current (in the single-phase instance) divides 
nearly in the ratio of copper cross-section. The return 
path via the neutral network is obviously of a complex 
nature in any given instance, but tests show that at 
least 66 per cent returns via the neutral on the same 
pole route with the primary. Each primary feeder 
district is served by a three-phase main which taps into 
a ring feeder through an oil switch, and the ring is 
sectionalized about midway between adjacent taps by 
means of oil switches which are normally open but can 
be closed in emergencies. The entire load area of each 
feeder district is divided into single-phase sub-districts, so 
associated and distributed among phases as to mini¬ 
mize the imbalanced load current in the neutral along 
any given -three-phase route. The saving due to re¬ 
duced investment is estimated at $8.00 per kv-a. of 
distribution transformer capacity and the energy 
copper loss is reduced variously from 26 to 40 per 
cent. 

IndiuMve Coordination. The use of a common neutral 
system may be detrimental to the service rendered by 
adjacent telephone circuits unless proper coordination 
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is applied through close cooperation of the engineering 
personnel of the two utilities involved. 

Pending completion of the joint tests now in progress, 
and a review of the results, definite recommendations 
can not be given other than for the use of such reme¬ 
dial measures as are now already known and recom¬ 
mended in the “Principles and Practices.” The results 
of these tests, so far as some of the more important fea¬ 
tures of the problem of inductive coordination are con¬ 
cerned, will be available, it is expected, at a compara¬ 
tively early date. 

Secondary Networks. The secondary mains in any 
given phase area are interconnected by means of copper 
link fuses in the two outer conductors, which are pro¬ 
portioned so as to operate on approximately 50 per cent 
of the rated continuous capacity of the smallest ad¬ 
jacent transformer. The two outer secondary leads of 
each transformer are fused at about 200 per cent of 
rating. On ordinary residential service, the transform¬ 
ers are regularly loaded to about 125 per cent of rating 
on the winter system peak, but for short winter peaks 
will safely carry 200 per cent of rating. The t 3 T)ical 
layout of a secondary bus section resembles the letter H, 
as shown in Fig. 6. For mixed power and Ughting loads 
a three-phase bank is used, as shown in Fig. 7. Local 
outlsdng commercial centers are served by means of the 
type of secondary layout and protection scheme which 
appears in Fip. 9 and 10. 

Downtown A-C. Distribution. In the downtown area 
of Minneapolis an a-c. distribution system hak been 
installed for ultimate relief of the three-wire Edison 
d-c. Systran. The 4000-volt primary feeders are ar¬ 
ranged on the loop or ring system indicated in Fig. 12. 
Transformer installations are placed in vaults built 
under the sidewalks. At each substation supplying a 
loop there is overload protection on the outgoing 
feeder and also an automatic voltage regulator. Be¬ 
tween vaults, the cable sections are provided with dif- 
fraantial protection which functions only on a fault in 
the cable itself. The primary bus in each vault is 
equipped with reverse power protection and the primary 
of each transformer is provided with overload protec¬ 
tion. The type of secondary layout is indicated in 
Fig. 13 and the common neutral system is used here also. 
Separate secondary mains are used for li ghting and 
power. The three-phase lighting mains operate at 
115/200 volts. The voltage on the power mains is 
raisefi to 133/230 volts by means of six to one-ratio 
auto-transformers and these mains are equipped, in 
each vault, with reverse power protection. In special 
instances, where the power demand is not large, these 
auto-transformra-s are installed at the customer’s 
service connection, and supplied direct from the lighting 
main. As this downtown system is extended in future, 
the lighting mains will be interconnected between 
vaulte, through limiting fuses, in the same manner 
tiiat has proven successful in overhead distribu¬ 
tion. 


Street Lighting. The constant-current series type of 
distribution circuit is being replaced with multiple 
distribution under remote control by means of a pilot 
wire and individual contactors at each lamp. The tyqie 
of circuit layout is shown in Fig. 14. This system is 
made possible by the fact that 115/230-volt secondary 
mains cover the lighted area of the city very com¬ 
pletely. This additional load on the secondary system 
proves very desirable from an economic standpoint. 
Experience also proves that the multiple system is 
more economical, efficient, and reliable than the series 
system which it is replacing. 


Discussion 

R. E. Cuimln^ams I have particularly noted the first 
paragraphs of Mr. Hood’s paper regarding the necessity of thor¬ 
oughly grounding secondaries and I want Mr. Hood to know 
that I concur with him in his statements. 

I believe that too many of us have been content to drive a pipe 
or two connected to each secondary system and call it good 
enough. We all know what may happen to such grounds, 
particularly in dry districts. I think we should arrange through 
local ordinances to have a ground connection made at each 
customer’s service which would be installed at the same time 
the house is wired by the contractor. This should be a water- 
pipe ground. 

Now, as to using a common neutral, Mr. Hood, no doubt, has 
a condition where, as he has stated, his plan has worked satis¬ 
factorily. Whether it would work xmder conditions obtaining 
in Soulhern California is a little doubtful. We have a long, dry 
season and a good ground is hard to get; in some cases it is 
impossible. There are very few districts where we have con¬ 
tinuous wateivpiping systems and in some eases cement is used 
in making the joints in the pipes. 

Thus far on our 4-kv., four-wire systems we have adopted the 
practise of grounding the primary neutral at frequent intervals, 
generally by the use of a driven pipe. We have not tried the 
plan of using the same wire for a secondary neutral. 

I might say that in most oases we do not have secondary 
systems continuing throughout the primary circuits, so that 
possibly there is not the same opportunity for economy as exists 
with Mr. Hood. With the system as I stated, using the driven- 
pipe grounds connected to our neutrals, we have had a number 
of cases during the dry season when the phase wire has fallen 
and lain on the ground without kicking out the circuit breaker 
at the station. We are particularly concerned as to how to 
take care of such a hazard. 

We have recently built a new substation in a district where the 
system was being chtmged over to 4-kv. four-wire and are 
trying out the scheme as shown, in Fig. 1 herewith. Hero the 
neutral wire is isolated from the ground except at the station 
and there the connection is through a current transformer, the 
secondary of which is connected to an ammeter and relay. 
This relay in turn can actuate an alarm bell. Any current in 
the neutrfd due to unbalanced load will not indicate on the 
ammeter or cause the relay to function, but any current re¬ 
turning to the station from a phase wire which might fall on 
the ground must flow through this current transformer. 

The current transformer is provided with taps and the relay 
so adjusted that it will operate when one ampere flows through 
the ground connection. Tests have been made which show that 
about that amount of current would flow when a coil of bare wire 
connected to a phase wire was thrown into a patch of green grass at 
a distance of about one mile from the station. Normally adjust¬ 
ments are for a much higher current so as to protect against a 
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full ground and tlion oueo each hour the operator makes a test 
using the one-anipore adjustment. 

\V(^ hope with this dovico to discover oases of phase wire on 
the ground uiidvu* such conditions as not to cause suflioient re¬ 
turn ciuTimt to trip the circuit switch. 

I would like Mr. Hood’s advice on our situation and also 
wish to inquire whether with a phase wiro down he usually gets 
enough current through the ground on his 4-kv. circuits to re¬ 
lease tln^ circuit switch. 

E. R. Stttuffaclier: TIu^ ground relay mentioned by Mr. 
Cunuinghani will ring an alarm only when a current of one 
ampere or more goes back to the station from the line lying 
on the ground, whoroJis, our tost indicates that only 0.3 or 6.4 
amp(?re actually Hows back to the station when a lino is down 
on a 4000-volt distribution circuit about one mile from the 
substation. This, or course, applies to the dry soil condition. 
TJio equipment would imlicato properly and give an alarm if 
the wire happened to bo lying in groon grass or in wot soil or 
against a grtMui tree. Howev<^r, there is every reason to expect 
that it will be rather diHicult to develop oquii)ment which will 
imlicato when a line is lying down in dry soil or on a concrete or 
asphalt pavemout. This I(uwls me to believe that it would 
probably be b(*i.t(U’ practist^ to install numerous grounds along 
thii distribution line in addition to the ground at the substation, 
ami to make ov<u*y (»lTort to sen? that the circuit breaker tripped 
out iu case a wiro dropped to the ground, rather than attempt to 
develop Home type of ground detector which would indicate this 
hazardous condition. 

C* A, Ilcinzcs 111 Los Angi^hss, we havo made use of gronnda 
tr» water pipes for soim* years past. Our method is to select 
at least IhrtHi stTvices on eae.h secondary and ground the 
neutral of each si.*rvie.e to Hie local water pipo on consumers* 
pnunisoH. 

II seems that, ten or liftetm years ago the water dopartmont 
of our <jity e.xperieuc<<d considerable trouble and diiliculties 
with electrolysis. T imagine tliat a number of members know 
the full meaning of that word when applied to water systems, 
and the iliilicultu^s with ideciric railroads. To protect itself, 
the wat(*r <l(‘partnient in Los Angc?Ie.s constructed mains with 
cemented joints, thim preventing the possibility of getting a 
good grouml by attaching <lirectly to tho main itself. How¬ 
ever, oil a thr(‘o-wire service if we can obtain permission from 
the fionsumer, wo bring down the neutral, connecting it directly 
to the water service. Eor meeJianical reasons sometimes wo 
use a pic*ce of conduit, bonding it at each end. 

I am a liit .surprised t.o learn that Mr. Hood would like to 
have u.s‘go back to the multijile strc^et-lighting system. It 
Hiwms to me off-hand that we would bo taking a step backward. 
1 remember quite well that years ago we all, more or loss, had 
multiple street-lighting systems, and we gave them up for tho 
.s«i>posedly more efficient series system. Now, I find there is 
a tendency to go back to the multiple system again. I don’t 
know whether tho telephone engineers have had anything to 
do with this or not. At tho same time I can’t believe that it is 
a step in the right direction. Mr. Hood proposes aud does in¬ 
stall a contactor for ooniioeting each lamp to tho secondary bus 
nearest to the location of the lamp. From his paper I gleaned 
that it will require twelve watts of energy to keep this contactor 
energised during the daylight hours, and of course, during the 
houni when the. lamp burns, the contactor is out of circuit or 
de-energizod. 

In Iios Angelos, excluding the ornamontal post lamps, w© 
havo 10,000 street lights of tho suspension type. Now, if tho 
contactor wore to bo provided for each one of these lamps in 
order to operate it on a multiple system as recommended by 
Mr. Hood, our loss in energy, valued at one cent per kilo¬ 
watt hour would amount in a year to practically $7000. I 
don’t know what Mr. Hood’s company receives for energy for. 
street-lighting purposes in his city, but surely none of us in 


the West are making sufficient money on street lighting to 
stand a yearly loss of any such amount, in our case amounting 
to $7000. 

I can’t see what the future holds for us if we go to a multiple 
system. I would like Mr. Flood to explain the reason for going 
to the multiple system. I have always been given to understand 
that the multiple lamp, toward the end of its life, greatly de¬ 
creases in candle-power, while the series type tends to burn at 
full candle-power until it burns out. I feel that this will I’e- 
siilt in a large number of lamps being continued in service at 
reduced candle-power and not being replaced until they actu¬ 
ally burn out, resulting in decreased illumination on tbe streets. 

I think we, as utilities, should strive to give the public all they 
are paying for and the best street lighting possible. 

M* T, Crawfords I notice that the neutral return path 
described by Mr. Hood is apparently largely in the secondary 
neutral grid. I would like to ask if single-pole switches are 
used or three-pole switches on tho outgoing feeders at the sub¬ 
station, It would appear that if single-pole switches were 
used and single-phase short circuits occurred, opening one or 
tAvo switches, the neutral would be called on to carry the full¬ 
load current of tho phase which remained in service, greatly 
increasing the duty of tho neutral path, and I should think 
increasing tho troubles that might come from using only a rela¬ 
tively light-capacity neutral grid. 

Eatlier extonsivo use is made of fuses in the secondary main 
for seotionalizing in case of trouble. I would like to ask Mr. 
Hood what method ho has for finding out when those seeondaiy 
seetionalizing fuses blow. If secondary scjctionalizing fuses 
should blow and no knowledge was had of tho fact, they might 
stay opim for some time and intorfero with the pr^)por inter¬ 
change of load current. 

Mr. Hood refers to tho fact that the primary-neutral return 
curremt .sometimes will sjffit and take the paths of the secondary 
outside wires, rather than all go through tho common neutral. 
1 would like to ask if ho has made any test which would determine 
whether or not this disturbs the voltage regulation on the second¬ 
ary at such points. It woiibl soiun that it might havo consider¬ 
able effect on the voltage drop on the secondary bus aud would 
affect tho consumer’s siirvico. 

In regard to the underground system, I would like to ask 
if Mr. Hood has experiencod any operaf.ing difficulty in con¬ 
nection with tho relay contacts. On the underground dis¬ 
tribution system in Seattki where a large number of power- 
directional relays are installed, we Jiavc f<mnd it necessary to 
periodically inspect and clean tbo relay contacts. The gases 
and other substances in the subways appear in some way to 
cover these contacts so that they do not always function. 

D. K. Blake: I find a large number of people who are 
strongly in favor of the common neutral and just as many who 
are strongly opposed to it, but tho chief cause for opposition 
seems to bo the telephone intorforence. 

As to tho multiple lighting circuit, there are a large nunaber 
of eastern companies who are going into that, studying it, and 
applying it. I was very much surprised to find in Denver that 
tho business section was supplied with multiple circuits with 
cascade pilot-wire control. 

Mr. Hood referred to his polyphase secondary network for 
tho business section which is a seven-wire system. There is a 
somewhat different type of system used by a large southern 
city of about 200,000 population. They have the same idea, 
that is, they do not want to supply an off-standard voltage to 
their customers’ devices so they take the secondary winding of 
the transformer and extend it to 133 volts, which gives 230- 
star volts for the motors, and of course, a seven-wire system. 

As to the matter of neutrals carrying load current, you might 
be interested in knowing that there is one large company which 
makes the practise of connecting distribution transformers 
from one wiro to the grounded cable sheath and in that way 
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they have the cable sheath carrying a number of amperes of 
load current. 

!>• 1. Gone: As already stated, the subject of distribution 
systems is of great interest to telephone engineers; one item 
in particular in Mr. Hood’s paper presented today is of im¬ 
portance from that point of view; that is the question of the 
use of a common neutral for the primary and secondary ground 
connections and, also, the question of the multiple grounding of 
primary neutrals. I shall not undertake a discussion of that 
problem because we have attempted to cover the subject pretty 
thoroughly in the paper by Dr. Trueblood and myself.^ 

Mr. Heinze referred to the interest of the telephone engineers 
in the street-lighting problem. There is a paper by Mr. Mc¬ 
Curdy which discusses series street-lighting systems from this 
point of view^. As to the multiple street-lighting arrangement, 
I think, without having had experience with it, that the multiple 
scheme would make coordination with the telephone plant 
much easier. 

O. H* Smith: I would like to say a word in discussion of 
Mr. Hood’s multiple street-lighting system. We have been 
living with an overhead series system in Seattle for twenty 
years and for the last five or six years we have been trying to 
find some way to dispose of it. The underground lighting 
system in Seattle is multiple, and the lamps are low-voltage, fed 
by transformers in the pole bases. We are averaging about 
4000 hours’ life on these lamps. It is hard for us to believe that 
we should use a 120-volt multiple lamp for that service although 
I believe that is the lamp manufacturer’s recommendation. 
We hope before long to install an overhead multiple lighting 
system very similar to the one described by Mr. Hood. We 
have been working on it for years, and believe that it will justify 
itself from the standpoint of safety alone. Also, our figures 
seem to show that it will be fully as cheap and more reliable. 

S. Hood: Mr. Cunningham has brought up the point as 
to whether the common-neutral system was suitable for Cali¬ 
fornia. I think probably the best way to find out would be to 
try it. The main thing in the common-neutral system is to have 
sufficient neutral copper so that the earth does not form a part 
of the return, not an essential part. Therefore, if the air con¬ 
ditions are very dry, all that is necessary is to equalize the 
potential between the neutral system and the earth, so I rather 
think that the point of safety would be just about on a par with 
the dryness of the earth. If the earth is absolutely dry, it is a 
perfect insulator, so if you maintain your neutral at earth po¬ 
tential at the interconnection, you never would get any appreci¬ 
able difference between that neutral system and the earth, even 
though the earth conditions give very high resistance. 

On the question of the opening of the circuit breakers in case 
of a fault to ground, I suppose what Mr, Cunningham meant 
by ground was the conductor lying on the ground. My ex¬ 
perience has been that it doesn’t make any difference what kind 
of a system you use, isolated-neutral or common-neutral, you 
cannot depend on opening a circuit breaker on contact to ground. 
The artificial ground connection such as a driven pipe will 
not have less than 100 ohms resistance. Now, you can readily 
see that 8 or 10 ft. of 3}^-in. pipe will not give a good ground. 
The contact resistance of a wire on the ground may be up in 
the thousands of ohms. So I don’t think it makes any difference; 
you can’t depend on opening the breakers through accidental 
contact with the earth. 


Mr. Heinze brought up the question of the individual house 
grounds, and the difficulty of getting continuous grounds through 
the water main. I think that is probably common all over 
the country, possibly not to as great an extent as in Los Angeles, 
but you get the benefit of the buried pipe which forms a sery- 
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ice pipe from the main, including the section of main in which 
that service pipe is tapped. So in the aggregate you have 
a fairly good surface of water pipe in contact with the earth, 
certainly much better than you could ever expect by an arti¬ 
ficial ground. When you interconnect all of those grounds by a 
system neutral, you can count on pretty good protection. 

I am sorry I can’t agree with Mr. Heinze about the multi¬ 
ple system being a backward step. We think it is the greatest 
step forward we have ever made. I have felt for a great many 
years that the practise of running series circuits, which may 
have potentials up to 6000 volts, through alleys, and out to 
every street comer, networking the whole area much more 
higHy than the primary circuits can, comes pretty near to 
being a crime, and there are probably more accidents to the public 
and to the utility’s operating staff through those high-voltage 
series circuits than any of the other circuits you operate. The 
only trouble in the past has been to get the same efficiency in 
transmission with the multiple system. That can be solved 
by utilizing the distribution transformers, and the relay control 
system. Our experience with the maintenance of candle- 
power in the lamps has been remarkably good. I have always 
criticized the series system on a basis that the lamps, unless you 
break them up, will get so dim that you can’t see whether they 
are burning or not. 

Regarding the contactor losses in the multiple system, I 
think you ought to get the right point of view. You must con¬ 
sider that the series constant-current transformer at best will 
have only an efficiency of about 85 per cent, whereas the con¬ 
tractor uses 12 watts only for initial action, and as soon as the 
core rises it chokes the consumption down to 8 or 9 watts. 
That represents less than 2 per cent on a 500-watt lamp, and 
in a great many cases a group of five or six lamps may be found 
on one contactor. You can readily see the contactor losses are 
almost negligible compared to the losses in the series type of 
transformer. 

The principal advantage we found in the multiple light¬ 
ing system has been the better service during storm conditions. 
It frequently happens during a bad storm that lamp outages on 
the series circuits will run 17 to 20 times as high as on the mul¬ 
tiple. As soon as the storm starts you will see the multiple 
lamps winking like stars all over the city. It can readily be 
seen with the series system that each accident or effect of the 
stoim which has lit the multiple lamps would have put out of 
business the series type of circuit. 

The question of maintained candle-power is one which I 
think we shall have to leave to the engineers of the lamp as¬ 
sociation. We picked the series type of lamp and adopted the 
multiple system, believing that the series lamp was the best of 
the two lamps. Now, they tell us that the series lamp was a 
poor lamp at its best, and we should use the multiple lamp, so 
I don’t know which is right. Experience will have to show. 

I think, however, that one feature in favor of the series type of 
lamp, particularly in our large cities, is its longer life. They 
claim series lamps used on multiple system will give 2160 hours’ 
life. We are getting 3000 hours on ours and better, and very 
well maintained candle-power. They also claim the multiple 
type of lamp is good for 1300 hours. My experience with the 
large systems is that if you get 1000 hours life out of it you are 
lucky. 

Now, where you have oars parked along the streets all day 
and most of the night, when are you going to get a main¬ 
tenance car up to the ornamental lamps? The men must go 
around before sunrise, and even then you will find many 
cars. 

Mr. Crawford asked whether we use single-pole or three-, 
pole switches on our feeders at the substations. Originally all 
our lighting feeders, before we converted to the common neutral, 
were the two-pole. Thus the only change we made was to change 
the original double-pole switches; the two poles were put in 
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series, giving twice the breaking capacity. Those circuits, 
however, were almost entirely lighting circuits and we found 
that the action was substantially that of a one-wire single-phase 
circuit. They didn’t act as three-phase circuits at all. How¬ 
ever, all our three-phase power circuits had three-pole switches, 
and as we cut to combination feeders, we found the single-pole 
switch had no advantage, due to the fact that among the other 
peculiar things we do, we always ground the neutrals of our 
three-phase power transformers. When you get a single-phase 
short circuit, the closed secondary delta transfers the short 
circuit to a very considerable extent to the other two phases, so 
that all three switches would go out in the same way as though 
they were on a three-pole switch. For that reason, as we re¬ 
built our substations, we conserved substation space by putting 
in entirely three-pole switches. In the modern substation with 
automatic closing equipment, it is the fact that almost always 
a circuit will not lock-out but will bum the fault off. 

The matter of locating blown section fuses is largely checked 
up by periodic inspections made just before the fall peaks. Dur¬ 
ing the summer season, most of the load in the interconnected 
districts being residential load, it doesn’t make much difference 
whether those fuses are in or out except in some places where 
the range load is heavy. We make careful inspection just prior 
to the fall peak, and from then until we pass the overlapping 
period, the spring of the year, we depend on the customer to let 
us know when those section fuses are out. Generally he doesn’t 
waste much time in doing so. In other words, our transformers 
will carry the load with those fuses out as well as with them in, 
but the regulation would be very much poorer; therefore, we 


almost invariably get a complaint from a customer when a 
section fuse is out. 

We have never had any trouble with the effect on secondary 
regulation caused by flow of current in the neutral. There 
is under certain rather abnormal conditions a tendency to un¬ 
balance voltage, but you must have a very abnormal condition 
to bring out that effect. 

Regarding Mr. Crawford’s question as to relays in the under¬ 
ground a. c. system, our condition is possibly just a little different 
from what he may have in mind in that our transformer vaults 
are to all intents and purposes substations. We don’t have the 
dampness and the gases found in an ordinary manhole vault. 
We are particularly fortunate in Minneapolis because we can 
put vaults under the sidewalk, and they are just as dry as the 
basement of a building; in fact, they are virtually the front of 
the basement. We use the same type of relays and equip¬ 
ment as used in the ordinary substation, and they are inspected 
periodically, in most cases once a week. 

In Mr. Blake’s remarks, he referred to a system in the South 
which used 133-volt transformers. That is the type of trans¬ 
former with the 133-volt secondary tapped at the 115-volt 
point. We had considered that, but the objection we saw was 
that it made a semi-special transformer which is objectionable 
from the standpoint of simplicity in warehouse stock where it is 
necessary to stock one type of transformer for overhead distri¬ 
bution and another for underground. If the underground re¬ 
quired a special type of transformer, probably that tap would 
be all right, but in our case we have adhered to standard equip¬ 
ment throughout. 
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Synopsis* —Consideration of the relations between 'power 
distrih'uiion and telephone sysletris is naturally involved in any 
comprehensive review of the problems of the rapidly expanding 
power^disiribution networks in this country. 

Avoidance of contact and provisian of suitable working conditions 
for employees in situations of close proximity are dealt with in the 
National Electrical Safety Code and in State Regulations which 
provide arrangements for safety 'where complete separation is not 
feasible. 

Induction from distribution circuits has heretofore had less 
general attention than induction from power-transmission lines. 
Recently the Joint General Committee of the National Electric Light 
Association and the Bell Telephone System has undertaken compre¬ 
hensive investigations of these problems. Of particular interest is 
the study of induction under joint use conditions nov) progressing 
actively at Minneapolis. Pending completion of this and other 
studiest a preliminary and qualitative discussion is here given. 

Situations of exposure fall into three groups determined by the 
character of the area served: (./) ^'downtown'' districts; {2) residential 
urban districts; (5) rural districts. The major problems arise in 
the second group. A wide variety of arrangements characterize both 
systc'tns , and require consideralion. 

A mong technical featurest coefficients of induction for close ex- 
posurea^ shielding action of metallic cable sheapisfor both power and 
telephone circuiiSt and ground poleniiaV^ effects are distinctive 


Introductory 

N any comprehensive consideration of the varied 
problems of our rapidly expanding systems of power 
distribution, there is naturally involved a discussion of 
the problems of relationship between these systems and 
the commimication systems, which to a very large ex¬ 
tent serve the same cxistomers. Such a discussion is 
undertaken in this paper in the hope that a better 
understanding of the physical and inductive relations 
of different distribution circuits and neighboring tele¬ 
phone circuits will promote the coordination of the two 
classes of circuits without imposing undue restrictions 
on the development of either. 

To appreciate the magnitude of the problem, it will 
suffice to recall that the number of power consumers in 
the United States has now passed 16 million. There 
is no present indication of abatement in the rate of 
growth, now about 15 per cent annually in number of 
consumers and in total load supplied. ‘ The number of 
telephones is likewise approximately 16 million. The 
growth of this companion electrical industry is today 
less striking (about six per cent per year) only because 
its period of rapid expansion began some years earlier. 

*. Department of Development and Research, Am. Tel. & 
Tel. Co., New York, N. Y. 
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problems. Where both classes of circuits are in cable with suitable 
precautions as to grounding, interference is rarely to be anticipated. 

Low-frequency induction due to transient power-system dis¬ 
turbances is rare at the lower voltages hut may assume great impor¬ 
tance 'With higher voltage dreuiis, unless the amouyit of exposure or 
fault currents are suitably limited. Various methods for reduction 
of disturbing effects are discussed. 

Noise induction from power-distribution circuits is chiefly from 
residuals which occur on single-phase branches of polyphase cir¬ 
cuits, or where triple harmonics or load-current unbalances are 
introduced by grounding neutrals, or where admittances to ground 
of phase wires are unequal. Residual currents are largest in systems 
having multiple-grounded neutrals, both load-currenU and inple 
harmonics occurring. Approximate resonance at triple harmonic 
frequencies between the inductance of station apparatus and power 
cable capacitance has characterized, several situations. Various 
single, two- and three-phase arrangements are compared from the 
induction standpoint. 

The closely related matter of unbalances in the telephone plant is 
briefly discussed. This is one of the subjects on the joint research 
program. 

With the great variety of specific situations encmintered and the 
growth to be expected, joint study by power and telephone engineers 
of existing cases and future plans furnishes the only practicable 
solution. 


To a very large degree the customers of the two services 
are the same people; hence it is apparent that the com¬ 
bined growths present a problem of continually in¬ 
creasing proportions., 

In and near the great centers of population, this 
growth of the two kinds of service to the public has led 
to the development of two highly specialized electrical 
systems of which large parts are necessarily in dose 
proximity to each other. The most obvious considera¬ 
tion in this relationship of power and communication 
circuits is to avoid contacts between conductors at 
crossings and conflicts, and in the joint use of poles. 
A closely related matter in such situations is that of 
providing climbing and working spaces so that men can 
work on conductors and equipment of either class in a 
safe and, convenient manner. These factors, and the 
necessity of limiting the numbers of poles on streets, 
led early to the development of specifications to govern 
clearances and strength of construction, and to exten¬ 
sive arrangements for the joint use of poles. 

Contacts between power and communication circuits 
must be carefully guarded against, since they not only 
cause interruption of service on either or both systems, 
but may result in injuries to persons or damage to 
property such as (1) electric shock to employees or 
subscribers; (2) acoustic shock or noise; (3) breakdown 
of lines and equipment, with attendant fire hazard and 
destruction of plant. The intimate handling of tele¬ 
phone instruments in daily life requires the greatest 
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precautions to prevent their energization at dangerous 
potentials. 

Standards for minimum cleamnces, fpr strength of 
construction, for insulation and other protective meas¬ 
ures in both classes of circuits have been gradually 
established through long experience, the various features 
being continually under review as the arts progress. 
These standards include provisions against breakage 
or exce.ssive sag of the upper conductors or breakage of 
supports at wire crossings, and against accidental 
contacts between wires of a given circuit, or failure of 
insulation. 

In working out the relations between overhead lines 
of different utilities where the higher voltages are in-, 
volved, the natural first line of action is to endeavor so 
to locate the lines as to eliminate the possibility of 
contact. This is in recognition of the increased hazard 
to persons and the impracticability either of building 
the communication plant to withstand damage by 
break<lown or of providing protective devices to limit 
eircctively the amount of plant exposed to such break¬ 
down. The problem of avoiding hazardous conditions 
is one not only of cun*ent- and voltage-limiting devices 
at circuit terminals, but of the insulation, cleamnces 
and operating practises over the entire exposed plant. 
Where it is found impracticable to avoid proximity, 
particular attention is required to the provision of 
adetiuatc .strength and arrangements of construction. 

Preferences and minimum strength and clearance 
requirements for crossings, conflicts and joint use of 
poles by power and communication circuits have been 
embodied in the National Electrical Safety Gode^ and 
in the regulations of many of the states. The Joint 
General Committee of the National Electric Light 
A&sociation and the Bell Telephone System*’*, proceed¬ 
ing with the.se as a ba.sis for further study, has subcom- 
mittee.s at work on both the contractual and technical 
phases of the problem, in recognition of the changing 
conditions of distribution practises. 

Until recently, recognition of the importance of the 
problem of the inductive relations between power distri¬ 
bution and telephone networks has not been so general 
as that accorded a good while ago with respect to the 
association of long power and telephone lines. It is 
true that specific situations arose, sonae of them of 
rather large importance, sufficiently critical to require 
the development of measures of relief.^ However, the 
problems involved in the close inductive relations of 
powerHiistribution circuits and the telephone plant were 
not attacked on a large scale until they were taken up 
by the Joint General Committee of the National 
Electric Light Association and the Bell Telephone 
System, as part of the wider question of methods of 
coordinating the facilities generally of the two services 
for the avoidance of interference. This Committee has 
already published* certain recommended practises, 

1 Referraoe aumbew apply to Bibliography appended 
hereto. 
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mainly qualitative, which are applicable to the situa¬ 
tions with which this paper is concerned. A Sub¬ 
committee on Development and Research is now 
engaged in comprehensive investigations of the various 
technical questions connected with this matter, and 
one of the “projects” under which the work of this 
Subcommittee is organized, is devoted to a single im¬ 
portant aspect of the problem,—^the question of induc¬ 
tion under joint-use conditions. 

At the present time, the Committee in charge of this 
project is working in cooperation with the Northern 
States Power Company and the Northwestern Bell 
Telephone Company, using a most complete temporary 
field laboratory and experimental line in the outskirts 
of Minneapolis. While this work is progressing favor¬ 
ably, it involves many problems of a fundamental 
nature, and therefore does not permit of giving quantita¬ 
tive results until further advanced towards completion, 
which will require a considerable period of time. It is 
believed, however, that within the next six months an 
interim report can be issued dealing with those factors 
and remedial measures which are of prime importance 
to a solution of the problem. 

This paper is thus of a preliminary and primarily 
qualitative character. It undertakes to present a view 
of the problems arising from inductive effects which are 
peculiar to the close association of extensive networks 
of the two utilities in and near centers of population, 
and discusses certain phases in some detail, with il¬ 
lustrative references to operating experience. 

It is not proposed to deal with the subject of elec¬ 
trolytic corrosion of underground structures, a problem 
which involves not only the power and communication 
systems but also the gas, water, and electric railway 
systems. The underground cables of electric power 
companies are, of course, in common with telephone 
cables, susceptible to electrolytic injury, but such 
injury is usually caused by stray current from electric 
railways rather than from electric power distribution 
circuits. 

Gbnbeal Survey 

Problems, arising primarily from situations in which 
long power transmission lines and toll telephone lines 
parallel each other, assumed great importance about 
fifteen years ago, and led to the extensive studies of the 
Joint Committee on Inductive Interference in Califor- 
niaJ Much of the work of that committee is funda¬ 
mental to the present discussion. When the subject 
of the inductive relations of power distribution circuits 
and telephone circuits is set off as a topic in itself, 
it is not because the \mderlying principles are different 
from those which apply to the longer lines of the two 
services. It is rather the characteristics of the two 
systems in the thickly populated districts within and 
near the modem American city, and to some extent in 
rural districts, which give individuality to this probleni. 

While the primary concern is hwe with power distri¬ 
bution and local telephone circuits, nevertheless long 
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power transmission lines and telephone toll lines require 
consideration, if only indirectly, for in the final analysis 
these long circuits exist purely for the purpose of serv¬ 
ing the public, and the sole links between them and the 
consumers are the local distribution systems. In the 
broad view, it is the public whose interest in the solution 
of these problems is fundamental. The vital impor¬ 
tance to the two industries of finding the best engineer¬ 
ing answer rests ultimately on this public interest. 

In approaching the subject from a technical stand¬ 
point, perhaps the most convenient method of division 
is by reference to the physical relationships of the two 
utilities as determined by the character of the areas 
served. We may thus distinguish three general 
groups: 

1. Dense Urban or ^*Downlou*a^* Districts. In these localities 
which are principally in the larger cities, it is usual to find the 
circuits of both utilities in underground cable, carried, however, 
in separate conduit systems. There is, of course, a great deal of 
parallelism under these conditions in our large cities, from which, 
so far as the authors are aware, no cases of serious inductive 
effects have resulted, and except in rare instances, no physical 
damage has occurred. The problem of electrolysis has its chief 
focus in these districts but a discussion of this question is beyond 
the scope of this paper. 

2. Residential Urban Areas. This term is used here to denote 
those districts in the smaller towns as well as the large cities in 
which the local telephone circuits are found mainly in aerial 
cable, with occasional fairly long runs of twisted pair or open 
wire, while the power circuits are chiefly in open wdre. In the 
more thickly settled sections, long exposures at roadway separa¬ 
tion or under joint-use conditions are common, and for shorter 
distances, in alleys, joint use or conflicting construction is 
frequent. Important questions arise here, both from the stand¬ 
point of physical hazard and from that of induction. The 
closeness of association and the large numbers of service couuec- 
tions involved, combined with the lack of the effective shielding 
afforded by cable sheaths and earth in the dense urban districts, 
make these residential urban areas the most important in respect 
to induction in the local telephone circuits. 

Telephone toll circuits in these districts may be either in cable 
or in open wdre. Owing to the relatively small numbers of such 
circuits and their limited space-occupancy, it is possible by 
suitable cooperative planning to keep them comparatively free of 
exposure. 

3. Rural Distribution Areas. These are regions in which the 
population is scattered and the service drops of both utilities are 
relatively infrequent. Space is no longer a vitally essential 
factor, though it may still be an important one. Telephone toll 
circuits as well as subscribers’ circuits are usually in open wire. 
These open-wire subscriber lines are likely to be long and to serve 
a considerable number of subscribers. By cooperative planning 
in advance, it is practicable to keep the telephone circuits com¬ 
paratively free of exposure. 

A lai^e variety of power systems and voltage is 
found in different parts of the country, in the situations 
covered by these three broad classes. A classification 
on the basis of the purpose which the power circuit 
serves would give such groups as trunk circuits at 
voltages of 6600,10,000 to 15,000, and higher, in both 
open wire and cable; primary distribution at voltages 
in the 2300 to 4600 range; secondary distribution at 
from 110 to 440 volts; and circuits for such services as 
street-lighting and street-railway powa* supply. Series 


street-lighting circuits are, under some conditions, of 
much importance as sources of interference and are 
discussed in another paper.® Railway circuits are also 
important from the point of view of inductive relations, 
but the discussion of their special characteristics is 
beyond the scope of this paper. Secondary-distribu¬ 
tion circuits will come into the discussion in only an 
incidental way; the indications of experience are that 
interference from these low-voltage circuits is rare, 
though cases have been known to occur, due to acciden¬ 
tal circuit conditions causing excessive currents in earth 
connections, or to unusual or poorly designed apparatus. 

A classification along somewhat similar lines may be 
made of telephone circuits, having regard to the pur¬ 
poses to which the circuits are assigned. The sub¬ 
scribers’ lines radiating from the central offices may be 
likened to the secondary power distribution circuits. 
Corresponding to the primary distribution system is the 
intricate network of trunks between central offices, used 
in local communication between subscribers in different 
exchanges. Other trunks, used in establishing connec¬ 
tion between a subscriber and a toll center, when toll 
service is required, may be regarded as the counterparts 
of the higher voltage circuits. As the development of 
the art of power distribution has led to several kinds of 
arrangement such as direct-current, two-phase, three- 
phase and their varieties, so also in the telephone sys¬ 
tem, there are three main types of local circuit, accord¬ 
ing as the service is handled manually, or by the step-by- 
step tjHpe, or the panel t 3 T)e, of machine switching sys¬ 
tem. At present, in many of the large cities, the 
manual and one of the machine switching systems will 
both be found, together with systems of the inter¬ 
mediate semi-mechanical character, deigned to give 
service between subscribers where one of the central 
offices is on a machine switching and the other on a 
manual basis. Many minor differences in equipment 
for signaling and supervision also exist, and there are 
several different arrangements of subscribers’ sets and 
cord circuits, depending upon the type of service given; 
for example, individual line, or party line with full- 
selective or semi-selective signaling, with further 
diff^nces according as the service is unlimited or on a 
measured basis, or according to the method of collection 
in the case of pay stations. In smaller communities, 
many other variations are encountered, including local 
battery arrangements with magneto ringing and sundry 
combinations of the local and common battery schemes. 

Technical Features 

Coupling and Shielding. A distinctive problem in 
the field of this paper is that of determining the co¬ 
efficients of induction between power and telephone 
dreuits under the conditions of close exposure that 
obtain in joint use and in conflicts. The fundamentally 
important work on this subject, done under the diction 
of the California. Joint Committee, applies only to open 
wires at horizontal separations in excess of about 
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20 ieet. t While the determination of the coeflScients at 
closer distances is possible by calculation, (this method 
was used by the California Committee in their work 
at the wider separations), the labor required for the 
complete solution in the case of a large telephone line 
would be excessive. The experimental method is 
shorter and probably cheaper for these conditions and 
some experimental work is desirable in any event as a 
check. Such experimental determination is a part of 
the program of the Joint Development and Research 
Committee. 

A power circuit having its conductors enclosed in a 
grounded metallic sheath will have very little external 
electric field, and if the currents are confined to the 
enclosed conductors and sheath there will be negligible 
external magnetic field. The result is the practical 
elimination of inductive coupling. It is only where part 
of the current returns by other paths than the sheath 
that induction results. While there are few data from 
direct experiment on the inductive effects of power 
circuits in cable, there is a great deal of evidence from 
operating experience in the case where both power and 
communication systems are underground, and a small 
amount where the pov?er circuits are in aerial cable. 
This experience is based upon cables having all conduct¬ 
ors in one sheath, and, under this condition, may be 
accepted as showing that inductive interference ns 
rarely to be anticipated where the power system is 
entirely in underground cable with continuous metallic 
sheath. Experience to date with exposures in which the 
power circuits are in aerial cable with continuous 
metallic sheath, effectively grounded, justifies similar 
expectations. It might perhaps be thought that a 
breakdown of insulation with grounded sheath (either 
underground or aerial) would give rise to currents in the 
earth which would induce sizeable low-frequency 
voltages in closely exposed communication circiiits. 
The absence of such occurrences in operating experience 
is probably due to the facts that a fault in a polyphase 
cable must usually involve all phases and that the 
sheath possesses fairly low resistance, thus tending to 
keep the fault current out of the earth. It is possible 
that the use of separate single-core cables for pols^hase 
circuits may produce sufiBcient field to cause inter¬ 
ference under certain conditions of proximity. 

Both as to space occupied and shielding from induc¬ 
tion, cabling the telephone conductors in metallic 
sheaths is advantageous. However, the magnetic 
fields, due to residual power currents and the “ground 
potential” effects, may be of great importance. If the 
cable sheath is continuous and is either underground or 
bonded to underground cable with an additional 
effective ground on the side of the exposure rmnote 
from the underground cable, the resultant electro¬ 
magnetic shielding is of much value in reducing induct¬ 
ive effects. Where aerial cables are to be bonded to 
Refer to Item No. 4 of Bibliography, Teoliiuoal Report 
No. 66. 


underground cables, however, careful attention to 
electrolysis conditions is required. 

Another feature characteristic of inductive relations 
in distribution areas is that kind of coupling usually 
referred to as “ground potential.” This-term implies a 
difference in potential between two specified points in 
the earth. The term is convenient, but it should be 
understood that it does not connote a different kind of 
phenomenon from that where two grounded circuits 
are involved in a parallel exposure. The total voltage 
in a grounded circuit, a, due to current in another 
grounded circuit, b, (see Fig. 1) is produced in a distrib¬ 
uted manner, partly in the metallic part of a and partly 
in the ground part of a. This latter part is, in general, 
the effect of both resistive and inductive coupling, and 
in practical cases its magnitude vrill depend almost 
entirely on the relative positions of the ground connec¬ 
tions of a and b, and the route followed by the wire 
part of b. If, then, this part of the total voltage in a 
that is produced in the earth is considerably the larger 
part, the total voltage is frequently referred to as a 


Disturbing Circuit (b) 


Disturbed Circuit Cs) 



Fig. 1—Ground-Potential 
Inductive and Resistive Coupling 


“ground potential.” Used in this way, the term means 
simply that the effects observed are not due, to an 
important extent, to coupling involving the metallic 
part of the disturbed, circuit a. Such situations, of 
course, are usually found where the amount of parallel 
exposure is relatively small. 

The local telephone plant, particularly subscriba:®' 
lines radiating in all directions from a central oflSce, is 
more likely to be affected by “ground potentials” than 
the toll plant. With some types of power distribution 
systems, the use of ground connections to the same 
water pipes or other undergroimd structures as are used 
for telephone station ground connections has a tendency 
to increase these effects. 

Owing to the numerous discontinuities of exposure that 
are inherent in distribution circuits, it is often impracti¬ 
cable to make effective use of transpositions of open-wire 
power or telephone circuits. The continual change of 
load connections and circuit layout in a growing plant 
tends to nullify a plan designed to fit a specific arrange¬ 
ment. There are, of course, exceptions to this, as in 
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long rural exposures where transpositions® are a suitable 
means of coordination. 

Low-Frequency Induction Dm to Transievi Power 
System Conditions. Aside from questions of hazard 
through physical contact, the principal concern of the 
telephone engineer is usually noise, where the power- 
circuit voltage is not greater than 10,000 to 16,000 volts. 
For voltages higher than this, the effects of low-fre¬ 
quency induction imder conditions of fault to ground on 
the power circuit are also important, often more serious 
than noise. It is quite possible that even with lower 
voltage circuits interference may arise under some con¬ 
ditions of transient disturbance. Operating experience, 
however, shows that such cases have been unusual. 

With the higher voltage circuits, cases of serious 
trouble in exposed telephone circuits at times of power- 
system disturbance have been by no means imcommon. 
This is particularly true when the neutral is grounded, 
in which case the agency is magnetic induction due 
to current in the earth. 


-Ei 


too Ws 


“ExposureCIMile) 



Disturbed 

Circuit 


iRCaOOAmp) 


^ Disturbing 
I Circuit 


Fig. 2—^Magnetic Induced Voltage Along Conductor 
IN Exposure at Highway Separation to Ground-Return 
Circuit (at 60 Cycles) 


To indicate the magnitude of this effect, it may be 
noted that the voltage induced between the ends of a 
conductor, paralleling at highway separation a circuit 
having ground as one side, is of the order of one volt 
for three ampere-miles of exposure, at 60 cycles per 
second. Thus, in the case shown in Pig. 2, with a fault 
current (7 r) of 800 arapwes and an exposure one mile 
in length, the induced voltage (Ei) is about 100 volts. 
The value decreases less rapidly than the separation 
increases with change of separation up to several hun¬ 
dred feet§ ,and is, of course, dependent upon the current 
distribution in the earth. In the most favorable case 
the induced voltage is attenuated and appears as 
voltage to ground divided equally between the terminals 
of the disturbed circuit, but very often practically the 
full value of the induced voltage appears between con¬ 
ductors and ground at one terminal. 

The forms in which this interference appears are 
substantially the same whether the exposed telephone 

§. For method of ealculation, etc., see Item No. 4 of Bib¬ 
liography, pp. 656 and 682. Taylor, Ref. 7, gives values that are 
low due to assuming current in earth returning very close to the 
surface. 


plant is local or toll, i. e., the induced low-frequency 
voltages may cause interference with telegraph and, 
if high enough, the operation of protective devices, false 
operation of signals (including subscribers’ bells), 
acoustic or electric shock and damage to apparatus or 
equipment. These effects may be very serious and the 
development of generally satirfactory methods for their 
prevention is one of the outstanding problems confront¬ 
ing the engineers of the two industries. The work 
which has been done to date on this question has been 
called forth by the occurrence of more or less critical 
situations where relief by some means finally became a 
necessity to the telephone company. The measures 
which have been considered have ranged from removal 
of one circuit or the other to the use of resistance or 
reactance in the connections from power transformer 
neutrals to ground, and to the use of drainage on the 
telephone circuits. Good results have been secured 
in several cases where resistances in neutral ground 
connections have been installed. This was made 
practicable by the development of sensitive relays, 
arranged to operate on comparatively small residual 
(or ground) currents. However, there are situations 
in which the use of impedance in the neutral, no matter 
how large, cannot by itself afford a complete remedy, 
These are cases in which, even though the power neutral 
were isolated, the exposure is of such length and close¬ 
ness that the voltages which would be induced elec¬ 
trically between the telephone wires and ground, when a 
fault occurs on the power system, are themselves suffi¬ 
ciently high, and the corresponding charges sufficiently 
great, to cause interference. An exposure of this 
character is most troublesome and any one who has had 
experience in attempting to deal with such a case would 
probably agree that all reasonable alternatives should 
be exhausted before such a condition is (treated. 

The use of drainage on commercial telephone circuits 
for the relief of.high-voltage induction, while not im¬ 
possible, involves complications of operation and main¬ 
tenance so great as to make it impracticable in the 
majority of cases. Drainage of the ordinary balanced 
ret^dation coil t 3 ^e cannot be used on any type of 
circuit employing d. c. signaling, and this excludes it at 
once from a large part of the class of circuits with which 
this paper is primarily concerned. Conditions under 
which drainage is feasible are most likely to be met on 
relatively short circuits where the induction is electric 
in character. This last condition means that few drain¬ 
age coils, perhaps only one per, circuit, would be 
required. WTiere the induction is ma^etic and the 
induced voltages are not relatively small, difficulties are 
encountered- in making drainage effective without 
causing excessive transmission loss or interference with 
signaling. The possibilities of drainage on telephone 
circuits as. a measure for the reduction of interference 
are being considered in detail by the Joint Development 
and Research Committee.* 

An apparatus for application in the telephone plant 
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known as the “acoustic shock reducer” is under develop¬ 
ment and is now being tried out in a few places. It is 
designed to reduce the intensity of acoustic shocks and 
is thus purely a specific remedy, without bearing on the 
several other kinds, of important low-frequency inter¬ 
ference. The trial installations now under study have 
been made at operators’ switchboard positions. These 
devices must be regarded as expedients serving to 
alleviate, though not to eliminate, one of the most 
troublesome types of interference. • 

The provision of adequate separation between the 
power and telephone circuits, is, of course, the most 
effective remedy where it is feasible. Where the situa¬ 
tion involves local service connections, separation is 
often not an available remedy, and there are other 
situations involving toll lines and power circuits where, 
owing to the nature of the terrain, separation of lin^ is, 
practically speaking, out of the question. These situa¬ 
tions often present problems of very great difficulty. 

Noise Induction. With the great variety of relation¬ 
ships, normal and accidental, which can exist between 
power distribution and telephone circuits, instances 
where noise interference occurs in the telephone circuits 
range from the heavy, low-toned rumble, caused by 
temporary contact of a 110-volt house service on a cable 
suspension strand, to the steady, high-pitched, single¬ 
frequency note sometimes found with apparently little 
exposure, coming from a grounded-neutral generator. 
It is not practicable to discuss here many very inter- 
esi:ing but unusual cases. The great bulk, however, 
are found to be traceable to residual currents, and, in 
less degree, to residual voltages, in the power system. 
Induction from balanced voltages and currents is of 
importance, as a rule, only in exposures long enough to 
make practicable the use of transpositions as a means of 
r6li6f« 

It is well known that induction from residuals is 
much greater in proportion to the magnitudes of the 
inducing currents and voltages than that from balanced 
components. Some discussion of their origin and pos¬ 
sible means of control is therefore given. 

For convenience and dearness, and without intent 
to suggest a definition for more permanent use, the tmn 
“residual” is used in this paper to refer to voltages or 
currents that are residual with respect to all the metallic 
conductors properly belonging to the distribution cir¬ 
cuit. In the case of a particular line, for instance, 
this includes the phase-wires and any associated neutral 
wire carried on the same poles. With cables, the sheath 
is induded. It should not be overlooked, however, 
that voltages and currents in the circuit having the 
neutral as one side and the line wires as the other, 
are a distinct class, just as residual voltages and cur¬ 
rents are distinct from those belonging to the line 
conductors only, and are likely to be characterized by 
large induction coeffidents. 

The situations of chief importance, in which residual 
currents and voltages exist in distribution cireuits,^are: 


1. Along single-phase branches from polyphase 
circuits, 

2. Where there are multiple grounds on neutral 
wires, 

3. Where triple harmonics are introduced by 
grounding the .neutrals of generators or transformer 
banks in three-phase circuits, 

4. Where admittances to ground of the phase-wires 
are unequal. 

To illusteate, consider Fig. 3, which shows a single¬ 
phase branch on a three-phase, four-wire circuit. This 
single-phase circuit is, of course, entirely unbalanced 
from a voltage standpoint. That is, the star voltage of 
supply is also very closely the residual voltage. If all 
three phases were present, there would be no such in¬ 
trinsic residual voltage, but with only two phase-wires 
the effect is the same as with one. Not only at the 
higher voltages, such as 11,000 or 13,000, but also 
at the usual voltages of primary distribution, this 
residual voltage may give rise to serious noise in directly 
exposed open-wire telephone circuits. 



Pia. 3 —Single-Phase Bbanoh op Three-Phase • Circuit 

The amount of residual current in the case of Fig. 
3, with neutral wire grounded at both ends, depends on 
the division of the load-current between the neutral 
wire and the earth, which is, of course, governed by 
their respective impedances. With the neutral 
grounded at only one point there is no residual current 
(neglecting capacitance to ground of the phase-wire). 
Were the neutral wire absent, the current would be 
entirely residual. 

With all three phases present, the residual load- 
current will be reduced by balancing of the load among 
the phases, but with multiple grounds, there often 
remains ample residual load-current to cause inter¬ 
ference. With only two phases present, ^ually loaded, 
the effect is the same as with one. It is a well estab¬ 
lished principle that the ground should not be used as a 
load-current path. 

The arrangement illustrated in Fig. 3, with all phases 
present or with some of them lacking, may also give 
rise to triple harmonic residuals (item 3 above). The 
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presence of a single neutral ground causes the appear¬ 
ance of triple-harmonic residual voltages and charging 
currents. With one or more additional grounds, these 
r^dual currents are often much greater. 

In some cases the system may be nominally grounded 
at only a single point, the additional grounds appearing 
more or less incidentally, as when the neutral wire is 
carried along as the sheath of a cable in sections where 
the circuit goes into undergroimd or submarine cable. 
In other cases the system is designed to have multiple 
neutral grounds. An example is the three-phase, 
four-wire system in which a single wire serves as both 
the primary and secondary neutrals. This arrangement 
introduces a large number of grounds on the primary 
neutral because of the grounding at customer’s premises 
or on the secondary side of transformers. It is the 
most difficult to deal with of all polyphase distribution 
systems employing a neutral wire. OVong to the im¬ 
practicability of establishing and maintaining balance 
of loads, this arrangement results in residual load-cur¬ 
rent even when all phases axe present in an exposure. 

\ Exposure _ / 

_ Cable _ ^ 

C ^ n ° Open Wire | 



Fig. 4—Equivalent Ciecuit to show Possibilities of 
Resonance of Tkiple-Haemonic Residuals in Three-Phase, 
Grounded-Neutral Generator and line 

The distinctive difficulty is due to the residual current 
which as a rule contains both triple and non-triple 
harmonics. 

Another type of situation involving triple-harmonic 
residuals which has recently appeared in several places, 
involves circuits at higher voltages. In these eases the 
power system is usually partly in cable and partly in 
open wire, with the generator connected directly or 
through auto-transformers to the cable plant. The 
generator neutrals and also those of the auto-trans¬ 
formers, where used, are directly grounded. In several 
particularly interesting cases, it appeared that a con¬ 
dition of resonance, or of an approach to resonance, 
existed at one of the frequencies of the triple-harmonic 
series between the direct capacitance to grbtmd of the 
underground-cable system and the inductance of the 
generators or generators and transformers. The inter¬ 
ference was not due to parallels, with the underground 
cables,- but in these instances appeared in circuits 
exposed to open-wire power circuits connected directly 
to the cables. The situation is sketched diagrammat- 
ically in Fig. 4 which shows the^equivalent single-phase 


circuit of the three -phases in parallel with "ground- 
return.” It is to be observed that, with appreciable 
direct capacitance to ground beyond the exposure, the 
induction may be due to currents as well as voltages. 
Tests have indicated, in some of the cases which have 
been studied, that both types of induction were of 
importance. 

A remarkable feature about one of these “resonance” 
cases was that the wave form of the generator voltage 
was unusually pure. Analyses of the generator voltage 
showed only a vety small percentage of the particular 
harmonic (in this case the ninth) which was prominent 
in the noise in the telephone circuits—so prominent 
at one time that other frequencies could not be noticed 
on direct listening. The condition in which this har-^ 
monic was so strongly the dominating frequency in 
the noise passed with certain changes in the power sys¬ 
tem, although this frequency still continued as a promi¬ 
nent feature. 

In another case, in which the evidence of resonance 
was less striking, the fift^th harmonic was the domi¬ 
nant frequency in the noise, although the ninth and some 
of the upper triples were also present. The third har¬ 
monic was the strongest triple in the neutral current of 
the generator, accoimting, in fact, for nearly all of the 
r. m. s. neutral current. The fifteenth harmonic was 
well noarked in the line to neutral voltage of the ma¬ 
chine. The telephone interference factor® of the neutral 
current wave was about 2000, in contrast with values 
of the order of 50 commonly found for load voltages and 
currents. 

Another particularly interesting example, in which 
the power-dreuit voltage was 18,000, involved an aerial 
power cable connecting at both ends to open wire and a 
telephone subscribers’ cable, also aerial and at highway 
separation. The power cable went underground at one 
end of the exposure and tests showed that the inter¬ 
ference, which was of severe character, was due to resid¬ 
ual charging current, principally of the ninth harmonic 
frequency, which returned to the source of supply by 
way of the earth rather than along the sheath of the 
cable. This condition was due to the lack of an effective 
ground for the cable sheath between the exposure and 
the supply station. The case is of especial interest as 
illustrating the fact that shidding, even by metallic 
sheaths around both systenos of conductors, may, in 
some cases, be quite ineffective, and also because it 
brings out the difficulties which may arise when dealing 
with induction from residual currents. 

These cases and others resembling them have led to 
the application of various means of suppressing or 
reducing the' magnitudes of the triple-harmonic resid¬ 
uals. A familiar and generally effective scheme is the 
pro'vdsion of a grounding b'ank of transformers with a 
low-impedance delta and preferably the removal.of 
the ground connection from the machine or trans¬ 
formers giving rise to the residuals. For effective 
results, such a bank should be designed for relativdy 
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low magnetic flux density. Other methods which have 
been found effective involve the introduction of im¬ 
pedance in the connection from neutral to ground. 
This impedance may consist of a tuned circuit®, where 
only a single harmonic is important, or it may consist 
of a simple reactor. In either cjise, its magnitude may 
be made .small at the fundamental frequency. The 
Petensen reactor or earth-coil, in considerable use in 
Europe, is an elfective appliance for the reduction of 
triple-harmonic residuals.’® 

When a circuit is designed to be isolated entirely from 
ground, residuals arise in it only through differences of 
admiltance of the phases to ground, A common 


example is a single-phase tap on a three-phase line. 
The tap has residual voltage approximately equal to the 
star voltage to ground. In addition, it causes residual 
voltage on the main line. An isolating transformer to 
separate the branch from the main line prevents both 
effects. Serious induction has been experienced where 
tree grounds, defective insulation, etc., cause partial 
phase grounds. One ground, and sometimes more, may 
persist for long periods without affecting the power- 
circuit operation, meantime causing noise. Even high- 
frequency carrier current systems may be greatly af¬ 
fected by such intermittent ground connections. 

Two-phase systems have characteristics in general 


TABLE I 

OOMPAUIStlN <11.' OKHTAIN PHIMAUY DISTRTBUTiON SYSTEMS PROM STANDPOINT OP INDOOTIVE COORDINATION* 


.H.v.sU.ni I Resldimlst 
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similar to the single- and three-phase systems just 
desci'ibed. The two-phase, foiir-wire system with no 
connection between the phases or to ground amounts, 
in effect, to two independent single-phase systems. 
The problem of inductive coordination is thus reduced 
to the consideration of the effects of a single-phase 
circuit having no intrinsic residuals other than those 
due to line unbalances to ground which, for the voltages 
and lengths of circuit in common use, are negligible, 
providing, of course, that the line is maintained free of 
leaks to ground. This system is the simplest of all 
polyphase distribution systems to deal with, from the 
standpoint of inductive coordination. 

. The two-phase, three-wire system isolated from 
grovmd has no intrinsic residuals other than those due to 
line unbalances or to the omission of a'conductor. 
The residual voltage, with one phase-wire lacking, is 
approximately 0.75 E {E being the voltage to neutral) 
while with the neutral lacking, it is 0.47 E. In at least 
one instance where a circuit, partly four-wire and partly 
three-wire, was operated as two-phase, three-wire by 
paralleling two wires in the four-wire portion, large 
admittance unbalance and induction resulted. 

I The two-phase, five-wire system, (really a four- 
phase s^metrical systmn), is similar to the three- 
phase, fom’-wire arrangement except that triple harmon¬ 
ics cannot appear as residuals, which is, of course, an 
advantage. If, however, even harmonics are present, 
the fourth and its integral multiples may appear as 
residuals, while the second and its odd integral multiples 
may appear in the metallic circuit, each side of which 
consists of two phase-wires in parallel. This system, 
with multiple neutral grounds, has essentially the same 
possibilities as the three-phase, four-wire system as 
regards residual currents due to load unbalances. The 
omission of two phase-wires of opposite phases causes no 
residuals. The omission of one or three produces a 
residual voltage equal to the star voltage. 

To summarize this comparison of the various t 3 q)es of 
distribution circuit. Table I has been prepared to show 
the residuals encountered in thirteen different cases and 
the corresponding problem of coordination. Balanced 
currents and voltages are not included, as their tr^t- 
ment is much the same for the severalsystemsdescribed. 
The restive desirability of the several arrangements 
from the standpoint of power-system operation ex¬ 
clusively is not taken into account, and it is realized 
that the .prefm’ences indicated are doubtless not the 
same as would be arrived at by consideration from that 
point of view. 

Although the paper is concerned primarily with a 
consideration of different kinds of power-disfribution 
systems in an attempt to develop their characteristics 
which, react on telephone circuits, (a point ^of view in 
keeping with a generaldiscusaonof power distribution, 
of which this paper forms a part), a brief statement 
relating the properties of the telephone plant to the 
problem may be helpful. This subject is being studied 


in detail by the Joint Subcommittee on Development 
and Research, previously mentioned. 

The benefits and limitations of metallic cable sheaths 
for reducing the susceptiveness of telephone circuits 
have already been discussed. In cables, both local and 
toll, direct induction in the metallic circuit is negli¬ 
gible; noise appears in the metallic circuit as the result 
of the action, upon unbalances in lines or equipment," 
of induction in “ground-circuits” (i. e., circuits having 
the metallic circuit conductors as one side and ground as 
the other). These are self-unbalances to ground of the 
particular circuit under consideration, or unbalances 
between it and the other ground-circuits. 

Telephone-line conductors, whether in cable or open 
wire, are designed to have the two sides of the circuit 
closely alike, so that the accidental unbalances inherent 
imder actual construction and maintenance conditions 
are the only ones requiring consideration. Intricate 
transposition systems for open wire,® and elaborate 
arrangements for twisting cable pairs and splicing cable 
sections together, are examples of this design. Com¬ 
plete elinaination of these accidental unbalances is, of 
course, impracticable. 

In the cord circuits used in connecting subscribers 
together, there are small self-unbalanees at the central 
office, but these are not sufficient to be a factor in the 
production of noise except in unusual cases of severe 
exposure. The necessity of guarding against noise and 
crosstalk from sources within the telephone plant 
involves many of the same considerations that are 
pertinent to this problem and has led to the limitation 
of these unbalances. 

At subscribers’ stations, there are unbalances due to • 
grounded ringers on some types of party-line circuits and 
to coin-collect relays in some classes of service. Un¬ 
balances, due to ringers, may be reduced by the use of 
ringers of higher impedance than the standard, de¬ 
veloped for this purpose, and some application of 
these higher impedance ringers has been made in 
working out specific cases of interference. Other 
possibilities for party-line stations exist, involving 
additional relays or other apparatus at the subscribers' 
stations. 

Conclusion 

1. The relationships of power distribution and 
telephone circuits are extremely intricate and varied, 
involving many considerations of the details of design 
of both systems. Both systems are expanding rapidly, 
having a common goal of universal nation-wide electric 
service. 

2. The location, design, construction, operation, and 
maintenance of both systems require careful considera¬ 
tion from the standpoint of safeguarding properly the 
public, the employees, and the physical plant as well as 
suitable provisions for meeting pre^nt and future 
requirements for both services in an adequate and 
convenient manner. 

8. Residual currents in power-distiibution systems 
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are an outstanding source of inductive influence both 
at voice frequencies, and, under transient conditions, 
at the fundamental frequency. Under normal operating 
conditions, the limitation of residual currents appears 
to be largely a matter of the type of distribution system 
used. Under abnormal conditions, their limitation is a 
more difficult problem but still very much dependent 
on the tjrpe of distribution system. 

4. With telephone toll-circuits, avoidance of severe 
exposure by choice of locations for both classes of lines 
is usually possible and the most satisfactory measure of 
prevention or mitigation. 

5. The use of telephone cables with continuous 
metallic sheaths, grounded continuously or at terminals, 
is a very helpful measure. 

6. Experience indicates that interference is not 
produced by exposures to power circuits in under¬ 
ground cable. The combination of undergroimd cable 
in grounded-neutral systems with an open-wire power 
circuit in exposures has produced severe interference 
conditions in a number of cases. Aerial power cable 
with sheath adequately groimded is similar to under¬ 
ground cable from the standpoint of inductive effects 
but may give rise to interference if the sheath is not 
grounded in the proper manner. 

7. A well-organized scheme of joint study and re¬ 
search covering the numerous engineering problems 
of coordination is in progress. While this study should 
result in the development of technical information of 
general applicability, the solution of existing inter¬ 
ference problems is not attainable by any simple general 
rule, but only after careful analysis of the respective 
plants as actually constituted, to find the most practi¬ 
cable measures for relief applying to the specific case. 
Such solutions must be adequate to provide reasonable 
margins of flexibility in operation. 

8. The design and construction of new plants for 
both classes of service, and the choice of measures of 
relief in existing cases, should be guided by a sense of 
common responsibility to insure successful coordination 
in the period of great growth that is anticipated. To 
this end, the exchange of information and joint plan¬ 
ning by power and telephone engineers, in advance of 
the crystallization of designs, is obviously the only 
practicable method of handling the problem. 
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Discussion 

H. S. Phelpsi Messrs. Trueblood and Cone have very ablj" 
and clearly pointed out the importance of the type of power- 
distribution system in the matter of inductive coordination. 
This importance is recognized, and as the problem is better 
understood, more and more attention is being gi^'^en it. It seems 
to me, however, that they have not placed sufficient stress upon 
another equally important feature—namely, the characteristics 
of the telephone system. 

The ideal arrangement, of course, would be, first, a power 
system without residual currents or voltages, with the conductors 
very close together; such a system would be closely approached 
by using multi-conductor cable, where all the current was forced 
to return in the conductors; second, a telephone system without 
any impedance unbalance in the metallic circuit or admittance 
unbalance between the two sides of the circuit to ground. In 
this desirable telephone system the subscriber’s set should not 
require utilization of an unbalanced ground connection for 
ringing. Connecting such an instrument to the system by 
means of a well designed and carefully installed cable circuit 
to a well balanced central-office cord circuit would likewise 
materially improve the situation. 

An ideal power system would not produce longitudinal voltage 
in neighboring telephone circuits, and therefore, could not cause 
noise in the telephone system, regardless of telephone circuit 
unbalances. On the other hand, an ideal telephone plant would 
not be susceptible to induced longitudinal voltages, and therefore 
could not be affected by any distribution system during normal 
or abnormal conditions, unless the induced voltages were of a 
magnitude to constitute danger to life or property. 

, Since neither ideal system is necessary or practical, it remains 
to determine how far either system may depart from the ideal 
without placing serious limitations and burden on^the other. 
In order to ascertain the technical facts underlying this problem, 
the joint Development and Research Committee of the National 
Electric Light Association and American Telephone and Tele¬ 
graph Company has been carrying on work under one of its 
projects at Minneapolis for over a year. 

Although many interesting and useful results have been ob¬ 
tained, it would be premature to attempt outlining any of 
these at this time. However, it is expected that an interim 
report will be issued in the early spring covering the major 
findings of this work. 

. The considerations outlined for coordination of the telephone 
circuits with a distribution system apply in the same manner to 
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the problem of induction from a lighting system discussed in the 
paper by R. G. McCurdy.* 

P. D- Jenninis: I gather from reading this paper and from 
ah informal talk with Mr. Cone that the residual higher har¬ 
monic currents are the ones that give the most trouble. I 
should like to ask why resonance shielding on substation ground 
circuits might not take care of most of this trouble. As an 
example, suppose in a particular substation, our oscillograph 
records show that the ninth and fifteenth harmonics are pre¬ 
dominant. It occurred to me that a resonant shield might be 
used to resonate out the ninth and the fifteenth harmonics on the 
substation ground and in that way eliminate most of the trouble. 

A. A. Williamson: Mr. Cone referred to the relatively 
greater freedom from inductive interference that is usually 
experienced when both the power and the telephone circuits are 
in cable. Cases sometimes arise, however, where interference is 
experienced between the two classes of circuits when they are 
both in cable, and such oases are usually of somewhat more than 
ordinary interest. A very brief reference is made to such a case 
in the paper and it seems to me that a few words of additional 
description of the conditions in that case would be interesting. 

In this instance, ijower at 13,000 volts was supplied directly 
by a three-phase genWator, connected in Y and witii the neutral 
grounded, to two open-wire circuits, branching and each supply¬ 
ing 13,000-volt power to a substation. The power company 
decided to provide a tie between the two substations and con¬ 
cluded that in this case the tie should be of cable. The tie when 
installed was approximately 1.65 mi. in aerial cable, and about 
0.7 mi. in underground cable. The sheath of the underground 
cable was, of course, well grounded, but was not connected in 
any way to the neutral of the generators. This cable tie 
paralleled in its aerial portion an aerial telephone cable. 

As soon as the tie was energized, interference was noted in the 
telephone circuits. An investigation showed that the sheath 
of the aerial power cable was also grounded at intervals with 
driven grounds but that these grounds were of rather high 
resistance so that the residual charging current flowing into the 
cable sought ground and returned to the generating station 
through the low-resistance ground afforded by the sheath of the 
underground portion of the cable. Thus the charging current 
flowed through the parallel as residual current and produced 
interference. By installing a low-resistance ground on the 
sheath of the aerial portion of the power cable,* at the end more 
remote from the underground portion, the induction was very 
greatly reduced. The reason for this was that with the additional. 
ground in place, the charging current flowed through the capacity 
of the wires to the sheath and back over the sheath. Thus, 
in each part of the parallel, there was a return path for the 
charging current flowing out over the three-phase wires and in¬ 
stead of acting as a residual current, it became a balanced 
component. This case illustrates the effect of residual current 
in causing induction sometimes of serious magnitude even 
when both classes of circuit are in cable. 

I should like also to cite very briefly a case *with which I 
happen to have had intimate contact on the Atlantic Seaboard. 
This case illustrates the importance on the induction problem 
of unbalanced load current flowing in the ground. In this 
instance, a 4000-volt, three-phase, four-wire distribution system 
with the neutral grounded at the point of supply paralleled in 
open-wire construction an aerial telephone cable. The parallel 
was about 8000 ft. in length; it was joint construction and at 
the end of the parallel more remote from the point of supply to 
the power system, the three-phase, four-wire circuit entered 
underground power cable. At that point, the neutral wire of the 
three-phase, four-wire system was connected to the underground 
cable sheath. As the sheath of the underground cable was well 
grounded, it could be seen that any current in the neutral due to 

1. Induction from Street-Lighting Circuits, by R. G. McCurdy, A.X.E.B. 
Journal, "VoL XLIV, October, 1926, p. 1088. 


unbalance of load between the three phases would return to the 
power station both by way of the neutral and by way of the 
ground, the division of current in the two paths being in ap¬ 
proximately inverse proportion to the impedance of these two 
paths. 

In this case, measurements were made of the interference on 
party line subscribers’ circuits in the telephone cable, and ap¬ 
proximately 900 standard noise units were found at the sub¬ 
scribers’ receivers. Owing to the excellent cooperation of the 
power company in this case, it was possible during the investiga¬ 
tion to disconnect temporarily the power cable from the aerial 
portion. When this was done, the path for the unbalanced load 
current to return through the ground no longer existed. Under 
this condition the induction was reduced to about one-third of its 
former value. 

This case seems to illustrate very well the effect of unbalanced 
load current when it can return through the ground. The use of 
power cable with the sheath connected to the neutral wire is only 
one of the ways in which a path may be provided for unbalanced 
load current to return through the ground. Whenever the neutral 
wire of a three-phase, four-wire system is grounded at several 
points, this same opportunity exists and experience has indicated 
that it is usually one of the most important features from an 
induction standpoint. 

K. L. Wilkinson: In practically all cases telephone sub¬ 
scribers are users of electric light and power service. Therefore, 
the companies, in order to serve these customers in distribution 
areas, must of necessity have their overhead lines in close 
proximity to each other. The problems arising therefrom are 
mutual ones since they involve the rendering of both services to 
these common customers in a safe, adequate, and economical 
manner. It seems to be now generally appreciated that these 
problems require cooperative consideration by the two utilities 
in order to be successfully solved. The advantages of this co¬ 
operative treatment have generally been recognized throughout 
the country, and the splendid coopei’ation between the operating 
utilities in the field is producing most satisfactory results. 

Now, in order that these individual efforts in the field may be 
most successful, it is desirable that ajh parts of the country know 
what is going on in all other parts of the country and be in a posi¬ 
tion to have made available to them all of the data and informa¬ 
tion which would shed any useful light on the problem. To this 
end, some four years ago there was organized the Joint General 
Committee of the National Electric Light Association and the 
Bell Telephone System. This Committee was to investigate the 
physical relations between electric supply lines and communica¬ 
tion lines, and to develop principles and practises for the guidance 
of the operating companies in solving their day-by-day problems. 

The Joint General Committee has at its disposal all the operat¬ 
ing experience of the country and has, as you know, published 
Principles and Practises for Inductive Coordination of Supply and 
Communication Systems. 

The principles which have been developed are nothing new; 
they are based on the operating experience in their day-by-day 
work in coordination of the two systems. 

One of the most important, I think, is the principle of coopera¬ 
tion and the advance notice. I thought of that particularly 
when Mr. Heinze mentioned the growth and development of the 
power systems in the distribution areas, the increasing load 
density and the fact that nearly everybody now has a tele¬ 
phone and every telephone must be a part of a system that 
operates throughout the United States, so that any one telephone 
in any one part of the country can be connected with any other 
telephone in the system. 

If we are going to have the best and most economical power 
system to supply the people with electric light and power, 
and if we are to achieve the ideal of universal , communication 
throughout the country, it is absolutely essential that locally 
and nationally we establish and maintain the closest contact 
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between the two utilities in order that the public may obtain 
the fullest benefits of all of our engineering knowledge and 
experience. 

The Joint General Committee, in approaching the problem, 
established one thing clearly and that was that each party should 
be the judge of his own service requirements and what was nec¬ 
essary to serve his customers. Next to that was the duty of co¬ 
ordination; t.liat is, each pm*ty should so conduct his business 
as to be lc»ss productive of adverse influence on the other system; 
and, rJie system should bo as free as practicable from things 
which would make it capable of being adversely affected. 

I think that if we bear those major thoughts in mind,—first, 
that each is the judge of his own service requirements, and sec¬ 
ond, that wo have a mutual duty toward the public to see that 
they got safe, adequate, and economical service,—then the neces¬ 
sity of planning well in advance so that the situation does not get 
out of hand Avill bo fully appreciated and we shall be promoting 
the best intorosts of the public in getting these two necessary 
services. 

F, O- McMillan: Would it not be advisable to include in 
this paper under the tliroo-phaso transformer connections, some 
reforonce to l)oth the primary and secondary winding connections, 
because of the fact that the third-harmonic magnetizing current 
and all multiple's of the third harmonic in Y-delta-connected 
transforanors are very nicely cared for when the delta connection 
is used on either side of tho transformer? 

S. B. Hood: In tho paper I note, in the tabulation of the 
relative ease of coordination of the different systems, that almost 
without exception, the power system which is easiest to coordi¬ 
nate is the very system which the power man does not want to use. 

Now that means that we must have a cooperative spirit of give 
and take. At soine place in the list is tho system which is just as 
good for tho telephone man as for the power man. Just where it 
is, I don’t know. [ don’t think it has ever been discovered, but 
we certainly liave to work in a true cooperative spirit toward that 
end, 

M. T. Crawford: Mr. Cone refers to the possibility of a 
slight ground which persists for some length of time as being a 
very serious source of interference when it occurs on the i)rimary 
system. 

I believe that practical experience will bear me out. that on a 
grounded-neutral primary system it is almost impossible for a 
slight ground to persist for any great length of time. The 
ground on the grounded-neutral system is a short circuit and very 
soon deA'clops into something that will trip the switch out. Thaf 
would be an argument in favor of the grounded-neutral system as 
being superior from the point of telephone interference. 

I should like to ask Mr. Cone what he considers the principal 
objection to raising somewhat the 6000-volt limitation which is at 
present observed in connection with joint-pole construction of 
light-and-power and communication circuits. This, of course, 
is an old question, but it seems today to assume a new aspect 
inasmuch as tliere is here evident such a willingness to cooperate. 
Perhaps the difficulties of joint-pole construction on voltages 
over 5000 have boon where the distribution work of the light and 
power companies was not planned far enough in advance to take 
into account the telephone company problem. 

The Puget Sound Power and Light Company now operates on 
a part of its system a commercial telephone system which was 
taken over in connection with the purchase of a smaller com¬ 
pany, On this system we have 6600-volt primary distribution 
on our own poles in combination with our own telephone service 
lines. We have been able to live very well with ourselves under 
such conditions. 

L. J. Corbett: I wish to second Mr. Hood’s remarks in 
regard to cooperation in spite of the suggestion which has been 
made that a wave of propaganda is upon us. 


I have observed that the telephone men have studied the 
theoretical part of power transmission and d-itri'oution rather 
thoroughly. But very few power men study the telephone 
problems thoroughly. If we did and suggested to the telephone 
companies how to operate their systems, it might be taken in the 
same spirit as that in which the power men receive suggestions 
from the telephone men as to how they might operate their 
systems. 

The ideal manner of handling the inductive-coordination 
problem would be realized if the same interests owned both the 
communication system and the power system. If this were true 
they would be compelled to get together and determine the 
accurate economic solution in each case. 

In California we act under the California Railroad Commission. 
The order of the commission is a state law, and under that law 
we are “required to cooperate.” We find that this cooperation 
really works both ways. It is not always merely doing that which 
is requested by the telephone company; we do a little telephone 
engineering ourselves, although not in a very aggressive way. 
When the telephone company suggests coordinating measures, 
as a rule we put them in when it is possible without unreasonable 
expense. 

If, from our standpoint, they do not appear reasonable, or if 
some construction or operating difficulty is involved, or a higher 
unjustifiable expense is indicated, we raise the question as to 
whether or not the benefits to be gained by these measures are 
worth the expense and trouble involved. When such communi¬ 
cations reach telephone company officials, the requests are usu¬ 
ally modified or dropped. 

The beauty of the California law is that public interest comes 
first, and the cost of any of these coordinating measures is 
reflected in the rate. In this manner the public is the final 
unifying agent or manager and the holder of the purse-strings. 

F, H, Mayer: Mr. Cone raised some objection to the ground¬ 
ing of the neutral return on 4-kv. distribution systems. It is the 
practise of the Southern California Edison Company to ground 
the neutral at numerous points throughout the distribution 
system to enable the secondary voltage to remain somewhere 
near a safe value should the return cable become broken. The 
driven pipes will tend to span the gap and thus prevent the Y 
connection from straightening out to a straight delta connection. 
If the loads on the different phases are carefully balanced there 
ought not be any communication disturbances. 

H. M. Trueblood: I am sure we can all endorse the attitude. 
expressed in Mr. Phelps’ discussion, namely, that the solution of 
the problem consists essentially in finding the degree to which 
ideal systems must be approximated. 

Mr. Phelps’ reference to the joint investigation at Minneapolis 
should, I feel, include mention of the Northern States Power 
Company and the Northwestern Bell Telephone Company as 
participants. The progress which has been made in that work 
is due in no small degree to the effective cooperation and assist¬ 
ance of these two companies. 

As regards the suggestion that the paper does not lay sufficient 
stress on the characteristics of the telephone system, 1 wish to 
say that there is no desire to ignore this phase of the problem. 
The paper has been presented as one of a group dealing with 
various aspects of power distribution and, as such, it does not 
purport to discuss telephone-system characteristics except 
incidentally. 

With reference to Mr. Jennings’ inquiry, I know of at least one 
case in which the measure which I believe he has in mind was 
applied successfully. In this instance, there were two harmonics 
to be taken care of, the 15th and the 33rd, and two antiresonant 
elements, each consisting of a condenser and an inductance in 
parallel, tuned respectively to the frequencies of these two 
harmonics. They were connected in series between the neutral 
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of a 13,000-volt generator and a grid resistance of low value, 
the other terminal of which was grounded. The exposure 
involved was about 3 mi. long at a separation of some 30 ft. I 
have been informed that effective reductions were obtained in 
the noise, previously quite severe, and that the arrangement has 
proved satisfactory from a power-operating standpoint. 

Mr. McMillan refers to the omission of reference to the effects 
of delta windings. Because of the rather extensive ground 
covered in Table I, it was necessary to simplify the table and to 
make some selection among the different features that might be 
included. Of course, delta windings on transformers do affect 
the magnitudes of the triple-harmonic voltages and currents 
that appear on the lines; but this effect may be either to increase 
or to diminish the magnitudes of the line residuals of these fre¬ 
quencies, depending upon the locations of the transformers 
concerned and the conditions of grounding. Of the systems 
summarized in the table, those presenting the greatest difficulties 
in coordination are ones in which the load currents are more 
important than excitation currents, and, of course, the transformer 
connections are immaterial, so far as load currents are concerned. 

Mr. Hood and others have remarked that the distribution 
systems classified in the paper as presenting the greatest facility 
of coordination are not those which a power company would 
ordinarily adopt if nothing more than the distribution of power 
were involved. Without attempting to pass judgment on the 
relative merits of different systems .from the latter standpoint, 
I believe we should not be surprised that a conflict of this char¬ 
acter is found to exist. This is an essential feature of the situ¬ 
ation with which we are confronted at the present time. In 
fact, we have an inductive-coordination problem largely because 
types of systems which are deemed advantageous from one stand¬ 
point may not be so from the other. Mr. Hood's inference from 
' the situation to which he refers is substantially the same as that 
arrived at by Mr. Phelps, and I find no difficulty in concurring 
in it. 

Mr. Hood has referred to the use of multiple grounds on the 
neutral as a stabilization proposition. While stabilization may 
be the principal purpose in using the multiple-grounded neutral, 
it is unfortunately true that this does not prevent the setting up 
of residual load currents. 

In his remarks applying to Mr. McCurdy's paper, as well as to 
that by Mr. Cone and myself, Mr. Heinze refers to the question 
of cooperation between the telephone company and the other 
electric utilities. It is true that most telephone engineers who 
have had to do with the inductive-coordination problem keep 
prominently before them the idea of cooperation. That is 
because it appears to us that no other method of approach can be 
successful. While this is more nearly self-evident now than it 
was some years ago, it is so important that one feels justified in 
laying stress upon the idea. The same thought has been ex¬ 
pressed more than once by power engineers in the discussion of 
these papers. 

Mr. Heinze asks how far the telephone company will go in this 
cooperative endeavor. As to the general spirit and attitude of the 
Bell System, I will merely remind you that for a number of years 
it has gone to considerable trouble and expense to adapt itself to 
circumstances which have arisen because of situations of proxim¬ 
ity between its circuits and power circuits. That this willingness 
to cooperate in the fullest way will be maintained in the future 
seems to be sufficiently evidenced by the adoption of principles 
and practises by the Bell System and the N. E. L. A., under which 
cases are now being handled generally throughout the coimtry, and 
by the undertaking of a joint research investigation to determine 
the fundamental physical and engineering factors which enter into 
the inductive-coordination problem. The work at Minneapolis 
is one project in this general research program, and other projects 
are under way in different parts of the country. As to division 
of cost, it must be recognized that after the correct engineering 


solution of a given case has been found, the question of an 
equitable division of the expenditure necessary to put it into 
effect will arise. This phase of the problem has so many rami¬ 
fications that any attempt to summarize it here might be mis¬ 
leading, and a comprehensive discussion would carry us much 
beyond the field with which the paper is concerned. 

In conclusion, I wish to make it clear that Mr. Cone and 
myself have attempted nothing more than to analyze the prob¬ 
lem in a prehminary way without going into detail, and to bring 
out the technical facts known to us as we see them. Mr. 
McCurdy, I am sure, would agree with this attitude. 

D. I. Gone: Mr. Crawford spoke of the interference that. 
arises from accidental grounding of one phase wire. On a three- 
wire system normally isolated from ground, such conditions may 
persist for days at a time, or longer. This can be prevented by 
suitable maintenance measures. On the other hand with the 
grounded-neutral system the tendency is for such accidental 
contacts to develop into short circuits and to operate tlie circuit 
breakers. Prom the discussion by Messrs. Crawford and Cun¬ 
ningham it is evident that the local conditions immediately 
surrounding an accidental ground contact cause gi-eat variations 
in contact resistance and resulting ground current. 

Mr.* Crawford has raised the question of joint use at higher 
voltages than have been customary in the past. Many of you are 
doubtless aware that the subject of conditions of joint uso is under 
active study by the Joint General Committee of the N. E. L. A. 
and the Bell Telephone System. We do, of course, recognize 
that there are some special cases where joint use of poles at 
higher voltages is the’ best engineering solution to meet the 
conditions of a particular problem and in such cases joint use is 
being approved. 

Mr. Crawford also stated that his company had lately acquired 
a combination power and telephone distribution system with the 
power lines operating at 6600 volts. Our experience has not 
been encouraging as to the conditions of noise and hazard that 
obtain in such circumstances. 

There are, of course, differences of opinion in respect to the 
question of protection from the hazards of power distribution. 
I wish to suggest, first, that higher voltages are ordinarily em¬ 
ployed in distribution for longer distances and larger loads and, 
second, that this inevitably means either extraordinary measures 
to prevent hazard and impainnent of service or else loAvered 
standards. It is our view that advance planning will enable us 
to avoid to a great extent the necessity of joint use at the higher 
voltages. Meanwhile, any specific situation that arises we are 
more than ready to consider. 

Mr: Corbett has described the working out of cooperative 
consideration of specific cases in California. A.s he states, the 
best results are obtained when the reactions of proposed measures 
are thoroughly considered by both parties. Suggestions arising 
from the study of these problems by the power engineers are 
cordially welcomed. I think it fair to say that the working 
together in California is not merely a matter of compliance with 
regulations but a realization that it is the rational way f)r the 
power and communication utilities to solve the.se problems. 
Mr. Mayer's discussion brings out the fact that there are con¬ 
flicts to be adjusted between the requirements of the communica¬ 
tion and power distributions and that the degree of detriment 
from multiple grounding depends upon several factors in the 
layout of the systems. Mr. Mayer's point about the use of 
multiple grounds on the primary neutral for stabilization has 
also been brought out by Mr. Hood. While recognizing that 
accurate balance of loads might prevent detrimental induction 
in communication circuits so long as all phases are 
present, we must not overlook the facts that setting up and 
continuously maintaining such close balance is not a simple 
matter and that exposures often occur where only one- or two- 
phase wires are involved. 
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Synopsis.—This paper discusses series street lighting circuits 
from the point of view of their relations to nearby telephone circuits. 
2'hesc lighting circuits often have a much greater inductive influence 
in proportion to the amount of power transmitted than have most other 
types of power distribution or transmission circuits. This is due to 
the relatively large distortion in wave shape of voltage and current 
on certain types of these lighting circuits^ and to the unbalanced 
voltages to ground which occur with series layouts. Three general 
types of lighting circuits are discussed. These are a-c. arc circuits^ 


d~c. arc circuits supplied by mercury arc rectifiers^ and alternating- 
current incandescent circuits. Of these, the incandescent type of 
circuit, in which the lamps are equipped with individual series 
transformers or auto-transformers, is the most important in this re¬ 
spect. Measures for reducing interference from these circuits are 
discussed. It is hoped that the information given in the paper will 
be useful to power and telephone engineers in their cooperative 
efforts to solve these difficulties. 

* ^ Mt * ♦ 


Introduction 

I NDUCTIVE interference from series street-lighting 
circuits was one of the first interference problems 
which confronted the telephone engineer and arose 
very eai’ly in the development of the power and tele¬ 
phone industries. Then, as now, these lighting circuits 
contributed a much larger amount of interference to 
exposed telephone circuits in proportion to the amount 
of power transmitted than most other types of power 
distribution* or transmission circuits. This is due to 
the relatively large distortion in wave shape of voltage 
and current on certain tsrpes of these lighting circuits, 
and to the unbalanced voltages to ground which occur 
with series layouts. Exposures of telephone circuits to 
this type of power circuit occur more frequently in or 
near towns which are naturally the terminals or re¬ 
peater points of toll telephone circuits, which tends to 
emphasize the importance of this kind of exposure. 
Moreover, these exposures are often irregular, the 
layouts being frequently changed due to adding and 
removing lampa, which makes it difficult, and often 
impracticable, to coordinate transpositions in the 
lighting and telephone circuits, a remedy commonly 
employed in other types of inductive exposure. 

Three types of series-lighting circuit are of interest 
in this problem and are discussed in detail later in the 
paper. These are a-c. arc circuits, d-c. arc circuits 
supplied by mercury arc rectifiers and a-c. incandescent 
circuits. The last type of circuit may also' be divided 
into two classes in one of which the lamp filaments ^e 
metallically in series with the line and the second in 
which they are connected to the secondaries of individ¬ 
ual series transformers or auto-transformers. In the 
straight series circuit the lamps are bridged by film 

1. Department of Development and Research, Am. Tel. & 
Tel. Co., New York, N.Y. 

2 A discussion of the inductive effects of distribution circuits 
generally is given inapaper, “Power Distribution and Telephone 
Circuits—Induction and Physical Relations/* by H. M. 
Tmeblood and D. I. Cone; see page 1052. 

Presented at the Padfic Coast Convention of the A. /. B. E., 
Seattle, Wash., Sept. 1B-t9, 1995. 


cut-outs which break down and close the circuit when 
the lamp fails; in the individual transformer or auto- 
tranrformer type the transformer is usually operated 
with open-circuited secondary in case of lamp failure. 
High-current lamps of the higher candle-power ratings 
are normally used in connection with the individual 
transformer type of circuit. 

The a-c. arc is now practically obsolete and v^ few 
installations remain. In the present state of the art, 
the d-c. arc and the high candle-power incandescent 
circuits with individual transformers are used mainly 
for high-intensity “white-way” lighting in downtown 
districts, where both the supply and telephone circuits 
are in cable. Lighting circuits in the outljdng districts 
of cities wh^e both the lighting and telephone circuits 
are of open-wire construction are more often of the 
straight series incandescent type. This is a fortunate 
circumstance with respect to inductive interference 
which will be apparent from the detailed discussion of 
the characteristics of the various systems. However, 
a serious problem is presented by the number of cases 
which occur where both the lighting and telephone 
circuits are in open-wire and the lighting circuits are 
either of the arc lamp type supplied by mercury arc 
rectifiers, or of the. incandescent-lamp type equipped 
with individual transformers. As the general trend 
of development is toward the use of higher intensities 
and toT/^d the extension of highway lighting, the 
importance of the problem seems to be increasing. 

"While there are a few cases in which these series 
circuits are supplied directly from constat potential 
sources, as a rule a constant-current regulating trans¬ 
former or regulating reactor is used to maintain a 
constant current, the terminal voltage varymg with the 
load. The reactance of this transformer is normally 
large as compared to an ordinary constant potential 
transformer, particularly when the circuit is only 
partly loaded, which is often the case in order to 
provide for flexibility and growth. The reactance of 
this regulating transformer has an important effect on 

the wave shapes in the a-c. circuits. 

In the discussion which follows, the different types 
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of circuit are treated separately. Multiple street- 
lighting systems are not discussed in this paper as it is 
considered that the problems involved are not materi¬ 
ally different from those arising with other multiple 
lighting systems. 

A-C. Arc Circuits 

Distortion of wave-shape in a-c. arc circuits is chiefly 
due to the non-linear characteristics of the arc.* On 
account of the high reactance of the constant-current 
regulator, the current wave is maintained approxi¬ 
mately sinusoidal. Every time the current wave passes 
through zero, it is necessary for the yoltage to build up 
in order to reestablish the arc; the voltage then de¬ 
creases as the current increases to its maximum. The 
voltage again increases .as the current decreases, a 
second maximum of voltage being reached just before 
the current passes through zero. The voltage wave 
thus contains two peaks in each half wave occurring 
immediately before and after the current goes through 
zero. As a result, the voltage wave on the circuit con¬ 
tains a complete series of odd harmonics, the magni¬ 
tudes decrea.sing with inCTeasing order but continuing 
large within the voice-frequency range. 

Each lamp on the circuit contributes to the distortion. 
If the lamps are distributed approximately uniformly 
along the circuit, the harmonic voltages to ground at the 
regulator terminals will be equal and opposite, and the 
voltage to ground at the middle of the circuit will be 
zero. Aside from the length and other physical di¬ 
mensions of the exposure, it is evident that the magni¬ 
tude of the induced effects will depend upon whether or 
not both wires of the lighting circuit are present, the 
total voltage of the circuit, and the location of the 
exposed section with respect to . the terminals of the 
lighting circuit. 

If the exposure involves only one wire of the lighting 
circuit near either of its terminals, the induced effects 
are liable to be severe; if near the middle of the circuit, 
the effects are relatively smaller.. If two sides of the 
circuit are present, the voltages to ground are equal and 
opposite provided an equal length of wire and an equal 
niimber of lamps 'are in each side within the exposed 
section and between the exposed section and the 
constant-current regulator. The magnitude of the 
harmonic voltages between the two wires depends upon 
the number of lamps beyond the exposed section. With 
such symmetrical lamp circuit layouts it is geno^lly 
practicable to reduce the induced disturbances to toler- 
a.ble magnitudes by means of transpositions in both 
lines, provided the separation is not less than the width 
of a highway. Since each lamp contributes to the dis¬ 
turbance, lamps occurring within the exposed section 
mu^ be treated as discontinuities. This maVc co¬ 
ordination difl[icult, particularly if the number of 
telephone circuits is large. Such an arrangement also 

3. Tobey and Walbridge, “Stanley Alternate Are Dynamo,” 
Trans. A. I. E. B., .1890, Vol. VII, p. 367. 


makes for inflexibility in the lighting circuits, as in 
adding or removing lamps the S3mmetrical arrange¬ 
ment must be maintained. 

Another method of coordination which is more satis¬ 
factory when conditions permit its application, is the 
use of a series transformer to isolate the exposed section 
from the remainder of the circuit. The harmonic 
voltages acting on the exposed section will then be only 
those due to the lamps on the secondary of the series 
transformer and disssnnmetry on the primary side will 
not contribute to the induction. The ssnnmetrical 
layout need then be applied only to the secondary side. 
Replacing the arc lamps on the series transformer 
secondary with incandescent lamps without individual 
transformers and equipped with film cutouts, constitutes 
an effective remedy. 

With open-wire lines it is generally difficult, at high¬ 
way separations, to reduce the noise to tolerable magni¬ 
tudes imless the exposures are short. • Under joint use 
conditions it is ordinarily impracticable to reduce the 
noise satisfactorily without replacing all or part of the 
arc lamps. It is fortunate, therefore, that the 
use of the a-c. arc lamp for street lighting is 
rapidly disappearing. 

D-C. Arc Circuits 

Distortion of wave-shape in d-c. arc circuits is 
principally due to the characteristics of the mercury 
arc rectifier.* As there are no reversals of current 
through the arc lamps and the changes in line current 
are comparatively small, changes in the resistance of 
the lamp arcs with change in current have a practically 
negligible effect in causing wave-shape distortion. The 
voltage and current waves set up by the rectifier 
contain a ripple of double the frequency of the a-c. 
supply, with single-phase rectifiers and of six times the 
a-c. supply with three-phase rectifiers. Odd and qven 
harmonic frequencies of this fundamental ripple are also 
present. 

In order to maintain the arc, a sustaining reactance 
is required in the single-phase rectifier. This reactance 
damps out the ripple and its harmonics to a large extent. 
If the lighting circuit contains an appreciable length of 
cable betw^ the rectifier and the open-wire section, 
the harmonics will be still further reduced^ 

Since the harmonic voltages and currents are im¬ 
pressed at the lighting-circuit terminals, if the Imps are 
distributed uniformly around the circuit, the harmonic 
voltages to ground at the circuit terminals will be equal 
and opposite and the voltage to ground will be zero at 
the middle of the circuit. The. voltage distribution is 
thus the same as with the a-c. arc circuit. 

The discussion given above in connection with the 
a-c. arc circuit of symmetrical layouts and two-wire 
circuits within exposures applies also to the d-c. arc 

4. Steinmotz: “Transient Phenomena and Oscillations,” 
pagres 264 and 265. 
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circuit, except that the series transformer cannot be 
used and that symmetry must therefore extend through 
the whole circuit. 

While the wave-shape distortion in these circuits is 
less serious than in a-c. arc circuits, coordination is 
very tlillicult when the exposures are severe, as when 
open-wire lines are joint. 

A-C\ CiRcun’s WITH Straight Series Incandescent 
Lamps 

If it were not for the distortion in lamps and as¬ 
sociated equipment the wave-shape of any series a-c. 
circuit, regulated for constant current, would be better 
than that of the constant potential source from which it 
is supplied. This i.«i due to the reactance of the constant 
current regulator which interposes a high impedance to 
the hannonics in the constant-potential supply. With 
straight series incandescent lamps this condition is 
substantially realized. While the resistance of the 
filaments changes with the temperature and thus with 
the current, the changes within a cycle are very small 
and the nssulting distortion is negligible. A number 
of instances have been noted® where the telephone 
interference factors of the voltage waves of such 
circuits were from one-fourth to one-half the factors of 
the constant-potential supply sources. 

Unle-ss rather severe exposures with single-wire light¬ 
ing circuits are involved or the telephone interference 
factor of the constant-potential supply is very high, 
induction into telephone circuits from circuits of this 
type is small. Where induction does exist it is usually 
practicable, by revisihg the circuit layout as discussed 
in connection with the a-c. arc circuit, to reduce the 
voltage to ground. Obviously the departure from 
symmetry of layout can be much greater for a given 
expo.sure than for either type of arc circuit. 

A-C. Circuits with Incandescent Lamps Individ- 

UAr,LY Equipped with Series Transformers, 
Auto-transformers or Bridged Reactance Coils 

Under normal conditions, with all lamps in service, 
this type of circuit, from the induction standpoint, is 
practically the equivalent of the straight series circuit 
discu&sed above. Harmonic exciting currents required 
for cither theindividual transformers, auto-transformers, 
or bridged reactance coils are largely supplied by the 
local circuits through the lamp filaments. Important 
wave-shape distortion in this type of circuit occurs 
only when the secondary circuit of the individual 
transformer opens due to failure of the lamp filament. 
When the secondary circuit opens, the full line hurrent 
beeome.s exciting current in the primary, greatly over¬ 
exciting the core. Because of the high impedance of the 
series circuit including the reactance of the constant- 
current regulator, the line current remains approxi- 

5. Osborne, •‘Wftve-Bhape Standard,” Tkans. A. I. 1. B., 
Vol. XXXVIII, p. 261,1619. 


mately sinusoidal. Practically the full amount of the 
harmonic voltage generated by the individual trans¬ 
former appears a<U'Oss the terminals of the constant- 
current regulator. 



Pig. 1—CamiENT in Tbansformee Primaet 6.6 Amperes 

Pigs. 1, 2 and 3 show tracings of the voltage and 
cmrent waves of one of these individual auto-trans¬ 
formers. Fig. 1 shows the line current in the primary 



Fig. 2—^Voltage Across Primary with Rated Lamp in 
Secondary 

winding at its normal value of 6.6 amperes, E^g. 2 the 
primary voltage with the secondary closed through its 
normal lamp load, and Fig. 3 the primary voltage with 



Pig. 3—^Voltage Across Primary with Lamp Out 


the secondary open. Following is an approximate 
analysis made by the 36-ordinate method of the voltage 
wave shown in PHg. 3: 


Order of Harmonic 

Frequency 

Cycles per Second 

Volts Effective 

1 

60 

57 

3 

180 

40 

5 

300 

34 

7 

420 

31 

0 

540 

28 

11 

660 

26 

13 

780 

22 

15 

900 

i ■ 19 

17 

1020 

16 

19 

' 1140 

13 

21 

1260 

10 

23 

1380 

8 

25 

1500 

6 

27 

1620 

4 

29 

1740 

3 

31 

1860 

2 

33 

1980 

2 

35 

2100 . 

1 


In the following tabulation is given the analysis of 
the voltage wave at the lighting-circuit terminals and 
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the corresponding telephone interference factors with 
all lamps in semce and with one lamp out: 



Frequency 

1 Volts Effective 

Order of 

Cycles Per 



Harmonic 

Second 

All Lamps In 

One Lamp Out 

1 

60 

1380 

1380 

3 

ISO 

60 

78 

5 

300 

29 

31 

7 

420 

2.3 

36 

9 

540 

0.7 

36 

11 

660 

2.0 

34 

13 

780 

* 

33 

15 

900 


27 

17 

1020 


29 

19 

1140 

♦ 

18 

21 

1260 

* 

20 

23 

1380 


20 

25 

1500 


20 

27 

1620 


18 

29 

1740 

* 

16 

31 

1860 

* 

13 

33 

1980 

* 

13 

35 

2100 

* 

12 

37 

2220 

♦ 

10 

39 

2340 

♦ 

9 

41 

2460 

* 

8 

43 . 

2580 

* 

7 

T. I. F. 


13.6 

447 


^Indicates a value of 0.5 volts or less. 


In this figure, e represents the generator equivalent 
to the individual transformer with open secondary. 
The capacitances Cig. and C 2 , represent the capaci¬ 
tances to ground of the two wires of the circuit between 
this individual transformer and the constant-current 
regulator. It is evident that the relative values of Ci, 
and Cig will vary with the position of the individual 


Pig. 4 

transformer along the circuit, but that the sum of the 
two capacitances (the total capacitance to ground of the 
circuit) will be a constant. Letting Vig indicate the 
voltage to ground of the section of wire having the 
capacitance Ci,, and Vig, the voltage to ground of the 
section having the capacitance Cig, 

T/ _ 

^ ynf I /nr 
^1(7 T* ^'20 



The effect of the one individual transformer, with 
open-circuited secondary, in increasing the harmonic 
voltages and the telephone-intaference factor of the 
voltage wave of the circuit, is evident. The presence 
of other transformers with open secondaries increases 
the harmonic voltages slightly less than in direct 
proportion. That the increase is not linear is im- 
doubtedly due to the effect of the small harmonic charg¬ 
ing currents and to changes in phase of the harmonic 
voltages along the circuit from one individual trans¬ 
former to another. 

In respect to the distribution of the harmonic 
voltages around the circuit, an important distinction is 
to be made between the a-c. circuit with incandescent 
lamps equipped with individual transformers and the 
two ^es of arc circuit discussed above. In the arc 
circuits, the distribution of harmonic voltage -is fixed 
and the voltages to ground on the exposed section re- 
mmn the same as long as the circuit layout is unaltered. 
With this incandescent lamp circuit the harmonic volt¬ 
age to ground depends both upon the number of indi¬ 
vidual transformers having open secondary circuits and 
upon their locations. 

In discussing the effects of “out-lamps” at different 
locations along the circuit, it is convenient to replace 
the transformer by an equivalent generator with termi¬ 
nal voltage, e, of complex wave form and equal to the 
harmonic voltage drop caused in the circuit by the trans¬ 
former with rated line current in the primary and with 
the secondary open. The impedance of the constant- 
current regulator at the harmonic frequencies involved 
is high compared to the impedance of the line and of the 
individual transformers having closed secondary cir- 
cuil^s. Hence, the actudl circuit may be replaced by the 
equivalent circuit shown in Fig. 4. 



Crg 

Cig -f- Cig 


Vlg -Vig=e 


Vlg Vig = e 


Cig — Ctg 
Cig + Cig 


If the construction of the lighting circuit is uniform, 
the capacitances to ground will be .directly proportional 
to, and the voltages to ground inversely proportional to, 
the r^ective lengths of wire on the two sides of the 
individual transformer with open secondary. 

As an example illustrating the effect of the relative 
positions of the constant-current regulator, the indi¬ 
vidual transformer with open-secondary circuit and the 
exposure section, consider the arrangement shown in 



Pig. 5 


Fig. 6. This includes a constant-current transformer 
with double secondary feeding two lighting circuits. 
It is assumed that the circuits are two-wire throughout 
their whole length and that the wire arrangements in 
the two exposed sections are identical. 

If a lamp fails at D or at any point along the circuit 
(No. 2) not involved in the exposure, the harmonic 
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voltages impressed on circuit No. 1 will be relatively 
small due to the high impedance of the constant current 
transformer. The effects in causing noise in either 
exposiffe indicated will be correspondingly small. If a 
lamp fails at A, the wire on one side of the individual 
transformer with open secondary will be a small fraction 
of the total length of the circuit, while the- other wire 
will be nearly equal to the total length. The voltages 
to ground on the wire involved in either exposure and 
the corresponding noise effects will then be relatively 
low, the v^e having the high voltage to ground not 
being within the exposures. 

If a lamp fails at B, one of the wires involved in the 
exposure section E will have a relatively large harmonic 
voltage to ground and the other a relatively low voltage, 
while both wires in section F will have the relatively low 
voltage to ground. Thus, considerable noise may be 
cau^d in telephone circuits involved in the exposed 
section E, but relatively little in section F. 

C indicates a lamp at the middle of the circuit. In 
case of lamp failure at C, equal and opposite harmonic 
voltages to ground will be caused on the two wires. 
The voltages to ground within exposure E will then 'be 
approximately balanced. The voltage between the 
wires will be equal to the full harmonic voltage caused 
by the individual transformer. If the circuits in this 
section are in close proximity, as on a joint line, the 
noise effects are apt to be as severe as when the lamp 
failure occurs at the point marked B, especially if the 
two wires of the lighting circuit are at opposite ends of 
the crossarm. With the lines separated by the width 
of the highway, the noise effects will be much less than 
with an outage at B. 

In exposure section F, when the outage occurs at C, 
the two wires of the lighting circuit will have equal 
voltages to groimd both in magnitude and in phase, 
and each equal to one-half of the toted harmonic voltage 
generated by the individual transformer. Under these 
conditions, the noise effects are apt to be severe whether 
the lighting and telephone circuits are on the same or 
opposite sides of the highway. 

It will be evident from the preceding discussion that 
it is impracticable to obtain adequate relief from induc¬ 
tion merely by symmetrical arrangements of the light¬ 
ing circuits. While such an arrangement might be 
effective for one location of the out-lamp, it might be 
quite ineffective for some other location. More practi¬ 
cable methods involve the use of group series transform¬ 
ers in combination with circuit rearrangements. 

Since the harmonic voltage drop along the lighting 
circuit is small, the harmonic voltage across the ter¬ 
minals of a series transformer supplying a group of 
individual transformers, and the voltage to ground on 
the secondary, are small when lamp failimes occur at 
points other than on the secondary of the series trans¬ 
former. When a failure occurs, opening the secondary 
circuit of one of the individual transformers in the 
group supplied by the series transformer, the harmonic 


voltages to groimd along the secondary circuit of the 
series transformer are distributed as though the series 
transformer were replaced by the constant-current 
regulator. Similarly, the distribution of harmonic 
voltage along the main lighting circuit is as though the 
series transformer were replaced by the individual 
transformer having the open secondary circuit. Thus, 
when a number of groups of individual lamp trans¬ 
formers are supplied by series transformers, lam p 
failures cause an important effect only on the secondary 
of the particular series transformer in which the outage 
occurs and on the main circuit and not on the second¬ 
aries of the other group-series transformers. If the 
telephone exposures involve only the secondary sides 
of the group series transformers, the number of lamps 
which may cause noise due to outage will be much less 
than if all individual transformers were directly in 
series with the main circuit. Thus, a large reduction in 
noise interference due to lamp outage may often be 
obtained by rearr^gement of the lighting circuit so 
that the sections involved in telephone exposures are 
secondary circuits of series transformers supplying a 
limit^ number of individual lamp transformers. 

Failure of a lamp on the particular secondary loop 
involved in the exposure will introduce the harmonic 
voltages on this section of circuit. If the lighting and 
telephone circuits are on joint lines, or if there is but a 
single lighting-circuit wire present at highway or 
closer separations, the noise effects may be very severe 
when a lamp fails on the section involved. With two- 
wire lighting circuits at highway separations having 
a comparatively small number of lamps the noise 
effects due to one lamp being out will usually be much 
less than a similar lamp failure on a circuit having a 
comparatively large number of lamps. This is due 
chiefly to the shorter length of the circuit ha-ving a 
limited number of lamps as compared to one of a large 
number. When a failure occurs on one of these shorter 
circuits at such a point that the voltage to ground on 
one side of the individual transformer with open 
secondary is large, m compared to that on the other, 
the length having the higher voltage will be so short as 
not to constitute a very serious exposure. If the failure 
occurs at a point on the circuit, so that the exposed 
section is between the series transformer supplying the 
circuit and the indi-vidual transformer with open sec¬ 
ondary, the lengths of wire on the two sides of this 
individual transformer will be nearly equal, and there¬ 
fore, nearly equal and opposite voltages to ground will 
be set up on the two wires within the exposed section. 

Similar results may be obtained by the use of RTnall 
pole-type constant-current regulators, controlled by 
time-clocks or by series relays in another lighting 
circuit (the so-called cascade arrangement). As com¬ 
pared to the circuit suppl 3 dng a number of group series 
transformers, distortion of wave-shape on a main 
series circuit is avoided. This facilitates coordination 
in many cases as it is often difficult to avoid exposures 
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with the main series circuit when the group series trans¬ 
formers are employed. Failure of lamps on the indi¬ 
vidual circuits will affect only the wave-shape of the 
circuit upon which they occm*. 

Effects of out lamps on the individual circuits where 
supplied by group series transformers or separate 
regulators may be avoided by replacing the lamps on 
the circuits involved in the exposures with straight 
series lamps without individual transformCTS. 

It is very difficult to. obtain satisfactory conditions 
from the standpoint of induction from this type of 
circuit by lamp maintenance alone. A very high degree 
of maintenance is required, necessitating careful and 
frequent inspections and prompt replacements of the 
failed lamps. On circuits containing 100 lamps each, 
an average outage of only one per cent corresponds to 
one lamp out on each circuit which as already diown 
may cause considerable noise in exposed telephone 
circuits. In some instances, where less careful main¬ 
tenance routines have been followed, an average outage 
of between three and four per cent has been noted, re¬ 
sulting in severe noise conditions in ^osed telephone 
circuits. 

As an aid to obtaining a very' high degree of main¬ 
tenance, a device known as an “Out Lamp Indicator” 
has been developed. The device consists of a filter in 
combination with a milliammeter which is connected to 
the secondary of a potential transformer, the primary of 
which is connected across the line terminals. The 
filter cuts off from the meter substantially all current of 
fundamental frequency, but permits the transmission 
of the higher harmonics which are generated by an in¬ 
dividual transformer wth open secondary circuit. 
The magnitude of the reading obtained with one lamp 
out depends upon the rating of the individual trans¬ 
former and the ratio of the potential transformer. In 
order to avoid an excessive fundamental frequency 
voltage on the network and saturati6n effects on the 
potential transformer, it is necessary to limit the sec¬ 
ondary voltage to approximately 120 volts. Readable 
deflections with one individual transformer with open 
secondary circuit may be obtained with potential 
transformer ratios up to 60 to 1. 



Pig. 6 


A diagram of the filter with constants of the elements 
is given in Fig. 6. Fig. 7 shows a frequency response 
curve of the combination indicating the milliamperes 
in the meter- per volt at the potential transformer 
secondary terfninals at -various frequencies. 

In employing this device in maintaining the circuits, 
readings are taken on the lighting circuits indicating 


whether or not lamps are out and how many. The 
circuits may then be patrolled and the out lamps re¬ 
placed. Experience has indicated that lamps near the 
end of their life fail immediately after a surge such as 
when the circuit is deenergized or when energized after 
having been out of service. If readinp are taken 



Pig. 7—^Fbzqvbnot Response Cubvb op out Lamp Indi- 
CATOB Miuliampebes IN Mbteb pbb Volt at Secondaby 
Tebminals op Potential Tbanspobmeb 


shortly after the circuits are energized and the out 
lamp's replaced, all lamps are likely to remain in service 
for the rest of the night. If indications are not obtained 
on a given circuit, patrolling is, of course, not necessary. 
Where a circuit is made up partly of straight series 
lamps with film cutouts and partly of individual- 
transformer type lamps, no indication will be obtained 
of an outage of one of the straight series lamps. 

Another -valuable aid to maintenance is the practise 
followed by one large company of replacing lamps at 
definite intervals less than full life in connection with 
the cleaning schedule. The replaced lamps are then 
submitted to a photometer test and if not up to stand¬ 
ard are destroyed. The lamps indicating additional 
useful life are then reinstalled in circuits that are not 
involved in exposures with telephone circuits. This 
method, in conjunction with the use of the out-lamp 
indicator, has, except for an occasional outage, elimi¬ 
nated inductive trouble from these circuits. 

While great improvement may be effected in many 
cases by the application of the measures discussed 
above, the most direct and fundamental remedy for 
noise interference from this type of circuit would be the 
pro-vision on each fixture of a device which would short- 
circuit the indi-vidual transformer when the associated 
lamp fails. However, unless such a de-vice can be 
secured at a cost which would not sacrifice the econo¬ 
mies obtainable by theuse of the high-current lamps 
with the indi-vidu^ transformers, it would become 
cheaper to place the lamps directly in the series circuit 
omitting the individual transformer. Due to satura¬ 
tion of the indi-vidual tranrformer, only a small increase 
in the effective voltage across the secondary takes 
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place, a much larger increase occurring in the value of 
the peak voltage. Some device the operation of which de¬ 
pends upon the peak voltage seems most promising and 
least likely to be subject to false operation due to surges. 

Conclusion 

Close cooperation between the power and telephone 
utilities, as in all matters involving the relations between 
these utilities, is needed to prevent or overcome in¬ 
terference from lighting circuits, particularly in plan¬ 
ning extensions or new construction. It is hoped that 
the information given in this paper will prove useful to 
power and telephone engineers in their cooperative 
efforts to solve these difficulties. 

Discussion 

R. R. Cowles: The present tendency of the Pacific Gas & 
Electric Company is toward the use of small series street-light¬ 
ing loops with incandescent lamps only. These series loops 
are 6.6-ampere and are supplied from a multiple-series constant- 
current transformer installed on the pole in the same manner as 
any other distribution transformer. These constant-current 
transformers are of the moving-coil type, fundamentally aiTYiilftr 
to those formerly used inside of stations. In size they range 
from 5 to 20 kw. each, depending upon the average size of the 
series incandescent lamps which are connected to the circuit. 
It is the aim to avoid long loops and to restrict the number of 
lamps per circuit to approximately 60. 

These transformers are connected on the primary side to a 
4000-volt, four-wire, three-phase, star-connected feeder circuit, 
said circuit being switched from the substation just as any other 
4000-volt commercial feeder. Where the primary neutral is 
available no additional neutral is extended for the street-lighting 
feeder. Single-phase line.s are run in various directions to supply 
the territory in the same manner as single-phase lighting feeders 
are branched from a three-phase feeder for commercial light 
and power consumers. The effect of the above arrangement is 
greatly to improve the reliability of street-lighting service through 
tho elimination of long series loops and the resulting reduction 
in potential on these series loops. Multiple 4000-volt feeders 
have proven their reliability on the system of the Pacific Gas 
& Electric Company; hence no new features are involved in 
this type of feeder circuit. The constant-current street-lighting 
transformers are furthermore removed from the substations, 
thereby providing room for other apparatus which cannot con¬ 
veniently be placed outside of the station. 

The 6.6-ampere series street-lighting incandescent lamps are 
standard for 4000-lumen lamps and less. This is a slight de¬ 
parture from previous practise which indicated the desirability 
of using series transformers or auto-transformers,with lamps 
larger than 2500 lumens. An improvement in lamp manu¬ 
facture, however, has made it practicable to use 4000-lumen 
lamps at 6.6 amperes. Lamps larger than 4000 lumens are 
operated at 20 amperes, necessitating the use of series trans¬ 
formers or auto-transformers installed on the same pole or in 
the same fixture whieh supports the. lighting unit. The film 
out-outs are used with all 6.6 ampere lamps, operating without 
auto-transformer or series transformer. 

The use of series circuits with currents in excess of 6.6 amperes 
has been considered by the engineering department of this 
company but no action has as yet been taken. Small series loops 
supplied from individual constant-current transformers, mth 
lamps of higher intensity spaced fairly close, would permit of 
operation at 16 or 20 amperes if the characteristics of these 
lamps demanded it. Consideration should also be given to 
methods of switching street-lighting circuits from a remote 
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point which would make possible the use of even smaller loops 
and considerably simplify the apparatus involved therein. 
There are a number of types of remote-control apparatus already 
developed and a number more in process of development. It 
appears to the writer that the use of radio control for this pur¬ 
pose might be worked out to a practical and economic applica¬ 
tion at some future time. 

C. A. Heinzei Any power engineer who has had relations 
with the American Bell Telephone Company will notice that 
the telephone engineers all tell the same story. The main 
thought in all of their papers is cooperation between the power 
engineers and the telephone engineers. 

I want to state, first, that the electric utilities want to co¬ 
operate with the telephone company. We recognize the fact 
that we have mutual services to render, but I should like to ask 
Dr. Trueblood just how far the American Bell Telephone Com¬ 
pany will go in cooperating with the electric utilities in sharing 
part of the expense in safeguarding the telephone companies’ 
equipment. 

S* B. Hood: Mr. McCurdy recommends some of the usual 
remedial measures, principally isolating transformers. That is 
the 100-per cent remedial measure of telephone engineering, 
and in most cases it is a 100-per cent remedial measure, but in 
very few cases is it the measure which the power man -wishes to 
adopt. It adds to the investment, adds to the losses in the 
system, more or less interferes with the regulation, and has a 
great many objectionable features. 

Another recommended cure on series circuits is the straight- 
series lamp. That is very nice until we get to the higher candle- 
power. We are all developing “white ways” that require higher 
densities of lighting. Therefore, recommending the type of 
lamp which the lamp manufacturers are not prepared to furnish 
is looking far into the future. 

It seems to me that possibly a better recommendation which 
they could make—^particularly since Dr. Trueblood is so enthu¬ 
siastic over the multiple system—the better cure where in¬ 
ductive exposure is used, would be to change the lamps in that 
particular exposure to multiple, using a series relay for con¬ 
trolling. Of course, the recommendation for closed loops and 
balancing the lamp on a loop is very effecibive, but when you 
put a series street-lighting system with both wires looped on 
the same street, as far as the investment goes, it is practically 
getting back to a multiple system. 

It seems to me, however, that in all these papers the indi¬ 
cation is that no matter how far apart our past difierences of 
opinion have been, we are all gradually coming closer together; 
the telephone men and power men ai*e gradually getting down 
to a uniform system which I think is a very promising out¬ 
growth. 

R. G. McCurdy: The tendency of the development towards 
the use of smaller series street-lighting loops as described by 
Mr.. Cowles in his discussion of the Pacific Gas and Electric 
Company’s practises, from the standpoint of inductive co¬ 
ordination, is in the right direction. Because of the smaller 
number of lamps per circuit and since the constant-current 
transformer is closer to the lamp load, the length of any given 
circuit is much reduced and in case of failure of lamps equipped 
with indi-vddual transformers, the length of circuit upon which 
the harmonic voltages are impressed, and which may be in¬ 
volved in inductive exposures, is much less than when circuits 
of a large number of lamps are employed. In many cases also, 
this method of operation would facilitate supplying separately 
“white ways,” where lamps of high candle-power equipped -with 
indi-vidual transformers are used, and outl 5 dng sections where 
in many oases, only straight-series lamps are employed. 

Mr. Hood referred in his discussion to the disadvantages of 
the straight-series lamp, especMy in districts where high- 
density lighting is required. As (brought out in my paper, how- 
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ever, it is very often the case that these high lighting intensities 
occur in the densely populated sections of cities and towns, where 
both the telephone and lighting circuits are in cable. In such 
cases the occurrence of “out** lamps equipped with these trans¬ 
formers is unimportant from the inductive standpoint. In other 
eases, where the “white-way** section may be of limited extent, 
it will often be practicable to connect the high-current lamps to 
circuits not involved in telephone exposures having as far as 
possible only straight-series lamps on the circuits involved 
in the inductive exposures. 


Many of the difficulties of coordination discussed in the paper 
are inherent with the series system, and it would doubtless be 
less difficult to coordinate with multiple systems. The remedy 
suggested by Mr. Hood, therefore, of changing the lamps in a 
particular exposure section to multiple, using a series relay for 
controlling, would probably be an effective one. As far as the 
incandescent systems are concerned, however, it is felt that the 
difficulties existing with the series circuit would be overcome 
by the use of a reliable form of cut-out with lamps equipped 
with individual transformers or auto-transformers. 


Opportunities and Problems in the Electric 

Distribution System 

BY D. K. BLA.KE' 


Associate, . 

Synopsis.—A n ill uftlralive electric service system is analyzed to 
show the importance of the distrihntion system for the benefit of those 
not familiar with distribution problems. The diversity factor and 
load factor are employed to show their effect on investment and losses. 

The important subject of a-c. secondary networks is discussed 
relative to switching, induction regulators ‘and a-c. elevator equip- 
ments. The circumstances which make single pole switching 
preferable are outlined. A new, simple and effective connection of 
the, control circuits of induction regulators to ensure stability in 
parallel operated circuits is described. The present status of a-c. 
elevator equipments is outlined with emphasis on the merits of 
Ward-Leo7iard control where high class service is required. 


.. I. E. B. 

The new translator network is analyzed at length in order to show 
its performance and inherent difficulties. It gives a three-phase, 
four-wire, 1161280-volt system which in no way effects the consumers 
meters or utilization devices. The author's opinion is that it may he 
adopted on the grounds of company policy rather than on technical 
and engineering economic grounds. 

Other distribution problems are briefly mentioned. Hecent 
developments in carrier-current control for street lighting equipments 
are encouraging. Static condensers located at’the load center of 
distribution circuits prove economical in some cases. Various 
automatic and remote control sectionalinng schemes arc under 
consideration in order to restore service on feeders quickly. 


Introduction 

HE purpose of this paper is two-fold: first, to 
present matmal to attract the attention and 
arouse the interest of young electrical engineers 
in the technically-neglected subject of electric distri¬ 
bution systems; secondly, to discuss several important 
problems appertaining to a.-c. secondary network which 
have become, at the moment, of vital interest to the 
advanced distribution engineei’s. It seems to be quite 
generally admitted that the distribution system is in 
need of engineering study and of good engineers to do 
the work. There is nothing spectacular about the 
conventionalized distribution system and, therefore, 
little to attract the attention of a young engineer who 
is looking for a field that is not overcrowded and that 
will give him an opportunity to do some original and 
constructive work. There seems to be a general but 
erroneous opinion that there are not many technical 
problems involved in distribution. On the contrary, 
there are plenty of technical and even mathematical 
problems. But the emphasis herein is not placed on 
the technical side but on the need of initiative and 
judgment in the attacks on the problems. What is 
needed now are engineers who can bring an old distri- 
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button system up to date and appropriately plan it for 
the future growth. This work requires engineers of 
the same high caliber as those who have accomplished 
such marvelous results in generating stations, trans¬ 
mission lines, and sub-stations. 

Relation op the Distribution System to the 
Entire System 

It is the purpose of the following discussion to con¬ 
sider the relation of the distribution systan to the 
entire system. It is not claimed that the divisions and 
figures given represent accurately any particular sys¬ 
tem, but it is believed that this method gives a com¬ 
prehensive picture of a large system and the important 
position of . the distribution system in it. 

Large modem electric service s3rstenis may be cou- 
veniently divided, for the present purpose, into four 
major divisions: viz., generation, transmission, trans¬ 
formation, and distribution. It is important to observe 
that this system is virtually a four-link chain and to 
remember that “a chain is no stronger than its weakest 
link.” In an ordinary chain, each link carries as 
much load and is, therefore, just as important as each 
of the other links. Similarly the same load is carried 
by each major division of the electric service system 
and, logically, the distribution system is therefore just 
as important as any of the other divisions. 

Service and economy must always be kept in mind 
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by the designer in every part of the system—Service generating station. In an actual systeha an appreciable 
first and economy second. Rarely can these two amount of power may be supplied to electric railways 
factors be separated. Reliability may reach its peak and sold to other public utilities as well as to large 
in generation, transmission and transformation im- power users. However, for the purpose of illustration, 
proving the service as a whole, yet the service rendered it.is assumed that all of the 100,000 kv-a. is supplied to 
the consumer is no better than the reliability of the general light and power loads and that there are no 
distribution system. Maximum economy may be ob- inter-coimections between substations to form a trans- 
tained in generation, transmission, and transformation, mission network as is frequently the case, 
but there is still a long way to go in the whole system The total kv-a. rating of the transmission cables 
economy if the distribution system is neglected. It is exceeds the total kv-a. rating of the generators because 
evident from the foregoing review that to render excel- the peak load on most transmission cables does not occur 
lent service at maximum economy a well laid out at the same time the peak load on the generating station 
distribution system is necessary. occurs. When some cables are canying full load. 

The distribution system itself may be analyzed in a others will be carrying less than full load. If the peak 
manner similar to the foregoing main analysis and sub- loads of all the cables are added and divided by the 
divided into the following parts: the primary feeders peak load on the station, the well-known diversity 

factor is obtained. Therefore, the rating of the 
generating station may be multiplied by an average 
diversity factor of 1.1 for this radial system, to derive 
the approximate rating of the transmission cables which 
is 110,000 kv-a. The usual rating of each cable is 
about 6000 kv-a. which means that there are 22 cables. 
There is no diversity between substations and cables in 
this case because the same power that enters the trans¬ 
mission cables enters the substations. The total sub¬ 
station rating is then 110,000 kv-a. Since 10,000 kv-a. 
is a good average size substation, there will be 11 of 
them. It is well to point out here that the relation 
between generator, transmission cable, and substation 
ratings will be improved by thq use of tie lines between 
the substations, because the diversity between these 
parts is changed by the transfer of power through the 
tie cable. Knowing the substation rating, the distribu¬ 
tion feeder ratings can be determined by using an 
average diversity factor of 1.15 which will give about 
127,000 kv-a. in feeder circuits. The usual distribution 
circuit for such a system will be rated 200 amperes, 1380 
kv-a., 2300/4000 volts, three-phase, four-wire. Divid¬ 
ing this into 127,000 kv-a. gives about 93 distribution 
circuits. Notice how, as depicted in Fig. 1, the system 

Fio. 1 —Majoii Divisions op Emctbic Sebvice Systems - - - --- 

and mains; the distribution transformer and related 
devices; and the secondary mains and sendee wires. 

This inethod of subdivision is made according to the 
electrical functions. Another subdivision may be made 
according to physical characteristic, namely, poles and 
fixtures, copper wire, and distribution transformers 
with their related devices such as lightning arresters, 
fuse cutouts, and temperature indicators. 

With these methods of dividing the distribution sys¬ 
tem in mind, it may be asked how the distribution sys¬ 
tem differs in character from the rest of the sy^em and 
also how it compares in the matter of money invest^. 

Suppose it is assumed that Fig. 1 represents a radial 
system .with one main generating station rated at 
100 000 kv-a. and that the transmission lines axe 
underground 13,200-volt cables, radiating from the 


split up into small kv-a. units wnicn increase m nuui- 
r and total kv-a. rating proceeding from the gen^at- 
g station outward. This is further emphasized 
len determining the number of units and rating of the 
stribution transformers. Multiplying the total feeder 
ting of 127,000 kv-a. by an average diversity factor of 
5, 191,000 kv-a. is obtained as the total rating of the 
stribution transformers. This rating is almost double 
e gfflierator rating to supply them. The average size 
distribution transformer may be chosen at 15 kv-a.; 
CTefore, there will be in this illustrative system, about 
1,700 transformers. These distribution transformers 
ill not be located in one building as is the equipment 
a generating station but the transformers will be 
ounted on poles and are thereby scattered over a 
In addition to the transformers thore will 


mounted with them such related devices ^ 

+ATYinAratirrG indicators. 



r r. 100 ,U(K) Kilovolt-ampcres Totol 

ueneraiio 4.25,OOO Kilovolt*ampere,s Generator 


« . . 110,OUO Kilovolt-amperes Total 

Transmission 22-5000 Kilovolt-ampere Cables 


, mu*.* 110,000 Kilovol^amperes Total 

AAlAA Transformation U-IO.OOO Kilovolt-ampere Sub-stations 

A/V\A 




Distribution 


127,000 Kilovolt-amperes Total 
93-1380 Kilovolt-ampere Feeders 


191,000 Kilovolt-amperes Total 
12,700-15 Kilovolt-ampere Transformers 
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A cut-out with each transformer means 12,700 cut-outs, 
while a lightning arrester with each transformer means 
12,700 arresters. Now, if these devices ai*e not applied 
to the system with care and thought, a great deal of 
money will be wasted and losses incurred which might 
be saved. A standardized method of mounting these 
devices which would save a dollar is multiplied 12,700 
times when the whole system is considered. If it were 
possible to connect all the distribution transformer 
secondaries together to form a secondary network, then, 
theoretically, all of the diversity factors back to the 
generators are removed and the system rating through¬ 
out is 100,000 kv-a. Of course, such networks can be 
formed only in limited areas of high load density. 

It is easy to see from the foregoing anals^is that the 
investment in the distribution system must be a large 
part of the total investment in the system. In some 
systems, it may be 30 per cent, in others 60 per cent. 
Distributing companies which purchase energy from 



Fig. 2—Multiple Feeder Network Receitinq General 

Favor 

large systems have practically all of their investment in 
the distribution system. These facts clearly indicate 
that a distribution system which is well laid out will 
effect large savings in investment and appreciable 
improvement in service. 

The load factor on the distribution transformers may 
be taken as 20 per cent. Th^e is a relation between 
load factor and diversity factor such that the load factor 
of 20 per cent on the distribution transformer may be 
multiplied by the transformer diversity of 1.5 to obtain 
30 per cent which is the load factor of the feeder. 
Carrying this method all of the way back the load factor 
for transformation is 34.5 per cent, transmission 
34.5 per cent, and generation 38 per cent. Observe 
that the distribujjon transformers are used about one- 
half as much as the generators.’ 

The losses which occur in the distribution system have 
to be transmitted through the rest of the system and 
for that reason it is important that losses in the dis¬ 


tribution system be reduced to a minimum. A kilo¬ 
watt loss in the distribution system means more than a 
kilowatt at the generating station switchboard because 
some additional loss is incurred in transmitting it. 
Obviously, the kilowatt lost in the distribution system 
costs more than a kilowatt lost at the generating sta¬ 
tion. The distribution transformer has lower losses as 
well as lower cost per kv-a. for a large size than for a 
small size,* therefore, a well laid out system should 
have the highest possible average size distribution 
transformer. 

There are many other points which may be added, 
but it is believed that the foregoing discussion suf¬ 
ficiently emphasizes the importance of and opportuni¬ 
ties in the distribution system. 

A-C. Secondary Networks 

General. One of the foremost problems now con¬ 
fronting distribution engineers is the a-c. secondary 
network for areas of high load density. These are now 
generally supplied by the well known d-c. Edison 
three-wire system, which is very expensive.' The pur¬ 
pose is to obtain the more economical polyphase a-c. 
network which will permit supplying lighting and power 
loads from the same set of mains and which will ap¬ 
proach the Edison system in reliability. 

Single-Pole verms Three-Pole Subway Switches. Where 
networks are under consideration the multiple feeder 
t 3 ipe of network shown in Fig. 2 is meeting with general 
favor. The circuit breakers in the low-voltage side of 
the transformers trip on revei'sals due to short-circuit 
currents or transformer core loss and are automatically 
reclosed when voltage conditions on the incoming 
feeder are correct for carrying load. This type of 
system is in use at New York City and New Orleans 
and is described in A. H. Eehoe’s article. Underground 
A-C. Network Distribution for Central Station Systems, 
Journal of the A. I. E. E., June 1924; and W. R. 
Bullard's article. Study of Underground Distribution 
Systems for the City of New Orleans, JOURNAL of the 
A. I. E. E., Nov. 1924. All of these systems under 
consideration, except one,anticipateusingY-conneetion 
on low-voltage side of the transformer. If the second¬ 
ary switches used with this S 3 rstem are too large, it may 
be necessary to rebuild the opening of many vaults and 
in quite a few cases new vaults will be necessary be¬ 
cause wall space is not available for large triple-pole 
switches. It is believed that a small, compact single¬ 
pole switch has many advantages over a larger triple¬ 
pole switch. The following discussion is intended to 
show the practical advantages of three small single¬ 
pole switches over one large triple-pole device. 

The single-pole switch may be conveniently arranged 
for the lead from transformer to enter at the bottom and 
the lead to the network airanged to leave from either 
side of the box at the top. The three-pole switch is 
not readily designed with l^ds out either side but with 
leads out through the top which requires an exti'a bend 
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in the cable and more head room. The dimensions of 
the subway box may be made small enough to permit 
the switch to be lowered through any manhole opening 
that will admit the transformer it is to be used with. 
In many vaults a large wall space cannot be found on 
which to mount a large triple-pole switch but three 
small spaces may be found to mount three single-pole 
devices. The single-pole switch may be designed small 
enough to permit mounting it on the side of the trans¬ 
former tank where wall space is not available. The 
box may be supported from the floor by a pipe and 
braced to the wall by angle irons. The wall surface 
back of the box may be used.for racking cables. 

It is frequently necessary to build transformer vaults 
on side streets or in alleys because other sub-surface 
structures make it impossible to obtain a space large 
enough for a vault to contain three transformers. 
Three small vaults large enough to contain one trans¬ 
former and one single-pole switch may in many cases 
be located on the main thoroughfare, thereby avoiding 
the cost of a duct line from the feeding point to the 
transformer vault. The three smaller vaults will have 
the additional advantage of increased wall surface per 
transformer for heat radiation and this may be sufficient 
to make special ventilating systems unnecessary. The 
complete switch with an aluminum subway box may be 
designed with a weight low enough to permit two men 
to handle it without the use of tackle. A three-pole 
switch would be much heavier and more difficult to 
install. After the box is mounted inspection will be 
easy because of the small cover. The design could be 
made so that the panel, on which the circuit breaker 
and relay are mounted, may be easily removed from the 
box after removing some small bolts without disturbing 
the mounting or cables. This feature permits all 
testing and repairwork to be done at the shop where 
complete units in working order may be taken to a 
vault and readily placed in the box after the defective 
unit is removed. One company anticipates using a 
single-pole device with four outgoing leads at the bot¬ 
tom. Each lead is connected in the box through a fuse 
or copper link. This arrangement makes a combined 
switch and junction box which is economical in cost and 
space requirements. 

The foregoing discourse emphasizes the advantages 
from an installation standpoint but there are also a few 
advantages from an operating standpoint. The sub¬ 
station breakers in the primary feeder may be a^anged 
for single-pole switching as is now the practise in radial 
feeders on some systems. The single-pole switch in the 
transformer secondary removes only one-third of the 
transformer capacity when there is a transformer 
failure or a single-conductor cable failure. The loss of 
this phase does not cause single-phase operation of 
induction motors because the three-phase relation 
is maintain^ by the other feeders. It is not probable 
that a failure which may occur on another feeder will 
be on the same phase and it is, therefore, quite an 


advantage to keep unaffected phases of a feeder in 
service since they may be of help when trouble comes 
on other feeders. 

Transformer Load Division. The use of a reactance 
in series with the transformer is the method being used 
to improve the division of load between transformers. 
Some companies are using special transformers with the 
reactance increased to 10 per cent and others are using 
external reactors consisting of laminated iron punchings 
slipped over the lead cable on the low-voltage side of the 
transformer. This latter method has the advantage of 
using standard transformers and permits the location 
of the reactance at points where they are needed. 
The dimensions of such a reactor to increase the re¬ 
actance to 10 per cent on a 100-kv-a. transformer with 
115 volts secondary isa pproximately 16 in, by 6J4 in- 
by 6H in- For a 75-kv-a. transformer the length will be 
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TO Euminatb Circulating Currents 

increased to 18 in. on account of there being less current 
to give the same voltage drop. One reactor is used with 
each transformer by looping both leads through the 
punchings to obtain the magnetic effects of both 
leads. 

A New Regulator Connection. When the network is 
supplied by several high voltage feeders with induction 
regulators, it is necessary to take some precautions to 
eliminate circulating currents caused by improper 
operation of the induction regulators. SevCTalschemes 
have been proposed but the one shown in Fig. 3* seems to 
be the most promising because of its simplicity and ease 
of installation. This scheme , can be applied to a 
varying number of regulators, it being possible to 
connect in additional feeders or discoimect them as may 
be desired without changing the adjustment of any of 
the apparatus. 

To the conventional regulator connections, there is 
added in Fig. 3 ,a transformer T in the current trans- 

2. Devised by Mr. P. J. Champlia of Pittsfield, Mass. 
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former circuit, a reactance X in the potential trans- 
former circuit, and a switch S which serves to short 
circuit the reactance. This switch S is interlocked with 
the feeder breaker so that when the feedw switch is 
opened, the switch S is closed and vice versa. 

When conditions are normal the load current circu¬ 
lates through the secondaries of T but none through 
If there is a circulating component in the feeders which 
flows out through the No. 1 feeder and returns over the 
other feeders in parallel then two-thirds of this com¬ 
ponent flows through No. 1 X and one-third through 
the other two reactances in series but in a direction 
opposite No. 1 X. By properly arranging the polarities 
of the current and potential circuits the voltage set up 
across X will be opposed to the unbalanced potential 
set up across the line drop compensator by the circulat¬ 
ing current. This voltage set up across X will assist 
the secondary voltage of the potential transformer thus 
tATiH ing to operate the contact making voltmeter so 
that the regulator will be returned to a stable point, 
thereby eliminating the circulating current. 

No mechanical interconnection or additional current 
transformers in the feeder are required. The trans¬ 
former T and variable reactance X may be contained 
within a single housing, mounted on the switchboard.* 
A certain amount of resistance may be used- in com¬ 
bination with the reactance. Three regulators using 
the exact connections shown in Fig. 3 have been con¬ 
nected in parallel and tests were made including change 
in voltage, change in load, and change in position of the 
individual regulators. No matter what change was 
made, the regulators would always adjust themselves 
to eliminate the circulating current which is the general 
source of trouble in the parallel operation of single¬ 
phase regulators. 

A-C. Elevator Equipments. Practically all companies 
contemplating networks expect it will not be economical 
to change all the d-c. motors to a-c.and, therefore, it will 
benecessary tomaintainanappreciablepartof the d-c.for 
many years after the a-c.secondarynetworkisin success¬ 
ful operation. Where 60-cycle power is available®, a-c. 
motors can be applied directly to elevator engines and 
give quite satisfactory operation up to maximum car 
speeds of 450 ft. min. A large number of these a-c. 
equipments are being installed, even in such buildings 
as hotels, office buildings, and apartment houses, and are 
giving service which is entirely satisfactory to the 
owners. Power consumption on these a-c. driven 
elevators is generally less than with any form of d-c. 
driven elevator as there are no shunt field or dynamic 
braking resistor losses. 

When a high-grade elevator is required and the power 
supply is alternating current, Ward-Leonard control 
with separate motor generator set for each elevator is 
the ideal. Such equipments are being installed on both 

3. Discussion on elevators contributed by J. A. Jackson of 
Schenectady. 


geared and gearless equipments in fairly large numbers 
even for car speeds as low as 250 ft. per min. with geared 
machines and as high as 700 ft. per min. with gearless 
machines. For gearless machines the demand is almost 
entirely for Ward-Leonard control even where d-c. 
power supply is available, due to smoother and more 
refined control and to reduced power consumption 
where the service is heavy and the number of stops per 
car mile is large. Where the service is light and the 
stops per ear mile is low, the power consumption may be 
slightly greater. 

When all charges against an elevator are considered, 
such as interest on investment, depreciation, mainte¬ 
nance, operator’s salary, rentable area of building oc¬ 
cupied by elevators, etc., it is readily seen that power 
consumption is a relatively small percentage of the total. 
Such features, then, as reliability, maintenance, smooth¬ 
ness, refinement of control, accuracy of landings, and 
speed regulation may play a more important part in 
determining the type of drive to use than power con¬ 
sumption. For example, where it can be shown that 
the above features will so speed up' the service as to 
permit one less elevator to be used with Ward-Leonard 
control than would be necessary with rheostatic control. 



Fia. 4— ^Y-Connected Network Now in Use 


the use of Ward-Leonard would be justified on account 
of the saving effected, even though the operating condi¬ 
tions were such that power consumption on Ward- 
Leonard might be slightly greater. Such cases have 
actually arisen. 

Rates of acceleration and retardation can be made 
substantially quicker with Ward-Leonard control than 
with d-c.* rheostatic control without discomfort to the 
passengers, since they follow a smooth curve instead 
of being jerky due to cutting out the steps of resistance 
dn a rheostatic control. 

It is well recognized that the greatest percentage of 
elevator outages with rheostatically controlled elevators 
are due to control troubles and that most of the mainte¬ 
nance expense occurs on the control panel on account 
of the heavy currents, handled and the size of the devices. 
With the Ward-Leonard system, the control panel 
contains only small devices handling small field currents. 
Consequently troubles from burning are negligible and 
mechanical wear and tear is reduced to a minimum. 
The motor-generator set, while a rotating piece of 
equipment, is simple and easily understood by the 
average electrical maintenance man and its maintenance 
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consists of an occasional oiling, keeping it clean, and an 
occasional change of brushes. The reduction in main¬ 
tenance charges should be a considerable item in favor 
of Ward-Leonard control. 

This type of system will cause practically no voltage 
fluctuations on the mains since there are no a-c. motors 
switched on the line every time the car is started. The 
motor generator set is started without load and should 
cause no voltage dip. 

The Nm Translalor Network. Most companies 
that do not have two-phase distribution are consider¬ 
ing the three-phase, four-wire system and some 
which have two-phase distribution are giving more 
consideration to the two-phase, five-wire system. 


± 
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Fia. 5 —Proposed Two-Phase, Five-Wire Network 

The three-phase, four-wire system shown in Fig. 4 
will have either 115 volts for lamps and appliances 
aiid 200 volts for motors or 120 volts for lamps and 
appliances and 208 volte for motors. In the first case 
standard appliances and fractional horse power motors 
are suitable while the 200 volt is just on the lower limit 
for standard 220-volt polyphase motors. Some engi¬ 
neers believe this system will be successful at 115/200 
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Fia. 6 —Dbdta-Connbcted Transformers for Supplying 
Lighting and Power Loads 

volts because the majority of motors are not generally 
applied to devices' that require rated starting, pull-in 
or pull-out torque. Where difficulty is anticipated or 
encountered they expect to install auto-transform^ 
to step the voltage up to 220 volts. This would reqi^ 
the separation of the motor circuits from the lighting 
circuits in the building or the use of auto-transfomers 
with each motor. Other engineers believe 200 volts is tc» 
low for motors and expect to use the 120/208-volt 
system. It is believed that the 208-volt is sufficiently 
above the lowM* voltage limit (198 volte) of sucee^ul 
motor operation so that with a system regulated for 
lighting no trouble should be experienced. On the 
other hand, standard 110-volt appliances and fractional 
horse power and fan motors are not recommended tor 
operation at 120 volte particularly when it is likely that 
the voltage will exceed 120 volte occasionally. Lamps 


and some heating appliances rated at 120 volts are con¬ 
sidered as a standard rating while all fractional horse 
power and fan motors are standard at 110 volte with a 
permissible variation of plus or minus five per cent. 
However, some companies are supplying the 110-volt 
devices on 120-volt radial circuits. With the three- 
phase, four-wire system it will be necessary to use 
polyphase metering with the extra testing difficulties 



Pio. 7 —^Vector Diagram op Voltage Relation.^ of 
Transformers in Fig. 6 

or two single-phase meters with the extra bookkeeping 
when supplying three-wire sa-vices since the voltages 
from each line to ground are not in phase with each 
other. 

The two-phase, five-wire system shown in Fig. 5 
gives standard voltages for lamps, appliances and 



Formers in Fig. 6 


motors. The single-phase, three-wire meter may also 
be used on three-wire services. The two phases ^ 
easier to balance than the three phases of the other 
system. The two-phase motor, four-pole conteol equip¬ 
ment and T-connected transformers are objections to 
this system. Three-phase is ideal for generation and 
transmission and while two-phase may be ideal for 
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distribution the combination is undesirable to the 
manufacturers from the point of view favoring the 
standardization of three-phase motors and ultimate 
disappearance of two-phase motors. 

It will be observed that either of the foregoing sys¬ 
tems affects the consumer's equipment. If it is the Y- 
connected three-phase system the polyphase motors 
operate at sub-normal voltage and the fractional h. p. 
motors and some appliances operate above the permis¬ 
sible voltage limit in case of 120/208-volt system. 



PiQ, 9 —Same as Fig. 6 except that Translator is 
Added to Permit Transfer of Power between Sections 


Ai, As, and Bz as shown in Fig, 8 , This auto¬ 
transformer is excited from — B^ at 230 volts and 
also from As - Ba at 230 volts. Load may be trans¬ 
ferred through the auto-transformer with A 2 - B 2 as 
the input circuit and As — Bz as the output circuit or 
— 5^3 may be the input circuit and A 2 ~ B 2 the 
output circuit. In order to complete the connection 
between the No. 1 bank and No. 2 bank, it is necessary 



Fid. 11 —Sbctton or Network Showing More Practical 
Location op Translators 


With the two-phase, five-wire system the consumer may 
have difficulty in obtaining short shipments on two- 
phase motors and will have additional investment in 
control equipment and wiring. 

Mr. John C. Parker, of Brooklyn, has devised athree- 
phase, four-wire network system which gives 115 volts 
for lamps and appliances and 230 volts for polyphase 
motors. The lighting load may be balanced on all 
three phases. This system may be best understood by 
first referring to Fig. 6 . Each bank of transformers 



Pig. 10—Section op Network Showing Most Economicai. 
Location op Translators 


to make a connection between and Cz. This is done 
by a coil which is wound on the same core as the auto¬ 
transformer. 

With the.extra coil added as in Fig. 8 we have a 
combined transformer and auto-transformer which can 
be used to transfer single-phase or three-phase power 
from bank No. 1 to bank No. 2 orfrombankNo. 2tobank 
No. 1. In case of a transfer of three-phase power coils. 
No. 1, No. 3, and No. 4 carry the current between banks. 
Under this condition the flux due to the load of the one 
coil is equal and opposite to the resultant flux due to the 
load of the other two coils. Therefore, the load current 
does not magnetize the iron to cause an excessive drop. 
The device may be designed with a regulation as good or 
better than the best distribution transformers. Single 
phase lighting load is carried by coils No. 1 and No. 4 
when it is transferred from section No. 2 to No. 3 and 
coils No. 3 and No. 4 when it is transferred from sec¬ 
tion No. 3 to No. 2 . In this case also the load fluxes 
are opposed and do not magnetize the iron core. It 
is, therefore, possible to operate such a network and 


supplies a set of three-phase, four-wire mains; but the 
mains cannot be tied together directly to form a net¬ 
work, since the grounds on the different phases would 
short circuit the transformers. The grounds are neces¬ 
sary and limited to 160 volts to ground on lighting cir¬ 
cuits in order to protect human life, "the ground is 
common to all of the transformers and, therefore, the 
vector diagram shown in Fig. 7 may be drawn. It will 
be observed that the voltage difference between Az and 
Az (also between Bz and Bz) is equal to H the delta 
voltage and is in phase with the voltages Az — Bz 
and Az — Bz> The voltage difference between Cz and 
Cz is equal to Az - Az and in phase with it. An auto¬ 
transformer consisting of a coil with taps which divide 
the coil into three equal parts may be connected to 



Pig. 12 — Method op Connecting Tbanspormers to Avoid 
Transmitting Lighting Load through Translators 


supply li g h ting load from all three phases. Ih order to 
transfer load between sections No. 3 and No. 1 and sec¬ 
tions No, 1 and No. 3 a translator (combined trans¬ 
former and auto-transforper) is connected similar to 
the one between sections No. 2 and No. 3. Fig. 6 is 
redrawn in Fig. 9 to show the translators connected. 

The most economical application of the translator 
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occurs when it is located so as to transfer a miniinnTn 
amount of load* This location is midway between 
transformers with a uniformly distributed load. Fig. 10' 
shows the appearance of a network with translator 
applied in this manner. In this location the translator 
will have to carry half the load connected to a section 
of main in the event of a transformer outage. To avoid 
changing the translator with load growth, it would seem 
best to design it with one-half the current carrying 
capacity of the cable. However, it does not gporn 
probable that the translator can be applied in this 
manner for best economy because the load is not 
uniformly distributed and it is frequently desirable or 
n^essary to connect transformers to mains at other 
points than the junction point. It seems best, there¬ 
fore, to design the translator with a current carrying 
capacity equal to the current carrying capacity of the 
cable. It is believed that three standard sizes such as 
325 amperes for 4/0 cable, 450 amperes for 350,000 cm. 
cable, and 600 amperes for 500,000 cm. cable would cover 
most underground networks. With the cable and 
translator designed for the same capacity it would be 
unnecessary to make any changes in translators until 
it became necessary to change the cable mains. Load 
growth or transformer locations will have no effect on 
the translator capacity. 

The translator may be located in the same manhole 
with the transformers as shown in Fig. 11 or may be 
installed in the middle of the mains as in Fig. 10. 
The location of the translators fixes the phase areas for 
the lighting load. The letters A, B, and C in Figs. 
10 and 11 refer to the phases which supply the lighting 
load. After the translators are once installed the phase 
to which lighting loads are to be connected may be 
plainly marked in order to avoid confusion when 
making connections. In case it should be necessary to 
change the location of a translator it will not be neces¬ 
sary to change the lighting services from one phase to 
the other, but only to reconnect the cable mains so as 
to shift all the lighting load affected to the proper phase. 

The primaries of the distribution transformers may 
be either Y- or delta-connected. Transformer Aa — Bs 
in Fig. 9 will supply through the translator some of the 
lighting load connected to Ai — Bi, and transformer 
Bs — Ca vdll supply some of the lighting load connected 
to Bi — Ci, so that with a Y-connected on the high 
voltage side, no appreciable transformer capacity will be 
lost by these units (Aa — Ba and Ba — Ca) supplying 
part of the lighting load connected to Aa — Ca. • 

It is obvious that the transformer connected to 
Aa — Ca will supply more of the lighting load connected 
to Aa — Ca than either Ba — Ca or Bi — Ct because the 
latter have to supply the lighting load through a longer 
distance as well as through the translator. It seems 
that Fig. 9 would be preferable where the power load is 
more important but where, as is usual, the lighting load 
is more important, it may be better to use the connec¬ 
tions shown in Fig. 12.’ The lighting load is then 


supplied direct from the transformers. The motor 
load is supplied through the translators on two phases 
and direct from the transformer on the third phase. 
If there were no lighting load the motor would receive 
unbalanced voltage because of the extra drop in the 
phases supplied from the translators;, but the lighting 
load on the third phase will bring these voltages more 
nearly equal and the result will probably be that the 
motor will receive no more of an unbalanced voltage 
than it would on any other system. Even if the 
full drop through the translators imbalanced the volt¬ 
ages applied to the motors, the unbalanced voltage 
should not be sufficient to be serious. When the pri¬ 
maries are delta-connected it would seem that this 
method of connecting the transformers would cause 
serious unbalanced currents when supplying motor 
loads because the translators and an appreciable 
length of mains are inside the delta causing unequal 
impedances in each side, with the result that the trans¬ 
formers nearest the motor would supply much more 
current to the motor than the oth«* phases. While 
this may be true for a particular section, it should not be 



Pio. 13 —^Appbakancb op Network with Thanspormers 
Connected as in Fig. 12 

true for several sections because the unbalanced current 
occurs on different pha^ for adjacent sections and, 
therefore, the result would be an approximately bal-. 
anced load. With the primaries Y-connected the di¬ 
vision of load between phases is not affected because 
unequal impedances do not cause an unequal division 
of load in the Y-delta connection, but an unequal 
division of magnetizing current. 'Where the power 
load is heavy it will be best to add additional units for 
the other two phases. Fig. 13 shows the appearance of 
a network with the lighting supplied direct from the 
transformers. In each manhole there may be three 
transformers and two translators or they may be placed 
in different manholes. It is not necessary to have a 
translator for each main as in Figs. 11 and 12, but the 
network may be divided into phase areas as shown in 
Fig. 14. Transformers may be added on the other 
phases where the power loads are heavy or located far 
from the other phase areas. The areas, of course, need 
not be equal geographically but equal electaically. 

This system may be used with single-phase switching 
by connecting, the neutral of the Y-connected prim- 
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ary to the fourth wire and using double-pole switches 
for each transformer secondary. With single-con¬ 
ductor primary cable it will be possible to operate 
the system with a minimum capacity removed from 
service during a cable failure. The remaining trans¬ 
formers on this feeder would operate in open delta with 
transformers on the remaining feeders. 

It is obvious that use of the translator necessitates 
unbalanced currents in the mains of each section 
because of the connection of the lighting load to one 
phase. However, the Y system also has unbalanced 
load in each section of the mains. While it is possible 
to balance the lighting load on a Y-connected system so 
that the feeders supplying the network are well bal¬ 
anced, it is not possible to have each section of second¬ 
ary mains so well balanced. The translator system, of 
course, will be appreciably more unbalanced in each 
section than the Y-connected system; but the transla¬ 
tor system also may be operated with the feeders sup¬ 
plying the network as well balanced as the other. 
In the Y-connected system the loads are balanced over 
the three-phases by individual loads; but in the transla¬ 
tor system the loads may be balanced over the three- 
phases in groups, which should be much easier. Assume 
that in the Y-connected ^tem the lighting load is 
balanced over the three phases and that the current in 
each phase is 100 amperes for lighting at unity power 
factor and 100 amperes for power at 86.6 per cent 
power factor. The resultant current is 194 amperes for 
each phase. Then with'the translator system when the 
lighting load is supplied from phases A-B the current is 
237 amperes for A phase, 207 for B, and 87 amperes for 
C phases. The power factor of 86.6 per cent for the 
power load was chosen because this gave the condition 
of maximum current carried by one phase. When the 
power load is one-half the lighting load the current in 
each phase of the balanced Y-connected system is 
146 amperes; but with the translater system the cur¬ 
rent in A phase is 194 amperes, B phase 181 amperes, and 
C phase 44 amperes. When the power load is one- 
quarter the lighting load the current in each phase of the 
balanced Y-connected S 3 rstem is 122 amperes; but with 
the translator system the current in A phase is 172 
amperes;Hphase, 162 amperes; andCphase, 22 amperes. 
The effect of this on the losses in the mains is to de¬ 
crease the total loss 5.5 per cent below the Y-connected 
system in the first case and increase the losses 14 per 
cent and 26 per cent in the second and third cases. 
These values refer to the case where no lighting load is 
transmitted through the translator under normal con¬ 
ditions. Wheresomelightingload is carried on the other 
2 phases through the translators, phases A and B would 
carry relatively less current and phase C relatively 
greater current, so that the resulting unbalanced cur¬ 
rent would not be so bad as previously indicated. 
Furthermore, the power loads in many cases will be 
almost equal to the lighting load which is not a bad 
condition. The annual charges of the energy losses in 


the secondary mains is about 12 per cent to 17 per cent 
of the total losses in substations, feeders, transformers, 
and mains. Therefore, whatever change occurs in the 
secondary main losses, when using the translator sys¬ 
tem, will not have an appreciable effect on the total 
losses. 

In the sjrstem shown in Figs. 9, 10, 11 and 12 the 
effect of the cost of the translaters when designed to 
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Pio. 14 —Location of Translaters to Form Lakqer 
Phase Areas for Lighting Load 


carry full cable capacity on the total investment from 
substations to secondary mains depends on the relation 
of the current carrying capacity of the secondary mains 
to the transformer capacity. A system with 500,000’ 
cm. cable has a much higher percentage increase in¬ 
vestment when three 100-kv-a. units are used than when 
three 200-kv-a. units are used. A study of some 
systems indicates extremess of 7 per cent to 15 percent 
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Pig. 15—^Proposed Type opPrimary Distribution Network 


increase for systems having 13,200-volt primaries and 
6 per cent to 12 per cent increase for systems having 
2300/4000-volt Y primaries. Where the translators are 
used to define phase areas as in Fig. 14 instead of one 
in each section of secondary mains the increase in 
investment then, of course, depends on the number of 
areas for each phase. When the losses are added, the 
increase in annual charges ranges from 6 per cent to 
20 per cent. The lower figure applies to a case where 
the vaults are large enough to receive the translators 
without any changes or new vaults. 
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It is apparent from the foregoing analysis of the 
translator system that there are technical and practical 
difficulties as well as increased cost and losses of the 
translator system over the Y-coimected and two-phase 
systems. All of these difficulties and extra costs are 
borne by the electric service companies and none by the 
consumer. The consumer is not called upon to operate 
his single-phase devices at excessive voltage or his 
polyphase motors at sub-normal voltages, to ina^se 
his investment in control equipment, nor to contend 
with possible delays in shipment of two-phase motors. 
Three-wire lighting services may be metered with the 
standard 3-wire meter instead of two single-phase 
meters or one polyphase meter. It seems, therefore, 
that the selection of the translator system must be upon 
the grounds that the electric service company does not 
want to run any risk of inconvenience to, or complaint 
from, the consumer nor to cause the consumer any 
extra cost but prefers to accept the extra cost and com¬ 
plications. The Y-connected or two-phase network 
represents about one-third the annual cost of an Edison 
system, and, therefore, it does not seem that the extra 
cost of the translator system would be an unreasonable 
burden to assume. This extra cost, of course, is borne 
by the industry but the cost would be less than the cost 
to the industry to properly take care of ofl-standard 
equipment used on Y-connected and two-phase 
networks. 

Notes on Other Important Problems 

Street Lighting CorUrol. The methods now in use to 
control eitW pole-type, constant-current transformers 
or multiple lamps are time clocks, pilot-wire circuits, 
and cascade systems. The latter may include time 
clocks and pilot wires or may consist only of a succes¬ 
sion of lighting circuits connected through suitable 
switching equipment. In some eases pole-tjpe, con¬ 
stant-current transformers are supplied and controlled 
by a special 2300-volt feeder which covers the substa¬ 
tion territory. 

In addition to the foregoing control schemes, there is 
the possibility of carrier current control which a.t 
present seems very promising. The ordinary primary 
feeder conductors may be. used to conduct the carrier 
wave to the receiving equipments which may control 
either a pole-type, constant current transformer or a 
multiple lamp circuit. The development of a successful 
carrier-current system low enough in cost may be the 
deciding factor in the extensive use of multiple street 
lighting circuits supplied from the usual distribution 
transformer. 

Pmer Factor Improvement. One large eastern com¬ 
pany has installed a few pole-type static condensers at 
the load center of their distribution circuits. This 
practise may prove a very economical practise in a 
number of cases by postponing, for a few years, the 
building of a new circuit in a growing territory. After 
the new circuit is built and some of the load transferred 


from the old to the new circuit, the condensers may be 
removed to another circuit. 

It may also be shown that it is more economical to 
improve the power factor of some systems at the 
distribution feeder load center with special pole-type 
static condensers than to improve it sit the substation. 
Twelve circuits were studied assuming the pole-type 
condensCT cost $5.00 kv-a. more than substation cor¬ 
rective equipment. The extra annual charge was 
foxmd to be 67 per cent of the saving in P R loss from 
the substation to the load center. The location of 
standard condense equipments by the electric service 
company on the consumer’s premises would be some¬ 
what more economical, since larger standard outfits 
may be used at a lower cost per kv-a. 

Feeder Service Restoration and Maintenance. Con¬ 
siderable study is being given to a number of schemes 
to restore service on feeders quickly. The extensive 
use of automatic reclosing feeder equipments has ac¬ 
complished considerable in quicldy restoring service. 
The records of one large eastern company show that 
for a period of over a year, 68 per cent of the opwations 
tripped once, reclosed once and stayed in. On the 
second reclosure 11 per cent stayed in. These circuit 
trippings resulted in practically no interruption to 
service. This case indicates that there must be a 
remainda* of around 30 per cent in actual interruption 
to service on feeder circuits to be restored quickly by 
other means. Various automatic and remote control 
sectionalizing schemes are under consideration. 

One large middle-westan company proposes to try 
out a form of primary network shown in Fig. 16. The 
advantage gained by the use of this scheme over simple 
radial operation of feeders is the automatic preservation 
of service in case of a short circuit on a feeder cable. 
In case of a short circuit on a primary ring or its 
branches the service in that area is interrupted the same 
as it would be with radial feed. Under normal opera¬ 
tion advantage is gained in using the reserve feeder to 
carry load, in improved regulation, and reduction in 
losses. 


Discussion •. 

C. E. Carey* I wish to discuss one or .two details in Mr. 
Blake’s paper. He mentions primarily the single-pole pro¬ 
tective unit. He goes into detail and attempts to establish 
the justiflcation of the multiplicity of parts. However, the 
question of single-phase or sii^le-pole units cannot be separated 
from the whole network. Personally, I believe that the multiple 
unit is the real solution. We have seen that there are certain 
state laws requiring that we open the entire circuit, ra&er than 
allow an unbalance on the networks and produce inductive 
interference. It is much better, I believe, to clear the entire 
trouble as quickly as possible rather than take out one phase at 
a time. The three-pole unit will not occupy as much space in 
the manhole as three single-pole units. The automatio a-c. 
network protector is a device which does everything you can ex¬ 
pect it to do. It is designed to go into the standard 35-in. ^n- 
hole cover. The covers of the units are of aluminum, are Ifeht, 
and can be handled by one man. Furthermore, if inspection 
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of these devices is to be made the time consumed will be less with 
three-pole units than with three single-pole units. 

In regard to the translator, I believe that anything we put 
in to complicate the network is defeating the purpose of the a-c. 
system. The whole thing resolves itself back into continuity 
of service, simplicity, and low cost, and the only way we can 
arrive at that service with a reasonable cost is to trim it down 
to just the bare necessities. 

Practically everyone will agree that if we had it bo do over again, 
we would never put in a d-c. network. We have it, but what 
are we going to do with it? If we attempt to change to an a-c. 
network we are confronted with the cost of changing over the 
custonier*s equipment, which will be so high in some cases that 
the interest and other fixed charges on that additional cost will 
more than carry the high losses in the d-c. network. However, 
one solution is being used to bring the economics of the d-c. 
very close to those’ of the a-c. network, the use of the automatic 
substation. The automatic substation gives primarily the 
same type of distribution as the a-c. system, that is, high 
voltages to the converting stations and low voltage for distri¬ 
bution. The automatic substation is reliable and economical. 
A real analysis of the problem will often show that it is better 
to hold to the d-c. network, remove the concentrated manually 
operated stations, and distribute that conversion power over a 
network to a large number of small conversion stations, approach¬ 
ing extremely close to the transformers on the a-c. network 
in losses and other factors which come into the distribution 
problem, 

Henry Richters In considering a-c. secondary networks, 
it is well to recognize that the network systems mentioned by. 
the United Electric Light and Power Co. as used in New York 
City—and also those in New Orleans—use triple-pole auto¬ 
matic network units exclusively, and that similar systems and 
network units will shortly be in operation in Dallas, Memphis, 
Knoxville, and Atlanta. Minneapolis will install these units 
as the load grows, preparatory to forming a network. These 
comprise all the companies that have completed or started to 
construct a network like that of Pig. 2, using automatic network 
units. 

In practically none of the installations in these cities, where 
space might permit single-pole units to be installed, has it been 
necessary to add to the dimensions of new manholes in order to 
accommodate the triple-pole network unit; or to construct new 
manholes, or enlarge old ones, due to any extra space required 
because single-pole units were not available; or even to t?ake 
up space in an existing vault that could be ill spared. These net¬ 
works are considered justifiable only in heavily loaded areas 
'where the loads are too great to be supplied in the single-phase 
manner. Three-phase transformer banks are, therefore the 
rule, ranging in size from three 25-kv-a. single-phase trans¬ 
formers up to three 100-kv-a. transformers. The manholes 
and building vaults to accommodate such banks, to allow for 
growth of load, to ensure no excessive temperatures, and to 
permit proper racking and maintenance of cables, must be of 
such size that there is no lack of wall space for a triple-pole 
network unit. It is customary to locate this unit on the wall 
opposite that along which the three transformers are placed, 
and close to a corner of the manhole. In existing manholes 
having three-phase banks fdrmerly part of a radial primary 
and secondary system, the triple-pole network units can usually 
be put into the space formerly occupied by the large secondary 
junction boxes. In most cases, this space is not otherwise use¬ 
ful, for the network systems employing these automatic net¬ 
work units are so simple that nothing else is necessary in the 
manhole besides the transformers with or without small re¬ 
actors, the cables and the network unit. Further, it is an er¬ 
roneous idea that single-pole network units, particularly in a 
submersible housing, can be made so tiny that they can be in¬ 
stalled in any odd corners of a manhole. The desirability of 


giving them proper maintenance makes such procedure far 
from advisable even if they were so small. 

If it is desired to have the leads to the secondary mains leave 
the triple-pole network unit horizontally, to either side, it is 
extremely simple to provide a small terminal box where the 
outgoing leads emerge from the top of the submersible housing. 
This sipall box can have wiping nipples mounted horizontally 
at either side. The extra bend in the cable is thus eliminated. 
However, in none of the cities enumerated has this been neces¬ 
sary. Seven and a half feet is an average height for these 
transformer manholes as determined by good subway con¬ 
struction practise and even with a triple-pole network unit for 
a bank of three 100-kv-a. transformers there is no cramping of 
cables entering and leaving the housing. 

. When the triple-pole network unit was being designed, it 
was recognized that the submersible housing must pass through 
a certain minimum-size manhole opening. A country-wide 
survey was made and it was learned that the groat majority 
of companies have adopted 35-in. diameter round as the small¬ 
est opening for transformer manholes in existing or contem¬ 
plated construction. Apparently this minimum was governed 
by the dimensions of 100-kv-a., single-phase subway trans¬ 
formers. Accordingly the triple-pole units of all sizes were de¬ 
signed to pass through a 35-in. diameter round opening. In 
none of the six network cities mentioned (and together they 
are typical of all other cities) will it be necessary to rebuild the 
opening of any manhole to permit the unit to pass through; 
and careful investigation shows that in none of the cities where 
three-phase networks are being considered for the future will 
there be any difficulty in this regard. 

If it becomes necessary to rack cables along the wall back of 
the network unit, it is just as easy to mount the triple-pole 
unit on a pipe framework braced to the wall as for the single¬ 
pole unit, since the two types are not very different in depth. 
However, just as with junction boxes, subway oil-circuit break¬ 
ers and such apparatus, electric service companies do not con¬ 
sider this good practise in manholes. In only one case has a 
company mounted on a transformer tank a piece of auxiliary 
apparatus of such size as a single-pole network unit might be, 
and there the conditions are unlike those anywhere else in the 
country. In general, the place for such equipment is against a 
wall. 

Where subsurface conditions make it impossible to build a 
manhole for three transformers at any particular location in 
the street on a main thoroughfare, three solutions have been 
found to be applicable: (1) obtain a vault in the basement of a 
building; (2) install a manhole unddr the sidewalk, or (3) locate 
the‘manhole in the street as close to the desired location as 
possible. In almost no case has it been impossible to use one 
of these methods. Where the third method must be employed, 
the distance from the most desirable location is usually so 
short that the cost of the extra length of duct line is small com¬ 
pared with the extra cost of three smaller manholes over one 
larger one. It is also doubtful whether city authorities will 
permit subsurface obstruction at three neighboring points. 

The triple-pole network unit for manholes is constructed 
with a window of heavy, wired glass, amply strong, in the cover; 
this makes inspection of the principal parts easier than by taking 
ofl! the cover of a single-pole unit. If it is necessary to get at 
the parts inside, the time to remove the few extra bolts or lugs 
holding the cover on the triple-pole unit is negligible. The 
aluminum cover of the triple pole unit can be handled by one 
man without difficulty. 

The design of the single-pole unit to permit easy removal 
of the panel from the housing when it is desired to make re¬ 
pairs at the shop follows the identical idea that is incorjporated 
in the triple-pole network unit design. Similarly, right from 
the start, fuses have been installed on the panel of the triple¬ 
pole unit, in series with the outgoing leads, to make a separate 
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fuse box unnecessary. These last two points, therefore, do not 
apply exclusively to single-pole units. 

Tlie paper claims that the single-pole unit conforms with the 
method of single-pole switching inherited from the radial system 
of distribution. In a properly designed three-phase network 
.system single-pole switching is no longer necessary and may 
be abandoned. In a radial system it is better to have some 
liglit than no light, when trouble occurs on a feeder, and hence 
tlio vahie of single-pole switching. Networks are designed so 
tliat in no case will trouble on any feeder cause interruption of 
any service fed from the secondary network. Among such 
troll] )lt^s there must always be included the putting out of 
service of all throe conductors of a feeder, either by phase-to- 
])hase short circuit in a three-conductor cable, or, where three 
single-conductor primary cables ai*e in the same duct, by the 
melting down <if all the coiiduetors by a severe fault to ground 
on om< of thmn. It jnay even be necessary to provide for the 
possibility of a manhole firo taking two feeders out of service 
siniultaiH'ously. Thus, there is no necessity in complicating 
l-he .system to got the insurance that goes w'ith keeping two 
of tJie pha.st^s in service when the third goes out. One large 
compn-ny even plans to use three-phase regulators on three- 
pJiasi? |■(‘^Mh‘rs serving an important network, and some are 
thinking of using triplo-pole oil-circuit breakers at the station 
and 1.1iree-phase distribution transfonners where these can be 
])asse<l Ihrough the existing manhole openings. 

The jiapcT overemphasizes the importance of manhole installa¬ 
tions. While the dilficult conditions encountered in manholes 
must be mot and arc being met, it should be remembered that of 
a total of over 600 triple-pole network units that will be in oper^ 
tion by the end of this year, less than one third will be in 
inanhoh^s. 

Tln’<'<^ .siugle-j)ole units have three operating mechanisms in 
place of one for the triple-polo unit, and this means more parts 
to maintain. Throe units together have more surface to gasket 
than a triple-pole unit, which gives more chance for water to 
leak ill with any given type of construction. Three units also 
occupy a greater total space in the manhole, and every cubic 
foot is valuable. When the design of automatic network 
unit s was first under consideration, all these factors were weighed 
and t>he .single-pole typb was abandoned as inferior to the triple- 
])ole type. 

The simplest method of ensuring stable operation of regula¬ 
tors on feeders operating in parallel on a network^ does not require 
any extra apparatus such as the transformers T and reactors X of 
Fig. 3. It employs only a transfer switch, corresponding to 
switch^ for each feeder. This scheme was given a thorough 
test on the network system of the United Electric Light and 
Power Company, where it originated, and was shown to be 
entirely satisfactory. 

One of tho greatest problems in connection with secondary 
network.s is the type of combined light and power secondary 
system to employ. Mr. Parker has blazed the trail in an effort 
to devise some scheme whereby the advantages of the com¬ 
bined system may be obtained and the disadvantages of toe 
star connection avoided. It cannot be too strongly urged that 
others follow in his steps. However, it must be pointed out 
that the translator scheme may introduce disadvantages that 
outweigh those of the simple four-wire, star system, and these 
disadvantages may so handicap the development of toe net¬ 
work idea as to result in a loss to all concerned. 

In the star system of Fig. 4 the only voltage unbalance at 
tho motor terminals is caused by unbalance of load m the second¬ 
ary mams due to varying sizes of toe loads as encountered ^ong 
the street. This unbalance may be reduced to a negUgible 
amount by care in connecting two-wire and three-wire services 
on alternate phases. From toe analysis of the translator 
scheme it is evident that it may easily result in voltage un- 

~ Described in the Electric Journal, July. 1926. 


balances of at, least 10 per cent at the motor terminals. For 
the same per cent voltage unbalance on a motor as per cent 
voltage reduction, both the heating and starting torque are 
affected to a worse degree in the case of the unbalance. Hence 
the effect on motors would be worse with the translator scheme 
than by operating them at 199 volts on a 115/199-volt star- 
connected secondary. 

Adding extra transformers on other phases to obtain a better 
balance of voltage where power loads are frequent not only 
increases the number of transformers on the system, but also 
calls for larger or more manholes to house them. This would 
materially cut down the savings in transformer capacity gained 
by the diversity that networking makes possible. 

Where the 115/199-volt star-connected secondary system is 
employed it has been necessary to use auto-transformers on not 
more than 15 to 20 per cent of the motors connected to the system 
in order to supply satisfactory voltage. On toe basis of power 
load equal to half the lighting load these autO-transformers repre¬ 
sent less than 7 per cent of the capacity of the secondary system. 

If the translators, equivalent in capacity to toe total capacity 
of toe secondary system, cause an increase of investment aver¬ 
aging 10 per cent of the entire distribution system cost, the 
auto-transformers necessary to ensure satisfactory operation of 
motors on a star system involve an increase in investment of 
less than 0.7 per cent. 

The unbalance of current for the case of power load half toe 
lighting Ipad requires that the wire carrying toe maximum cur¬ 
rent in the translator system use about 60 per cent more copper 
than for the star system. It would be highly inadvisable to 
’ proportion the size of the three-phase wires in the translator 
scheme according to the loads in those wires, because toe sizes 
would have to-be changed from block to block all over toe system, 
and this would complicate the system even more than by adding 
the translators. Hence all secondary wires would be as heay 
as the largest one, and this might mean a 60 per cent increase in 
the total amount of secondary copper required. Where 500,000- 
cir. mil copper is taken as the largest size, the extra copper 
would in many oases require a second main and duct. To these 
extra costs must b'e added those of the translators, value of man¬ 
hole space they would occupy, and losses in secondaries and 
translators. Even the seven-wire, separate-light-and-power 
secondary system would not cost more and would be simpler. 
The increase in cost due to aU these items might easily overcome 
any saving gained by combining power and light mains and 
defeat toe very purpose of the translator scheme. 

If toe electric service companies want to inconvenience the 
fewest number of customers using a star-connected system, 
they wiU adopt toe 115/199-volt three-phase system, as only 
the polyphase motor users will be affected. In the few oases 
where tests show insufficient voltage, the simple auto-trans¬ 
formers can be employed to boost the voltage. In Memphis, 
a 115/199-volt system of this kind has been in operation for 
over ten years and the customers are entirely satisfied. In 
Rochester, for several years, light and power loads in toge build¬ 
ings downtown have been supplied by 120/208-volt transfoi^er 
banks in toe basements and, even though motors up to 40 h. p. 
are connected at toe end of long risers and no auto-transform- 
ers are employed, the customers praise toe service. 

It must be recognized that for most systems an a.^. network . 
system, even though fed at 13,200 volts, is just a little less than 
h^ the annual cost of a d-c. system and harffiy less than 80 
per cent of the cost of an a-c. radial system. These ratios have 
been checked independently by the engineers of five large m- 
terns. Hence, we would be deceiving ourselves as to the eco¬ 
nomic value of the translator scheme for it introduces such 
elements of additional cost as would wipe out the balance now 
in favor of arC. networks. 

The control of multiple street lamps or pol^monnting, oon- 
stant-ourrent transformers supplying senes street lamps, by 
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means of carrier current over the primary feeders, will represent 
a great step ahead. One company has tried out such a system, 
but the operation has been faulty and the relay units on the 
poles are of such nature as to be relatively expensive. The 
sender at the substation is also complicated. Another com¬ 
pany has developed a simpler form of relay unit, and tests of a 
number of these, equivalent to at least a full year’s service, have 
proved them satisfactoi^. This relay unit is compact, substantial 
and inexpensive. The sender unit is also simple and strongly 
built. 

M, T. Crawfords Mr. Blake’s paper refers to a method 
shown in Fig. 5 of which the title is “New Connection of In¬ 
duction Regulator Circuits to Eliminate Circulating Currents.” 
I think I am correct in stating this connection has been used 
recently by our company in our new Union Street substation 
and has proved very successful in regulating 4500-volt feeders 
in a multiple-feed network. One practical point in connection 
with it has been that some means has been found desirable to 
automatically disconnect the regulator control circuit on low 
voltage, so that regulators will not assume, during system trouble, 
different positions after fluctuations. I mean by that if a short 
circuit comes on the transmission network, and the voltage of 
the system as a whole oscillates back and forth, perhaps reaching 
very low values for brief moments, there is a tendency for the 
regulators to attempt to follow these voltage variations up and 
down. By the time matters have settled down again, some of 
the regulators are in one position and some in another, due to 
their slightly different characteristics. That has resulted at 
times in tripping out of network switches on the underground 
distribution system due to reverse flow of power for brief periods 
from one feeder into another where the voltage conditions were 
slightly different. By the simple expedient of providing a low- 
voltage release on the regulator control circuit, this trouble has 
been eliminated. The operator at the substation can reset the 
control circuit after the system has quieted down to normal. 

The translator referred to is a very clever development. The 
Puget Sound Power and Light Company’s underground dis¬ 
tribution system employs single-phase, thtee-wire mains for 
lighting and alternate blocks with longitudinal alleys are placed 
on alternate phases, so the first alley is on one phase, the second 
alley on another, and so on. By that method the phases are 
relatively well balanced at the substation. In places, we have 
recently installed a fourth wire paralleling the single-phase, three- 
phase mains to provide small polyphase service. The result has 
been three-phase, four-wire mains in each alley similar to the 
ones referred to by Mr. Blake, and the respective alleys in the 
same phase relation as those shown in his diagram. 

The translator, therefore, in our case offers something to look 
forward to as a possibility of permitting interconnection of the 
three sets of secondary mains for purposes of phase balancing or 
load protection if it should be found desirable. However, 
the addition of apparatus is always to be very closely scrutinized, 
and its necessity must be proven before it is added, as the sim¬ 
pler a system is, the better the service will always be. 

A* H. Kehoe (communicated after adjournment): Regard¬ 
ing Mr. Blake’s discussion of single-pole versus three-pole 
a-c. subway network switches I consider the proper switch to 
use is the qne which will give minimum cost over an extended 
period. The cost of revising a few existing locations will be 
negligible on the total installation cost. Tripping and closing 
elements in these switches represent a major item of cost and 
single-pole units will nearly triple this cost for each installation. 
Space, that is, cubical contents, naturally will be less in a three- 
pole unit than in three single units. These conditions seem to 
make the three-pole unit the one to be adopted generally. 
However, I do not favor certain of the existing three-pole switches 
of the so-called “battleship” construction. If the principal 
installation advantages set up by Mr. Blake for single-pole 
switches are used are specifications for three-pole switches, none 


of the latter’s many advantages need be considered except the 
greatly reduced cost. 

Under operating advantages there are several references to 
separating the phases either in the physical location or for opera¬ 
tion of the transformers. I believe this is a case of confusing 
what can be done with what is likely to be done. It is possible 
to separate phases in three transformer vaults but it is probable 
that one vault three times as long will be cheaper and better if 
polyphase load is to be supplied. The system of polyphase 
secondary distribution is primarily for better universal utili¬ 
zation of electric service, as methods of balancing are now suc¬ 
cessful without it. However, that balanced polyphase loads 
are desirable at all points on a system, is a design axiom. All 
progress up to this time points to polyphase rather than single¬ 
phase distribution transformers for ultimate use. If the stand¬ 
ard three-wire, single-phase system is taken as analogous to 
the polyphase system, it is evident that two single-phase, two- 
wdre transformers could be placed in separate transformer vaults 
supplying a three-wire system. This is not likely to be found, 
however, in standard practise as all the capacity is found in one 
unit and a vault is built to take this larger unit, as this design 
gives minimum cost. I believe similar conditions will hold as 
the polyphase system develops. 

Concerning the operating situation with radial distribution, the 
single-pole substation switches had economical advantages which 
could be charged to reliability. Since, in network distribution, 
there must be, and is always, sufficient reserve on each phase 
to allow for a failure of that phase, in each locality where it exists 
it is certain that the remaining phases will have sufficient re¬ 
serve capacity to be eliminated in case of fault. Such operation 
does not have any effect upon service which can be equated 
against the increased cost, when the money, if necessary, could 
be expended to obtain an increased reserve upon all phases so 
that the particular phase in trouble would benefit by having a 
greater reserve. I doubt whether single-pole network switches 
are proper even with those systems already operating with 
three single-pole smtches on four-wire, 4000-volt service, as new 
load will cause a higher voltage supply to be used than 4000 
volts. It is possible to superimpose the new load on to the 
existing system and avoid the double transformation which is 
otherwise required. 

Mr. Blake describes a method of cross-current compensation 
as the “most promising.” It is, however, neither simpler nor 
easier of installation than others now in use. The several such 
connections should be given consideration before applying a 
definite arrangement to a particular system. The method de¬ 
scribed makes constant current and power factor the major 
considerations, while constant service voltage becomes a second¬ 
ary one. Constant and correct service voltage is one of the 
most important elements in the business. While the network 
insures reliability ancj better voltage regulation than on radial 
systems this latter should not be compromised unnecessarily. 
It seems to me to be preferable to design the system for proper 
balance of load and have the regulating equipment give proper 
voltage under all conditions. The connection proposed does 
the opposite. Applying such a connection to a number of long 
feeders on an extended network makes other connections prefer¬ 
able due to the voltage variation under the ordinary load shifting. 

It should be noted that a distribution network does not simu¬ 
late a bus in respect to voltage or to concentration of load as 
indicated in Pig. 3 of the paper. 

I fail to find in the translator description any reference to 
the use of this connection on certain distribution transformer 
secondaries to join and supply the different mAins. If such a 
device ever has a practical application I believe it will be neces¬ 
sary to make it up in such a form, rather than as an auto-trans¬ 
former, owing to cost and losses involved. Mr. Blake’s state¬ 
ment that each section of secondary mains on a Y-conneoted 
system is not likely to be well balanced is not in accord with the 
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purpose of adopting polyphase distribution. In some existing 
installations a certain amount of unbalance may exist due to 
the utilization having been designed for three-wire, single-phase 
scu’vice, but new installations are easily balanced and it is only 
iji districts where growth of loads occur that any considerable 
amount of three-phase, four-wire mains are likely to be installed. 

D. K. Blake: Mr. Carey questions the application of the 
single-pole switch. Mr. Richter’s discussion also differed as 
to the application of the single-pole switch. It is recognized 
that the objection to the multiplicity of units for maintenance is 
valid. It is also recognized that a number of large companies 
will be able to utilize building and sidewalk space and, there¬ 
fore, for these places the triple-pole switch is preferable. In 
the synopsis of the paper is this statement: “The circum¬ 
stances which make single-pole switching preferable are out¬ 
lined.” It was my impression that there was a similar state¬ 
ment in the text, but on reading it over I notice there is not, 
and, therefore, some wrong conclusions might be drawn be¬ 
cause of this omission. In his discussion Mr. Richter seemed 
to deny that these circumstances exist at all. He mentioned 
tlie cities where the large SAvitches are being used. I agree with 
him that the triple-pole switch is preferable in these cities with 
one exception. Mr. Richter’s references to the design of the 
Hwitches indicates he misunderstood the paper. No exclusive 
features are claimed. To include all of these features in a triple¬ 
polo switch presents serious difficulties which are expensive to 
overcome. The operating advantages of single-pole switching 
may be questionable. Some engineers believe it desirable. 

Mr, Richter mentions that the transfer switch shown in the 
JUeciric Journal, July 1925, corresponds to switch S shown in 
Fig. 3 of my paper. Switch S is a single-pole auxiliary switch 
whereas the transfer switch consists of four auxiliary switches 
or else one auxiliary switch to control an electrically operated 
double-polo double-throw switch. The cross-connected scheme 
is not as simple indts operation. All regulators are not ad¬ 
justed at the same time according to the amount of circulating 
current passing through them but adjustment is obtained in 
a sequence. Mr. Kehoe’s statement that the proposed con¬ 
nection does not “give proper voltage under all conditions” 
is not clear to the author. The line-drop compensator in each 
f<Seder maintains constant voltage at the load center with vary¬ 
ing load. The impedances of the feeders may be different; 
some feeders may be long and some short. The proposed con¬ 
nection, by substituting a phase shifter at T, can also be used 
with three-phase regulators which is not true of other connec¬ 
tions now in use, 

I want to thank Mr. Crawford for telling us of his experience 


with the new regulator connection. We shall have to learn 
something about the operation of this connection on the systems 
where we use the sensHive reverse-power relay. I. am glad to 
learn that Mr. Crawford has found a simple way of correcting 
the trouble. 

It is not evident to the author why the translator system “may 
easily result in voltage unbalances of at least 10 per cent at the 
motor terminals.” The translator system is simply the tying 
together of four-wire combined light-and-power mains which 
are supplied by delta-connected transformers. The unbalance 
on these mains is due to the lighting load on one phase and since 
this is limited to 3 per cent regulation that is also the extent of 
the unbalance on a 230-volt circuit. Heavy power loads are 
usually supplied with individual transformer banks and, there¬ 
fore, it is not evident why larger or more manholes are necessary 
for this purpose on the translator system. 

The translator system may be used Avith single-conductor 
• cable with two of the phase Avires laiger than the third—^just 



as is done in radial practise. These sizes would not have to be 
changed from block to block but Avould be uniform over the 
system. The case of power load equaling half the lighting load 
required that the vnre carrying the maximum current in the 
translator system use about 34 per cent more copper than for 
the star system instead of 60 per cent as given by Mr. Richter. 

Mr. Kehoe refers to a scheme using transformer secondaries. 
Such a connection is shown in Fig, 1, hereAvith, utilizing four 
standard distribution transformers. The main objection to 
this system is that it is tied up with the primary feeder making 
it necessary to pro\dde two triple-pole network sAvitches for pro¬ 
tection. The translator is independent of the primary voltage. 
The fourth transformer is greater in kv^-a. rating than the trans¬ 
lator and very much more expensive in case of 13,200-volt or 
11,000-volt primaries. The fourth transformer should be 
located in the same manhole with the other three while^ the 
translator may be located where convenient. Part of the light¬ 
ing load is supplied from opeii-delta connections. 


Report of the Board of Directors 

FOR THE FISCAL YEAR ENDING APRIL 30, 1925 

The Board of Directors of the American Institute of Electrical Engin^rs presents herewith to the member¬ 
ship its Forty-first Annual Report, for the fiscal year ending April 30,1925. A general balance sheet showing 
the condition of the Institute’s finances on April 30, 1926, together with oth^ detailed financial stat^ents, 
is included herein. The following is a brief summary of the principal activities of the Institute during the 
year; more detailed information .has been published from month to month in the Institute Journal. 

Directors’ Meetings.— The Board of Directors in Electrical Engineering.” This part of the meetog 
held nine meetings during the year; seven were held was held under the auspices of the New York Section, 
in New York and one each in Chicago, Ill., and St. Annual Convention. —^The Fortieth Annual Con- 
Louis, Mo. vention was held at Edgewater Beach, Chicago, Ill., 

Information regarding the more important activities June 23 to June 27, 1924. Seven technical sessions 
of the Institute which have been under consideration were held including parallel sessions on three mornings, 
of the Board of Directors, the committees, and the Thirty-two papers were presented. One session was 
various officers, is published each month in the section devoted to standardization induding reports by sub- 
of the Journal devoted to ‘‘Institute Activities.” committees of the Standards Committee. The ent«:- 
President’s Visits.-During his term* of office, tainment provided included sightseeing and inspection 
President Osgdod has presided at the principal con- trips, golf, tennis, dancing, cards, etc. The attendance 
ventions of the Institute in Pasadena, New York City, wasaboutlOOO. Theann^ conferences of the Sections 
and St. Louis. In addition he. has visited, and ad- Committee were held on Monday, occupymg the entire 
dressed, the members of numerous Sections and other day and evening; forty-two Section were represent^, 
engineering groups throughout the country, his itinerary A report of the conference was published in pamphlet 
having included Vancouver, Seattle, Spokane, Port- form- 

land, San. Francisco, Panama, Havana, New York, Pacific Coast Convention.— The Thirteenth Pa- 
Boston, Lynn, Pittsfield, Troy, Rome, Syracuse, cific Coast Convention was held at Pasadena, Cal., 
Schenectady, Philadelphia, Washington, Atlanta, St. Octobw 13th to 17ih, 1924. Eight technical sessions 
Louis, Milwaukee, and Madison. He has also ad- were held at which twenty-six pap^ were presented, 
dressed meetings of engineering students at California The total attendance at the convention was 363. 
Mtute of Technology, Leland Stanford Jr. Univer- Midwinter Convention.— The Thirteenth Mid- 
sity, Massachusetts Institute of Technology, • Uni- '^dnter Convention was held in New York, N. Y., 
versity of Pennsylvma, Rensselaer Polyte^nic Insti- February 9 to 12th, 1926. Twenty-five technical 
tute, Syracuse University, and the University of papers were presented at six sessions. Among events 
Wisconsin. of particular interest were the ceremonies in connection 

Other meetings that President Osgood is scheduled with the presentation of the Edison Medal to John 
to attend in May and June are: Regional Meeting, White Howell, the Smoker, and the numerous in- 
Swampscott, May 7-9; Cleveland Section, May 21; spection trips. Registration reached approximately 
Utah Section and Utah Engineering Council, Salt 1500 . 

Lake City, May 26; Society for the Promotion of Spring Convention. —^The Fourth Spring Con- 
Engineenng Education, Scffienectady, June 16; Annual vention was held in St. Louis, Mo., April 13th to 17th, 
Convention, Saratoga Springs, N. Y., June 22-26. 1925. Seven technical sessions were held and twenty- 

Meetings. —The policy of holding in addition to the six papers were presented. The attendance was 700. 
Annual business meeting four general meetinp of the Regional Meetings.— During the year two 
Institute each year was continued. The meetings held meetings of a new type were held. These were the 
were as follows: Annual, Pacific Coast, Midwinter, Conventions or Regional meetings of District No. 1 
and Spring Conventions. and District No. 2 held respectively at Worcester, 

Annual Meeting. —^The Annual Business Meet- Mass., June 6th and 6th, 1924, and Washin^n, D. C., 
ing was held at Institute headquarters. New York, on January 23rd and 24th, 1925. These Regional meet- 
May 16,1924. The Annual Report of the Board of Di- mgs were planned and carried out by the Sections 
rectors for the fiscal year ending April 30,1924, was pre- located in the respective Districts through suitable 
sented. The Tellers Committee made its report upon District Committees organized in each case under the 
the election of officers for the administrative year begin- guidance of the Vice-president of the district. The 
ning August 1,1924. Meetings and Papers Committee cooperated in obtain- 

FoUowing the business meeting President Harris ing many of the technical pap^s presented. These 
J. Ryan gave a lecture on ‘‘The Atmosphere as a Factor Regional Meetings are likely to increase in accordance 
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with the policy of decentralization formulated by the 
Officers of the Institute and of the various Districts 
and Sections. 


Abstracts of the reports of the chairman of many of 
the Institute committees and delegations are included 
herein under various headings. 


Meetings and Papers Committee.—The Meet¬ 
ings and Papers Conunittee during the past year has 
concerned itself with carrying to completion work so 
well started by the last committee including formu¬ 
lation of policies and procedure. The Committee 
has seriously studied the possibilities of regional con¬ 
ventions at the request of the Board and has formulated 
a policy with respect to the preparation of papers and 
programs for these meetings. This policy in brief 
recognizes the regional meetings as accepted Institute 
practise, places responsibility for the initiation of the 
meetings and the papers on the re^onal organizations, 
outlines a scheme of regional committee organization 
for cooperating successfully with the national com¬ 
mittee organization, and endorses ihe principle that 
regional and sectional papers are eligible to the same 
treatment as papers presented at national conventions. 
As worked out with respect to the regional meetings in 
Districts No. 1 and No. 2 this year this policy has 
produced good results and the regional meeting promises 
to be a permanent feature of Institute activities in cer¬ 
tain districts. 

The national conventions of the year were outlined 
and the programs were prepared with the idea of re¬ 
ducing the number and improving the quality of papers, 
securing diversity in topics treated, and obtaining good 
discussions. The first meeting of the year in Pasadena 
was unusually successful as it had a large and well 
diversified program and an attendance of members 
from all parts of the country. The cooperation of the 
local committee on the Coast enabled the Meetings and 
Papers Committee to help greatly in making the con¬ 
vention successful. 

The Midwinter Convention in New York was notable 
for the high-grade papers presented, the good discus¬ 
sions, and the absence of parallel sessions. 

The Spring Meeting in St. Louis embodied a well 
diversified program dealing very largely with applica¬ 
tion aspects of electrical engineering. A notable 
feature of this meeting was the papers and discussions on 
modern power stations. 

In the light of developments during the year it would 
seem that the present arrangement and number of 
conventions of the Institute meet the needs of the 
members, provide an adequate outlet for the technical 
paper production, and meet the budget requirements 
as to expenditures. A judicious culling of papers and 
scheduling of papw^s at more tibah one meeting solves 
the publication problem and gives betto- discussion, and 
the development of region^ meetings permits of a 


selection and a scheduling of papers with greater 
flexibility than has hitherto existed. The cooperation 
of the Meetings and Papers Committee with Sections 
and Geographical Districts has been continued and 
developed. 

It seems that the Institute organization and plans 
for the cooperation necessary to obtain good papers and 
programs at all Institute meetings are perfected and 
only constructive work along present lines is required to 
maintain the present degree of excellence in this aspect 
of Institute activity. 


Publication Committee. —^The principal task of 
the Publication Committee is that of manag ing the 
publication of the Journal, the Transactions, and 
pmodical indexes. 

The views of the Institute's officers and members 
relative to publication polici^ have been developed 
through a series of more or less related conunittee 
actions. 

The Committee on Development, of -1919, in its 
Report presented various constructive suggestions 
which have enabled us in the main to meet the wishes of 
the majority of the members. Broad consideration was 
given to publication problems by the Editing Com¬ 
mittee of 1919, and by a committee of tiie Section 
Delegates at the Swampscott Convention of 1923. 

Regulations adopted by the Publication Committee, 
approved by the Executive Committee, were published 
in the October, 1923, Journal. With practically 
negligible complaint the policies announced at that 
time have been continued. 

It is difficult to print an equal numba* of pages of 
reading matter in each monthly issue of the Journal, 
but the endeavor has been to limit the amount to about 
eighty pages of technical material, and twenty pages of 
all other material, including “Institute and Related 
Activities.” Appropriation of funds for publication of 
the Journal is made on this basis. 

In September, 1924, it became necessary to take 
advantage of the authority to abstract thelongerpapers, 
without invalidating the rule that every paper presented 
at a meeting shall have full publication in pamphlet 
form, in the Journal, or in the Transactions. 

It was so managed that all of the papers presented at 
meetings during the year 1924 wCTe printed eitho* in 
full or in abstract in the Journal by the dose of the 
year 1924, so that the January 1925 and following issues 
of the Journal were available for the printing of 
papers presented at the Midwinter Convention, 1926, 
and at subsequent meetings. 

The dates of publication of discussion have been 
advanced considerably, thus bringing the dates of 
publication of papers and discupions cIosot together. 

All papers presented at Regional meetings of the 
Institute are considered for publication pn the same 
basis as papers presented at National meetings. 

Rapid progress is being made in preparing for early 
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publication an Index to the Transactions covering the 
years 1911-1921, inclusive. The determination of the 
end of the period covered was made in view of the fact 
that the Index should conform in book size with that of 
the Transactions of that period. The size of the 
Transactions page was changed to imiformity with 
the Journal page beginning with January, 1922. 

The Publication Committee welcomes communica¬ 
tions from the membership bearing on publication 
mattCTS and the character of the Journal. All such 
communications receive careful attention at meetings 
of the committee. 

Sections and Branches. —The great increase in 
Institute membership during the last few years and the 
wide distribution of that membership has necessitated 
the development of plans providing for participation 
in A. I. E. E. activities of that large portion of the 
membership who, because of their location, cannot 
conveniently attend the national meetings. The Re¬ 
gional Meetings which have been held at Worcester, 
Mass., Washington, D. C., and Swampscott, Mass., (the 
latter having been hdd May 7-9, 1925) are indicative 
of this development. The more thorough organization 
and the activity of District Executive Committees and 
a closer afhliation of all Sections with the national 
Meetings and Papers Committee, are still otha* steps 
in that direction. Each year these problems on Section 
developments are thoroughly discussed at the Sections 
Committee Conference during the Amnual Convention. 
During the year two new Sections have been authorized, 
Nebraska and the Niagara Frontier. 

A similar development of Student Branches has also 
occurred with plans under way for a more effective 
supervision and direction of their work. New Branches 
were authorized at New York University, South 
Dakota State School of Mines, and Missouri School of 
Mines and Metallurgy. 




For Fiscal Year Ending 


May 1 
1919 

May 1 ‘ 
1921 

May 1 
1923 

May 1 
1925 

SECTION 





Nmnber of Sections. 

Number of Section meet- 

34 

42 

46 

49 

ings held. 

217 

303 

344 

386 

Total Attendance. 

25.837 

37,823 

46,672 

49,029 

BRANCHES 





Number of Branches. 

Number of Branch meet¬ 

61 

65 

68 

82 

ings held. 

156 

443 

503 

548 

Attendance. 

6,441 

21,629 1 

26.893 

27,003 


Standiurds Committee. —During the past year, the 
Standards Committee has made great progress in the 
revision of the Institute’s standards. Five sections 
of the revised standards have been adopted by the 
Board of Directors and the work on numerous other 
sections has been carried so far along that it is expected 
before the end of the. Institute year the revision will be 
substantially complete as Regards sections dealing with 


types of apparatus or branches of the art which are 
covered in detail in the 1922 Standards of the Institute. 
With the issuance of these sections a large amount of 
work will remain in the completion of additional sections 
covering standards for other types of apparatus or 
branches of the art; these are now in course of prepara¬ 
tion, or are contemplated in the general scheme of the 
revision of the Institute Standards. 

The Standards relating to each type of apparatus 
are condensed into a small pamphlet making it im¬ 
mensely easier to determine beyond doubt what are 
the standards applying to that type of apparatus, a 
determination which, with the growth of the Institute 
Standards in their old form to a sizable voliime, had 
become a task, in spite of an excellent index. 

Furthermore, the subdivision of the Standards has an 
essentiaT effect on the case with which they can be 
revised, it being now possible to make revisions in the 
Standards dealing with each class of apparatus, with¬ 
out involving changes in a large book. 

Perhaps the most important effect of the revision, 
however, is the extent to which it facilitates cooperation 
with other organizations interested in electrical 
standardization. There is no other single organization 
actively interested in all of the Institute Standards 
as the Institute alone covers broadly the field of 
electrical industry. However, with regard to almost 
any individual section of the revised Standards, there 
are one or more organizations doing standardizing 
work in an allied field or so closely identified with that 
field, as to form desirable co-partners with the Institute 
in the formulation of standards. The revised Standards 
contain a large amount of new material of value and 
there are induded standards for types of apparatus 
covered slightly or not at all in the earlier work. Out¬ 
standing examples of this are the standards for insu¬ 
lator tests, the standards for electrical measuring 
instruments, and the standards for arc and resistance 
welding apparatus. 

During the year the Standards Committee has con¬ 
tinued its work incoordinatingthenumerousstandardiz- 
ing activities of the Institute. The Institute is sponsor 
for nine projects organized under the rules of the Ameri¬ 
can Engineering Standards Committee and has repre¬ 
sentation on twenty-three additional committees. 
The Standards Committee works also in very dose 
cooperation with the U. S. National Committee of the 
I. E. C., and has done a large amount of work preparing 
information for the guidance of the delegates at the 
Hague Meeting in April of this year. Attention has 
been given by the Standards, Committee to the dosest 
possible coordination between its work and that of the 
technical committees so that the Standards Committee 
might take advantage of all suggestions which the 
technical committees could make as to desirable fields 
and scope of new standards in accordance with the 
reconamendations of tiie Committee on tiie Review 
of the Technical Activities of the Institute. 
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The present organization of the Standards Committee 
was set up by the Board of Directors in 1922 in view of 
the increase in complexity of the standardization work 
in which the Institute is directly concerned, in order to 
to bring about a complete coordination of the Institute’s 
standardizing activities. This is carried out by having 
on the Standards Committee representatives of all the 
different standardizing committees or commissions in 
which the Institute is cooperating. These organiza¬ 
tions are now 68 in number and include in their member¬ 
ship a total of over 900 men, not excluding as duplicates 
men who are on more than one committee. In order to 
enable this large committee to function efficiently, the 
administrative work is carried on by a small executive 
committee. It is believed that this organization is 
admirably suited to the requirements of the present 
situation and has resulted in excellent progress in the 
Institute’s standardizing work. 


American Engineering Stjuidards Committee.— 

The American Engineering Standards Committee 
which was organized in October 1918 by the A. I. E. E. 
and four other societies serves as a national clearing 
house for engineering and industrial standardization, 
and provides an information service on engineering and 
industrial standardization matters. The ultimate re¬ 
sponsibility for and control of the work rests with the 
organizations whose representatives constitute the 
Committee. 

The American Engineering Standards Committee is 
primarily for the purpose of insuring adequate pro-' 
cedure in the formulation of standards and establishing 
rules that must be observed by the cooperating bodies 
in order that the approval of the Committee may be 
given. 

Thirty-two national trade, technical, scientific, and 
regulating organizations are now cooi)©rating bodies; 
a total of 160 projects in different-fields have official 
status, 19 of these having been approved as American 
Standard,and41,asTentativeAmericanStandard. The 
Institute is sponsor or joint sponsor for nine projects as 
follows: Safety Code for Elevators, lightning protec¬ 
tion; rating, of electrical machinery, wires and cables, 
symbols for the electrical equipment of buildings, 
electrical properties of aluminum, electrical installa¬ 
tions on shipboard, scientific and engineering ab¬ 
breviations and symbols, and radio. The Institute is 
also participating in 18 others by representation on 
Sectional Committees of other sponsors. The Institute 
is also participating in the revision of two important 
electrical codes,, the National Electrical Code and the 
National Electric Safety Code. Agreement has been 
reached to undertake the unification of overhead line 
material, induding certain classes of insulation, and the 
unification of specifications for poles, bare and insulated 
copper conductors, in which work participation by the 
A. I. E. E. will also be given. 

In carrying out the work of the Conunittee an in¬ 


formation service has been established. A complete 
file of American and foreign standards is being gradually 
compiled and is available to the Institute and its 
Standards Committee. Close cooperation is main¬ 
tained with foreign organizations which is of value to 
the A. 1. E. E. in lines not covered by the I. E. C. 


U. S. National Committee of I. E. C.— The 

past year has been a very active one for the U. S. 
National Committee, inasmuch as a meeting of the 
Advisory Committees of the I. E. C. was held in 
London, July 15th to 18th, 1924. The U. S. National 
Committee was represented at this meeting by the 
following delegates: C. L. Collens, E. C. Crittenden, 
L. L. Elden, H. M. Hobart, A. E. Kennelly, C. 0. 
Mailloux, Cla 3 rton H. Sharp, C. E. Skinner. 

A considerable amount of very important work was 
transacted at this- meeting. An extensive report on 
this has been prepared and is available at A. I. E. E. 
headquarters. 

It was arranged at the London meeting of the Com¬ 
mittee on Action, held subsequent to the meetings of the 
Advisory Committees, that the next meeting of the 
Advisory Committees should be held in The Hague, 
April 16th to 23rd, 1925. 

Preparation for this meeting and for representation 
by a suitable delegation has involved a large amoimt of 
work on the part of the U. S. National Committee. 
The Standards Committee of the A. I. E. E. has been 
particularly helpful in preparing matter for submission 
to the U. S. National Committee., 


U. S. National Committee International Com¬ 
mission on Illumination. —The past year has been 
an important one for the U. S. National Committee, 
I. C. I., inasmuch as a plenary session of the Com¬ 
mission was held in Geneva, Switzerland, July 22nd 
to 25th, 1924. The meeting was attended by a num¬ 
ber of prominent A. I. E. E. delegates. 

The work of this Commission is divided into two 
parts. One consists of papers and the other in the 
adoption of standards. It is gratif 3 dng to note that 
at Geneva the Commission adopted a number of the 
proposals laid before it by the U. S. National Committee 
and that this Committee was represented' also by 
some very able and interesting pap«-s.. The meetingwas 
reported in the October 1924 Journal of the Institute. 

One gratifying conclusion which the Commission 
reached was to hold its next plenary meeting in the 
United States in 1927. In the meantime the work of 
the National Committee is being directed tow^d the 
development of a representative and creditable pro¬ 
gram for this first American meetiug of the Commission. 

Committee on Safety Codes. —^The Committee on 
Safety Codes of the American Institute of Electrical 
Engineers is made up of representatives of the Institute 
assigned to cooperate with various standardizing 
committees in matters relating toNational Safety Codes. 
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The chief work of the committee during the past 
year has been in connection with the revisions of the 
National Electrical Code. The Institute has been 
represented on the Electrical Committee of the National 
Fire Protection Associsition and has assisted in the 
revision of the Code through its representation on that 
Committee and on its various technical sub-committees. 

The Institute will be represented by regularly ap¬ 
pointed delegates at the annual meeting of the National 
Fire Protection Association, to be held in Chicago in 
May, at which time the recommended changes in the 
Code will be considered for adoption. 

American Committee on Electrolysis.—^The 
American Committee on Electrolysis has been practi¬ 
cally inactive during the past year, pending the decision 
by the various organizations represented on the Com¬ 
mittee regarding the continuance of the work. 

The expectation outlined in April 1924, to the effect 
that these organizations would financially support the 
work of the Committee, has not been realized, although 
a majority of such organizations are in favor of suA 
support. As a result the work of the main Committee 
has been inactive, although the work of the Research 
Sub-Committee has gone forward as well as it could 
without such financial support. 

Technical Committees. —Reports on Technical 
Committees embracing an outline of the year’s work 
and a summary, of progress in the industry will be 
presented at the Annual Convention and printed in the 
Journal. 

Membership. —The results of the Membership Com¬ 
mittee’s efforts this yearareshowninthefoUowingtable: 



Honorary 

Member 

Fellow 

Member 

Associate 

Total 

Membership, 

April 80,1924. 

6 

594 

2,359 

13,496 

16.455 


Additions: 

Transferred. 


11 

64 



New Members Quail- 
fled. 


1 

80 

1,901 

61 


Reinstated. 


3 

7 







Deductions: .% 

Died. 

2 

7 

13 

62 


Resigned. 


3 

23 

316 


Transferred. 



10 

65 


Dropped..... 


2 

28 

734 





Membership, 

April 30,1925. 

4 

597 

2,436 

14,281 

17,318 


Net increase in Membership during the year. 863 


Deaths.—The following deaths have occurred during 
the year : 

Honorary Members: C. E. L. Brown, Oliver Heavi¬ 
side. 

FeUows: Henry M. Byllesby, Henry J. Crowley, 
John L. Harper, James A. lighthipe, Charles B. 
McLeer, Charles 0. Poole, Hubert S. Wynkoop. 

Members; Lawrence Birks, Fred A. Bryan, Earnest 
L. Buttler, Patrick B. Delany, Henry C. Egerton, 


Frederick A. Hall, Walter E. Harrington, Arthur Jacob, 
Nathaniel S. Keith, Benjamin G. Lamme, T. Com- 
merford Martin, Harry F. Randolph, F. J. T. Stewart. 

Assodaies: Chester T. Allcutt, August Andrew, 
John R. Bainton, Charles H. Baker, Charles L. Baker, 
Ferdinand N. Bechoff, Ernest F. Bliss, William W. 
Bradfield, Harry Bnms, William T. Bums, Gordon 
Cameron, James G. Cockran, James A. Crawford, 
Edward H. pe Witt, John M. Elwell, James B. Foote, 
Eugene Frank, John M. Frase, William H. Funk, 
Thomas A. Furlong, Edward R. Gorman, George H. 
Groenke, Joseph M. Harrison, Lafayette B. Hedge, 
William E. Holcombe, Theodore R. Johansen, Henry 
H. Lyon, James E. Macauley, Elmer K. McDowell, 
George S. McLaren, Samuel H. McLeary, Henry F. 
Mitchell, Nicholas G. Morrell, Geoffrey C. Nicholson, 
Thomas W. O’Reilly, Charles H. Parker, Frederick W. 
Pastor, Claiborne Pirtle, Herbert S. Potter, Clarence 
Renshaw, Ralph C. Rodgers, Edgar Russell, A. Gero 
Schmidt, Max Schmidt, Henry K. Sellers, Oscar D. 
Smalley, Earle H. Shive, Charles S. Sperry, Stanley 
S. Stevens, Charles R. Sturdevant, Walter D. Sultan, 
Howard W. Thomas, Robert W. Thompson, Stephen 
N. Tillman, Claire P. Upson, Foster Veitenheimer, 
Theodore yiadinoroff, Mabel Weil, Leslie W. Wilcox, 
John E. Wilson, Santaro Yamato, James B. Yeakle. 

Board of Examiners. —^The Board of Examiners 
during the year held ten meetinp, averaging about 
three hours. It considered and referred to the Board 
of Directors a total of 3912 applications for admission or 


transfer to the higher grades. 

^PLICATIONS FOR ADMISSION 

Recommended for grade of Associate. 2006 

Not recommended.;. 14 2020 

Recommended for grade of Member. 75 

Not recommended for admission to thisgrade 29 104 

Recommended for grade of Fellow. 1 

Notrecommendedforadmissiontothisgrade 3 4 

Recommended for enrolment as Students.. 1669 

Applications for Transfer 

Recommended for grade of Member. 63 

Not recommended for transfer to this grade 18 81 

Recommended for grade of Fellow... I 12 

Not recommended for transfer to this grade 6 17 

Proposals for Transfer 

Informally Recommended.. 17 17 

Total number of applications considered.. 3912 
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Proposed Constitutional Amendments. —In the 
spring of 1924 the Board of Directors appointed a 
committee to consider a revision of the election pro¬ 
cedure of the Institute. This committee formulated 
and recommended a new plan, which was referred to a 
Committee on Revision of the Constitution. 

The latter committee considered the above plan 
relating to election procedure and also numerous other 
suggestions from various sources relating to the con¬ 
stitution, and finally made recommendations to the 
Board of Directors at a meeting in January 1925, 
embodying proposed amendments which in accordance 
with the action of the Board were sent to the member¬ 
ship with a letter ballot, under date of February 25, 
1925. 

The proposed amendments relate to the following 
subjects: qualifications for membership; admission, 
transfer, and expulsion of members; dues; life 
membership; election, terms, and changes in titles, 
of officers. 

The result of the voting upon these proposed consti¬ 
tutional amendments is not known at this writing, but 
it will be reported at the Annual Meeting of the Insti¬ 
tute on the evening of May 15,1925. 

Scholarships. —The governing bodies of Columbia 
University have placed at the disposal of the Institute 
two scholarships in electrical engineering in addition to 
the one previously granted. In consequence, the 
Institute is now authorized to award a scholarship each 
year so that there may be one man in each class holding 
a scholarship on the nomination of the Institute; these 
scholarships will continue until further notice. Each 
scholarship pays $350 toward the annual tuition, and 
reappointment for completion of course is conditioned 
upon the maintenance of good standing. 

The second award was made to Mr. T. Horiuchi of the 
University of Colorado, who holds a scholarship for the 
academic year 1924-1925. 

Institute Prizes.— At the meeting of the Board of 
Directors of the Institute of April 16, 1921, recom¬ 
mendations were approved establishing two Institute 
prizes to be awarded yearly to authors of worthy 
papers. Each prize consists of $100 in cash with 
suitable certificate. 

The Transmission Prize for 1923 was awarded to 
J. L. R. Hayden and Charles P. Steinmetz for their 
paper entitled “High Voltage Insulation.” Honorable 
mention was' given to Howard S. Phelps and E. D. 
Tanger for their paper entitled “A New Method for 
Routine Testing of Alternating-Current High-Voltage 
Paper Insulated Cables” and to F. S. Dellenbaugh, 
Jr., for his paper “Artificial Transmission Lines with 
Distributed Constants.” No eligible paper was en¬ 
tered in competition for the First Paper Prize. 

On September 26, 1924 the Directors approved the 
establishment of yearly “First Paper” and “Best 
Paper” prizes of $25.00 in each of the ten geographical 
districts. 


Edison Medal. —^The Edison Medal for 1924 was 
awarded to John White Howell, Harrison, N. J., “for 
his contributions toward the development of the 
incandescent lamp.” The presentation ceremonies 
took place Wednesday evening, February 11, 1925, at 
the Midwinter Convention, New York, N. Y. 

John Fritz Medal. —The John Fritz Medal Board 
of Award, which is composed of representatives of the 
national societies of Civil, Mining, Mechanical, and 
Electrical Engineers, awarded the 21st medal to John 
Frank Stevens of New York for great achievements as 
a civil engineer, particularly in planning and organizing 
for the construction of the Panama Canal; as a builder 
of railroads, and as administrator of the Chinese 
Eastern Railway.” The medal was presented at New 
York, at a meeting held on the evening of March 
23,1925. 

Lamme Gold Medal. —A bequest of $6000 was made 
by the late B. G. Lamme to cover the annual award 
by the Institute of a gold medal to a member who has 
shown meritorious achievement in the development of 
electrical apparatus. Details are to be arranged. 

Kelvin Medal Award. —On December 14, 1923 the 
Committee of Award of the Kelvin Medal Trust named 
Dr. Elihu Thomson of Swampscott, Mass., as the re¬ 
cipient of the second triennial award. The Trust Fund 
represents the surplus obtained in connection with a 
call for subscriptions to erect a memorial window to 
Lord Kelvin in Westminister Abbey. The award is 
made by a committee composed of the Presidents of 
the principal representative British Engineering Insti¬ 
tutions, as a mark of distinction to a person who has 
achieved eminence as an engineer or investigator in the 
kind of work applicable to the advancement of engineer¬ 
ing with which Lord Kelvin was specially identified. 
The presentation of the medal took place at the 
Kelvin Centenary Celebration, London, England, on 
the afternoon of Thursday, July 10, 1924. After the 
presentation by Sir Charles L. Morgan and response 
by Dr. Thomson, the Kelvin oration was delivered by 
Sir Joseph J. Thomson. 

Commission of Washington. Award. ^The 
Washington Award for 1924 was voted to Arthur 
Newell Talbot, Professor of Municipal and Sanitary 
Fnginftftring , University of Illinois, and the presenta¬ 
tion was made at the annual meeting of the Western 
Society of Engineers, held June 9, 1924. This award 
was made “for his life work as a student and teacher, 
investigator and writer, and for his enduring contri¬ 
bution to the science of engineering.” 

Jonas Waldo Smith has been named as the recipient 
of the 1925 award. 

The award is made annually by a committee com¬ 
posed of nine representatives of the Western Society of 
Engineers and tw'O each from the A. S. C. E., the 
A. I. M. E., the A. S. M. E. and the A. I. E. E. The 
award of the medal was established in 1917 by Past 
President J. W. Alvord of the Western Society, “to be 
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ajinuallyi^presented to an engineer whose work in some 
special instance, or whose service in general, has been 
noteworthy for its merit in promoting the public good.” 
The endowment hasbeen increased $2000by its founder. 

Einplo3rment Service. —The employment service 
which the Institute has maintained for many years is 
how conducted as a cooperative bureau in conjunction 
with a similar service maintained by the National 
Societies of Civil, Mining and Mechanical engineers 
under the title “Engineering Societies Emplosment 
Service.” It is supported by the joint contributions 
of the societies and their individual members who are 
benefited. 

As in the past the Service consists principally in 
acting as a medium for bringing together the employer 
and the employee. In addition to continuing the 
publication of the “Emplo3ment Service Bulletin” 
•in the monthly Journals and the weekly subscription 
bulletin, the Secretaries of the four societies in their 
capacity as members of the supervising board are 
arranging for the establishment of branch offices of the 
service in other cities. It is hoped to continue this 
development from year to year as conditions warrant. 

American Engineering Council. —This organiza¬ 
tion of which the Institute is one of the constituent 
societies has had an active year in the service of the 
engineering profession. The Annual Meeting of the 
Council was held in Washington, D. C., in January 
1926, and the Administrative Board held three meet¬ 
ings during the year. Council was active in connection 
with the passage of the Clarke McNary Act providing 
a comprehensive forestry policy; it sponsored the 
Temple Bill calling for the completion of the topo¬ 
graphical map of the United States; assisted in securing 
additional space, personnel and equipment for the 
Patent Office; appeared at hearings for providing in¬ 
creased salaries for.Federal judges, hearings on the 
Muscle Shoals project, and in connection with govern¬ 
ment reorganization and centralization of engineering 
functions in one division. Among other actions taken 
were:—authorization of a comniittee to study the 
Reclamation Report and make recommendations; 
appointment of a committee on A^onautics; authori¬ 
zation for publication of manuscript on “Industarial 
Coal, Purchase, Delivery and Storage.” An active 
part was also taken in many other national and inter¬ 
national conferences and the staff furnished a large 
amount of direct service to member societies ,in- 
cFuding obtaining of speakers, making appointments 
wifh gov«Tjment officials, and recommending qualified 
engineers for important public and private work. 

The representatives of the Institute upon the 
Assembly and Administrative Board of the Council 
have continued to take an active part in the work. 

World Power Conference.-^The first World Power 
Conference was held in London, Jxme 30 to July 12, 
1924. It was held at the British Empire Exhibi¬ 


tion, Wembly, London, and was promoted by the 
Council of the British Electrical and Allied Manu¬ 
facturer’s Association, in cooperation with' Technical 
and Scientific Institutions in Great Britain and other 
countries. A large delegation of members of the 
A. I. E. E. and other American engineering societies 
was in attendance. 

The Conference was called for the purpose of dis¬ 
cussing the technical and economic problems of power 
development, transmission and utilization, and for 
promoting general interest in power development. 
The question of how the industrial and scientific 
sources of power may be adjusted nationally and inter¬ 
nationally was also considered. 

A condensed classification of the topics discussed 
indicates the wide scope of the Conference: Power 
Resources, Power Production, Power Tfransmission 
and Distribution, Utilization of Power, and General— 
including Economics, Financial and Legal Considera¬ 
tions, Research, Standardization, Education, Health 
and Publicity. Forty papers were presented by Ameri¬ 
can authors. Nmnerous receptions, luncheons, ban¬ 
quets, and other social features were arranged by the 
various National Committees and other organizations. 
The complete Proceedings will soon be available in 
book form. 

United Engineering Society. —This Society per¬ 
forms for the national societies of Civil, Mining, Me¬ 
chanical and Electrical Engineers certain specific acts 
which are governed by contracts, the primary fimction 
of the United Society being to hold in trust and to 
administer for these societies the Engineering Societies 
Building, in which the headquarters of the national 
societies are located. 

Extracts from the annual financial r^ort of the 
United Engineering Society were published in the 
March 1925 JOURNAL. 

Engineering Societies Library. —^The library of 
the Institute is combined with the libraries of the 
national societies of Civil, Mining and Mechanical 
Engineers, administered as the “Engineering Societies 
librarsr” under the direction of the Library Board of 
the United Engineering Society; this board is com¬ 
posed of representatives of each of the four societies 
referred to above. 

In order to place the facilities of the library at the 
disposal of persons residing at a distance from New 
York, a Library Service Bureau has been established, 
and a staff of expert searchers and translators is 
employed to cover almost any en^neering topic, in 
the following manner; abstracting, translating, bib- 
liographing, statistical searches and reports, searches 
for patent purposes, copying, preparing reference cards, 
etc. A lending departinent is also nmintained. 

A copy of the annual report of the Engineering So¬ 
cieties Library covering the calender year 1924 may be 
obtained by applying to Institute headquaaters. 

Engineering Foundation. —^Bhigineering Founda- 
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tion is a trust fund established in 1914 by Ambrose 
Swasey, of Cleveland, Ohio, by gifts to United Engi¬ 
neering Society as a nucleus of a large endowment 
“for the furtherance of research in science and in 
engineering, or for the advancement in any other 
manner of the profession of engineering and the good 
of mankind.” It is administered by the Engineering 
Foundation Board upon which the Institute and 
other national engineering societies are represented. 
The Board is a Department of United Engineering 
Society. 

The Foundation has made appropriations for various 
research projects and has cooperated in others. 

The annual report of the Foundation is available in 
printed form. 


Representatives. —^The Institute has continued 
its representation upon various national committees 
and other local and national bodies with which it has 
been affiliated in past years, and has accepted sponsor¬ 
ship and appointed representatives upon a number 
of new Sectional Committees of American Engineering 
Standards Committee. A complete list of representa¬ 
tives is published frequently in the Journal. 

Finance Committee. —During the year the com¬ 
mittee has held monthly meetings, has passed upon the 
expenditures of the Institute for various purposes, 
and otherwise performed the duties prescribed for it in 
the Constitution and By-laws. 

Haskins and Sells, certified public accountants, have 
audited the books, and their report is' appended. 


Respectfully submitted for the Board of Directors, 

F. L. HUTCHINSON, Secretary. 


New York, May 15, 1925. 


HASKINS & SELLS 

CERTIFIED PUBLIC ACCOUNTANTS 
37 WEST 39th STREET 
NEW YORK 


ATLANTA 

BALTtMONK 

BIRMINGHAM 

BOSTON 

BUFFALO 

CHICAGO 

CINCINNATI 

CLKVBLANO 

DALLAS 

DCNVSR 

OSTROIT 


KANSAS CITY 

LOS ANGKLS8 

MINNSAPOLI8 

NEWARK 

NSW ORU8AN8 

NSW YORK 

PHILAOKLFHIA 

PITTSBURGH 

PORTLAND 

PROVIOBNCS 

SAINT LOUIS 


SALT LAKE CITY 
SAN DIBGO 
SAN FRANCISCO 
SCATTLS 
TULSA 
WATERTOWN 

BERLIN 

LONDON 

PARIS 

shanghai 


CANADA - CUBA • MKXICO 
DELOITTB. PLBMDBR, HASKINS » 8BLL8 


May 12,1925. 

American Institute of Electrical Engineers, 

"West 39th Street, 

New York. 

Dear Sins: 

Punsuant to engagement, we have audited your books 
and accounts for the year ended April 30, 1925, and 
.submit herewith our certificate and the following 
described exhibits and schedule: 

Exhibit “A” --General Balance Sheet, April 30,1925. 
Schedule No. 1—Reserve Capital Fund—Securities. 
Exhibit “B”—Summary of Income and Profit & 
Loss for the Year ended April 30, 1925. 

Yours truly, 

Haskins & Sells 


AMERICAN INSTITUTE OP ELECTRICAL 
ENGINEERS 
Cerupicatb op Audit 

We have audited the books and accounts of the 
American Institute of Electrical Engineers for the 
year ended April 30, 1925, and 
We Hereby Cbrtipy that the accompanying 
General Balance Sheet properly exhibits the financial 
condition of the Institute at AprU 30, 1925, that the 
Summary of Income and Profit & Loss for the year 
ended that date is correct, and that the books of the 
Institute are in agreement therewith. 

Haskins & Sells 

New York, 

May 12, 1925. 
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Exhibit a. 


AMERICAN INSTITUTE OF ELECTRICAL ENGINEERS 
General Balance Sheet, April 30, 1926 


ASSETS 

Real Estate; 

One-Pourth Interest in United Engineering 
Society's Land, Building, and Building Equip¬ 
ment, 25 to 33 West 39th Street (Depreciation 


, carried on Books of United Engineering Society) $491,642.36 

Equipment: 

Library—Volumes and Fixtures. $40,539.86 

Works of Art, Paintings, etc. 3,001.35 


Office Furniture and Fixtures. $16,611.46 

Less Reserve for Depreciation (in¬ 
cluding $4,500.00 funded)..... 11,458.52 5,152.94 


Total Equipment. 48,694.14 

Working Assets: 

''Transactions, etc.*'.:. $12,655.45 

Paper and Cover Paper, .’.. 3,612.34 

Badges. 2,024.30 


Total Working Assets. 18,292.09 

Current Assets: 

Cash. $22,013.18 

Accounts Receivable: 

Members—For Dues. 16,372.70 

Advertisers. 2,079.27 

Miscellaneous. 1,057.10 

Accrued Interest on Investments. 438.52 

Accrued Interest on Bank Balances. 360.76 


Total Current Assets. 


Funds: 

Reserve Capital Fund—Securities—Schedule No. 1. 


Life Membership Fund: 

Cash. $ 2;038.67 

Chicago, Burlington & Quincy Rail¬ 
road Company 4% Registered 
Bonds, 1958, par Value $5,000.00 4,868.75 

Accrued Interest. 33.33 

International Electrical Congress of 
St. Louis—Library fund: 

Cash. $ 623.88 

New York City 4>^% Corporate 
Stock, 1957, Par Value $2,000.00. 2.204.05 

New York Telephone Company 


4K% Registered Bond, 1939, Par ’ 


Value $1,000.00 . 878.75 

Accrued interest. 67.50 


$58,046.09 


6,940.75 


3,774.18 


42,321.53 


.Mailloux Fund: 

Cash. $ 9.47 

‘ New York Telephone Company 
4^% Registered Bond, 1939, Par 

Value $1,000.00. 1,000.00 

Accrued Interest. .22.50 1,031.97 


Midwinter Convention Fund—Cash. 155.62 

'Depreciation of Furniture and Fixtures Fund— 

Cash-. 4,500.00 


Total Funds. 


74,448.61 


Total, 


$675,398.73 


LIABILITIES 

Current Liabilities: 

Accounts Payable. $12,150.01 

Dues Received in Advance. 3,158.25 

Entrance Pees and Dues Advanced by Applicants 

for Membership. 541.00 

Subscriptions for "Transactions'* received in 
Advance. 113.00 


Total Current Liabilities. $ 15,962.26 

Fund Reserves (Not Including Depreciation Reserves): 

Reserve Capital Fund. $58,046.09 

Life Membership Fund. 6,940.75 

International Electrical Congress of St. Louis— 

Library Fund... 3,774,18 

- Mailloux Fund. 1,031.97 

Midwinter Convention Fund. 165,62 


Total Fund Reserves (Not Including Depre¬ 


ciation Reserves). $ 69,948 61 

Surplus, Per Exhibit "B". 589,487 86 
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AMERICAN INSTITUTE OP ELECTRICAL ENGINEERS 

Summary of Income and Profit & Loss 
FOR THE Year Ended April 30, 1925 

Exhibit B. 


Income: 

Dues.*$184,140.59 

Students' Dues. 10,664.96 

Entrance Fees. 10,297.50 

Transfer Fees. 705.00 

Advertising. 67,833.91 

Journal Subscriptions. 7,294.87 

* * Tran sactions* * Subscriptions.: 8,833,00 

Miscellaneous Sales. 5,962.46 


Badges Sold. $ 5,027.00 

Less Cost. .. 3,949.96 1,077.04 


Net Income (Forward) . $ 24,986.62 

Profit & Loss Credit: 

Adjustment of Inventory of Library Volumes and 

Fixtures. 62.58 


Gross Surplus for the Year . $ 25,049.29 

Profit & Loss Charges: 

Uncollectible Dues Written Off. $ 6,744.00 

Provision for Depreciation of Furniture and Fix¬ 
tures. 709.79 

. Adjustment of Inventory of Furniture and Fix¬ 
tures, April 30, 1925.». 157.30 

Adjustment of Inventory of "Transactions,” 

April 30, 1925. 143.00 


Total. ' 7,754.09 


Interest on Securities in Reserve Capital Fund... 2.612.93 

Interest on Bank Balances. 1,450.83 


Total. $300,873.09 

Expenses: 

Publications: 

Journal. $99,993.80 

"Transactions”. 15,489.44 

Year Book. 7,448.23 $122,931.47 


Surplus for the Year . $ 17,296.11 

Surplus, May 1. 1924. $586,031.50 

Less Transferred to Capital Fund Reserve in 
Accordance with Resolution of Board of 

Directors. 13,838.75 572,192.75 


Surplus, April 30, 1925. $589,487.86 


Meetings. 

Administrative Expenses. 

Sections Committee. 

Membership Committee. 

Standards Committee. 

Finance Committee. 

Headquarters Committee... 

Code Committee. 

Law Committee. 

Edison Medal Committee. 

Geographical Districts Expense: 

Traveling Expense—Executive 


Committees. $ 857.84 

Traveling Expense—Vice-Presi¬ 
dents. 115.30 

First Paper Prise. 26.00 


17,861.63 

60,721.76 

27,309.52 

8,317.94 

2,830.96 

275.89 

96.07 

60.00 

526.97 

261.51 


998.14 


American Engineering Standards Committee. 

International Electrotechnical Commission. 

United States National Committee of Inter¬ 
national Commission on Illumination. 

President’s Special Appropriation. 

Bour<] of Directors—Mileage. 

Honorary Secretary. 

John Fritz Medal Awafd. 

Transmission Prize, 1923.... 

Engineering Societies Library-Maintenance. 

United Engineering Society Assessment.. 

American Engineering Council.. 

Engineering Societies Employment Service. 

International Annual Tables. 

"Transactions” Index.’. 

World's Power Conference... 


1,600.00 

480.68 

300.00 

1,976.01 

3,133.90 

4,000.00 

323.02 

100.00 

8 . 000.00 

4,860.00 

16,887.00 

1,635.00 

100.00 

200.00 

1,200.00 


Total, 


276.886.47 


Net Income (Forward);.. 

♦includes $82,275,00 allocated to subscriptions for the Journal. 


$24,986.62 


AMERICAN INSTITUTE OF ELECTRICAL ENGINEERS 
,Reserve Capital Fund—Registered Securities 
April 30, 1925 


Exhibit A. 


Schedule No. 1, 


The Detroit Edison Company 1st and Refunding, 6% 

Series "B”, Gold Bonds, Due 1940.. 

The New York Central Railroad Company, 6%, 
Refunding and Improvement Mortgage Bonds, 

Series "C,” Due 2013. 

Chicago, Burlington & Quincy Railroad Company 5%, 
1st and Refunding Mortgage, Gold Bond, 

Series "A,” Due 1971.... ♦ • 

Great Northern Railroad Company 6|^%, General 
Mortgage, Gold Bonds, Series "B,” Due 1952...... 

Southern Railway. Company 6%, 1st Consolidated 

Mortgage, Gold Bond, Due 1994. 

City of Wilmington, Delaware, Sinking Rund Loan, 

414%, Series 169, Due 1934..,.. 

The Western Electric Company 6% Bonds, Due April 

1 .. 

United States Third Liberty Loan 4K% Bonds, Due 
1928. 


Total. 


Par Value 

BookValue 

$ 5,000.00 

$ 5,178.13 

6.000.00 

5,742.50 

1,000.00 

1,010.00 

10,000.00 

9,847.50 

1,000.00 

980.00 

15,000.00 

15,469.21 

10,000.00 

9,818.75 

10,000.00 

10,000.00 

$58,000.00 

$58,046.09 
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OFFICERS AND COMMITTEES 


Officers of A. I E. E. 1924-1925 


PRESIDENT 
PARLEY OSGOOD 


JUNIOR PAST-PRESIDENTS 
FRANK B. JEWETT HARRIS J. RYAN 

VICE-PRESIDENTS 


EDWARD BENNETT 
JOHN HARISBERGER 
HAROLD B. SMITH 
L. F. MOREHOUSE 
H. W. BALES 

MANAGERS 


J. E, MACDONALD 
HERBERT S. SANDS 
S* E. M. HENDERSON 
H. E. BUvSSEY 
WILLIAM P. JAMES 


R. B. WILLIAMSON 
A. G. PIERCE 
HARLAN A. PRATT 
WILLIAM M. McCONAHEY 
W. K. VANDERPOEL 
H. P, CHARLESWORTH 


H. M. HOBART 
ERNEST LUNN 
G, L. KNIGHT 
JOHN B. WHITEHEAD 
J, M. BRYANT 
E. B. MERRIAM 


TREASURER 


SECRETARY 


GEORGE A. HAMILTON F. L. HUTCHINSON 


HONORARY SECRETARY 


GENERAL COUNSEL 


RALPH W. POPE 


PARKER & AARON 


PAST-PRESIDENTS—1884-1924 


‘•'Norvin Green, 1884-5-6* 
♦Franklin L. Pope, 1S86-7. 

♦T. COMMERFORD MARTIN, 1887-8. 
Edward Weston, 1888-9. 

Blihu Thomson, 1889-90. 

♦William A. Anthony, 1890-91. 
♦Alexander Graham Bell, 1891-2. 
Prank Julian Sprague, 1892-3. 
♦Edwin J. Houston, 1893-4-5. 
♦Louis Duncan, 1895-6-7. 

♦Francis Bacon Crocker, 1897-8. 
A. E. Kennelly, 1898-1900, 

Carl Hbring, 1900-1. 

♦Charles P, Steinmetz, 1901-2. 
Charles P, Scott, 1902-.3. 

Bion J. Arnold, 1903-4. 

John W. Lies, 1904-5. 

♦Schuyler Skaats Wheeler, 1905-6. 
♦Deceased. 


♦Samuel Sheldon, 1906-7. 
♦Henry G. Stott, 1907-8. 
Louis A. Ferguson, 1908-9. 
Lewis B. Stillwell, 1909-10. 
Dugald C. Jackson, 1910-11. 
Gang Dunn, 1911-12. 

Ralph D. Mershon, 1912-13. 
C. O. Mailloux, 1913-14. 
Paul M. Lincoln, 1914-15, 
John J. Carty, 1915-16. 

H. W. Buck, 1916-17. 

E. W. Rice, Jr., 1917-18. 
Comfort. A. Adams, 1918-19. 
Calvert Townley, 1919-20, . 
A. W. Bbrrbsford, 1920-21. 
William McClellan, 1921-22. 
Prank B. Jewett, 1922-23. 
Harris J. Ryan, 1923-24* 


LOCAL HONORARY SECRETARIES 
T. J, Fleming, Calle B. Mitre 519, Buenos Aires, Argentina, S. A. 
Carroll M. Mauseau, Caixa Postal No. 671, Rio de Janeiro, Brazil, S. A. 
Charles le Maistre, 28 Victoria St«, London, S. W„ England. 

A. S. Garfield, 45 Bd. Beausejour, Paris 16 £, France. 

H.. P. Gibbs, Tata Sons Ltd., 24 Bruce Road, Bombay—1, India. 

Guido Semenza, 39 Via Monte Napoleone, Milan, Italy. 

Eiji Aoyagi, Kyoto Imperial University, Kyoto, Japan. 

Axel F. Bnstrom, 24a Grefturegatan, Stockholm, Sweden. 

W. Eldson-Dew, P. O. Box 4563, Johannesburg, Transvaal, Africa. 


A. I. E. £. Committees 

GENERAL STANDING COMMITTEES 

EXECUTIVE COMMITTEE 

Farley Osgood, Chairman, 80 Pwk Place, Newark, N. J. 

H. P^ Charlesworth, G. A. Hamilton, G. L. Knight, 

H. W. Bales, . Prank B. Jewett, W. K. Vanderpoel. 

FINANCE COMMITTEE 

•G. L, Knight, Chairman, 360 Pearl Street, Brooklyn, N. Y. 

L. F. Morehouse^ W. K, Vanderpoel. 


MEETINGS AND PAPERS COMMITTEE 
L. W. W. Morrow, Chairman, Electrical World, 10th Ave. & 36th St., New York, 
N.Y. 

E. B, Meyer, Vice-Chairman, 

E. H. Hubert, Secretary, 33 W. 39th St., New York, N. Y. 

A. W. Berresford, H. W. Eales, R. B. Mateer, 

E. E. P. Creighton, J. E, Macdonald, . P. W. Peek, Jr. 

Chairman of Committee on Coordination of Institute Activities. 

Chairman of Sections Committee. 

Chairman of Publication Committee. 

Chairman of Standards Committee. 

Chairmen of Technical Committees. 

Chairmen of Sections. 


PUBLICATION COMMITTEE 

Donald McNxcol, Chairman, 132 Union Road, Roselle Park, N. J. 

F. L. Hutchinson, E. B. Meyer, L. W. W. Morrow. 

L. F. Morehouse, 

COMMITTEE ON COORDINATION OF INSTITUTE ACTIVITIES 
Frank B. Jewett, Chairman, 195 Broadway, New York, N. Y. 

F. L. Hutchinson, G. L. Knight, L. W. W. Morroxv. 

Donald McNicol, 


BOARD OF EXAMINERS 

H. H. Norris, Chairman, 211 Lorraine Ave., Upper Montclair, N. J. 

Edward Bennett, Erich Hausmann, Donald McNicol, 

E. H. Everit, F. V. Magalhaes, N. L. Pollard, 

P. M; Farmer, W, I.’ SUchter. 

SECTIONS COMMITTEE 

Harold B. Smith. Chairman, Worcester Polytechnic Institute, Worcester, Mass. 
C. E. Magnusson, Vice-Chairman, 

A. W. Berresford, H. H. Henline, ■ Herbert S. Sands. 

Chairmen of Sections. 


COMMITTEE ON STUDENT BRANCHES 
C. E. Magnusson, Chairman, University of Washington, Seattle, Wash. 
F. S. Dellenbaugh, Jr., C. Francis Harding, Harold B. Smith. 

Charles P. Scott, 


MEMBERSHIP COMMITTEE 

E. E. Dorting, Chairman, 600 W. 69th Street, New York, N. Y. • 
C. E. Baker, G. A, Kositzky, J, J. Pitliod, 

J. M. Drabelle, H. A. Lynette, H. T. Plumb, 

C. E. Fleager, E. B. Meyer, J. P. Warwick, 

S. E. M. Henderson, L. S. O'Roark, J. L. Woodress. 

A. L. Peilniman, 

Chairmen of local membership committees. 


HEADQUARTERS COMMITTEE 
E. B. Craft, Chairman, 463 West Street, New York, N. Y. 

F. L. Hutchinson, G. L. Knight. 

LAW COMMITTEE 

L. P. Morehouse, Chairmanv 195 Broadway, New York, N. Y. 

H. H. Barnes, Jr„ P. Junkersfeld, Charles A. Terry. 

R. F. Schuchardt, 

PUBLIC POLICY COMMITTEE 
H. W. Buck, Chairman, 49 Wall Street, New York, N. Y.^ , 

A. W. Berresford, P. B. Jewett, William McClellaii« 

Gano Dunn,. John W, Lieb, Harris J. Ryan, 

COMMITTEE ON CODE OF PRINCIPLES OF PROFESSIONAL CONDUCT 


John W. Lieb, Chairman, 124 E. 15th Street, New York, N*. Y. 

C. A. Adams, G. Faccioli, C. E. Skinner, 

A. H. Babcock, L. P. Morehouse, H. S. Wynkoop. 

George F. Sever, 

COMMITTEE ON SAFETY CODiks 
Paul Spencer, Chairman, 1401 Arch Street, Philadelphia, Pa. 


Philander Betts, P. J. Howe, 

W. J, Canada, L. C, Ilsley, 

R. N. Conwell, M. G. Lloyd, 

J. V. B. Duer, Ernest Lunn, 

R. C. Fryer, Wills Maclachlan, 

D. H, Gage, J. C. Martin, 

H. B. Gear, J. E. Moore, 

STANDARDS COMMITTEE 
. Executive Committee 

H. S. Osborne, Chairman, 196 Broadway, New York, N. Y. 
H. E. Parrer, Secretary, 33 W. 39th St., New York, N. Y. 
J. D. Bowles, A, M. MacCutheon, 

W. A. Del Mar, J, FranWin Meyer, 

H. M. Hobart, P. D. Newbury, 

G. L. Knight, Harold Pender, 


R, W. E. Moore, 
George Quinan, 
Joseph Sachs, 

H. R. Sargent. 
W. H. Sawyer, 
M. L. Sindeband, 
H. S. Warren. 


F. L. Rhodes, 

L. T. Robinson, 
C. H. Sharp, 

C. Skinner. 


Ex~OMc*o 

President, U. S. National Committee, I. B. C., 

Chairmen of Working Committees of Standards Committee, 
Chairmen of A. I. E. E. delegations on joint standardizing bodies. 
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EDISON MEDAL COMMITTEE 

^ ^ Appointed by the President for term of five years, 

Cfano Dunn, Chairman, 


B. A. Behrcnd, 
N. A. Carle, 

C. C. Chesney, 

D. E. Drake, 
W. C. L. Eglin, 


W. L. R. Emmet, 
John H. Finney, 
Samuel Insitll, 
John W. Lieb, 


Robert A. Millikan, 
M. I. Pupin, 

C. S. Ruffner, 

P. A, Scheffier, 

W. R. Whitney. 


Elected by the Hoard of Directors from its own membership for term of two years, 
H. M, Hobart, L. F. Morehouse, Harold B, Smith, 

Frank B. Jewett, Harris. J. Ryan. W. K. Vanderpoel. 

Ex-0,t)Uio 

Farley Osgood, President George A. Hamilton, Treasurer, 

F. L. Hutchinson, Secretary. 

COMMITTEE ON AWARD OF INSTITUTE PRIZES 
L. W. W. Morrow, Chairman, Electrical World, 10th Ave. & 36th St., New York, 


N.Y. 


Donald McNicol, 


Percy H. Thomas. 


COMMITTEE ON COLUMBIA UNIVERSITY SCHOLARSHIP 
Francis Blossom, Chairman, 52 William Street, New York, N. Y. 

F. B. Jewett, W. I. Slichter. 

TECHNICAL COMMITTEES 


O. B. 

P. L. 
H. P. 
L. W. 

C. E. 
H. W< 
R. D. 
L. P. 

D. n. 


COMMUNICATION 
Bhickwcll, Chairman, 105 Broadway, New Yo.*k, N. Y. 


Baer, 
('harlesworth, 
Chubb, 
Davies, 

, Drake, 
Evans, 

Fuller, 

Gage, 


Sergius P. Grace, 
P. J. Howe, 

F. H. Kroger, 

N. M. Lash, 

Ray H. Manson, 

G. W. McRae, 

R. D. Parker, 

H. S. Phelps. 


F. A. Raymond, 
Chester W. Rice, 
J. K. Roosevelt, 
Edgar Russel, 

H. A. Shepard, 

E. B. Tuttle, 

F. A. Wolff. 

C. A. Wright. 


EDUCATION 

Harold Pender, Chairman, University of Pennsylvania, Philadelphia, Pa. 

C, A. Adams, M. Maclaren, G. B. Thomas, 

P. H. Daggett, C. E. Mugnusson, R. G. Warner, 

L. A. Doggetl, H. J. Ryan, J. B. Whitehead, 

Lewi.s Ftissell, Charles F. Scott, W. E. Wickenden, 

D. C. Jackson, Harold B. Smith, A. M. Wilson, 

P. M. Lincoln, R. W. Sorensen, W. R. Work. 

ELECTRICAL MACHINERY 

II, M. Hobart, Chairman, General Electric Co„ Schenectady, N. Y. 


C, A. Adams, 
H. C. Albrecht, 
B. F. Bailey, 

B. A. Behrcnd, 
James Burke, 

L. L. Eldon, 


G. Faccioli, 

W. J. Foster, 

V. Karapetoff, 

A. M. MacCutcheon, 
F. D. Newbury, 

J. M. Oliver. 

John C. Parker, 


R, P. Schuchardt, 
C. E. SJeinner, 

A. Still, 

A. H. Timmerman, 
P. Torchio, 

R. B. Williamson. 


ELECTROCHEMISTRY AND ELECTROMETALLURGY 
George W, Vitial, Chairman, Bureau of Standards, Washington, D. C. 

A. M. Hamann, W. A. Moore, John B. Whitehead, 

Carl Hcring, W. E. Moore, C, D. Woodward, 

E, T. Moore, J. A. Seedc, J. L. McK. Yardley. 

ELECTROPHYSICS 

J. II. Morccroft, Chairman, Columbia University, New York, N. Y. 

V. Bush, A. E. KcmiL’lly, Harold Pender, 

R. E. Doherty, W. B. Kouwenhoven, C. W. Rice, 

Herbert Bristol Dwight, R. A. Millikan, J. Slepian, 

C, Fortescue, F. W. Peek, Jr., Harold B. Smith, 

V. Karapetoff, J. B. Whitehead. 

INSTRUMENTS AND MEASUREMENTS 
A. E. Knowlton, Chairman, Dunham Laboratory, Yale University, New Haven, 
Conn. 

F. V. Mttgalhaes, Vice-Chairman, 

A. S. Albright, R. C. Fryer, L. T. Robinson, 

0. J. Bliss, C. M. Jansky, Joseph Sachs, 

H. B. Brooks, P. M. Lincoln, Byron W. St. Clair, 

R. P. Brown. W. M. McConahey, G, A, Sawin, 

J, R. Craighead, Wm. J, Mowbray, Benjamin H. Smith, 

E. D. Doyle, H, S. Vassar. 

APPLICATIONS TO IRON AND STEEL PRODUCTION 

F. B. Crosby, Chairman, Morgan Construction Co., 15 Belmont St., Worcester, 

Mass. 

E. Gordon Fox, D, M, Petty, G, E. StoUx, 

E. S. Jefferies, A. G. Pierce, J. D. Wright. 


PRODUCTION AND APPLICATION OF LIGHT 

G. H, Stickney, Chairman, Edison Lamp Works, G. E. Co., Harrison, N. J. 

W. T. Blackwell, G. C. Hall, P. H. Murphy. 

J. M. Bryant, H. H. Higbie, Charles P. Scott, 

H. W. Bales, A. S. McAllister, B. E. Shackelford. 

F. M. Feiker. P. S. Millar, W. M, Skiff, 

P. P. Fowle, C. J. Stahl. 

APPLICATIONS TO MARINE WORK 

L. C. Brooks, Chairman, Bethlehem Shipbuilding Corp., Quincy, Mass. 

H. Franklin Harvey, Jr., Vice-Chairman, 

R. A. Beekman, . H. L. Hibbard, Arthur Parker, 
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vSystem, D. K. Blake. (December).. 1072 
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(A. I. EVE. Journal, OotoWr 1925, p. lt()4.) 
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Edison Company, The. W. 

Journal, November 1925, p. 1189.) 
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Canningham. (A. I. E. E. Journal, November 1925, 
p. 1196.) 
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Power»Corporation. L. J. Moore and H. H. Minor. 
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Cooperative Course at the Massachusetts Institute of 
Technology. W. H. Timhie. (A. I. E. E. Journal, 
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Law Description and Hypothesis in the Electrical Science. 

M. I. Pupin. (July). 892 

Study of Tons and Electrons for Electrical Engineers, The. 

Harrifi J. Ryan. (September). 1025 

Engineering Research—An Essential Factor in Engi¬ 
neering Education. C. Edtvard Magnusson. (November) 1031 
A New Departure in Engineering Education. Harold 
Pender. (A. 1. E. E. Journal, November 1925, p. 

1208.) 

The Relation Between Engineering Edaication and 
Research, with Particular Reference to the California 
I nstitute of Technology Plan. R. W. Sorensen. (A. I. 

E. E. Journal, December 1925, p. 1288.) 
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See Induction, Power Factor, Transients 
ELECTROCHEMISTRY 

Storage Battery Electrolytes. G. W. Vindl and G. N. 

Schramm. (February). 288 

High-Frequency Induction Furnace Plant for the Manu¬ 
facture of Special Alloys. P. H. Brace. (April). 549 
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Repoi’t. .(June). 

ELECTROPHYSICS 

Study of Ions and Electrons for Electrical Engineers, The. 

Harris J. Ryan. (September).. .. 1920 

EXCITATION SYSTEMS 

Complete Synchronous Motor Excitation Characteristics. 

.lohn F. 'll. Douglas, Enc D. Engeset and Robert H. 
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FURNACES AND ELECTRIC HEATING 

High-Frequeucy Induction Furnace Plant for the Manu- 

facituro of Special Alloys. P.H. Brace. (April). 549 
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See also Losses and Efficiency* Regulation, Temperature 
in Apparatus 

Initial and Sustained Short Circuits in Synchronous 
Machines—Analytical and Graphical Treatoient of 
Oonoral Oasos of Armature Windings Displaced by 
Arintrary Angles, with Applications to One-, Two-, and 
Three-Phase Machines. Vladimir Karapetoff. (April) 4Uo 
Short-Circuit Currents of Synchronous Machines, if- P- 

Franklin. (April).. 

The Measurement of Electrical Output of Large A-C. 

Turin) Qen((rat«rs During Water-Rate Tests. Everett 

S. Lae. (May). 

Three-Phase. 60,000-Kv-a. Turbo Alternators for Genne- 

villiers. E. Rolh. (September).... 

Hydrogen as a Cooling Medium for Eleo^ical Machinery. 

Edgar KnowUon, Cheater W. Rice, E. H. Freiburghouae. 

(July).. ^ 
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See Losses and Efficiency, ReiuIaUon, Temperature In 
Apparatus 
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See Protective Devices 
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See also Furnaces, Temperature In Apparatus, 
Temperature Measurements 

Load-Building Possibilities of Industrial Heating. C. L. 

Ipsen. (April).* * * • 

Predetermination of Self-Cooled Oiblmme^d 

former Temperatures Before Conditions Are Constant. 

W. H. Cooney. (May).. • • • • • • • • • • • 

Electrically-Heated Lead, Solder and 
J. C. Woodson. (A. I. B. E. Journal, December 1925, 

p. 1354.) 
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Quebec, Canada. W. S. Lee. (June).. 722 

Steam Power in Its Relation to the Development of 
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December 1925, p. 1291.) 
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Electric Lighting Equipment on Automobiles. J. H. 

Hunt. (April). 536 

Production and Application of Light. Committee 

Report. (June). 701 

Induction from Street Lighting Circuits—Effects on 
Telephone Circuits, R. G. McCurdy. (October).... 1065 


INDUCTION AND INDUCTIVE COORDINATION 

Power Distribution and Telephone Circuits—Inductive 
and Physical Relations. H. M. Trueblood and D. /. 

Cone. (December). 1052 

Radio Interference Problem and the Power Company, 

The. L. J. Corbett. (A. I. E. E. Journal, October 
1925, p. 1057.) 

Induction from Street Lighting Circuits—Effects on 
Telephone Circuits. R. G. McCurdy. (October).... 1065 


INDUSTRIAL APPLICATIONS OF POWER 


See also Control Devices, Furnaces and Electric Heatind* 
Illumination and Lamps, Mining Applications, 
Rollind Mill Drive 

Historical Review of Electrical Application on Shipboard. 

{H. L. Hibbard and W. Hetheriugion, Jr. (A. 1. E. E. 
Journal, March 1925, p. 249.) 


Coal Mine Electrification. W. C. Adavis. (April).... 523 

Applications of Motors to Mine Locomotives. W. A. 

Clark. (April). 532 

Synchronous Motor Drive for Rubber Mills with Special 
Reference to Dynamic Braking Control for Safety 

Stopping. C. W. Drake. (April). 559 

Purchased Power as Applied to Plate Glass Manufacture. 

A. L. Harrington. (April). 567 

General Power Application Committee Report. (June). 683 
Application of Electric Propulsion to Double-Ended 
Ferry-Boats. A. Kennedy^ Jr. and Frank V. Smith. 
(October). 1004 


INSULATION 

See also Dielectric Phenomena 

Dielectric Properties of Fibrous Insulation as Affected 
by Repejated Voltage Application. F. M. Clark. 
(February)... 193 


INSULATORS 

See Transmission Lines (General) 

INTERCONNECTED SYSTEMS 
See Central Station Systems 

INTERNATIONAL ELECTROTECHNICAL COMMISSION 
See Amerian Institute of Electrical Endineers’ Affairs 

LAMPS 

See Illumination and Lamps 
LIGHTING 

See Illumination and Lamps 
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ton and J. E. Jackson. (November). 824 

On the Nature of Corona Loss. Clarence T. HesseU 
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MAGNETIC PHENOMENA 

Rotating Ma^etic Field Theory of A-C. Motors. K. L. 
Hansen. (February). 340 


MARINE APPLICATIONS 

Historical Review of Electrical Application on Shipboard. 

H. L. Hibbard and W. Hethcrington, Jr. (A. I. E. E. 
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Electric Propulsion of Ships. H. Franklin Harvey^ Jr. 
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Ferry-Boats. A. Kennedy. Jr. and Frank V. Smith. 
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MEASURING INSTRUMENTS 
See also Loss and Efficiency Measurements, Meaisurind 


Methods, Temperature Measurements 
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On a Design for Bifilar Type of Non-Reactive Resistance 
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MEASURING METHODS 
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Electriqal Measurement of Physical Values—Deter¬ 
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An Analysis and the Development of a Temperature— 
Sensitive Magnetic Material Suitable for Compensa¬ 
tion. I. F. Kinnard and H. T. Fans. (February).... 275 

Theory of Probability and Some Applications to Engi¬ 
neering Problems. E. C. Molina. (February). 294 

The Measurement of Electrical Output of Large A-C. 

Turbo Generators During Water-Rate Tests. Everett 

S. Lee. (May). 623 
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Vibration Recorder for Pathological Analyses. C. I. 
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MINING APPLICATIONS 

Applications .of Motors to Mine Locomotives, W. A. 

Clark. (April).. 532 

Applications to Mining Work Committee Report. (June) 696 


MOTORS, ALTERNATING CURRENT 
See also Control Devices, Industrial Applications of Power, 
Loss and Efficiency Measurements, Transients 
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Single-Phase Induction Motor. L. M. Perkins. 

(February). 40 

Effect of Pull Voltage Starting on the Windings of Squir¬ 
rel-Cage Induction Motors. J. L. Rylander. (February) 53 
Another New Self-Excited Synchronous Induction Motor. 

Val. A. Fynn. (February). 64 

Squirrel-Cage Induction-Motor Core Losses. T. Spooner. 
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Complete Synchronous Motor Excitation Characteristics. 

John F. H. Douglas^ Eric D. Engeset and Robert H. 
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Rotating Magnetic Field Theory of A-C. Motor?. K. L. 

11 amen, (February). 340 

Initial and Sustained Short Circuits in Synchronous 
Machines—Analytical and Graphical Treatment of 
General Oases of Armature Windings Displaced by 
Arbitrary Angles, with Applications to One-,Two- and 
Three-Phase Machines. Vladimir Karapetoff. (April) 403 
Short-Circuil. Currents of Synchronous Machines. R, F. 


Franklin, (April). 420 

A Two-Speed Salient-Pole Synchronous Motor. Robert 

W, Wietteman, (April). 436 

Self-Excited Synchronous Motors. /. K, Kostko, (April) 447 
Synchronous Motor Drive for Rubber Mills with Special 
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ping. C, W. Drake, (April). 559 

Universal Type Motors. L. C, Packer. (May). 587 

MOTORS, DIRECT CURRENT 


See also Control Devices, Industrial Applications of Power, 
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Factors Affecting the Design of D-C. Motors for Loeo- 


!notiv(?s. Ralph E, Feiria. (February). 172 

Univ(*rsal Type Motors. L, C, Packer, (May). 587 
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STARTING CURRENTS 
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Effect of Full Voltage Starting on the Windings of Squir¬ 
rel-Cage Induction Motors. J. L. Rylander. (February) 53 

SUBSTATIONS 

Automatic Control for Substation Apparatus. Walter 
H.Millan. (April). 398 

SWITCHES 
See Circuit Breakers 
TECHNICAL COMMITTEE REPORTS 

Power Transmission and Distribution. 637 

Protective Devices. 638 

Power Generation. 650 

Electrical Machinery. 671 

Instruments and Measurements. 679 

Research. 680 

General Power Application. 683 

Applications to Iron and Steel Production. 693 

Applications to Marine Work. 697 
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Us(‘ of Frciqiumcy Changers for Intorconneetion of Power 

Systems. !L H. Woodrow. (April). 369 
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Design of Non-Distorting Power Amplifiers, E, W. 
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Notes on the Development of a New Type of Hornless 
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L J. CnrlieM. (A. I. E. E. Journal, October 1925, 
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Bieht Years’ Experience with Protective Reactors. J antes 
Ai/wtnw, Leslie L, Perry and A. M. Rossman. (April) 
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ROLLING MILL DRIVE 

Annlieations to Iron and Steel Production Committee 

Report. (June) 1925. 

STANDARDIZATION . , 

lievised StandaMs and the Organmation of Standards 
Activities. B. S. Osborne. (A. I. E. E. Journal, 
October 1925, p. 1084.) 


See also Telephone 

Metallic Polar-Duplex Telegraph System for Long Small- 
Gage Cables. John H. Belly R. B. Shanck and D. E. 

Branson. (February). 316 

Voice-Frequency Carrier Telegraph System for Cables, 

B, P. Hamiliony N. Nyquisty M. B, Long .and W. A. 

Phelps. (February). 

Polarized Telegraph Relays. J. R, Fry and L. A. Card- 

ner, (February). 

Communication in Railroad Operation. 1. C. Forshee. 

(A. I. E. E. Journal, May 1925, p. 451.) 

Communication Committee Report. (June). 707 

Loaded Submai-ine Telegraph Cable, The. Oliver E. 

Buckley, (August). 

TELEPHONE 
See also Telegraph 

Theory of Probability and Some Applications to Engi- 

neeriiig Problems. E. C. Molina. (February). 

Notes on the Development of a New Type of Hornless 
Loud Speaker. Chester W. Rice and Edward W. 

Kellogg. (April).. • • ... • 

Echo Suppressors for I^ong Telephone Circuits. A. B. 

Clark and R. C. Mathes. (April)... 481 

Power Distribution and Telephone Ciremts—Inductive 

and Physical Relations.* H. M, Trueblood and D. I. * * 

Cone. (December).* • .. 

Induction from Street Lighting Circuits—Effects on 

Telephone Circuits. R. G. McCurdy. (October).... 1065 

TEMPERATURE IN APPARATUS 
See also Temperature Measuremente 

Temperature Errors in Induction Watth^i* Meters 
An Analysis and the Development of a Temperature- 
Sensitive Magnetic Material Suitable for Compensation. 

I. F. Kinnard and H. T. Fans. (February) .......... 

Hydrogen as a Coolir^ Medimn for Elwtric^ Machinery. 

^Edffar KnowUon, Chester W. Rice, E. H. Freiburyhouse. ^ 

(July). 

TEMPERATURE IN CABLES 
See Cables 

TEMPERATURE MEASUREMEOTS 
See also Temperature In Apparatus 
Thermal Time Constants of Dynamo-Electrio Machines. 

A. E. KenneUy . 

TOWERS 

See Transmission Lines (Mechanical Features) 

traction 

Factors Affecting the Design of D-C-172 
motives. Ralph E. Ferns. (February).... • • 
Communication in Railroad Dperatiom I. C. Forshee. 

(A I. B. E. Journal, May 1925, p. 451.) 
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See also Transformer Connections 

Predetermination of Self-Cooled Oil-Immersed Trans¬ 
former Temperatures Before Conditions are Constant. 

W. //. Cooney, (May). 611 

Voltage Control Obtained by Varying Transformer 
Ratio. B, F. Blume, (A. 1. E. E. Journal, July 
1925, p. 752.) 

Transformer Harmonies and Their Distribution. 0. G. 
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TRANSFORMER CONNECTIONS 

Transformer Tap Changing Under Load. H, C, Albrecht 

(May). 581 
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1925, p. 1238.) 

TRANSIENTS 
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(February). 80 

220-Kv. Transmission Transients and Plashovers. R, J, 
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TRANSMISSION LINES (GENERAL) 

Power Transmission and Distribution Committee Report. 

(June). 637 
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TRANSMISSION LINES (ELECTRICAL 
CHARACTERISTICS) 

Artificial Representation of Power Systems. U, H. 
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Power System Transients. V, Bush and R. D. Booth, 

(February). 80 
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(October). 972 
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Mississippi River Crossing of Crystal City Transmission 

Line. H, W. Eales and E, Etilinger, (April). 378 
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Stored Mechanical Energy in Transmission Systems. 

J, P. .Jollyman, (September). 935 

Transmission Line Design, G, S, Smith. (December).. 938 
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